Bai 12. Piém, duong thing, mit phing.
Thoi gian lam bai: 40 phit (Khéng ké thoi gian giao dé)

Ho tén thi Sinh: ...ecicviiinneicnneicnneicnsnicssnissssnssssansssssnessnes
S0 DAO AANNS e.eveveeeeererereneceseeesenssssssssnsasssssesssnssssssssensase
PHAN D. CAU HOI PUNG-SAI

Cau 1. Cho hinh chop S-ABCD | biét AB ¢4t CD tai £-4C ¢4t BD tai F trong mat phing day. Khi do:
*a) Puong thang £F nim trong mat phang (4BCD)
*b) AB 13 giao tuyén cta hai mit phing (54B) va (ABCD)

(SAB) (S4C)

¢) SF 1a giao tuyén cia hai mit phing va (S€D). SE 13 giao tuyén cta hai mit phang

(SBD)

*d) Goi U =EF NAD khi d6, SG giao tuyén ciia mat phang (SEF) va mit phang (S4D)
Loi giai
a) Dung b) Dung ¢) Sai d) Dung

E=ABNCD= EE AB, AB = (ABCD) = E<(ABCD)
F=ACNBD= FEAC,AC <(4BCD)= F&(ABCD) vy EF <(ABCD)
(SAB) 4 (ABCD).B

a) Ta co:
Tuong tu:

b) D& thdy 4 14 diém chung cua hai mat phiang cling 1a diém chung cta hai mit phang

(S4B) 5 (ABCD)

Suy ra 4B =(S4B) N(4BCD)

¢) Tim giao tuyén cta (S4B) y SCD ) :
D@ thay S 1a diém chung ctia hai mit phang (S4B) ; (SCD)

EEAB,AB — (SAB)
=

E€(SAB)n (SCD)
E€CD,CD c(5CD)

Taco: '
vay SE =(54B) n(sCD)
Tim giao tuyén cua (SAC) 3 (SBD) .

Dé thiy S 1a diém chung cua hai mét phing (S4C) 3 (SBD),
(FEAC,AC c (SAC)

= Fe(SAC) N (SBD)
Ta co: | F < BD,BD — (SED)

vay SF =(SAC) N (SBD).
(SEF)

d) Tim giao tuyén cta vei (54D) .
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Dé thiy S 1a diém chung cua hai mat phing (SEF) 3 (S4D)

Trong mat phéng (4BCD) ,goi G =EF NAD
(G€ EF,EF c(SEF)
= GE(SEF)N(54D)
Ta cé: GeE AD, AD — (SAD)
aco:
Vay SG =(58EF) H(EAD}.

Céu 2. Cho tt dién 4BCD  Goi 1.7 1in luot 14 trung diém cua AD,BC , M 1a mot diém trén canh AB,N 13
mot didm trén canh 4C . Khi dé:

*a) 1J 1a giao tuyén ciia hai mat phang (IBC), (JAD)

*b) ND 13 giao tuyén cia hai mit phang (MND),(ADC) .

*c) BI 1a giao tuyén ctia hai mit phang (BCT).(ABD) )

d) Giao tuyén ctia hai mit phang (ZBC),(DMN) song song voi duong thang 4+ .
Loi giai

a) Diang b) Ping ¢) Pung d) Sai

2) Ta c6: I€ AD,AD < (JAD)= I€(JAD)= IJ c(JAD).
JEBC,BC c(IBC)= JE€(IBC)= [J c(IBC) Vay (IBC)N(JAD) =1J
(MND),(ADC)

¢) BI 1a giao tuyén ctia hai mat phang (BCT).(ABD)
d) Goi £ =DNnNCI( mp(ACD)) 5 F =DM  BI(

b) VD 14 giao tuyén cua hai mat phang

trong mp(ABD))

{ Ec DN,DN < (DMN)
|E € IC,IC < (IBC)
= E€(DMN)N(IBC).(1)

{ FeDM,DM c(DMN)
==
FeBI,BI —(IBC)

trong

Ta co:

Fe(DMN)N(IBC)
Tuong tu:
Tir (1) va (2) suy ra (DMN ) N(IBC) =EF

Khi d6 EF cat &J
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Cau 3. Cho bén diém 4:8.C.D khong dong phang. Goi M.N 13 luot 13 trung diém cia AC vy BC Tren
doan BD lay diém P sao cho BP =2PD  E =CD NNF Khjdo:

*a) NM 13 giao tuyén ciia hai mat phang (MNP), (4BC)

*b) DC 13 giao tuyén clia hai mit phang (8CD).(ADC)

*¢) Giao diém cua duong thang CD va mit phang (MNP) 13 didm E

d) Giao diém cua dudng thing 4D va mit phang (MNP) 13 giao diém cua duong thang 4D véi duong
thang MP
Loi giai
a) Diang b) Ping ¢) Pung d) Sai

a) NM 13 giao tuyén cua hai mat phéng (MNP) , (4BC)

b) DC 1a giao tuyén cua hai mat phing (BCD),(ADC)
¢) Tim giao diém ciia CD va mat phang (MNP .

Trong mit phing (BCP) vi NP va CD khong song song nhau nén ta c6 thé goi £ =CD N NP

‘Eech
= E =CD N {MNP)

. | EENP,NF  (MNF)
e #E
B 5
N
C

(MNP) .

A%

d) Tim giao diém cua 4D va

Xét mat phang phu 1a 4¢P chira 4D . Ta cin tim giao tuyén ctia hai mat phing
Vi MeEAC, AC c (ACD)= M (ACD)= M €(ACD)N(MNF) (1)

Ee€CD,CD c(ACD) .
| = E€(ACD)n(MNP)
E €(MNP)

Theo cau a), tacod ' o
Tir (1) va (2) suy ra “ME =(ACD) N(MNF)

(ACD) |5 (MNP)

Trong mit phang (ACD) ,goi F =ADNME

FeAD
= F =ADN(MNP)
F € ME,ME = (MNP)

Vit .
Cau 4. Cho tir gidc ABCD ¢ AC ya BD gjao nhau tai O va mot diém S khong thudc mit phing
(ABCD) Tyap doan SC 1Ay mot diém M khong tring voi S va €K =AM NS0 Khj do:

a) SO 13 giao tuyén cua hai mat phfmg (SAC), (4BC)
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*#p) SO 13 giao tuyén cua hai mat phang
*¢) Giao diém ciia dudng thing SO véi mat phang (4BM) 13 diém K

(S4C) (sBD)

d) Giao diém cua dudng thing SD v&i mat phing (ABM) 13 diém N thudc duong thang 4K

Loi giai

a) Sai

b) DPung

¢) bing

d) Sai

a) 4C 1a giao tuyén cua hai mit phing

b) SO 1a giao tuyén ctia hai mit phang
¢) Tim giao diém cia SO vy (ABM) .

(SAC) (4BC)
(S4C) (sBD)

Trong mit phing (SAC), goi K =AM NSO

[KE AM, AM
Vi
K €S0

d) Tim giao diém cua SD vy (4BM) .

ABM )
=

Xét mit phang phu (SBD) ¢hra SD .

Dé thiy B 1a diém chung ctia hai mat phang
KeAM AM —(ABM)
K €50,50 —(5BD)

-

Ta co: !

K =SOnN(ABM).

(SBD) 3 (ABM)

= Ke(SBD) N (ABM)

Do do BK =(SBD)N (4BM)_

Trong mit phing (SBD) ,goi V=BKNSD

[wesp
W1

Cau 5. Cho hinh chop S-ABCD
O =ACnNBD y3 K =ANNCD

N € BK ,BK c(ABM)

= N =SDnN(ABM).

(SAC) 4 (SBD)

véi M 13 mot diém trén canh SC,.N 12 mot diém trén canh BC Goi
Khi do:

*a) SO 13 giao tuyén ctia hai mit phing

*b) Giao diém cta dudng thing 4M va mat phang (SBD) 13 diém nim trén canh SO

*c) KM 1a giao tuyén ctia hai mét phang

(AMN) |, (SCD)

*d) Giao diém cua duong thing 5D va mit phing (AMN) 13 diém nim trén canh KM

Loi giai

a) Ding

b) Diling

¢) Pung

d) Ping
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(SAC) 3 (SBD) .
(SAC) 3 (SBD)

a) Tim giao tuyén ctia hai mat phang
D@ thay S 1a diém chung ctia hai mit phang
Trong mit phing (4BCD) goi U =AC NBD

0 AC,AC —(54C)
=1

0€(54C) N(SBD)
O€ BD,BD  (SBD)

Vi |
Vay SO =(SAC) H[EBD}_

b) Tim giao diém ctua 4M va mit phang
Trong mit phang (SAC), goi £ =AM NSO

-

PeAM
= P =4AM N(SBD)
FE 50,50 C(5BD)

(SBD) .

Ta co: !

(SCD) (AMN) _; (SCD)

¢) Xét mat phang phy chira SD . Ta tim giao tuyén ctia hai mit phang

Trong mit phang (4ABCD) ,goi K =ANNCD
(K € AN, AN < (AMN) _

= Ke(AMN)N(SCD)
KeCD,CD c(5CD)

Khi do: ! .
Mit khac: M €SC.5C =(SCD)= M €(SCD)= M €(SCD)N (AMN)
Vay KM =(SCD)n f_.-‘i.-‘lff.-"lf}.

d) Trong mit phang (SCD), goi H =KM NSD

HeSD
= H =5Dn{AMN)
H € KM,KM  (AMN)

Taco: ! .
Céu 6. Cho hinh binh hanh 4BCD v3 mot diém S khong thudc mat phéng (4BCD) , cac diém M,N lan luot
13 trung diém cua doan thang AB.SC Goi U =ACNBD .
*a) SO gjao tuyén cta hai mit phing (SAC) 5 (SBD)
*b) Giao diém cta ! cia dudng thing AN va mat phang (SBD) 13 diém nim trén duong thang SO
¢) Giao diém cua 7 cua duong thing MN va mit phing (SBD) 13 diém nim trén duong thang SD
*d) Ba diém 1,J,B thang hang.
Loi gidi
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a) Ping b) biing ¢) Sai d) bung

(SAC) 3 (SBD).
(SBD) |

a) SO giao tuyén cua hai mit phing
b) Tim giao diém 7/ cua 4N va mat phing
Trong mit phing (ABCD) ,goi O =ACNBD,
Trong mit phang (SAC) goi I =SON AN |

e AN
= [ =AN NI(SBD)
[€50,50 C(5BD)

Ta co: !

¢) Tim giao diém J ciia MN va mit phing (SBD) |

Trong mit phang (4BCD) ,goi ' =CM N BD,
Trong mit phang (SCM) ,goi J =MNNSF,

-

Je MN
= J =MN N|(SBD)
JE SP,5F C(5BD)

Ta co: !

d) Chting minh 1,J,8 thang hang:
D thiy BE(ABN)N(SBD) 1

TE AN, AN [ ABN) .
= J€(ABN)N(SBD)
Ta cb: | [ €50,50 c(SBD) (2)

{ JEMN,MN —(ABN)
==
JESP,SP —(SBD)

J€(ABN) N (SBD)

Tuong tu: (3)
T (1), (2), (3) suy ra B,LJ cung thudc giao tuyén cua hai mat phang (ABN) 3 (SBD) nan ba diém nay
thang hang.

CAau 7. Cho tir dién 4BCD  Goi M 14 diém trén canh AB,N 1a diém thudc canh 4C sao cho MN khong song
song v6i BC . Goi P 1a diém nam trong ABCD  Khi dé:
*a) MN =(MNP)N({ABC)

*b) Giao tuyén cta hai mit phang (MNF),(BCD) 1a duong thang cat BC

¢) Giao tuyén ctia hai mit phang (MNP),(ABD) |5 duong thing cat 4B va DC
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(MNP),(

d) Giao tuyén ctia hai mit phang ACD) 1 duong thang cit 4B va DC

Loi giai

a) biang b) Dilng ¢) Sai d) Sai

a) MN =(MNFP)N(ABC)

b Trong (4BC) goi H =MN M BC,

H € MN < (MNP)
=
H €BC c(BCD)

He(MNP)n (BCD)(1)

Taco: !
(Pe (MNP) _
= P& (MNP)N{BCD)2)
Lai cé: P (BCD)
a1l Cco:
Tir (1) va (2) suy ra 176 =(MNP) N(BCD)

c) Trong (BCD) goi K =HF NEBD
K€ BD c(A4BD) _

“' = Ke(MNP) N (4BD)(1)
KEHF C(MNF)

Taco: !
(M €(MNP)
= M€ (MNF)N(ABD)(2)
Lai cg: | M €AB =(4BD)
a1 Co:
Tir (1) va (2) suy ra MK €(MNP) N (4BD)

d) Trong (BCD) goi F =HK N DC

Trinh bay twong tu nhu hai cau trén ta duoc NF =(MNF)N(ACD)

Cau 8. Cho hinh chop S-4BCD ¢ day 1a hinh binh hanh. Goi M 1 trung diém ciia SC . Goi I giao diém cua

duong thang 4M va mit phang (SBD)  Kni do:
+a) AM NSO =1
by 14 =3IM |

*¢) Giao diém £ ciia duong thang SD va mat phang (ABM) 13 diém thudc dudng thang Bl

*d) Goi NV 1a mot diém tuy ¥ trén canh 4B . Khi d6 giao diém cua duong thing MN va mat phing

(SBD) 13 diém thuoc giao tuyén cua hai mit phiang (SBD).(SNC)

Loi giai

a) Diang b) Sai ¢) Pung d) Dbung

a) b) Trong (SAC): AM NSO =1
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[e AM
= 1€ AM N(SBD)
[ € SO = (SBD)

Taco '
Tam gidc S4C ¢6 hai duong trung tuyén AM va SO ¢t nhau tai 1, suy ra / 1a trong tAm cua tam gidc
SAC T d6 ta co 14 =2IM

¢) Trong (SBD):BINSD :E.

E€SD
= J€SDN(ABM)
E€BI c(ABM)

Tacod !

d) Trong (ABCD):CN N BD =F

Trong (SNC): SFNMN =J

(JE MN
= J &€ MN N (SBD)

Taco | ESF <(SBD)

Cau 9. Cho tir dién S4BC  Goi M va N 1an luot 12 hai diém trén hai canh 4B va BC sao cho MN khong
song song voi AC  Khi d6:

*a) Puong thang MN cit duong thang AC

*b) Giao diém cua duong thing MN 3 mat phing (S4C) 13 giao diém cua MN vy AC

(SMN)

*¢) Giao tuyén cua hai mit phang va (54C) 13 duong thang di qua giao diém cua MN vy AC

d) Giao tuyén ctia hai mit phang (SAN) va (S€M) 13 duong thang di qua giao diém cua MN vy AC
Loi giai
a) biang b) Ping ¢) Pung d) Sai

b) Trong mit phing (4BC) v giao diém E cua MN vy AC
Taco E€AC suyra £ €(54C)

Vay E la giao diém cua duong thing MN va mit phing (SAC)

¢)Taco S va E 1a hai diém chung ctia hai mit phang (SMN) 3 (S4C),
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Suy ra (SMN) N(SAC) =SE

d) Trong mit phing (48C) v giao diém F cua AN va MC
Tacoé S va F 14 hai diém chung cta hai mit phang (SAN) 3 (SCM)
Suy ra (SAN) N (SCM ) :.S'F.
Cau 10. Cho hinh chép S-ABCD ¢4 day la hinh binh hanh. Goi O 14 giao diém ctia 4C va BD:M.N 13 ot
1a trung diém cia S5B.5D; P thudc doan SC va khong 13 trung diém cua SC Khi do:

*a) Giao diém £ ctia duong thing SO va mat phang (MNP) 13 giao diém cua MN va SO

b) Giao diém 0 duong thing S4 va mat phing (MNP) 13 giao diém cua PE va SO

*¢) Goi 1.J.K 13y luot 14 giao diém cua OM 3 AB.OP 3 AC.ON 3 4D Vay 1,J,K thang hang.

d) Goi 17K 1an lugt 13 giao diém cia @M vy AB.OP 3 AC.ON 3 4D vay £-/-K khong thing
hang.

Loi giai
a) Diang b) Sai ¢) Pung d) Sai
a) Trong (SBD): 50 N MN :E.
. [Eeso
Ta co - = F€850 N (MNF).

| E€ MN < (MNP)
b) Trong (SAC): PENSA=0Q

, [0 s4 _
Ta co ; = Q=54 N (MNPFP).
| Q€ PE = (MNP)
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[1eoM = (MNP)
JeoP c(MNP) = 1,J,Ke(MnP)(1)

iy g A , | K e N c MNP
c¢) Tur gid thiét ta co * ¢ ( )

‘1€ AB = (4BCD)
Je Ac c(4BcD) = 1,J,K €(4BCD)(2)

Mt khae | K €40 = (4BCD)
Tir (1) va (2) suy ra 1»/>K € (MNP)N(4BCD)

1,J.K

Suy ra thang hang.
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