0 BAl GIANG 2 : CHUNG MINH PANG THUC - CHUNG MINH VUONG
GOC

\. Ly thuyét bai giang :

. Memorrize :

o~

[y

A

Cau 221:Cho tam gidc 4BC cé trong tdm G . Chting minh rang véi moi diém M, ta
cG: MA® + MB® + MC® =3MG’ +GA” +GB’ + GC*




\. Loi gidi :

Cau 222:Cho hai diém M-V nam trén dudong tron duong kinh 48 =2R . Goi / 1a giao
diém hai duong thang 4M va BN .| Chimg minh:

U Uy ug [W1N NN [N N ynN]
a). AM.AI =AB.AI. BN.BI =BABI
g L [NIW] Wy N

b). AM.AI + BN.BI =4R’

\. Loi gidi :




Cau 223:Cho tam giac 4BC ¢g 48 =2,4C =3, Bac =60~ Goi M 1a trung diém ctia doan
aon aan
. ) ’ AD =" 4cC
thang B8C. biém D thoa man

g g

a) Tinh 4B, AC

Uuug (W[N[N) (A]NTN} uuu

b) Biéu dién 4MBD theo 4B AC
c) Chiing minh AM L BD,

\. Loi gidi :




Cau 224:Cho tam gidc 48C, trung tuyén 4M . Ching minh rang

00 0 1 . 2(4B* + AC?)- BC*

AB.AC =AM* - —BC*

a) 4 b)

4

\. Loi giai :




Cau 225:Cho hinh vuéng 48CD | M 13 trung diém cua BC. N 1a diém nam gitra 4 va
AN

=
C.pat 4C . Tim x thoa man 4M LBN?

\. Loi gidi :




Cau 226:Cho d
o

;L , Uil uw
MA - MB" =2MO -BA_
Loi giai
uy ,  uud o, g um uug oo U L
Cach 1. MA - MB" =(MA+MB) {MA- MB) =2MO -BA

Ul -, uud 5 L H[H[H] . LI uuy .
Cach 2. MA - MB =(MO+0A) - (MO+ OB)’

OO OO OO0 Oud s LU, LU LU L

=M, +2MO Q4 +04 - MO - 2MO -OB- OA
00m 0o0 om 00m 0m

=2MO {(0A- OB) =2M0O -BA.

4,B,C .
Al [S|S]8] [S|E]8} (S8 B [SIE]8} [SIE] 8}

MD -BC+ NE CA+FPF -AB =0

Loi giai

oan thing 48 va O 1a trung diém ctia 48 . V6i mbi diém M , chirng minh rang

Cau 227:Cho tam gidc 4BC khéng can. Goi P-Z-F theo thtt tw 1a chan céc duomg cao k8 tir
; goi M.N,P twong Umg la trung diém céc canh BC,CA,AB Chirng minh rang

Goi H 1a truc tam va O 1a tdm duong tron ngoai tiép cla tam gidc 4BC . Khi d6

D.E, ¥ twong Umg la hinh chiéu vudéng géc ciia # trén
BC,CA,AB

th tw 1a hinh chiéu vudng géc cia O trén

Theo dinh li chiéu ta cé:

BC,CA,AB sy M.N.P o



Cau 228:

Cau 229:

B < e S8 G107 R G
E 54 =0 G4 =08 94~ 95) =04 94 98 ¢
PF -AB =OH ‘AB =0OH {0OB- OA) =0OH -OB- OH -0OA.

Cho tam gidc 4BC . Chtimg minh réng:

["]:I ["]:I I. 3 3 3
AB.AC =—(4B* + AC* - BC?) ) ) )
a). 2 by, BC' =AB* + AC - 24B.AC.cos 4
Loi giai
a).
. g - e S 1 o 11 g uud . . g uud
BC? =BC :(liu':- AB) =AC +AB - 2.AC.AB =AC* + AB* - 2.AC.AB
0D 0m - ( . ) )
= 4B.AC =—(4B> + 4C* - BC?) (1)

Hdd ddd

b). BC® =AB* + AC* - 2.4B.AC

L

) vl LIJU
=AB + AC - 2|4B|.|AC|cos 4

—AB’ + AC” - 24B.4Ccos 4 (?)

Cho tam giac ABC ¢g AB =3, AC=4 U =60" Goi

M 13 trung diém cta BC . Vé phia ngoai tam gidc vé =
céc tam gidc vudng can tai 4 1a ABD va ACE

[N NNy NN} uug Jug

a) Tinh céac tich v6 huéng AB.AE,ACAD ;

Luuu Uy udu

b) Bidu didn 4AM theo 154C Ty 46 ching minh

AM 1 DE
B M
Loi giai
a) Do Bar =Bac+B4ag =150 .Bap =B4B +BAD =150 nén
om oo , i mi ood
AR -AF =AB ‘AE stEAE =34 cosl50 =2 \E =- ﬂﬁAC AD

=AC -AD -cosBAD =4 3 -cos150 =12 :E =- 63

b) Ta co:



000 ¢ OO 000 OO0 OO0 OO 000 O
AM ==(AB + AC),DE =AE- ADAM ‘DE
q 000 of oo ood go0d ood oof oo o oof oo ood
=—(4B+AC) (AE- AD) =2(AB -AE+AC -AE- AB -AD- AC -AD)
- ofi off  ood odd
ViAB L AD,AC L AE nén AB -AD =0,AC -AE =0
mod ood
Suyra AM -DE :%bﬂﬁﬂ% 0+643)=0. = AM L DE

[NNIR[N} uuu

Cau 230:Cho tam gidc 4BC déu canh 4. Goi M-V 1a cac dim sao cho BM =2BC.

5AN =44C

[NININ NN UUL Uy

a) Tinh 48-4C; BC.AC b) Chitng minh 4M vudng géc véi BN |

Loi giai
A
N
B M C

a).

md md 4t

AB.AC =AB.AC.cos BAC =a.a.cos 60" =—
[ ] Fa

00 000 o0 ood .

BCAC =CB.CA =CB.CA.cos ECA =a.a.coso0’ :T
[ ] i
b).

0om  ooo 0mn  om 0o0 oo iml o000 00

38M =2B8C = 3(AM - 4B)=2(4C- 4B)= AM :é,qc +5 4B

oo O 00 0m, 000 00 00 4000
SAN =4AC = 5(BN - BA)=4AC= BN =- AB +2AC

(000 0o [zﬂﬂﬂ | 000y 000 4000 500 000 000, (000, 4000000
AM BN = —AC+_AB| -AB+_AC‘ = ACAB+—AC - —AB +—AC.AB
Ta cé: 3 3 N 5 3 15 3 15

20D 00 gO00, O,
:=§AC.AB+EAC - —ABR

24 8 . 1, mod o
= —+— g - —g == AM L BN =
52 15 3 AM vuong géc véi BN.



Cau 231:Cho doan thdng 48 va [ 1a trung diém cta 48 . Chtmg minh rang véi méi diém

O ta cé:
Mo mi 400, 000,
g ud U ud Of . AB ——(GE 04 )
a) Of I4+ 01 -IB =0 b) 2

Loi giai
a) Vi / 1a trung diém 4B nén /4+15 =0

(18] (18] (S8} (S8} [S18)

vay O IA+0I ‘1B —OI (I4 + IB) =OI 0 =0

00 000 M0 00 000 OO
201 =0B +04 = Ol =—(0B+04)

b) Vi / 1a trung diém 4B nén
M M0 ¢ 000 000 MO0 O ] 00 000 000 4 00O O 0oo
Of -AB =—(0OB+ 0A) (OB - OA) =— (OB + 0A4) OB + —(OB + 0A) (- 04)
Vay 2 2 2
(00 00 00 00 (00 M0 00 00 4,00, OO,
=—0F 0B +;OA Q8- ;GB {04 - ;GA A4 Z?(GE - 04 )

Cau 232: CJIJIJlo JCIJ(J)an Hlﬁmg 4B ¢6 O 13 trung diém va cho diém M tuy y. Ching minh ring:
MA -MB =MO OA

Loi giai

A 0O B

Ta c6. OA+OB =0 < - 04 =0B

LLILLL 5 U 5 (NN uuy pld (N[N} (H[NNE| W[ N [N1NN] H|N ] W[ (NN
= MO - 04" =(MO - OA)MO +04) =(MO +OB)(MO + 04) =MB -MA (g0

Cau 233:Cho hinh vuéng ABCD tam O canh a3 . GoiIla trung diém ctia AD va M la diém bat

ky.
Uy ud U day [N]N Ny W N[N N)

a) Tinh /B.IC b) Chtng minh réng MAMC =MB.MD

Loi giai



a).

oooo 0oao M 000

00 00 O
[B.IC =BI.CI =— BA+BD) (DD+CA)—

000 - 000

(BA+BA+BC)(CD+CD +CB)

l( 0m 000 aoo

0 "BA+BC)("BA BC)=1 ("BA) BC

<

_Yapar- per)=Laap =27
4 4

b). Ta co:

Ul Uu W[ N[NN]

MAMC =(MB + BA).(MD + DC) o s o s s i

[N]N SRy NN [N}

=MBMD+MBDC +BAMD + BA.DC

[S|N Sy N N} [N|N Ny NN N} NN S NN ) [N]N Spp NN}

uuy A1 (A[NINN} UL 5 LUl

=MB.MD+(MB- MD +B4).DC

Uy

LI L 5 LU
—vB.MD + (DB + BA)DC

Uug Joen [NIN Ny N §)

=MB.MD+ DA.DC

uug uu [N]E ] oy uug U

=MB.MD (Do PA L DC= DA.DC :D)

Cau 234:Cho tam gidc 4BC c6 AB =2,AC =3 Bac =60 Goi

M 13 trung diém ctia doan thidng BC. biém D thudc
AD 21;1{:'
canh 4C thod man 12 (Hinh 52).

Chimg

Loi giai
moo ¢ M0 000 000 000 000 000 OO0

AM :—fAB+AC},BD =AD- AR =—AC- AR
Ta c6: 2 12

om0 o0 4 0O 000 ¢ 7000 OO
= AM -BD ——{AB+AC} [l__}Ac- AB‘

s

[NEE} [WININ) [WININ]

=MB.MD+MB.DC- DCMD +BA.DC (g9 B4 =CD =-DC)

M
Hinh 52



(7000 000 o000, o00d, ood ood )

=5 I_"AB AC+—AC - AR - AB -AC

(7-4-3)=

I
2
Vay AM L BD

Cau 235:Cho hinh vuéng ABCD.M 1y trung diém cta BC-N 13 diém nam giira hai diém 4 va
LAV
C.pat 4C . Tim ¥ thod man AM L BN
Loi giai
00 0mMo 0M q000 0mW
AM =BM - BA :;BC- B4

A B
M
N
D C
Hinh 70

AN =xAC = BN - BA=x(BC- BA)
o ood om

= BN =xBC+(l- T}BA.
000 ood ‘ W 1il} 1]

AM -BN = —BC- BA {xBC +(1- x)BA]

=X fl-m}lBC 3——I‘BC
2 |

qood 0o _ 5
AM | BN = AM Bx-—0¢r| -1 BC':Uﬂr:?

Giac mo khéng phai la thr ban nhin thay khi ngu, giac mo la nhing diéu ma khéng cho
phép ban ngu.

“Néu ban muén hoan thanh uéc mo cda minh thi ban nén hoan thanh nhimng viéc nho
nhéat dé la hoan thanh bai tdp vé nha cua té giao nhé”.

Tai liéu duogc chia sé bo1 Website VnTeach.Com

https://www.vnteach.com
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