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VAN DPE 1. HE THUC VE CANH VA DPUONG CAO
TRONG TAM GIAC VUONG (PHAN I)
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A. TOM TAT Li THUYET
Cho tam gidc ABCvudng tai & dudong cao AH. Khi dé ta cé céc hé thic sau:

o AB’ =BHBC hay c’ =ac’
o AC® =CHBC hay b* =ab’ c b
e ABAC=BC.AH } 4y cb=ah

o HA?=HBHC pay h? =c'b’ ? WC

1 1 1 1 1 1 a

« AH' AB’ AC hay [
e BC’ =AB’+AC’ (Dinh li Pytago)

B. BAI TAP VA CAC DANG TOAN

Dang 1. Tinh d6 dai cac doan thang trong tam giac vuoéng

Phuong phdp gidi: Cho tam gidc ABCvudng tai & duwong cao AH. Néu biét do dai
hai trong sdu doan thang AB-ACGBCHAHB,HC thj ta tinh luén duoc bén doan con lai.
< Gido vién huong dan hoc sinh gidi bai tdp sau:

Bai 1. Tinh *Ytrong moi truong hop sau:

A A A
/[\ /[\ 5/ « 7
B x H y C B X H 9 B o C
20 y
Hinh 2 Hi
. inh 3
Hinh 1

Bai 2. Cho tam gidc ABCvudng tai & duwong cao AH.
a) Cho biét AB =3cm, AC=4am. Tinh §¢ dai cdc doan thang BH.CH,AH,BC.

b) Cho biét BH =3cm, CH =16cm. Tinh 6 dai cdc doan thang AB-AGBC, AH.

Bai 3. Cho tam gidc ABCvudng tai & AH lBC(HEBC)'Cho biét AB:AC =3:4vy3
BC =15cm. Tinh d6 dai doan thdng BHva HC.
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Bai 4. Cho tam gidc ABCvudng tai & duwong cao AH. Cho biét AB:AC=3:4yy
AH =6cm. Tinh d6 dai doan thang BHva CH.

< Hoc sinh tw luyén nhiing bai tdp sau tai 1op:

Bai 5. Tinh *Ytrong moi truong hop sau:

Hinh 4 Hinh 5 Hinh 6

Bai 6. Cho tam gidc ABCvudng tai & duong cao AH,
a) Cho biét AB =3cam, AC=5am. Tinh d¢ dai cdc doan thang BH.CH AH,AC.
b) Cho biét AH =60cm, CH =l44em. Tinh d¢ dai cdc doan thang AB-AC BC BH.

60
_ AC=12em, AH=—cm. _ _ _ .
c) Cho biéet 13 Tinh d6 dai cac doan thang ABBC BH,CH.

AB 5
Bai 7. Cho tam gidc ABCvuéng tai & duong cao AH. Cho biét AC 6 ya BC=122cm

Tinh d6 dai doan thang BHva CH.

Bai 8. Cho tam gidc ABCvuong tai A duong cao AH. Cho biét AB:AC=3:4yva
AH =12em. Tinh d¢ dai doan thang BHva CH.

C. BAI TAP VE NHA

Bai 9. Cho tam gidc ABCvuéng tai & duong cao AH. Cho biét AB =4cm, AC =7,5cm.
Tinh d¢ dai doan thang BHva HC.

Bai 10. Cho tam gidc ABCvudng tai & duong cao AH,

a) Cho biét AH=6cm, BH =4,5cm. Tinh §6 dai cAc doan thang ABAC BCHC.
b) Cho biét AB =6cm, BH =3cm. Tinh §6 dai cdc doan thang AHAC,CH.
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Bai 11. Cho tam gidc ABC vudng tai A duong cao AH. Tinh dién tich tam giéc
ABC bié’tAH =12cm, BH =9cm.

Bai 12. Cho tam gidc ABC, biét BC =7,5cm, CA =4,5cm, AB =6cm |
a) Tinh duwong cao AH cua tam giac ABC,
b) Tinh d6 dai BH.CH

Bai 13. Cho tam gidc vudng v6i cac canh goc vuong la 7 va 24. Ké duong cao Ung
v6i canh huyén. Tinh d6 dai duwong cao va cac doan thang ma duong cao dé chia
ra trén canh huyén.

AB 5
Bai 14. Cho tam gidc ABCvudng tai & duong cao AH. Cho biét AC 7 vj AH=l>am

Tinh d6 dai doan thang HBva HC.

Bai 15. Cho ABCD 13 hinh thang vuong tai Ava D. Puwong chéo BD LBC. Biét
AD =12cm, DC =25cm. Tinh d6 dai ABBC va BD.
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VAN DPE 2. HE THUC VE CANH VA DPUONG CAO
TRONG TAM GIAC VUONG (PHAN 1)

A. TOM TAT Li THUYET

Nhdc lai Ii thuyét. Cho tam gidc ABCvudng tai A dwong cao AH. Khi d4 ta cé cac
hé thirc sau:

o AB’ =BHBC hay c’ =ac’
e AC’ =CH.BC hay b* =ab' c b
e AB.AC =BC.AH hay cb =ah

— , c
o HA’ =HB.HC hay h* =c'b’ B W

1 1 1 1 1 1 a

e AH: AP’ +Ac2 hay h* ¢ +b2

e BC’ =AB’+AC’ (DPinh li Pytago)

B. BAI TAP VA CAC DANG TOAN

Dang 2. Chitng minh cac hé thic lién quan dén tam giac vuéng

Phuong phdp gidi: St dung cac hé thic vé canh va duong cao mot cach hop li
theo hudng:

Budc 1: Chon céc tam giadc vudng thich hop chita cdc doan thang cé6 trong hé
thirc.

Budc 2: Tinh cdc doan thang dé nho hé thitc vé canh va duong cao.
Budc 3: Lién két cac gid tri trén dé rut ra hé thirc can chimg minh.
<+ Gido vién huong dan hoc sinh gidi bai tdp sau:
Bai 1. Cho tam gidc CDE nhon, duong cao CH. Goi M:N theo thi tw 1a hinh chiéu
cua H 1én CD.CE:- Chitng minh:
a) CD.CM =CE.CN.

b) ACMN ~ACED.

Bai 2. Cho hinh vudéng ABCD. Goi I 1a mot diém nam gitta Ava B. Tia DI va tia CB
cat nhau & K. Ké dudng thang qua D, vudng géc véi DI, cat duong thang BC tai L.
Ching minh:
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a) Tam giac DIL]a tam giadc can;
11
[ T ——
b) Téng DI DK® khong doéi khi I thay doi trén canh AB.
<» Hoc sinh tw luyén nhiing bai tdp sau tai 1op:

Bai 3. Cho tam giac ABC c6 ba goc nhon va AH la duong cao.
a) Ching minh AB? +CH? =AC’ + BH’;
b) Goi M:Ntheo thit tir 1a hinh chiéu ctia Hlén AB.AC Chimg minh: AM-AB =AN.AC

Bai 4. Cho hinh thoi ABCD ¢é hai duong chéo cat nhau tai ©. Cho biét khoang
1 11

cach tir Ot6i mdi canh hinh thoi la BAC=mBD =n. Ching minh: m* n* 4h*’
C. BAI TAP VE NHA
Bai 5. Cho hinh chi¥ nhat ABCD ¢4 AB =8cm,BC =15cm.
a) Tinh d6 dai doan thang BD;
b) Vé AHLBD =H. Tinh d6 dai doan thang AH;
¢) Duong thdng AH cat BCva DC 1an luot tai | va K. Chtmg minh: AH =HLHK.
Bai 6. Cho hinh thang ABCD vudng tai Ava D. Cho biét AB =15cm,AD =20am, ¢4

duong chéo AC va BD vudng goc v6i nhau & O. Tinh:

a) Do dai cac doan thang OB.OD.
b) B6 dai doan thang AC;
c) Dién tich hinh thang ABCD,

Bai 7. Cho tam gidc ABCvuéng tai & duong cao AH, ké HE.HF 131 Juwot vudng goc
v6i AB.AC  Chimg minh:
EB _[ AB ]

N _ 3
a) FC AC b) BC.BE.CF =AH".

Bai 8. Cho tam gidc ABCcan tai Ac6 AH va BK I3 hai duong cao. K& duong thang
vuong goc véi BC tai B cat tia CA tai D. Ching minh:

1 1 1
= + )
a) BD =2AH b) BK® BC’ 4HA®
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VAN PE 3. LUYEN TAP HE THUC VE CANH VA PUONG CAO
TRONG TAM GIAC VUONG

A. TOM TAT Li THUYET

Nhdc lai Ii thuyét. Cho tam gidc ABCvudng tai A dwong cao AH. Khi dd ta cé cac
hé thirc sau:

o AB’ =BHBC hay c’ =ac’
e AC’ =CH.BC hay b* =ab' c b
e AB.AC =BC.AH hay cb =ah

— , c
o HA’ =HB.HC hay h* =c'b’ B W

1 1 1 1 1 1 a

e AH: AP’ +Ac2 hay h* ¢ +b2
e BC’ =AB’+AC’ (DPinh li Pytago)
B. BAI TAP VA CAC DANG TOAN
< Gido vién huong dan hoc sinh gidi bai tdp sau:
Bai 1. Cho tam gidc ABC vuéng tai 4 duong cao AH. Cho biét BH =4cm, CH =9cm.
Goi P E 14n lwot 14 hinh chiéu ctia H1én cic canh AB: AC.
a) Tinh do dai doan thang DE.
b) Cac dudong thang vudéng goéc véi DE tai D> E 14n lwot cdt BCtai M N-Chimg

MN :l BC.
2

minh
c) Tinh dién tich cua t& gidc DENM.
Bai 2. Cho tam gidc ABC vuéng tai & duong cao AH. Goi D> E 14an luot 1a hinh
chiéu ctia Hlén cic canh AB AC. Chimg minh:

AC’ _HB, AC’ _BD.
a) AC’ HC’ ) AC’ EC’ ) DE’=BD.CE.BG d) VYBC* =VBD? +3/CE*.

<* Hoc sinh tw luyén nhitng bai tdp sau tai 16p:
Bai 3. Cho tam gidc ABC vuéng tai & duong cao AH.

a) Cho biét AB =6cm, AC=8cm. Tinh d6 dai c4c doan thang BH. CH, AH, BC.
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b) Cho biét AB =6cm, BC =10cm. Tinh d¢ dai cdc doan thang BH: CH, AH, AC.
Bai 4. Tim d6 dai cac canh cia mot tam gidc vuéng néu duong cao tng voi canh
huyén c6 do dai 48 v3 hinh chiéu clia cdc canh géc vudng trén canh huyén theo
ti 16 9:16.
Bai 5. Cho tam gidc ABC vudng tai & phan gidc AP duwong cao AH. Cho biét
BD =15 cm, CD =20cm. T{nh df) dai céc doan théng HB,HC.
Bai 6. Cho hinh thang can ABCD ¢4 d6 dai canh day AB =26¢m y3 canh bén
AD =10cm. Cho bhiét duwomg chéo ACvudng gbc véi canh bén BC. Tinh dién tich cua
hinh thang ABCD
C. BAI TAP VE NHA
Bai 7. Cho tam gidc ABC vudng tai & duwong cao AH.

a) Neéy BH =2cm, CH =8cm. T{nhh d('j dai cac doan AB,AC,BC,AH

b) Neéy AH =5cm, CH =16cm. T{nh df) dai cac doan AB,AC,BC,BH
Bai 8. Cho tam gidc ABC vudng tai & duong cao AH. Cho biét AB:AC=3:4 y3
AH=12em Tinh d6 dai cadc doan thang BH CH.

Bai 9. Cho tam gidc ABC vuong tai & phan gidc AP duong cao AH. Cho biét
g g tc p g g
BD =15 cm, CD =20cm. T{nhh dé dai cac doan théng HB, HC.
Bai 10. Cho tam gidc ABC vudng tai A dwong cao AH. Tinh chu vi cia tam giac

HB _1
ABChijét rang AH=l4cm HC 4

Bai 11. Cho tam gidc ABC vudng tai A duwong cao AH. Tinh dién tich tam giac
ABChiét rﬁng AH =12cm, BH =9cm.
Bai 12. Cho tam giac ABC vuéng tai €, duong cao €K,

a) Cho bigt AB=10cm, AC =8cm. Tin; BC,CK,BK, AK.

b) Goi H va I theo th® tw la hinh chiéu cua K 1én BC va AC, Chung minh:
CB.CH =CA.CI_
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c) Goi M la chan duwong vudong goc ké tx K xuéng IH. Chung minh
1 11
= + .
KM? CH* CI’
Al _AC
d) Chimmg minh: BH BC’

VAN DE 4. Ti SO LUQNG GIAC CUA GOC NHON (PHAN I)
A. TOM TAT LI THUYET

0 0
a0’ <a<90") Dyng tam giac ABC vuéng tai Asao cho «=KBC . Tir

e Cho goc nhon
dé ta co:
AB . AC AC AB B
Ccos0L =——;sino. =——;tano. =——;cot oL =—.
BC BC AB AC
e Vi géc nhon @ bat ki, ta luoén co:
O<sina <1; 0 <cosa <1.

sin o Coso.
tano = ;cotor =— ; tan o.cot o =1; & °
cosa. sina A
s 2 2 1. 2 — . 2 —
sin“ o +cos“a =L; 1+tan” o =———; 1+cot” o0 =———.
cos o sin“ a

e Néu hai goc phu nhau thi sin géc nay bang cosin géc kia, tang géc nay bang
cotang gdc kia.
e Bang ti s6 luwong gidc cua cac gbéc dac biét:

30° 45° 60°
sin o 1 Q ﬁ
2 2 2
CcosaL ﬁ ﬂ l
2 2 2
tan o NE] 1 J3
3
cotal 3 1 ?
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B. BAI TAP VA CAC DANG TOAN

Dang 1. Tinh ti s6 luong giac caa goc nhon, tinh canh, tinh géc
Phuong phdp gidi: St dung kién thic trong phan Tém tat li thuyét & trén.
< Gido vién huong dan hoc sinh gidi bai tdp sau:

Bai 1. Cho tam gidc ABC vudng tai C c¢6 BC =L2cm, AC=0,9cm Tinh c4c ti s6 lwong
gidc cua goc B. Twr d6 suy ra ti s6 lwong giac cua goc A.

Bai 2. Cho tam gidc ABC vudéng tai & duwong cao AH. Hay tinh sinB v3 sinC trong
cac truong hop sau (lam tron két qua dén chit s6 thap phéan thir 4):

a) AB =13cm; BH =0,5dm b) BH =3cm; CH =4cm.
Bai 3. Cho tam gidc ABC ¢ AB=aV5; BC=aV3; AC=aV2

a) Chimg minh ABC ]a tam giac vuong.

b) Tinh céc ti s6 lwong giac cua goc B- T d6 suy ra ti so lwong giac cua goéc A
Bai 4. Cho tam gidc ABC vudng tai & hay tinh céc ti s6 lwong giac ctua géc C biét
réng cosB =0, 6.

AB =5cm, cotB =E.

Bai 5. Cho tam giadc ABC vudng tai & 8 Tinh d6 dai cic doan thang

AC y3 BC,
<* Hoc sinh tw luyén nhitng bai tdp sau tai 16p:

Bai 6. Cho tam gidc ABC vudng tai A ¢ BA =L6cm; CA =1.2em. Tinh c4c ti s6 luong
giac cua goc B. T dé suy ra ti so lwong gidc cua goc C.

Bai 7. Cho tam gidc ABC ¢ CB=av5; BA =ay3; AC=aV2

a) Chimg minh ABC ]a tam giac vuong.
b) Tinh céc ti s6 lwong giac cua géc B- T do6 suy ra ti so lwong giac cua goc C.

Bai 8. Cho tam gidc ABC vudng tai A-Cho biét ©sB =0.8. Hay tinh céc ti s6 luong
giac cua goc C.
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AB =6cm, tanB :i. N , .,
12 Hay tinh do0 dai cac doan

Bai 9. Cho tam giadc ABC vudng tai &
thang A€ va BC,
C. BAI TAP VE NHA
Bai 10. Cho tam gidc ABC vudng tai A c¢ AB=60mm; AC=8am. Tinh c4c ti s6 luong
giac cua goc B. T dé suy ra ti so lwong gidc cua goc C.

.. ., . ) L AB:30CIII;%:0L, cotai. ) L,
Bai 11. Cho tam giac ABC vuong tai A Biét 12 Tinh do6 dai cac
canh BC, AC.

1
. cosa =—.
B‘ai 12 Tim sin o, cot o, tan blé't

Bai 13. Cho tam gidc ABC vudng tai A Tinh AG BC biét:

AB =12cm, tanB =
a) ;

AB =15cm, cosB :i.
13

N\ o .« 7/ n . —_— 0 —
Bai 14. Cho tam gidc ABC vudng tai & € =30", BC =10cm.

a) Tinh d6 dai cdc canh ABAC.

b) Ké tir A cac duong thang AM:AN 1an luot vudng goéc véi cac duong phan giac
trong va ngoai cua goc B. Chimg minh MN//BC yg MN =BC,

c) Ching minh tam gidc MAB va ABC dong dang. Tim ti s6 dong dang.
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VAN DE 5. Ti SO LUQNG GIAC CUA GOC NHON (PHAN II)
A. TOM TAT LI THUYET

a(0° < <90°)

e Cho goc nhon . Dung tam giac ABC vuéng tai Asao cho @ =RBC | T

do ta co:
AB . AC AC
COoSOL =——;sin o =——;tan 0. =——;cot oL =——.
BC BC AB AC
e V6i géc nhon @ bat ki, ta luén co:
O<sina<1; 0<cosa<1.

sina cosa
tana = ;coto =— ; tan o.cot o =1;
cosa sin o
s 2 2 1. 2 _ . 2 —
sin o +cos”a =I; 1+tan” oo =———; 1+cot” o0 =———.
cos o sin” o

e Néu hai géc phu nhau thi sin géc nay bang cosin géc kia, tang géc nay bang
cotang gdc kia.
e Bang ti so luwong gidc cua cac goc dac biét:

30° 45° 60°
sin o 1 ﬁ ﬁ
2 2 2
coso ﬁ ﬂ 1
2 2 2
tan o ﬁ 1 \/§
3
cotal 3 1 %

B. BAI TAP VA CAC DANG TOAN
Dang 2. Sap thir tw day cac ti sé luong giac

Phuong phdp gidi: D€ sap thw tu day céc ti s6 lwong gidc cho trudc, ta can lam
duoc hai buodc sau:
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Budce 1: Pua vé céc ti s6 luong gidc trong bai todn cung loai bang céch st dung
tinh chat: “Néu hai goc phu nhau thi sin géc nay bang cos goc kia, tan géc nay
bang cot goc kia”.

Budc 2: Vi hai géc nhon *P, ta cé:

sina <sinf & o <f;
cosa < cosP} & a > f3;
tano <tanf < o <f;

cota <cotf < a>p.
< Gido vién huong dan hoc sinh gidi bai tdp sau:
Bai 1. Khong dung bang sé va may tinh, hdy so sanh:
a) sin20° v3 sin70° p) cos60’ y3 cos70’ ) tan73°20' vy tand5’ () cot20” vy cot37°40°
Bai 2. Sap x€p ti so lwong gidc sau theo th tw tir 16n dén bé:

a) tan 42° cot 71°,tan 38°, cot 69°15', tan 28°
b) sin32’,cos51°,5in39%,cos79°13",sin 38"

<* Hoc sinh tw luyén nhitng bai tdp sau tai 16p:

Bai 3. Khong dung bang s6 va may tinh, hdy so sanh:

a) sin40” y3 sin70° ) cos80° y3 cos50° () tan73°20' y3 tan65’ ) cot53” y3 cot37°40
Bai 4. Sap x€p ti so lwong gidc sau theo th tw tir 16n dén bé:

a) tan12’,cot61’, tan 28, cot 79°15, tan 58°
b) c0s67°,sin56°,c0s63°41",sin 74°, cos85°.

m
Dang 3. Dung g6c nhon < biét ti s6 luwong giac cuané la n.

Phuong phdp gidi: Dung mot tam gidc vudéng c6 hai canh la m va n trong dé m va
n la hai canh géc vuoéng hoac mot canh géc vuong va moét canh huyén roéi van
dung dinh nghia ti s6 luong gidc dé nhén ra géc «.

’é

» Gido vién huong dan hoc sinh gidi bai tdp sau:
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Bai 5. Dung goc nhon @ biét rang:

.3 4 3 5

sImmo =— coso =— tano =— cota =—

a) 5 b) 7 C) 2 d) 6
Bai 6. Dung goc nhon @ biét rang:

. 2 2 3 4

SIno =— coso =—— tano =— coto =—

a) 3 b) 5 c) 2 5

C. BAI TAP VE NHA

. » X .  AB=30cm,B=qtna=>. BC.AC
Bai 7. Cho tam giac ABC vuong tai A-Biét 12 Tinh canh P%Aa%

Bai 8. Cho tam gidc ABC vudng tai A-Puong cao AH. Tinh sitB.sinC hLigt ring:
a) AB=13,BH =5 b) BH=3,CH =4

Bai 9. Dung goc nhon @ biét rang:

. 1 2 4 3
sino. =— cosoL =— tano =— coton =—
a) 2 b) 3 c) 5 4

Bai 10. Sap xép ti so lwong giac sau theo thi tw tir 16n dén bé:
a) sin 35°,c0s28°,sin 34°72", cos62°, sin 45° ;
b) c0s37°,c0s65°30",sin 72°,c0s59°, sin 47°.
Bai 11. Tinh gia tri bi€u thic:

A =cos?52°sin 45" +sin?52°cos45°;

B =sin 45°cos?47° +sin* 47° cos45°.

1
sino =—.
Bai 12. Tim Cosetanc,cota gy

N\ o o / N . —_ 0 Ju—
Bai 13. Cho tam gidc ABC vudng tai & € =30",BC =10cm

a) Tinh d6 dai cdc canh ABAC.

b) Ké tir A cac duong thang AM-AN 1an Juot vudng goéc véi cac duomg phan giac

trong va ngoai cua goc B. Chimg minh MN//BC yg MN =BC,
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c) Chirng minh tam gidc MAB d6ng dang v6i tam giac ABC. Tim ti s6 dong dang.
Bai 14. Khong dung may tinh hoac bang s6, hay tinh:
a) A =cos*20° +co0s’30° +cos”40" +cos*50" +cos*60° +cos’ 70"
b) B =sin®5° +sin® 25" +sin” 45’ +sin* 65" +sin” 85",
Bai 15. Cho tam gidc ABC vubng tai # AB<AC,E =a =45", dudng trung tuyén AM,
duong cao AHMA =MB =MC =a. Ch{tng minh:

a) sin2a =2sinacosa; by) 1+cos2a =2cos’a; c) 1- cos2a =2sin’c.
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VAN PE 6. MOT SO HE THUC VE CANH VA GOC TRONG TAM GIAC
, , VUONG (PHANI)
A. TOM TAT LI THUYET

e Cho tam gidc ABC vuong tai & c BC=a,AC=b,AB=c_ T3 ¢{;

b =a.sin B =a.cosC; B

c =a.sin C =a.cosB;

b =c.tanB =c.cotC; ¢ a
¢ =b.tanC =b.cotB.

e Trong mot tam giac vudng
Canh géc vudéng = (canh huyén) X (sin goc d6i) = (canh huyén) X (cos goc ké)
Canh goéc vuong = (Canh goéc vuong) X (tan goc do6i) = (canh goéc vudng con
lai) X (cot gbc ké).
B. BAI TAP VA CAC DANG TOAN
Dang 1. Giai tam giac vuong
Phuong phap giai:

1. Gidi tam gidc vudng la tinh do dai cac canh va s6 do cac goc dua vao dir kién
cho trudc cua bai toan

2. D€ gidi tam giac vudng, ta dung hé thitc gitra canh va céc géc ciia mot tam giac
vuodng va st dung mdy tinh cam tay hoac bang lwong gidc dé tinh céc yéu té con
lai.

3. Céac bai toan vé giai tam gidc vuéng bao gom:
i) Giai tam gidc vuong khi biét d6 dai mot canh va s6 do mot géc nhon.
ii) Giadi tam gidc vuong khi biét d6 dai hai canh.
< Gido vién huong dan hoc sinh gidi bai tdp sau:
Bai 1. Cho tam gidc ABC vudng tai % cé BC=a,AC=Db,AB=c_Gj3j tam gidc vudéng
ABC bijét rang:

a) b =10cm; € =30° b) a =20cm; B =35°_
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Bai 2. Cho tam gidc ABC vudng tai # cé BC =a,AC=b,AB=c_ Gjdj tam giidc vudng
ABC biét rang:

a) a =15cm; b =10cm b) b =12cm;c =7cm.
<* Hoc sinh tw luyén nhitng bai tdp sau tai 16p:

Bai 3. Cho tam gidc ABC vudng tai & c6 BC=a,AC=b,AB=c_Gjdj tam gidc vudng
ABC biét rang:

a) b =28cm;c =21cm b) a =10cm; b =6cm

Bai 4. Cho tam gidc ABC vudng tai & c6 BC=a,AC=b,AB=c_Gjdj tam gidc vudng
ABC biét rang:

a) c =3,8cm, B =51° b) a =llem; & =60".

Dang 2. Tinh cac canh va géc cua tam giac

Phuong phdp gidi: Lam xudt hién tam gidc vudng dé é&p dung céc hé thirc luong
trén bang céch ké thém duong cao.

< Gido vién huong dan hoc sinh gidi bai tdp sau:

Bai 5. Cho tam gidc ABCcg BC=llem, ABC =38"y:3 HCB=30" Goi N 1a chan duong
vuong goc ha tir A xuéng canh BC. Hay tinh:

a) D6 dai doan thang AN; b) b6 dai doan thang AC.

Bai 6. Cho tam gidc ABC, c6 BC =6em, B =60",€ =40" 113y tinh.

a) Chiéu cao CH va canh AC b) Dién tich tam giac ABC.

<* Hoc sinh tw luyén nhitng bai tdp sau tai 16p:

Bai 7. Cho tam gidc ABCcg B=60",€=50°,AC=3,5cm Tin} dign tich tam gidc ABC (Iam
tron dén hang don vi).

Bai 8. Cho tr gidc ABCD ¢ cac duong chéo cat nhau tai O. Cho biét
— — — 0 Ve « N 4 7 o /
AC =4cm, BD =5cm, AOB =50 Tipp dién tich tr gidc ABCD

C. BAI TAP VE NHA
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Bai 9. Cho tam gidc ABC vudng tai 4 cé BC =a,AC=b,AB=c_Gjdj tam giidc vudng
ABC bjét rang:

a) b =5 4cm, & =30° b) ©=10cm & =45"

Bai 10. Cho tam gidc ABC vudng tai & c6 BC=a,AC=b,AB=c_Gjdj tam gidc vudng
ABC biét rang:

a) @ =15cm,b =10cm b) b =12cm;c =7cm.

Bai 11. Cho tam gidc ABC vudng tai B. Giai tam gidc ABC biét rang:

— 0 _ _ 0 — — —
a) R =40°,AC =8 b) & =28°, AB =5 c) AB=8BC =15

N o o / 7 — 0 — O — 7 *« N 4 o /
Bai 12. Cho tam gidc ABC ¢ B=60",€=50",AC=35%m Tinh dién tich tam giac ABC.

N o 4 o / /7 — — 0 — 0 — — /7 « N 4 4 o /
Bai 13. Cho ti gidc ABCD ¢ A =D =90",€ =40", AB =4em, AD =3cm  Tnh dién tich ti gidc
ABCD

Bai 14. Cho tam gidc ABC vudng tai A+, c6 duong cao AH; HB =3m,HC =16cm.

a) Tinh ABAC AH

a) Goi D va E 1an luot 1a hinh chiéu vudéng géc ctia H trén AB-AC T gidc ADHE
la hinh gi?

b) Tinh chu vi ca dién tich cua t gidc ADHE

Bai 15. Cho tam gidc ABC vudng tai #- biét AB =3cm,BC =5cm

a) Giai tam gidc vuéng ABC (s6 do goc lam tron dén do)

b) Tr B ké duwong thang vudéng géc véi BC, dudong thang nay cat duong thang
AC tai D.
Tinh d6 dai cdc doan thang AP-BD.

c) Goi BF 1an luot 1a hinh chiéu cia # trén BCva BD. Chimg minh BF.BD =BE.BC.



TUYEN TAP CHUYEN DPE BOI DUONG TOAN

VAN PE 7. MOT SO HE THUC VE CANH VA GOC TRONG TAM GIAC
, , VUONG (PHAN II)
A. TOM TAT LI THUYET

e Cho tam gidc ABC vuong tai Acé BC=a,AC=bAB=c T3 c§;

b =a.sin B =a.cosC; B

c =a.sin C =a.cosB;

b =c.tanB =c.cotC; ¢ a
¢ =b.tanC =b.cotB.

e Trong mot tam gidc vuong

Canh géc vudéng = (canh huyén) X (sin goc d6i) = (canh huyén) X (cos goc ké)
Canh goéc vudéng = (Canh goc vuong) X (tan goc doi) = (canh géc vudéng con
lai) X (cot gbc ké).

B. BAI TAP VA CAC DANG TOAN
Dang 3. Toan irng dung thuc té
Phuong phdp gidi: Dung hé thic lién hé gitra canh va géc trong tam giac
vudng dé giai quyét tinh huéng trong thuc té.
e Gido vién huéng dan hoc sinh gidi cdc bai tdp sau:

Bai 1. Mot cot déen c6 bong trén mat dat dai >m. Cac tia ndng mat trdi tao véi
mat dat mot goc xap xi bang 42°. Tinh chiéu cao cua cot deén.

Bai 2. Mot ciu truot trong céng vién cé dd déc 1a 28° va cé do cao 1a 1M Tinh
do6 dai ciia mat cau truot (lam tron dén chit s6 thap phan thir nhat).
e Hoc sinh tw luyén cdc bai tdp sau tai lop.

Bai 3. Mot cot dén c6 béng trén mat dat 1a °™. Cac tia ndng mat troi tao véi mat
dat mot goc xap xi bang 50°. Tinh chiéu cao ctua cot deén.

Bai 4. Mot cot dén dién AB cao 5™ cé béng in trén mat dat 1a AC dai 3°M. Hay
tinh géc BCA (lam tron dén phut) ma tia sang mat troi tao voi mat dat.
Dang 4. Toan tong hop
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Phuong phdp gidi: Van dung linh hoat mot sé6 hé thic gita canh va géc trong
mot tam gidc vudng dé giai todn.
e Gido vién hudng dan hoc sinh gidi bai tap sau:
Bai 5. Cho tam gidc ABC vuédng tai A4, cé A¢>4B_ Pudng cao AH. Goi D,E 14n luot
la hinh chiéu cta H trén AB, AC,
a)Chung minh AD.AB=AE.AC v3 tam giac ABC dong dang vdi tam gidac AED,
b)  Cho bigt BH=2cm HC=4,5cm Tinh d6 dai doan thang DE.
c)Tinh s6 do géc ABC (lam tron dén do).
d) Tinh dién tich tam giac ADE
e Hoc sinh tw luyén bai tdp sau tai 1op:
Bai 6. Cho hinh chit nhat ABCD. Qua B ké duong thadng vudéng géc véi duong chéo
AC tai H. Goi E, F, G theo th tu la trung diém cua AH, BH, CD
a)Chting minh t& gidc EFCG ]a hinh binh hanh.
b) Chumg minh BEG =90,
c)Cho biét BH =h BAC =a  Tinh Swco theo h va «.
d) Tinh d0 dai duwong chéo AC theo h va @.

C. BAI TAP VE NHA

Bai 7. Cho tam gidc ABC vudng tai A biét AB=2lcm € =60" Tinh d6 dai duong
phéan gidc BD cua goc MBC, D n&m trén canh AC,
Bai 8. Cho tam gidc ABC vuéng tai A, &=30", BC =10cm_
a)Tinh AB, AC
b) Ké tir A cic dudong thang AM, AN 1an lwot vudng géc véi cidc duong
phén gidc trong va phan gidc ngoai cua géc B. Chimg minh MN song song
v&i BC va 2MN =BC |
c)Chimg minh tam gidc MAB dong dang védi tam gidc ABC. Tinh ti s6 dong
dang.
Bai 9. Cho tam giac ABC vuong tai A, c6 AC>AB, duong cao AH. Goi D, E lan luot
la hinh chiéu cta H trén AB, AC,
a)Chung minh AD.AB=AE.AC v3 tam giac ABC dong dang véi tam giac AED,
b)  Cho bigt BH =2em  HC =4,5cm Tiph;
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i. P dai doan thdng DE.
ii. S6 do 4BC (lam tron dén dd).
iii. Dién tich tam giac ADE .
Bai 10. Chitng minh:
a)Dién tich ctia mét tam gidc bang nitra tich cta hai canh nhan véi sincua goc
nhon tao bédi cdc dudong thang chita hai canh ay.
b)Dién tich ctia mot hinh binh hanh bang tich cta hai canh ké nhan véi sin
clia goc nhon tao béi cdc duong thang chira hai canh &y.
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ON TAP CHU PE 3
A.TOM TAT LY THUYET
1. Hé thuc vé canh va duong cao trong tam giac vuéng
Cho tam gidc ABC vuodng tai A, duong cao AH . Khi do ta c6 cac hé thitc sau:
o AB’=BH.BC hay ¢’ =ac'
o AC® =CH.BC hay b’ =ab'
e ABAC =BC.AH hay cb =ah
o HA®=HBHC hay h* =c'b'
1 _ 1,1
e AH® AB’ AC’
1 1 1

Hay # & %
o BC’=AB’+AC’ (Dinh ly Pitago)
2. Tisé luong giac caa goéc nhon

e Cho géc nhon @ (0'<@<9) Dyng tam giac vudng BAC sao cho @ =HBC . Tir d6
ta co:

AB . AC AC AB
cosa@ =—— sina =—— tana =—— cota =——
BC . BC . AB . AC

e V&i goc nhon @ bat ky ta luén co:
O<sina<l, O<cosa<l |
_cosa

sina
tano = cota =—
cosa ; sina tan «.cot o =1,-

L , l+tan’ @ =——— l+cot’ @ =—
sin” a + cos a:1'- cos" « ; sin” o

e Néu hai géc phu nhau thi sin géc nay bang codsin goc kia, tang goc nay bang
cotang goc kia.
e Bang ti s6 luong giac cua cac goc dac biét:

(04
s 30° 45° 60°
Ti sO
sin o 1 Q ﬁ
2 2 2
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cosa ﬁ Q —
2 2
tan o ﬁ 1 J3
3
cota J3 1 %
3. Hé thuc vé canh va goc trong tam giac vuong

e Cho tam giac ABC vuong tai A c6 BC=a, AC=b 6 AB=c, Ta co:
b =a.sin B =a.cosC
¢ =a.sinC =a.cos B
b =c.tan B =c.cotC
¢ =b.tanC =b.cot B
e Trong mot tam gidc vubdng
Canh goc vudng = (canh huyén)X(sin géc doi)
= (canh huyén) X(cosin goc keé)
Canh goc vudéng = (canh géc vudng) X(tang goéc d6i)
= (canh géc vudng) X(cotang goc ké)
B.BAI TAP TU LUYEN.
Bai 1. Cho tam gidc ABC vudng tai A, duong cao AH. Trong cdc doan thang AB,
AC, BC, AH, HB, HC  hay tinh d6 dai cac doan thang con lai néu biét:
a)AB =6cm va AC =9cm
b) AB =15cm va HB =Scm
c) AC =44cm va BC =55cm
Bai 2. Cho tam gidc ABC vuong tai A, (AB<AC) ¢4 duong cao AH va AH =12cm,
BC =25cm

a)Tim do dai cdc doan thang BH, CH | AB y3 AC
b) Vé trung tuyén AM . Tim sé do cta géc AMH .
c)Tinh dién tich tam giac AHM .
Bai 3. Cho tam giac ABC cé duong caoCH | BC=12em B =60 vy € =40
a)Tinh d6 dai cdc doan thang CH va AC,
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b) Tinh dién tich tam giac ABC,
Bai 4. Cho tam gidc ABC vudng tai A, duong cao AH, AB=3cm AC=dcm
a)Tinh d6 dai cac doan thdng BC va AH
b)Tinh s6 do céac géc B va ¢
c)Puong phan gidc trong géc cit canh BC tai E. Tinh d6 dai cic doan thang
BE v CE .
Bai 5. Cho tam gidc nhon ABC c6 duwong cao AH. Tw H ké HE vuong goc voi AB (
E thudc AB) va ké HF vuong goc voi AC (F thuoc AC).
a)Chting minh AE.AB=AF.AC
b)  Cho biét AB=4cm AH =3cm Tinh d6 dai cdc doan thdng AE va BE.
c)Cho biét HAC =30, Tinh d6 dai doan thdng FC.
Bai 6. Tt gidc MNEF vuong tai M, F, cO EF la day 16n, hai duwong chéo ME va NF
vuong goc voi nhau tai O.
a)Cho biét MN =3cm 3 MF =12cm . Hay:
i. Giai tam gidc MNF
ii. Tinh d6 dai cac doan thang MO va FO.
iii. Ké NH vuong goc voi EF tai H. Tinh dién tich tam gidc FNE . Tw d6 tinh
dién tich tam giac FOH
b) Chimg minh MF® =MN.FE
Bai 7. Cho tam gidc DEF biet DE =6cm DF =8cm = EF =10cm
a)Ching minh tam gidc DEF la tam gidc vudng.
b) Vé duong cao DK . Hay tinh DK, FK
c)Giai tam gidc vuéng EDK .
d) Vé phan gidc trong DM cua tam gidc DEF . Tinh cdc d6 dai cac doan
thang ME, MF
e)Tinh sinF trong cac tam gidc vuong DFK va DEF | Tir d6 suy ra ED.DF =DK.EF
Bai 8. Cho tam giac ABC vudng tai A, B=60" y3 BC=6cm_
a)Tinh do dai cac canh AB, AC,
AB _AC
b) Trén tia d6i cla tia BA 18y diém D sao cho BDP =BC . Chtmg minh BD CD |
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c)Pbuong thang song song véi phan gidc géc €BD k& tir A cat CD tai H. Ching
1 1 1
minh AH? AC’ AD?

Bai 9. Cho hinh vuéng ABCD va diém E tuy y trén canh BC. Tia Ax vudng goc v6i
AE tai A cat CD kéo dai tai F. Ké trung tuyén Al cuia tam gidc AEF va kéo dai cat
canh CD tai K.
a)Chirmg minh AE =AF ,
b) Ching minh cédc tam gidc AKF , CAF dong dang va AF° =KF.CF
_ BE =2 BC
c)Cho AB=4cm 4" . Tinh dién tich tam gidc AEF .
L
d) AE kéo dai cat €D tai /. Chimg minh AE® AJ® khéng phu thudc vao vi
tri cila diém E.
Bai 10. Khong dung may tinh, sap xép céc ti s6 luwong giadc sau theo thir tw tir bé
dén 16n:
a)sin24° cos35  sind4" = co70° sin78
b) cot24’ tanl6 = cot57'67' cot30" tan80
Bai 11. Khoéng dung may tinh, sap xép céc ti s6 lwong gidc sau theo thi tu tang
dan:
a)sin40" cos28  sin65  cos88 cos20
b) tan32'48' cot2836' tan5632' cot6718"
Bai 12. Cho @ la géc nhon.

1
) . cosa =—
a)"[‘inh sina  cota  tana biét

, 2

b) Tinh cosa | tana  cota hiét ey

c)Cho tana =2 Tinh sina cosa cota

d) Cho cota =3 Tinh sina | cosa | tana
Bai 13. M6t cot cd cao 7m cé béng trén mat dat dai 4™. Tinh géc @ ma céc tia

sang mat troi tao véi mat dat (lam tron dén phut).
Bai 14. Mot cot dén cé béng trén mat dat dai °™, cic tia sang mat troi tao véi
mat dat mot goc xap xi 44°. Tinh chiéu cao cua cot den.
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Bai 15. a) Tinh gid tri clia biéu thirc A=cos’20" +cos* 40" +cos* 50 +cos* 70"
b) Rut gon biéu thirc B=sin’a+cos’a+3sin*a- cos’a
Bai 16. Cho 0 <x<90", Hay chirng minh cdc d&ng thic sau:
a) sin® x +cos* x =1- 2sin’ xcos® x _

b) sin® x +cos® x =1- 3sin” xcos® x _

c)sin® x- cos® x =1- 2cos’ x|

Bai 17. Cho 0 <x<90" Hay chimg minh céc dang thic sau:

1- cosx _ sinx

a) sinx  l+cosx

sin x +1+cosx _ 2

b) 1+ cos x sin x sin x
sinx+cosx-1 _ 2cosx
C) 1- cos x sinx- cosx+1
VAN DPE 1
:35\/ﬂ;y:\/ﬂ

— . — . \ — . — \ X
Bai 1. Hinh 1: x=36y =64 Hinh 2: x=7.2y =128 . Hinh 3: 74

Bai 2. 9 BH =1,8,CH =3,2; AH =2,4; BC =5

b) AB =15; AC =20; BC =25; AH =12

Bai 3 BH =54 HC =9,6

Bai 4. BH =4,5;CH =8

Bai 5. x=V5iy =25

Bai 6. @ BH =1,8cm; CH =3,2cm; AH =2,4 cm; AC =4 cm

b) AB =65 cm; AC =156 cm; BC =169 cm; BH =25cm
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c) AB =5cm, BC =13 cm, BH :i—: cm, CH :114—34 cm

Bai 7. BH =50cm,CH =72 cm
Bai 8. BH =9cm,CH =16 cm

BH =§ cm, CH z% cm
34

Bai 9. 17

Bai 10. a) AB =7,5cm; AC =10 cm; BC =12,5cm; HC =8 cm
b) AH 23\/5 cm; AC =6\/§ cm; CH =9 cm

Bai 11. S =150em’

Bai 12, @ AH =3,6cm;b) BH =4,8cm; CH =2,7 cm

Bai 13. Duong cao: %72 ; D6 dai hai doan chia canh huyén: 1962304

HB =§ cm; HC =21cm

Bai 14.
Bai 15. AB=9cm; BC =20 cm; BD =15cm
VAN PE 2

M _CN
Bai 1. a) CD.CM =CE.CN (:CHZ); b) ACMN"” ACDE (c.g.c) Vi & ChU_I’lg Vi CE D
Bai 2. @9 AADI =ACDL (g.c.g)= DI =DL= ADIL |3 tam giéc cAn

1 1 1 1 1

b + = + =
)D12 DK? DI* DK?> DC?

Bai 3. 9 AB°+CH’ =(BH’ + AH")+CH” =BH" +(AH" +CH") =BH" + AC’

b) Lam twong tw cAu a) bai 1, c6 AM-AB =AN.AC (=AH")

1,1 _ 4 . 4
Bai 4. OA" OB* AC’' BD dpcm

a) BD =17;b) AH _120

Bai 5. 17
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¢) ABHI" AKCI (g.g) = HBI =IKC = AHKD" AHBI (g.9)

HK _HD < HK.HI =HD.HB =AH*
HB T HI
1 12
.. a) OB =9 cm, OD =16 cm; b) OA =12, AC zﬂ; €) S pc _1250 cm’
Bai 6. 3 3

o EB _ HB? HC® [AB2 'ACZ] AC _[AB]4 AC _[AB]3
Bai7. FC AB Ac |[BC BC | AB |AC) AB [AC
HB* HC* _ BC

b) BC.BE.CF =BC. . = (HB.HC)’ =L ant —am®
AB AC ABAC AH

Bai 8. a) AH la duong trung binh cta ABCD= BD =2AH

11 11 1

b) = + = +
BK? BC? BD®* BC® 4AH’

VAN PE 3.

Bai 1. 9 DE=6cm . ) Chttng minh M la trung di€ém cua BH:N13 trung diém cta CH
c)S =19,5¢cm

a) AB* HB.BC _HB
Bai 2. ~AC® HC.BC HC

by BD _HB? HC®* [ AB® AC*)| AC _[ AB]“ AC _[ AB]3
EC AB AC BC BC | AB (AC) AB | AC
2 2
c) BDCEBC—HB HC .BC (HBHC) BC =AH“L=AH =DE*®
AB ~ AC AH
2 2 2
d)YBC? =¥BD? +3/CE* = ,/BCZ ‘/BDZ 1/BC2 [@
CE CE CE AC

BC*? BC} [
= = =

CE> | AC CE) | AC BC) —AC

2

o sin® g =CEAC _HC _ JUcB (dpcm)

AC?>  AC?
Bai 3. 9 BH =3,6cm; CH =6 cm; AH =4,8 cm; BC =10 cm

b) BH =3,6 cm; CH =6,4 cm; AH =4,8 cm; AC =8 cm
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Bai 4. Canh huyén: 100¢m . cic canh goc vudng: 60cm vy 80cm
Bai 5. HB =22 cm; HC =12,6 cm

S :34560

.. ~204,5 cm’
Bai 6. 169

Bai 7. 9 AB=4cm, AB =25 cm, AC =4,/5 cm, BC =10cm

>v281 , AC =4/281, BC 2&, BH ZE
16 16 16

b) AB =
Bai 8. BH =9cm,CH =16cm

Bai 9. Tuong tu bai 3

Bai 10. P =35+21V5 ~81,95cm

Bai 11. S =150cm’

Bai 12. a) BC =6 cm; CK =4,8 cm; BK =3,6 cm; AK =6,4 cm

b) CB.CH =CK* =CACI

1 1 1 1 1

c = + = +
)KMZ HK? KI* CH? CI?

0 Al _KA® KB* _[AC® BC*| BC _[AC]“ BC _[ACr
BH AC BC AB AB | AC |BCc) AC |BC
VAN PE 4.

N sin B ZE; OK :\/ﬂ; OH =3
BAI 1. 5

. a)sin B =£ ~(0,9231;sinC =i ~0, 3846
Bai 2. 13 13

b)sin B :\/g ~(0,7559; sin C :\/g ~0,6547

Bai 3. a) Vi OK =22
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V10 V15

b) sin B =cosA :T; cos B =sin A ZT; tan B =cot A 2?6; cot B =tan A =i

J6

.. cos C =0,8;sinC =0,6; cotC zi; tanC :E
Bai 4. 3 4
Bai 5. AC =8 BC =/89

sin B =cosC zg; cos B =sinC zg; tan B =cotC ZE; cot B=tanC zg

Bai 6.
3 N _18V13
Bai7.a) Vi 13
b) sin B =cosC 2@; cos B =sinC 2@; tan B =cotC zﬁ; cot B=tanC zi
15 5 3 J6
. 3 4
.. sinC =0,8; cosC =0,6;cotC =—;tanC =—
Bai 8. 4 3
.. AC :E; BC :B
Bai 3 2

Bai 11. AC =72; BC =12/61

.. sinax =ﬁ; tan o =2\/€; coto =—6

Bai 12. 5 12

Bai 13. a) AC =9; BC =15

b) AC =9/17; AC =5

Bai 14. 9 AB=5J3; AC =5

b) ANBM 13 hinh chir nhét vi AN//BM; AN =BM

c¢) AMAB” AACB (g - g)

VAN PE 5.
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Bai 1. @)sin 20° <sin 70°; b) cos 60° > cos 70°; c¢) tan 73°20"' > tan 45°; d) cot 20° > cot 37°40' Bai 2

a) cot 71°(=tan19°) < cot 69°15'(=tan 20°85") < tan 28° <tan 38° < tan 42°

b) cos 79°13' =sin10°87"' <sin32° <sin38° <cos51° =sin39°

Bai 3. @) sin40° <sin70%; b) cos80° <cos50%; ¢) tan73°20" > tan 65°; d) cot 53" < cot37°40"
Bai 4. 9 cot79°15' =tan10°85' < tan12° < tan 28” < cot 61°(=tan 29") < tan 58’

b) cos85° < cos67°(=sin23°) < cos63°41' =(sin 26°59") <sin56° <sin 74°

Bai 5. Dung mo6t tam giac vuong cé

a) bo dai canh goéc vuong la 3, canh uyén la 5, géc doéi dién véi canh géc vuoéng do
la @

b) d6 dai canh géc vudng la 4, canh huyén la 7, goc gitra canh goéc vuong va canh
huyén dé la @

c) D6 dai hai canh goéc vuong la 3 va 2, goc doi dién véi canh géc vuong co do dai
3la @

d) Bo6 dai hai canh goc vuong la 5 va 6, géc doi dién véi canh goc vuong do dai 6
la géc @

Bai 6. Dung mo6t tam giac vuong cé

a) bo dai canh goéc vudng la 2, canh huyén la 3, goc d6i dién véi canh géc vudng
dé la goc «

b) D6 dai canh gbéc vuong la 2, canh huyén la 5 gbc gitta canh géc vuong véi canh
huyén dé la goc @

c) D6 dai hai canh goéc vuong la 3 va 2, goc doi dién véi canh géc vuodng c6 do dai
3la @

d) Do dai hai canh goc vuéng la 4 va 5, goc doi dién véi canh goc vudng do dai 5
la goc @
Bai 7. BC =32,5cm; AC =12,5¢cm

. a)sin B =£; sinC =2
Bai 8. 13 13
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b)sinB = 2 inC :T

7
Bai 9. Dung m6t tam giadc vuong co

a) bo dai canh goéc vudng la 1, canh huyén la 2, goc dé6i dién véi canh géc vudng
dola @

b) D6 dai canh géc vudng la 2, canh huyén la 3, goc gitta canh géc vuong va canh
huyén dé la @

c) D6 dai hai canh géc vuong la 4 va 5, goc doi dién véi canh géc vuodng c6 do dai
4 la géc @

d) D6 dai hai canh goc vuong la 4 va 5, géc doi dién véi canh géc vuong cé do dai
4 la géc @

Bai 10. @) cos 62°(=sin 28”) <sin34° <sin 35’ <sin45° < cos28°(=sin 62)

b) cos65°30'(=sin 24°74") < cos 59° (=sin 31°) <sin47° < cos37°(=sin53°) <sin 72’

1 1
a)A=—;b)B=—
Bai 11. V2 V2
cosa =£; tan o :L; cota :2\/5
Bai 12. 5 2.6

Bai 13. Tuong tw Bai 14, Van dé 4
Bai 14. 9 A=30)=25

Bai 15. Goc 2¢ 1a géc AMH

AH 2AH AB.AC .
= =2 > =2sina cosa
BC BC

a)sin2a =

JHM _HC _2HC AC?

b)1+cos2a =1 =2.— =2cos’ &
AM AM  BC BC

HM HB 2HB AB? . 2
= = =2. > =2sin“ a
AM AM  BC BC

c)1- cos2a =1-

VAN DE 6.
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. a)a
Bai 1. 3 3

b) b =20sin 35° ~11,48, c =20c0s35° ~16,38

. a)e=ViI5sinB=0 o B=41,8° = B =48,2°
Bai 2. 15

b) a =+/193; tan B :% > B ~59,7° = %) ~30,3°
Bai 3. 9)a=35B~531% € ~36,9°

b) c =8; B =41,8"; € =48,2°

Bai 14. @b ~2,95a ~4,65; & ~49°

b) c ~9,53% b =5,5; B =30°

Bai 5. AN ~3,65cm; AC ~7,3cm

Bai 6. 9CH =33 cm; AC =33 :5in80° ~5,28 cm
b)S 2%.3\/5.6,92 ~17,98 cm’

Bai 7. S ~5,09cm’

Bai 8. S =7,66 cm®

Bai 9. 9)c~312;a~6,24 B =60°

b)a =102

. a) ¢ =/115;sin B 10 B ~41,8° = & ~48,2°
Bai 10. 15

12
b)a =\/193; tan B == B ~59,7° = & =30,3°
Bai 11. a) a ~5,14 cm; b ~6,13 cm; E =50°

b) A =62°; a ~9,4 cm; b ~10,65 cm
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c)b =17 cm; A ~61,93 cm; e ~28,07°

Bai 12. S ~509,08 cm’

24+93
. S =" om
Bai 13. 2

Bai 14. a) AB =15 cm; AC =20 cm; BC =25cm; AH =12 cm
b) ADHE 13 hinh chir nhat
c) S =69,12 cm*; P =33,6 cm
Bai 15. a) AC =4 cm; B =53,13°%; & =36,87°
b) AD =2,25cm; BD =3,75cm
c) BF.BD =BA’ =BE.BC
VAN PE 7.

Bai 1. Chiéu cao ~6m75m

Bai 2. D0 dai sin28°

Bai 3. Chiéu cao =5tan50” ~5,96m

Bai 4. BCA=5944'

Bai 5. 9 AE.AC =AH* =AD.AB = AABC" AAED (c.g.c)

b) DE =3 cm

) U4BC =56°;d) S, %cm2

..  EF =CG =X AB; EF / /CG / /AB

Bai 6. 9 Vi 2

b)CF L BE 13 EG//CF = EG L BE = BEG =90°
h2

) Sppep =
SIN &X.COS
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d) AC =—— "
SIn xcosa

21

BD=—"— ~22,73cm
Bai 7. c0s22,5°

Bai 8. 9 AB=5cm; AC =53 cm

b) AMBN 13 hinh chit nhat = €BM =4BM =NMB = MN //BC (so letrong)= AMBN 13 hinh chir

= MN =AB Z%BC

nhat

) EBM =4BM :%EBC =30° =MCB = AMAB" AABC (g.g) AB :%

Ti s6 dong dang BC

Bai 9. Tuwong ty bai 5

Bai 10. a) Gid st tam gidc 4BC ¢4 A<90° | k& dudng cao BH ta cé

BH =ABsinh= S, :%BH.AC = S, :%AB.Ac.sinQ\

b) ABCD 13 hinh binh hanh cé A<90°AABD =ACBD = S, =25,,, =ABsin A

BC :3\/E cm; AH :@ cm; BH :121\/E cm:; CH :27\/ﬁ om

Bai 1. a) 13
b) BC =25cm; AC =20 cm; HC =16 cm; AH =12 cm

c) AB =33 cm; AH 2% cm; BH 2% cm; CH 2% cm

Bai 2. a) bat BH =9cm; CH =16 cm; AB =15 cm; AC =20 cm

b) AMH ~73,4°;¢) S,,,, =84 cm’

6/3

. a) CH =6+/3 cm; AC =—
Bai 3. sin80

— ~10,55cm

1
b) Suasc :E 6\/5(6 +1,83) ~40,69 cm?

a) BC =5cm; AH 2% cm

Bai 4
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b) B ~53,13°; & ~36,87°

c) BE 2% cm; CE 22—70 cm

Bai 5. 9 AE.AB=AH’ =AE.AC

b) AE :g; BE :Z
4 4
c) FC ZQ cm
3
Bai 6.
a) i) NF =15 cm; MFN ~48,59°; MNF ~41,41°
i) OM =30, pp =38
5 5
S FO FH 9
iii) Sy =96 cm?; A =—— — === § = =34,56cm’
oz FN FE 25
b) AMFN" AFEM (g - g) = ME _MN _, gp? =MN FE
FE FM

Bai 7. a) Vi DE*+DF® =FE’

b) DK :2—54 cm; FK 2% cm

¢) EK :% cm; BKE =90°; RDE ~36°,52"; RED ~53°8"

d) ME =3—70 cm; MF =4—70 cm

DF _ DK _DE
EF DF

< DE.DF =DK.EF

e) sin Brk 2%, sin BFE =
DF

Bai 8. 9 AB=3cm; AC =63 cm

b) AB zﬁ =cosABC =cos60° =cosdcD zﬂ
BD BC CD
1 1 1

c = +
)AHz AC®> AD?



TUYEN TAP CHUYEN DPE BOI DUONG TOAN

Bai 9. @) AABE =AADE (g.c.g) = AE =AF

b) ¥ chung, FAK =FCA =45° = AAKF" ACAF (g- g)= % :% o AF? =KF.CF

93
€) S er = cm?

1 1 1 1

d) AE =AF = + = + =
) AE* AJ* AF* AJ* AD’

=const

Bai 10. 9 c0s70°(=sin 20°) <sin 24° <sin45° < cos35° (=sin 55°) <sin 78°
b) tan16°(=cot 74°) < cot 57°76" < cot 30° < cot 24° < tan80° (=cot10°)

Bai 11. 9 cos20° <sin 65°(=c0s25°) < c0s28° < sin40° (=c0s50°) < cos88’

b) cot 67°18'(=tan 22°42") < cot 28°36'(=tan 61°24") < tan 32°48' < tan 56°32'

;cota =24

24
a) cosa :T; tana =

Bai 12.

5
£; tana =—; cotax =—

3 Js’ 2

ul
N[ —
AN

b) cosa =

1 1 . 2
c) cota :E; cosa =+——;sina =+—

J5 5

1 . 1 3
d)tan o 25; sina =+——; cosaa =+—

V1o 1o

tan o :% = o ~60°15'

Bai 13.
Bai 14. 628cm
Bai 15. 9 A=2b) B=3sin"a +sin’ «

N a) sin® @ + cos*a =(sin® a + cos*a)’ - 2sin® acos’a =1- 2sin® acos’a
Bai 16
b) sin® & + cos’a =(sin” a + cos’a)* =- 3sin® acos’a(sin® a + cos’ c)

c)sin* a - cos*a =(sin’ a + cos*a)(sin® a - cos’a) =1- 2cos’a
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a 1- cosx _ sinx
Bai l17. sinx  1+cosx

& (1- cos x)(1+cosx) =sin” x < sin® x +cos’ x =1

byVT :sin2 x+(1+cosx)®  1+2cosx

sin x(1+cos x) " sin X(1+ cos x) B

c) Bién déi twong tu cau a
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