Cau 1.

Cau 2.

Cau 3.

PHAN. C. BAI TAP TRAC NGHIEM
DANH CHO HQC SINH TRUNG BINH
Cho cac ham s6 =flx),y =g(x) lién tuc trén doan [a:0] va ¢ d6 thi nhu Hinh.

g ¥y =fx)

/
P
~N— 172w

o a b x

Khi d6, dién tich hinh phing gidi han boi db thi cac ham s ¥ =/ (¥) | ¥ =&Y y3 hai duong

thél’lg X =d, x =h la:

s :ﬂ}‘(.‘r}— gl x)|dx s :ﬂg[r}— fl[.‘r}}'!'.‘r
A. b B. “ .

S :J‘ﬂ_f'l[.'r}— gl[.‘r}}'[‘r S ::ﬂfl[r]l— glx)|dx
C. . : - .

D.
Loi giai

Cho ham s& ¥ =/ (%) lien tyc tren (@8] ya /(0) =0 VXE[@D] pish ioh hinh phang gi6i han
béi db thi ham s6 ¥ =/ (%) truc O va hai duong thing * =% = dugc tinh bing cong thirc

S Z]:f[x}rf_r 5§ =- I;l‘j‘(.f}:iv

A. B.

S=r1 I:J‘_f‘( x)dx S=r1 J{ fx )]  dx
C. a . D. a .
Loi gidi

Cho S 1a dién tich phan hinh phang dugc t6 mau nhu Hinh.

Khi d6 biéu thtc tinh dién tich S 1a

S :‘ﬂ]'(.‘r}— g(x)|dx s :.ﬂfl[.'r}— 2(x)|dx + J[g(_'r}— f(x)| dx
A. a . B. a m .
s :J[;‘(.rnd_w J[gl[.‘r}| dx s :J‘gl[.'r}|d.'r+ J[f‘(_rn dx
C. a m . D a m .

Loi giai



Cau 4.

Cau 5.

Cau 6.

Cho céc ham s6 =f(x),y =g(x) 6 do thi 1an luot 1a (),(C) va hinh phang duoc t6 mau nhu
Hinh.

1 ©)

Cong thuc tinh dién tich hinh phang duoc t6 mau 1a:

5= [0 £ dr+ |G- (]
A. -1 ! .

S= I-I'[g(_r)- j(r]l dx - iﬂg(r)- j(r)] dx
B. -1 ! .

5= f[e()- £()]d
¢, ST s sl

s=([fG)-g()]d
p, S/ s Wl

Loi gidi
Chon B.
y =f(x)

Goi S 1a dién tich hinh phing gi6i han béi dd thi ham sb - , truc hoanh, dudng thing

X =a.X =b (hyr hinh vé bén). Hoi céch tinh S nao duéi day ding?

ﬂ‘l H'Vf‘ b ':

S :}f‘(.x)dx S = jj (x )dx + J'j () dx
A, @ . B a : .
S =- ]‘f(ﬂdx + J'j'(_'r)dw s :]'j'(.r]dv + J‘j'(r)a’x
C. “ ¢ . D. a : .
Loi giai.

(Chuyén Nguyén Tat Thanh Yén Bai 2019) Dién tich cta hinh phiang dwoc gi6i han bai dd thi

ham s =f (x), truc hoanh va hai duong théng X=a X =b (a<b)

v€) tinh theo cong thirc nao dudi day ?

(phan t6 ¢am trong hinh



5 :If'(.v)d1'+ I:I‘_f(.'r)dr 5 :]tf(.‘{):ix
A. a € . B. a .

5 = j,-f () + medv ) S =
' Loi gidi

If (o )dx

y=,)

Dién tich cua hinh phang dwoc giéi han boi dd thi ham sb , truc hoanh va hai dudng

S = ;ﬂf—(.‘r)|d'r = iﬂf-(.'r)|d'r+ ;ﬂ_f-(.‘r)|dr =- il‘_f'(_r]ldr+ tl‘_f‘l[_'r}d'r

thang X =@ X =b 13 @

Cau7. Cho ham s6 ¥ =/ () ign tyc trén R va co db thi cit truc OX tai dang ba diém phan biét

a,b,cla<c<b) Go;i Si 13 dién tich hinh phing gi6i han béi db thi ham sé va truc OF twong img

véi ¥ [a:c].5, 1a dién tich hinh phéng giéi han béi d6 thi ham sb va truc OX tuong tng voéi
b
. o | [f ()
x€[c;b] Néu Hx) =0, % glaic], f(x) =0, Yx g[czb] thi gi4 trj ciia béng
A B. %% c. i+, D. 5%

Loi giai

f f(x)dx = If‘{x Jalx + p‘( x)dx =S, - §,
. @ : .Chon B
Cau8. Cho ham s6 ¥ =/ (%) 1ien tuc trén R va c6 dd thi cit truc OX tai dung ba diém phén biét

a,b,cla<c <b) Goi 5 1a dién tich hinh phing gii han bai d6 thi ham s6 va truc OX tuong ting

i xela;c],S

vé > 14 dién tich hinh phing gi¢i han boi d6 thi ham sé va truc OX tuong Gmg véi

b
[feo
thi gia tri cia bang
A SIS B. 55 c. it p. 5752,
Loi giai

xE€[e;b] Ny f(x) =0, Vx €aic], f(x) 20, Vx €[c:b]

J‘_,f‘(.r )dx = lf‘(.r )dx + j f(x)dx =- 8§, +5,

a

. Chon C.

Cau9. Cho ham sb6 ¥ =/(x) lién tuc trén R va c6 dd thi cit truc OX tai ding ba diém phan biét

a,b,cla<c<b) Goi S 1a dién tich hinh phing gii han boi dd thi ham s6 va truc OX tuong tmg



.. XEla;c],S

Vi > 1a dién tich hinh phang gi6i han boi do thi ham sé va truc OX tuong tng véi
b
I o [ ()
xe[c;b] Néu / (x) =0, Yx €[aic], f(x) =0, Vx €[c:b] thi gi tr cua ¢ béng
ASTS: B.5 ™% c. 5i*s: p. 575,

Loi giai
[f(x)dx = [f(x)dx+ [f(x)dx =5, +5,
a a : . Chon A.
Cau10. Cho ham s6 ¥ =/ () ign tyc trén R va co db thi cit truc OX tai dang ba diém phan biét
a.b.cla<c<b) Goi Si 13 dién tich hinh phing giéi han boi db thi ham sb va truc O twong ting
véi [a:c].5, 1a dién tich hinh phéng giéi han béi d6 thi ham sb va truc OX tuong tng voi
b
|G
thi gia tri cta ¢ bang
-5, +5, p. "S5,

x€[c;b] Néu Fx) =0, % glaic], f(x) =0, Yx g[cb]

A Si+S B. 515, C

Loi gidi
[f"[.m' bdx = [f"[.x' bdx + [I"[.m' Jdx =- §,- §,
“ “ 8 .Chon D
Céu 11. Chohamsé ¥ =/ (%) ¢¢ dao ham 1a ham lién tuc trén R va c6 do thi =/ (%) ¢4 truc OX taj

diing ba diém phan biét 9-2:¢(@ <€ <) Gai Si 13 dien tich hinh phing gi6i han béi db thi ham

s6 V=1 (%) va truc OX tuong tmg véi Y€[a;c].5, 1a dién tich hinh phang giéi han béi db thi
ham 6 S truc  OX  tong g véi  “E@0] N
fx)=0,Yxela:c], f (x) =0, Vxe[c1b] thi gi4 tri cua f(b)- f(a) béng

A.S'+S3. B.SI-S3. C._S'+S3. D._S'_SE.

Loi giai

FB)- fla)=[f (x)de = [f (x)dx+ [f (x)dx =5, +5,
a a : . Chon C.

Céu12. Chohamsé ¥ =/ (%) ¢6 dao ham 1a ham lién tuc trén R va c6 dd thi ¥ =/ (%) ¢4 truc OX taj

déing ba diém phan bigt 9-bela<c <b) Go; 5

14 dién tich hinh phang gi¢i han boi d6 thi ham

s6 V=1 (%) va truc OX tuong tmg véi Y€[a;c].5, 1a dién tich hinh phang giéi han béi db thi
ham 6 /) a4 gue  Ox tuong g voi  “E[@0] N
fx)z0 ¥Yxelaic], f (x) =0, Vx€[e:b] thi gié tri ciia f(b)- f(a) biing

A.S‘+S3. B.S‘-S3. ._S'+53.

C
Loi giai

fB)- fla) = [f (x)dx = [f (x)dx+ [f (x)dx =S, - S,

“ “ : .Chon B



Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cho ham sé ¥ =/ () ¢4 dao ham 1a ham lién tuc trén R va co @6 thi =/ (%) ¢4 truc OX taj

déing ba diém phan bigt 9-:¢(@ <€ <B) G0 51 13 dien tich hinh phing gi6i han béi db thi ham

s6 ¥ =1 (%) V3 truc Ox twong tmg voi * EL%152 13 dien tich hinh phing gi6i han béi db thi
ham sd f () va truc Ox tuong ung voi x€[e:b] Néu
£ (1) 20, ¥re[acl, £ (x) 20, Weleh] i gia i et /B) @ bing

ASiHS: B. S5, c. S+, p. 55

Loi giai

£(B)- fla) = [ (x)dx = [f (x)dr+ [f (x)dx =5, +5,
“ “ : . Chon A

Cho ham s ¥ =/ (%) ¢ dao ham 12 ham lién tuc trén R va ¢6 dd thi ¥ =/ (%) 4 truc OX tai
a.b.cla<c<b) Goi S 13 dién tich hinh phing gidi han boi db thi him
xe[a;c],8

dung ba diém phan biét

4
A

s6 V=7 () ya truc OX twong g véi > 13 dién tich hinh phing gi6i han béi db thi

ham s6 /(9 ya truc OX tuong tmg véi *E[G0] Néu 1 (x) <0, Vx€[a;c]
f(x) =0, VxE[c:b] thi gié tri cia f(b)- fla) béng
ASHS B. 51, c. it p. 5%

Loi giai

£(B)- fla) = [f (x)dx = [f (x)dx+ [f (x)dx =5, - 5,
a a : . Chon D.

Hinh v& bén biéu didn truc hoanh cit db thi ham sé6 ¥ =/ (*) tai ba diém c6 hoanh do >*2>%

( <x; <x,) . Dién tich phan hinh phéng gii han boi dd thi ham s§ ¥ =/ (%) va truc hoanh 1a
y

y = f(x)

[/ (x)dx+ f f(x)dx
N

J‘_}‘ {x)ddx - Ifl’ xhdx
B. =

YJ' f(x)dx

J',fh \d + J‘ £ (x)dx

C. D.

Loi giai
hY :‘ﬂff‘l.]' | dx :ﬂff x) | dx+ ﬁff‘l.]l | dx :J‘fh ) - J‘fh \dx
.Chon B

Hinh phang duoc danh dau trong hinh v& sau c6 dién tich 1a



O

s :;W’llf.‘r}- gl[.'r}|d'r+x‘“h|:r]l— f(x)|dx S :ﬂf‘(.ﬂ- g(_r}|dv+‘J[f‘(x}- h(x)|dx
A e : . B. ¢ :
s :in[r}— glx)|dx+ J‘hl{.‘r}— flx)|dx S Zﬂﬂ.‘f]" g(-‘f]'|d‘f+~_|[f|{-‘f]" hix)| dx
c. = : D. - :

Loi gidi
Chon D

5 =5,+5,

! 13 hinh phing gi6i han boi cdc db thi ham s6 ¥ =/ Y =2(3) 43 cac duong thing

x=a,x=b '
52 13 hinh phing gi¢i han béi céc dd thi ham sé6 ¥ =S¥ =h() 3 cac quong thing
x=b,x=c

§=5+5, :J[f‘(x}- g(x)|dxc+ J[f‘(_r}- hix)| d.

Cau 17. Hinh v& bén biéu dién duong thing ¥ =™ cit dd thi ham s& ¥ =/ (%) tai ba didm c6 hoanh do

n wn b <n <n) pien phan hinh phing giéi han béi hai dudng trén la

-I]T_f'l[.‘r}— f.u}d.'r+“:|'|{f|f.‘r]l— m)dx “]'(_f'l[.'r}— m)dx - “:I‘(_fl[.'r}— m)dx
E ' B. *

JTm— Flx))de+ J‘m— (x))dx
C. = . D.
Loi giai

I{f (x)= m)dx




Cau 18.

Cau 19.

Cau 20.

Y ::Ijv‘[_r}— m | dx
:.{jbhfr} - m|dx+ _ﬂjfr} - m|dx ZJ‘U (x)- m)dx - _l":f (x)- m)dx.

Dién tich hinh phéng giéi han boi hai dudng thing * =%* =7 | 43 thi ham s6 ¥ =S¥ va truc
Ox 13:

) - cosxdx 5 :. cosx dx
Nt n '

S :J]l:r:rs.r| dx s :,Tj‘ccrs.ﬂa’r
C. a D. i

Loi giai
Dién tich hinh phing gi¢i han boi hai duong thing ¥ =% =P ya cic dd thi ham sb
i S :_ﬂ)“[r}— gl x)|dx s :_ﬂcns.ﬂ dx

y=fl).y=gx)y . Khi d6, theo d& bai taco ¢

Cho ham s6 " =/ (¥) ¢ db thi nhu Hinh. Goi S 12 phan dién tich hinh phing dugc t6 mau. Phét
bi€u nao sau day la dung?

YA
0,5
] /P_;
-------- 0 05«%
-0,51
A |
S= [ f(x)dx S = [Flx)dx
N g O
8= .j;flf.f}d-‘f § =- -I-I-.Iffl[.r}c?'.'r
C. 2 . D. i :

Loi giai
Chon D.

Goi S 1a dién tich hinh phing dugc t6 dam trong Hinh. Cong thirc tinh S 1a:



Cau 21.

Cau 22.

Cau 23.

Cau 24.

5= I_l'ff.r}dx + ]‘f[x}dx

A. B.

h) :]J‘f{x}dx 5 =- ]‘f{r}dr

C. D.

Loi giai
Chon B.

Dién tich hinh phing giéi han boi d6 thi cac ham s
x=lLx=3 1a:

i k]

J(f' - .Tz}‘!.T J(.Tz -x ]:ir
1 . L .

3 3

A. B.

Cdx- [ d v+ [0 d
. I_rr X Iw X o, ,J} r+|¥ X
Loi giai

Di¢n tich hinh phang gi¢i han béi b thi cia ham sé ¥ =€
x =0,x =In4d 1a

A. 1. B. 3. C.2In2-1,

Loi giai
Chon A.

-2

y=x,y=x"

5= I_l'flf.r}dr - ]‘f{x}dx

va hai duong thang

, truc hoanh va hai duong thang

D.3-4In2

Cho ham s§ ¥ =/ () lién tuc trén doan (53] Dién tich hinh phang gidi han bai do thi ham s6

¥ =/(¥) tryc hoanh va cc duong thing ¥ =LY =3 13

s :ﬁf{rﬂd‘r Ry Z]:f{_r]a’x
. ! . ! .

A B.

§=- ]‘f[r}dx s :Iﬁ;‘[r}h?’.r

C. D.

Loi giai
Chon A.

€4u hoi nhan biét ing dung tich phan tinh dién tich hinh phéing.

Dién tich hinh phang gii han boi d6 thi cac ham sé
x=0,x =4 béng

s :](E"" + S){_r s :](E"" - S)d.‘r
. . B. ¢ .

A

y=e,y=-3

va hai duong thiang



Cau 25.

Cau 26.

Cau 27.

4

S=T J(E + S)i'r s :;T](E” +5): dx
C. a . D. a .
Loi gidi

Chon A
5 :iﬂe” - (- S}Fi :](E"" +5}i‘r.

I 1 _ 2 . . 2
y=x-3x , truc hoanh va hai dudng thang

Dién tich hinh phang gidi han béi d6 thi ham sb
x=-2;x=3 béng
27 1 75
A 4. B. 4. C. 4. D. 12.
Loi giai

e gy = e 2 _ X : | 3 _ 75
S —-Eﬂx - 3x }’[r —‘-_!‘(.r 3x }ir _”I x ﬁ =
Dién tich hinh phing gi6i han béi db thi ham s6 ¥ =S¥ tryc hoanh va hai duong thing

T
X=—.X=— .

6 3 bang

].' '\/g \/g- ]_ \/§+1 2_ .\/g
Ao 2 . B. 2 . C. 2 ' D. 2

Loi giai

) ZIJ[sin x| dx :-J'sin.m’.r =- cosx|} =- [msi- Ensi‘ :\E‘ 1

: : s v 3 6] 2

Dién tich hinh phing giéi han boi parabol (P)y=flx)=x"-1 , truc tung va tiép tuyén cua

(P) tai diém M(- 1;0) béng

> 2 1 4
A 3. B. 3. C. 3. D. 3.

Loi giai
) =(-1) =20 £ (-1) =-2
Ta co .
Phuong trinh tiép tuyén ctia (P) tai diém M (- 1:0) 14
y=f (- (x+D)+ f(-1)= p=-2x+1)+0 = y =-2x- 2.
s Zﬂ(.r: - I)— (-2x- 3}}’[ = -ﬂx: +2x+1[dx = %+x: +x|| =—

Dién tich can tim 1a -1 -1 \ il




Cau 28. Goi S la dién tich hinh phéng gidi han boi dd thi ham s6 =¢’ , truc hoanh, truc tung va duong
thing ¥ =9(@>0) Goi 52 13 dién tich hinh phing gi6i han béi db thi ham sé ¥ =€, truc hoanh,
truc tung va duong thang ¥ =20 >0) i 52 =354 1146 b- a bing
A, In5, B. - In5, C.5. D. -5,

Loi giai

a b

5§ = e dx :frl =¢" - I; 8, :J‘f"" dx =¢" l. =¢ - |

5 =55 +4 g -1 ZS(EJ = |)+4'ﬁ- g =5" = " =5 = h-a=Ins5
Vi 72 ! nén .

Ciu29. Cho hinh phing 1) gigi han boi d6 thi ham s6 ¥ =% = 2¥  truc hoanh, truc tung vi duong
thang * =3 Dién tich ctia hinh phang (H) dugc tinh bang céng thirc nao dudi day?

5 Z](.'r: - E.T}:".T S :.J'(— X +2.‘r)a'.'r
A. 3 : B. ! :

S :::ﬂ.'rz - E.TV.T 5 :iﬂr: - 3.‘r|rf.'r
C. 2 . D. 0 )
Loi gidi
Chon D.

Cau30. Chohamsé ¥ =/ () thoa man ham ¥ =/ (%) lien tuc trén R va c6 dd thi nhu hinh bén. Gi4 tri
ctia biéu thue J (4= f(=4) bing

AY | !
5 ,E . SENINITN WSS S,
: =)
3 [ [
] |
1 2
5|4~ . X
| -3 2] 1] O] 17 2| 3] 4]\§| 6
1 | s T
-1
=2
R P
A. 12. B. 3. C. 24. D. 6.
Loi giai
4 | 4—; . d—l : d+; : d—|-5-3+|-3-3—l"
f4)- fi- }—ff (x) .r—jf(.v} x ijlir} ¥ =3 3 =12

Cau3l. Chohamsé ¥ =/ ™) thoa man ham ¥ =7 () lién tuc trén R va c6 db thi nhu hinh bén. Gi4 tri
ctia bidu thie /(6)- S (1) béng

10



Ny
5
4
o Ly
L TATIN
1 \ .
2= o] AT 12 |3 14 B [6 [
=1 \
] [® \
7 3
= \
A dr-2 B. 27 +2 C.27-4 D. 27-2

Loi giai

: . o . | , 1
f(e)- f(1) :J“_,-f (x)dx :_[f (.r}d_wf_f (x)dbe =27 - =14 =27-2

.Chon D
Cau 32. Hinh ph'fmg gi61 han béi dd thi hams6 ¥ =~ X+ 2x va truc Ox ¢4 dién tich la
4 2 8 20
A 3. B. 3. C 3. D. 3.
Loi giai
. x =0
~x+2x =0«
x=2

" I -, :
=|-x +2xdr = l-x +2xHy = —+x° =—
5 ﬂ X 'r|(1’ J( ¥ T}{T 3 X | 3
Chon A.
2 b r —_— 2 2 g w— .
Ciu 33. Hinh phang gi6i han bai d6 thi ham s6 ¥ =" va duong thang * =2x+3 ¢4 dién tich la
49 29 22 32
A 3 B. 3. c. 3. D. 3.
Loi giai
. x=-]
x* =2x+3e
[.‘r =3

3 3

5 :‘ﬂ.'r:— 2= 3}7’. = J(— x* +2x- 3}1‘( :-

- .T:l‘ v
—+x - 3x
3

Chgon D

Céu 34. Hinh phing gidi han boi d6 thi ham s6 ¥ =e’ va cac duong thang =Lx=-1: dién tich la

11



y |
4,,
3 |
2 |
1 |
—e—"
-3 =2 -1 of 1] 2] X
1| |
1 1
_ 1- =
A. €. B. . c.e-1 D.e.

S :jﬁl - ¢dx :: Jltl - ¢ Mx =(x- ¢*)

-1 E.ChQnA

5 T .
Ciu 35. Dién tich hinh phang gi6i han boi cac duong * =x,y =2- va truc OX dugc tinh boi cong

thure
vt
N y=vx

2

v

3 )

JIJ._-- 2 + xMx f2- x- Jx )dx

A, 0 B. .
fx}’.‘?‘d‘r + I{E - x)dx J:.,,‘rm_dx - ﬁﬂ - x)dx
C. 1 ' . D. © o .

Loi giai

Jr=2-xe x=l

S =S,+S5,S! 13 hinh phing gii han boi cc dd thi ham s6 ¥ =V va cic duong thing
x =1y =0
S, y=2-x

13 hinh phang gidi han boi cac do thi ham sd * va cac duong thang

x =1,y =0.
1 2

5 = [(Jrde+ [[2- x)dx.
,I X 1+r|T x el

Chgn C

12
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(]

Céu 36. Dién tich hinh phang gidi han boi d6 thi ham sé =2 va cac duong thang * =Zx=-Lx c

0 gia tri bang

J(z ) ] Jl(z - 2 [2- 2}

Cau 37. Cho ham so y=/(x) hen tuc trén R ¢o do thi cit truc OX tai dang 4 diém phan biét (hinh bén).
ff (x)edx =21 If{v}dr =-2, If (x)dx =
Biét rang - Dién tich ctia hinh phang gi6i han boi do
thi ciia ham s§ ¥ =/ (‘) va truc OX bang

A.22. B. 20. C. 16. D. 26.
Loi giai

1 3 5
S = J‘[j‘l[.‘r}|a’:r+ J[_;Ll[.'r}|dr+ J'U‘(r]nhfx —21+2+3=26
B I : . Chon D.

Ciu 38. (P& Minh Hoa 2020 Lan 1) Dién tich hinh phang duoc gach chéo trong hinh bén bang

A fl(— 23 +2x +4)d‘r. B. fl(l.'r: - 2x- 4)d'r'

13



Cau 39.

Cau 40.

Cau 41.

c fl(— 2% - E.T+4-)d1‘ D fl(lr: +2x- 4)[11‘
Loi gidi
Chon A

Dua va hinh v& ta ¢6 dién tich hinh phang dugc gach chéo trong hinh bén la:
fl [(— x’ +3)— (.‘r: - 2x- 2)] dr = fl (— 237 +2x +4)d‘r.

(D& Tham Khao 2020 Lin 2) Dién tich S ctia hinh phing gi6i han béi cac duong ' =2,

Y= 1, x =0 ya ¥ =1 dugc tinh boi cong thire nao sau day?
1 1
S=r J(E.'r: +|)d‘r 5 :J(E.T: - I)d'r
A . B. ¢

I . ! .
5 :JIE.T: +I)- dr S :J'(E_'r:H)dr
c. ¢ . p. ¢ .
Loi giai
Chon D

5 :‘ﬂh‘: +I|d'r = J(E.‘r: +|)d‘r

Dién tich hinh phang can tim 1a o 0 do 2X" +1>0 e [0 ; 1] :
(M 101 - 2020 Lén 1) Dién tich hinh phang gi6i han boi hai duong =% =% va ¥ =2¥~ 4
bang

4 4o
A. 36, B. 3. c. 3. D. 367

Loi giai
Phuong trinh hoanh d6 giao diém ciia hai d6 thi da cho la:

x =0

.T:—4=2.T—4ﬁr:—2r=0ﬁ[ ,
x =2

Dién tich hinh phang gi6i han bdi hai d6 thi da cho la:

S ::'I‘](IT: - 4)- (2x- 41 dx :;ﬂx: - 3_‘:’|d_‘r :I](E_r- -T:)d.‘r _ ¥ ‘; :g

P
3

X , —2 —
(M 102 - 2020 Lan 1) Dién tich hinh phing gi6i han boi hai duong ¥ =% ~1ya ¥ =¥~ 1
JT 13 137

1
A. 0. B. 0. c. 6 . D. 6.
Loi gii
Chon D

x =0

¥-l=x-le x’-x=0e _
Phuong trinh hoanh d6 giao diém hai duong 1a: x =l .
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Cau 42.

Cau 43.

Cau 44.

Cau 45.

: 1
ﬂxz - x‘dx =g
Dién tich hinh phang gi6i han béi hai duong 1a 0

M3 104 - 2020 Lan 1) Dién tich hinh phing gi¢i han béi hai duong ¥~ ~ 3va Y=Y 3 pin
( phang g g g

1257z 1 125 T

A. 6 . B. 0. Cc. 6 . D. 6.
Loi giai

x =0

ve3=x-3e r-x=0= [ -
Ta c6 Phuong trinh hoanh d¢ giao diém: =

s :Iﬂ(r: - 3)- (x- ?rjrﬂ’r :.I'ﬂ.'r: - .TI([T ::j—

Dién tich hinh phfmg: a

(M 103 - 2020 Lan 1) Dién tich hinh phing giéi han boi hai duong ¥ =% ~ 2 va ¥ =3%~ 2 pipe
’ 9z 125 1257

A. 2 . B_ 2 . C. 6 ) D. 6

Loi giai

Xét phwong trinh hoanh d6 giao diém, ta c6:
& =0.

Oflx*- 2)- (3x- 2)|ax =2
Nhu vdy, dién tich hinh phiang duoc géi han bang © 2,

(Ma 102 2018) Goi S 1a dién tich cta hinh phing gidi han bai céc duong ¥ =2, ¥ =0, x =0
X =2 Mgénh d& nao dudi day dung?

S =7 [2°dx S= pra
N i o

S ::IJZ” dx S :‘]'23"{11'
C. o . D. 0
Loi gidi

5 :I:IJI].-.- |d_1 :IF dx o 2 50, Vxe [D.f 2] \

(Ma 101 2018) Goi S 1a dién tich hinh phing gi6i han boi cic duong ¥ =€, ¥ =0 x=0
X =2 Ménh d& nao dudi day dung?

S = [e*dy S =7 fe"dx S =7 fe"dx S = [2dx
N Sk T f

Loi giai

15



i S = J'e'rdx
Dién tich hinh phing gi6i han béi cac duong” = | ¥ :0, x=0 x=21; 0

=/ (x)

Cau46. (M 102 -2019) Cho ham sb - lién tuc trén R- Goi S 1a dién tich hinh phing gi¢i han

bori cac dusng » =/ C¥ F0X =1 00 X =5 b hinh vé bén).
y
y=J@)
—1
(7] 1 5 T
Ménh dé nao sau day ding?
1 5 1 5
S =- [f(x)dx- [f(x)dx S = [f(x)dx+ [f(x)dx
1 5 1 5
S = [f(x)dx- [f(x)dx S =- [f(x)dx+ [f(x)dx
o T e p, I
Loi gidi
1 5 1 g
S= I/ (x)|de+ | G)de = [FGdde- 7 (G )dx
Ta co: "ﬂ | "ﬂ | "I‘ "r .

Cau 47. (M4 103 - 2019) Cho ham s ! () lién tuc trén R . Goi S 1a dién tich hinh phang gi6i han boi cac

g — ) — — i N
duong y=fGy =0.x=-1x =2 (nhu hinh v& bén). Ménh dé nao dudi day dang?

ily

y = f(ﬂ")

-1/ g 1‘@:2:}

s= 'f_r(_r) dx +};- () dx

S = 'f_r(x) dx - },rm dx

A B.

S = [P [ d s -

C. D

Loi giai

Chon D
5 = [l Gl [1f Glix+ £ Gp

16



Cau 48.

Cau 49.

th hinh ta thay ham sb ! () lién tuc va nhan gia tri khong am trén doan [_ L 1] nén

'ﬂ.f(‘l.*jﬁi—'rf( )j"i ‘ ; f(JC)

; ham so

_ﬂ_f'(.'r)fﬂx =- p-(xm

. n \ R cr R ;2] .
lién tuc va nhan gia tri am trén doan [ ] nén

5= IJ'_;"(.T) dx - p () dx

Vay
(D& Minh Hoa 2017) Tinh dién tich hinh phing gi¢i han boi db thi ham sé ¥ =% ™~ va db thi
hamsé ¥ =%~ %
37 S 81
A 12 B. 4. C. 12, D. 13

Loi giai

x =0
yex=x-x @y +x -2x=0e |x=I
\ \ A s . r==2
Phuong trinh hoanh d6 giao diém
, \ Loy =D - \ L v —=x- x2
Dién tich hinh phang giéi han béi d6 thi ham s6 ¥ =% = % vadd thihamsé ¥ ="~ % la:

+

5= ]1.1‘3 -X= (.‘r— X ‘J{x +x° - "1)(?’1

J{x +x° - "'1):?’1

“m_§

(Dé Tham Khao 2017) Goi S 1a dién tich hinh phang (#) gidi han boi cac duong - y=f (r)
H—ff x)dv b= Jf( v )dx

hoanh va hai duong thing * == 1, * =2 pat -1 , , ménh dé nao sau day
dang?

17



A S=b-a B. S =b+a C.S=-b+a_ D. S=-b-a_
Loi gidi

Ta co:
= [f GYde = [If e+ £ de = [£Gde+ [£()dr=-a+b
Ry T Ty T
Ciu 50. (Pé Tham Khao 2019) Dién tich phan hinh phang gach chéo trong hinh v& bén dugc tinh theo

cong thirc nao dudi day?
07

]'(—3.T+2)a’.r ](2.1(- 2)dx
A B. .

](- 23 +2x +4)dx ](z.rf - 2x- 4)dx
c. - . D. -

Loi giai
Chon C

Dién tich hinh phang gach chéo trong hinh v& la:
5= J(x2+3)- (- 20- Dlix = [ 207 # 2x+4fix = (<207 + 25 + 4 )i
_.ﬂ R S

Ciau 51. (Mai 101 - 2019) Cho ham s ACY lién tuc trén R . Goi S 1a dién tich hinh phang gi6i han boi

cic duomg ¥ =/ Y F0x =71 v =4 (b hinh v bén). Ménh dé nao dudi ddy ding?

18



y .

s = ]‘j‘(.r)dx - [r Gy 5= j £ G [£ ()

A. ‘
5= [f()dx- _J'f(.r)dx

B

5= ]’j"(.r)dx +]’j'(.r)dx

C D.

Loi giai
Chon A

. f(x) 20Vxe[- 1:1]: f(x) =0 ¥xe[1:4]

Ta c6: ham so , hén:

s :]] fGYdx = J] £ GJdx +]] fG)|dx = 'ff(x)dx - ]’j‘(.r)dx
Chon B.

Cau 52. (M3i 104 - 2019) Cho ham sd f (x) lién tuc trén IR. Goi S 1a dién tich hinh phang gidi han boi ca

duong =/ (). y =0, x=-2 3 x=3 (nhw hinh v&). Ménh d& nao duéi day ding?
y
1 y=fX)

8§ =- I.l‘f(.'r)d‘r— ]‘j‘(.r)dr. §= Iff(.‘r)dr— Ij(r)dr

A B

5= I_l'f(.‘r)dr+ ]’j"(r)dr. 5= ]'j‘(.‘r)dr+ ]'f(.r)dr.

C

§ = [If W]dr =5 = [|f (e + [|f (]dx.

D.
Loi giai

Ta co

19



Cau 53.

Cau 54.

Cau 55.

. . :' (o )dx - 3 “(x)dx.
0o SG20 vre[-21] L f(s0 owee[rs] 7 J J

(Chuyén KHTN 2019) Dién tich phan hinh phang gach chéo trong hinh v& bén dugc tinh theo
cong thirc nao dudi day?

-J'('H': - 2x- 4)[11‘ -J(E.‘l.': +2x- 4)[11‘
I .

A. . B. -
J'( 2x7 +2x +—L)d1 J(— 2x" - 2x +4)d‘r
C. - . .-l
Loi giai
N . 2 - el =12
T dd thi ta thdy - ¥ +3=x"- 2x- 1 V'IE[ ]'-].
Vay dién tich phan hinh phang gach chéo trong hinh v& 1a
5= ﬂ +3) (1 —"1—I)]d‘« 'H +'H+—l)d1
-|
(THPT Poan Thuong - Hai Duong 2019) Goi S 1a dién tich hinh phing gi¢i han béi cac dd thi

ham sb: ¥ =x - 3 , Y=Y Tinh S .
A, S =4, B. S =8, c.S=2 p. S =0
Loi gidi

x=-2
= |x=0

Phuong trinh hoanh 9 giao diém cia hai dd thila ¥ - 3x=x = x’ -4x=0 [¥=2

S = I.il‘(m ——h)d‘a + J(m ——h)d‘n

Vay =4+4=8

(Chuyén Hung Vuong Gia Lai 2019) Goi S 1a dién tich cua hinh phang gidi han boi cac dudng
Y 3Y y =0 , =0 x=2 Menh de nao dudi day dung?

S = J3 S=x J}--‘d_r S =x JB “dx S :;’33-‘;?{{

B. o : C. o : D.
Loi giai
S = J}xdx
Dién tich hinh phang da cho duoc tinh béi cong thirc 0
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Cau 56.

Cau 57.

Cau 58.

(THPT Bong Son Thanh Hoéa 2019) Cho ham $6 Y f(r) lién tuc trén doan [ ; ] . Goi D 13
g
(C): ¥ ——_f' (1)

dién tich hinh phang giéi han boi do thi , truc hoanh, hai duong thang ¥ =a,
x=b (nhu hinh vé dudi day). Gia st So 1a dién tich hinh phang D . dung trong cac phuong an A,
B, C, D cho du¢i day?

Y :I.ir_f'(.r)dr + I:[f'(.l')dl' Sy == l:ir_f'(.‘r)dr+I:|‘_f'(_‘r)d1'
A. ’ . . B ’ 0 i
S, :ff-(.I')di' - If'(.i')di' 5, =- I}‘ (x)dx- ;I‘_}"(.'r)d'r
C. : . D. a g :
Loi gidi
s, = ﬂf (.1')|d‘r :]]_f(.‘rl dr + ﬂf (.Tldr
Ta co : “ ‘

A

Vi £ () =0, ¥xe[a:0]. £ ()20, ¥re[0:5] nén:

5, = (- £ G [£ (e == £ e £ (e

5 \ , v =ly-2 . ,
Dién tich hinh phing gi6i han bai d thi ham sé * (x-2) -1 , truc hoanh va hai duong thing
x=l,x =2 béng
2 3 1 7
A. 3. B. 2. C.3. D. 3.

Loi giai

s :iﬂ(x— 2) - I‘dr :iﬂr: - 4.r+3|dr :‘][.r: - 4x +3)dx
Ta co: ! ! !

2
3
(KTNL GV Bic Giang 2019) Tinh dién tich hinh phing gi6i han béi dd thi ham sd

y=4x-x va truc OX

34 31 32

A 11, B. 3. c 3. D. 3.
Loi giai

Goi S 12 din tich hinh phéng gidi han boi b thi ham s6 ' =+ = ¥

va truc Ox
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x =0
x =4

4x- x =0 =

Xét phuong trinh

1 4

) DN I PR S
6]'(41- X }dl‘—(h 3}

32

S = [l4x- x|dx =
Eﬂl ,1|l

, 0
Taco

Cau59. (Viét Puc Ha Noi 2019) Tinh dién tich S hinh phing gi6i han boi cac duong
y=x +lx=-Lx=2 \
. va truc hoanh.

A. S =6 B. S =16 c. 6. p. S =13,

5= ﬂ.‘rj +I|dr = J‘(r: +1)dr =6
Ta co: -1 -1 .

Cau 60. (THPT An Lao Hai Phong 2019) Goi S 1a dién tich hinh phang gi6i han boi cac duong
y=x'+5 y=6x x=0 x=1 T S

4 7 8 5
A 3. B. 3. C. 3. D. 3.
Loi giai
Phuong trinh hoanh d6 giao diém: X #3 =0x = x =5x = .
1
. 7
) Zﬂx' - :‘_‘I.T+5|d‘r ZE
Dién tich hinh phang can tim: o
. v=xty=0rx =l x =2 s
Cau 61. Dién tich hinh phing giéi han bai » —* =/ =0;x =Lx =2 bang
4 7 8
A. 3. B. 3. C.3. D. 1
Loi giai
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Cau 62.

Cau 63.

Cau 64.

Cau 65.

(Chuyen Phan Boi Chau Nghé An 2019) Dién tich hinh phang giéi han béi do thi cic ham s6
y=-at 42kl y =2 - dxdl gy

b

A. 8. B. 5. C. 4. D. 10,
Loi giai

Phuong trinh hoanh d6 giao diém 1a ~ x*+2x+1 =20 - dx+l e 327 - 6x =0

x =0

x=2

=

5 :‘ﬂ (21‘3 - 4x+ I)— (— X +2x+ I)l dx

Dién tich hinh phang la

.
= =" - 3x") | =4
oy

|( Ix - Ox ]a’r

(THPT Yén Phong 1 Bic Ninh 2019) Tinh dién tich hinh phang gidi han bdi hai do thi
y=x'4+2x y=x+2
7 i Bl 1
A. 2. B. 2. C. 2. D. 2.
Loi giai
x=-2
= % =
Xét phuong trinh: ¥ ¥ 2x=x+2 e x +x-12=0 x =1
Dién tich hinh phang giéi han boi hai db thi 1a:
P . I
1 I|( ] h _ x . x Iy ‘ 7 10 9
S=+x-2dr = \x" +x-2He] = 775 = i e
,ﬂ Fi ks 32 'z 6 3 2
A . . (H) i o ooy =x" y=3x-2 .,
(Chuyén Ha Long 2019) Hinh phang dugc gidi han boi cac duong , ” . Tinh
dién tich hinh phing 7
2 1 1
A. 3 (dvdt). B. 3 (dvdt). C. I (dvdv). D. 6 (dvdt).
Loi giai
Hoanh d0 giao diém cua hai d6 thi ham s6 1a nghiém cta phuong trinh:
x =1
¥ =dr-2e xt- x4l =0 [1
x =2
Khi @6 dién tich hinh phang gidi han boi cac dudng la:
. e, |
S= - Gx- 2)Nde =| [(x*- 32+ 3)(}’.1‘ =_
- G- 2= U
: : (dvdt).
(KTNL GV Thuén Thanh 2 Bic Ninh 2019) Tinh dién tich S ctia hinh phang gi6i han boi cac

dwong ¥ =¥ 7 2 =0 x=-10 x =10,
~ 2000 5 =2008

A. 3 B. S=2008 C. S =2000 D. 3

23



Loi giai
Chen D

(C)y=x"-2x , (d):y=0
va

Phuong trinh hoanh d6 giao diém ctia hai duong la:
. x =0
v -2y=0e
x =2
Béng xét dau:
X —0 0 2 +a0
VT + 0 — 0 T

= il

10 i 1
S= (|- 2x]dy = [(+*- 2x)de- (¥ - 2x)d - 2x)d
I|T T| X r[ X X X IJ(T X ‘l;'+J(T X X

Dién tich can tim: -10 J g

-X

= —-x -

3 3 3 3

+‘i_r: 1300 4 704 2008
3 = —4 =

X
3

¥
3

Cau 66. (THPT Ngb ST Lién Bic Giang 2019) Goi S 1a dién tich hinh phing gi6i han béi cac dudng

|
a= J‘f'(.‘.{)dr
y=f(x) N s =3 y=2 i .
, truc hoanh va hai duong thang , (nhu hinh v€ bén). Dat 3 ,
b ::J‘_f‘(xjnir
l . Ménh @ nao sau déy 1a dung.
y
0
-3 § 1 2 X
A. S =a+b B.S=a-b C.S=-a-b D.S =b-a
Loi giai
Chen D
2 1 2 1 2
S=(FCde = [ GXde+ [/ G)|de == [FG)de+ [f(c)dx
Jrfac=Jrfaen Jrljee = friaen frldex_

Ta c6

7 2 M 14 e 2 2
Ciu 67. (Chuyén Bic Giang 2019) Dién tich hinh phing gii han bai d6 thi ham s6 ¥ =% va duong thang

V=X
4 ] 3 3
A. 3. B. 3. C. 2. D. 15
Loi giai
. x =0
X =x =
x=

Xét phuong trinh
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Cau 68.

Cau 69.

Cau 70.

Dién tich hinh phing gi¢i han bai dd thi ham sé ¥ =% va duong thing ¥ =2% 1a:
1 1 ) _1_

S =|lx" - xx =| lx" - x)dx| =—
ﬂ |( ‘[( 3

(Chuyén Phan Bo6i Chau 2019) Dién tich hinh phiang giéi han boi dd thi cic ham sb
y=-x"+2x+l y=2x"-4x+l 14

3

A8, B.J. C. 4. p. 10
Loi gigi
\ , \ - S I y — 2 L A
Phuong trinh hoanh dd giao diém hai dd thi ham s6 * ==+ *2¥+1 ¥y =2 - 4w+l
] ] 2l 'I"- :I:]
s+ 2x 4+l =2x" - 4x+l= -0 =0= N
X =4

. , 3
“31‘2 - CI.T|(3'.T = [(ﬂ.‘r - 3% )a’x 2(31‘: - .'l."-‘) =4
Dién tich hinh phang da cho 1a ' o

y=x-4xr+4

2 \ , .3
Dién tich hinh phang gi6i han boi hai d6 thi ham s6 ¥ = | va tryc OX (tham

khao hinh v€) dugc tinh theo cong thirc nao dudi day?

4 y=x—dx+d
. ]
3
2
—1 0 2 3 4 5\,
-1
2 1 2
ﬂ.".j - (.".': - 4.\'+4)| dx - I‘.T'"dr + [(.‘l.': -4+ 4)[11‘
A.d . B. ¢ "
1 2 1 2
Cde- [(x7 - 4x+4)dx Cde+ (7 - 4x+4)dx
. .'.I‘I X IJ('a v+ 4 )dx | o .'.IH X+ ;[(1 v+ 4 )dx

Loi giai
Duya vao hinh v& ta thay hinh phang can tinh dién tich gom 2 phan:
3 . \ Ly =13
Phin 1: Hinh phing gi6i han boi dd thi ham sé ¥ = | tryc Ox, x =0 x =1

Phén 2: Hinh phing giéi han béi d6 thi ham sé ¥ =* ~ dx+4 truc Ox x=1_x=2
1 2 | 3
5= ﬂ.1'3|dr+ ﬂ.r: - —'h‘+4| dr = I‘.T'"dr+ l(.‘l.': - 4x +4)d‘r
Do d6 dién tich can tinh la ¥ ] ; :
Dién tich phan hinh phang dugc t6 dam trong hinh v& bén duoc tinh theo cong thiic nao dudi
day?
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Cau 71.

Cau 72.

Loi giai

Dién tich hinh phang duoc t6 dam trong hinh vé& bén 1a:
1
dx = J‘(— JH— X +3)dr
i ).

(Chuyén Quéc Hoc Hué 2019) Tinh dién tich S ciia hinh phing 1) gi6i han boi céc duong cong
e 43 2
y=-x+ldx vy =-x
o937 o3 o793 397
A. 12 B. 12 C. 4 D. 4.
Loi gidi

_ﬂ.r:— 2- (—.Jl?l)

(i v€[-L1]= - fld>x- 2

Xét phwong trinh hoanh d6 giao diém 2 dudng cong:

x =0
x +2x=-x = x(x -x-12)=0= |x=-3
x =4
4 i 4
= S = _ﬂr -x'- |2.r|dr = ﬂr -x- |2.r|dr+ ﬂr -x'- |3.¥| dx
. :

Dién tich can tim la:

i 3 VP
X X _ 3
—- —= bx

Na

= J'(.r'-” -x - IE.r)dr

Z[i-r—— Ox° +
w3 L

][.r'-” -x" - IE.r)dr

+

-99| |- 160| _937
= + =
4113 ] 12
, L. . L4 .
Dién tich hinh phing dugc gi6i han boi cac duong ¥ =¥ +¥- 1 yz v =x +x-14,
8 7 2
A. 15, B. 15, C.5. D. 15,
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Cau 73.

Loi giai

Phuong trinh hoanh d¢ giao diém cta ¥ =x"+x- 1 va v =x'+x- 1 la
x =0
ey -y =0e |x=I

v 4x-l=x+x-1 x=-1 .

s= Iﬂx: - .1"'|d.‘r :;iﬂ.‘r: - .T"|d_1'+ IJI_T: - .1"'|d1'
Dién tich hinh phang can tim 1a . -1

:‘]‘(_‘r: -1 )d‘r

(THPT Gia Loc Hai Duong 2019) Tinh dién tich ctia phan hinh phang gach chéo trong hinh vé&
sau:

J'(.r: -1 )d‘r

[ 3 5
¥ ox
5

| 3

+

"CI

yA
y=vz
y=x—2
O 2 x
10 E i
A. 3. B. 4. C. 3. D. 3.

Loi giai

Céch 1: Coi ¥ 13 ham sd theo bién sb7 .

A
@ x = >
r =y + 2
1
:
2 :
1
1
|
i Y
O 2

Hinh phang da cho gi6i han béi cac dudng:

X :y2 (véi y ZO); x=y+2;y :U.

. . v =-1 (loai)
Y o=y+2e yp-y-2=0« 5 .
Ta co: y=2 (t/m)
: . : . 10
5= ﬂ}' +2- 7 |d‘1' = J(}' +2- 37 )dy =—
Dién tich cuia hinh phang can tim 13 o o (dvdt)

Céch 2:
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8y

l
O 2 4

. . X ” , A ¢ 1 2 A P= [ y=x- 2"
Phuong trinh hoanh d6 giao diém cua cac db thi ham sé * Jr. y=x= s

(x =2 (x =2
\l"."._':."." 2e L= ~| . =y =4,
x=(x-2) x* - Sx+4=0

5 Zjl'\-'lm_'dr— Jt.".'* Ede'zﬂ

Dién tich cta hinh phing can tim 1a 0 ! 3 (dvdt)
DANH CHO HQC SINH KHA GIOI
Cau 74. Cho ham s f () lién tuc ¢6 dd thi nhu hinh bén duéi.‘

. ) I‘.i"“(.".')d.". =
i F O =r(), vrel-52] 4 3 i FO- FE3)
- 145 -89 145 89
A. 6 . B. 0 . C. 6 . D. 0.

Loi gidi
Chon C

Duya vao do thi ta nhan thay, d6 thi ham sb ACY lién tuc va xac dinh trén doan [-5:2] dugc xay
' f, (x)khi- 5 =x<-3

£ () =1 £, Gokhi- 3 =x =- 1
I_I'_-;(.r)khi— l<x =2

dung boi ba ham sd . Trong do:.
- 45
7 (s _3. £fG) =2
/i () la dudng thang qua hai diém (-5:5) va (-3;4) c6 phuong trinh: I 2
£ (x) (-3:4) (-1;2)

c6 do6 thi 1a mot duong cong ndi tur diem den diem

f,(x) -2) . (0;3)
va

1a dudng thing qua hai diém x) =x 43 .
2 3 1 2
F(2)- F(-35)= I'_}'"(.r)dr = [f, (x)dx + [_,-r;(.r)du 1, (x)dx

c6 phuong trinh £
Viy: : a .'
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Cex 45
:__[ "2

5

-1 2
dr + Ij (e)dx + J‘(.r+ Mdv g, 14,21 _145

-3 -1 = 3 2 tl .
Cau 75. Hinh vudng OA4BC ¢4 canh bang 4 dugc chia thanh hai phan boi duong cong ©) c6 phuong

e
Y=a* .8, S, s . 2 . | . <A
trinh 4 . Goi ”” ”2 1an luot 14 dién tich cua phin khong bi gach va bi gach nhu hinh v& bén

Sl

dudi. Ti s0 5 bang

3 1
A 2. B. 3. C 2, D. 2
Loi gidi
Ta c6 dién tich hinh vuong O4BC 13 16 va bing 1 +5:.
16
4 - =% i—lh_sj _ID-?F —
1 16 s, - s, T - =
3

Cau 76. (Viét buc Ha Noi 2019) Ki hi¢u s(0) 1a dién tich cua hinh phang giéi han bdi cac duong
y=2x4l y=0 x=1 x= (1‘>1). Tim ! d S(r):lo'
A t=3 B.t =4 c.t=13 D. t =14
Loi gidi

S@O)= for+1dr = f2r+Ddv

Cach 1. Ta c6: !
s() =(+ +.~r]" =t +¢- 2
Suy ra : .
5(t) =10 : 2=10 : 12 =0 =3
t)= = 1 +t- 2= = T +t- 1L ==
Do do t=-4 (L)
Vay ¢ =3,
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Cau 77.

y(1)

2 2 = N } :)j
Céch 2. Hinh phang da cho la hinh thang c6 day nho bang , day 16n bang y(O) =2t +1 va

chiéu cao bang £~ 1.
G+2e+1D)0-1) t =3

0= 2°+2t-24 =0
2 t=-4

Ta c6 Vit>1lpgn t=3

Do doé chon A.

(M3 103 - 2019) Cho duong thang ¥ =3x va parabol 2x" +a (¢ 1a tham s6 thuc duong). Goi

5 va ©2 13n luot 12 dién tich cta hai hinh phing duoc gach chéo trong hinh v& bén. Khi
51752 hi @ thuge khoang nao dudi day?

y A

S
y:2x2+ck
55
5 1
y =3z
H o 5% 3]
AL 8) B. ' 10 c. | 510) D 5
Loi gidi

Phuong trinh hoanh d¢ giao didm 2% +a =3x < 2x° - 3x+a =0 ¢4 hai nghiém duong phan
biét

A=9-8a=0 - 9
= ig = S=0sg=—
—=0
|2 | a =10
. 3 +40- Ba
Ta dugc nghi¢m cua phuong trinh la 4
3-ofi- B2 3eofi-Ba
5 =5, = I (2.‘(: +a- 3.‘r)d‘r =- ‘FI‘_(E_T: +a- 3.‘r)d‘r
Ta co | S
mvﬁ_‘m L-ﬁ

= :r (Erz +a- 3.‘r)d'r+ ;L(Ef +a- 3.‘r)d'r =0
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Cau 78.

LT 3+0-38a

T (22 - 3x+a)dr =0 [3-‘33 =0
= J' 2x% - 3x+a)dy = ﬁ.ir_ir +ax 4 =

x r

L 2[3+49 8a|  2(3+6-8a|’, (3+440-8a|_,
3 4 3 4 4
_ |3+0-8a |2 3+J9-sa"_3'3+1f9-sa'+ i
4 31 4 317 4 =
3+49- 8a
—— =0 (vn)
4
= ) - _ .
2(3+0-8a | 2[3++9- 8a o0
2| 2¥NP-8a ) 2 Lo
3| 4 3| 4
o 2[3+Sal 230 Ra| o w2
3 | 4 3 | 4 Shifi Salve 33

(THPT An Lao Hai Phong 2019) Goi S la dién tich hinh phang gidi han boi cac duong

my =x", mx =y (m > D). Tim gié tri cia ™ i S =3
A m=l B. m =2, c.m=3,

Loi giai

Toa do giao diém cua hai d thji ham sd 1a nghi¢m cua hé phuong trinh: {

x =0

r=m=0

x

mx=|—| @ mx-x" =0

Thé (1) vao (2) ta duoc:

| m |

X
=—>0 L
Vi T pen Mx =y e By =Jmx

m

E:ﬂ‘jﬂ?-i

Khi d6 dién tich hinh phang can tim 1a:

5 |

L.
—In

3

2m - 1 .
=—m

X —

3 dm

i

I ) ¥
. S=3e -—m =3em =9«""—m=3
Ye€u cau bai toan

& =H Ji ¥

.m:4-

my =x- (1)

mx =y

dx
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Cau79. (THPT Cam Giang 2 -2019) Cho hinh thang cong (1)

gi¢i han béi cac duong ¥ =€, ¥ 70,

x =0 x=In4 Puong thing ¥ =k Ok <In4) (o GT) sih hai phin ¢6 dién tich 13 51 v
35> nhu hinh v& bén. Tim * d& 51 =25
B !
¥ f,'
/
/
’
1 / 5,
__—
o k' In 4
k =i1n 2 k =1n§
A. 3 B. 3 C. k=In2 D. k=In3,
Loi giai
Dién tich hinh thang cong (1) gidi han bai cac duong :ex, Y :0, x=0_ x=In4 3
In4 i
5= J' edr =¢*| =
a Ind ]
& g -t =4-1=3 (dvdt).
3 3
S=5+5, :5|+15| :EEI S :£ ﬁ:j
Ta co 2 . Suy ra 3 3 (dvdt).
Vi 5 12 phan dién tich duoc gidi han boi cac duong ¥ :ex, Y :0, x=0 x=k pen
2=% = [e"'dr :e"'rl =
g T e-e'=e -1
Dods € =3= k=In3
Ciu 80. (THPT Quynh Luu 3 Nghé An 2019) Cho parabol (P):y =37 s pai diém 4B thuoe ) (o
cho 4B =2 Dién tich 16n nhat ctia hinh phang gi6i han boi P )va duong thang 4B 1a
3 3 2 4
A4 B.2 c.3 D. 3
Loi gidi

Goi phuong trinh dudng thiang 48 1a:

Yy =ax +b (ﬂ,b e |R)

Phuong trinh giao diém cua 4B va (P)lé: x'- ax-b=0
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Cau 81.

(A (x,:ax, +b)
B(x,:ax, +b)
i tx, =a

Pé c6 2 didm 4B thi @ +4b>0 pige: TP

Neén AB =2 = ,||(ﬂ:+|)|.'r: - .‘l.'|| =2

2
I, - x| = <2

4]
Gia s > ™Y ta co (a+1)

|.'r: - .1',| :J(.T: +x, y - dxx, =+Ja’ +4b

Mat khac:

s= Jax+b- 2de =202 - 1) +bCx, - 3)- IE('T; )
Khi do 2

:(.‘L': = .‘rl) %(.‘L': +.'r| )+ h- Ig(i +.‘l.'| X, +.‘rf)

2b

- ﬂ: 2 o k]
:(.T:' 'TI) g.ﬁ‘ +h- l(ﬂ:+'l'r3’) :(-T:' -T|) F""T :ﬂ +4b(_1':— _TI):M £§ :i
12 3 6 6 3.
= (x +x, =0
:i a =0 e X +x, -
Suy ra: 3 kpi VTR T TR = (thoa man vi c6 tinh d6i xtng)

(4(1:1) {A(- 1;1)
RIS . |B(:1)
hoac .

(P):y=x"+1

(KTNL GV Thuén Thanh 2 Bic Ninh 2019) Cho Parabol va dudng thing

dry=mx+2 6 m 13 tham sb. Goi ™ 14 gi4 tri cia M dé dién tich hinh phing gi6i han boi
(P) va @ 1a nho nhit. Hoi " ndm trong khoang nao?

1 : 1
(-V2:- ) (-L—=) (:3)
A. 2" B. (0;1). c. 2 D. 2 .

Loi giai

Chen C
(P)

Phuong trinh hoanh d6 cua vad g * ~me-1=0 a ).

Dé thiy W o co2 nghiém phan biét. Goi & 7 (@<b) s cac nghiém cia ® dién tich hinh

phang gi6i han boi (P) vad la

o omx’ |
—_ —- X
3 2

J[xz— mx- 1)dx

a

5 :tﬂ.‘l.': - mx- ||a’.'r =
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Cau 82.

- - (b- a)

_‘h:‘— a m(b*-a’) —|h- ﬂ|

b* +ab+a® m(b+a) I‘

3 2 3 2
: b+a) - ab b
1,’(h+a)'—4ah.( +a) -a -”’(:a)-l‘
(1oAY L
S =Jm +4. moez :_»i
Mé”+h:"”'-ﬂh:'lnén 6 3| 3
l’ninS=i _
Do d6 3 khi m =0,

(THPT Yén Khanh - Ninh Binh - 2019) Cho ham s§ =% ~ 0¥ ¥ ¢4 43 thi € Giasu

(c)

cit truc hoanh tai bon diém phan bi¢t sao cho hinh phéng gid1 han béi (C’" )Vé truc hoanh co

a
m =—

phéan phia trén truc hoanh va phan phia dudi truc hoanh c6 dién tich biang nhau. Khi d6 b (v6i
a
a b 13 cac sdnguyén, 2>0 b 1a phan sb i gian). Gia tri cua biéu thire S =a+b 3
A.7. B. 6. C.5. D. 4.
Loi giai

X0

Phuong trinh hoanh d¢ giao diém: * - 0x +m =

2 (120) (1) 0 @)

Pt [ =x trg thanh [ = 6f +m =

(C’") cat truc hoanh tai bon diém phan biét thi phuong trinh M cd 4 nghiém phan biét hay
A =(- 3): -m=0
= P=m=0

S=6=0 *
phuong trinh ) ¢6 hai nghiém duong phan biét \ = 0<m<9 ( ).

t, t,(0<t <t,)

Goi la hai nghiém cua phuong trinh (2) Ltac d6 phuong trinh M ¢6 bbn

n A , 9 4. X =mafl, X, == x, =4 X, =aL
nghiém phén biét theo thir ty ting dan la: ™ \/T; - ‘/_‘; 3 ‘/_'; 4 \/_

i'(-‘t"' - Ox + m}d‘r ZII:I-(_ ¥ 4627 - m)dr

e s ()
Do tinh d6i xung cua do thi ™" nén c6 °
X, ;
= ?‘— 2x; +mx, =0

5 3
= x, - 10x; +5mx, =0

{ x;-0x;+m=0 (3)
7 - 10 4)
A 2o & =0 [
Tur do co ™ 1a nghiém cua hé phuong trinh: (%, - 10x; +5m =0

Léy (3)_ (4) = 'r; =m R thay 'x-f =m Véo (3) Cé: mz = Sm :U = m :I:I " m :5 .
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14 r 3\ * — —_— — —
Déi chiéu diéu kién ) gcom=5=a=5y3 b=1, Vay S =6,

(P):y=x

Cau 83. (Chuyén Hung Vuong - Gia Lai - 2018) Cho parabol va mot dudng thang ¢ thay dbi

ct (P) tai hai diém 4, B sao cho AB =2018 Goi S 1a dién tich hinh phéng gi61 han boi
(P) va dudng thing @ . Tim gi4 tri 16n nhét S cua S
2018° 2018°
_ 2008 +1 s =208
A o6 . B. 3.
2018 -1 2018°
o —————— Sprr = 018
C. 6 . D. 3

Gia s A@a); BB:b)(b>a) g o 4B =2018,
Phuong trinh dudng thing @ 1a: ¥ =@+ 0¥ ab i 46

5 :_ﬂ(ﬂ +b)x- ab- _1-3|d_1' :;J((G +b)x- ab- .T:)d.‘l.' :%U}_ ﬂ]ﬁ

4B =2018 = (b- o) + (- a*) =2018° & (b- o) (1+(b+a)’ ) =2018°

Vi .
] % 9 3
= (h‘ ﬂ): ":'}GIS: = ||'rJ“ ﬁ‘| =h-ag=2018= 5§ ﬂHDIS Srw: :“018
== 0 vay 6 khia=-1009 y3
b =1009
Cau 84. (THPT T Ky - Hai Duong - 2018) Pat S 1a dién tich cta hinh phing gidi han béi db thi cia ham
Ly =4- x? . L ey 2 =1 — (-2<m<2) . I
SO - , truc hoanh va duong thang * , X =m . Tim s gia tri cia tham
25
r 2 S :_
s6 ™M dé 3.
A. 2, B. 3. C. 4. D. 1

Loi giai

. 25
S=(4- x|dx ==
Ta co ﬂ | 3

Phuong trinh 4~ W =0e =22

Baira ~2<m<2 pgn trén (-2:m) thi 4= ¥* =0 v5 nghiém.

m - m - f ERBL -

ﬂ4— .‘l.':|d.‘l.' :£ = J(d-— «* )dx :£ < ‘ 4x- 1—‘ :£

5 3 . 3 | 300. 3
( 1 i 2 3 2

- ‘4”]“% -‘-S+§‘ :H_S-c::r 4”;—24-'_{] :;
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A - T ?—T —m - dm+3 =0 ”!.'-._ 12m+9 =0
- : i 41 - 12m- 41 =0
n 16 25 3 ' m’ - 12m- 41 =
- = —m - dm- — =0
dm 3 + 3 3 m m 3 )
« flm)=m"-12 -2;2
Xét ham s fGm)=m ].,m, véi me (-2:2) 6

fm)=3m" - 12 :3(m: - 4){-'3 vme(-2:2)

5

-2:2)= f(m)<f(-2)=16=m - 12m- 41<0

J21-3

2 thoa man.

Do doé S Gm) nghich bién trén

1) e m-12m+9=0< (n- 3)(.!}:: + 3m - 3] =0= m=
Khi @6

m :E- 3

A 0 7 2 3 ~ e ’
Vay chi cé =~ thda man bai toan.

Ciu 85. (THPT M Pirc - Quang Ngii - 2018) Trong hé truc toa d6 @', cho parabol

dudng théng ¥ :a, v =hb (0<a<h)

parabol (P) va duong th'flng y=a (phén t6 den); (Sz)

(P):y=x" i hai

(hinh v&). Goi 5 1a dién tich hinh phang gi6i han boi
1a dién tich hinh phang gidi han boi

parabol (P) va duong thing =b (phan gach chéo). Vi didu kién nao sau day cua @ va © thi

S, =S, ,

=

A b=4a, B. b =2a. c.b=a p. b=36a.
Loi giai
(P):y =x’

Phuong trinh hoanh d¢ giao diém ciia parabol véi duong thang ¥ =b 13

Y =hex :i\l'rl":‘

Phuong trinh hoanh do giao diém cua parabol (P):y=x véi duong thgmg y=aqy

Y =aex Zi\-"r_

Dién tich hinh phéng gi61 han bdi parabol (P):y=x va duong théng y=b 1a
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Cau 86.

Cau 87.

J ' | bJb |
5=2 I(h- ¥ )dx =2 =1 "r’\rr' TJ_‘ :415‘/?J
0 \ \ ) 3

(P):v=

v Vé duong thang y=a (phan t6 mau den) 1a

:2 a 40‘\/5

) . ) 3

Dién tich hinh phang gi¢i han boi parabol

" 2 | x| v
5 :E.I(ﬂ_ 2 )dx :2, ax - ?

abfb _ . 4ava

= =2 o ; )
Dodo S =25 3 3= Wb) =2(0) o 5 =347 < b =i,
. P == -: '} [ ‘ 2 9 . y —
Cho parabol (F: )y == 42x43 cat truc hoanh tai hai diém 4.8 va duong thang d:y=a
(0<a<4) . Xét parabol (P ) di qua 4,8 va c6 dinh thudc duong théng y=a, Goi S, la dién
(P) (2)

va 4 Goi 5 1a dién tich hinh phang gidi han boi ~ 27 va truc

hoanh. Biét 5! =52 tinh T =a’ - 8a® +48a
A.T:99 B.T:64 C.T:32 D. T:72

tich hinh phang gi6i han boi

Loi giai
Pé viéc tinh toan trd nén don gian, ta tinh tién hai parabol sang trai mot don vi.

(P) V=- _1-: +4 (F_\- ): y = %.‘l.': + 7
Khi do, phuong trinh cac parabol maéi la e

b

A.B ) (p) ox= A(-2:0),8(2:0)= 4B =4
Goi la cac giao di€m cua va truc

AB ﬂ r) - d= Mm(-Va-aa) v a:a)

Goi ~ lagiao diém cua va dudng thang

5 =2 v = 3 (- 33 |[ - aNEa

Ta c6

i

5 =5,= 3 4- A7 =20 o (4- ) =4a? & a* - 847 +48a =64
Theo gia thiét 3 3
T =64
Vay '
AT oA TTA . y ¢ Oxy s . (H) ...
(Chuyén Lé Hong Phong - Nam Dinh - 2021) Trong mat phing cho 1a hinh phang gidi

=4- x? v=k(-2<k<2) chia (H)thénh hai

han bai parabol va truc hoanh. Pudng thang”

(H,).(H,)

phan nhu hinh vé.
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(i)

=y

20
gip 7 lan dién tich

H,) (H,)

Biét rang dién tich (
A 25D B. ;1) c. C10) p. :2)

Loi giai

(),

=y

Goi 5*51S213n Iuot Ia dién tich cta hinh phing F7-(1) 3 ().
e 7
S =5, +5,,5, :“—05: S :isz
Ta co 7 7
3 i
S =R g 132 28
Mit khac 27 3 8l
: 2 . I _'-.- i Itl k:\ If_'l 1{1\ -}-}4
s, :J(4—.r )dx = 4.r—§x :T+?—4ﬁf R | A
. ' i nén ta dugc 3 3 81
Ma

, hoi gia tri k thuoc khoang nao sau day?
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Cau 88.

Cau 89.

3 ]
= jEL——i’ﬂif-l-“l:}s
3 81

=0

= 27k - 324k +208 =0

N
o (k- 2)Ok +6k-104)=0 = k== | _(_5.2)

3 (do .
(Ma 102 - 2022) Biét F(x) va G(x) 13 hai nguyén ham cua ham s /() tréen R va

[/ @dx =F(5)- G(0)+a. (a>0)
. . Goi S 1a dién tich hinh phang giéi han bdi cac duong
y=FG) y =G0 120 3 x =5 Kyi S =20 thi @ biing?
A 4. B. 15, c. 25, D. 20

Loi giai

pit ()=F(x)+C (Cla hing s6).

[ 0 =FS)- FO) =F 5)- (60)- ) =F (- G0)+C

Suyra € =a .

S ZiﬂF(r)- G(.‘rld‘r Ziﬂa|d'r Zs‘l‘ﬂd'r =5a

Theo gia thiét 3@ =20 = a =4

F(x) va G(x) F(x)

(Ma 104-2022) Biét 1 hai nguyén ham ctia ham sb tréen R va

[f G)dx =F(2)- G(0)+a (a>0)
0 . Goi S la dién tich hinh phing gidi han boi cac dudng

y =Ry =G0y =0 3 v =2 Khi S =6 i @ bing

A 4. B. 0. C. 3. D. 8.
Loi giai
Chon C

F(x) v G(x) 7 &)

1a hai nguyén ham cua ham so trén IR nén ta ¢

vreR: F(x)=G(x)+C (vi € 1a hing s6).

, F(0)=G(0)+C
0

Do d (1).

]‘_f(.'r)d'r =F(2)- F(0)

Laico *®

= F(2)-G0)+a=F()- F0)= F(0)=G(0)- a .
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T (1) va (2) suyra € =4,

Khi d6 F(x)=G(x)- a ’ YreR = |F(-"-')- G(.T)| =a , Ve IR_

y=F(x) y=G() x =0

Dién tich hinh phang giéi han béi cac duong - va X =213

s ::ﬂF(r)— G(.x‘l.d‘r ::rri.dm' =2a =6=a =3

Cau 90. (THPT Mai Anh Tuén - Thanh Hoa - 2021) Cho ham s6 ¥ =% = # *M Ty m ¢4 43 thi ham
s6 cit truc Ox tai bén diém phan bi¢t sao cho hinh phfmg gi61 han bdi dd thi ham s va Ox c6

phin phia trén truc hoanh 13 !, phin duéi tryc hoanh x 1a 52 va 53 théa 51 ¥52 =51 ki g6

a a

b (a,b 1a cac sb nguyén, b>0 , b tbi gian). Gia tri clia biéu thirc S =a- b 13
VA

c. 9. 11.

IS

Loi gidi
Chon D
Goi ™M1 P-a(m<n<0<p<q) 13 hoanh do cic giao diém cta dd thi véi Ox

Do dd thi ham sb nhan Oy lam truc dbi xurng nén

i

P a
5+5, =5« _:—53 =5, = I(.T" - 457 + m}f’.‘r = r— (.T" - 437 + m}f’r

q ) . : —1' : 4 _1_ 2
= I(.T' - 4x +m}f’.‘r =0 = g.29 , mg =0 = 9. , m =0
. 5 3 5 3
’ 6]
m _20
Te()va@)tacs 9 .vay ¢ =20:b=9=a-b=I1
Cau 91. (S¢ Ha Tinh 2022) Cho dudng cong (C):y=x"+hke+2 va parabol Pry=-x"+2 tao thanh hai

mién phing c6 dién tich 5i>5, nhu hinh v€ bén.
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Sa
|
x1 |
1 4 >
: 0 Xa
|
|
8
s Sl =5 . . S s
Biét rang 3, gia tri cia ~2 bang
1 ! 3 5
A. 2. B. 4. C. 4. D. 12,

Loi giai.
Phuong trinh hoanh d6 giao diém cua (€) yad
x =0

CHk+2=-x"+2= .‘l.'(.‘l.': +.T+ﬁf) =0 = | _
r4+x+k =0

Hai d0 thi cét nhau tai ba diém phan biét nén phuong trinh ¥ +X +k =0 ¢4 hai nghiém phan biét

k<0
x, =-1- x
Y>%2 khac 0 va théa man ™1 < 0 =% Do dé ta co (k= X%
5 - . - S —8
Trén doan ['T'; D]"'TJ a2 zox 420 X 4x i ED. Theo bai ra, dién tich '3 nén

“1 + +1ﬁ:1+'f.r :%

= ]f(-‘f"‘+-'~':+kr}ir:§a ‘I+‘?+‘“‘T‘ zgﬁ - (3x +4x +6k ) =32

= 3x +4x +0 (- X - x, ).T,: == 32
e 3x'+2x'-32=0e (v +2)(3x7- 47 +8x -16) =0 x =-2(vix <0).

X, ==2=k=-2x, =1 . x +x -2x =0 Yx[0; .
Véi & =k X, Ival +x - 2x _D._‘-:".'LE[U._I]’taCO

5, =- ‘r(r'—” +x° - 3.1'}# =-

[ x* X
-t
12

.l
ﬁ‘_i
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Ciau 92. (S¢ Ninh Binh 2022) Dién tich hinh phang gi6i han bdi parabol * ~ x4 2t va duong thang
y=(m+hx+5 o4 gi4 tri nho nhat bang
16 48 64 32
A 3. B. 3. c. 3. D. 3.
Loi giai.
Phuong trinh hoanh d6 giao diém

r4+2x+l=(m+l)x+5= " +(1- m)x- 4 =0.

S A 2 ac =- . . TP 7 A A
V&imoi " tadéu co 9€ =4 <0 ngp phuong trinh (1) ludn ¢ hai nghiém v G 1-).Th 0
x +x, =m- |

) A , |xx, ==4 .
dinh li Vi-et,taco “'"* va

X, = X, :J(.".': - X y :.J(.".': +x, ) - 4xx, = ||If_m— 1P +16.

Khi @6 hinh phang ludn ton tai va c6 dién tich 1a

5= |'|'|. +( —m]l'a——tla’ |I (ﬁ. + |-HI}".-—1-}?(".

X7 :
= +(1- -4
| 3 m} X

("'1 +3(1- m)x —"'—1-1)| ‘|

[V

] ]

mz—ﬁm+|?( ) (f—’I:-EHHI'}‘T (Jf'm_”:-'hm)ﬁ 4 32
% o

32
DAu bang xay ra khi ” =1, Vay gi4 tri nh6 nhat cua S bing 3 .

Ciu 93. (S6¢ Ninh Binh 2022) Goi X 14 tap hop tat ca cac gia tri ciia tham s6 7 dé duong thang d.

I 3 =
A . (©) Yy =—x - 2mx" +x+] .
< cung voi do thi cua ham so 3 tao thanh hai mién kin c6

515 thea man 51 =5 (xem hinh v&). S6 phén tir cta tap X 1a

v =-45m -

dién tich 1an luot la

A. 0. B.2. C. 1. D. 9.

Loi giai.
Yéu cau bai toan twong duong do thi (€) ¢6 hai diém cuc tri va tam d6i xtmg / cua (©) thudc
d Taco flx) =0 - dmx +] nén ham sd ¢6 hai diém cuc cuc tri khi va chi khi
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Cau 94.

Cau 95.

. . 1
A=2m)-1=0= m>_—m<-

wl—

Laico
Fx)=0e 2x-4dme x =2m.
- ' - 16
_;"[_1-]. :£}113 +2m+1 ! ‘}HI HI +2m+1
Vi X =2 thi 3 nén 3 .Suy ra / €d khi va chi khi
6 m =3
_Tm"‘ +2m+]l=-45m- 2= lom - 14lm-9=0< . -0+ 33 -
6 o]
~ - i ' 4
Dé thay 4 khong théa man, do do I )

(THPT Kim Lién - Ha Noi - 2022) Goi S 1a dién tich hinh phing giéi han boi parabol
y=am+2x- 1oy cac duong thing ¥ =, x =0 x =1 C6 bao nhiéu gia tri nguyén ctia tham s6
m €| - 4040;- 3] 4 S <2021
A. 2019 B. 2020 c. 2021 D. 2018

Loi giai
Chon D

- >
, y=x +2x-1=(x+1) - 2 =-2 ¥x&;
Ta co: - .

ma HIE[-4U4UQ- 3] nén M < X 42x- 1 Vr g .

1 b

( 3
> _‘I.-. >
5 :J(.T' +2x-1- m)dr :‘ ?+ X"~ x-mx

a

=—-m
3

Suy ra o

1 ada2
S=2021= —-m=2021= m =-

Khi do:

m €| - 4040;- 3]

Vi , MEQ nen c6 2018 sb nguyén .

(c): y=f ()= "f— G01 la hinh

C)V

(Chuyén Lé Hong Phong - Tphem - 2018) Cho d6 thi

phing gi6i han boi db thi ©) , duong thing X =2 va truc O¥ . Cho diém M thudc d6 thi (

409:0) . Goi V 1 thé tich khdi tron xoay khi cho () quay quanh truc OX | £ 1a thé tich
khéi tron xoay khi cho tam giac AOM quay quanh truc OX . Biét ring V=20 . Tinh di¢n tich

adiém

S phén hinh phing gi6i han béi dd thi (© va duong thang OM |

43



Cau 96.

M
24 ~ ‘o f(‘f)
. S
0O 5 ' HI 9; 10
§ 223 53 st
A S =3 B. 16 C. 2 D

j=n ((WF) a8l

Ta co 0 =2

Goi H 1a hinh chiéu cia M 1én truc Ox, gat OH =m (ygi 0<m <9 {3 ¢4
MH =\m 3 AH=9-m

| ) 1 i | .
V, =—a.MH " .OH +—nt.MH" AH =—n.MH .04

Suyra 3 3 3 =3mn_
77 33|
8ln 27 W 27 £
o vV =2V —=6mn  m =— )
Theo gia thiét, ta co ! 2 nén 2 id 4 Dodo &
_2\3
Tir d6 ta c6 phuong trinh duong thing OM 13 9

Dién tich S phén hinh phing gi¢i han bai d6 thi ©) va duong thing OM 13

\ff

SJ"J_“J_ ‘@

16

( ) 1_‘l.' +mx+ 2

.M (m;

Jm)

(Cum truong Nam Dinh 2022) Cho dudng cong (voi ™M 13 tham sd thuc) va
(P)iy=-x7+2 . S R, VU W P
parabol tao thanh hai mién phang c6 dién tich “1"~2 ¢6 di¢n tich nhu hinh v&
sau
Ay
: 1 e
X1 : o X2 X
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Cau 97.

Cau 98.

8
5, ==,
3

Biét gia tri clia 5 bang
3 1 5 1
A 4. B. 4. c. 12, D. 2.
Loi giai
1 > 1 > 1 ]
o =(x- x )l ) e dmre = - (g 40, ) 40,0,
+ Ta co: (-2 )x(a- x,) (x +x,) 27" Can bang
"Tl li-_‘:'2 =-1 3
= m=-x - x
A AL o lxmxs =m
hésotacod: 712
g 8 X x omx 8 x' x 8
5 === J‘(.‘r3 +.'r2+m.'r}d.'r —— e LTl L= =Tl =y =2
. 3 4 3 2 3 4 o6 3
+ Vi
1
5
. | 5, =- J(.1'3+1 - Ev)di _I_'*
+Dodé: ™ T =2 = nen 0 .

(So Bmh Thuan 2022) Di¢n tich hinh phang gi6i han boi d0 thi cta hai ham sd

- 214227
y =X 42x - 2mx - U(m 1a tham s6) va ¥ =x 4x0+3 dat gia trj nho nhét bang

31 28 32 29
A. 3. B. 3. C. 3. D. 3.
Loi giai
Xét phuong trinh hoanh d6 giao diém X 4207 - 2m- L= +x7 #3100 - 2ma- 4=0 yan 6
hai nghiém %33 0 <) théa man +x, S2mixx, =-4= (x - -T:): =4m” +16
Bl A i - . +2 3
.S'f' |.'r' - 2mx- 4|rf.‘r == (.‘r' - 2mx - 4)— S+2m x- ﬂ
' 3 3 3 ||x
g . -
_S+2m |.‘rﬁ - x | :im 2:3—“
3 L 3
-
i 23—“ =m =0
Vay 3
P : y=mlx+
(Chuyén DHSP Ha Noi 2022) D6 thi ham s - Y =x - 3x' +4 va duong thang d:) m(x+1) c

at nhau tao thanh hai hinh phang c6 cung dién tich. Khi d6 gia tri cia 72 théa mén diéu kién nao
trong cac diéu kién sau?

A mE(4;5). B. mE(-:’!;-B)' C. mE(2;4)' ;::E(—JE;JE).
Loi gii

L3y +4 =mx +
Xét phuong trinh X =30 +4 =m (1)

= (.'r+|](.'r: - dx+4- m) =0
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x=-1
i—

x*-dx+4-m=0
Phuong trinh % - 4x +4 - m =0 ¢4 hai nghiém phan biét khi >0,

-l<x <x, . 2 . .
15Xy ( Lo ) 1a 2 nghiém ctia phwong trinh * = 4x +4 - m =0 y3 hai hinh phing

5.5,

can tim co dién tich 1a ™"’

Gia su

= J‘(.‘r:‘ - 3% +4- mx- m)dx = J‘(}H.‘r‘i‘m'- X’ +3x% - 4)dx

= .j‘(x'—‘ - 3x" +4- mx- m)d'r +.‘-|‘(.'r'-‘ -3x +4-mx- m)d‘r =0

= ‘!(T - 3" +4- iy - m:ld.r =0

e 1 m
-y, - | —+1-4- —+m
3 g 2

i 1 i

=0

X, 5
e —-x, +4x, -

= x, - 4x; +16x, - 2mx; - dmx, +11-2m =0
= (r' - 4] +4x; - m.‘ri)+(—4.‘r:: +10x,- 10 +4m)+(- mx, +4mx, - 4m +m” )- 8mx, +27- 2m- m* =0

= ‘r (T = 4x, +4- m)— 4('( = 4x, +4- m)— m (‘r = 4x, +4- m)— 8mx, +27-2m- m” =0(1)

P A A . 2 _q . X-4x +4-m=0
Mit khac "2 1a mot nghiém ctia phuong trinh *~ = 4x +4 - m =0 pgp 2 - .

() e - 8mx, +27- 2m-m” =0

Do do

f.‘r:: -dx, +4=m
Gidi hé: - 8mx, #27- 2m-m’ =0 @ duge: 2 = L,x, :3. So véi didu kien <y, t:.‘(z’ @
nhan % :3.

Suy ra: 7 =1,
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T O U S s Y. SR ez T2
Nhan xét: do thi cia ham s6 y=a- 344 c6 tam doi1 xung la diém ( ’ )

N = e o e ;. diyv=mlx+l1) . o
Po6 thi ham so y=2 3x +4 va duong thang ! ( ) cat nhau tao thanh hai hinh

o d:y=m(x+1) 1(1;2)

phang cé cing dién tich khi dwong than di qua diém .Suyra: m =1

. ) = 3,2 A Y — 2.
Cau99. (M 120-2021-Lan 2) Cho hai ham s () =ax® +bx" +ex” +2a va & (e)=mx” +nx” - 2x
y=f(x)-g(x) 6 ba diém cuc tri 1a -1, 2 va 3. Dién tich

hinh phang gi6i han boi hai duong y=fG) vat ~¢& () bang

32 71 64 71

A 3 B. 9. C. 9. D. 6.
Loi giai

, vOi

a b c m nl i Biétham sb

F(x)- g =ax” +(b- m)x +(c- m)x™ +4x
= f(x)- g’ () =4dax +3(b- m)x™ +2(c- m)x+4

Theo gia thidt / (- & () =4ae +DCe- 2)(x-3)

42401 (Noa=t
0

Ta co:
R x=-1
= (x)- g'(x) Zé(.‘r-hl)(.‘r— 2Nx-3)=0e |x=2
x =3

)

5= ﬂ:(xﬂ](rm‘— 2)(x- 3))a1- 7

I3 9
c F(x) =ax® +by +ex- 2 D =dx® tex+2

Ciu 100. (Ma 102 2018) Cho hai ham s6 / (D =a% +bx" +ex=2 g =d +ex+2 4 p ¢ a

e€R) Biét ring dd thi ciia ham s6 =/ (&) vat ~& ()

lwot1a -2; - 1; 1 (tham khao hinh v&).
YA

cat nhau tai ba diém c6 hoanh d¢ lan

=Y

Hinh phéang gi6i han boi hai d6 thi d4 cho c6 dién tich bang
37 37 13

A 12, B. 6. c. 2. D.
Loi giai

| o
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Phuong trinh hoanh d6 giao diém cua d6 thi

RS LN

ax +bx’ 4cx- 2 =dy +3x+2= a +(b-d)x +(c- e)x- 4 =0. (*)

A ;s , *
Do do6 thi cua hai ham s6 cdt nhau tai ba diém suy ra phuong trinh ) c6 ba nghiém X =* 2,
X :'1; X :l.Taduqc

av +(b-d)x" +(c-e)x- 4=k (+2)(x+1D(x-1)

Khi @6 -4 =-2k= k=2

1
[0+ DG+ DG - Dhdr =20
Vay dién tich hinh phang can tim la -* 0

Cau 101. Hinh phing ) dugc giéi han bi db thi ciia hai ham sé da thire bac bén » =/ @) va ¥ =8() p;
€t rang do thi cau hai ham s6 nay cat nhau tai ding ba diém phan biét c6 hoanh d¢ lan luot l1a

-3 (#)

=12 Dién tich cua hinh phing ( phan gach soc trén hinh v& bén) gan nhat véi két qua nao

dudi day?

\

NS B. 245 c. 321 D. 2.95
Loi giai

F(x)- g =alx+3)x+ D (x- 2) =lax +3a ) - x-2) =ax’ - ax’ - 2ar +3ax’ - 3ax- Oa

=ax +2ax" - Sax- fa

. 3 3 9
(- . F(0)- g(0)=- Z+==—
£(0)- 2(0)=-6a , quan sat hinh v€ ta c6 5 210
2 2 - =
b= m a3 5= (- gWds = ﬂét #3)Ce+ D de =2 23,1625
Nén 10 20 =120 80

Cau 102. (D& Tham Khao 2021) Cho ham sé bac ba ¥ =/ () 6 4 thi 12 dudng cong trong hinh v& bén.

f(x) sg Y2 =N 2 )+ £(x) =0

X C, . . 2R X, .X )
dat cuec tri tai hai diém “1° 72 thdéa man
Sl

Biét ham sb Goi

5 va 5 1a dién tich ctia hai hinh phiang dugc gach trong hinh bén. Ti s6 55 bang
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YA

.-hlw
.oolm
‘oolw
.u.|u.>

A.

Goi Flx)=ax” +bx” +ex+d Vg a>0 = F(x) =3ax” +2bx +¢

C.
Loi giai

IS

Theo gia thiét ta c6 F )= C,)=0= f(x)=3alx- x )x- x,)=3ale- x)x- x - 3)'
= f'(x)=3alx- %) - 6a(x- .r,).
= f(x) :J‘j"(.r)dr =alx- x,) - 3alx- x ) +C

Ta ¢6 f(x,)+j‘(r:)=[}='* _ft(.‘(l)"‘ft(.‘fl +3):D = C+8z-12a+C=0=C :3{4‘.

) Fx)=alx- .r,)s- 3a(x- X, Y +2a =a|(x- _rljs- 3(x- 'T'):"'El
do .

Do
x =x +1- J?-r

f(x)=0=a [(x— X, Y -3(x- x, ) +El =0 = |x =x +I]
x :x,+l+~f?_.

S, :;:j‘f(r)dr = Ia [(x— x)-3(x-x) +El dx
Suy ra * o

:x:j‘la[(r— xl)} - 3(x- x ) +El d(x-x)

=a G- x,) - (- x ) +2(x- x)

x #l
‘ Sa
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Cau 103.

Cau 104.

S48 = [fG)dr=/(x) [dr=f()=2a L 5 o, 5 =34
! 2 Ty

Mat khac ta co
5.3
Vay 5
(Chuyén Negoai Nei - Ha Noi 2022) Cho ham s¢ / () =37 @ +bx +ex+dlabe.d€R)

6 ba diém cuc trj - 2,132 Goi ¥ =g(x)
8 thi ham s6 ¥ =/ )
gia tri thudc khoang

4 (34:35) g, (36:37) c. (37:38) p, 35:36)

l1a ham s0 bac hai ¢6 d6 thi di qua ba diém cuc tri cua

. Dién tich hinh phang gi6i han boi hai duong y=f0) va =g(x) co

Loi gii
Chon C

) =17 Y v - B PRT] (P
Theo bai ra, ta co: £ G =120+ 2) (- D= 2) Iu(r x 4.‘r+4)

= f(x)=3x"- 4x" - 24x° +48x+d.

Khi db f(-2)=d- II2.__3"(I):d+23.__f'(2):;f+ltj-

Gid sit gx)=mx" +nx+p

Theo bai ra, ta co:

e(-2)=4m-2n+p=d-112  [4m-2n+(p-d)=-112 [ =-13
g(D)=m+n+p=d+23 = imen+(p-d)=23 = in =32
.g(2)24}31+2}?+p =d+10 .4}JI+EH+(]{}—&():|G p-d=4

. _ _ 1 I 2 I _ 4 o 2 -
Do vy, F(x)- g(x)=3x"- 4x" - 24x" +48x+d +13x" - 32x- p =3x" - 4x - 11x" +16x 4

=
[l

f)-eg(x)=0=

o
Il

bd T lad | =

o
Il

Suy ra

5= 'ﬂh-‘ - 4x7 - 1157 +16x - 4|dv =37.31358 =(37:38).
Vay =

(S¢ Hai Phong 2023) Cho ham sb bac ba ¥ =/(*) ¢4 dao ham lién tuc trén R va théa man
flx)- f{x)=x"- 65" +7x- 2, VxeR
y=1(x) g5 ¥ =x(x) bing

o 2 z 135
A. 32, B. 32, C. 32, D. 64

Loi giai

. Dién tich hinh phang gi6i han béi d6 thi cic ham sb
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Cau 105.

Cau 106.

Theo bai ra, ta co: f('ﬂ =x" +bx’ +ex+d = f”(-'f} =3x +2bx +c

b-3=-6 [b=-3
= f(x)- f{x)=x +(b-3)x" +(c- 2b)x+d-c= {c-2b=T = {c =l
d-c=-2 |d=]

Vay flx)=x' -3 +x-1= flx)=3x" - 6x+1= xf (x)- f(x)=2x" - 3" +1

x =]

oxf(x)- flx)=2x"-3x"+1=0e

x ==

b | —

' 27

5= ﬂl‘r" - 3 +I}rh‘ :33
Vay
(S¢ Hai Duong 2023) Cho ham s6 =/(*) ¢6 dao ham lién tuc trén doan (521 va thoa man
. . AL =1 Flx)+x - (x) =022 +5%) -F(x) Wx e[l:2]
ddng thoi cac diéu kién e ST TR Goi S 1a
dién tich hinh phing gi¢i han boi cc duong ¥ =/ () tryc % =L =2 Cpon menh dé dung?

L<S<1 1<S<3 0<S<l
A. 2 ) B. 2<S8<3, C. 2, D. 2,

Loi giai -
Chon D

F00+x-F10 =26 +) P = = X+ F00 =(2x+ D F(X

Swele (1]
fz{x} :‘ZX' l"::" m :‘2}{‘ 1=" m:‘f' X"‘C.

Thay X =1 vao ca hai vé suyra € =0

ﬂ:x}:_—l: 5:2_—1 =0 2123
X4 X X+ x° T

(S& Thai Binh 2023) Cho ham sé ¥ =/(¥) ¢6 dao ham lién tuc trén R va théa man

f(x)+4x- 6x € =0, ¥rER va f(0) =

~ 1 Dién tich hinh phing gioi han béi dd thi ham
s6 V=) ya db thi ham sé ¥ =f @)+ (x) bang
16 32 22 27

A3 B. 3. c. 3. D. 3.
Loi giai
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Ta co

f{x)+4x-

Gx " =0, YxeR

= f(x)+4x =6x e I o [frf-‘f]'+4.¥] LE T S

= [f'[.r}+4.rl e

Suy ra

(el g o e [EI-;.-.-.H:.-.--HI —6x &

o e :J'ﬁx EF dy =™ + €

vi /(O =1 hen suyra € =0,

vay /() =x-1

Do do, ta co -

Xét phuong trinh

o x-2x-3=0« [

5= [if(-
Vay -

f(x)=2x [ (x)=2.

@)= [f ()+f ()] =27~ 1- (2x+2) =0

x=-1

x =3

32

[f'lf.ﬁr}+f”|f.¥}]w :‘]’(f - 2x-3)dx

3
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