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1. PHAN MO DAU
1.1. Li do chon d@ tai

Trong chuong trinh toan trung hoc phd thong, bai toan tim gioi han ham
sd va (mg dung cua gioi han ham so 1a mot phan rat quan trong ma hoc sinh
thudng xuyén gip. Cu thé 13 cung cap kién thirc ban dau dé hoc sinh c6 thé tlep
can dugc dao ham cua ham so; cac bai toan lién quan dén duong tiém can cua do
thi ham sd; su bién thién ctia ham sd, dic biét 1a bai toan khao sat sy bién thién
va v& db thi ctia ham sd va cac bai toan c6 lién quan. Cac dang bai toan noi trén
rat quan trong trong cac dé thi tt nghiép va tuyén sinh dai hoc cac nim trudc
cling nhu trong dé thi THPT quéc gia ndm nay va cac nim toi.

Tuy nhién, phan kién thtrc gidi han ham sé kha triru twong nén da sb hoc
sinh, dac biét 1a nhitng hoc sinh c6 hoc luc yéu kém va trung binh. Cac em
thuong gap kho khan trong viée giai quyét cac bai toan lién quan dén kién thirc
nay, cu thé 1a viéc xac dinh dang va sir dung phuong phap phu hop vai ting bai
toan. Nhimng dang toan nay ngoai viéc doi hoi hoc sinh nam ving ly thuyét thi
can phai nim duoc phuong phap nhan dang va cach giai tuong tng.

Vi vay, dé giup cac hoc sinh hoc tap tét phan nay, gido vién co tai lidu
tham khao dé giang day, gop phan nang cao chat luong day va hoc. T6i manh
dan dua ra mot so kinh nghiém cta minh dugc duc rat tu nhiéu nam giang day
thong qua dé tal “ Day phu dao hgc sinh yeu kém gidi mot s0 bai toan tim
giéi han ham s 16p 11”7

1.2.Muc dich nghién ciru

- Tim hiéu nhing kh6 khan va thuén loi ctia hoc sinh, dic biét 1a hoc sinh yéu
kém khi hoc phan giéi han ham so.

- Phat trién tu duy ham, tu duy logic, kha ning tong hop, so sanh phan tich
cua hoc sinh.

- Thong qua dé tai nay toi mong mudn sé giup hoc sinh, déc biét 1a hoc sinh
hoc yéu c6 thé hoc tot phan gidi han ham sb. Hy vong dé tai nho nay s& giup
cac ban dong nghiép 1am tu liéu tham khao thém. Gilp cho qua trinh day va
hoc moén toan dat hiéu qua cao.

1.3.D6i twong nghién ciru
- Hoc sinh khoi 11 THPT

- Gido vién giang day mon Toan bac THPT




- Vé ndi dung chi dua ra cach phan loai cac dang va phuong phap giai tuong
ung voi tung dang toan cuy thé cac bai toan tim gidi han ham so6 16p 11

1.4.Phwong phap nghién ciru

Phwong phap
- Nghién ctru li luan chung
- Khéo sat diéu tra tir thuc té day va hoc
- Tong hop, so sanh, duc rat kinh nghiém
Cach thuc hién
Trao doi v6i dong nghiép, tham khao ¥ kién ciia cac gido vién clng to bd mon

Lién hé thyuc té trong nha trudng, ap dung ddc rat trong qua trinh giang day.

2. NOI DUNG

2.1.Co s6 li luan

Trong thuc té giang day néu chi cung cp kién thirc mdi va lam cac bai
tdp ma khong chu y té1 cac dang cua bai toan thi hoc sinh sé gap khé khan khi
gip nhitng dang toan duoc phat trién tir dang toan ban dau. Pic biét 13 nhiing
hoc sinh thudc dang trung binh — yéu va kém vi tu duy cta cac em bi han ché.
Do d6, dé hoc sinh niam bai, nhd bai tét theo t6i nén tong hop lai cac dang toan
dé hoc sinh c6 thé van dung tot khi gip phai nhitng dang toan tuong tu.

Pé thyuc hién dé tai nay, sau khi hoc sinh da Iam bai tap sach gido khoa,
to1 giao nhiém vu cho céc t6 mot s dang dé hoc sinh trong t6 thao luan va tom
tat dang toan va 1am nhimng vi du t6i yéu cau, sau do6 tong hop céc t6 lai va tién
hanh nhan xét va chinh sita lai cho hoan chinh.

Mot so kién thiwre can luu v:

Hing ding thirc ddng nhé (ding trong nhan lién hop)
a’ - b>=(a- b)a+b)
a* - b* =(a- b)a® +ab +b*)
@ +b° =(a+b)a® - ab +b*)

MGt s6 dinh Iy vé gidi han ciia ham so:

Pinh 1y: (Cac phép toan trén cc gidi han cia ham sd).



Néu cac ham sd f(x) va g(x) déu co gidi han khix— @ thi:
lim[ f(x) £g(x)] =lim £ (x) £lim g(x)
ggg[f(x>.g<x>] =lim /(%) limg ()
1
f(x) _gl}f( ) (11m #0)
= g() lim g(x) "+
Lijr;x/f(x) = Jlim /(0),(f(x) 20)

Gioi han mot bén:
Pinh nghia: S6 L dugc goi la gioi han bén phai ( hodc bén trai) cua ham sO
f(x) khi x dan t&i a, néu véi moi diy sb (x.) v6i x, > a (hodc x, < a) sao
cho

limx, = athi limf(x,) = L.
Taviét: Hm =L (hozc Im f(x)=L)

Pinh Iy: Didu kién can va du ¢é imf(x) =L 13 lim /(x), lim /(x) qdy ton tai

va bang L.
Cac dang vo dinh:

Khi tim gidi han ciia ham s6, ta c6 thé gap mot ) truong hop vo dinh sau
day (dang vo dinh la dang khong thé suy ra ngay duoc két qua ma phai tim cach
de khu).

L u(X)  lim u(x) = lim w(x) =0 o 0

1) Ecgl;z) V(X) ma z;xgo) .Ecx—i;xgo) . (ta ky h1¢u la 6 )
u¥) lim u(x) = lim v(x) = e O

2) f(?:r{)lo) W) mdoew = .(ta ky hiéu la ;)
3) zclirx?)[”(x)'v(x)] ma .(vli?})“(x) =0 E}i?}) V¥ =0 o kg higu 1a 0.0

)
4) lim [u(x) - v(x)] ma lim u(x) = lim v(x) =+o0

(x20) (3= ) (x—020)
li =i =-
hoge M u(x) =Hmov(x) ==e0 o hieu 1a 00- 0)

(3= 0) (x¥—0)

2.2.Thuec trang cia dé tai

Gidi han 1a mot mang kién thire kha triru twong d6i véi hoc sinh phd
thong nén viéc tiép can kién thirc nay 1a kho dbi v6i da sd hoc sinh dic biét 1a
nhirng hoc sinh ¢ hoc lyc trung binh, yéu va kém. Sau nhiéu nim giang day
mon Toan & cép THPT to1 théy cOn rat nhiéu hoc sinh hoc tdp mon toan mat
cach thy dong, ddi pho; ki ning giai cac bai toan con yéu, dic biét 1a ki ning
nhan dang va phan loai cac dang toan cling nhu ap dung phuong phap phu hop
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cho tung dang toan con nhiéu ling tang. Nguyén nhan chi yéu 1a do hoc sinh
mat can ban vé kién thuc, ki ning va  phuong phap giai toan; lai thém ludi hoc,
thiéu y thirc ty hoc. Thyc trang trén dan dén: Con nhiéu hoc sinh hoc trudc quén
sau nén chua c6 hig tha hoc tip mén Toan, dic biét 1a phan giéi han ham sd.

S liéu thong ké & 16p 11C5, 11C7 khi chua trién khai dé tai nay

Lop Si s6 G101 Kha TB Yéu Kém
11C5 45 0 6 19 15 5
11C7 44 0 5 15 18 6

2.3. Giai phap thwe hién:

Dé: tai dd phan loai cac dang toan cy thé va phuong phap giai twong
ung. Cu thé c6 dé cap dén phuong phap:

+ Cach thém b6t s6 hang bang cach xem xét dua dang vo dinh thanh tong hai
dang vo dinh cung logi. Phuong phéap nay giup hoc sinh dé dang hon trong viéc
xac dinh sb hang can thém bét.

+ Céch dung “s6 hang vo cuc” dé xac dinh bai toan nao can nhan luong lién
hop va bai toan nao khong nhan luong li€én hop. Phuong phap nay gitp hoc sinh
nhan luong lién hop mot cach hop 1y cho timg bai toan cuy thé, tranh viéc nhan
luong lién hop tiy ¥ mdi khi thay co can thuc.

Noi dung cuy thé cua dé tai:

I. Dang khong vo dinh:
Nhan dang: x dan dén a, thé a vao biéu thuc di cho ta duoc két qua la sb thuc
hodc dang L/0.

Phuong phép giai: thé a vao biéu thirc di cho, ta duoc két qua 1a mot s6 thuc

(Kiéu bai nay hau hét hoc sinh déu lam duoc).

Vi du: Tinh cac gi6i han sau:
Dlim(2x* - 3x+4) =2.(-2) - 3.(-2)+4 =-26

x—-2
X +4x+1 1P +4.1+1
i x-x+1l 1P-1+1
3)hm«/1- X +2x _1/1' ('3)"‘2('3)_
=3 x+] -3+1

4) 1152(\/)5 +2+3x)=(-1+2+3-1)=0



2 _ 2 _
X-25_5-25_

5)lim =
x—5 x+2 542

Néu gap bai dang khi x dan dén a, khong vo dinh nén ta thé a vao, duogc két qua

khéng phai 13 s thyc thi ta 4p dung ngay dinh li.

Vi du:
2+l lim(2x+1)=3
6)lim =-oodo 1
-1 x-1 hm(.X' 1) :O;X' 1<09 Vx <1
x— 1
7 i x+1 xlir?(“l) =3
im -oodo |
=2"2- x lim(2- x)=0;2- x<0,Vx>2
x— 2"
. lim(x* +x+6) =12
8 hmﬂ =+0do {7
-2 x-2 lim(X' 2) :O;x- 2>0, Vx>2

x— 2"
Nhan xét: Dang nay chi can hoc sinh biét cach xét dau biéu thirc duwdi mau

s0 va ap dung dinh li SGK

I1. Dang 0/0, khong chira can:

Nhén dang: x dan t6i a, khong chira can thirc, thé a vao biéu thuc ta duockét qua
0/0.

Phuong phép giai: ta dit nhan tir chung (x-a), don gian (x-a), thé a vao biéu thirc

sau khi rat gon ta dugc két qua va giai thich néu két qua khong phai 1a s thuc.

Vi du: Tinh cac gi6i han sau:

Coxi+x-6 . (e-2)(x+3) . x+3 5

Dlim———— =lim =lim=—— ==

=2 x" -4 2(x-2)(x+2) F2x+2 4
’- -4 4

2)lim x -16 i (- 4)(x + )_1. x+4 _8

m =lim—=
=it +x-20 4 (x-4)(x+5) ix+5 9



2
- -1 -
3)lim X4 +3 TRt ) SNV U
x—3 x-3 x—3 X - x—3
. X' -3x+2 ki (- DGe-2) (x-2)
Hlim—=— =lim I
=lx - xT-x+1 ¢ 1(x 1) (x+1) * 1()C-l)(JC+1)
S)Iim4_x —lim (2- x)(2+x) : 2-x 4 1
-2 x +8 H'2()c+2)(3c -2x+4) X - 2x -2x+4 12 3
+3 +3 .1 -1
6) lim xz =lim x =lm—=—
x—=-3 x -9 x—- 3(x+3)(x 3) x=-3x - 3 6
2
- 1 -
7)lim odxa3 G DG-3) Ly
x—3 x-3 x—3 x- x—3

Nhan xét: Dang nay chi cin day cho hgc sinh thanh thao cach phan tich da
thirc thanh nhén ti, cé thé hwéng din cic em sir dung may tinh cim tay

I11. Dang 0/0, cé chira can:

Nhan dang: x dan tGi a, thé a vao biéu thuc ta duoc 0/0, ¢6 chia cin va nhung
khong dat dugc nhan tir chung (x-a).

Phuong phép gidi: Ta nhan ca tir va mau véi biéu thirc lién hop, sau d6 dit nhan
tr chung (x-a), don gian (x-a), thé a vao biéu thirc cudi cing ta dugc két qua va
giai thich néu két qua khong phai 1a sb thuc.

Jirax-1 . (ear-1)(ie2x+1) o

=lim

Vi du: 1)lim =lim
T 2x v=0 Zx(\/1+2x +1) **”2x(\/1+2x +1)

Lol
_lglg\/l+2x +1 2
2 l 4x(\/9+x +3) _ 4x(w/9+x +3)
1m

=l; =1
J9_ 30 ((orx-3)0rxe3) 0 x
—11m4(\/9+x+3) =24

x— 0

3lim ax¥7-3 (V2 +7 - 3)(V2x+7 +3)(2+4/x+3)

- 2-Jx+3 (2- Vx+3)2x+7 +3)2+Vx+3)
(Zx D(2+Vx+3) ! -2(2+JxT)

- (1- x)(\/W+3) = (V2x+7+3)




3x-2 (x- Bx-2)(x+3x- 2)

Hlim N2
R TS | (P cyoy
x* - 3x+2 I (x- D(x-2)
‘”(x 2)(x+2)(x+\/3x ) ‘”(x 2)(x+2)(x+\f3x )
(x-D 1
=lim
P Gar)eBao2) |
C Be2x-Jr+2 (\/3+2x—\/x+2)(\/3+2x+\/x+2)
5)lim =lim
vl 3x+3 x-1 Gx+3)3+2x +Vx+2)
(l+x) 1 1

_’Ll(3x+3)(\/3+2x+\/x+2) "*"3(\/3+2x+\/x+2) 6

PrsTex-4 . (W2x+7+x-4)V2x+7- x+4)

6)lim 11

)-Hl x - 4x+3 x (x -4x+3)(m x+4)

2T e ) 2aT - v ed) (- * +10x- 9)
=lim

I 4x+3)(x/2x+7 - x+4) H' (x - 4x+3)(\/2x+7 x+4)
lim - (x- D(x-9)

=1 (x - 1)(x +Xx- 3)(% x+4)

-(x-9) 4

=lim

1 (3 - 3)(% x+4)
i N+2x-1 (\/1+2x- 1)(\/1+2x +1) y 2y

) lim =lim =hm

=0 2x =0 2x(\/1+2x +1) x_)02x(\/1+2x +1)
fim—— =1

=014 2x +1 2

Yax-2 (\/E-Z)[(%)2+2m+22

8)lim =lim

CRox= 2 (e 2)[(@) +23[4x +2°




(4x-8) , 4 |

=lim =lim =

"'”(x-z)[(i/E)2+2i/E+22 =2 (Yax) #2Yax 422 3
Ux-1 (x-1) (%/9_“)2"‘3)6'*1 (Vx +1)
9)lim =lim .
TN ) (e )| () 4+
_ (x- D(Vx +1) i Jrel 2
TG D[ ) | TR e 3
3 (2- fx+3)| 22 +2¥x+3 +(x+3)
10)lim 23 Zjig : ]
27 +23x+3 +(\/3x+3) ]

X
x=5  x° - 25 x—5 (xz_ 25)

) 5-x
=lim .
45 (x-5)| 22 #2543 +(Yx+3) J
. -1 -1
=lim =
D (x+5) 2242k +3+(fx+3) | 390

Rl

a1l 4+l («./x+1 NS +x+1)(~,/x+1 +\/x2+x+1)
=lim
x o x(\/x+1+\}x2+x+1)

- 2 -
al —lim al =0

=lim
'Hox(x/x+1 +4/x° +x+1) =0 Jx L +/x +x+1

12) im N jc2+-j5- >
=lim (x- ﬁ)(x+\/5) = lim (x- \/E)(x-l-\/i)
o2 (- V2) R (a- V2) (64 42)- (3 V2)

(r-V2)xev2) e p o

—1i —1 —
PEG ) a2 1) Exe2-1 22- 1

3l 3 (- ) +3) LR
—ix-sv+d = (x-1)(Wx-4) —Tx-403




14)lim 3x-2-+4x*- x-

a1 x> - 3x+2
(3x- 24437 - x- 2)3x-2- J4r - x- 2)
=lim =
S (- 3w +2)(Bx- 24 44x7 - x- 2)

—lim 5x°-11x+6
=l (x2 - 3x+2)(3x- 2++/4x% - x- 2)
lim (x- D(x-6)
G- DGe- 2)(3x- 2+ V4 - x- 2)
. S5x-6 1
=lim -
1 (x - 2)(3x- 2 ++/4x* - x- 2) 2
- xT+2x+4 . (x+1(x? - 2x+4) . x'-2x+4 -7
15) lim = - =lim =lim— =
-1 x*-3x-4 —-1 (x+1)(x- 4) =-1 x- 4 5
- 6x%-27 (x* +3)(x*-9) . (x> +3)(x- 3)(x+3)
16) lim =lim =lim

-3y +3x +x+3 o (r+3)(2+1) = G+3)(P+1)
(x> +3)(x- 3) 36

5
x-Jx+2 iim ( \/xT)(x+\/x+2)(\/4x+l+3)
Vaa -3 (Jaret - 3)(ax e 1 +3)(x eV e2)
hm(x - x-2)(VAx+1+3) lim(x+1)(x ) (Vax+1+3)
2 (- 8)r+vx+2) 2 4e- D(x+dx+2)
. (x +1)(m + 3)
2 4(x+\/E)

17)lim

oo|\o
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Ly )

1+ 31 x+(m)]

18)lim =lim
o Oy 14] 1-x+(ﬂ)]
iim X _ 1 1
x| 1+31- x + (- x)] *01+«/1 (%)
ot G Fx+D)|(5) - L +1|(V2 +3 +2)
ENENER “*'1( X2 +3- )( x* +3+2) (x) - dx+1
GVt +3+ 2) G+ +3+2)
“(xz DI () - 3 +1 (x DG+D| () - Px +1
i X342 _-2
T D] (Rx) - x4

o 3-J57x (3 \/m)(3+ 5+x)(1+ J5- x x)
G B )G dser)

G- +5-x) - (+5-x)

=lim

TG DG r) T saer 3
G x- 1) (i) 3 +1] (Va2 +3+2)
P #3-2 e e3- ) w3 +2)| (V) 3 +1
Genese2) el e e)
:1.39?(x2_ D ((x) +3x +1 21}9}(x_ DG+ 1| () +3x +1

VX +3+2 _g
BETE

Jx- 2 +1- x+x° _lim\3/x-2+1+ - x+x*-1
g =
x -1

x—1 x2 - 1

21)11m

—hn}
T (x+1)

22)lim

11



o Rx-2+1 I- x+x* -1
=lim > + .
x—1 x -1 x -1

(- 2+1)|(¥x-2) - ¥x-2+1
=lim
G-) (ﬂ/x- 2) - e 241

(Vi-x+x - 1)(Vi- 2+ +1)
(- DI 2 +1)

N
x-1 X -Xx

+
({/ﬁ)z Sx-2+1 G-DG +1)(\/1- X+ x° +1)

=lim

o (x- D(x +1)

x-1 x(x-1)

+
(x-2) - - 2+41] G-DG+DE- v+ +1)

=lim

G- DG+

X 5

(\/ ) Ux-2+1 (x+1)(m+1) 12

23)lim Ji+2x-3 iim (\/@ 3)(VT+2x +3)(Vx +2)
w2 (e ) ae2)Wieanes)

=lim

x—1

(x+1)

Qx-8)(Wx+2)  2G-D(x+2) 2(x+2) 4

=lim M
T x- 4)(\/1+2X+3) *“(x 4)(\/1+2x+3) i l+2x+3 3
s i) 1+ x+(-x)

24)lim———— =lim .
=0 3x e x| 1+31-x +(i/l- x)
=lim al =lim : _L

x—0

"l 1+ -+ (N ) 31+ -x+ (- %)

Nhan xét: DPéi véi dang toan nay hoc sinh cé hoc lwe yéu kém thi viée tiép
thu kién thire rdt kho khiin nén toi phai kién tri day cho cic em sir dung
hing ding thirc thanh thao, phat hién nhanh biéu thirc lién hop cin nhén
va tinh toan khai trién cac biéu thirc tot
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IV. Dang vo dinh khong chira cin:

Nhén dang: x dan dén vé cuc, khong chia can.

Phuong phép giai: dat lity thira bac cao nhat ciia x lam nhén tir chung, don gian,
suy ra két qua va giai thich néu két qua khong phai 14 s thuc.

Vi du: Tinh cac gi6¢i han sau:

! 2 1
xs I+ =+ — 1+ =+ =
5 2 3 3 3 5
D lim 22 g ¥ X fim XX gy
X— +o0 x' X— +00 3 1 X— +o0 1
x| 1+ = 1+—
3 3

2 1
lim —*—X =
X— +0 1

1+—

Bai nay c6 dang x dan dén vo cuc, khong chtra cin nén dit nhan t chung, don
gian, suy ra két qua dya vao dinh li SGK.

s x2 2+§+l 2+i+l
. 2x"+3x+1 . X X . X X
2)lim————— =lim =lim—2 2% ==
= 3x - x+5 Xow 1 5 x— 0 1 5 3
N ERRSCA s B
X X X X

Bai nay cho ta két qua 1a mdt sb thuc
Céc bai toan tuong tu:

2 1.1
(- 2+ )(=-4)
i G2 D2 49, TOT
2 X -/ x3(3+7)3
X
2 1.1
1-2)2+)=-49 _g
=lim—X X x 72
X - 00 (3+i)3 27
X
2 1+§- 8 1+§-§
2 2
4)lim X X)X Y ) 5o
X— 00 4 6 1 Y"ijz 6 1
et et

V. Dang vo dinh c6 chira can:
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Nhéan dang: x dan dén vé cuc, ¢ chtra can

Phuong phép giai: day 1a dang c6 thé s& phai nhan lién hop. Ta goi ax" 1 “sb
hang vo cuc” trong d6 x" 1a liiy thitra bac cao nhét cua x, va ax" dugc tinh béng
cach chi quan tim dén nhitng sé hang c6 lity thira cao nht.

Néu ax" =0x": ta nhan lién hop.

Néu ax" # 0x™ ta khong nhan lién hop ma dit nhan tir chung lily thira bac cao
nhat cia x.

C6 thé minh hoa nhu cac vi du cu thé sau day:

Vi du: Tinh cac gi6i han sau:

Dl -0 -t (\/l 0 |

) X ) X
:11m\/ - =lim
X— +00 X— +00o
X +x +x 1
X 1+ — +1
\/ X
) 1
=lim ——=—

X— +00 l+l+1
V X

Nhan xét: Bai nay c6 dang x dan dén vé cue, v dinh, diy 1a dang c6 thé
phai nhan lién hop do ¢é chira ciin, cach nhan biét nhin lién hop nhw sau:
Chi quan tim dén s6 hang cé bac cao nhat néu két qua 1a 0x thi ta sé phai
nhan lién hgp.

O day taco: Yy +x% - x>Yx’ - x >x- x >0x

Do d6 ta phai nhan lién hop, dat nhan tir, don gian va suy ra két qua.

2)1im(x}x2+x-x)=lim x’ l+l - x| =lm ‘x‘ l+l-x
X—-00 X—=-w X X— -0 X
: 1 : 1
=lim|-x,(l+—-x|=lmx| -, [1+—-1] =+
X -0 X X—-00 X
lim x =-co
do 1
lim |-, [1+—-1]|=-2
X— =00 x

Bai nay c6 dang x dan dén vo cuc, vo dinh, day la dang co thé phai nhan lién
hop do c6 chira cin, cach nhan biét nhan lién hop nhu sau: Chi quan tim dén sb
hang c6 bac cao nhit néu két qua 1a Ox thi ta s& phai nhan lién hop.

O day ta co: Vx® +x - x soofx? - x >3|x|- x >3- x- x >>-2x
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(ta can luu ¥ rang X — - % nén x<0, do do |X| =-X)

Do d6 ta khong nhén lién hop ma dat nhéan tir, suy ra két qua va giai thich vi két
qua khong phai 1a s thue.

Céc bai toan tuong tu:

Tinh cac gidi han sau:

3) lim (2 - 1- V42 - 4x-3) =1im 2x-l-\/x2 4- 23
X— -0 Y= -0 X x°
=lim|2x-1- x‘\/ -4-32 ]Zlim 2x-1+x\/ --32
X -0 X X X— =00 X X

=lim x 2-l+\/ 4-ﬁ-i2 ==
X— =00 x x x
lil’_nx:-oo
do
lim 2-l+\/[4-i-i2 4
Xmme X X X
O day ta co:

2x-1- +J4x? - 4x- 3 32x - J4x> >32x- 2|x| >32x + 2x >>>4x

(ta can luu ¥ rang X — - % nén x<0, do do ’x’ =-X)

Do do6 ta khong nhan lién hop ma dat nhan tu, suy ra két qua va giai thich vi két
qua khong phai 1a so thuc

4) lim (2x- 1- Vdx? - 4x- 3)

X— +00

) 4 ) 4
= lim \/ - =lim

: 2x-1++4x - 4x-3 ° 2x-1+\/x2 ___iz

X

= lim 4 = lim 4

| 2x-1+\x\\/4-4- S 2x-1+x\/4-4- 3

X X X X

=lim 4 = liml. 4 =0.1=0

xX— +0

O day ta co:
2x- 1- A4x% - 4x- 3 >32x- \/4x® >52x- z\x\ 2% - 2x 35350x
(ta cAn luyu y rang X — +90 nén x>0, do d6 ‘x‘ =X)
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Do d6 ta phai nhan lién hop, dat nhan tir, don gian va suy ra két qua.
(\/x2 +x- Jc)(\/x2 + X +x) X
5) lim (\jx‘ +x - x) = lim —_— =lim ———
X— +w0 X— +0 xb + x +x X— +x0 x& +x +x

. X . X . X
:_hm :11m ; :_llm—1
' \/x2[1+l]+x ' |x|\/1++x o ox 1+ = +x
X x V' x
= lim al —fim__ L =1

X— +00

X

/1+l+1 Xﬁ+w,/1+l+1
X X
2

Bai ndy ta co: Vx® +x - x 3>3>x7 - x 3>[x]- x>>x- x >>>0x

(ta cAn luu ¥ ring X — +% nén x>0, do d6 |x| =x)
Do d6 ta phai nhan lién hop, dit nhan tir, don gian va suy ra két qua.

o 1im (ST ) i O 7220

X—-00 X— -0 \/xz +x_ x
) X ) X . X

=|lim ——— =1lim =lim
X— -0 2 X— -0 Y= -

VX +x-x 1 1

X1+ |- x |x|\/1+-x
X X
X X 1

=lim =lim =lim—— :i
2

.\‘H-oc-x\/l-'-l- . .\‘H-aox -\/Hj- 1 _\‘—»-ac-- 1+l- 1
X X u X

Bai nay ta co: Vx® +x +x 33>x7 + x 35 |x|+ x >3- x + x >>0x

(ta can luu ¥ rang X — - % nén x<0, do do ‘X‘ =-X)
Do d6 ta phai nhan lién hop, dat nhan tir, don gian va suy ra két qua.

7) lim( 2x2+x—2x):1im X 2+l - 2x | =lim | |x] 2+l—2x
X— - 20 X— -0 X X— -0 X
: 1 : |
=lm|-x/2+—-2x|=limx|-,[2+—- 2| =+
X— =00 X X— -0 X
lim x =-
do

=-42-2

lim

x— -

- f2+l-2
X

Bainay ta cé :
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N2x7 +x - 20 3207 - 20332 x

ta can luu y rang X = - % nén x<0, do d6 |x| =- x
y rang

S 2x - 2x- 20 (-2 - 2)x

Do d6 ta khong nhan lién hgp ma dat nhan t, suy ra két qua va giai thich vi két
qua khong phai 1a s6 thuc.
1 3

lim X +x-2 lim (x- D(x+2)
=1 (1- x)(x2 +x+1) =1 (] - x)(x2 +x+1)

8)lim

x— 1

1-x 1-x°

. -(x+2)
=lim————=
=lx"+x+1

9)lim(x- V3x° - x3)=1im x- 3/x3 2-1 ]
X— -0 X— =00 x
x-x%/é-l =lim x 1-‘3/2-1
x X - x

lim x =- o0

-1

= lim ==

X— -0

do 3
lim|1-3—-1|=2
X - X

Bai ndy ta co: x- 3/3x* - x* >>x-3-x SSx+x 352y
Do dé ta khong nhan lién hgp ma dat nhan tu, suy ra két qua va giai thich vi két

qua khong phai 1a s thue.
x- 3/)53 3. 1 ]
X

10) tim (x- B2 - #* ) =lim

X— +0 X— +o0

=lim| x- xg/é-l =lim x| 1- 3|/2-1 =400
X— 40 X xX— 40 X
lim x =+o0
do
lim|1- ‘3/3-1 =
X— +00 X

Bai nay ta cO: x- 3/3x° - ¥’ >>x- -1 SSx+ x5 0x
Do d6 ta khong nhan lién hgp ma dédt nhan tu, suy ra két qua va giai thich vi két
qua khong phai 1a so6 thuec.
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(x+\/3 3x° - x:’) X - xB3t- i "‘(i/:”‘2 - X )2
1) lim (x +33x* - © ) =lim ‘

=
X— =0 X— - 5 - - ~ Y
x*- x\’/3x2 - X +(i’f3x2 - x")

. 3x* . 3x*
= lim - =lim -
X—-m 2 _ 3 2 _ .3 3 2_ .3 Xx—-m 2
X x\/Bx X +(\/3x X ) r 1_3’3_“_ 3}_1 ]
X X

3

=lim > =1

l-i/3-1+ i/3-1
X X

Bai nay ta cO: x +3/3x% - ¥’ >y +3/-x" >>x- x>>30x
Do do ta phai nhan lién hgp, dat nhan tir, don gian va suy ra két qua va giai thich
vi két qua khong phai 1a so6 thuc.

el o [l 1+ el L
. NxT+1 . x° . X’ . x
12) 11I_Il 7 :hm 3 :hr_n. 3 :111‘_11. 3
X—r-¢ X + x2+7 : x2+7 ; . x2+7
X X X
- 1+L2 |
=lim 3x S
X— =00 2+_ 2
X
(ta cAn lyu y ring X — = nén x<0, do d6 x| =- x)
Trx+1 x| -1+ 12+L3 -1+ lﬁ"'Lz.
13) lim """ =lim = lim xS =
X X '2 x x2 1_ g X 1_ 2
X" X
-1+ 12+L3
lim X X —_
dO Jx— 40 l-i
2
X
lim x =+

2.4 . Két qua kiém nghiém

- Viéc phan dang cu thé cic bai toan tim gigi han ham sb va dua ra
phuong phéap giai twong g gitp céac bai toan co ban tré nén cé h¢ thong hon,
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nhd d6 hoc sinh yéu kém d@ tiép can va nhd 1au hon. Tir d6 hoc sinh thdy htng
tht hon khi hoc phan gidi han ham s6 va thay nhitng bai toan nay tré nén don
gian hon.

- Viéc On tap lai kién thtrc vé gi61 han ham $6 cling trd nén dé dang hon
rat nhiéu.

- Sau khi thuc hién sang kién kinh nghiém nay ¢ 16p 11C7 thi da s6 hoc
sinh da ti€p can tot hon, chi con rat it hoc sinh gdp kho khan trong viéc giai bai
todn tim gidi han cua ham s6. Cu thé:

Lép Si s6 Gioi Kha TB Yéu Kém

11C7 44 9 14 17 4 0

3. KET LUAN, KIEN NGHI
3.1. Két luén

Pé tai nay 1a mot sd kinh nghiém cua toi trong qua trinh giang day nhiing
16p ¢ nhiéu hoc sinh trung binh, yéu va kém. Pay 1a dbi twong hoc sinh c6 tu
duy yéu lai luoi hoc. Tuy nhién khi 4p dung dé tai t6i nhan thay da sé hoc sinh
nam dugc cac dang bai tip va phuong phap giai trong img mot sd bai toan tim
gidi han ham s6 16p 11, biét phan tich bai toan tim gii han cia ham sb; sir dung
phuong phép giai hop li. Tir d6 nhiéu hoc sinh hiéu bai, 1am duoc bai va hing
tha hoc tdp mon Toan 1am cho chét lugng cua nha trudng ngay mot tét hon. Dé
tai nay 1a y kién chu quan ciing nhu kinh nghiém cta c4 nhan t6i nén khong
tranh khoi nhitng thiéu s6t nhat dinh. Rat mong su dong gop ¥ kién ctia quy thay
c0, cac ban déng nghiép va cac em hoc sinh dé dé tai duoc hoan thién hon.

To1 xin chan thanh cam on!

3.2. Kién nghi va dé xuit:

- Nha truong can t6 chirc nhitng budi trao d6i phuong phap giang day
giita cac to bo mon trong truong va gilta cac t6 cing bd mén cac truong hoc
trong dia ban huyén dé hoc hoi kinh nghiém giang day nhdm nang cac chat
luong day va hoc.

- B€ nghi cac cap lanh dao tao di¢u kién gitip d6 hoc sinh va gido vién co
nhi€u hon ntra cac tai li¢u sadch tham khao vé cadc phuong phap d61 mai day va
hoc.

XAC NHAN CUA THU TRUONG DON VI Thanh Héa, ngay 20 thang 5 nam 2016
To1 xin cam doan day 1a SKKN cua to1
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viet, khong copy cua nguoi khéc.
Nguwoi viet

Nguyén Thi Den
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