0 BAI 2 : CAC PHEP BIEN POI LUONG GIAC
0 BAl GIANG 1 : CONG THUC CONG - CONG THUC NHAN

\. Ly thuyét bai giang :

. Memorrize :

M Cong thuc cong

| Cau 71: Chung minh rang:




sinx - cosx =+2sin| x- E]
a) 4,

1-t 3
tan| L~ x| =_20* x#ﬁhhr,x #—H+k.ﬁr,kc—27_
b) 4 l+tanx 2 4
\. Loi giai :
. 2 T
sina == “<a<na
Cau 72: Cho 3 véi 2 . Tinh:
. T ST 2T
sinfa+—|,co8| a- —],tan a+—
a) cos a, tana; b) 4 i} 3
\. Loi giai :
Cau 73: Tinh:
cos|a+— sing =—— S e e
a) , biét 3 va 2 ;
tan ﬂ'—] ] ccosa=-l J.t~:c;r~:E
b) 47 pist va 2

\. Loi giai :




Cau 74: Trén mot manh dat hinh vuéng 4B8CD | bac 47 dat mot o N

chiéc dén pin tai vi tri 4 chiéu chum sdng phan ki sang
phia géc €. Bac An nhan thdy géc chiéu sang cua dén

pin gi6i han béi hai tia AM va AN | & 46 cac didm M-V

lan lwot thudéc céc canh BC.CD a6 cho

BM :%BC‘, DN :%DC' |

a) Tinh tan{EAM + EAN). Hinh 4

b) Géc chiéu séng cua dén pin béng bao nhiéu d6?

\. Loi giai :




Cau 75: Mot soi cdp R duoc gén vao mot cot thang ding & vi tri
cach mat dat 147 . Mot soi cap S khac cling duoc gan _
vao cOt d6 & vi tri cach mat dat 127 . Biét réng hais "1
trén cung dwoc gan voi mat dat tai mot vi tri cach chan "
cot 15m (Hinh 18).
a) Tinh an& & 4 @ 1a géc gitra hai soi cap trén.

o 9 o N . H Sm
b) Tim goc ¢ (lam tron két qua dén hang don vi theo N

Vi dé) Hinh 18
\. Loi giai :
M Cong thic nhan

, i 3 2 .
Cau 76: Tinh sinZa, COsZa, tan la , biét:
. 5 JT . | I ix
sihg =— —<a<m sing +Cc0sag =— —<g<
a) 12 3 2 ; b) 2 ya 2 4

\. Loi giai :




) 4 a
. ’ sin2x =— D<x<—
CAu 77: Tinh 51X - COSX Higt 5 va 4
\. Loi giai :
tan L =-2
Cau78: Cho 2 .Tinh tan <.

\. Loi giai :




. 2
sing =—=

Céu 79: Cho V5 . Tinh: ©0s2a;cosda

. Loi giai :

Cau 80: a) Tinh SIN2@. C0s2a, @nla ;g tana =2- NER

. sin2a =-
b) Cho Sine +cosa =m Tim " @8

4| 2

T
O<a<—

\. Loi giai :




- MON QUA

Cau 81: Strdung 15" =45"- 307 hay tinh cac gia tri lwong giac ctia géc 15 .

Cau 82: Tinh céac gia tri lwong giac sau:

1

. 3T ]
SINeY =—, — < =70 _ cosag =—, cosh =—
Khi 5’5 | p)eos (a+b)cos(a- b) Khi 3 ry

T
tan| ¢+ —

a)

Cau 83: Chung minh rang:

. . | . Tl . |
sinx +cosx =2 sin| x +_‘ sin .r+_‘ - sin| x- _‘ =2 cosx
a) | 4 | . b) . 4| | 4| _
Cau 84: Tinh gid tri cua céc biéu thitc sau:
3sinx +4cos:
tan X 2 A= ' '
) Cho 2 _Tinh 4cotx+3tanx
a
1 sin 2x
tan x =— B=

b) Cho 15 Tinh  l+tan2x



1 b4
cos2a =— —<a<a

¢) Cho 3 véi 2 Tinh: sina.cosa,tana
) 2
sina =—=
Cho JE Tinh: €05 2a.cosda
Q) . : .
Cau 85: Chimng minh cac hé thic sau:
. . 3 1 : LT ox
sin® x+cos’ x =—+—cos4x I- sinx =2sin [ —- ;‘
a) 4 4 ) b) 4 2
T | l+sin2x 2
tanj —+x| =——— cot x +tanx =—
c 4 Cos =x d) sin 2x

MAT 2

Cau 86: Tinh tanl65”

Cau 87: Tinh céac gia tri luong giac sau:

T ] . 12 37
cos| —- sinegr =- —, <27
a) khi 13 2
sing = 8 tanh = >
py Sinta-b), cosla+), tanla+b) 17’ 12 va % P 13 céc géc nhon.

Cau 88: Chumng minh rang:
sin(a +b)sin(a- b)=sin" a- sin” b =cos’ b- cos’ a_

a) ;
N 4 N .
4s1n .~r+_‘s1n X - _| =48 x- 3
b) | 3 | 3 ;
Cau 89: Tinh gid tri cua céc biéu thitc sau:
) iT " X X
sin x :_E . <x<2w COSE sin—
va - . Tinh va
a) Cho
; 1 2sin2x- cos2x

tan — =- =

b) Cho 2 5 Tinh * tan2x +cos 2x

c) Cho Sina+cosa =l Tiph; sin2a
sina ! T ca<
=— —<a<mw -
d) Cho 3y 2 ’ . Tinh Sin2a. cos2a, tan2a

Cau 90: Chirmng minh cac hé thic sau:

o . 5 3 . . . 1 .
sin” x +cos” x =—+ —cos dx 51N xr.COS ¥ - COS 15N x =—sindxy
a) 5 8 b) 4



CoSx (T x| I 11 1 1 1 x .
- :I:D[‘_—_‘ —_—t+ —, | —+— . |—+—CO05 XY =C08— 0(1{_
c) l-sinx L4 2 _ d) 222 22 2 8 véi >

Ngudi nao ngiing hoc tap sé tré 1én gia ca, du & tudi 18 hay 81. Bat cr ai hoc tap
lién tuc déu tré trung, dé la diéu vi dai nhat ma viéc hoc dem lai




0 BAlI GIANG 2 : CONG THUC TiCH THANH TONG - TONG THANH
TIiCH

\. Ly thuyét bai giang :

. Memorize :

v~

"A!\p

M Céng thurc tich thanh téng



2 3a a
cosa =—. B =cos—.co5 —
Cau 91: Cho 3 Tinh
\. Loi gidi :
coszle A =cos| x+2|cos| x- E];stin sin ]
Cau 92: Cho 4 . Tinh: 6 3 .
. Loi giai :

Céng thuc téng thanh tich

Y 5 S
s1n?+sm—
N =
T T
COS—- COs —
Cau 93: Tinh: 9
\. Loi gidi :




Cau 94: Rit gon biéu thic:

A

_ sinx+sin 2x +sin3x

COSx+C082x +Ccos3x

\. Loi gidi :




y _cosTx-cos8x- cos9x+coslOx
sin 7x - sin8x - sin9x +sin10x

Cau 95: Rt gon céc biéu thirc sau

\. Loi gidi :

N S S S 4
sin -~ cos-— +sin —— cos-—
A= 15 1o 10 15
2r x 2t .7«
COs . cos - sin=— -sin -
Cau 96: Tinh gia tri cua céc biéu thirc I5 5 15 5.

Cau 97: Chiing minh ding thirc sau: sin(a + b)sin{a- b) =sin” a- sin” b =cos” b - cos” a.

Cau 98: Rt gon céc biéu thirc sau:



y _sin2x+2sin 3x +sin4x 5 _l+cosx+cos2x+cos3x
sin3x+ 2sin4x +sinS5x b) cosx+2cos” x- 1
a)

Cau 99: Chimg minh cac dang thirc sau:

[- 2sin” 2x _ l+tan2x
a) cotx- tanx- 2tan 2x =4cotdx b) l-sindx  1-tan2x

Cau 100:Chimg minh cac dang thitc sau:

a) tanOx- tan4x - tan 2x =tan 2Zx.tan 4x.tanox

b) cos5x.cos3x +sin Tx.sinx =cos2x.cosdx

tan(a +h)=3tana

c) Cho Chirng minh: sin(2a + 2b) +sin 2a =2sin 2b

T T T
B =sin —C05—C0S —C0S —
~ , ./ . > s .2 s
Cau 101:Tinh gia tri clia cac biéu thic 32 32 1o 8
Cau 102:Rut gon céc biéu thirc :
A= sin 4.x +sin Sx +sinox 5 08 +2cos 2a +cos3a
a) cos 4x +CosSx +cosbx b) sina +sin 2a +sin3a
Cau 103:Chimg minh cac dang thirc sau:
3tan” x | sin2x- cos2x
— - tan’ x =———+1 tan 4x - =
a) cos x cos” x . b) cosdx  sm2y+cosly

Cau 104:Chimg minh cac dang thitc sau:

sin7x
=l+2cos2x+2cosdxy+2cos0x

a) sinx

2tan (a +b) _,
. o . N
b) Cho sin(2a +5) =5sin f:r. Chiing minh: ana

M= I + I

. Chtrng minh rang biéu thtc 2-sin2a 2-sin2b

sin(a+5b)=2cos(a- b)

a,b.

Cau 105:Cho
khong phu thuoc vao

Trong tiét GDCD thay Tién hdi cdc em

Thay Tién: Khi chidng ta nhat dugc tién cda nguoi khac roi chling ta nén lam gi?
Moi ban Teo ?

Téo: Da thua thay bd vao tdi minh a.




Thay Tién: Nhu vay la tham lam. Khong dugc em nhé.
Ty: Da thua thay, nhat 1én bdo chl c6ng an cla ai day.
Thay Tién: Rat tot.

Tet: Da thua thay con cai nit, con ddng cai nit.

Thay Tién: Nhat dugc cla rai thi trd nguoi danh mat ch sao lai con cai nit. Gia

ma bai tap Toan thay Hanh em lam con ddng hai céi bia thi cé phai la tét hon roi
khong.




0 BAI GIANG 3 : BAl TOAN TAM GIAC (NANG CAO)

\. Ly thuyét bai gian

\. Memorize :

o~

[y

ES

Cau 106:Cho tam gidc 4BC ¢ 5 =13:C =4 g3 a =BC =12cm,




5 :lab sinC
a) St dung cong thirc 2 va dinh li sin, hdy chimg minh dién tich cua
5 _a’sinBsinC
tam gidc 4BC cho béi cong thitc 2sin 4
b) St dung két qua & cau a) va cong thicc bién ddi tich thanh téng, hay tinh dién
tich § cla tam gidc ABC

\. Loi gidi :

Cau 107:Cho tam gidc 4B8C . Ching minh rang:
a)SinC =sin A.cos B +sin B.cos 4

_SMC _tanA+tan B(4,8 290')

b) COSA.cos B

» tan A +tan B + tan C =tan 4.tan B.tan C(4,B.C =90 )

d)cot A.cot B +cot B.cot C +cot C.cot 4 =1

\. Loi gidi :




Cau 108:Cho tam giac 48C chtng minh:

. . . A B C‘
sinA+sinB+sinC =4 cos ?.cus?. cns?

a)
.4 . B . C
cos A+cosB+cosC =1 +4s5mn —.s1n—.s51n —
b) 2 2 2
) sin2 A+sin2B4+sin2C =4sin A.sinB.sinC

_B-C :E, sinB.sinC =
Cau 109:Tim cac géc cta tam gidc 48C, biét:

|:\-Jll—

Cau 110:Chtng minh trong moi tam giac 48C ta déu c6



. . . A B [
sin A+s1in B +s1nC =4¢c08 —C0s—C0s —

b) sin® A+sin’ B +sin° € =2(1 +cos Acos BcosC)

2] c a
+ _

Cau 111:Tam gidc 4BC 13 tam gidc gi néucosB cosC  sin BsinC

Cau 112:Cho tam gidc 4B8C chimg minh:
sin “A+sin” B+sin’ C =2(1 + cosA .cosB.cosC)

a)
b) cos2A+cos2B+cos2C =- 1- 4cosA.cosB.cosC
) tan A+ tan B+ tanC =tan A.tanB.tanE‘.

Cau 113:Chtng minh trong moi tam gidc 48C ta déu c6

A B B C C A
tan —tan — + tan —tan — + tan — tan — =1
2 2 2 2 b .

) 2 2 2 2 2 2
A B [ A B [
cot —+ cot — +cot — =cot —cot —cot —
py 2 2 2 2 22
2r . 1++/3
~ B+C="—, sinB.cosC :—"r.
Cau 114:Tim cac géc cla tam giac 4BC, biét: 3 4
sinA+cosB

——tan 4
Cau 115:Tam gidc 4B8C 1a tam gidc gi néu SN B +cos 4

THU THUAT

M Beginer
Cau 116: Trong cac cong thic sau, cong thic nao dung?

cosla- b) =cosa.sin b +sin a.sin b sinla- b)=sina.cosh- cosa.sin b

A. B.
C sin(a+h) =sina.cosh- cosa.sin b D cos(a+h) =cosa.cosh+sina.sinh
Cau 117:Trong cac cong thirc sau, coéng thirc nao dung?
tana +tan b
tan(a- b)) =———— _
A I- tana tanp B. tan (@ —b) =tana - tan b.
tana + tan b
C. tan (a H?)_' tanatanh D. tan (@ + ) =tan a + tan b.
sin(a+h)
sin(a- b)

Cau 118:Biéu thic bang biéu thitc nao sau day? (Gia st bi€u thirc cé nghia)



sin(a+b) _sina+sinb sin(a+b) _sina- sink

A SiD (a- b) sina- sink g, Sin (a-b) sina+sink
sin(a+bh) _tana+tanb sin(a+b) _cota+coth
c. Sin (a- b) tana- tanb p, Sin (a-b) cota- coth
Cau 119:Rit gon bidu thic: sin{a—17").cos(a+13°)—sin(a +13").cos(a—17 ), ta duoc:
B 1
A. sin2a. B. cos2a. c. 2 D. 2
' T
tan‘ - —]
Cau 120:Cho tana =2 Tinh
1 2 1
A. 3. B. 1. C. 3. D. 3.

Cau 121: Két qua nao sau day sai?

. | T . ' T
SN +COSxy :ﬁsm‘ I+Z| SIMx - COS ¥ =- ﬁcns‘ _~r+1‘

A. B.
: | | . ' |
sin2x +cos 2y :'JE sin| 2x- — ‘ sin2x +cos2xy :chcrs 2x- — ‘
C. L4 D. -
Cau 122:Trong cac cong thirc sau, cong thitc nao sai?
cot® x- 1 2tanx
cot2y =——— tan 2x =———
A. Jeootx | B. l+tan” x
C. €0s3x =4cos’ x- 3cosx p. Sin3x =3sinx- 4sin’x
Cau 123:Pang thirc ndo khéng dang véi moi * ?
. | +cosox
cos Iy =———— .
A. 2 ) B. cos2x =l- 2sm” x
. 2. l+cosdx
, , sin” 2x =————
C. SIn2x =2sin xcosx D. 2
Cau 124:Trong cac cong thirc sau, cong thitc nao sai?
A, €0s2a =cos”a —sin’ a. B. €0s2a =cos’ a+sin” a.
C. cos2a =2cos a-1. p. cos2a =1-2sin’a.
4 T |
Cosy =—, x| - T;D
Cau 125: Cho > U 2 ) Gia tri cha Sin2x 13
24 24 1 1
A. 25, B. 25, c. 5. D. 5.

| Tl .| T |
P:51n‘a+_‘51n‘a- —‘
Cau 126: Rut gon biéu thirc 40 4]



lc:os2ar

- —cos2a - —cos2a - —cos2a
A. 2 . B. 2 . C. D.
Cau 127: Bién ddi biu thic sSin@- | thanh tich.
. . T ' T . e T (e T
siner - | :Es,m‘ i - T‘cns‘ f:r+?| siner - | :251n|?— —‘ms‘ ?+_‘
A. | 2] | 2], B. 2 4 |2 4]
. | o ' | . o T (o T
siner - | ZESII]‘ a+? l:crs‘ - = siner - | :351n‘ T+_‘cns‘ s
C. | 2] | 2] D. L2 4] |2 4]
. 1
~ sinx +cosx =— )
Cau 128: Néu 2 thi sin2x bang
3 3 V2 -3
A 4. B. 8. c. 2 D.
sin3x+cos2y-sinxy , . .
g =22 " (sin2x #0;2sinx +1 20)
Cau 129: Rut gon biéu thic COSx + 5N 2x- cos3x ta duoc:
A. A =cot 6:1." B. A =cot3x.
C. A =cot2x D. A =tanx+tan2x+tan3x
_cosa+2cos3a+cosda
Cau 130: Rut gon biu thic sina +2sin3a+sinSa
A. P =tana B. P =cota C. P =cot3a D. P =tan3a
M Advanced
. 3 J [ Jr
sinx == E<x<;r Tan‘IJf— )
Cau 131: Cho 5 véi 2 khi d6 4 béng.
2 -1 -2 1
A. 7. B. 7. c. 7. D. 7.
. 1 T ‘ T
sSmo =—— OD<a<— cos|a+—
Cau 132:Cho V3 yéi 2 | Gié tri cia 3] béng
2- 6 11 G-
A, 26 B. V6- 3. c. Vo 2 D. 2,

. 5
sina =—

T 3 T
_{G"C.TJ cos ff == I[Jﬂ'.ﬂc:_
Cau 133:Cho hai géc %/ théa méan 13,12 va 5,1 2} Tinh gi4
tri ding cua cos (- fj).
16 18 18 16
A. 65, B. 05, C. 65, D. 65,



. 4 T
smﬁ:g O0<fi<—

Cau 134:Biét , 2 va a#km, Gi& tri cha biu thic:
, deoslor+
3sin(a+5)- (a+p)
A= 3
sin cx khong phu thudc vao ¢ va bang
s El 3 3
A. 3 B. V3 c. 5 D. V5
tan "{—J :4tanE tan p-a )
Cau 135:Néu 2 2 thi 2 Dbéang:
3sine 3sinex 3cosa 3cosax
A. 3- 3cosa B. 5+3cosa C. 5- 3cosa D. 5+3cosa
I I
b ~ Cosa =—,cosh =— . B
Cau 136:Cho %" 1a hai géc nhon. Biét 4. Gi4d tri cha biéu thtc
cos(a+b)cos(a-b) | .
bang
_119 _115 _113 _117
A, 144 B. 144 c. 144 D. 144
sin & _!
=— ; Tein
Cau 137:Cho so thuc ¢ thda man 4 Tinh (sinder + 25in 2a)cos
25 1} 255 225
A. 128 B. 16, c. 128 D. 128
1
cosa =— cosh =— -
Cau 138:Cho hai géc nhon ¢ va b . Biét 3, 4 . Gi4 tri cos(a+b).cos(a- ) bang:
113 115 117 119
A, 144 B. 144 Cc. 144 D. 144
_ sinx+sin2x +sin3x
Cau 139:Rit gon biéu thic COS.x +C0s2x +C083x
A. A=tano6x. B. A =tan3x.
C. 4 =tan2x. D. 4 =tanx+tan 2x +tan 3x.
T a2
—<a<T sin— :T
Cau 140:Cho g6c ¢ thdéa man 2 va 5 Tinh gid tri cla bifu thic
A :tan‘ E— E‘
12 4
A :l A== l
A. 3. B. 3, C. 4=3, D. 4=-3

| |
COsx :_‘ -_ex=()
3l 2

Cau 141:Cho !, Gi& tri clia tan2x [y



V5 W2 V5 42
2.

A. B. 7 . c. 2. D. 7
2 coter+3taner
_cosa == — , Po—7——— .
Cau 142:Cho biét 3 . Gi4 tri cua biéu thtc Zcota +tana bang bao nhidu?
p=L p=2. p=2 p=12
A. 13 B. 13 C. 13 D. 13
2
cos 2a =—
Cau 143:Cho 3 . Tinh gid tri clia biéu thirc £ =cosc.cos3a
A. 18 B. 9. C. 9. D. 18,
' 37| ) |
|,T{.1'{T‘ sin .r+—‘
Cau 144:Chotanx =2 z 30 1a

. Gia tri cua
2-3 2443 2+43 -2+43
A 25 B. 25 c. 25 pD. 25

Cau 145:Téng 4 =tan9" +cot9” +tan15” +cotl5" —tan 27" —cot 27" png:
A, 4. B. 4 C. 8. D. 8.

Cau 146:Tich s6 c0s10".cos30".cos50".cos70° hing:

A. 16° B. 8 c. 16’ D. 4
A zsin:‘ - +sin:‘ .r+£‘
Cau 147: Cho ¢0sx =0 Tinh O 0)
3 1
A. 2. B. 2. C. 1. D. 4.
sina =l sinb =l sin2(a +5)
Cau 148:Cho hai géc nhon ¢ va b véi 3, 2 Giadtricta = ° la:
2J2+73 3W2+73 42 +73 52 +73
A. 18 B. 18 c. 18 b, 18

Cau 149: Gia tri nhé nhat cta S0 Y+C05 X ]3

1 1 1
A. 0. B. 2. c. 4 D. 8

Cau 150:Gia tri 16n nhét ctia M =SIN" x+C0s" X hing:
A. 4. B. 1. C.2. D. 3.

Tan thi bang déi chia ké
Em thi tan chay khi ké bén anh
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