Bai 1. GIA TRI LFONG GIAC CUA MOT GOC TUr 0 PEN 180. PINH Li COSIN, SIN

TRONG TAM GIAC
| FanPage: Nguyén Bao Vuong
PHAN A. LY THUYET
I. Gia tri lwong gidc ciia mot goc tir 0° dén 180°.
Cho tam giac 4B C vuong tai 4 ¢6 goc 4BC =a A

. AC AB
sing =——,cosar =——,tana =—— ,costar =——
BC BC AB AC

sin(?ﬁ - a) :cnsa,cns(gﬂl - af) =5In ¢

: : B C
tan(';(} - a)zcnta,cot(gﬂ - a):talm
L, ?LRA TR G L e .. SIna =y
- sin cta goc ¢, ki hi¢u la SIN¢ | dugc xac dinh bai: Yo.
A, Clia Ta L e ... COSC =X
- cOsin cua goc & , ki hiéu la €08 | Gugc xac dinh boi: 0;

b

tan cr :&(.r,:, #0);
X

- tang cia goc ¢, ki hiéu 1a AN &  duge xac dinh bai:
X,

cotr ==2(y, #0)

- cotang ctia goc ¢, ki hiéu 1a €Ot | guoc xéac dinh boi: Yo

2 sine, cosar, tan e, cot

Céc so “ duge goi la cac gia tri lugng giac cua goc ¢ .

Vi du 1. Tinh cac gia tri lugng giac cua céc goc: 0,90,180 .
Gidi.
Vi
1|B
-
M Yo H“\

-

4(1;0)

véi @ =0 khid6, M trimg véi

.Do d6 sin0° =0 cos0" =Ltan0,cot0 ypsn0 vac dinh.

vei @ =907 kni do, M

ring véi B Do g sin90" =1 c0s90° =0.c0t90° =0,tan0" yya 0 4 ginh

voi @ =180% 1y d6, M tring véi C(- 1;0)_ Do do sin180° =0 cos180° =0,tan180° =0, cot180 khong

xac dinh.

51N ¢t
tana =

Chu y. COS (7
sin(90° - &) =cosex (0°

cos(90° - @) =sinex (0°
tan(90° - &) =cot (0"
cot (90° - &) =tan z (0°
voi 07 =a =180° 3.

(a

_sin(180° - @) =sin

290" ) cot ex :E?SQ (0" <ex <1807)
sln o

< <90°)

=a =90°)

<a <90°)

<a <90°)

I cos(180° - @) =- cose
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_tan(180° - ) =- tan ar(x #90°)
_cot(180° - @) =- cotar(ax #0°,c #180°)

Vi du 2. Khong dung may tinh cam tay, tinh gia tri cua biéu thuc sau:
T =cos15 - sin35 +cos55 +coslo5 - cosl80°.

Giai

T =cosl5 -sin3s +|:05('§JD - 35 :I+|:05,(ISU - 15 :I+I

=cosl5 -sin35 +sin35 - cosls +1 =1

Vi du 3. Viét gia tri luong giac ciia goc 120

Gidi
V3

sin120° =sin 60° ==

cos120° =- coso0’ =-

NE)

tan120° =- tan 60° =-f3: cot120° =- cot60® =- e

b | =

Ta co:

Tuong tu ta c6 bang gia tri luong giac (GTLG) ctia mot s6 goc dic biét:

GTLGa | 07 | 30° | 45° | 60° | 90° | 120 | 135" | 1507 | 180°
sina | 0| 1 |2 || 1| ¥ | 2| 1 | g
cosa | 1 ‘“’Tg *""TE Lo -3 _*vgﬂ _x-zﬂ 1
tana | 0 [ 2| 1 |V3| | |=v3| -1 |- | 0
cota || |v3] 1 VTE 0 | — \”TS- ~1 | =3 |

I1. Dinh li cosin
Cho tam giac ABC 5 BC =a,CA=b,AB =c.1y; 35

. . . b +c* - a’

a =b +c -2bccosd=>cos 4 =—
2be

5 ] 5 ﬂ: +'|:':_ IB:

b =a“ +c - 2accosB= cosB=———
2ac

. . . a +h -

¢ =a +h -2abcosC=cosC=—8M
2ab

Vi du 4. Cho tam gigc ABC co AB =3:4C =5 (, U =120°

=l

B {

a) Tinh c0s 4,
b) Tinh d6 dai canh BC .
Gidi
a o 1

cos 4 =cos120" =- cosol =- —
a) Ta co: 2,
b) Ap dung dinh li césin trong tam giac 48 C ta co:
BC® =AB” + AC" - 2A4B - AC -cos A.
Thay s6 ta co:
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l =49.
2

BC® =3 +5°-235 ‘ -

Do do BC =V49 =T

Vi du 5. Hai may bay cung xuat phat tir mot san bay 4 va bay theo hai hudng khac nhau, tao v6i nhau goc
60  May bay thi nht bay véi vén tdc 650km / h mdy bay thr hai bay vdi van tbe 90’0 k n 'h . Sau2 gio,
hai may bay cach nhau bao nhiéu ki-16-mét (lam tron két qua dén hang phéan tram)? Biét rang ca hai may bay
bay theo dudng thang va sau 2 gid bay déu chua ha canh.

Gidi

Gia sir sau 2 gio, may bay thi nhat dén vi tri B, may bay thir hai dén vi tri C . Taco:

AB =2.650 =1300{km), AC =2.900 =1800( km)

Bac =60

1 800 km

1 300 km
A

Ap dung dinh 1i cosin trong tam giac ABC 3 ¢o:
BC® =AB +AC - 24B -AC cos BAC

—1300° +1800° - 2 1300 1800 -cos60 =2590000.
Do do BC =10609,35(km)

Vay sau 2 gio hai may bay cach nhau khoang 1609,35 km.

III. Pinh li sin

ABC o BC =a.CA=b, 4B =c

Cho tam giac va ban kinh dudng tron ngoai tiép 1a R . Khi do:

a b ¢ A
sind sinB sinC ’GZ?RSIIHA’ETZQRS]IHB’E‘ZZRSinC.

Vi du 6. Cho tam gidc ABC ¢ A=120.8=45 L4 C4 =20 Ty,

a) sin4
b) P6 dai canh B C vabankinh R cua duong tron ngoai tiép tam giac.
Gidi
. . . V3
sin 4 =sinl20 =smod =—
a) Ta co: 2

BC CA

b) Ap dung dinh I sin trong tam gidgc 4BC | ta co: sin 4 sinB
']‘ 7
CA 51nx1 20 sin120 _IEI-,-"_

=2R

BC =
Do do sin B sin 45 :
CA 20
R=———= =1042
2sinB 2 sinds
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Vi du 7. Céac nha khao c6 hoc tim dugc mgt manh chiéc dia c6 hinh tron bi v&. B¢ xac dinh duong kinh cta
chiéc dia, cac nha khao c6 lay ba diém trén vanh dia va tién hanh do dac thu dugc két qua nhu sau:

BC =28.5cm: BAC =120

Tinh duong kinh cua chiéc dia theo don vi xang-ti-mét (1am tron két qua dén hang don vi).
Gidi
5
) 2R = :EC = .“8'5. =33(cm).
Ap dung dinh li sin trong tam giac 4BC | ta co: sin4  sinl20

Vay duong kinh cua chiéc dia khoang 33em

PHAN B. BAI TAP TU LUAN
Dang 1. Gia tri lwong giac ciia mdt goc tir 0° dén 180°.

Caul. Timgoc @, 0 =a Elgt:'ﬂtrong mdi trudng hop sau

. 1

sina =—
a) 2
b) cosa =0
C) tancx =- -JE

Loi giai.

sina =— , .

a) 2khi @ =30 hay @ =150

b) cosa =0 ghi a =90
c) tana :"Ekhi a =120

Cau2. Cho goc @ =135 Hiy tinh Sina cosa tanayy cota
Loi giai.

s

-
sin135 =sin(180 - 135 ) =sin 45 :£ c0s135 =- cos(180 - 135 ) =- cos45 =-

b 9

ana =33 oty =L -
cosl35 va tan135
Cau 3. Tinh gié tri luong gidc cla cac goc sau day
a) 120°
b) 150
¢) 180°

Loi giai.
Str dung 2 gbc bu nhau: 120"y3 60° , 150"y3 30" ta co:
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Cau 4.

Cau 5.

Cau 6.

Cau 7.

1
sin120 :E cosl20 =- 1 cot120 =- <
2
a) &
1

sinl30 =— cosl50 =-

b) 2. R T3 cotls0 =43

¢) Piém cudi M ctia goc 180 =kom co toa d M(-1:0) nén Sin180° =0 cos180 =-1,

tan180 =0 cotl80 khong x4c dinh.

Tinh theo ham s luong giac cua cac goc bé hon 90",
sinl100° sinl160  cosl70" tanl03 45'cot124 15"

Loi giai.
sin100 =sin (180 - 100 )=sin80

b

sin160 =sin (ISD - 160 ):sin 200

b

tan103 45" =- tan(180- 103 45')=tan76'15'
cot12415' =- cot (180 - 12415') =- cot 55 45"
Tim gié tri ciia biéu thirc

a) A =2sin30 +3cos45 - sin 60

b) B =3cos30 +3sin45 - cos60

Loi giai.
o2 lia J‘ J‘ 2B
a) Ta co 2 2 .
3:3.£+3.£-l:—3 34321
b) Ta cod 2 2 2 2

Tinh gia tri cua biéu thirc
a) asin0 +bcos0 +csin90
b) ac0s90 +bsin 90 +csinl80°
¢) @ sin90 +b cos90 +ccos180
Loi gidi.
a) Ta co asinl +bcosO +csin90 =b+c
b) Ta co @090 +bsin90 +csinl80 =b
¢) Taco @ sin90 +5b7cos90 +c”cosl80 =a’- ¢
Tinh gié tri cac biéu thuc sau:
a) 4 =a"sin90° +5° cos 90" +c¢” cos180°

b) B =3- sin®90° +2cos’ 60" - 3tan® 45’

¢) C =sin’ 45"~ 2sin® 50” +3cos” 45" - 2sin” 40" +4tan55°.tan 35°

Loi giai

a) 4 =a’sin90° +b° cos90° +¢ cos180° =a".1+b°.0+c (- ) =a" - f:_

an120° =-+3. NER
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Cau 8.

Cau 9.

:3-(|jr‘+3"

1
2

b) B =3- sin®90° +2cos’ 60" - 3tan®45°
¢) C =sin’ 45" - 2sin® 50” +3cos” 45" - 2sin” 40" +4tan 55".tan 35°

£+3£

- 2(sin® 50° +cos® 40° )+ 4 :%+%— 2+4 =4

=

Tinh gia tri cac biéu thirc sau:
a) 4 =sin”3 +sin” 15° +sin” 75° +sin” 87°
b) B =cos(" +cos 20" +cos40” +...+cos100° +cos180°
¢) € =fan5" tan10" tan15°...tan 80" tan 85°
Loi giai
2 A =(sin’3" +sin® 87° )+ (sin® 15 +sin* 75%)
=(sin® 3° + cos® 3° )+ (sin® 15° + cos’ 15 ) =1+1 =2

b) B :(I:DSCP' +cos 1807 ]+(u:r:rsll:}" +coslol” )+...+(|:DSSD" +|:r:rsIDD"]

=(cos0° - cos0® )+(cos 20° - cos 20° ) +...+(cos 80° - cos80°) =0
0 C :(tan 5" tan 85° )(tan 15° tan 75° )...(tan 45° tan45° ]
:(tan 5"cot 5° )(tan 15° cot 5° )...[tan 457 cot 5"] =1
Tinh gia trj cta biéu thic
a) SINX+COSX khi X hing 01357 120"
b) 2sinx +c0s2x khi X bang 00° 45 .30,
¢) SIN° X +C0S™ X |hi X bang 30,75 90" 145 180

Loi giai.

a) Khi ¥ =0 ¢ sinx+cosx =1

~ sinx+cosx =
Khi X =135 thj

) 5Ny +Cosy =
Khi X =120 thi 2

Zsinx+cos2x =2sin 60 +cosl20 =2 =aJ3-

b) Khi * =0 thi

Bl

2

bd | =

NG

~ 2sinx+cos2y =2sin45 +cos90 =2.¥40=2
Khi ¥ =45 thi 2

. : 1 1
~ 2sinx+cos2y =2s51n30 +cos00 =2.—+—=
Khi ¥ =30 thi 2 2

bd | e

¢) Ta c6 SIN" x+¢0s” x =1 y4i moi gid tri cia .

Trang



3
- - - fanx =- —
Cau 10. Tinh gi4 tri cia biéu thie 7 =y1- sinxfl +sinx - /1 - 2sin x.cosx 1p,; tanx =J§, 4

Loi giai.

Taco T =J1- sinx.afl+sinx- 1 - 2sin x.cosx

—J1- sin” x - Jsin® x +cos” x- 2sin x.cosx =|c0s x|~ [sinx- '3'35-T|'

- 3 1 1 f3-1 2-3
_J‘ . SiMx =— COsSXx =— T :;_ " .
Khi fanx =v3 ; x =60 = 2 va 2. vay 22 2

3 . 9 . 16 . ) 3
tanx =- — SIN"x =— C€OS X =—  SINX.COSY =fanx.cos x =- —
Khi 4 thi 25 25va 4 25 25

—
T:,JI—?—S—JI—E.‘—L—;
Do d6 - o

Cau 11. Tinh gia tri ctia biéu thirc
a) €0s* 12 +cos” 78 +cos’l +cos 89

p) Sin°3 +sin” 15 +sin® 75 +sin"87
Loi gidi.
Str dung hai géc phu nhau thi ta c6
a) 05" 12 +cos” 78 +cos’l +cos 89 =sin® 78 +cos’ 78 +sin”89 +cos’89 =1+1=2

p) Sin°3 +sin* 15 +sin® 75 +sin” 87 =cos’ 87 +cos’ 75 +sin’ 75 +sin’ 87 =1+1=2

Cau 12. Tinh gid tri caa biéu thirc
a) A =cos0 +cosl0 +cos20 +...+cos180"
p) B =sin’l +sin®2 +sin’3 +..+sin* 90
¢) € =fanl.tan3.tan3....tan89 .
Loi giai.
a) Su dung hai goc bu nhau dé ghép cap
A =(cos0 +cos180 )+(cos10 +cos170 )+...+(cos80 +cos100 )+cos90 =0
b) Str dung 2 goc phu nhau dé ghép cip
B =(sin?1 +sin®89 )+(sin? 2 +sin?88 )+...+(sin’44 +sin’ 46 )+sin’45 +sin’90

—(sin’ 1" +cos?1 )+(sin?2 +cos?2 )+...+(sin? 44 +cos* 44 )+I;+I

:_’t_’t.+i :ﬂ
272

¢) St dung 2 goc phu nhau dé ghép cap
C :(I;anl .tan 89 :I.(I;an?;.tanS? ]....(tan43.l;an 47 ].tan45

:(tanl.cns,l ).(tani%.cnsi% )....(I;an 43 .cos43 ).I —

Céu 13. a) Tim gi4 tri 16n nhét cua biéu thirc: £ =C08" x - COS” x +3I° x

VI U VP STy S =sin” x - sin” x +cos’
b) Tim gid tri nho nhat va 1én nhat cua bicu thirc: Q =sin” x=- sI° x+C05" x

Loi giai.
a) Ta co

P =cos® x- cos’ x+sin® x —C0% X= COS x+(1- cos x)
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—cos® x- 2cos® 1 +1 :(cus x- I) =sIn .‘r.

Vay P 6 gié tri 16n nhat 1a 1 khi Sinx =1 ge X =90°

b) Ta c6 2 —sin® x- sin® v +cos’ ¢ =sin’ x- 2sin® x+1 =(sin’ x- 1) =cos* x

vay € ¢6 gié tri nho nhét 1a 0 khi €0sx =0 ggc x =90°,
Q ¢ gia tri 16n nhét 1a 1 khi €08% =1 e ¥ =0 poge ¥ =180°
Dang 2. Pinh li cosin
Caul. Cho tam gidc 4BC  biét
2) @ =126 =13.c =15 b 45 1o goc 4. by 4B =5.AC =8.H =60 1yp canp BC
Loi gidi.

b*+c®-a’ 137 +157-12° _25
cos A = = =
a) Ta ¢6 2bc 2.13.15 39 Suyra A ~50°
b) Taco BC™ =AC* + AB" - 2AC.AB.cos 4 =8" +5° - 2.8.5.c0500" =49 vy BC =7

Cau2. Cho tam giac 4BC o doan thing nbi trung diém 4B va BC bang 3, canh 4B =9 va
dcB =60 . Tinh canh BC

Loi giai.
pat € =6x>0 Goi MoN 135 ot 1a trung diém cta 4B va BC
Tacé MN =3= AC =0 Theo dinh 1i c6-sin ta co

) ) ‘) ) I
AB* =CA* +CB’ - 2.CACB.cosC = 81=36+x" - 12x.— & BC =x =3(1+.6)

Dang 3. Pinh li sin
Cau 3. Cho tam giac 4BC | biét
v B e p O —ere . —
a) 4 =008 =455 =4 ipn can b va ¢ ) 476070 =6 1pp R
Loi giai.
a) Taco A+B+C =180" = C =180"- 4- B =T75"
bsin A _4sin60” bsinC _4sin 75
a=— = . =49 C=— = — =
Suy ra sin B sinds va sin B sin 45
R = a 0
b) Ta c6 2sin4  2sin60”

5,5

=35

=

Trang



Caud. Cho tam giac 4BC  ¢6 B =00",€ =45°, BC =a

a) Tinh d6 dai hai canh “15-4C

- ol
cos 75 :H
b) Ching minh 4

Loi giai.
U =180° - (60° +45° ) =75° _ . ,
a) Ta co ( ) . bat AC =b, 4B =c . Theo dinh 1li ham so sin, ta ¢o
b a c b ﬂ_ﬁ o= ﬂﬁ

sin60°  sin75°  sin45° .Suyra “2sin75°  2sin75°

b)Ke 4H LBC (o B.€ déu 1a goc nhon nén H thudc doan BC | hay BC =HB+ HC |
hay2
HC = .::‘_

Ta co 4

-

JHEB =

2 ¢ 0+ a2
a=HC+HE =h +E —ﬂ

Suy ra 2 2 4sin75°

L_,|z._,|_w|

S
sin 75 :_\;5 +2
Do d6 4 va
i 5 y 2 - ) 5
cos 75" =yf1- sin* 75" = |i- Vo2 L oS L (Jo- 2) _Vo-2
4 ] 4 4 4
A
—\
B H C
PHAN C. BAI TAP TRAC NGHIEM
Dang 1. Gia tri lwgng giac ciia mt géc tir 0° dén 180°,
Caul. Trong cac dang thirc sau day, dang thirc nao ding?
: 3 1
sinl50 =- E cos150 :J; tan150 =- — : -
A. 2. B 2. ¢ 3. p,cotlso =3
Loi giai

Chon C.

Gia tri lugng giac cua goc dac biét.
Cau2. Gia trj ciia €0500° +5in30° bang bao nhiéu?

V3 V3
A. 2 5. V3 c. 3 D. 1

Loi giai

Chon D

Trang 9



— 11
cos00” +51n30° =—+— =]
2 3

Ta cé & &

Cau3. Gidtricua @An 30" +cot30” pine bao nhicu?

4 1+3 2

A3 B. 3 C.ﬁ D. 2

Loi giai
Chon A

ﬁ+J-:4J_

tan 30° +cot 30° :? —

3
3.

Caud. Trong cac ding thirc sau day, dang thic ndo sai?

A, Sin0® +cos0° =I B. sin90° +cos 90" =1

C. sinl180" +cos 180 =-1 D. Sin60" +cos 60" =1
Loi giai

Chon D

Gia tri lugng giac cua goc dac biét.
Cau5. Trong cac khang dinh sau, khiang dinh nao sai?
A, €0s00” =sin30° g cos00” =sin120” ¢, cos30” =sin120° p_ sin60” =- cos120"

Loi gidi
Chon B
Gia tr1 luong gidc cua goc dac biét.

Ciu 6. Dang thic ndo sau day sai?

A. Sin45" +sin45° :-.E. B. sin30” +cos60" =1

C. sino0” +cos150° =0 p. Sin120" +cos30” =0
Loi giai

Chon D

Gia tri lugng giac cua goc dac biét.

Cau7. Gia trj C0545" +sin45’ bang bao nhiéu?
Al g.\/i. c. V3. p. 0.
Loi gidi
Chon B

Ta cb COS45° +5in45° =2

Cau 8. Trong cac dang thirc sau, dang thic ndo sai?

A, Sin0” +cos0” =0 B. Sin90” +cos90° =1

, . . sin60° + cos 60° :\"@+ :
C. sin180” +cos180° =-1 D. 2

10
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Loi giai
Chon A
Ta c6 Sin0” +cos0” =1

Cau9. Gid trj cia N4 +cot135 ping bao nhidu?

A 2. B. 0. c. V3. D. I
Loi giai
Chon B.
tan45 +cotl35 =1-1=0
Céu 10. Tinh gi4 tri cia biéu thirc £ =sin 30 cos 00" +5in 60° cos 30"
A. P =1, B. P =0 c. P=V3, p. P =3
Loi giai
Chon A
P =sin 30° cos 60" +sin 60" cos30° I— l £ £ =]
Ta co: 22 2 2

Cau 11. Gié trj ciia £ =81n30° cos0”sin 126" cos 847 13
! V3

A 2. B. 2. cl. D. -1
Loi giai

Chon A

E =sin 36" cos6” sin (EJEP' +36° )cns(EJEP' - f:l") =sin 36" cos 6° - cos36” sin 6° =sin30° =

b | —

Chu 12. Gi4 tri ciia biéu thirc 4 =sin’ §1° +sin® 55° +sin’ 39° +sin” 35° 3
A3 B. 4. c l D. 2.
Loi gii
Chon D

A =(sin’ 51° +sin® 39° )+ (sin® 55° +sin® 35°) =(sin® 51° +cos® 51° )+ (sin’ 55° +cos® 55° ) =2

Cau 13. Gi4 tri ctia bidu thae 4 =tanl” tan 2° tan 3°... tan 85" tan 89" 13
A0, B. 2. c. 3. D. L.
Loi gidi

Chon D

A :[tan 1".tan 89° ).[tan:".tan 88" ]...[tan 447 tan 407 ].I;an 45" =]

Cau 14. Tong Sin°2° +sin” 4" +sin” 6" +...+sin” 847 +sin” 86" +sin” 88" p3pe
A. 21, B. 23, C. 22, D. 24.
Loi gidi

Chon C

Trang 11



S =sin” 2 +sin’ 4° +sin° 6° +...+5sin° 84" +sin” 86° +sin” 88°

[

=(sin® 2° +sin” 88° ) +(sin’ 4° +sin® 86° )+... +(sin® 44° +sin® 46°)

=(sin® 2° + cos? 2° )+ (sin” 4° + cos” 4° ) +...+(sin’ 44° + cos® 44° ) =22

Cau 15. Gi4 trj ctia 4 =tan3".tanl0"tan[5".. tan 80°. tan 85" 13
A 2. B. 1. c.0. p. -l
Loi gidi
Chon B

A =(tan5 .tan85 ).(tan10 .tan80 )...(tan 40 tan 50 ).tan 45 =1

Cau 16. Gia tri cua B —cos* 73 +cos° 87 +cos’ 3 +cos’ 17 1a

A V2. B.2. c. -2. Dp. 1.

Loi gii
Chon B
B =(cos® 73° +cos’ 17° )+ (cos® 87° +cos’ 3°) =(cos® 73° +sin’ 73 )+ (cos® 87° +sin’ §7°) =2

Cau 17. Biéu thirc 4 =c0s20" +cos40” +cos 00" +... +c0s 100" +cos180" ¢4 gig tri bang
A. L. B. - 1. C.2. D. -2.
Loi giai
Chon B

5 COS = cos(180° - ) (0" = <1807) coscr +cos(180° - ) =0

Tac nén suy ra

A =(cos 20° + cos160° )+ (cos 40° + cos 140" )+ (cos 60° + cos1207)
Do do:
+(cos80° +cos100°)+cos180° —=cos180° =- |

Cau 18. Cho tana- cota =3. Tinh gi trj cta biéu thire sau: 4 =tan’ & +cot”
A A=12 E.AZH_ c. A=13 D. A4=5
Loi gidi
Chon B
tanct- coter =3 = (taner - cotay =9 < tan’ @ +cot® - 2tan cr.cotx =9

= tan’ & +cot’ @ - 2 =9 = tan” @ +cot® @ =11

A A ai = ve s o omin? 4 3 ‘A
CAiu 19. Biét Sia +cosa —"E. Hoi gid tri ciia SI @ +C05 @ bang bao nhiéu?

3 1
A2, 5.5. c. -1, D. 0,
Loi giai
Chon B.

12
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= sina.cosa =

bt | =

. e ]
Tacé: sina+cosa =42 = 2 =(sina+cosa)y

[3¥]

. . 4 . . ) 1] 1
§in" a +cos” a :(51n'a+|:05'a)— 2sin” acos a =I1- 2‘ 5| =35
R o . fx)=3(sin" x+cos” x)- 2(sin"x+cos’x) . . .
Cau 20. Biéu thtc - ( )-2( ) c6 gia tri bang:
A. L B.2. C. 3. D. 0.
Loi giai

Chon A.

s sin® x+cos’ x =1- 2sin’ xcos® x

s sin® x+cos’ x =1- 3sin’ xcos® x_

£ (x)=3(1- 2sin® xcos® x )- 2(1- 3sin® xcos® x) =1
Ciu2l. Bidu thirc: | (x) =cos” x +cos’ xsin” x +sin” x ¢6 gid tri bing
Al B. 2. C.-2. D. -1
Loi giai
Chon A.
£ () =cos® x(cos® x +sin® x)+sin® x =cos® x +sin” x =1

Chu 22. Biéu thie fan” xsin® x- tan® x+sin”x ¢4 oia tri bing
A -1 B. 0. C 2. D. L.
Loi gidi
Chon B.
_sin“x

tan’ xsin” x - tan’ x +sin” x =tan’ .r(silf x- I:l+5i|f X =— (— cos” _r)+ sin” x =0
cos” x

m* -1 m’ +1
A.m-1 B. 2 | c. 2 . p. m +1
Léi gidi

Chon B

sinx +cosx =m = (sin x +cosx ) =m* < (sin? x +cos? x ) +2sinx.cosx =m’

m’ -1

< 1+ 2sin x.cO8x =m" < SINX.COSX =

2.1
M ="

Vay ;

Dang 2. Pinh li cosin
Caul. Cho tam giac 458 C', ménh dé nao sau day dang?
A, a =b*+c* +2bccosd B, @ =b’+c’- 2bccos A
c.a =b"+c’ - 2bccosC D, a =b"+c’- 2bccos B
Loi giai
Chon B

Theo dinh 1y cosin trong tam giac 4BC | ta co a’ =b"+c" - 2bceos A,
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Cau2. Cho tam giac ABC c6 ¢ =8,b =10 , g6c C bang 60", Do dai canh ¢ 1a?
A =321 B. ¢ =72, c.c =11 D. ¢ =221,
Loi giai
Chon D.

Taco: € =a- +b” = 2ab.cosC =8 +10° - 2.8.10.cos60" =84 = ¢ :Eﬁ'

Cau3. Cho AABC o b=6.c=84=60" pp daicanh 4 la:
AL VI3, B. 3VI2. c. 237, p. ¥20.

Loi giai
Chon A.

Ta cé: @ =b* +c* = 2bccos A =36+ 64 - 2.6.8.cos60" =52= a =213

Ciud. Cho ABC ¢4 B =060",a =8,c =5. Do dai canh ? bé”mg:
A7 B. 129. C. 49. Dp. V129

Loi giai
Chon A.

Taco: b° =a” +c¢” - 2accos B=8" +5 - 285.cos60" =49 = h =T

CAu5. Cho A4BC ¢4 AB =9.BC =8;ﬂ3 =60" Tinh d6 dai AC .
A N3 B. V217 C.8. p. V113
Loi giai
Chgn A
Theo dinh 1y cosin co:

AC® =BA® + BC* - 2BA.BC.cos ABC =73 = AC =73
Vﬁy AC :\/ﬁ.

Cau6. Cho tam gisgc 4BC ¢o 4B =2 AC =1 (3 4=60". Tinh do dai canh BC-
A BC=2. B. BC =LI. c. BC =\3. p. BC =2.
Loi gidi
Chgn C

Theo dinh 1y cosin ta co: BC =VAB" + AC* - 24B.4C.cos 60

:Jf +1° - E.E.I.,I}— _A

o o B —enD . N R
Cau7. Tam giac 4ABC ¢4 @ =8.¢=3.8=60". pg dai canh © bing bao nhiéu?

14
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Chon C.

Ta co: b™ =a” +¢” - 2accos B=8" +3° - 283 .cos60" =49= b=7

Cau 8. Tam gidc 4BC o & =150°, BC =3, 4C =2. Tinh canh 4B ?
A3 B. V3. c. 10, D. 1.
Loi gidi
Chgn A
Theo dinh li cosin trong AABC g ¢co:
AB* =CA +CB* - 2CACB.cost =13 = AB=\13 cpon A

4
Cau9. Cho a;b;c la do dai 3 canh cua tam giac ABC Bjét b =7 ¢ =5 ;COS A _g. Tinh d6 dai cua 4.
732 23
A N2 B. 2 . C. 8. D. 6.
Loi giai

Chgn A
Ap dung dinh 1i cosin cho tam gidc 4BC ta co:
a’ =b +¢ - 2bc.cosd =T +5 - 2.?.5.% =18

Suy ra: ¥ =18 :B\E.

Ciu10. Cho Oy =30 Goi 4B 132 didm di dong 1an luot trén 9%V sao cho 4B =2, P¢ dai 16n
nhét cua OB bang bao nhiéu?
A. 4. B. 3. C.6. D.2.
Léi giai
Chgn A

= 30° B

e O

Ng

) AB® =04° +OB’* - 204.0B.c0s30° = 4 =04" +OB" - 204.0B.—
Ap dung dinh li cosin: 2

= OA4* - J3.OB.OA+OB - 4=0 %)

Coi phuong trinh (*) 1 mot phuong trinh bac hai an 04 pé tdn tai gia tri 16n nhét cua OB

) Ay 20 (\30OB) - 4(0B*- 4) =0 = OB <16 = OB <4
thi .

vay maxOB =4

Trang 15



Caull. Cho a;b;c 1a d6 dai 3 canh ctia mot tam gidc. Ménh dé nao sau day khong dung?

A, @ <ab+ac B.a +c <b’+2ac ¢, b +c >a’+2bc . ab+bc>b
Loi gidi

Chon C

Do b +¢% - a* =2bc.cosH <2bc = b* +¢® =a® +2bc pan ménh dé C sai.

Ap dung bt ding thic tam gidc ta co @ <b+c= a’ <ab+ac ;dap an A dung.

Tuong ty @ +¢>b= ab+bc> b :ménh dé D diing.

, ol e ml B —Tn o . D et e B 00 Al A T2 A7
Tacé: @ +¢ - b =lac.cosB<lac = a” +c¢” <b” +2ac manh dé B dung.

Ciau 12. Cho tam giac 4BC ¢o 4B =4 cm, BC =7 ¢m, 4C =9¢m. Tinh c0s 4
bl
cos A =- = cos A :l cos 4 :l cos 4 :2
A. 3, B. 2, C. 3, D. 3
Loi giai
Chon D
AB + AC*- BC® 47 +9° -7 2
cos 4 = = =<
Ta co 2.ABAC 249 3 .
Cau 13. Cho tam gidc 4BC co a” +b7- ¢ >0 Kpj do:
A. Goc € >90° B. Goc € <90
—on? .y N
C. Goc € =90 D. Khong thé két luan duoc gi vé goc C-
Loi giai
Chon B.
cosC _at+bh -
Ta co6: 2ab
Ma: @ +b" - ¢ >0 suy ra; €osC>0=C <90"
Cau 14. Cho tam gigc 4BC thod man: b* +¢* - @ =\Bbc ki do:
A, 4=30". B. 4=45". C. 4=60". p. A=75".
Loi giai
Chon A.
cos;{:h_ e :ﬁh{' :E:b A=30".
Ta co6: 2he 2he 2
Ciu 15. Cho céc diém A1), B(2:4),C(10;-2). Goc Bac bang bao nhiéu?
A, 90° B. 60°. c. 45°. p. 30°.
Loi giai
16
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Cau 16.

Cau 17.

Cau 18.

Cau 19.

Chon A.

u uuu

AB =(1;3) AC =(9;-3)

Ta co:
cos BAC —kf_i]g— =0= BAC =90".
Suy ra: | || |

Cho tam gidc 4BC | bibt @ =240 =13.c =15. Tjph goc 42
A 33934 B. 117%49", C. 28°37". p, 58°24".

Loi giai
Chon B.

2 .2_ 2 ;I__fj Fd 7
cos A= @ IF IS4 T g
Tacé: 2be 2.13.15 15

Cho tam giac 4BC | biét @ =13.6=14,c =I5. Tinh goc B?

A, 59%49". B. 537" c. 39°29". D, 6222
Loi gidi

Chon C.

_a +c -b7 13 +15 - 147 33
cosB =
Ta co: 2ac 2.13.15 63

= B=59"29

Cho tam giac ABC pidt d06 dai ba canh BC, CA. 4B 13 luot 1a % b, c va thdéa man hé thirc
|"J‘ IJJ‘: _ 2 - 2 _ 2 .
(b -a*)=cle*-a )Véi b #c_Khidé, goc PAC bing
A. 45 B. 60" C. 90" D. 120"
Loi giai
Chon D

h(h—ﬂ)—c(c —ﬂ)ﬁh ba=c'-ca =b-c-alb-c)=0
Ta co

= (b- )P +be+ci- a2 )=0= b+ - a° =-be

2 + 2 2 _ .
cosBac =2t the 1
Mit khac 2bc 2bc 2

Tam gide ABC o5 AB =¢, BC=a,CA=b
bl - a®)=clad®- 7 S
(6 - @) =ela - ) 11 46 goe BAC biing bao nhicu do

A. 30°, B. 60°, C. 90°, D. 45°,
Loi giai

= Bac =120

. Céac canh a, b, c lién hé v4i nhau boi déng thirc

Chon B

Theo bai ra, ta co: (B - a*)=c(a’ - )= b’ - a’b=d’c- ¢’ =0= b’ +c'- a’b- a’c =0

= (b+c')(b: - .’:rc'+c':)— al(b+c)=0<= (b +|:')(f:r: -be+c - ﬂ:):[} =k -bc+c -a =0
(do b+c #0)
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b+ - a

s b +c-a zhes —— L cos B4AC L. Bac =60°
2be 2 2
Cau20. Cho tam giac 4BC vuong can tai 4 va M 1a diém nam trong tam gisc 4BC sao cho
MAMB:MC =1:2:3 khj 36 goc AMB bang bao nhiéu?
A. 1357 B. 90" C. 1507, D. 1207
Loi giai
MB =x = MA =21‘; MC =3x ygi 0<x<BC :ﬁ'
cos BAAs _I +4x" - x° :3.1" +1
Ta cod 2.1.2x 4y
cos MAC :I +4x - Ox° :I - 3x°
4x 4x
|‘ 3¢ +1 | ‘ - 54 ‘
== + =1
o o = Ox* +6x” +1+1- 10x° +25x* =16
s +242
LR
- 17 5
. _5-22
, - X =
= 3x - 20x"+2 =0 17 '
- cos QM'B :fi.-‘hf' +BM- - AR :4.1" +x -1
2AM.BM 22xx
, [ 5. 2 | 20- 8
sy?o1 o 25-10V2 (| 20-8V2 5
A 17 17 D
Vay 4AMB =135
Cau 21. Hai chiéc xe cung xuét phat ¢ vi tri A, di theo hai hudng tao vdi nhau mot goc 600. Xe thir nhit
chay véi tdc do 30km / h , xe thur hai chay véi tdc do 40km/ h  Hoi sau 1h, khoang céch gitra 2 xe
la:
A, 13km B. 15/3km. c. 10V13, D. 15km.
Loi giai
Chgn C
xe 1
A -
xe 2
Trong 1h, xe 1 di duogc quing duong la 4B =30km
Trong 1h, xe 2 di duoc quing duong la AC =40km
Sau 1h khoang cach gita 2 xe 1aBC. BC =AB +AC - 2.4B.AC.cos00" =1300
= BC :|D'JEJ!HH.
18
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Cau 22.

Cau 23.

Hai tau thily cung xuAt phat tr vi tri A, di theo hai huéng va tao véi nhau mot goc 60°. Tau tha
nhat chay véi van toe 39 knvh 34 tht hai chay véi van toc 40 km/h yei sau 2

xa nhau bao nhiéu A7 ?

A B0, . 30V10, c. 1813, p. 2013,

Loi giai

gi0 hai tau cach

Chon D

C

, = Y= "
Sau 2 gis tau thir nhdt céch vi tri A mot khodng cdch 48 =302 = 00(km)

AC =40.2=80(km)

Va tau tha hai cach vi tri A mot khoang cach
Khi d6 hai tau cach nhau mot khoang cach B C,
Theo dinh 1y Cosin, ta co:
BC® = AR’ + AC” - 2AB.AC.cosA
P BC® =3600+06400- 2.60.80.cos 60"

= 35200

b BC =20:f13(km)
Khoang cach tir 4 dén C khong thé do truc tiép vi phai qua mot dam lay nén ngudi ta lam nhu

sau. Xéc dinh mot diém B c6 khoang cach 4B 1a 12km va do duge goc dcp =37 . Hay tinh
khoang cach AC pit rang BC bang Skm
Al AC El-f;{m‘ B. AC %lEkm. C AC ﬁ”»l.ﬁ._ﬁfr{?}?. D. AC Ezﬂkm.

Loi giai
Chon C
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A c
Ap dung dinh 1i Césin ta c6:
AB* =AC? + BC? - 2AC.BC.cos HCB
e 144 =AC* +25- 10AC.cos 3T
= AC*-104C.cos37 - 119 =0
AC =5c0s37" ++4/25¢0s? 3T° +119 ~15,6(n)
=]
AC =5c0837" - yJ25¢05° 37" +119 =-7,6(/)
Vay AC '-“:15._615(?}?.
Dang 3. Pinh li sin
Ciau 24. Cho tam giac 4BC . Tim cong thirc sai:
_ﬂ =2R. sin A =~ : - sinC =E.5mf4.
A. sin 4 B. 2R C. bsin B =2R. D. a
Loi giai
Chon C.
a b r 2R

Tacod: sind smB  sinC

Cau25. Cho tam gidgc 4BC ¢6 goc Bac =60°

tiép tam giac 4BC

A. R=4, B. R =1,
Chon B
BE =R = R = BC = .J?-’
5in A4 2sin 4 n .,,"’_’_;
Ta co: T2

va canh BC =3 . Tinh ban kinh cta dudng tron ngoai

C.R=12,
Loi gidi

D. R =3,

Ciu 26. Trong mit phang, cho tam giac ABC ¢y AC =4 cm g5 U =60° , B =45° . Do dai canh BC 3

20
Trang



A 26 B. 2+2V3 c.2V3-2 p. V6 .

Loi giai

Chgn A
¥
= BC == =240
BC _ AC 2 Vo
Tac Sind sinB 2

Cau27. Cho MBC 5 AB =5.A =40".B =60" pg dai BC gin nhét voi két qua nao?

A 3T B. 3:3. c. 33, D. 31,
Loi giai

Chon B

€ =180"- H- B =180°- 40° - 60° =80°

) ',EC = %B = BC = ',43 Sind =——— > _sin40” =3,3

Ap dung dinh 1y sin: sinA4  sinC sin C sin 80

Ciu 28. Cho tam giac 4BC thoa man hé thirc » +¢ =2a  Trong cac ménh dé sau, ménh dé nao dung?
A. CosB+cosC =2cosA. B, sin B +sin C =2sin A.

: : |
sin B +sinC =—sin 4 ) )
C. 2 ) D. sin B +cosC =2sin A.

Loi giai

Chon B.
Ta cé:
h+c
4 b ‘ —IR= _2 b ‘ b+c _  b+c = sin B +snC =2sin 4.

o = = o —_— =
sind sinB sinC sind sinf sinC 2sind smB+sinC

Cau29. Tam giac 4BC ¢4 @ =108, B =56"13", ¢ =71" Canh ¢ bang bao nhiéu?
A. 29,9. B. 14,1. C. 17,5. D. 19,9.
Loi gidi
Chon D.

Ta c6: Trong tam giac 4BC: A+B+E =180" = U =180 - 71° - 56°13' =52°47"

a b c a c _asinC _16,8.sin71"

e R o m A e T ey ~19,9.
Mit khac sS4 sinB sinC  sind  sinC sin.4 sin52%47"

Céu 30. Tam gidc ABC c6 A =68°12" B =34"44" 4B =117. Tjnp ACo
A, 68, B. 168. c. 118, D. 200,

Loi giai
Chon A.

Ta c6: Trong tam giac 4BC: 4+B+E =180° = € =180° - 68”12~ 34°44' =77"4"
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a b c AC _ AB AC:AB.sinB_II?_sinH”#'Z

— s ——=——= . = 68,
Mt khéc sind snB snC  sinB sinC sin(C sin 77°4"
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