TRA LOI NGAN

Cau 1. Mit cit ngang cta long mang din nudc 13 hinh phing gidi han bai mot parabol va duong thang
nam ngang nhu Hinh (phan duoc t6 mau xam). Tinh dién tich ctia mit cit ngang do.
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Cau2. Cho D la hinh phing giéi han boi d0 thi ciia ham s6 ¥ =x , truc hoanh va dudng thang X =4

. Puong thing ¥ =40 <9<2) chiz D thanh hai phin c6 dién tich bing nhau (hinh)
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Tinh gia tri cia 4.
Tra Ioi: ........
S , \ , VT3
Cau 3. Kihiéu (a) la dién tich hinh phang gidi han boi do thi cua ham so X", truc hoanh va hai
. — _ ) . lim S(a)
duong thing X =1, ¥ =@ v6i @>1 (Hinh). Tinh gi6i han =+
Traloi: ........
Caud. Chohamsd ¥ =% = 2% c5dd thi (€). Kihiéu 4 1a hinh phing giéi han boi (O truc hoanh

x=0x=

va hai duong thing 2:B 13 hinh phéing gii han boi (©), truc hoanh va hai duong thing * =2,

x =ala> 2).
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Hinh phang d6 dugc gii han bai cac duong nao? Tinh dién tich hinh phang d6 (viét két qua dudi dang sd
thap phan va 1am tron dén hang phan tram).

Cau 6. Cho do thi ham s6 » =°°S* va hinh phang dugc t6 mau nhu Hinh. Tinh dién tich hinh phang
d6 (viét két qua dudi dang s thap phan va lam tron dén hang phan mudi).
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Cau7. Ban Hai nhan thiét ké logo hinh con mét (phén duoc t6 dam) cho mdt co sé y té. Logo 14 hinh
phing gidi han boi hai parabol ¥ =/ () va ¥ =&8(X) thy Hinh (don vi trén méi truc toa do 13 decimét).
Ban Hai can tinh dién tich cua logo dé bao gia cho co s6 y té d6 trude khi ki hop dong. Dién tich cia logo
12 bao nhiéu decimét vudng (lam tron két qua dén hang phan mudi).




Cau8. Goi H,, H,, H;, H, la cac hinh ph'fmg gi6i han boi dd thi ham s6 lién tuc ¥ =f(x) va truc
hoanh v&i X 1an luot thude cac doan [1:2].[2:3].[3:4].[4:5] (Hinh). Biét réng, cac hinh H,, Hy, H;, H,
5

‘ A [Feodx
lan lugt c6 dién tich bang 412 12 yv3 4 Giatri | bang bao nhiéu?
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Cau9. Mot cong cé dang hinh parabol v6i chidu cao 87 chiéu rong chan dé 87 (Hinh). Nguoi ta

4B,CD nam ngang, dong thoi chia cong thanh ba phan sao cho hai phan & phia

CD

trén c6 dién tich bang nhau. Ti s6 4B bing bao nhiéu (1am tron két qua dén hang phan trim)?

cang hai soi day trang tri

Cau 10. Nguoi ta thiét ké mot mau gach 1at nén nha c6 dang hinh vuéng canh 4dm Bén gbc vién gach

mau trang, phan ¢ giita mau xanh (Hinh).

A 4

Puong vién ciia phan mau xanh bao gdm bdn doan thang nam trén cac canh hinh vudng va bén dudng
cong co6 tinh chat: Tich khoang céach tir mdt diém bat ki thudc duong cong doé dén hai truc doéi xting cua
vién gach (hai duong thang di qua tdm vién gach va lan lugt song song véi hai canh vuong goc) bang
2dm’

Hay cho biét phan mau xanh c6 dién tich bang bao nhiéu decimét vudng (1am tron két qua dén hang phan
muoi)?



Cau 11. Luong mua theo gio, tinh béng inch/gio, ¢ hai dia diém khac nhau sau ! gi0 khi bao dd bo,

duoc cho bai cac ham s§ /(1) =073 - 207 +1+0,0 5 g(1) =017 - 0.5+ L1 1545 qua dien tich

hinh phrfmg gi61 han boi dd thi cua hai ham sb dé cho va hai duong thfmg =0, =2 , ta tinh duoc su

chénh léch lugng mua & hai dia diém khac nhau sau 2 gio. Hiy tim su chénh léch d6 bang bao nhiéu inch.
(1am tron két qua dén hang pham tram)
Traloi: ........

Cau 12. Mot canh cdng ciia mot toa nha c6 dang parabol gdm hai phan: phan hai canh cira hinh chi
nhat CDEF , con lai la phﬁn xién hoa trang tri (Hinh).
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Biét rang GH =4m, AB =4m va A€ =BD =0,%m . Dién tich phan cong lam xién hoa trang tri (két qua

lam tron dén hang phan trim) bang bao nhiéu mét vudéng?

Cau 13. Mit cit ding ciia mot cai cdng co dang mot dudng parabol véi chiéu cao OHF =4m vy khoang
cach giita hai chan céng 1a 4B =4 (hinh bén). Dién tich hinh phing gi¢i han boi duong parabol va
doan thang AB bang bao nhiéu mét vuéng? (Lam tron két qua dén hang phan muoi)

Céu 14. MOt nha thiét ké can 1am mét cai logo c6 dang hinh chit nhat kich thudc 40cm >80cm Trong
logo d6 ¢ hai duong parabol chung dinh, clng truc ddi xiémg chtra dudng trung binh cia hinh chit nhat va
hai parabol di qua dinh ctia hinh chit nhat (hinh bén). Nha thiét ké c6 ké hoach lam mau nén 1a mau xanh
phan phia trén ciia ca hai duong parabol va phan phia dudi ciia ca hai dudng parabol, phan con lai 1a mau

khac. Dién tich phan mau xanh 1a bao nhiéu dm’ (1am tron két qua dén hang phan muoi)?



CAu 15. Hoa si v& thiét ké mot loai gach trang tri c6 dang nhu Hinh 1, gach ¢6 dang hinh vudng canh 8

dm . Khi dt ban v€ trong hé toa do Oxy v&i don vi ctia mdi truc 12 1 dm thi mdi nét cong phia trong
4 4

thudc mot trong hai dudng hypebol - x ~ x (Hinh 2); cc canh ctia vién gach lan luot thudc 4
dudng thing * =% =% =47 =2 Nguoi ta son mau hdng vao phan hinh duoc gach chéo nhu

Hinh 3. Dién tich phan son mau hdng 1a bao nhiéu dm’ (1am tron két qua dén hang phan mudi)?
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Traloi: ........ )
Ciu 16. (SGD&DPT CAN THO - HKII - 2018) Dién tich hinh phang giéi han béi dd thi cia ham sb
20
y=x- 2I+3, truc hoanh va cac duong thing ¥ =1 x=m (m>1) bang 3 Giatri caa 7 bang ?

Ciu 17. (THPT HAU LQC 2 - TH - 2018) Cho ham s6

y=f(x) =ax’ +bx’ +ex+d (a.bcd €ERa #0) thi 1a (C). Biét ring db thi ) di qua gbe toa

d6 va db thi ham s6 ¥ =/ %) cho bsi hinh v& bén. Tinh gia trj 2 =/ (4)= F(2)4



F(x): G(x) F&)

Cau 18. (M4 103 - 2022) Biét 13 hai nguyén ham ctia ham s trén R va

[," (x)dx =F(4)- G(0)+a (a>0)
d .Goi S 1a dién tich hinh phing giéi han boi cac duong

y=F(x)y =G (x);x =0:x =4. Khi S =8 thi ab'flng?

Cau 19. (THPT KINH MON - HD - LAN 2 - 2018) Mot hoa van trang tri dugc tao ra tir mot miéng
bia méng hinh vudng canh biang 10 c¢m bang cach khoét di bén phan bing nhau c6 hinh dang parabol nhu

hinh bén. Biét 48 =5 cm, OF =4 ¢m. Tinh dién tich b& mat hoa van d6 (1am tron két qua dén hang don
vi)

Céiu 20. (SGD - PA NANG - LAN 1 - 2018) Cho hinh phang (&) gi6i han boi db thi ham sé ¥ =

va dudng thing ¥ =™ vai M #0  Hoi c6 bao nhidu s6 nguyén duong ” dé dién tich hinh phing (#7)
1a s6 nho hon 20

Traloi: ....... )

Céau 21. (THPT CHUYEN VINH PHUC - LAN 3 - 2018) Cong truong Pai hoc Bach Khoa Ha Noi ¢o
hinh dang Parabol, chiéu rong 8m , chiéu cao 12,5m Tiph dién tich cua cong (1am tron két qua dén hang
don vi)

Traloi: ........

Cau 22. (THPT TRAN QUOC TUAN - LAN 1 - 2018) Tinh dién tich S cua mién hinh phing gi¢i

fx)=ax +bx" +¢

han boi d6 thi caa ham sd , cac duong thfmg x =1 , X =2 va truc hoanh (mién gach

chéo) cho trong hinh duéi day.



Céu 23. (TT DIEU HIEN - CAN THO - 2018) Bac Nam lam mét cai ctra nha hinh parabol ¢ chiéu

cao tir mit dat dén dinh 1a 2,25 mét, chiéu rong tiép giap v6i mat dat la 3 mét. Gia thué mdi mét vuong la
1500000 ¢dng. Vay bac Nam phai tra bao nhiéu nghin ddng?

Traloi: ........

Céiu 24. (THPT CHUYEN THOAI NGQC HAU - LAN 3 - 2018) Cho ham s J lién tuc trén doan
[_ 6 5} , ¢0 d0 thi gdm 2 doan thing va nira dudng tron nhu hinh v&. Tinh duogc gia tri

= ﬂ_,"' (x )+ 2] de =a+27
. Tim @?
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Cau 25. (Tran Phii - Quang Ninh - 2020) Mot cai cong hinh Parabol nhu hinh vé& sau. Chiéu cao
GH =4m , chiéu rong AB =4m | AC =BD =0, '_;'lm‘ Chu nha lam hai canh céng khi déng lai 1a hinh chir
nhat CDEF 5 dam c6 gia 1a 1200000 dong /m? , con cac phan dé trang 1am xién hoa c6 gia 1a 900000

A 2 LR A LsA 2R 14 LA SORT CA A aA \ \ A 2 2A 1 s
dong /m” Hoj tong so tien dé lam hai phan noi trén 1a bao nhiéu tri¢u dong? (lam tron két qua dén hang
phan muo1)
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CAu 26. Mot hoa tiét hinh canh buém nhu hinh vé& bén.
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Phan t6 dam duoc dinh da voi gia thanh
500.000d/m” | Phan con lai dugc t6 mau voi gia thanh 250.000d / m*

Cho AB =4dm: BC =8dm. s 4 trang tri 1000 hoa tiét nhu vay can bao nhiéu triéu ddng? (S&
tién duge lam tron dén hang don vi)

Céu 27. (Chuyén Vinh - 2018) M6t vién gach hoa hinh vudng canh 40¢m  Nguoi thiét ké da sir dung
bdn dudng parabol c¢6 chung dinh tai tim vién gach dé tao ra bn canh hoa (duoc t6 mau sdm nhu hinh vé&
bén).

Tinh dién tich mdi canh hoa cua vién gach (Iam tron dén hang don vi)

Traloi: ........

Céu 28. (THPT Bui Thi Xuin — Hué - 2022) M6t cong ty c6 y dinh thiét ké mot logo hinh vuéng co
d6 dai nira dudng chéo bang 4. Biéu tuong 4 chiée 14 (duoc t6 mau) duoc tao thanh béi cac duong cong
d6i xtg v&i nhau qua tim ciia hinh vudng va qua cac duong chéo.



Mot trong s6 cic dudng cong O nira bén phai cua logo 14 mot phan cua dd thi ham sd bac ba dang
y=ax +be - X Joins 56 @ <0 Pékyniém ngay thanh 1ap 273, cong ty thiét ké dé ti s6 dién tich duoc t6
2

mau so v6i phin khong duge t6 mau bang 3 . Tinh 204 +20b

Traloi: .......
Ciu 29. (S& KonTum 2022) Ong X mudn 1am ctra rao sit c6 hinh dang va kich thudc nhu hinh vé€ bén,

7 , 2
biét duong cong phia trén la mot Parabol, chat li¢u lam la inox. Gia Lm vat tu va cong lam la 1.300.000

dong. Hoi ong X phai tra bao nhiéu triéu dong dé 1am cai cira sat nhu vay (Iam tron dén hang don vi).

Traloi: ........

Cau 30. (Sé& Cin Tho 2022) Ong Nam c6 mot khu dat dang hinh chit nhat v6i chiéu dai la 167 va
chiéu rong la 8m Ong Nam trdng rau sach trén mot manh vuon dugc gidi han boi hai parabol. Biét rang
mdi parabol ¢ dinh 1a trung diém ciia canh dai va di qua hai diém dau mut cta canh dai doi dién (phan
gach soc nhu hinh v& minh hoa).

16 m
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Biét chi phi dé trong rau la 45000 dong /m” Hoi ong Nam can bao nhiéu tri¢u dong deé trong rau
trén phan manh vuon d6 (1am tron két qua dén hang phan muoi)



Traloi: .......

Céu 31. (Chuyén Lwong Vin Tuy-Ninh Binh 2023) M6t manh dat hinh chit nhat c6 chiéu daji 607
chiéu rong 20m  Ngudi ta mudn trdng co ¢ hai diu ctia manh dat hai hinh bang nhau gi6i han boi hai
dudng Parabol c6 hai dinh cach nhau 4072 (nhu hinh v& bén). Phan con lai ciia manh dat nguoi ta lat
gach véi chi phi 1a 200.000 dong /m*  Hoi cin tong bao nhiéu triéu déng dé 1at gach (1am tron dén hang
don vi)
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Traloi: ........

Cau 32. (Lién tl:lr(‘)’ng Nghé An -Quynh Luu - Hoang Mai - Thai Hoa 2023) Ong A trong hoa canh
trén khuon vién dat & trong vuon la phan hinh phing gidi han boi hai duong parabol va hinh chit nhat c6
chiéu rong 6m vj chiéu dai 8m (phan t6 dam trong hinh v& dudi), cac dinh cta parabol 14 diém chinh
giita cac canh chiéu dai hinh chir nhat. Biét chi phi trong hoa canh xong 1a 500000 dong lm’ Téng chi
phi ma éng 4 phai tra dé trong xong vudn hoa canh bang bao nhiéu triéu dong? (1am tron dén hang phan

muo1)

Cu33. (Phti Tho -2019) Cho ham s6 7 ). by thi cita ham s6 * ~/ ) e -3:2]

nhu hinh vé
(phan cong ciia d6 thi 1a mot phan ctia parabol =ax +bx+ “)

1y

Biét f(-3)=0 FED+£0)

" tinh gid tri cta - (1am tron dén hang don vi)

10



Cau 34. (THPT Hoang Hoa Tham - Pa Ning - 2021) Cho ham s6 ¥ =/ (%) lign tuc va ¢6 db thi trén
[=3:5] hy hinh bén.

o] 3
‘ 5, =I88,5, _1377 .S, _2073
co dién tich lan luot 1a 4 4 | Khi do

Biét cac mién B C

5

ﬂ,’ (x)+ !]a’x

- bang bao nhiéu?

F(x),g(x)

Cau 35. (Trung Tam Thanh Twong - 2021) Cho 1an Iuot 12 cac ham da thirc bac ba va

bac nhét c¢6 do thi nhu hinh vé.

2
250 f f (x)dx
Biét dién tich hinh S (dugc t6 mau) bang 81 . Tinh ¢ . (1am tron két qua dén s thap
phan thir nhat)

(P) (P)

va duong thing d cht tai

Ciu 36. (Mi 103 - 2023) Cho ham sé bac hai * —/ (x)

¢ db thi
§=2

hai diém nhu trong hinh bén dudi. Biét rang hinh phing gidi han bai (P) va 4 ¢¢ dién tich 2,

Y

11



J(E.‘r - 3)f (e )dx
Tinh tich phan *

Céu37. (M 102-2021-Lan 2) Cho ham sb fFx) =ax” +bx" +ox” +3x va g(x)=mx" +mx’ - x v6i

y=f (x)- £ (x)

a,bcomneR Bibt ham 6 °

han bsi duong y=i (x) va V=g (x)

Traloi: ........

¢6 ba diém cyc tri 13 ~ %3 Dién tich hinh phing gi6i

(1am tron két qua dén s thap phan thi nhat)

Cin38. Chohim sébacba / ) =% +b8 +ertd o thing 918 CIZmetn an i b
S2
hi ~ . S..S5,.8, » NI . A g . A A .5'1:4 v A S
inh v&. Goi ~1"72°73 lan lugt 1a dién tich cua céc phan gidi han nhu hinh bén. Néu thi ty so “3
bang?
X
Traloi: ........

() =ax +bx” +cx-
Cau 39. (Ma 101 2018) Cho hai ham so

(a.b,c.d,ecR)

.= (x)=dr" +ex+1
va

b | =

. Biét riing db thi ham sé ~ =/ G) v =g()

lwot1a =3; - 1; 1 (tham khao hinh v&). Hinh phing gii han boi 2 db thi di cho c6 dién tich bing bao
nhiéu?

cat nhau tai 3 diém c6 hoanh do lan

YA

12



Traloi: .......
Ciu 40. (Cum truong Ninh Thuén - Ninh Thuan 2023) Cho ham sé ¥ =/ (%) ¢6 dao ham lién tuc

trén R va théa man 3 (%) flx) =227 - 327, ¥xeR , biét T =2 Tipp dién tich hinh phing gidi han
boi cac duong ¥ =f(x),y=11x)

Traloi: ........

Cau 41. (Chuyén Phan Bdi Chéu — Nghé An 2023) Cho ham s6 ¥ =/ (%) ¢ dao lién tuc trén R va

Filx)+xf (x) =4x - 6x°, xR

thoa man . Tinh dién tich hinh phing gi6i han béi cac duong ¥ =/ (%)

va ¥ =1 (x) (1am tron két qua dén sb thap phan thir nhat)
Traloi: ........
Cau 42. (Sé Bic Giang 2023) Cho ham s6 7 ¥) ¢4 dao ham lién tuc trén R va thoa man cc didu kién

) _ __2+] Flx) - xfilx :-_'3-_'."'3'I.'E|R < 5
£(0) —0,(‘* )f (x)- xf(x) == x" - x, ¥ . Khi d6 dién tich S ciia hinh phing gidi han boi db thi

ham s6 ¥ =/ (%) | truc hoanh va duodng thing * =3 bing bao nhiéu? (lam tron két qua dén sé thap phan
thr nhat)

Traloi: ........

Céu 43. (S& Son La 2023) Cho ham s () ¢o dao ham lién tyc trén khoang (= L+9) y3 thoa man

3 .2 .
2 £(x)+(F - 1) £ (x) =22 e (- 1 400)
Jr' +3 . Tinh dién tich hinh phing gi6i han béi db thi ham sb

=0;x =1

¥ =/ tryc hoanh v hai duong thang . (1am tron két qua dén sb thap phan thir nhat)

Traloi: ........
Ciu44. (THPT Lién Trudmg, Nghé An 2023) Cho ham s6 ¥ =/ (*) ¢ dao ham lién tuc trén R thoa
FO)=Lf(x)>0 e 06i ¥ =0 vy flx)- f(x)=€"’
v =0,x=0,x =I

mén - /(%) Tinh dién tich hinh phing gioi han
boi cac duong ¥ =/ (%)
phan thir hai)

Traloi: ........

Cau 45. (Sé Sée Tring 2023) Cho ham sé " =/ (%) ¢4 dao ham lién tuc trén R thoa man /(@ =0 3
flx)y+/f (x)=sinx+xsinx+x-cosx, ™R

gan bang vdi s6 nao sau nhat? (lam tron két qua dén so thap

. Tinh dién tich hinh phing gi6i han boi cac duong
o x ==

y=5(x) , truc hoanh, truc tung va 2

Traloi: .......

Ciu 46. (S& Ha Tinh 2023) Cho ham s6 /) lién tuc trén R thoa man

Jlx)+af (x)+ f(x) =427 027 = 244 1y dien tich hinh phing gi6i han béi db thi ham s ¥ =/ (%)

va ¥ :f.(»’f)_

=1 (x) g(x)=Inf(x)

Céiu 47. (M3 104-2022) Cho ham sb bac bén
thién nhu sau

. Biét rang ham so c6 bang bién

13



X —ao X, x, X + @

+ oo hl@ +
« \ 7 \ /
In12 In4

Tinh dién tich hinh phéing giéi han b cac duong » —7 () v =g ()

s0 thap phan thtr nhat)

(lam tron két qua dén

CAu48. (Cum Trudng Nghé An - 2022) Cho hai ham s6 7 (), g0

F ) =ax +bx" +ex+d g () =g +nx+p vo

lién tuc trén R va ham so

i 4-9 70 ¢4 @ thi nhu hinh v&. Biét dién tich hinh

f(2)=¢(2)

=1 () val "€ () bang 10 va

phing gi¢i han béi hai dd thi ham sé . Biét dién tich

y=1(x) v Y =g(x)

hinh phing gi¢i han boi hai dd thi ham sb - a.b€N (5 a,b

a
bang b (véi nguyén

t6 ciing nhau). Tinh - b,

y=f'(x)

i
[N S

<
|
Q
—~
8
N

Cau 49. (Sé Ninh Binh 2022) Cho ham sé / (%) =% +ax” #bx +cx” +de+30 g 43 thi ham s

y=1x)y =F1x) g3 Ox giao nhau tai hai diém phan biét c6 hoanh d6 Ian luot 13 2,3. Dién tich hinh

m
phang giéi han boi d6 thi ham s6 ¥ =f(x) y3 Ox bang 7 1a mot phén s6 toi gian voi ™" €N Tinn
tong M+ 19
Traloi: ........
vy =f(x) =ax" + ix'—‘ - x" +hx+2 )
Cau 50. (Chuyén Bién Hoa — Ha Nam 2022) Cho ham so 3 va ham so

y=g(x) =ex +dx’ - 2x (i @.0.6,d €RY 13 cac ham 56 c6 db thi nhu hinh v& bén dudi. Goi S

97 m

2 ]a

, BT . . s
dién tich hinh phang t6 mau trong hinh v¢, biét 60 . Tinh duoc 5, bang 7 la mot phan so to1 gian

*
voi MNEN ipp tong " 17

14



5

Traloi: ........

Céu51. (THPT Ninh Binh - Bac Liéu 2022) Cho hai ham s6 » =% *@¢ +bx+c (a.b,c€R) ¢ 45

thi (€) Jy y=me* +nx+p. (mnpER) 4 43 thi (P) s hinh v&. Dién tich hinh phéng gi¢i han béi

m
() va (P) bang 7 1a mot phan sb t6i gian vai 7 eN . Tinh tong ™~ 1?7
by
N
(P) (C)
1O \\\, 1
/ = | ) ? z

Ciu 52. (S6 Ngh@ An 2022) Cho ham s * =/ (¥) =v +ax" +bx(a.bER) & pam 5§

L 2. 1.
gx)==flx)- = f(x)+=1 (x) ) P . o

3 3 2 c6 hai diém cuc tri 1a ¥ =¥ =3, Véimdi ! 13 hing s6 tiry ¥ thude
doan (%11 g0i 51 13 dién tich hinh phng gi¢i han boi céc duong * =0 = (1.7 =1(x) 33 S5 13 dign

” I y — y — i v , =12 s

tich hinh phing gi6i han béi cac duong * =47 =/ 0y = (%) Bigy thac € =125 +45: (6 th4 nhan
dugc bao nhiéu gia tri 1a s6 nguyén ?
Traloi: ........
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