0 BAI 4 : TICH VO HUONG CUA HAI VECTO
0 BAI GIANG 1 : TiNH TiCH VO HUONG VA GOC GIUA HAI VECTO

\. Ly thuyét bai giang :

. Memorize :

v~

J{Np

Cau 186:Cho tam gidc 4BC vuéng can tai 4, c6 canh BC bing 2 Tl et weh w6

[WYN [N (NN} uug uug uuy ouu

hutng: 4B.4C | AC.BC  AB.BC




\. Loi gidi :

YN [N [ H]

Cau 187:Cho tam gidc 4BC vuéng tai € c6 €4 =b _ Tinh ABCA

\. Loi gidi :

|a‘ =6,|b| =8

Cau 188:Cho hai vecto ¢ va b théa man

) i ) i a.(a - b)
a) Tinh tich v6 hudéng .

b) Tinh s6 do géc gitra hai vecto @ va 4+b

V.

. ‘a+b‘ =10
a

\. Loi gidi :




Cau 189:Cho tammgiéc déu 4BC ¢4 canh bang 24 va c6 dwong cao AH . Tinh céc tich vo

a0l Hud ddd [N I R N T T T

AB.AC:AB.BC: AH.BC: HB.HC

hu‘é’ng:

\. Loi gidi :

(NN NN

Cau 190:Cho tam giac ABC ¢4B =3a:AC =a oy U =60"  Tmh AB.AC s suy ra do dai
BC va d6 dai trung tuyén AM .

\. Loi gidi :




|t
g

Cau 191:Cho tam giac déu ABC ¢4 canh bang 4 va cé duong cao 4H . Tinh céc tich v huéng:

a) 4B -AC b) AB -BC c) A4H -BC
Loi giai

00 0D 000 000 ao0 doo i 1

AB -AC 3 AB| | AC| cos(4B,AC) =4 4 cos 60" =l06 5 =8
a) <

00 0 000 ;oo Mg ood i |

AB -BC 3 AB| | BC | cos(A4B, BC) =4 4 «cos120" =lo [ - _|=-8
b) k. ;
c) 4H BC 3 AH | | BC| cos(AH,BC)3 AH | | BC| €0s90° =0

Cau 192:Tinh ¢ trong cac truong hop sau:

a) |al=6,/6]=7.(a,b) :45'; by | @|=8/5]=9.(a,b) =150

Loi giai

—_——

*** V2

a-bZal|b|cos(a,b) =67 cosd5 =42 ==
a) 2

&

—_——

a-b2al|b|cos(a,b) =8 9 cosl50 =72 LR 3643

-



Cau 193:Cho tam gidc 48C vudng tai 4,4B =3, AC =4 Ccac dulgumuilfu N 1an luot thude cac
canh 4B, AC thod man 4M =AN =l (Hinh 49). Tinh BN CM

A
A
B C
Hinh 49

Loi giai
vi 4 =90 npap 4B -AC =0,4AM -AN =0

NN LILLl
S a

Ly |N]N N} m|N|E] S|N|N]N]

Ta c6: BN €M —[A"-r AB) {AM - AC)

Sdd RIS |EIN] i E|N|EIN] i 44 <l S

=AN ‘AM - ABE -AM - AN -AC + AB -AC

i Sddd i NN SN Sddd

=0- AB -AM - AN -AC+0=- AB -AM - AN AC.
[WIN[N] [N]NyEIN] T TN
Vi hai vecto 18- 4AM cung huéng nén 45 AM =AB.AM =3.1=3

Vi hai vecto €4V cing huéng nén AC AN =ACAN =4.1=4
LILILL]

MY R I | W[

Cau 194:Cho hinh binh hanh 4BCD ¢4 4B =3 AD =%.4=00 A 13 trung dim cta CD
(Hinh 50). Tinh 4M ‘BD.

B C
[>T
A D
Hinh 50

Loi giai
00 0N 000 000 400 000 4000 OO0 OO0 OO0
AM =AD+ DM =AD+—-DC =AD+— AR, BED =AD- AB
Ta c6: 2

Suy ra

ood oo  ¢ood qo00y 000 o0 ood, 000 OO0 o0r oo 000,
AM -BD :[ AD+—AB| {AD- AB) =AD" +-AD ‘AB- AD ‘AB- ~AB

2
1

] I ]
=AD’ - ~AD -AB cos BAD - — 4B

17

B .

=4*- _ 43 cos60 - -3 =

t~.=|—

!
2

Cau 195:Cho tam giac 4BC céan tai 4, c6 A =120 ,4B =3

Sl M L uuad

a) Tinh AE AC,AB (CB, AC CB-



b) Tinh d6 dai canh BC.

[W]N]N) [N]N]N}

c) Lay diém M trén canh BC sao cho MB =2MC Tinh MA-MB
Loi giai

a) Do tam gidc 4BC can tai A, 4 =120, 4B :3, nén
0 0Dm 000 0m M 0m , 9
AB -AC 3 AB| | AC| cos(4B; AC) =3 -3 -cos120 =- S

UL g g

Theo quy téc ba diém ta c6 €8 =48- AC 3 do d6:

Tl 00 000 MO 0O o, 00 0M . [ 9y 27
AB CB=AB {AB- AC)=AB - AB -AC =3*- [ - _‘ Stuld

-

M0 000 MO0 Mmd 000 000 M0 oW, o |
AC CB =AC (AB- AC)=AC -AB- AC 2[——

b) Theo quy tac ba diém, ta c6 BC=AC- AB . T d6

00, 00 0od 00, 000, OO0 O0d {

BC® =BC =(AC- AB) =AC +AB -2AC AB=3+3'-2{-_|=27

b | o

Suy ra BC =3\’f§.

c) Goi I 1a trung diém cta BC.

30°
B [ M C

Do M thudéc canh BC va MB=2ZMC 1 13 trung diém caa BC, ta
M ,00 W 00
MB :ECBJB :?LHB

Suy ra

LIl

MT

ol o md od
—MB + Bl =MB- IB
o o
CEB :ECB.

e

1
2]
Tw do, theo dinh li chiéu, ta duoc

0 MO0 000 Ooo M ,
MA -MB =M1 -MB = CB =3

wlu

1
tl

co



Cau 196:Cho tam gidc 4BC vudng can tai 4 va 4B =4cm

[N NNy NN [N]N SRy N[N}

a) Tinh do dai canh huyén BC. b) Tinh “48-AC:BABC

Loi giai
a) BC =ABJ2 =42(cm)

g Ul uuu uuu N[N N NN ) . )
p) 4B -AC =4 AB| | AC| cos(AB,AC) =4 4 cos BAC =16 -cos90 =16 -0 =0

[S]N ) (S]] uuu by Juu

BA -BC 5 BA| | BC | cos(BA,BC)

. 3
=4 4f2 cosHBC =162 cosd5 =162 -gzm

Cau 197:Tinh ¢ trong moi truomg hop sau:
a) |a=3|b|=4,(a,b) =30 . p) | @|=5.5]=6.(a,b) =120 .

<) |a|=2,|b|=3,a d) | a|=2,|b|=3,a

va b cung huong; va b nguoc huéng.
Loi giai

i -ﬁ‘. !J :|ﬂ|.|b|.l:|:rs(ﬂ -:‘J)

Ta cé tr do6 suy ra

a -b =12.cos30° :|3.£ =63
a) 2

b) a b =30.cos120° =-15
c) @ b =6.cos0" =6
d) @ *b =0.cos180° =-6

Cau 198:Cho hinh vuéng 48CD tam O cé do dai canh bing <. Tinh:

ri H - g E
D e |
a) AB -OC p) AB.BD c) AB -OD

Loi giai
[N [N N NH] (W] N

a) Ta c6: (4B-0C) =(4B, 40) —B4o =45°



of of  ood, ood mf md

AB.0C =|4B||oc].cos(4B,0C) =a.~L .cos45° :i_Ezi
vay [45}{oc] @ 55
(48,80)=(8E,8D) =BBD =135°

b) Vé vecto BE =AB  Ta c6:

L [N NN

vay 4B ‘BD = AB| | BD| <os(AB, BD)

, -
=g -ﬂﬁ cosl35 :ﬂ:-.ﬁ- ,}“ =-a’

L Uiyl uug [RTHTN} uuy gud N[N W NHTH]

o) Vi 4B =BE.OD=BO |5 (4B,0D) =(BE,BO) =EBo =135

OO o o oo I md a L oa - -a
AB -OD 3 AB| +|OD| cos(A4B,0D) =a —= -c0s135 = -
Vay 2 N 2
Cau 199:Cho tam giac 4BC co 4B =4HAC=0.M 15 t1yng diém cta BC. Tinh AM ‘BC.
Loi giai
00 000 ¢ 0DOO OO0 000 OO0 ] (00, 000,
AM -BC =—(AC+A4B) {AC~ 4B) :;(Ar: - AB )

Ta co:
1000 00 g,
=—(j4cp - |48})==(¢"- ) =10.

Cau 200:Cho tam gidc 4BC déu canh @, tam ©O. Hay tinh:

uuu gug

a). 4B.AC b). AB.BC
e Xin- 0  Clnezic)is- 350)

Loi giai

B E C

md mi ood, ,md ood ood

. | o
AB.AC :‘AB‘.‘AC‘EDS(AB,AC):AE.AC.EDSEJD' —qa— ="
L ue L L LILL] LIl M| Ay u(uE}
), AB-BC = BABC = [pA|[5C cos(B4,BC)
. 1 a’
=- BA.BC.cos60" =- g — =- —
27 2
[N N[N} [WIN]N] [NIN[N] (W] N} [WIN]N] (NN N}

c). Goi E 1a trung diém cta BC ¢§ OB+0C =10E  AB- AC=CB,



NGRS

ANy NIalN}

U
C)=20E.CB =2

LI

OF

Uug U

CB|.cos(0E.CB)

=2.0E.CBcos90° =0

d). Khai trién biéu thic, ta duoc

H[N[H] (N[N} (N[N} (W[N] uud 5 L0 L uuy g N N
D=(4B+24C)(4B- 3BC)=4B - 34B.BC+2A4B.AC- 6 AC.BC

MO0 4,2 000 L2 OO OO0 e
‘ AB.BC =- —; AB.AC =—; AC.BC =—
Chu y rang: 2 2 2

. 3a’ . . a
D=a +—+a -3a =—
T d6 2 2

Gz THU  THUAT

J

NN NNy NINE)

Cau 201:Néu hai diém M-V thoa man MN ‘NM =-4 thj 46 dai doan thdng MN bang bao

nhiéu?
A. MN =4 B. MN =2 c. MN =l6. D. MN =256
Loi giai
UL dudd [N/ Ll .
MN -NM =-4 =|MN|.|NM|.cos180 =-4 & MN* =4 = MmN =2
.Chon A
Cau 202:Phéat biéu nao sau day la dung?
A. Néu %0 khac 0 va (@) <90 ypy a b <0,
B. Néu @0 khac 0 va (@P)>90 5 a b >0,
C. Néu @b Kkhac 0 va (@0)<90 s a b >0,
D. Néu %P khac 0 va (@.0) #90 thi @ b <0,
Loi giai
Chon C
Cau 203:Cho tam giac 4BC . Gia tri cta biéu thic B4 ‘C4A bang:
A. AB -AC <cosBAC B. - AB -AC cosBaC
C. AB-AC <osHBC D. AB -AC cosHCB

Loi giai
Chon A

Cau 204:Cho ¢ va b 1a hai vecto cing huéng va déu khac vecto 0. Ménh dé nao sau day
dang?



A a.b :‘a‘.‘b‘. D. ab =-

B. ab=0 c.ab=1 f5'|'|’E"_

Loi giai
Chon A

< b 1 b . , . (ﬂ.b) =0 — — l:DS(a._h):l
Do @ va ? la hai vecto cung huéng nén .

. ab :‘a‘.‘b‘
Vay .

,\ . < b ) - ‘a‘ =3, b‘ =2 b =-3. ~vin , . .
Cau 205:Cho hai vecto ¢ va ? thoa man va @D =-2. X4c dinh géc ¢ gitra hai
vecto 4 va b

A, @ =30°, B. ¢ =45, C. a4 =60 D. @ =120°

Loi giai

Chon D
, ab :|a|.|b|.|:ns(a._b)— — cns(a,b):l—r;ﬁ :;? =- % - — (a,b):lm'
Ta co

Cau 206:Cho tam giac déu 4BC ¢4 canh bang ¢ Tinh tich vd hudng AB.AC.
000 0m 2 000 00 2 o oo 2
o b e = TP AB.AC =- L 4B.AC =L
A, ABAC =2d°. B. 2 C. 2 D. 2

Loi giai

Chon D
UUU Uuu L uud )
(4B, AC) I (4B, AC) =60".
Xéac dinh duoc goc la goc “ nén
00 00 000 ood 2
AB.AC =AB.AC.cos(AB, AC) =a.a.cos60’ =2,
, 3
Do do =
Cau 207:Cho hinh vudng 48CD canh @ Ping thic nao sau day dung?
000 O .“E . (00 000 )
LU LY R UL UL . ABAC =—a~ ABAC =—a”
A. ABAC =a® B. AB.AC =*\2 . 2 D. 2
Loi giai
Chon A
md md _ 3
(j;-:l? jflut_”) —Bac =45° AB.AC =AB.AC.cos 45" :ﬂ.ﬁ‘ﬁ.£ =a’
Ta co nén =

Cau 208:Cho hinh vuong 48CD canh @. Goi £ 1a diém d6i xtng ca P qua € Péng thic
nao sau day dung?

Uud Lug ML LU ML LU uuu

A, AE.AB =2a’. B. AEAB=\3a’. ¢ AEAB=\5a. p_ AEAB=54"

Loi giai



Chon A
Ta c¢6 € 1a trung diém cua DE nén DE =2a. A B

UL uug AN A(H[H] uug uud A N[Ny N1NTH]

LLiu
AE.AB =(AD + DE).AB =f{B.4B + DE.AB

Khi doé
D C E
TTTRRTN . .
=DE.AB.cos(DE, AB) =DE.AB.cos 0" =24°
Cau 209:Cho tam gidc 48C can tai 4, 4=120°yy 4B =a  Tinh BACA
@’ _£ az\/g ) az\/g
A 2. B. 2. c. 2 D. 2
Loi giai
Chon B
10 W -
BACA =BA.CA.cos120° =- —a~
Ta c6 2
Cau 210:Cho hinh thang vuong 4BCDcé day lém ;’33 j_‘taﬁudéy nhé €D =2a duong cao
. ~ (1a+B)ID .
AD =3a; I 13 trung diém cta 4D . Khi d6 ( ) bang :
9a’ _9a’
A 2. B. 2. c. 0. D. 94’
Loi giai
Chon B
00 of.00 00 of of.0 @@ g2
(14+18).1D =(14+ 14+ 4B ).ID =214.1D =- 2

Ta co nén chon B.
1Ll I_'LIJ)
cos\ AB,CA
Cau 211:Cho hinh vuéng 48CD | tinh

L 1 V2 2
A. 2. B. 2. c. 2 D. 2
Loi giai
Chon D
uuu udu I[N | N
o (4Bcd) o cos(4B,.CH)
Dau tién ta di tim s6 do cua goc sau do moi tinh
nijii} i} 00d ol 3
(4B, C4) =180° - (4B,CA) =135° = cos(4B,CA) =- g
Vi <,
Cau 212:Cho tam giac 4BC vudng can tai 4 c6 BC :”‘@ Tinh CACB
Uiy oL
A, CACB =a* B. CACB =a c. 2  p.CACB=a2.
Loi giai
Chon A
00 Oad 3
CACB =aa 2.£ =a
Ta cé 2

W[N]y (NN}

Cau 213:Cho hinh vuéng 48CD ¢4 canh . Tinh AB.AD




A. 0. B. a. c. 2. D. 4 .

Chon A

SN Nppp NN}

Ta c6 AB.AD =g.a.cos90" :D'

MY W W)

Cau 214:Cho tam gidc déu 4BC canh béng @ va H 1a trung diém BC . Tinh 4/.CA

3a’ -3a’ 3a’ -34°
A, 4 B. 4 . c. 2. D. 2
Loi giai
Chon B
i 0 oo o 2
AH CA :AH.CA.EDS(AH,CA):ﬂﬁ.a.cnslm" =3
Ta co 2 -

_ - ) =120° '
Cau 215:Cho 2 vecto @ va b c6 ¢ _4, ‘b‘ . va (G“b) 120 .Tinh ‘a+b‘
A. V21, B. V61 C. 21, D. 61,

Loi giai

Chon A
) a+h| J(a+h) \/a +.'5 +2a.b \/|| +'* |.":»||:Dsah) J_
Ta co
Cau 216:Cho tam giac 48C vuéng tai 4 co B =60° ,AB =a Tinh AC.CB
A. 3a, B. -3a’, C. 3a, D. 0,
Loi giai
Chon B
0o ood ' '
AC.CB = AC.BC.cos150° =af3.2a. £ =-3a’
Ta co v . B
b e ‘a+b‘ =2 (3a- 4b)(2a+5p)
Cau 217:Cho 2 vectodon vi 4 va ¥ thoa

. Hay xac dinh
A. 7. B. . c. 7. D. -5,
Loi giai
Chon C
‘a‘ :‘b‘ =1 ‘a + h‘ 2 (a+b) =4 ab=1 (3a- 4b)(2a+5b) =6a" - 206" +Tab =-7

Cau 218:Cho hinh thang vuéng 4BCDcé day 16n 4B =4a, day nho CD =2a, quong cao

AD =3a Tinh PA.BC

A. - 94 B. 154 c. 0. D. 9’
Loi giai

Chon A

Ul ddd LI LIl m[uin| H[u[n]| Uud L .
DABC =DA(BA+AD+ DC)=DA.AD =-9a°
Vi nén chon#A.



Cau 219:Cho tam gidc 4B8C vuéng tai € c6 4C =9, BC =5 Tinh 4B.4C
A. 9. B. 81, c. 3. D. 3.
Loi giai
Chon B

ULl uud LIl L L Ldd dudd UL ddd Uuyg g
 AB.AC =(4C+CB).AC =AC.AC+CBAC =AC.AC =81 _
Ta co nén chon B.

R ,
Cau 220:Cho hai vecto 4va b . Biét [ =2, |b|= V3 va (G‘b} 120 .Tinh‘a+b‘

A VT3 B V7-3 c. V7- 243, p. V7+2V3

Loi giai

—_—————

ﬂ||b|£'f;5 (a._b) 21,}? - E\E.
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