PINH NGHIA VA CAC PHEP TOAN VECTO

Dang 1. Céc bai toan vé khai niém vécto
[NRN]N) uuu

Caul. Néu 4B =AC thi:

A. tam gidc ABC la tam giac can B. tam giac ABC la tam giac déu
C. 4 1a trung diém doan BC D. diém B trung véi diém C

Loi giai
Pap an D

L SN N

AB =AC= B =C

Ciu 2. Cho badiém M, N, P thiang hang, trong d6 N ndm giira hai diém M va P. Khi d6 cip vecto nao sau
day cung huong?

A. MN vy MP B. MN y3 PN C. MP v3 PN D. NP vy NM
Loi giai

Dap an A

Cau 3. Cho tam gidc ABC, co thé xac dinh duoc bao nhiéu vecto khac vecto-khong cé diém dau va diém
cudi 1a cac dinh 4, B, C?
A.4 B.6 C.9 D. 12
Loi giai

Sdd M ddd MU S|NIE)

Ta c6 céc vecto: AB,BA,BC,CB,CA, AC.

Pap an B.

Caud. Cho hai vecto khong ciing phwong @ va © . Ménh d& nao sau day ding
A. Khéng c6 vecto nao cing phuong véi ca hai vecto @ va b
B. C6 v6 sb vecto ciing phuong vé6i ca hai vecto @ va b

C. C6 mot vecto ciing phuong véi ca hai vecto @ va b, d6 1a vecto 0
D. Ca A, B, C déu sai
Loi giai

Vi vecto O ciing phuong v6i moi vecto. Nén ¢6 mot vecto ciing phuong véi ca hai vecto @ va
b , d61a vecto 0.
bapan C.

Cau 5. Cho hinh luc giac déu ABCDEF tam O. Sé cac vecto khac vecto khong, cuing phuong véi vecto

OB ¢4 diém dau va diém cubi 1a cac dinh cua lyc giac 1a
A. 4 B.6 C.8 D. 10
Loi gidi
1



Cau 6.

Cau 8.

Cau 9.

Cau 10.

uuuy

Céc vecto cung phuong véi vecto OB  1a:

sS4l Jd44 a4 i Sdd Jddd

BE,EB, DC,CD,FA, AF.

Pap an B.

Diéu kién nao 1a diéu kién can va du dé 4B =CD
A. ABCD la hinh binh hanh

B. ACBD 1a hinh binh hanh

C. AD va BC c¢6 cung trung diém

D. AB =CD 3 AB//CD
Loi giai

Pap an C
Cho hinh vuéng ABCD, cau nao sau day la dang?
[W[N]H] (NIH[H]
A, AB =BC B. AB =CD C. AC =BD _|AD|=|CB
Loi giai
bap an D
Cho vecto 4B va mot diém C. C6 bao nhiéu diém D théa man 48 =CD
Al B.2 C.0 D. Vo sb
Loi giai
Dap an A
Cho hinh binh hanh ABCD véi O 1a giao diém cua hai duong chéo. Cau nao sau day 1a sai?
A, AB =CD B. AD =BC c. A0 =0C p. OD =BO
Loi giai
Dap an A

Cho ti giac déu ABCD. Goi M, N, P, O lan luot 14 trung diém cua AB, BC, CD, DA. Ménh dé nao
sau day la sai?



Cau 11.

Cau 12.

Cau 13.

Cau 14.

uuu uuuu L N}

LILII_ILI;r _LIIJIJ P :_I-‘rﬂ-r [N[E) NN} _LILIlTIJ :'\‘f:\." - AC
A, MN =QP B 1€ c. MO =NP D.

Loi giai
B

M N

A C

Q P

D
[ MN [[PQ 1
—AC

Ta co (MN =PQ (do cung song song va bang 2 ).
Do d6 MNPQ 1a hinh binh hanh.

Dap an D.

Cho ba diém 4, B, C phan biét va thang hang. Ménh dé nao sau ddy dang?

A. 4B =BC B. €4 va CB cing huéng

C. 4B va AC nguoc huéng D. BA va BC cung phuong
Loi giai

Véib \ by M e~ . ~ . BA,BC .

61 ba truong hop lan luot 4, B, C nam gitra thi ta luén co cung phuong.

Dap an D.

Cho tir gidc ABCD. C6 bao nhiéu vecto khac vecto-khong c6 diém dau va cubi 14 cc dinh cia t&

giac?

A. 4 B. 8 C.10 D. 12
Loi giai

Pap an D

Mot vecto khac vecto khong duge xac dinh boi 2 diém phan biét. Do d6 c6 12 cach chon 2 diém
trong 4 diém cua tir giac.

Cho 5 diém 4, B, C, D, E c6 bao nhiéu vecto khac vecto-khong c6 diém dau 1a 4 va diém cudi 1a

mdt trong cac diém da cho:

A. 4 B. 20 C.10 D. 12
Loi giai

Pap an A

Hai vecto duoc goi la bang nhau khi va chi khi:

A. Gi4 ctia chiing trung nhau va d6 dai cua chiing bang nhau

B. Ching trung v4i mot trong cac cdp canh ddi ctia mét hinh binh hanh

C. Chung tring v&i mot trong cac cip canh d6i ciia mot tam giac déu

D. Chiing cliing huéng va do dai cua ching bang nhau
Loi giai



bap an D
Ciu 15. Cho lyc gidc déu ABCDEF tam O. Hay tim cac vecto khac vecto-khong c6 diém dau, diém cudi 1a

uuy

dinh cua luc gidc va tim O sao cho bang voi 4B 2

Al FO,OC, FD B. FO AC ED C. BO.OC.ED D. FO.OC.ED
Loi giai
bap an D
C B
D A
‘ AB
Céc vecto bang vecto la: E F
FO.0C.ED

Céu 16. Cho tam giac ABC. Goi M, N, P lan luot 13 trung diém ciia AB, BC, CA. Xéac dinh cic vecto cung

[N]N]NN)

phuong voi MN

A, AC.CA, AP, PA,PC.CP B, VM ,BC,CB,PA, AP

c. NM,AC,CA, AP, PA,FPC,CP p. NM,BC,CA, AM, MA, PN ,CP
Loi gidi

Pap an C

C6 3 duodng thing song song voi MN 1a AC, AP, PC

Nén co 7 vecto

S NN} M|N]N] NN LIl SN} [N ] NN

NM,AC,CA,AFP,PA,PC,CP

W Ry W[N]

Céiu 17. Cho ba diém 4, B, C cing nam trén mot dudng thing. Cac vecto AB,BC cung hudng khi va chi
khi:
A. Piém B thudc doan AC B. Diém A4 thudc doan BC
C. biém C thudc doan 4B D. Piém 4 nam ngoai doan BC
Loi giai
Pap an A
A B C



Cau 18.

Cau 19.

Cau 20.

Cho tam giac déu canh 2a. Pang thirc nao sau day la dung?

Lo
=2a

AB

[NININ) [NN}E) (N]NIN)

A, AB=A4C B. 4B =2a

Loi giai

Pap an C
Uy

AB =|AE

Vi tam gidc déu nén

=2a

Cho tam giac khong can ABC. Goi H, O 1an luot 13 truc tAm, tim duong tron ngoai tiép cua tam

gidc. M 1a trung diém ciia BC. Ménh d& nao sau day la ding?

[N]N]N} [MYN]]]

A. Tam gidc ABC nhon thi AH,O0M cung huéng.

[NININ) [NIN]N]N}

B. A1.0M 5, cung hudng.

c. AH.0M cung phuong nhung nguoc huéng.
p. AH.OM 4 cung gia

Loi giai
Pap an A
A
1
Bw C
. AABC

That vay khi nhon thi ta c6:

[AH L BC

{ = AH [JOM

|OM LBC

. = AH,OM

O, H nam trong tam giac cung hudng

(IJEYE}

D. 4B =

Cho hinh thoi tdim O, canh bang a va A =60° . Két luan nao sau day 1a dung?

[I:Ij a3 uuu
AU| = 04| =a

Loi giai

NIN[H]

0OA

[N]N[H]

(@)1

2

N

Pap an A

ann
o1
D.

AB

a\2

-
)




Cau 21.

Cau 22.

i =60"= AdBC
Vi deu

uuu uuu

Cho tir gidc ABCD. Goi M, N, P lan luot 13 trung diém cua 4D, BC va AC. Biét MP =PN  Chon

cau dang.
A, AC =BD B. AC =BC C. AD =BC D. AD =BD
Loi giai
Pap an C
B N c
P
A M D

MFP//DC,MP :% DC PN/!IAB,FPN :1— AB

. 2 2 . MP =PN
Ta co: s Ma
= AB=DC= ABCD __ = AD=BC
1a hinh binh hanh

Cho tam giac ABC véi truc tam H. D 1a diém dbi xtmg v6i B qua tim O ciia dudng tron ngoai tiép
tam giac ABC. Khang dinh nao sau day 1a ding?

A, HA=CD 3 AD =CH B. HA=CD 3 DA=HC
C. HA=CD 3 AD =HC p. AD =HC 3 OB =OD
Loi giai

uuu U

Ta c6 BD la duong kinh = OF =DO

AH L BC,DC 1L BC= AH//DC 0
Talai co CF L AB, DAL AB= CH/IDA )

Tir (1) va (2) = tir gidc HADC 13 hinh binh hanh = 4 =CDAD =HC

Pap an C.



Ciau 23. Cho A4BC y4i diém M nam trong tam giac. Goi ALBLC 13y luot 1a trung diém ciia BC, C4, AB

va N, P, O lan luot 13 céc diém déi xang véi M qua 4>B>C" Cau nao sau day ding?
A. AM =PC 3 9B =NC B. AC=0ON (3 AM =PC
C. AB=CN 3 AP =ON D. AB'=BN y3 MN =BC

Loi gidi
Ta ¢6 AMCP 13 hinh binh hanh = AM =PC
Lai c6 AQBM va BMCN la hinh binh hanh

= NC =BM =04

[NIE}E) uuu

= AONC 13 hinh binh hanh = ¢ =@V |

Dap an B.

Ciu 24. Cho tam giac ABC ¢ H 1a tryc tim va O 1a tim dudng tron ngoai tiép. Goi D 1a diém dbi xtng véi
B qua O. Cau nao sau day dung?

A. AH =DC B. AB =DC C. AD =BC D. A0 =AH
Loi giai
Dap an A
B
o
A E
D
o ADCH = AH=DC
Ta c6 thé chi ra duoc la hinh binh hanh
. NI oz s L (0) e () .
Cau 25. Cho duong tron tam O. Tu di€ém 4 nam ngoai , ké hai ti€p tuyén 4B, AC téi . Xét m¢nh
dé:
uuu uy

[NINIE) [NN}E] Uy uuu BO f— CO
(D) AB =AC (I1) OB =-0C (110)
Ménh & dung la:
A. Chi () B. () va (IIT) C. (I), (ID), (IID) D. Chi (IIT)

Loi giai



Cau 26.

Cau 27.

Pap an D

A[N[H]

OB =0C =R = |BO|=

Ta co:

Cho hinh binh hanh ABCD tdm O. Goi P, O, R lan luot 1 trung diém ctia AB, BC, AD. Ly 8 diém
trén 14 gdc hodc ngon ca cac vecto. Tim ménh d¢é sai?

[N]NIN] uuy uuuy

A. C6 2 vecto bang PR B. C6 4 vecto bang AR C. C6 2 vecto bang BOD. Co 5 vecto bang

uuy

opP

Loi giai
Pap an D
A R D
P
0
B Q =
PO =A4A0=0C
Ta co:

AR =RQ =PO =BQ =QOC, BO =OD =PR, OP =RA =DR =CQ =0B

Cho hinh vuéng ABCD tim O canh a. Goi M 1a trung diém cta AB, N la diém dbi xtmg véi C qua

[NNIN]N]

D. Hiy tinh do dai cua vecto MN

00 o fi5 00, 45 | w’_ INITRPN 5

MN| == |m| = ‘Lﬁ’| - |1,{\| -
A. 2 B. 3 C. D. 4
Loi giai
bap an C
N D C
(]
P A M B



Cau 28.

Ap dung dinh 1y Pytago trong tam gidc vudng MAD ta co:

DM? =AM + AD? :‘ ”; +a
Sa°
4
g
= DM :”J”_

2

Qua N ké duong thang song song véi AD cit AB tai P.
PM =PA+ AM =a +§ :ETﬂ
Khi d6 tir gidc ADNP 1a hinh vuong va T

Ap dung dinh 1y Pytago trong tam giac vuéng NPM ta co:

] .l ] ] ( 3 [ :
MN? =NP* + PM* =a° +‘ %
_13a°

13
Ly =213

] a3

MN| =0y ==
Suy ra -

Cho tir giac ABCD. Goi M, N, P, O lan luot 1 trung diém ctia cac canh 4B, BC, CD, DA. Goi O 1a
giao diém cia cac dudng chéo cua tir gidc MNPQ, trung diém cta cic doan thang AC, BD tuong
mg 13 I, J. Khang dinh nao sau day la dung?

L [N]N]NN] [S]N]N] Loy

A. oI =0J B. MP =NQ c. MN =PQ D. 01 =-0J
Loi gidi

= MN =QP
Ta ¢6: MNPQ 12 hinh binh hanh

Ta co:



m om0 oo o0 oo 0 0o
Of +0.J :—(GA+OC)+ (GD+OB)——(GA+DE)+ (DC+OD)

oot :IJT‘ 2
—OM + ON.=
JJT
= (N =-0J

Dang 2. Chting minh déng thirc vécto
Céu 29. Cho hinh binh hanh tdm O. Két qua nao sau day 14 ding?

[N N[N o [NIN]N} [N]N ] [N]N]N] [N]N N LRIl (N[N N (N[N N [N NN [N]N ] [N]N ]
A. AB =0A- AB B. CO- OB =BA C. AB- AD=AC 1), AO+0D =CB
Loi giai
bap an B
A B
v
D [

CO- 08 =CO+0D =CD =B84

Ciu 30. Cho hinh binh hanh ABCD. Hai diém M, N lan luot 13 trung diém cua BC va AD. Tim dang thirc
sai:

[N[N E]N) [N[N]N] [N]N]N} [S|S RIS} [S]N N [S]N]N) (S]]
A, AM + AN =AC B. AM + AN =AB+ AD
[N NN} [N]N]N] [WIN]N N} [NINN] [N]N N]N] [N]N]N} [N]N]N}
C. AM + AN =MC + NC D. AM + AN =DB
Loi giai

+ Tt gidc AMCN 13 hinh binh hanh = AM + AN =4C = A ding.

uuu [S]N N [S|N SN [S]NIN}

JrABCDlahmhbmhhanh=1'*‘15“‘1‘1*'5'I AC =AM + AN = B ding.

[N N E]N] SN NN} [N|N E]N] (NN N} [N|N]N N [N]N]H]

AH—"»CA‘»—WC:* AM + AN =MC +NC = Cdung

Dap an D.

Cau3l. Cho MBCDEF 13, 1y6t 1a trung didm cita cac canh BC, CA4, AB. Déng thirc ndo sau day la

diang?
[N E]N) [N]N]N} [N|N]N] ud [N]N]N} [NIN]N] [N E]N] [NIN]N] [NIN]N] (NN ) [N]N]N} [N ]N}
A, AD+BE+CF =AB+ AC +BC B. AD + BE+CF =AF + CE + BD
[N N[N [N]N]N} [N[N]N] [N]N N (NN N} [N N[N} UL [S]N N (S]] [N]N N} (S]] [S]N]N)
C. AD + BE+CF =AE+BF +CD D. AD + BE+CF =BA+BC+ AC
Loi giai
Pap an C

10



Cau 32.

Cau 33.

Cau 34.

B D c

AD+ BE+ CF.= AE+ ED + BF.+ FE +CD + DF _
i oo o (OO 000 o0, 000 Odd oo
—AE+BF +CD +(ED+ DF + FE)=AE + BF +CD

Cho 6 diém 4, B, C, D, E, F bat ki trén mat phang. Tim dang thic sai trong cic dang thic sau:

[N]N N} [N]N]N} [N]N]N] [W]N N} [N NN} [NINH] (NN N [NIN]N] (N[N N}

A, AB+CD =AD+CEB B. AB+CD+EA=ED+CE
[N NN [S|N]N) [N NN L [S[]N) uug uu LR L [N[N] N} [N[N]N)
C. AB+CD +EF +CA=CB+ED+CF D. BA+CB+ DC+BD =0
Loi gidi
Pap an D
Ta cé:

U LILIL uuu

[N
(BA+CB)+(ED+DC)=C*QEE+E§ —BA=0 B=A .. =D
.Vid, Bbatki sai.

Cho AABC c4c diém M, N, P lan luot 1a trung diém cua céac canh AB, AC, BC. Véi O 1a diém bat

ki. Ménh d¢ nao sau day dung?
L H[NIN] i LILLILL i UL

—¥ I LY [N]N N LRIl [N]N]N} [N]N]N §] [N]N]N] [N N[N}
 OA+0B+0C =2(oM +ON +0P) B O+ OB +OC —Our + O+
LILL [[H]N) [W[N]N] (N[ H]N ] uuy [[H]N) LI (W[N] (W[N] ([N NN [W[N[N] LLIL
c.2 (04 +0B+0C)=0M +ON +OP b, 2 (04+0B+0c)=3(om +0ON +0OP)
Loi giai
Pap an B
A o)
M
B = c
[N]N]N} [N]N]N} (N[N N
—0A+0B +0C
VT
=OM +MA+ON +NB+OP+PC | NB=NM +NP
a

= MA+NBE+FPC=MA+NM +NFP+FPC =NA+NC =0= VT =0M + ON +0OF

Cho 4 diém 4, B, C, D. Cau nao sau day dung?

[N]N N} [N]N]N} [N]N]N] [W]N N} [N]H N} [N]N]N] [NIN]N] [N]N N}
A. AB+CD =AD +CB B. AB+BC+CD =DA
[N]N N} [N]N]N} [N]N]N] [N]H N} U [NIN]N] [N]N]N} [NININ]
C. AB+BC =CD + DA D. AB+ AD =CB+CD

11



Loi giai

Pap an A

WINIH] uuu AN uug uuu

U] N]
[N N[N [N NN) [N ) Hau Hau [N N|N) — — —
=liB+CD =D+ Db+ G+ 5D =AD+CB+(DB+BD)=AD + DB =VP

Cau 35. Cho hai tam giac A4BC ya A4'B'C' 6 trong tam lan luot 1a G va G'. Dang thirc nio sau day

dang?
[N]E S E] [SIN NN [SIE EIE] [N]E S E] (NN N ] [R]N| NN} [N]N]E) (NN EIA]
A A'A+B'B+C'C =3GG" B. AB'+ BC'+CA' =3GG'
[N NN} [N]N]N] [NININ] [NIN[NN) U [N]N N} [N NN} [N| N[N {N)
C. AC'+ BA'+CB' =3GG' D. AA'+ BB'+CC' =3GG'
Loi giai
Pap an D

AA'+BB'+CC'= AG+GG'+G'A'"+BG+GG'+G'B'+CG+GG'+G'C' =3GG"

Cau 36. Cho 5 diém 4, B C, D, E. Dang thirc nio sau day la ding?
00 000 0D 000 000

N[N H] W[ N[N L Ll W[N]
AB+CD +EA =2(CB+ED) B AB+CD+EA = CB+ED)
0m 0oo0 oo 5,000 000
AE +CD +EA — CE +'ED) [EEIE} ATHTE} L [ETEE] [ETEE]
C. 2 D. AB+CD+EA=CB+ED
Loi giai
bap an D
[ N[H] uuy (NN 1] [N uuy iy N[N[NN] [A[NH] [N uuy H[N[N}

LILL LIl
AB+CD+EA=(4c+cB)+cp +(ED+DA)=cB+ED+(4C+CD)+ DA

od ood oof md, oo odd
=CB+ED+(AD +DA) =CB + ED

Ciau 37. Cho A4BC v3i mot diém M tiy . Chon hé thirc ding?

[S]N]N) uuu [S|N]NE) uuu [N]N N} [S]N]N) uuu SN N W] UL [S]N N}

A, 2MA+MB- 3IMC =AC+28C B. 2MA+ MBE - 3IMC =2AC + BC
[NINN] [NIN]N] [N W) [N]N W] [N]H N} [NINIE] [N]NH] [N]E N N) [N N} [N]N §)
C. 2MA+MB - 3MC =2CA +CB D. 2MA+MB- 3MC =2CB - CA
Loi giai
bap an C

[S]N]N) [S]N N [S]N NN} [SIN ] [S]N N} [S|N]N N} [N ]N N} [N § N} [S]N N} [S|N]N)

2MA+MB - 3MC =2MC+2CA+MC+CB- 3MC =2CA+CB

Céu 38. Cho hinh chit nhat ABCD, I, K 1an luot 1a trung diém cta BC va CD. Chon dang thic dung.

o0 000 000
(N]N) [NINN] [NINN] (518} [N]SR} <44 [S1N] 8] uu oy (N[ N) .-4.]F + AK - A C
A, Al + AK =2 AC B. Al + AK =AB+ AD ¢, Al + AK =IK D. 2

12



Loi giai

bap an D
B ! C
K
A D

00 000 ¢ d00 Od0 1 A0 000 00 ¢ M0 000 3 M0
A1+ 4K =—(48 +AC)+;(AD+AC) :AC'I';(AB +AD):;AC

Cau39. Cho A4BC ¢4 trong tam G. Goi 4,B,,C lan luot 1a trung diém cta BC, CA, AB. Chon déng thire

sait.

LIl E|NN) WIN|N N} LU ST M| N]N} Ll uuu uuuu

A GA+GB+GC =0 p 4G+BG+CG =0 ¢, A4 +BB +CC =05 GC =2GC,

Loi giai
bap an D
A
C B
B C
A
GC =2CG= D AABC A4 BC
Ta co: sai. Nhan xét: va cung trong tam.
Cau 40. Cho 4 diém M, N, P, Q bit ki. Dang thirc nao sau day luén ding.
A, PO+ NP =MQ+MN p. NP +MN =QP + MQ
c. MN +PQ =NP + MO p. NM + QP =NP+MQ
Loi giai
Pap an B
Ta co:
ujun} LILILL (NN} LLLl UL [N} LLILI UL L LILLI a[uin} LILILLI

NP +MN =NQ+QF+MQ+0ON =0QFP + MO + (.-"»-'Q + Q.-"»-') =0P+MQ =VP

Ciu 41. Cho 6 diém 4, B, C, D, E, F phan biét. Trong cac dang thirc sau day, ding thirc nio sai?

ms N mIN| N} mIN| N} W) LILL] LILLI aJNIN} H|N ]

A. AB+DF +BD +FA =0 B. BE- CE+CF - BF =0
LLILI S| uN} LI aju ] LIl LI LI S| uN} s un} ajuin} ajuin} ajuin}
C. AD+BE+CF =AE+BF +CD D. FD+BE+ AC =BD+ AE+CF

13



Cau 42.

Cau 43.

Loi giai
(S} [SIS]N] [SIN]N] (S} [SISN) [ E} [SIS]N) (SIS N [SIS]N]

+Taco: AB+DF +BD+ FA =AB+BD+DF +FA =44 =0= A dung.

[N)N N} [N N} uuu uuu W NN} [N]N N}

+ BE- CE+CF - BF =BC+CB =0= B djng,

[N ]N N} (S]] uuu uuu [S]N N uuu uuug [S]N N} [N ]N N} (S]] [S]N]N) uuug [S]N N [S]N N}

+ AD+BE+CF =AE+BF +CD = AD+DC +CF =AE+ EB+BF = AF =AF

= C dang.

uuug uuu [S]N]N) [S]N]N)

+ FD+DB+BE+EA+AC+FC =0+ IFC =0 F =C (mau thuln gia thiét)

= D sai.
Pap an D.
Cho A4BC i H, O, G lan luot 1a tryc tam, tAm duong tron ngoai tiép trong tam. H¢ thirc nao sau
day la dung?

oo 3000 0og. 4 000

OH :—OG uuu uuu OG :—GH [THTH] uuu
A. 2 B. HO =30G C. 2 D. 2GO =-30H

Loi gidi

[S]N N} [S]N]N) uuu [N)N N} [S]N N uuu

Tach GA+GB+GC =0= OA+0B+0C =30G (1)

Goi 7 1a trung diém BC, 4" d6i xtng v6i 4 qua O.

D& thay 7BA'C 13 hinh binh hanh

uuu uuu W )N ] |8 NN} [N} [N]N N} [S|N]N) [S]NN N [S]N]N)

= HRE+HC =HA'= HA+ HB+ HC =HA+ HA' =2HO

[N]N N} (S| N N} [N)N N} uuu [S]N]N) W NN} uuu uuu [S]N N}

= JHO+0A+0B+0C =1HO = OH =04+0B+0C ()

Ml M0 00 M0 M0 00 000 000 o000
= OH =30G = 0G+GH =30G = GH =20G = 0G =—GH
Tir (1) va (2) 2

Dap an C.

Cho 4 diém 4, B, C,D. Goi I, J lan luot 1a trung diém ctia AB va CD. Déing thirc ndo sau ddy 1a sai?
[N E]N) [NIN]N] (N]N) U [W]N N} [N1N} U [NININ] [N1N} [N]N} [N]N]N] [W]H N}

A, AB+CD =21J B. AC+BD =2IJ (. AD+BC=2IJ 1y 2IJ+DB+CA=0

Loi giai
(e} (S} (S8} (S8} (SIS N [S]8} [S]8} (S}

+Bding vi AC + 8D =Al+ IV +JC+ Bl +1J+.JD
H]N] [ i L 1NN W[N]
=217 +(4r+ B1)+(UCc+JD) =217

UL [S]N N uu uu [NINE) uu uu oy uu

+C dang vi AD +BC =AI+1J +JD + Bl + IJ +JC =21J

[N SN |8 NN} (8 N [NINE) [S]N N}

+D dang vi 4C +BD =217 <= 11/ +CA+DB =0

Dap an A.
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Cau 44.

Cau 45.

Cau 46.

Cho A4BC | M 1a mot diém trén canh BC. Khi d6 ding thirc nao sau ddy 1a dang?

M0 g 00 agr OO0 000 g4 000 ag OO0
v =MC g MB e By =MA 4o+ MB ge
A BC BC B. AB AB
T O 0 age 000 ayp OO0
sem =MB g MA ran =MC 4+ MB Lo
C. AC AB D. BC BC
Loi giai
xs MN//AC,NEAB
M 4n 00 ae 000 OO0 amg 000 age OO0
, av = g =MC g v =M 40 =MB e
Ap dung dinh li Ta-1ét ta c6 AB BC . AC BC
M0 M0 0000 age 000 agp OO0
=AM =Av + N =2C e MB 4
BC BC
Pap an A.

Cho A4BC | 4M, BN, CP 1a cac trung tuyén. D, E, F 1a trung diém cua AM, BN va CP. Vi O 1a
diém bat ki. Pang thtic nao sau day dung?

'}(JJ.I g g ) (JJ.I [W[N[N] [W[N[N] )
A, OA+OB+0C =0OD + OF +OF B.HGA+GB+GC =30D+0E +0F
L [W]NH] [W|NH] LI [W]NH] [W|NH] ]} [W|H]H] [W|H]H] H|HH] [ N|H]H] [ N|H]H]
¢ OA+0B+0C =2(0D+0E +0OF) [, 0A+0B+0C =3(oD+ OE + OF)
Léi giai

[N)N N} [S]N N} (S]] uuug [SIN]N |} [S]N N

Ta co: 204 +O0B +0C =204+20M =40D (1)

(NN A} e [N]E]N) [N]N]N)

(NN [N]|N]N] [N]N]N) [H|N]N]

OA + OB +20C =40F (3)
Cong vé voi vé (1), (2), (3) ta dugc dap an A.
Pap an A.

Cho tam giac ABC déu tam O, M 1a diém bat ki trong tam giac. Hinh chiéu ctia M xudng ba canh
lan luot 12 D, E, F. Hé thirc ndo sau day la ding?

00 m0 000 000 00 M0 00 o000
MD + ME + MF =— MO MD+ ME + MF == MO
A. 2 B. 3
0 m0 000 5000 00 M0 000 5000
MD + ME + MF == MO MD+ ME + MF == MO
C. 4 D. 2
Loi giai
Qua M ké cac duong thing AB |/ AB,AC, |/ AC,B,C,//BC

= Céc tam gidc déu MBI O AMAC, AMAB,

m 000 00,00 0000 0000, 000 ¢ 000 0000
MD =—(MB, + MC ), ME =—(MA, + MC, ), MF =—(MB, + MA,)
Ta co: 2 2 2
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M 000 000

Mol 00oo, ¢ 000 Moo, 000 0o
= MD+ME +MF =

(b4, + M4, )+~ (MB, + B, )+~ (MC, + MC,)

b | —

0 00 000, 3000
= (A + MB +MC) = = MO

s

Dap an D.
Ciu 47. Cho tir gidc ABCD. 1, J lan luot 13 trung diém cta AB va DC. G 1a trung diém cta IJ. Xét cac ménh
de:

(I) AB+AC+AD =4A4AG (I) IA+1IC =21 (1) B + 1D =JI

Ménh dé sai la:
A. (I) va (II) B. (IT) va (III) C. Chi (I) D. Tét ca déu sai
Loi giai

bap an B

B

&
A
D
LILL H[H[n Ly H{u]n UL M [H]H] [ iy LIl
AB+ AC+ AD =AG +GB+(4G +6c)+ (4G +GD)
oof oof ood ood o ,md ood, oo ood i md oo

=3A4G +GB+GC +GD =4GA +(GA+ GB)+(GC +GD) =44G + 21 +2GJ =44G

(IT) va (III) sai vi G khong phai 14 trung diém ctua AC va BD.
MA NB m

Ciu 48. Cho tir gidc ABCD, cac diém M, N lan lugt thudc cac doan AD va BC sao cho MD  NC  n Pp3
ng thirc nao sau day la dung?

- [N[N]N] L = LILIL [N N[N} = NN N[N

]EJ;E :HAE +mDC ﬂﬂ :HACHHAB J]E]:'l"r :HEC +mCD
A. m+n B. m+n C. m+n D.

- [N N[N} [N]N[N}
1_;]]& :nCD +mAD

m+n
Loi giai

Pap an A
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Cau 49.

A
N
M
D C
IJIJLIJ (W[N] oy
i il ! Eﬁ
MN —MD + DO+ CN
Tacd
LLILL [N[N[N) (N[N N (W[N]
nMN =nMA+nAB+nBN _ mnd
=1 000 i 0m 0 = (m+n)MN

mMN =mMD +mDC +mCN
ood oo

o omd, o ol ol md mi oo omdl
=(n24+ mMD)+(nAB +mDC)+(nBN +mCN) =0+ nAB+mDC+0= My =222 12C

m+n
Cho A4BC 3 mot diém M bét ki trong tam giac. Dit Susc =Sur Sucs :S’-‘, Shus :S{,. Ding
thirc nao sau day dung‘?
Al S . MA+5 MB+5 .. m: 0 B. s, AB+5 BC+S, CA =0
C. 5. MC+ 5, MB+S_MA =0 p. S.-AC+S,.4AB+S_.BC =0
Loi giai
Dap an A
A
M
B A’ C
_A'=AM n BC
Goi
ol 4 ci@ 45000
MA' = MEB + MC
) BC BC
Ta co
‘4 C SUEL _S.liﬂl." _5.& A C 5:"! AIB 5
A'B 5,,., S,. S BC 5 +5 " BC 5 +5
‘DE‘EI — S, D&%+ S, D\g]é- (:t) M4 :'Sr.u.e'ﬁ :S.U.e'u." :S.U..!ﬁ +S80c _ 5,
5:‘- +5~' 5:‘- +5:.' o , ‘UA 5.'-!'..'.3 S:l!.n!l." 5.'-!'..'.3 +5.'-!'.|!L" 5:‘- +5:.'
Mait khac
ama - ¢ (00
= .'”ﬂl = = MA uuu LU
S, +5, - 5, MA =S,MB +5_MC

, thay vao (*) ta duoc:
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SN}

= S MA+S5S, WB+5 WC =0

Cau 50. Cho A4BC ygi BC =a,AC=b,AB=c 15 a0 quomg tron noi tiép ABC | duong tron néi tiép

() tiép xtc voi cac canh BC, CA, AB lan luot tai M, N, P. Dang thuc nao sau day la dang?
A. afM +b.iN ++:'IP =0 B. a-MA+b. '\-B-H:PC =0
C. aAH’+bB"»+r:CP =0 D. aAB+!:rBC+cC4 =0
Loi giai
Pap an A
A
N
P
I
B
M C
Lo, . AABC .
Goi p 1a ntra chu vi , ta co:

AP =AN =p-a
BM =BFP =p-b
CN =CM =p-¢

M Arg 00 pgp [0 s
Ta co

Tuong tu:

bIN =(p- a)IC+(p- )IAQR).cIP =(p- B)IA+(p- a)IB(3)

Cong timg vé (1), (2), (3) ta dugc:

g ali] i

= alM +bIN +ciIC
f @ @ o o
=(2p-b-c)d+Q2p-a- c)fﬁ+("*,u a- b)IC =ald +bIB +cIC =0

, . . ... AABC
Nhén xét: Ap dung két qua néu 7 1a tam dudng tron ndi tiep thi

uu} LIl aju]

= ald+bBRI+cCI =0
Dang 3. Xéc dinh diém thoa man diéu kién cho trudc

Cau 51. Cho hai diém 4 va B. Tim diém [ sao cho {4+ 2B =0

. IB =1AB
A. Piém [ ngoai doan AB sao cho 3

18



i IB :lAB
B. Diém 7 thudc doan AB sao cho 3
C. biém 7 1a trung diém doan 4B

1
q ‘ , IB=—ARB
D. biém 7 nam khéc phia v6i B d6i v6i 4 va 3
Loi giai

L LLl

IA+2IB =0 = [4=-2IB

IB :lAB
Vay I thudc doan 4B sao cho 3
Dap an B.
o 3 00
) o Al =- = B4
Cau 52. Cho doan thang AB. Hinh nao sau day biéu dién diém / sao cho 2
o —
A. A 1 B B A I B
C l—’ A i B D A B I
Loi gidi
Pap an B.

Cau 53. Cho hai diém 4, B phan biét. Xac dinh diém M sao cho MA +MB =0
A. M & vi tri bat ki
B. M 1a trung diém ctia AB
C. Khong tim dugec M
D. M nam trén dudng trung truc clia AB
Loi giai

Pap an B

Céu 54. Trén dudng thing MN ldy diém P sao cho MN =-3MP Hinh v& nio sau ddy xac dinh ding vi tri

diém M.
A M p N
B.N M P
C. N M P
D. M P N
Loi giai
Pap an C
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MN =3MP

Ta c6: va P, N khéc d6i véi M
, , . AM 217 AB )

Cau 55. Cho doan thang AB va diém M la mdt diem trong doan AB sao cho 2 . Tim k dé

MA =kMB

k=1 f=-1
A, 4 B. k=4 C. 4 D. k=-4
Loi giai
Pap an C

uuu uuug

Ciu 56. Cho A4BC  Trén duong thang BC lay diém M sao cho MB =3MC  piém M dugc v& dung trong
hinh nao sau day?

A
A. B M [

A
B. B C M

A

c. M B C

A
D. B C=M

Loi giai

Pap an B

L LI HIN|NE)

Ciau 57. Cho A4BC ¢4 G 1a trong tam. Xac dinh diém M sao cho: MA + MB +2MC =0
A. Diém M 1a trung diém canh AC.
B. Diém M la trung diém canh GC.
C. DPiém M chia doan 4B theo ti sb 4.

uuu uuuug
D. Diém M chia doan GC thoa man CC =4GM
Loi giai
. N H|NN) SN|EE) NN ) W E|N) WN]E ) W|N|N] EIN]E ) o NN

MA+MB +2MC =MG+GA+ MG+ GE +2MG +2GC =0
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Ll [N[H] [N[H] A(N[N] (W[N]

LILLL L
& 4MG +(GA+GB +GC)+ GC =0 = GC =4GM

Pap an D.
Ciu 58. Cho A4BC | J1a trung diém cia AC. Vi tri diém N thoa man VA +2ZNB =CB x4c dinh boi hé
thuc:
ooo 00 oon >0
B;\" _—— Bjr uuu uu B]V :—_Bjr [N[H[N} uu
A. 3 B. BN =2BI C. 3 D. BN =3BI
Loi gidi
o s N+ 2N =C o Nt + i N = 4 VB
o0 mo 100 1 00 000 o00
= NA+NC =-NB = 2NI =-NB= BN 25 Bi
Papan C.
Cau 59. Cho hinh binh hanh ABCD. Tim vi tri diém N thoa mén:
NC+ND- NA=AB+ AD- AC
A. Piém N 1a trung diém canh 4B B. Diém C 14 trung diém canh BN
C. Piém C 1a trung diém canh AM D. Piém B 1a trung diém canh NC

Loi giai
. N WN|N) LIl . N HNN] WiNN)

Ta c6 NC+ND- NA=AB+ AD- AC

(W[N] A[N[H] W[N] (W[N]

AH[N] UL
e (Nc- NA)+ND =(4B + AD)- 4C

W[N] L LIl LI W[N] H|NN)

= AC+ND =AC- AC = AC =DN
= ACND 13 hinh binh hanh = C 14 trung diém canh BN.
Dap an B.

Cau 60. Cho 2 diém 4, B 14 hai sb thuc a, b sao cho @ +b #0  Xét cac ménh dé:

ajun} S| NN

(I) Ton tai duy nhit mot diém M thoa man aMA +bMB =0

(M p 000

M4 =- AB
(IT) a+h
(II1) M 1a diém nam trén dudng thang AB.
Trong cac ménh dé trén thi:
A. (I) va (IIT) tuong duong nhau B. (II) va (III) tuong duong nhau
C. (I) va (II) tuong duong nhau D. (1), (II), (IIT) twong duong nhau

Loi giai
000 o o0o0 000 MmO o00 p 000
aAM +bMB =0 < aMA +b(MA+AB) =0 = M4 =- 4B
a+
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Do gia thiét M dugc xac dinh duy nhét trén duong thiang 4B.

bapan C.
a|] aju] a|u]

Ciu 61. Cho MBC i BC=a,AC=b.AB =¢ N4 diém I thoa man hé thic a4 +bIB+cIC =0 .
A. Piém 7 13 tam dudng tron ngoai tiép A4BC
B. Diém 7 1a tim duong tron noi tiép A4BC
C. Piém [ 1a tryc tAm cla A4ABC
D. Diém / 14 trong tam ciia A4BC
Loi giai
A'B ¢

Lay 4' saocho 4'C b hay 44" 1a duong phan giac.

. alA+bIB+cIC =0 ald+(b+c)id4' =0

Ta co
IA _b+c ¢ _ BA
i4' i ac BA'
© [ thudc doan 44" va b+c

= J1a tim dudng tron ndi tiép A4BC

Dap an B.
Cau 62. Cho A4BC Xjc dinh diém [ sao cho: 244 - 318 =3BC
A. Diém /14 trung diém ctia canh AC
B. Diém C la trung diém cua canh /4
C. Piém C chia doan /4 theo ti s6 -2
D. Diém 7 chia doan AC theo ti sb 2
Loi giai

Pap an C
[ uu Ll [ LIl [ LI uu Ll H[u[N| LI LIl
274- 3IB =3BC < 2I4- 2IB- IB =3BC = 2(14- IB) =2BC + 1B+ BC
00 o m i ool o i ol o i}
= 2BA=2BC+IC = 2BA- 2BC =IC = 2CA =IC = CI =-2CA

Céu 63. Cho A4BC ¢4 M 1a trung diém 4B va N trén canh AC sao cho NC =2NA  X4c dinh diém K sao

cho 3AB+24C- 124K =0
A. Piém K 13 trung diém canh 4AM
B. Piém KX 14 trung diém canh BN
C. biém K 1a trung diém canh BC
D. Piém K 1a trung diém canh MN
Loi giai

Pap an D
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N
C
’ M
, AB =2AM AC =2AN < 34B+24C- 124K =0
M 1a trung diém AB nén ,
000 o il o0 ¢ 0000 oo

& 6AM +64N - 124K =0 &= AK :;(AM +AN)

= .
K 14 trung diém cua MN.

CAu 64. Cho hinh binh hanh ABCD. Tim vi tri diém M thoa man: MA- MB- MC =AD

A.Diém M la trung diém canh AC B. biém M la trung diém canh BD
C. Diém C la trung diém canh AM D. Piém B 1a trung diém canh MC
Loi giai
bap an C
A B
D C
M

MA- MB =BA = MA- MB- MC =AD = Bd- MC =AD = CM =AD+ AR =AC

Vay C la trung diém cta AM
Cau 65. Cho A4BC  Tim diém N sao cho: 2VA + NB + NC =0
A. N 1a trong tam AABC B. N 1a trung diém cta BC
C. N 1a trung diém ctia AK v6i K 1 trung diém cia BC
D. N la dinh thr tr ctia hinh binh hanh nhan 4B va AC lam 2 canh

Loi giai

bap an C

A

N
C
B K
. . 2 = NB+NC =2NK

Goi K la trung diém BC
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Cau 66.

Cau 67.

Cau 68.

a NN} NN} aJNIN} L S|NIN} M[N]N} AN]N]
 2NA+NB+NC =0 < 2NA+2NK =0 NA+NK =0=> »
Nén N 1a trung diém 4K
) NN} NN} u NN}
Cho A4BC  X4c dinh diém M sao cho: MA+2IMB =CB
A. M la trung diém canh AB B. M 13 trung diém canh BC
C. M chia doan 4B theo ti s6 2 D. M 1a trong tam AABC
Loi giai
Pap an D
A
B C

MA+2MB =CBE = MA+MB + ME =CM + MC

= MA+MB+MC =0= _ _ AABC
M 1a trong tam

LI ajulu} Ly

Cho A4BC ¢4 trong tAm G, diém M théa man 2MA+MB +3MC =0 Khj d6 diém M thoa méin

hé thirc nao sau day?

oo 00d aoog - 4 0 oooo - 000 oooo - ¢ 0m
GM =—BC GM =—CA GM =—AB GM =—CB
A. 6 B. 6 C. 6 D. 3
Pap an A
000 000 10M 00 000 O00M. OO0 0o0 000 000 ooo0 - 000

2MA+MB +3MC =2(MA+ MB + MC)+ MC- MB =6MG + BC =0= GM =bC

L LI HIN|NE)

Goi G la trong tam A4BC  Néi diém M thoa mén hé thie MA + MB +4MC =0 thi M § vi tri ndo
trong hinh vé:

%y,
. Mﬁ‘:’:‘.—

5
A. Mién (1) B. Mién (2) C. Mién (3) D. O ngoai A4BC
Loi gidi
Pap an B

Ta cé MA+MB+4MC =0= MA+MB +MC =-3MC < 3MG =-3MC = MG =- MC
aco
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Cau 69.

Cau 70.

Cau 71.

Cau 72.

Hay M 14 trung diém ciia GC
Cho hinh binh hanh ABCD. Goi O 1a giao diém ctia hai duong chéo AC va BD. Piém M thoa man

L sjun} S|uN} LIl

dang thirc AB +AC+AD =44AM  Khi d6 diém M tring véi diém:
A. O B. 7 1a trung diém doan OA
C. I1a trung diém doan OC D.C
Loi giai
Pap an A
M0 000 0o 1000 000 000 0000 4 OO
AB+ AC+ AD =4 AM = 4AM =2AC= AM =3 AC= M =0

Ta co

SN

Cho ba diém 4, B, C khong thang hang. Goi diém M théa man ding thirc MA =aMB+pMC ;

a,fER . Néu M 1a trong tam A4BC thi ap thoa mén diéu kién nao sau day?

A @ =0 B. ¢-f =1 c.@ #=0 D.Ca A, B, C déu dung
Loi giai
bap an D
. . ) . J;E‘JA+J‘EE+J‘JE =0
Ta c6 M 1a trong tam thi

MA=aMB+fMC= a=-1,f =-1
So sanh véi

Cho A4BC Néu diém D thoa man hé thac MA +2MB- IMC =CD y4i M tay v, thi D 1a dinh
cua hinh binh hanh:

A. ABCD B. ACBD

C. ABED véi E 1a trung diém cta BC D. ACED véi B 1a trung diém cua EC
Loi giai

bap an D

AN [N[H] LI AN} il A[H[H] N[ NIN]N] A[N[N N} Ly (W[N]

Ll L LILL]
CD =MA+2MB- 3MC =MA + 2MB +2CM +CM =(C4+2CB)=C4+CE

Vay D la dinh cua hinh binh hanh 4ACED.

Cho doan AB va diém I sao cho 214+3IB =0, Tim s K€R gao cho 4/ =kAB

g=> g=> =2 g

A. 4 B. 35 C. 5 D. 2
Loi giai

Pap an B
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0 oo 01 00 0o 0 0 0 5000 3
2i4+ 318 =0 = 5IA+3IB- 314 =0+ 5[4+ 34B =0 = AI :;AB =k =<

=

Dang 4. Tim tap hop diém thoa man diéu kién

(NN LIl LILLL]

MA+ MB + MC| =0

Cau 73. Goi G la trong tdm cua AABC Tap hop diém M sao cho la:
A. Duong tron ngoai tiép tam giac ABC. B. Buong tron tdm G béan kinh 1a 1.
C. DBuong tron tam G ban kinh 1a 2. D. Buong tron tam G ban kinh 13 6.

Loi giai

LI H|uN LILILL LILILL
 MA+MB+MC =3MG= 3
Taco

AINNE

.-WG‘ —6

uuL

.-WG‘ =2

Vay tap hop diém M 1a duong tron tim G ban kinh 13 2.
Pap an C.

Ciu74. Cho AA4BC 6 trong tam G. [ 1a trung diém cua BC. Tap hop diém M sao cho:

LILIL LLI ajuin} UL

U LLLL!
2|MA+ MB + .-wc‘ =3|MB + .-wc‘ iy
a:
A. duong trung truc cia doan G/ B. duong tron ngoai tiép A4BC
C. dudng thang GI D. duong trung truc cuia doan A7/
Loi gidi

HE N Liu S|N|NE} S|N|N N m|N|N} a|N|EN} W|N|N} = L

Ta co: MA+MB +MC =3MG,MB + MC =2M[ = 2|3MG| =3 2MI
aco:
LLILL] LILLI
- MG‘ = .-w‘ = B ‘ q
Tap hop diem M 1a trung tryc cta GI.
Pap an A.
Ciu75. Cho hinh chit nhat ABCD tam O. Tép hop cac diém M théoa min dang thic

MA+MB - MC =MD |3
A. mot doan thang B. mot duong tron C. mot diém D. tip hop rong

Loi giai
. Eu) m|N|N} . SN ) ) S jup ]

Ta co: MA+MB- MC =MD < MA+ MB =MC + MD

= 3;‘}} :3-'4‘}} = J"’Jf} :-'J"’?f véi [, J 1a trung diém cua AB, CD

= Khong ¢ diém M nao théa man.

Dap an D.

CLO:R) 4 didm cb dinh 4; B 12 diém di dong trén dudng tron do. Goi M 1

diém di dong sao cho OM =04+ OB Khi @6 tap hop diém M la:
A. dudng tron tdm O ban kinh 2R. B. duong tron tam A ban kinh R

Cau 76. Trén duodng tron

C. dudng thang song song v&i OA4 D. duong tron tam C ban kinh RV3
Loi gidi
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Cau 77.

Cau 78.

Cau 79.

SN EIE) LIl u|N )

Tur gia thiét OM =0A+0B = () 4 M, B theo thtt tu 1a cac dinh cua hinh binh hanh. Do
AM =0OB =R = Tjp hop diém M 13 duong tron tim A4 ban kinh R.

Dap an B.
Ly Uy LLILLI
Cho A4BC  Tap hop cac diém M thoa man MA = MB| =Mc la:
A. mot duong tron tam C B. duong tron tam 7 (/ 14 trung diém cua AB)
C. mot dudng thing song song voi AB D. 1a duong thang trung truc cia BC
Loi gidi

Pap an A
LILIL (W[N] AN} LLL LI
MA- MB|=MC | = |BA| =|MC

Vay tap hop diém M 13 duong tron tim C ban kinh 4B.
Cho hinh chit nhat ABCD tim O. Tap hop cic diém M thoa min

LILIL [N} AINN | H|NINE]

MA+ MB+MC + .-wr.:| =k k>0

la:
k
A. dudng tron tim O ban kinh 1a 4 B. duong trondiqua 4, B, C, D
C. duong trung truc ctia AB D. tap rong
Loi giai
Dap an A
00 M0 mMm 00m 10 (0m

MA+ MB + MC + MD| :|4.-m::| —k o |.-wc:r| :%

K
Vay tap hop diém M 1a dudng tron tim O ban kinh

Cho A4BC trong tam G. Goi 1, J, K 1an luot 1a trung diém BC, AB, CA. Quy tich cac diém M thoa

A [H[H] Ly UL A(NlN] AN}

o IMA+ME+ MC| =|MA- MC ‘ .
man la:
1 JK lIJ

A. duong tron tm 7 ban kinh 2 B. duong tron tim G ban kinh 3

1

—CA
C. dudng tron tim G ban kinh 3 D. trung tryc AC

Loi giai

Pap an B
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Cau 80.

Cau 81.

Goi I 1a trung diém ctia 4B thi

A(N[N] Ly A[N[N N} (W[N] LI

MA+MB| =2|MC| = [2MI]| =2 WC
Teflp hop diém M 1a trung tryc cia IC
. . (O;R) ., . . £ 4 fe X 2R L g SN VL
Cho duong tron va hai diém 4, B c0 dinh. V&1 moi diém M ta xac dinh diém sao cho
MM '=MA+MEB |4c d6:
A. Khi M chay trén (O:R) thi M' chay trén dudng thang AB
B. Khi M chay trén (O:R) thi M' chay trén dudng thang dbi xing voi AB qua O
C. Khi M chay trén (O:R) thi M' chay trén mot duong tron ¢b dinh
D. Khi M chay trén (0:R) thi M chay trén mdt duong tron ¢ dinh ban kinh R
Loi giai
Pap an D
Goi I 1a trung diém 4B
. MA+MB=2MI = MM'=2MI = q MM

I'1a diém cd dinh: 112 trung diém cua

o, y o' MOM 'O
Goi la diém do1 xung cia O qua diém [/ thi c¢b dinh va 1a hinh binh hanh
= OM =0OM'=R= M"' |, o'

nam trén dudng tron cb dinh tim ban kinh R.

LILL] ajuu} S|EINE] ajuu}

Cho A4BC  Tim tap hop diém M sao cho MA + MB +2MC =kBC y5i k€ER
A.1a mot doan thang  B. 1a mot duong thang C. 1a mot duong tron  D. 1a mot diém
Loi giai
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Cau 82.

Cau 83.

Goi E 1a trung diém cua 4B, I 14 trung diém ciia EC

M 000 0 jm M 000 000 g 000
= MA+MB +2MC =3ME +2MC =4MI = MI 21 BC

Do I, B, C ¢ dinh nén tap hop diém M 1a mot duong thang di qua  va song song véi BC.

[N[H] LIl U

LILL|
AMA + MB + MC| -

A[H[H] N[H[H] duw

2MA- MB- MC

Cho A4BC  Tim tap hop diém M thoa mian:
A. duong thing qua 4 B. duong thang qua B va C
C. duong tron D. mot diém duy nhit

Loi giai

la:

Pap an C

G

B [ Cc

unn} uuu LILILL ulun}

MA+MB+ MC +3MA

ujun}

UL
2MA- 2MT

p=]

GT di cho

LILILLL HIHN| W[N] H[H[N]
o= ‘3 (mG + MAX :2|MA - MI

(I 1a trung diém AB)

W, |0 |
e f:‘.-w‘ =2 m‘ = MJ =14

AABC
(G la trong tam )

e JM :%AG
(J 13 trung diém cta 4AG)

Vay tap hop diém M 1a duong tron tim / ban kinh
Tap hop diém M ma kMA+KMB =2MC _k #1 1,
A. duong thang chtra trung tuyén vé tir C B. duong thang chira trung tuyén vé tir B
C. dudng thang chua trung tuyén vé tir 4 D. duong trung truc cuia AB
Loi giai
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Pap an A

EMA+EMEB =2MC = 2EMI =2MC = MC =kMI . 2
(I 1a trung diém AB)
=M ,
nam trén duong thang CI.
a[uin} ujun} LILILLI LILLI uuu
i A N, . |2MA+3MB + 4-.-146‘ =|MB - MA
Cau 84. Cho A4BC  Tim quy tich diém M thoa man:

AB

A. Quy tich diém M 1a mot dudng tron ban kinh 3
AB

B. Quy tich diém M 1a mot duong tron ban kinh 4
AB

C. Quy tich diém M 1a mot duong tron ban kinh 9
AB

D. Quy tich diém M la mot duong tron ban kinh - 2
Loi giai

Pap an C
L L L
\ A g A 3 , - 2id+ 3B +45C =0
Vi A4, B, C c0 dinh nén ta chon diém / thoa man:

M0 il ol i ol md O 34p+ddc
e 204+3(14+18)+4(14+1C) =0 = 914 =- 34B- 4AC = 4 =- +
'}JJJ N LI qJ-IJ (-}JJ Ll [ ) qJJJ
L  2MA+3MB+4MC =OMI +(IA+3IB+AIC)=OMI oy G i
duy nhat tir d6 va
o0, [0 AB
= |'.:J.-w| :|BA| = Ml ==
Tir gia thiét '

Cidu85. Cho A4BC.  Tim quy tich diém M théoa man  didu  kién:

LIl L i[un]| L] LILLL
MA+MB =k(MA+2MB - 3MC),k €R

A. Tap hop diém M 1a duong trung truc cua EF, v6i E, F lan luot 1a trung diém cta 4B, AC
B. Tap hop diém M 1 duong thang qua 4 va song song véi BC

AB
C. Téap hop diém M 1a duong tron tdm / ban kinh 9
oo 5000
) AH == AC i )
D. V¢i H 1a diém thoa man 2 thi tap hop diém M la duong thang di qua E va song song

v6i HB v6i E 1a trung diém cta AB
Loi giai
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Cau 86.

Cau 87.

bap an D
MA+2MB - MC. o
oo Joo o oo ma

=MA+ (.-WA +.-WB)- 3(.-‘14'.4 + AC ) 0o 00
3
md o o o ood q AH == AC
=2A4B- 3AC =2AB- 2AH =2HB (v6i H 1a diém thoa man 2 )
UL mun| L u[un H[N[Nn} /NN H[u[N] LI H[NN|
= MA+MB =k(MA +2MB - 3MC) e 2ME =2kHB = ME =kHB _
bap an D

Cho tir gide ABCD vé6i K 1 s6 tiy ¥. Ly ¢4 didm M, N sao cho M =kAB, DN =kDC

hop trung diém 7 ciia doan MN khi k thay doi.

. Tim tap

AC,BD
AD,BC
AB,DC

A. Tap hop diém I 1a duong thing Q0" véi O va O' 1an luot 14 trung diém cua
B. T4p hop diém 7 1a duong thing OO0' v&i O va O' 1an luot 1a trung diém cua

C. Tap hop diém 7 1 dudng thang OO véi O va O' lan luot 14 trung diém cua
D. Ca A, B, C déu sai.

Loi gidi
L0.0" | ‘ . ‘  AB'=AO+00'+0'B
Goi lan luot 1a trung diém AD va BC, ta c6:
. E‘I:‘_‘ :BJG +53'+5'uf = :4J:E+D:T :25;_‘;'
va
0o 0oo a0 o 000 M a00a

= AM +DN =201 = OI :;(ﬁ;AE +kDC) =k0OO'

Goi I 1a trung diém MN -

. ., 00'
Vay tap hop diém 7 1a dudong thang
Uy Uy LU

MA+ MB + .-wc‘ +

LILILLI U a[HIN]

LI
MD + ME + MF

Cho luc giac déu ABCDEF. Tim tap hop diém M sao cho
nhén gid tri nhé nhét.

A. Tap hop diém M 1a mot duong thang B. Tap hop diém M 1a mot doan thang
C. Téap hop diém M 13 mot duong tron D. La mot diém

Loi giai
bap an B
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. AABC  ADEF
Goi P, Q lan luot 1a trong tam va .

uuin ujun} uuL

= |MA+MB+ .-wc‘ +

UL U uuin

Ll ujun LI
MD + ME + MF| =3|mP +3‘MQ| >3(MP+MQ) =3PO

Dau - xay ra khi M thuoc doan PQ. Vay tap hop diém M 1a doan thang PQ.

W|N]N) m]u|N}

20A+kMB +(1- F)MC =0.k€R

Ciu 88. Tap hop diém M thoa man hé thirc: la:
A. dudng thang B. duong tron C. doan thang D. mot diém
Loi giai
Pap an A
Ly UL LILLLI Uy Uy LLILLI Ly
o 2MA+MC =k(MC- MB) < 2MA+MC =kBC(*)
Tur gia thiét
, 2MA+1C =0= IC =2IA, T € AC
Goi / 1a diém sao cho:
UL Uy Ly uu Uy UL MuH]
2 (M7 +14)+ MI +IC =k BC < 3MI =k BC
Tu (*):
Vay tap hop diém M 1a duong thang qua / va song song voi BC.
LIl LILLI LLLLI [ [N}
) AABC s v L pMma-2mB +.-wc| =|MB - MA
Cau 89. Cho A4BC vj diém M théa mén dang thirc: .
Tap hop diém M 1a
A. mot doan thang B. nura dudng tron C. mét duong tron D. mét duong thang
Loi giai
LLIL N[N} LILILLI u[ujn} uuu
o L = ‘BMA - 2MB +.-wc‘ =[pmB- MA
Goi E la trung di€m cua AC
LI ] i LILILLI ] UL LI H[NH]
e [2(aa- MB)+MA +.-wc‘ =|48| = [2584+2ME]| =|45]
Goi I 1a diém thoa man B4 =EI
0 0O 100 im, 0O 1
= |2(Er +ME1 :|AB| = 2|.-w| :|.43| = MI =—4B
AB
Vay tap hop diém M 1a duong tron tim / ban kinh 2 .
Pap an C.
LLIL N[N} LILILLI LILLI UL
) ) B o |3mA+2mB- EMC‘ =|MB - .-wc‘
Cau 90. Tap hop diém M théa man hé thuc:
AB BC
A. 1a mot dudng tron c6 bankinh la 2 B. 1 mot duong tron c6 ban kinh 1a 3

C. 1a mot dudng thing qua A va song song voi BC
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Cau 91.

Cau 92.

D. 12 mot diém
Loi giai
Chon diém [ sao cho

| LLI U | LILIL L LI L

|
314+21B- 2IC =0« -341+2(4B- 4A1)- 2(4C- 41)=0

a0 00 0m a0 00 0,00
= -3AT+2\ 4B - AC):DE' JAI =2CB = Al :ECB

A(N[N] A[H[H] ULILL A[W[H] (W[N]

UL LI i LIl Ll
= 3MA+2MB- 2MC =3(Mi1 +14)+ 2 (M1 + 1B)- 2 (M1 + 1C) =3 M1
o0 000 00D, (D0 00O |
= 304+ 20MB - EMC‘ :‘ME . MC‘ﬁ 3IMI =CB < MI ZECB

CB
Vay tap hop diém M 1 duwomg tron tim Iban kinh 3 .
Pap an B.
Tim tép hop diém thoa man hé thuc:

_,}:I-I-I_ - :l_l-l ) -:l_l-l-l: )
2004 L+ KIMB - 3KMC =0 41y ot 1 thay ddi ren R.

A. Tap hop diém M la mot doan thang. B. Tap hop diém M 1a mot dudng tron.
C. Tap hop diém M 1a mot duong thang. D. Tap hop diém M 1a mot nira dudng tron.
Loi giai

L (W[N] H|Nn| (W[N] NE]
e 2MA- MB =k(MB +3MC)
Tur gia thiét *)

S|N} | M -

5 ] _ - T, S ;l-l _
Goi £, K 14 céc diém sao cho 2/~ 1B =0: KB +KC =0

Thi 1, K 13 céc diém cb dinh: I€AB:IB =2I4;: K€ BC: KB =3KC

LI L LI [ LI i[uln]| H[E|N ] [u L LU
e = 2(Mr +14)- (M7 +18) =k (MK + KB +3MK +3KC) = MI =4k MK
u

Vay tap hop diém M 13 duong thang.
Dap an C.

Dang 5. Phan tich vecto qua hai vecto khong cuing phuong. Su thang hang, song song

uuuy uuy

Cho AK va BM 14 hai trung tuyén cia A4B8C  Hay phan tich vecto 4B theo hai vecto 4K va
BM
I 5,00 00 m (A0 0m, 00 3,00 0W, 00 »00 OO
AB ==(u4Kx- BM)  AB=—(dk-BMm) 4B=2(4k- BM) 4B ==(4K+BM)
A. 3 B. 3 C. 2 D. 3

Loi giai
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Cach 1:

00 000 00 o000 00D 000 OO0 4000 OO0 1
AB =AK + KE=AK + KM + MB =4AK - —AB- BM KM =—AB
Ta co: 2 (vi 2

00 (00 00 WO 3000 D0 000 OO »,,00 OO0
< AB+—AB=AK - BM = ZAB =AK - BM < AB :E(AK - BM )

i a

)

o [NININ] [NINNIN]

Cach 2: Gia sir cO cip s6 m, n sao cho AB =mAK +nBM  y4i G =AK M BM

Mo 000 OO0 000 4000 0000 5000
AB =AG+GB, AK =— AG,BM =—BG
Ta cé 2 2

0 000 5 OO0 g 00O 3 o 3 y @0
= AG+GH :;mAG— ;nGBﬁ ;m— I‘AG :[ —;n— ] ‘BG

- L - (*)
3 2
Sm- 1=0 m=—
= 47 =] 3
2
NN ';!’i“ | =0 n=-—
Do 4G.BG khong cung phuong = (*) = 3
ml o A00 OmO
= 4B =2 (4K - BM)
Pap an A.
11000 5000
H=—dAB+—-AC
Ciu 93. Cho A4BC yypng can, 4B =AC Khij d6 vecto 4 2 duogc v€ dung ¢ hinh nao sau
day?
A B C. D
M M 7 TR
- 1 =
H 1 e E :
B : B I
] =0 !
Al T A L
C N N C N
Loi giai
0mo qq000 OO0 5000
AM =— AB AN =— AC =
Theo hinh v& 4 2 Chon dap an D.
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Papan D.

s NN S|un}

Céiu 94. Cho tam gidc ABC vudng cén tai 4, vecto # =3AB - 44C dyyoc v& dung ¢ hinh nao dudi day?

Cau 95.

Cau 96.

A. B. C. D.
M M M M
u - .
B u u
B B
; A
4 C N C N
A C N a C N
Loi giai
Pap an A
Cho A4BC GoiM, N, P lan luot 1a trung diém cua BC, CA, AB. Phan tich 4B theo hai vecto
BN |3 CP
00 4000 »0OO jm 4000 »00
AB =—BN- —CF AR =- —BN +-CF
A. 3 3 B. 3 3
m 4000 00 m 2000 4 0@
AB =- BN - =CP AB =- ZBN- —CP
C. 3 D. 3
Loi giai
C
Ly LILILL] [N} H[NjulN} LIl LI UL H[[N]
AB =AM + MB =3GM +(GB - GM ) =2GM +GB
i mi mi ol mi 400 00
=GB+GC +GB =2GB +GC =- ;B;‘v’— ECF
Cho A4BC  Diém M nam trén duong thing BC sao cho MB =kMC (k il). Phan tich AM theo
AB,AC
]:l:lj" L + -JJJ ]]:lj" UL ) -J.IJ ]]:lj" UL ) -J.IJ ]]]j" LILLI -JJJ
AM :AE kAC AM :AE kAC AM :AE kAC AN :AE+A AC
A. 1- & B. 1+ & C. 1- & D. 1- &k
Loi giai
bap an C
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g

i ood  of oo oo, mod
MB =kMC = AB- AM ﬁ(Ar: AM )= AM %

Cau97. Cho AOAB ygi M, N lan luot 1 trung diém cua O4, OB. Tim s6 m, n thich hop dé

NA=mOA+nOB

1 1 1 1

m=-1n=— m=Ln=-— m=l.n=— m=-ln=-—

A. 2 B. 2 C 2 D 2
Loi giai
bap an B
o

M N

A B

(0 00 000 O0m o 0m
NA =04- ON =04 - ;OE

Cau 98. Cho hinh binh hanh ABCD ¢6 E, N lan luot 1a trung diém ctua BC, AE. Tim cac sb p va g sao cho

M NN

DN =pAB +gAC

_5. _3 __4. _3 __4. __3 _5. __3
ATy .0 373 PTYITs pPTaT,
Loi giai
bap an D

0 00 D0 00 (00 00 00 000 0O, s000 3000
DN =DA+ AN =CB +— AE =AB- AC +1(AE +AC) = 4B~ 24C

a

Ciu 99. Cho hinh binh hanh ABCD. Goi K, L 1an luot 14 trung diém BC, CD. Biét A& =&AL =b pia,

uug udu

didn BABC e @b
im 4 o 000 7 4 1M | 2 [ I 4
BA=—a+—-bBC =-—a+—-h BAd = —a+—h BC=- —a+-—-"b
A. 3 3 3 3 B. i 3 i 3
m 2 0 7 4 m 4 2 00 3
B4 =- —a-—-h BC=-—a+-bh BA=- —a+—b,BC =- —a+-b
C. 3 3 3 3 D. i 3 3 3

Loi giai
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Cau 100.

D
L H|NH] LI [W|NH] H]NN] L [W]NH]
BC =2BK =2(BA+ AK) =2BA+2a < 2BA- BC =-2a

NN} uud uu uuu Ly Ll 4 HIN}

cp =200 =2(LA+ AD)=2BC - 2b < BA- 2BC =-2b

(0

Coff o _.4 2
Eﬁfi'ﬂ =-2a B'_j_ 3&+3b
o *im

EA'EBC:‘E& EC:':G“‘—I{?
3 3

Tur d6 ta c6 hé phuong trinh:

Cho A4BC ¢4 trong tim G. Goi I 1a diém trén BC sao cho 2C7 =3B! va J1a diém trén BC kéo

dai sao cho 5/B =2JC Tinh AG theo Al va AJ
0m 500 00 0m 3500 4 00
AG =— AI- —AJ AG === AT- —AJ
Al 16 16 B. 16
0m 500 00 om 3500 4 OOO
AG =— AT+ —AJ AG =22 Al +—AJ
C. 16 16 D. 16
Loi giai
bap an B
A
I B I M 5]
Goi M 1a trung diém BC:
00 ,0000 000 0, O il o o o0 m, 0 3000 »000
AG =AM ZE(AE +AC)2C =-31B = 2(4C- A1)=-3(4B- A1) Al =2 4B+ AC
o0 5000 5000
= A7 =2 AB- ZAC

Tuong tu:
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Cau 101.

Cau 102.

300 »00 M 0 s00 300 sl 300
—AB+—4AC =AI AB=—Al+-AJ il —Alr+—-4J
5 5 - 8 8 —~ 4G _1/8 8
300 »md o 0 o501 g O 3 25 o
—AB- —AC =AJ AC=—AI- —AJ +— Al - — AT
5 5 10 16 \ 10 16
Ta co hé:
oa o
:E Al - LAJ
48 16
Cho A4BC  Piém M nam trén duong thang BC sao cho nBM =mBC (n,m ;ED). Phén tich vecto
AM theo 4B.4C
amo | 0o ] 00 amao m 00 m 00
AM = AB + AC AM = AB + AC
A. m+n m+n B. m+n m+n
0mao p 00 p 10 mao 000 m 0
AM = AB + AC AM = AB + AC
C. m+n m+n D. m+n m+n
Loi gidi
Pap an D
A[NINE] uuu W NININ} WINIH] W[N] uuuy

nBM =mBC <= n(AM - 4B)=m(4C- AM)

oood  md ood omod , oo L, OO0
= (n+n)AM =nAB+mAC = AM = AB+ AC
m+n m+n

Mot dudng thing cit cac canh DA, DC va dudng chép DB cua hinh binh hanh 4BCD lan luot tai

cac diém E, F va M. Biét rang DE =mDA  DF =nD Gn,n> 0). Hay biéu dién DM qua

uuu

DB vam, n.
man aoo oo aoo oo aoo o aao
pv =" pp oM =" _pg oM =" _Dg pvm =" pp
A. m+n B. m+n C. m+n D. m-n
Loi giai
Pap an A
A B
E
D F (i
DM =xDB,EM =yFM — DAf —xDA+xDC
bat nén

EM =DM - DE =xDA+xDC- mDA =(x- m)DA+xDC
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Cau 103.

Cau 104.

Uy Uy Hue

EM =yFM = (x- m)DA+xDC =xyDA+y(x- n)DC
Ta co:

- r =
X=m=xy +
— m=+n

v=y(x-n) [ p 000
X =yix=n y=- mo_ DM = m.n DB
\ A | N n m+n
Do DA va DC khong cung phuong nén:
oD 000
B i BD =—BC uuy
Cho A4BC  Trén BC ldy diém D sao cho 3 . Khi d6 phan tich 4D theo cac vecto
M o000 4000 0m 000 000
AD =— AB+—-AC AD =— AB+—-AC
A. 3 3 B. 3 3
00 000 - 000 M0 s000 000
AD =AB+—AC AD =—AB- —AC
C. 3 D. 3 3
Loi gidi
Dap an A
A
B D C

0 OO0 00 M0 (@0 m0 00 OO0, »00 000
AD =AB + BD =AB+_BC =48 +§(AC- AB):EAB +AC

L s|un} SNiN ]

Cho tam giac ABC, hai diém M, N théa min hé thic MA+MB-MC =0 3
INA+ NB +NC =0 Tim hai s6 p,q sao cho MN =pAB+qAC
P'_'fi’_':; P_'If?_'l F_'BQ_S
A. 4 B. P =24 =0 c.. 2 2 p 4 4
Loi giai
bap an D
A
M @
N
B K €
o MA+MB =MC = . i o . .
Tur gia thiét: M 1a dinh tht tu cua hinh binh hanh ACBM.
. 2NA+NB+NC =0 2NA+2NK =0
Tur gid thiét:

N 1a trung diém AK, vé6i K 1a trung diém BC.
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Ta co:

000 00 000 000 000 OO0 OO0 4,000 (0O 3000 5000 3 5
MN =MA+ AN =BC +—AK =AC- AB+—(AB+ AC)=- ZAB+24C= p= 2, q=2
2 4 4 4 4 4
Cau 105. Cho ABC  Liy cac diém M, N, P sao cho MB =3MC, NA+3NC =0,PA +PB =0 Ding thirc
nao sau ddy la diéu kién can va du dé M, N, P thang hang.
A, MP =-2MN B. MP =3MN C. MP =2MN D. MP =-3MN
Léi gidi

Pap an C

A

P
B M

00 000 M0 g0 OO0 OO0 00D 4000 40O

AP =—AB; AN =— AC,MB =3MC = AM =—AC- — 4B
2 4 7 2

i

Do do

i

00 Moo M0 5000

MP =AP- AM =AB- ;AC(I)

mi

MN =AN - AM =

Tu (1), (2)

i ol (@i = 0d
IA —%AC(Z]

2

L LILILL

= MP =2MN =

s i

M, N, P thiang hang.

CAu 106. Cho hinh binh hanh ABCD. Goi M, N la cac diém nim trén canh 4B va CD sao cho
AM :%AB oV =Lep

[NIN{N]

BI =mBC  X4c dinh m dé AI di qua G.

6 11
m=— m=—
A 11 B. 6
Pap an A
M

Ta co:

L M{NN]N}] W[N] LILILR

3AG =AM + AN + AM

, 2 . Goi G la trong tdm cua ABMN _ Goi I 1a diém xac dinh boi
6 18
m =— m=—
c. 3 D. 11
Loi gidi
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(00 000 00 OO0 s000 00 00 500 40O
=—AB- —AB+ AC+AB=— AB+ AC= AG=— A +— AC

43 - 2 —- — — G — — — IS —- —=
M 000 00 [Coo aoo  ooo oo0 000 %II om
Al =AB+ Bl =AB+mAC =AB +H:(AC'— AB) =(1- m)AB +mAC

uu [N]NIN)

. AlLAG = Al =k AG
bé Al di qua G thi cung phuong
r Y
- m=— m=—
- 18 _ |0 1
mn aon 5 000 ( 000 k 18
= (1- m)AB+mAC :ﬁ:.EABH:EAC m=3 k T

Ciu 107. Cho A4BC  ¢5  trung tuyén AD.Xét cac diém M, N, P cho bai

00 000 000 000 OO aod
AM :;AB,AN =—AC, AF =mAD

= 4 . Tim m d&& M, N, P thang hang.
1 1 1
m=— m=— m=— m=—
A. 6 B. 3 c. 4 p. 3
Loi giai

mo 0o
= AN =— AE = MN//BE
s 2 2 . . AABE
Goi £ 1a trung diém AC G la trong tdm
o »00 om 000 000
= AG=—AD AF :;AG ZEAD

. = .
nén M, N, P thang hang P la trung diém AG. Vay

(W1 N} [WIN]N §] u [WIN]N] o

Céu 108. Cho A4BC  pfva N 1a hai diém xac dinh thoa man: MA+3MC =0 3 NA+INB+3INC =0
Ding thirc nao sau day 1a diéu kién can va du dé M, N, B thang hang?

oo - q oo oo 4000 ool o o aom - oo
BM =_BN BN =—BN BM =ZBN BM =_BN
A. 2 B. 2 C. 3 D. 2
Loi gidi
Pap an B
Ul uu [N (AN HTE] W|NH]H] (A NH] uuu
e i o BA- BM +3(BC- BM)=0< 4BM =B4+3BC(1)
Theo bai ra:
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UL A(NlN] A(NlN] A(H[u] [N[H] A(N[N] L

UL
LLIL L LiLL - BN = BN - BN )= N = 2
s e e BA- BN - 2BN +3(BC- BN)=0 < 6BN =BA+3BC(2)

00 000 0000 3000
= 4BM =0BN < BM =ZBN
Tu (1), (2) )

Cau 109. Cho ABC i H O, G lan luot 1a truc tdm, tam duong tron ngoai tiép, trong tam. Dfmg thirc nao
sau ddy 1a diéu kién can va du dé H, O, G thiang hang?
oo 3000 0og 4 000

OH :—OG uuu uuu OG :—GH nnn} Hun
2 B. HO =30G C. 2 D. 2GO =-30H

Loi giai

A.

Pap an C
A
o
G
B C
e Y

Loi giai chi tiét & phan dang toén 2.
Nhdn xét: Dudng thang di qua 3 diém tryc tAm, trong tAm va tdm duong tron ngoai tiép tam giac
la duong O — le.

Céu 110. Cho ngii gisc ABCDE. Goi M, N, P, Q lan luot 14 trung diém cta canh AB, BC, CD, DE. Goi I, J
1an luot 14 trung diém cua cac doan MP va NQ. Dang thirc nio sau day 1a didu kién can va du dé

IJ//AE 9
00 5000 00 5000 o0 4000 o0 000
IJ=2AE IJ == AE IJ =—AE IJ =— AE
A. 4 B. 4 C. 4 D. 3
Loi giai
Pap an C
B
M
N
A
c
P
E o -

NN NN §] |N]N] N}

10 +IN =2IJ = IM + MO+ IP+ PN =2IJ = MQ+ PN =2I
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o0 ood, 000 @ 000 00

o Y(4e+8D)- LBp =217 = LaE =1

2 2 4

M 000 OO0 0
. Al =— AB Al =3AC .
Céu 111. Cho A4BC  Cic diém 7, J thda man hé thirc 3 . Pang thiic nao sau day la

didu kién can va da aé 1C//BJ 9

ag 2 0 an 100 o0 0@

Cl =-=BJ uu s Cl =- -BJ Cl =—BJ
A. 3 B. CI =3BJ C. 3 D. 3

Loi giai

Pap an C

0 400 000 00 000 OF
Al =2AB & AC+CI :5(,464-::3)

| 0m 0m
o o1 = L(24c+BC)Q)

O ood- ood of  oof odd
AJ =3AC < AB+BJ =3AB+BC
I 0 T o N R
e BJ =2AB+BC =2AC+BC(2)

m 0O
= CI =- —BJ
Tur (1) va (2) 3
2 AT
, 7 AM ::ME._£ =1
Céu 112. Cho A4BC  Trén cac canh 4B, BC lay cac diém M, N sao cho 5 NC 3 Goilla
Al I
giao diém cta AN va CM. Tinh ti s6 4N va IM
Al 3 cr 21 Al 4 c1 7
A AN TTIM 2 B. AN 11 IM 2
Al & c1 7 Al 8 ca 21
C. AN 23 IM 4 D. AN 23°I1M 2
Loi giai
bap an D
A
M
I
C
B

Al =x AN, CI =yCM
bat
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i, 000 3,00 ,000 99,0000 OOO
HH] ] X X
—.1AB+ AC ——AB+ AC =——AM + AC
Ar =x(4B + BN) 1 1 ) P 1

Ta co:

2lx =x 8 IC 21

=" 4+ =l x=— —_—
. B . 8 4 23 . M 2
Vi M, C, I thang hang . Tuong tu ta chua tim dugc
Céu 113. Cho A4BC v trung tuyén AM. Mot dudng thing song song véi AB cét cac doan thing AM, AC
va BC lan luot tai D, E, va F. Mot diém G nam trén canh 4B sao cho FG song song voi AC. Tinh

ED
GB
1 | 1
A2 B. 3 c. 4 D. 1
Loi giai
Pap an D
A
E
G
B /F M C
00 00 00
CA=a.CB =b CM —;CE =kCA =ka
Ta dat: . Khi do
. . L CE =kCA =ka L 0<k <l
Vi E nam ngoai AC nén c6 so k sao cho: voi .

HNN] a|N N}
... CF =k.CB =kb
Khi do .
Diém D nam trén AM va EF nén c6 s6 x ndy:

UL LILILLI uuu (NN}

CD =xA+(1- x)cM =yCE +(1- y)(CF)

xa +I_T'T.ﬁ —tya+k(1- y)b

Hay
- X (1- y)
a,b x=ky 2
Vi khong cung phuong nén va
x =2k-1
Suy ra do d6
M0 00 000 000 100
cD =k- Da+(- k)b, AB+GB =k AB = (1- Vs =08 = E2

GEB
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Cau 114.

Cau 115.

Cau 116.

Cho tir giac ABCD c6 hai duuong chéo cat nhau tai O. Qua trung diém M ciia 4B dung duong
CN

, , , — —" — —
thing MO ct CD tai N. Biét P4 =L.OB=20C =3 0D =4 iy ND

1 3 5
Al B. 2 C. 2 D. 2
Loi giai
bap an C
6c = 540D =261 ik -
Vi cung phuong sao cho
1m M 000 g 00 00 N
ON =koM = oN = (oa+08) L =kk>0
2 ND
bat
IMm .3 000 o OO0 __"6 _ - 4k .i.,;._i
’ Cl-"lr'—l+k.ﬂfi‘k+|03 J':L(J‘l‘i‘l) J{L(J‘l"‘l) 2
Ta co:
Cho hinh binh hanh ABCD. Goi M, N la cac diém nam trén cac canh AB va CD sao cho
AM :lAB._C.-"I.-’ :I—CD UL
3 2 . Goi G la trong tam cua ABMN  Hay phan tich 4G theo hai vecto
AB =a,AC =bh
10 M M 1m
AG :La+éb AG :La+lb AG :ia+lb AG :iﬂ‘-lb
A. 18 3 B. 18 5 C. 18 3 D. 3
Loi gidi
oooo - 000

W[N] LUy oL H[H[N] AJM :—AB

o 0D oM,
(AC+AC—AB):—;G+!J

i

im  A00 000

o B
AN _E(AC +4D) =3

Wl @m0 (00 0D 00 5000 o
= 34G = AB- ~AB+AC+ AB =~ AB+ AC

o s 1

= AG =—a+-h
18 3

bapan C.
Cho AA4BC  Goi I1a diém trén canh BC sao cho 2€7 =3BI y3 J1a diém trén tia d6i ctia BC sao
cho 5JB =2JC Tinh AL AT theo © =4B.b :AC.

0 3 » O 5 2 ] 3 2 0 JJJJ'JEM

Al =—a+—b, AT =—a- —b Al =—a-=b, AT =—a- =b
A 5 33 B 505 373
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m - 3 D0 5 2 m 3 - M0 5 2

Al =Za+=bh, AT ==a- =b Al =Za+Zb AT ==a+=bh
c. 7575 373 p. 755 3003
Loi giai
H]1] W[N] (H|HH] H]1] LI W[N]
210 =-31B = 2(AC- A1) =-3(4B- 41)
Ta co:

an Mo 000 o0 3000 o000
= 5AI =348 +2AC = Al ZEAB +§AC

W[N] (N[N N] LLig [N N g (N[N ]
. sig=2JC = 5(4B- ar)=2(4c- 47)
Ta lai co:

Mo 0oo Oom 00 500 o000
= 34T =5AB-2AC = AT :EAB- EAC

Pap an A.
uuuu uuu

Cau 117. Cho t gisc ABCD. Trén AB va CD lan luot ldy cac diém M, N sao cho AM =kAB,

uuu uuu ooy [N]NIN) oy

DN =kDC  k #1 Hay biéu dién MN theo hai vecto 4D va BC

A MN =k.AD +(1- K).BC g MN =(1+k).AD+k.BC
c. MV =(1- k).AD + k.BC p, MN = kAD +(k+1).BC
Loi giai

[N EIN} o [REINIE) (NN A} [N]N]N)

Vi didm O bat ki: OM =0A+ AM =0A+kAB

Juu Uy A[N[E}

1 N[N] (W] §]
=04 +k(0B- 04)=(1- k)OA+kOB

on =(- F)op+koc
Tuong tu

4 NIHTH] U WININ]N} (AN} uuu

= MN =0oN - oM =(1- kXoD- OA)+#($¢JT -

AINIH]

Ly Ly
0B) =(1- k) AD +kBC
bPapan C.
Céu 118. Cho A4BC ¢4 trung tuyén AM. Goi I 1 trung diém AM va K 1a diém trén AC sao cho

AK =1AC i . . ) ) )
3 . Dang thtrc nao sau day 1a dicu kién can va du dé ba diém B, /, K thang hang.
000 00 000 400 oD 500
BK =—BI BK =—BI uuu uu BK =—BI
A. 3 B. 3 C. BK =2B D. 2

Loi giai
00 00 M 00 (000 00 [Om 00

2B] =BA+ BM =BA+—RC < 4Bl =2BA+BC
Ta co: 2 (1)

00 00 D0 00 (@00 OO 00 OO, »00 000
BK =BA+ AK =BA+ AC =B/ +§(3c- BA) = BA+1BC
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Cau 119.

Cau 120.

LIl s|u ]

= BBK =1BA+BC (2)

00 400
< BK =——BI< B,I.LK
T (1) va (2) 3 thang hang.

Pap an B.
Cho AABC.E la trung diém BC, I1a trung diém cua AB. GoiD, I, J K lan Iuot 1a cac diém thoa

i oo 0m ¢ 00 0o 0
BE =2BD.AJ :;JC._ IK =miJ

man = . Tim m dé 4, K, D thang hang.
5 1 1
m == m=— m=— m=—
A. 6 B. 3 c. 2 D.
Loi giai

uuu uu
, . o AD =ndk =n(41+1K)
Taco: 4, K, D thang hang (D)

o oo o0 (000 000, 3000 000
4D =B+ AE —4B+ (AB+AC):—AS+ AC

ad M0 10 ad g0 ad
=341 +§ AT =341 +2 (Af +H) _—AI +3 —U

000 o0 3 OO 00 00 3 OO
uu 2AD=— Al +—IK= AD=—Al+—IK
Ma IK =mlJ nén 2 2m 4 am o (2)

9

=2 — == m=—
Te(l)va() 4 4m
Pap an B.

[NINYE] [N NI E] Ll H|NIN) u]ulN)

Cho A4BC Haj diém M, N duoc xac dinh boi hé thiue BC +MA =0 AB- NA- 34C =0 pang
thirc nao sau day 1a diéu kién can va da ¢¢ MN //AC

000 1000 om0
uuul uuu Jlml :—AC [WTHTH(N} uuu g‘r{f‘\ ——AC
A, MN =24C B. 2 C. MN =-34C D.
Loi gidi

Taco: BC+MA =0 y3 AB- NA-34C =0

L mN N uuu uuu SN N}

= BO+MA+ 4AB- N4-34C =0

uuu WN]N ] W|N]N N} m|u|N}

= AC+MN - 3AC =0= MN =2AC

Taco: BC+MA =0 BC =AM = ABCM |3 hinh binh hanh hay M & AC

= MN//lAC= Chon dap 4n A.

Pap an A.
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Cau 121.

Cau 122.

[NIN]N] [NIN]N] [N]N]N] [NIN]E]

Cho MBCM 3 N xac dinh boi 3MA+4MB =0 NB- 3NC =0 Trong tam ABC 13 G, Goi
PA_
Pla diém trén canh AC sao cho PC . Cac dang thirc ndo sau day 13 diéu kién can va du dé M,
G, N, P théng hang.
A, TGM +2GN =0 3 3PG +2PN =0 B. 5GM +2GN =0 y3 3PG +2PN =0
C. TGM +2GN =0 3 2PO- 3PN =0 D. 3GM +2GN =0 3 3PG +2PN =0
Loi giai
ot 334+ 435 <0
LI L LI uuu i W[N]N} Ly
e 3(MG+GA)+4(MG+GB) =0 = 3GA+4GB =7GM
i i n[un| N[N} i i
NB- 3NC =0 = (NG +GB)- 3(NG +GC) =0
Tuong tu:
& GB- 3GC- NG =0 © 3GA+4GB =-2GN |
Vay 7GM =-2GN = 1GM +2GN =0
+ Goi E 13 trung diém BC= 2AC =AE+ AN
00 3000 W0 000 500 00
= 24C =—AG+AN = AC =—AG+—AN
2 4 2 (1)
oo 0m 000 a0a
PA e pe=Ltpa= ac=2ar
PC 4 4 )
3000 00 000
= ZAG+—AN == AP
Tr()va@) 4 2 4
3,00 ml, {00 D0, sO0 300 000 oo o
- J—r(AP +PG)+;(AP+P.-"»’) =7 AP TPG4 PN =0 3PG +2PN =0
Dap an A.
Cho tur gidc ABCD. Goi I, J lan luot 1a trong tam cua AADC vy ABCD Déng thie nao 1a didu
kién cin va du dé L/ //A4B |
00000 M 5 00 00 1000 00 4000
IJ =—AB IJ ==.4B IJ =—AB IJ =—AB
A. 3 B. 3 C. 2 D. 4
Loi giai
00 000 OO 000
7 MI =—MA, MJ =—MB
Goi M la trung diém PUQC. Ta cé: 3
mo 0 ¢,0 00, O 000
= MJ- MI ZE(ME - MA) e I =148
Pap an A.
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Cau 123.

Cau 124.

0o (000 00 5000

. UB-N AM =—AB AN =—AC
Cho A4BC  Goi M 1a diém thudc canh IV E canh AC sao cho 3 , 4 .
ON oM

Goi O 1a giao diém ciia CM va BN. Tinh ti s6 OB va OC tyong tng.

1 2 1 1 1 1 1 1
A.9vald B.3 va4 C.4vab D. 6 va 9

Loi giai

Gia sir: ON =nBN,OM =mCM
0 OO0 O00m Oooo oo0  Oooo 0000 ooo 1 oo o0o

A0 =AM + MO =AM - mCm =AM - m(AM - AC) 250 - m).AB+mAC

00 00 M1 000 000 g5 oo mo
AO =AN + NO =AN - nBN ==(1- n) AC +nAB
Tuong ty: 4

[S]E] N} uuuy [S]E] N}

Va 4O chi biéu dién duy nhat qua 4B va 4AC

i i J}
;—(I-m):ra m :§ OoN 1 oM 2
— — :P—:—_.—:—
3 _ 1 OB 9 oCc 3

“(l-n)=m n=—

4 2

Pap an A.
Cho hinh binh hanh ABCD. M thudc AC sao cho: AM =kAC Trgn canh AB, BC lay cac diém P,
AN CN

0 sao cho MP//BC,MQ//AB Goi N 14 giao diém ctua AQ va CP. Tinh ti sb A9 vy CP theo
k.

AN _  k  CN _ 1-k AN _  k ON _ 1-k
A AQ K k-1 CP K +k+] B AQ K -k+1 CP k- k+]

AN _ kN _ 1-k AN _ kN _ 1-k
Cc. A0 K +k+1'CP K +k-1 p. A0 K +k+1 CP K +k+l

Loi giai
[N [N]N) [N NN}

pyt AN =xAQ:CN =yCP

(N[ §] uuy [W[N[N] (W[N] LI (W[N]
DN =DA+ AN =DA+x(4B +B0)
Ta co:

aoo - 000 0o ooo 00O aoo
=DA +_rDC+_rE.BC =DA+xDC- .TE.DA

BC BC
] ma aoo im
MO//AB= BO _AM . pN =(1- kx)DA+x.DC
Vi BC AC (1)
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00 000 000 000 a00 gp 10
DN =DC+CN =DC +yDA+y 2L BA
Mit khac: BA

. BP CM CM- AM
MP//BC=——=—"= =1- k
Vi: BA CA cA

= DN =DC +yDA- y(1- k)DC =yDA+(1 - ky- y)DC "
Lok
Ly ek K- k41
|x =l +ky- y o 1-k
Tur (1), (2) LR

Pap an B.

Dang 6. Xac dinh va tinh d¢ 16n vécto

(NJEYE} ooy

Céu 125. Cho ABC yecto BC- AC gduge v& diing & hinh nao sau day?

A. B. C.
A A A
E“‘—C/\ EE""A ¢
B
B C
Loi giai

L LI S|un} LIl S|u ]

Vi BC- AC =BC +CA =BA

Pap an A.
H{N(N] oy
. . (B _ , |BA+BC
Céu 126. Cho tam giac ABC yuong tai 4 c6 4B =3cm  BC =5cm Khi d6 do dai a:
A.4 B.8 c. V13 p. V13

Loi giai
Ta co:

UL H[HN| [N
AC =JBC? - AB* =4= Al :1:|3,4 +BC| :2|Bf| =2J4B? + AF =213

Pap an C.
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Céu 127. Cho hinh thang can ABCD, c6 day nho va dudong cao cung bang 2a va 4BC =45° . Tinh

A(N[N] UL A(N[N]

CB- AD+ AC

A a3 B. 245 c. a5 D. a2

Loi giai

H[N[N] H[N[N] H[H[H] H[H]H] H[H[N] H[H]H] - -
‘CB AD+ AC‘ ‘CB +DA+ ,eu:‘ _‘CB +DC‘ —‘DB‘ —JBH? +DH* =2a:5

Pap an B.

, + b ta0 v6i nhau goc 60°. Bidt |4l =P =
Cau 128. Cho 2 vecto ¢ va ? tao voi nhau goc 60°. Biét

R e 6B (D)

Tk |n+b|+|nr- b|

Loi gidi
Dyng 04 =a08 =b
Duyng hinh binh hanh 04CB =~ 90 = =0C;a- b =BA
B= IB :% :i

= AOAB vyong tai

—

01 =oF +15" Y% = 0c == [a+tf+ - o =/ + 35

Dap an B.
1] 100
v :u 04 - EGB
Cau 129. Cho tam giac vuong can OAB v6i O4 =0B =a  Tinh d6 dai vecto 4 7
J6073 NG J2
a —a —a
A.2a B. 28 C. 2 D. 2
Loi giai
Biéu dién vecto V theo 2 vecto 9408
¥ J la|® [3a)’ 6073
V= — +‘ —| T
Ap dung Pitago ta c6: V4] T 28
Dap an B.
Cau 130. Mot vat nang (P) duoc kéo baoi hai luc F va £ nhu’ h1nh vé. Xac dinh huong di chuyen cua (P
) va tinh d6 16n luc tong hop cua £ va £ . Biét F F =00N va goc gitra F‘ va £ 1a 60°.
A, S0\3N B. 30\3N C. 60N . 603N
Loi giai
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m|u |} Ll mN |} SN N} g m]u|N} L u]H)

F, =0A:F, =0B;0C =0A+ OB =F, + F,

bat
6043
= Of =————
Ta c6: AOAB 13 déu 2 vy {=4ABNOC= OC :GD‘E.
Pap an D.
Cau 131. Cho hinh thang ABCD c6 AB song song véi CD. Cho 4B =2a  CD =a Goj O la trung diém cua
AD. Khi do:
. " 00 000, 3 L
Uud o uug o a uug  udd
og+ockﬂa OB +0C| =a |Gﬂ+ﬂfkiq- OB +0C| =0
A. . C. = D.
Loi giai
LI LIl LI LI LIl muin| mun| H[u[N] /NN uuu
OB +GC‘ :‘GA + AB+0D+DC|=|[4B+ DC|= AE‘+ DC| =3a
(vi 4B va DC cing huéng)
Pap an A.
Céu 132. Cho hinh vuéng ABCD canh a. Tinh d6 dai vecto: ¥ =MA - ZME +3MC - 2 M.
A |u‘ =4a\5 B. ‘u‘ =as,5 C. |u‘ =3a\5 D. ‘u| =2aﬁ
Loi giai
UL UL LILILL [ LILLR| LIl LILILLI ujun}
M =(sM0 +04)- 2(Mo+08)+3(Mo +oc)- 2(Mo+0D)
SN SINE} L SIE N} SIE N} — | - — ]
—0A- 20B+30C-20D =-204 ‘”| =204 =4C _”"'C,
Pap an B.
Céu 133. Cho A4BC Vecto BC+A4B duoc v& ding ¢ hinh nao dudi day?
A. B. C. D.
A S A A
o BC + AB BC+ AB .
AB g c
+
B G B c B C
Loi giai
Pap an C

. . . BC+AB =AB+BC =AC
Vi theo quy tac 3 diém

uuy oy

. AB+ AD
Cau 134. Cho hinh thoi ABCD c6 BAD =60° 3 canh 13 a. Tinh d¢ dai )
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A a3 B. 2 c. a2 D. 2a
Loi giai
Pap an A

D

[
o

C

&
)

A(NN] A(NN] A(N[N]

= [4B+ AD|=|4C| =24D =a\3
Goi O la giao cua 2 duong chéo
uuu L
L _ OA4- CB
Cau 135. Cho hinh vudéng ABCD c6 canh la a. O 1a giao diém cua hai duong chéo. Tinh .
a3 a2

A a3 B. 2 c. 2 D. a2
Loi giai

Pap an C

B (i1
a
L8]
A D
ool om, oo ooi, (i ood, (o 3
|OA . CE| :|r_14 + EC| :|OA + AD| :|GD| :? :”':F
W[N] [H{H{N]
X , AB+ AC
Cau 136. Cho A4BC &y canh a. Do dai vecto tong: la
a3

A a3 B. V3 C. 2a\3 D. 2

Loi giai

Pap an A
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Cau 137.

Cau 138.

Cau 139.

a
B M [
ELLJJ:: :EEH‘ :z.ﬁzaﬁ
4B+ Ac| = AM|=2.=
- . M 1a trung diém BC.
véi 79D 45 dai |a+b|:
4 +}o 4 +}o

A. Bao gio cling 16n hon B. Khong nho hon
i cing nhe sng 1on hon 1+
C. Bao gio cting nho hon D. Khéng 16n hon

Loi giai

bap an D
Theo quy tic 3 diém do dai vecto téng bao gid ciing nhé hon hodc bang téng d6 dai 2 vecto thanh

phan.

A(N[N] UL Ly

AC-CB- AC

Cho A4BC déy canh a. Khi d6 béng:
aly3-1
A.0 B. 3a C.a D. (J_ )
Loi giai
Pap an A
muin L LI i[uln]| muin UL LLIL
AC- CB- AC|=|4C + BC+CA| :‘AA' =0
pud H{N]N]
. AB- BC
Cho tam giac AABC ¢y canh a. Tinh do dai .
a3
A.0 B.a c. a3 D. 2
Loi giai
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A(NN]

BE'

[N[H]

BK

LILIL A(N[N]

AB- BC =2

a3

LILILI LILLL]
:‘AB— AB'|:

g L
. AB- GC
Cau 140. Cho tam gidc ABC d€u canh a, trong tam G. Tinh d¢ dai vecto .

2a\/§ a 2;:1 a\/g
A 3 B. 3 c. 3 D. 3
Loi giai
Dap an A
A
K
B C
LLIL L LI H{NH]
AK =GC = |AB- GC
Goi K 1a diém d6i xtimg véi G qua AC thi
00 ood, |md 5
:|AE— AK| =|kB| =286 :“ﬂf
T 910D 100
w=—a4+2,508

Cau 141. Cho tam giac vudng can OA4B véi O4 =0B =a  Tinh d9 dai vecto

V541 V520 V140 V310

—a —a —a a
A 4 B. 4 c. 4 D. 4
Loi giai
Dap an A
- (. y 2 . f
|“| = ﬁ +(2__Sﬂ)' :ﬂﬂ
) 4 ] 4
Ap dung Pitago:
H]H{N] L
A . . . o ey aa gs: |AC+BD
Cau 142. Cho hinh vudéng ABCD c6 canh 1a 3. Tinh do dai :
A6 B. 632 C.12 D.0
Loi gidi
Pap an A
LI uuu UL H|NN| uuu
AC+BD| =240+ 20D| =2|4AD| =06
[W]N]N] uuy
.2 |04+ OB
Cau 143. Cho hinh vuéng ABCD canh a, tam O va M 1a trung diém AB. Tinh d6 dai .
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o]

A.a B. 3a C. D. 2a
Loi giai
Pap an A
E
A B
M

o0

D c
AC a2
o4 =""=""=
AC=a2 | 22
Ta co: va
i LU LU LU
= OM =— = 24+ 8| =|0E| = AR =a
. Goi E la diém sao cho OBEA 13 hinh binh hanh
) AB + B
Ciu 144. Cho MBC yuong can tai 4 c6 BC =av2 | 11 trung diém BC. Tinh d6 dai vecto .
a6 a2 a3 a10
A 2 B. 2 C. 2 D. 2
Loi giai
Pap an D
A N
B
M c
UL LIl LIl
= |B4+ BM‘ = 3.-*»-" —BN

Dung hinh binh hanh ABMN

-
NC =AM :l;Br: :”f: = BN =yBC* + NC* :"““;ﬁ

Ta co:

Cau 145. Cho tam giac déu ABC canh a diém M 1a trung diém cia BC. Tinh d0 dai vecto

T 3000 0
u="MA-2,5MRB

4

a\127 aN127 aN127 a\127
A, 4 B. 8 c. 3 D. 2
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Loi giai

A
K
c M B H
bap an B

] 3
KeAM:MK=-MA " e v MH =2,5MB

Goi

3 I | 0N 00, O

‘IMA - 2, SMB‘ :|MK - MH| :|HK
Do dé:

—
MK =AM :Bﬁﬂ,MH =3 o kg = e =
, 4 8 4 g
Ta co:
Céu 146. Cho hinh vuéng ABCD canh a. Tinh d6 dai vecto # =4MA - IMB+MC - ZMD
-

- ul = = —

A= B. =5 ¢, o= p, [{[=2\5
Loi gidi
Pap an A
i
A v B
D C

L ajnu LI u{ujn) a|ujun| LI UL L LI H|un|

u =4(M0 +04)- 3(Mo+08B)+ (MO +0C)- 2(MO +0D) =304- 0B
| LLILL
A OA' =304 = u=0A'- OB'= BA' =JOB> +04* =a\5
Trén OA4 lay ~ sao cho
Ciu 147. Cho hai luc 1 =2 =100V ¢ 4idm dat tai O va tao véi nhau goc 60° . Tinh cuong dé luc téng

hop cua hai lyc do.
A. 100N B. S0V3N c. 100y3 p. 25V3N

Loi giai
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Pap an C

o

[N[H]

oc| =201 =10043 AOBD
i

LU LL LI Ll Ll

LL |
F +F, =OB+0D =0C = |F,+F:

(v déu)
Céu 148. Cho tam giac déu ABC canh bang 3. H 1a trung diém cia BC. Tim ménh dé sai.
i i, 3
LILILI ujun} LILIL N[WTH] a[un} N[WTH]
AB+AC| =33 5 [BA+BH|="— AH + HB| =3 HA+HB| =3
Loi giai
Pap an D
T S
B "H &
D
LILILL LILLI ajun
AB +AC‘ =AD =33 _
A dlng.
LILILL [N} ajun a[uin}
HA+ HB| =|HE| =|4B :3:>
B dung
i o, 0, Je3
‘EA + EH‘ :‘3}‘ St
2 =
C dung.
uuu a[ujn} LLLI
HA- HB :BA‘:B:r
D sai.

Cau 149. Cho hai luc b, b, . C6 diém dat tai M. Tim cuong do luc téng hop cua ching biét F va ~ 2 ¢co

cung cuong do luc 1 100N, goc hop bai 11 va 2 12 120°
A. 120N B. 60N C. 100N D. 50N
Loi gidi
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L u]N) SN N} LLILel uuu uHIN}
F, +F, =MA+ MC =MB A 4)\B = |-WB
la tam gidc déu

=100N

Theo quy tic hinh binh hanh:

Céu 150. Mot gia d& duoc gin vao tuong nhu hinh vé:

10N

Trong d6 A4BC yuong & C. Nguoi ta treo vao diém 4 mot vat nang 10NV | Khi d6 luc tac dung
vao burc tuong tai diém B:

A. Kéo buc tuong theo huéng B4 véi cuong do 10435

[N]N]E)

B. Kéo birc tudng theo huéng BC vé6i cuong do 10v2N

[N)N[H]

C. Kéo btrc tuong theo hudong BA véi cuong do 10V2N

uuy

D. Kéo birc tudng theo hudng BC voi cuong do 102N
Loi gidi

C

2 . ,
lan luot nam trén 2 duong thang AC va AB va ta c6:

:l Dﬁ ou [N[HTH]

valge £ theo huéng BA

Taxem  1atong cua vecto

L1

Fy

Ll

F

=|F| =10MN;

LLI
F,
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Cau 151.

Cau 152.

o 400

BH =—HC
Cho tam gidc ABC ¢6 G la trong tam. Goi H 1a chan duong cao ha tir 4 sao cho 3 . Piém
iy Ly

o Fi = BE o o mased
M di dong trén BC sao cho £M =¥0L Tim x sao cho d¢ dai vecto dat gia tri nho
nhét.

5 5

X =— X == X =— X =—

A S B. © c. 3 pD. 4
Loi giai
Dung hinh binh hanh AGCE. Ta ¢ MA+GC =MA+ AE =ME
(NN} LLIu
K EF L BC,F€BC = |MA+GC|=|ME|zEF
¢
MA+GC
A+ .
Do dé: | nhé nhét khi M =F .
) ) BP ZEBE
Goi P l1a trung diem AC, Q 1a hinh chiéu cia B trén BC. Ta c6
(m 000
ABPQ ~ ABEF = BQ _BP :E = BF :iBQ
BF BE 4 3
Mo 000 g0 00
BH =—HC= PQ AAHC = HO =—HC

Mait khac: 3 la duong trung binh cua 2

00 00 00 00 (000 5000 4000 000 400 4000
BO =BH +HQ =_HC+_HC =—HC =_BC = BF =_BQ=—BC= x =~

0
Pap an B.
( 000 000
—AB+ 24(‘
Cho A4BC @&y canh a. M 14 trung diém BC. Tinh d6 dai 1< .
a21 av21 av21 a21
A 3 B. 2 c. 4 D. 7

Loi giai
Goi N 1a trung diém ctia AB, Q 1a diém dbi xtmg v6i 4 qua C va P 1a dinh cta hinh binh hanh
AQPN.

M 000 Om 00 M0 000 oo j0od 000 00O
AN :;AB, AQ =2AC, AN+ AQ =AFP <= ?AB +24AC =AFP

Goi L 12 hinh chiéu cua 4 trén PN.
MN/AC = Une =MvB =848 =60°

sin YnL :LL_

Xét tam giac vudng ANL c6: AN
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aﬁ O

9 sin60° =" = NL =AN.cosHANL =2 = PL =pN+NL =22
4 4 4

= AL ==
2

AP =yJAL +FPL’ =
Xét tam giac vuong APL co:

a2 1
2
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