Dang 6. Thé tich
Cau 40. Cho hinh chop S-ABC oo SA L(ABC): AB =a:AC =a\2 ; 8B4 =60 BAC =45 Tinh theo
a thé tich khéi chop S-4BC
Loi giai

Ta co: S4 =AR tanol :aﬁ;

P

ABC

5. ABC

. J | V3
AB-AC sinBac="= v, , = Sac *SA = :'_

|

2

Cau 41. Cho khéi chop déu S-ABCD ¢4 gay ABCD 13 hinh vudng canh bang 4, goc giita mit phing
(SCD) 3 mit phiang (ABCD) bing 60 | Tinh theo @ thé tich khi chop S-ABCD

Loi giai

Goi O 1a giao diém cua 4C va BD | ta c6 SO vudng goc véi mit day (ABCD) g OM vuong
goc voi CD tai M thi SM cling vuong goéc véi CD pén goc gitta hai mat phing (SCD) 3
(ABCD) bang goc gitta hai duong thing SM v3y OM 'ma (SM,0M) =510 =60 )

a3

om =250 =om tan Buwo =22
Ta co: 2 4

aB B

1
Vs ase0 =5 Siaep SO =37 12

Lad |

Vay

Cau42. Cho hinh ling try ABC -ABC ¢4 ABC vy AAC 13 hai tam giac déu canh . Biét

(UCCA) LUBC) 1y theo a thé tich khidi lang try ABCABC

Loi giai



Cau 43.

Cau 44.

= AH L(4BC
K¢ AH LAC i H thi ( ).

a“+f3 a3 a“+f3 ﬂ\ﬁ 3a’
5 B = : AH =—— I =5 AH = ' = .
Ta co: o 4 2 ,suyra ABC.ABC T T dBC 4 2 b

Cho ti dién OABC o5 OA=0B =0C =a 3 A0B =90 :H0C =60 . 804 =120 Tinh theo
a thé tich khéi tt dien OABC
Loi giai

— -} — —. . A : 2 ~ 14 r.. ~
Ta co: 4B =ayJ2. BC =a.C4 _”"E’, tam giac ABC vuong tai B . Ké OH vuong goc vo1 mat

phang (ABC) t4i H . yi OA =0B =0C ngn HA=HB =HC hay H 1a trung diém cua 4C

a
OH =—
Xét tam giac OAH vueng tai H , theo dinh 1 Pythagore ta tinh duoc: 2

- —
Lli.u'.n‘il.' -

s
Do do 3

ABC

“OH =

a _a"‘-qE
.ﬂﬁ.ﬂ .5_

12

b | =

1
3
Cho hinh chop S-4BCD ¢ day ABCD 13 hinh thoi tam O, biét SO +(4BCD)

a3

AC =2a\J3,BD =2a va khoang cach tir diém 4 dén mit phang (SBC) bang 2 . Tinh theo
a thé tich khéi chop S-ABCD
Loi giai



Ké OM vuong goc véi BC tai M-OH

vudng goc voi SM tai H | ta ching minh dugc
OH L (SBC) v

O 1a trung diém cta AC pen

d(4,(SBC)) =2 -d(0,(SBC)) =2 OH =23 on ~4VB3
2 , suy ra 4
Tam giac OBC vubng tai O o UB =a,0C =a-3

b

va dudng cao OM  nen

oy ~OBOC _aB
BC 2
L1 I
Tam giac SOM vuong tai O, dudong cao OH nen OH™ OM™ OS™ suyra 2,

1
F - B
Es...'m'n =—-5

R ascp SO
Vay 3

-Eaﬁ 2a % =2 ﬁ

3

b | —

_II
3

Cau45. Cho hinh chop S-4BC ¢4 SA L(4BC).54 = a va day 4BC 13 tam giac vudng tai

A, AB =a, AT :”‘E. Ké AM vudng goc voi SB tai M, AN

vudng goc voi SC tai N . Tinh
theo @ thé tich khéi chop S-AMN

Loi giai




Cau 46.

Cau 47.

a3 SM

- —
L.T..u'n‘il.' -

1
Ta co: 0 tam gidc SAB vudng can tai 4 nén S 2 tam giac SAC vudng tai
SN SN -SC 54" 1

4 | duong cao AN nén SC - s¢t sC 4
i SV L 12 @B
Do do Vs isc SB SC 8 , suy ra 5. AMN g 5.ABC 9 6 48

Cho hinh chop S . 4BC ¢5 SAL(ABC) y3 BAC =60 biét dien tich céc tam giac 45C- 545
vd SAC fin luot 1a 3V35%12 Tinh thé tich khéi chop S-4BC

Loi giai
54 =a, AB =b, AC = Vo=t s, sa=r L be sin60 a _abey3
pat 24 @ A2 =0AL =0 Khi do 3 32 12
1 . ab

‘ S o =—bc sin60 =343 Ssis = =9

Theo dé bai, ta co: 2 , suy ra be =12 < , suy ra
ac

ab =185 =——=I2 . .

e 2 , suy ra ac :24 Do dé (ﬂbf‘}' =12 18 .24 :?2" hay abe :72 Vﬁy

Vs anc =63

Cho hinh chop S.ABC ¢4 tam giac 4BC vudng can tai B.AC =a\2 , mit phing (84C) vuong

(54B).(SBC) tao vGi mit day cac goc bang nhau va bang

goc voi mat day (ABC) cae mat bén
60 . Tinh theo @ thé tich ¥ cua khéi chop S-ABC

Loi giai




Ta c6: (SAC) L(ABC) s (SAC)N(ABC) =AC

Trong mit phing (SAC) vz SH L AC(H € AC) 4, SH 1 (4BC)

Goi I,K lan lwot 13 hinh chiéu vudng goc cua H 1én canh AB va BC thi
((S4B),(ABC)) =81 ((sBC),(4BC)) =8kH

Ma S1H =SKH =60 sy HI =HK

Suy ra tt giac BIHK 13 hinh vudng nén H 14 trung diém canh 4C .

a3

2

2 SH =HI tan60 =
Khi @6 tir giac BIHK 13 hinh vudng canh 2 va

Cau 48. Cho hinh chop S-4BCD ¢4 SA yupng goc véi mat phing (ABCD) 3 54 :aﬁ, day ABCD
1a hinh thang vuong tai A va B ¢6 AB =a,AD =3a. BC =a . Tinh thé tich khéi chop S-BCD th

eo 4,
Loi giai
S
D
B C
' |
S sep =7 AB {(AD+BC) =—a(3a+a)=1a
Ta co: 2 2
1 | 3 2
5‘..:‘4‘5;"! :—AB AD =— 1 ?!ﬂ :i
Lai co 2 2 1
&
51.&';1 :5.:'&';1 - 51...'.‘5.'1 :T
Suy ra 2
I I [ i ﬁ
A Ve scp =5 Sascn SA =7 ry 'ﬁ"\llr_ =
Vay 3 32

Cau 49. Cho hinh ling try déu ABC 4B C ¢4 canh day bang 4.
d(a(aBc)) =2
Biét 12

. Tinh VABC-A'B'C' .

Loi giai



Goi ! 1a trung diém cua BC va H 1a hinh chiéu cia 4 trén Al

Tacs: BC LAl y BELA44 = BC 1(441)= (A'EC)_(A'AI).

(44an)n(4BCc)=41

Mit khéc: va AH L AT
d(4,(4 BC)) =4n _a\57
Nén 12
. a= Af :ﬂ 3 S.!El_’ :Q
AABC d&u canh 2 va 4

Xét tam gidc A Al vuong tai 4, ta co:

| _|_|_|44_4_|::.8:.M._a\:’5ﬁ

AL AH® AP 578 3d® 574° 217
” _5 A _ﬂ: 3 .‘NIS? _ﬂ"‘ 171
vay 4 217 87

Cau 50. Mot hinh hop chit nhat ABCD ABCD ¢4 ba kich thude 1a 23 y3 6¢m  Tinh thé tich
cua khéi tir dien ACB D
Loi gidi



A’ D'

/
/
Br | /
T ol /
| ( 7
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st
NEA-f--== D
- \
- A3 -~
-
- JCm
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B 2cem (

V=V 4V V. 4V 4V
Tacd:  dscniscn BABC Fa ¥ s ABAD CBCD ACE D
— - + i

BABC ACE D

i —TF - r

ACH I ABCOA B C D BABC
=F I — L

ABCDABC D tl ABCD- A B C D

—_— -

_E ABCDABCD

:IE 23 6=12(cm’).

Cau51. Cho hinh chop cut tam gidc déu ABC-ABC ¢4 duong cao HH =24 Cho biét
AB =2a,AB =a . Goi B.G lan luot 1a trung diém cua AB ’AC. Tinh thé tich cua:

a) Khoi chop cut déu ABC -ABC ;

ABC, -ABC

b) Khéi lang tru

Loi giai

’ I :lh(5+ 55'4-5')
a) Ap dung cong thtrc 3 ,

5 :a:ﬁ,s' :ﬂ.ﬁ =2a
voi 4 ,

R AN AR




?aS\/?:

6
’ R :ﬂ-ﬁ,ﬁ =2a
b) Ap dung cong thic V' =5 1 vei 4 )
ﬂ:ﬁ ﬂ.‘mﬁ
V =———2a =——
Ta co 4 2

Dang 7. Bai toan thue té
Cau 52. Mbt cai 1éu c6 dang hinh ling tru 4BC 4B C ¢4 canh bén 44 vudng goc véi day.
Cho biét AB =AC =2, 4m; BC =2m; A4 :3m.

AJ'

B!

B

a) Tinh goc gitta hai dudng thang A4 vy BG AB va AC

b) Tinh dién tich hinh chiéu vudng goc cua tam giac 4BB trén mit phiang (BB'C'C).
Loi giai

a) Vi AA /BB gy goc gitta 44 va BC 13 géc giita BB va BC

Vi canh bén vudng goc voi ddy nén BB LBC g do, 8'5c =90

Vi AB /1 4B nen goc gitta 4B va AC 1a goc giira 4B va AC

2,47 +2,4°-2° 47

cos BAC = 2
22.42.4 72

Ta co:
Neég BAC =492
b) Ké¢ 41 L BC Vi canh bén vudng goc véi day nén BB L AH

AH L BB, AH LBC _, AH L(BcCcB)

Ta co
, ' BBCC :
Hinh chiéu vudng goc cua ABB 1én ( ) la HBB
1 1 BC 3
S =—-HB BB =— 2= B =2
HE8 ] - - -

Ta co:

_ — . —_
Cau 53. Hai mai nha trong Hinh 1a hai hinh chit nhat. Gia st AB =4.8m ; OA=2.8m0B =4m .



Cau 54.

a) Tinh (gan dung) s do cta goc nhi dién tao boi hai nira mat phang twong Gmg chira hai mai nha.

b) Chirng minh ring mit phing (O4B) vuodng goc voi mit dit phiang. Luu ¥: Puong giao giita hai
mai (dudng noc) song song véi mit dat.

¢) Piém 4 ¢ do cao (so voi mat dat) hon diém B 1a 0.5m ppp (gan ding) goc gitta mai nha
(chua OB ) so véi mat dt.

Loi gidi
O
2,8 m ‘
4 m
A
0,9m
r B
cos HoB :GA: +O0B" - AR’ = Hop ~88

2) 2 04 -OB 28

b) Mt phéng (OAB) vuodng goc v6i duong ndc nha, dudng ndc nha song song véi mit phing dat

(OAB)

nén mit phang vudng goc v6i mit phang dat.

sindzr =2 = Upp ~6 :cos D54 :E: BB4 =36 .
0 4.8 16 Do do BBH =U4BH +BBA ~42"

Mot con dbc ¢6 dang hinh ling try dimg tam giac véi kich thudc nhu trong Hinh.
A r

‘ (CC'B'B).

a) Tinh sb do goc giira duong thing CA va

b) Tinh s do goc nhi dién canh CC |



Cau 55.

Cau 56.

Loi giai

a) Goc giita C4 va (ccs ) 1a AcB

A48 _p,256

cB =107 +12° :zﬁ.J’ﬁ,"a"g'r'q‘E ~ B ey ACB =14,30

Ta co:

b) Goc nhi dién canh CC 13 HcB

AR 1
tan dep == =— :
Ta c6: BC 3 Nen ACB =184
Tir mot tAm tén hinh vudéng c6 canh 8dm | bac Hung cit bé bén phan nhu nhau & bén goc, sau d6
bac han cac mép lai d€ dugc mot chiée thung (khong c6 nap) nhu Hinh.
a) Gidi thich vi sao chiéc thung c6 dang hinh chép cut.

b) Tinh canh bén cua thung.

¢) Hoi thung c6 thé chira dugc nhidu nhat bao nhiéu lit nudc?

\
~
Y
f”
’
- L4
LA
Y

Loi giai

AB//AB = AB//(ABCD),AD//AD = AD//(ABC D)

a) Vi Do do

(4BcD)/ /(4B CD)
9 25 :
—+— =——(dm)

b) Canh bén ctia hinh chép cut bang ¥4 4 2

¢) Xét mat chira duong chéo cua hinh vudng, n6 1a hinh thang can c¢6 chiéu cao bang chiéu cao cua

'34 18
h=,|—- — =2(dm)
hinh chop cut va tinh ra duoc 4 4 .

Thé tich can tim Ia V" =42 it.
. =5 = =Y.
Mot thung nude c6 dang hinh hdp chir nhat ABCD -ABCD ,AB =>m , AA =3m,AD _4"”.

Day bé 12 hinh chit nhat ABCD duogc dit trén mot mit phing ndm ngang.
a) Giai tich vi sao khi nudc trong bé phang lang, thi phan nudc d6 rng vé1 mot khoi hdp chir nhat.

b) Tinh mirc nudc trong bé (khoang cach tir mit nude dén day bé) khi thé tich phan nudc trong bé
1a 40m’
Giai.

10



Cau 57.

-

a) Vi mit phing chtra bé mit nudc song song véi mit day nén phan nudc trong bé 1a khdi hinh
lang tru dimg, c6 day ABC D 13 hinh chit nhat nén phan nude trong bé 1a khdi hop chir nhat.

. h :ﬂ =2(m)
b) Muyc nudc trong bé 1a 435

Mot chan cot bing gang c6 dang hinh chop cut tir gide déu c¢6 canh day 16n bang 2¢ | canh day nho
a

bang ¢, chiéu cao h =2a y3 ban kinh day phan try rong bén trong bang 2 .
a) Tim goéc phang nhi dién tao boi mat bén va mat day.

b) Tinh thé tich chan ¢t néi trén theo @ .

Loi giai
a) Ké oF LADOK 1L AD KH LOJ
oK =oH =2
Ta co: 2
2a a
o :T =a,JH =0J- OH :;._RH =3 =2a

Goc tao boi mat bén va mit day 1a KIH
KH _

tan R == =4 R :
JH . Vay KIH =76

I_ -Eﬂ(ﬂ: +m+[3ﬂ}:)- 2a T ‘ %‘ Z‘. %' :T

b) Thé tich chan cot la: 3

4
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