ON TAP CHU'ONG V_ LOP 12_KNTT&CS

PE 2 ON CHUONG V

PHAN I. Céu tric nghiém nhiéu phwong 4n lwa chon. Thi sinh tra 16i tir cAu 1 dén ciu 6. Mdi ciu
héi thi sinh chi chon mét phuong an.

(s):(x+1) +(y- Y +(z-1) =9

Cau 1. Trong khong gian v6i hé toa do Oxyz, cho mit cau "~ Toadd tam
I vabankinh R cua () 1a

A, 1G-1;2;1) v R=3 B 1:-2:-1) W R=3

c. [CE2D 4 r=g. p. 121 3 R =y,

. 2+ (v-1V +(z-2)Y =25, .
Cau 2. Trong khong gian toa do Oxyz, cho mat cau ($):a?+ (-1 +(z- 2 =25, Diém nao sau day nam

bén trong mit cau (S)?

M(3;-2;-4) N(0:-2:-2) P(3;5:2) D 0(1;3;0)

M(1:-2:3)

A B C

Cau 3. Trong khong gian v6i hé toa do Oxyz , cho diém . Goi 14 hinh chiéu vudng goc cua

M trén tryc Ox . Phuong trinh nao dudi day 1a phuong trinh mit cau tim / ban kinh /M ?

Al Ge- 1) +p7 427 :-.,.-'ﬁ‘ B_.(.r—lf+_1-3+:3 =13
C. (e#1) +)7 427 :1?. D. (e+1) +37 +2° :]3'
Cau 4. Trong khong gian voi hé toa do Oxyz, cho mit cau () cO tam 13:2;-1) va di qua diém

A2 1;2). Mit phang nao dudi day tiép xuc véi () tai 47
A, .‘l.'+_1'-3__-8:|:|. B. .1'-_1'-3:+3:I:I‘ C. _1'+_1'+3:-'.~_J:[:]. 2.1‘+_1'-3:+3:U.
3 I T, .
Cau 5. Trong khong gian toa do Oxyz, phuong trinh mat cau tam 1(2:-3:-4), ban kinh bang 4 c¢6 phuong
trinh 1a
(x+2) +(y- 3) +(z- 4) =16 (x-2) +(_1'+3): +(z+4) =16
A B
Ge42) +(3-3) +(z-4) =4 (- 2) +(p+3) +(z+4) =4
C D
Cau 6. Trong khong gian voi hé toa do Oxyz, gia sir ton tai mat cau (5) cd phuong trinh

oy - 4x+2y- 2az = A s s : (S) © o4 VETER \
X 4y +z - 4x+2y- 2az +10a =0. Tap cac gid tri cia 4 de( )co chu vi dudng tron 16n bang 87 13

(1-11) [1:10] (- 111) (-10:2!
L-11f |L10f L1t {-10:2)

Al B C. - D
PHAN II Céu tric nghi¢m ding sai. Thi sinh tra 10i tir cdu 1 dén ciu 2. Trong mdi y a, b, c,d &
moi ciu, thi sinh chon ding hodc sai.

-] =2 P s PR
Cau 1. Trong khong gian Oxyz’ cho AGL "'D), B(-5; 3’1), ctx 3'4).
Xét tinh ding sai clia cac ménh dé sau

a) Ban kinh duong tron ngoai tiép tam giac 4BC 3 V6 .

33
b) Ban kinh mat cdu nhan 4 1am tam va tiép xac v6i BC bang 2

A,B,C

¢) Trong cac mit cau di qua ba diém mit cau c6 dién tich nhé nhat c6 ban kinh R bang V6 .

J(a:b:c)

d) Mit ciu tim di qua cac diém 4, B, C va c6 ban kinh R =3 Khi @ 1a s§ nguyén thi gié tri

a+b+3c=2

'Th‘:?\y: Trwong Quang Phu - Trudng . Sdt:
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Oxyz (5):(+1) +(p+1) +(z+1) =9 i didm ‘4(2;3;_1).

Cau 2. Trong khong gian , cho mit cau

Xét cac diem M thudc () sao cho duong thang AM tiép xtic voi (S) Xét tinh dung sai ciia cac ménh
dé sau
" 1) (- 1) (e 41) =23
N | x=- =] +(y-1) +(z+1) =—

a) M ludén nam trén mit cau (s ): -2 4

2 11 '
b) Tép hop cac diém M 1a duongtroncotim ' =7 =2 ' va ban kinh S,

3x-4y-2=0

¢) Phuong trinh mit phang chta cac diém M 1a

B(1:2:-1)

d) Gia tri 16n nhat cia BM biét 1a s

PHAN III. CAu tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cAu 1 dén ciu 3 .

T S . \
Oxyz,chobadiém A2 4), B 3’1), C(z’“’?)).Matcéu

(Oxy)

Cau 1. Trong khong gian véi hé truc toa do

(s)

nguyén t. Gia tri cia a+b+ab bang

di qua ba diém trén va c6 tdm nam trén mat phang c6 dudng kinh [=avab ygi a, b 13 cac sb

Cau 2. Cho diém 4(2:5:D) , mit phang (P):0x+3y- 2z+24 =0 , H 1a hinh chiéu vudng goc cua 4
trén mat phfmg (P) . Goi (5) 12 mat cau c6 dién tich 7847 va tiép xuc voi mat phéng (P) tai H sao

cho diém 4 niam bén trong mat cAu. TAm ctia mit cau (S| 1a Ila;b;c). Gia tri T=abc béng

Giatri T=abc=—64

Cau 3. Ban Binh d6 ban Nam tim dwoc dudng kinh ciia qua bong 10, biét rang néu dit qua bong & mot goc
cin phong hinh hop chit nhat, sao cho qua bong cham (tiép xtic) v6i hai burc tudng va nén nha ciia cin phong
d6 thi c6 mot diém M trén qua bong voi khoang cach dén hai burc twdng va nén nha 1an luot 1a 17 cm,
18 ¢m, 21 c¢m. Ban kinh qua bong bang bao nhiéu biét loai bong tiéu chuin c6 dudng kinh nim trong
khoang tir 23 cm dén 24.5 cm.

BANG DAP AN
PHAN L
Cau 1 |2 3[4 |56
Chon |[A [D [B|D |[B |C
PHAN II.
Caul Cau 2
a)b a)b
b) S b) P

‘Th':?\y: Trwong Quang Phu - Trudng . Sdt:
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c)b c)b
d)P d)S
PHAN III.
Ciau 1 4 |1
Cau 2 -1 6| 4
Cau 3 1|2
LOI GIAI CHI TIET

PHAN I. Céu tric nghiém nhiéu phwong 4n lya chon. Thi sinh tra 16i tir cAu 1 dén ciu 6. Mdi ciu
héi thi sinh chi chon mét phuong an.

(s):(x+1) +(y- Y +(z-1) =9

Cau 1. Trong khong gian v6i hé toa do Oxyz, cho mit cau "~ Toadod tam
I vabankinh R cua () 1a
- 1:2: .
if( L2 L g=3 g [-2-1) o po3
- 1:2: e
c. 1CEZD i r=o. p, 121y R =9,
Loi giai
Chon A.
5 (x+1) =2 +(z-1) =9 - 1;2; .
Duya vao phuong trinh mait cau ($):Gray +(-2) + (- 1) ta co6 tam 1G1:2:1) va ban kinh
R =3
. 2+ (v-1V +(z-2)Y =25, .
Cau 2. Trong khong gian toa do OXVZ, ¢ho mat cau (5):a® +(y- 1) +(z- 2) =25. Diém nao sau day nam
bén trong mit cau (S)?
] ¢ T, R A ., T, | - ..
A MG-2-4) g, N(0:-2:-2) c. PG:i5:2). QQ(I,ES,O).
Loi giai
Chon D.
) 1:2
Mat chu S 6 tam %52 in kinh R =5,
, —(1-2--2 e fladed —
Xét diem 0, ta co 10 =(1:2:-2). Suy ra IQ =J1+4+4 =3 <R.

Do d6 diém € nim bén trong mat cau

Vv (1;-2:3)

Oxyz , cho diém *

Cau 3. Trong khong gian v6i hé toa do . Goi 14 hinh chiéu vudng goc cua

M trén tryc OX . Phuong trinh nao dudi day 1a phuong trinh mat ciu tim / ban kinh IM ?

A, (-‘%"1)_+_1"+I' ='~.r'rﬁ‘ Elf.'r—l)_+_1"+:' :]3‘
C. (.".'+])_+_1"+:' 21?. D. (_1'+])+_1"+:' :]3‘
Loi giai
Chon B.

Hinh chiéu vuong goc ciia M trén trye O% 1a (1:0:0) = v = ‘E.suy e
ban kinh IM 1a: (x- 1) +y2+2° :]3.

Cau 4. Trong khong gian véi hé toa do Oxyz’ cho mit cau (5) cO tam 1G:2:-1) va di qua diém
AL Ve hing ndo dudi day tiép xic véi ) tai 49
A x+y=-3z-8=0 B x=y=3z+3=0 C x+y+3z-9=0 D x+y=-3z+3=0

'Th‘:?\y: Trwong Quang Phu - Trudng . Sdt:
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Loi giai

Chon D.
Goi (P) 1a mat phang can tim. Khi do, (P) tiép xuc voi () tai 4 khi chi khi (P) di qua A(21:2) va
nhan vecto 14 =(-1:- 1:3) 1am vecto phap tuyén.

Phuong trinh mat phéng (pP) T +3z-3=0= x+y-3z+43 :U'

) I T, .
Cau 5. Trong khong gian toa do Oxyz, phuong trinh mat cau tam 1(2:-3:-4), ban kinh bang 4 ¢6 phuong
trinh 1a
A G2+ (- 3) +(- 4 =l6 g (= 2F +(y+3) +(z+4) =16
c G+2Y +(p-3) +(z-4) =4 o, G- 2Y +(y +3) +(z+4) =4
Loi giai
Chon B.

(5):(x-2Y +(y+3) +(z +4) =lo.
(s)

gia sir ton tai mat cau c6 phuong trinh

coon s I(2-3-4) , :
Mat cau c6 tam va ban kinh bang 4 c6 phuong trinh
Cau 6. Trong khong gian véi hé toa do Oxyz,

oy k- dx+2y- 2az + S ; (S) D T .
X4y +z - dx+2y- 2az +10a =0 Tap cac gid tri cia 4 d¢ c¢6 chu vi dudng tron 16n bang 87 13

(1. 1 [1-10] [_1.11] [_ 107!
A. Ll,‘ llJ . B. LI’IOJ ) C. L‘ l,ll] ) D. l ].0,2J )
Loi gidi
Chon C.
o (8):(c-2Y #+(p#1) +(z- a) =a® - 10a +5.
Vicét lai
5 \ 2 *
bé () 1a phuong trinh ctia mt cau < @ - 10a+5>0. )

Khi d6 mat cau ($) ¢6 ban kinh & =+a - 10a+5.
Chu vi dudng tron 16n ciia mit cau (s la: £ =27R =2x+a - 10a+5.

24T 10245 =87 & a*- 10a-11 =0 [© |
Theo gid thiét: @ =11 hoa (%),
PI:IAN II. CAu tric nghiém ding sai. Thi sinh tra 10i tir cAu 1 dén cdu 2. Trong mdi y a, b, ¢, d &
moi ciu, thi sinh chgn ding hodic sai.
Cau 1. Trong khong gian Oxyz’ cho AG L~ 2:0), B(-5:-3; l), CC2- 3:4).
Xét tinh dung sai ctia cic ménh dé sau

a) Ban kinh duong tron ngoai tiép tam giac 4BC 3 V6 .
33

b) Ban kinh mit ciu nhan 4 1am tdm va tiép xuc véi BC bang 2

A,B,C

¢) Trong cic mit cau di qua ba diém mit cau c6 dién tich nho nhat ¢6 ban kinh R bang V6 .

J(a:b:c)

d) Mit cau tim di qua cac diém 4, B, C va c6 ban kinh R =3 Khi @ 1as6 nguyén thi gia tri

a+b+3c =2
Huéng din giai

2) Ping, Ta tinh dugc AB =(-4;- 1.-1), AC =(- 1:- 1;4) , BC =(3:0:3)

Thay: Trwong Quang Phu - Trudng . Sdt:
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Nén A8 =AC =BC =32 . Suy ra 4BC 13 tam giac déu. Do d6 ban kinh dudng tron ngoai tiép tam giac

A ><§ _fG

ABC 13 )
b) Sai. Do tam gidc 4BC 1a tam giac déu nén 4M L BC ygi M 13 trung diém BC;

d(4;BC)=4M =32 ><£ _3Wo
Do dé 2 2

¢) Pung. Goi / 14 tim ciia mit cau di qua 3 diém I

4.B.C 3 G 13 tam

cta tam giac déu 4BC  Khi d6 ! thudc duong thing vudng goc voi

36

. Suy ra ban kinh mit cau tim 4 tiép xtic vi BC biang 2

(4BC) tai G va ban kinh cua mit cau di qua 3 diém 4,B,C la d6 dai

A.B,C 4 dién tich nhé nhét khi va chi khi ban

3

R =GA :AB.T =6

Mit cau di qua 3 diém

kinh ctia n6 nhod nhat la

d) Bung. Do mét cau di qua ba diém A, B, C néntam Y cua mat cau can tim nam trén truc ctia dudng tron

ngoai tiép tam giac A8C

Do tam gidc 4BC déu nén tim duong tron ngoai tiép 1a trong tAm tam giac O cua tam gidc 4BC . Suyra

8 8 5]
G‘ - - ——
truc cua duong tron ngoai ti€p la duong thang di qua 3 33] nhan vecto
8
x=- —=1
3
8
1y ===+5t
) 3
’ LIl Luu 5
lam vecto chi phuong; phuong trinh tham s6 n6 1a *
8 8 5
J|= —=ti- —+ 5t —+t
Do “ 14 tAm mat cau nén 3
i 5 y 2 i 2 1 5
JA :3“1"—‘*" +‘—-5F + —+.r‘ =9 = =1—
Bén kinh mit ciu bang 3 nén 13 3 | 3
1
== _2_ 10 N
Khi @ nguyén tic ing v6i 3 ; khi d6 73 ]‘"); suyra @+b+3c =2
. | A 3 ) : = ::g o / L.
Céu 2. Trong khong gian Oxyz’cho mit chu (8):Ge+1) +(p+1) +(z+1) va didm 4(2:3; 1).

Xét cac diem M thudc () sao cho duong thang AM tiép xtic voi
dé sau
" 1) (- 1) (e 41) =23
N | x=- =] +(y-1) +(z+1) =—
a) M lubén nam trén mit cau (s ): -2 4
2 11 '
b) Tap hop cac diém M 1a duong tron co tam ' =7 <7 ! va ban kinh S,

¢) Phuong trinh mit phing chira cac diém M 1a ¥~ 4y~ 2 =0

B(1:2:-1)

d) Gia tri 16n nhit cua BM biét 1a s

'Th‘:?\y: Trwong Quang Phu - Trudng . Sdt:
Trang 5
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Huéng din giai

() TCL-L=1) o AT =S

(S'):

a) Plng. Mit cau co tam
Goi (s7) 1a mat cau dudng kinh 41 =

3 (o a1) 225
+(y- 1)y +(z+1) =

ES

b | =

= M thudc mit cau (s7) duong kinh A/
Me(S)
. . 4e 2 A . Me(s’
b) Pung. Ta c6 v6i moi diém M thoéa yéu cau bai toan twong duong 57
1
, J|=il-1
Goi / 1a thm mat cau (s ), khi @6 2 '
5
=T o (O) e
Khi do , suy ra hai mat cau cat nhau theo giao tuyén la duong tron tam & va ban kinh
R =KM
L _ U b e MIMA IMNAP - MPP 12
Taco MET MP MA& T g emr Al 5
- - e 0o 0 2 11 |
KA =ns= :”"‘ZA :i =2 IK = IA 35735 | ‘
Ta cbd 4 I4 14 25 suyra 25 doddtatimdugc ' =7 -
( I - - 2
e G Gy =2
L 2] 4
2 2 5 - (1)-(z)
o) Piing. (e#1) +(y+1) +(z+1) =9 (2) = ox+8y-4=0e 3x-4y-2=0
... o Y —
Hay M e(P):3x+4y-2 —D.
d) Sai. Goi £ 1a hinh chiéu vuong goc ciia B 1én miat phang (P)
[.\' =143
A r =2+4¢
Phuong trinh dudng thang di qua £ vudng goc véi la [ =0 . Khi d6 E 1a giao diém cia
2 14 ) 5
) . g
A va , suy ra toa do diém £ 1a = =
' 9
BE =d (B:(P)) =_
1 12
EK =— KM =——
Ta co 3 3
Suy ra,

BM? =BE*+EM* <BE* +(EK +KM) =10= max BM =10

‘Th':?\y: Trwong Quang Phu - Trudng . Sdt:
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PHAN III. Cau tric nghiém tra 1oi ngin. Thi sinh tra 10i tir cAu 1 dén ciu 3 .

Oxyz A(;2;-4) B(-31) c(2;2;3)

, cho ba diem . Mit cau

(Oxy)

Cau 1. Trong khong gian v6i hé truc toa do

S) .. .2 A ox a3 A s 12
() di qua ba diém trén va c6 tam nam trén mat phang
nguyén t6. Gia tri cia a+b+ab bang

c6 dudng kinh [=aVab yg; @b 13 cac 5§

Loi giai
Goi tAm mit cu 1a: | (x: ; 0).
{m =5 |G 1 (- 2F +4 =[G 1Y +(43) 4
—
(A=IC J(.‘I.'- 1y +(y- 2) +4° :J(.T— 2y +(y- 2 +3°

(y-2) +4° =(y +3) +1°

¥ - 2x+1+10=x"- 4x+4+9

=

v

=

10y =10 [x=-2
(=] - - N
2x =-4 {_1- o1 = 1=2R =2,(-3) +(- 1)’ +4° =226

Nhu vay a=2 va b=13, suy ra a+b+ab=41

Cau 2. Cho diém 42:3:D st phing (F):0x+3y-22+24=0 " K 13 hinh chiéu vudng goc ciia 4

trén mat phéng (P) . Goi (5) 12 mit cau c6 dién tich 7847 v tiép xuc voi mat phéng (P) tai H sao
cho diém 4 nam bén trong mit cau. TAm ctia mit cau \S|1aIla;b;cl. Gia trj T=abc bang

Loi giai
Goi duong thang d qua diém 4 va vuéng goc voi miat phang ()
[.1‘ =2 +06t

d:{y=5+3t
. \ 2 1.’? =1- 2t
Suy ra phuong trinh duong thang

H 14 hinh chiéu vuéng goc cta diém 4 trén mat phing () nen 7 =d N(P)

(x =2 +6¢ (x =-4
y=5+3M y =2
z=l- X z=3

N e Ve — —
Lap hé phuong trinh |Ox+3y- 22424 =05 |r=-1
Do do, 1(-4:2:3)

Goi I, R1én lwot 13 tAm va ban kinh ctia mat cau (5)

Spe 1847 = 47R* =7847 > R =14

Mit cau (5) tiép xc v4i mit phang (P) tai 4 = Ied = I(2+06:5+30:1- E'r}, t#-1
pQro+3G+30)-20-20+24 _

(d(I.(P)) =R VO 434 (-2)

Al <R |60 +(307 +(-20) <14

Theo gia thiét: |
t =1
t=-3

= [72<0<25 1=1 poge [(8:8:- D),

'Th‘:?\y: Trwong Quang Phu - Trudng . Sdt:
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Giatri T=abc=—64

Céau 3. Ban Binh d6 ban Nam tim duoc dudng kinh ciia qua bong 10, biét ring néu dit qua bong & mot goc
can phong hinh hop chit nhat, sao cho qua bong cham (tiép xuc) voi hai birc trdng va nén nha cia cin phong
do thi c6 mot diém M trén qua bong véi khoang cach dén hai birc tudng va nén nha 1an luot 1a 17 cm,
18 ¢m, 21 ¢m. Ban kinh qua béng biang bao nhiéu biét loai bong tiéu chuin c6 dwdng kinh nim trong
khoang tir 23 cm dén 24.5 cm.

c

Loi giai
Chon hé¢ truc toa do sao cho géc toa d§ trung voi goc tudong, céc tia Ox | Oy , Oz hudng theo cac duong
giao gilra cac buc tudng va nén nha.

c A <, A ‘I(a‘b‘c) [y \ s A
Goi tam mat cau la T khido % b ¢ 1a cac sb duong.
Do qué bong tiép xuc vai cac blrc tudong va nén nha nén @ =b=c =R

Phuong trinh mit cau (mit qua bong) 1a G- RY +(y- RY + (- R) =R°
Trén qua bong c6 diém M ma khoang cach dén hai buc tuong va nén nha 1an luot 12 17 cm, 18 ¢m, 21

o M(17:18:21)
cm nen

Do d6 ta co:

thudc mat cau.

R =28- J257
R =28++/257

. )
(23cm:24.5cm) nén R =28 \,1'25'? =12

(17- RY +(18- RY +(21- R) =R* = 2R*- 112R+1054 =0 =

Do qué bong tiéu chuin c6 dudng kinh ndm < cm.
PAP AN
PHAN I.
Cau 1 |2 3[4 |56
Chon (A |D |B (D |B |C
PHAN II.
Caul | Chu?2
a)b a)b
b) S b) b
c)b c)b
d)b d) S
PHAN III.
Caul 4 |1
Cau 2 -1 6| 4

‘Th'éy: Trwong Quang Phu - Trudng . Sdt:
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lcau3d | | [ 1] 2|

1. MOT SO QUY PINH PANH MAY -TRINH BAY VAN BAN

(c6 tham khio chuin ciia BTN — cam on thiy Tran Qudc Nghia)

THONG THUONG GROUP 12_ KNTT&CS

1. Diudo 90° 1. 90° Nhin Ctrl Shiff K, buéng ra nhén D

3. DAu phay d' hogc A' 3.4 hodc A" Nhén Ctrl Alt ¢

4. Cap ngodc tron (3:4) 4. (3:4) Nhéan Ctrl (

5. Cipngoic vuong 13341 5. [3;4] Nhéan Ctrl [

6. Toa do diém (1;2) 6. (,1;2) Truwodc va sau dfly ; ¢6 1 diu cach .
Nhan Ctrl Space dé go dau cach trong MT.

7. Toa dd vecto a(1:2) 7. ¢ =(1:2) ¢6 diu b?mg.

8. DAéu song song allb 8. 45 Truge va sau ddu // ¢6 1 déu cich

9. Téchroi cong thic %Y 9. X Y hoac ;2 DAu, hoic ddu ; nam

‘hoac Y1 X ngoai MT, tach ra thanh 2 cong thirc.
10. Chtr € (co s0 ty nhién) ’ 10. € Ding thang
11. Cac chir s6 ty nhién khong di cung bat ki ki ty nao khac co6 thé gd bang Word binh thuong, khong
can go trong Mathtype.

12. Cac bién sd nhu ¥, Y, ¢ ... va cac chit c4i nhu @, b, m_ A B . déuphéi duogc go trong
Mathtype va in nghiéng.

13. Pon vi in dimg va cach sb liéu 1 dau cach.

14. Hinh v& va bang bién thién phai hoa anh. Hinh v& canh giita trang, dé ché d6 In line with Text.

15. Mathtype khong bi hoa anh va cong thirc Ma.

‘Th':?\y: Trwong Quang Phu - Trudng . Sdt:
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