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|”l Tom tat kién thuc

@. Cong thuc cong

tana +tanh
etan(a +b) =— 2 TP
l- tanatanb
tana - tankb
etan(a- b) =— 2 7
l+tanatanb

(khi cac biéu thic déu cé nghia).
@®. Cong thuc nhan doi

sin2a =2sinacosa;

[ ]
e C0sla =cos’a-sin’ a
2tana
tan2g =—————
P l-tan"a

(khi cac bi€u thic déu cé nghia).
©. Cong thuc ha bac

. l+cos2a
Cos™ a :f:’
’ Fi
- 1- cos2a
5in-a :f'
’ ra

0. Céng thuc bién dai tich thanh téng
scosacosh :é[cns{a+ b)+cos(a- b)]
*sinasinh =- %[cns{a+b}- cos(a - b)]
*sinacosh :é[sin{a +b)+sin(a - b)].

©. Cong thuc bién déi téng thanh tich

u+v H=v

*COosy +Cosy =2 008

MtV M=V u+v
*COSy- COSY == 2sIn

. . . Htw
cos = = -51nu+51nv:251nTcns

sin——; *siny - sinv zzcnsTsin

*sin(a +h) =sina cosb+ cosasinb;sin(a- b) =sinacosh- cosasinh;

u=v

H- v
2

® cos(a+bh) =cosacosh- sinasinb;cos(a- b) =cosacosh +sinasin b;




®. Phan dang toan co ban

‘Dang @®: Tinh gia tri cia cac bi€u thic chia gia tri lugng gidc
=Cac vi du minh hoa

Cau 1: Cho tan(a+b) =3,tan(a- b)

2 Tinh tan 2a,tan2b

Loi giai
- 9

tan 2a =tan[(a + b) +(a- b)] =@t ttana-b) _3+2 _

Ta cé: 1- tan(a +b) tan(a- b) 1-3.2

tan(a +b) - tan(a - b)

tan 2b =tan[(a +b)- (a- b)] =

_3-2 1
| +tan(a +b) tan(a- b) 1+3.2 7
) 2
SiNa =—= 5 4(]
Cau 2: Cho V5, Tinh cos2a.cosda
Loi giai
- 4 3
) cos2a =1-2smma=1-2 —=-—
Ta cé: 5 5;
cos4a =2cos” 2a- 1=2 ‘—‘ -1=-—
25
1
cos2x =— )
Cau 3: Cho 4 Tinh:
T T N A D R 4
A =cos .T+_‘EDS x- _‘;B:sm x+_‘s1n r-—‘
| 6 | | o | | il | 3
Loi giai
A A AN x| | T]
A =cos .r+—||:crs .r——‘:— Cos .'r+—‘+ r——‘ +C0s .'r+—|— r——‘
o) T 6] 2] |17 el LT e el 1T el
I T‘ 11 1] 3
=—|cos2x+c05s—| =—| —+—| ==
21 3) 204 2 8
| T‘ o T‘ 1 ' T| ' T‘ ' T‘ ' T‘]
B=sin|x+—|sin|x- —|=-—qcos||x+—|+|x-—||-cos||x+—|-|x-=
ST bl Y BN 3703 37173
[ ) 2r| _ 1{1 1)_ 3
=- —|cos2y-cos— | =- —| —+—| ===
21 214 2 5
Cau 4: Khong dung may tinh cam tay, tinh gié tri cGia cac biéu thic sau:
s 4
Sin——
a) 12

2 12

i



s

a)

ST

T, J
n—-=sIin —
24 24
Loi giai

S S S & B 7 T . 7
sin — =sin| —+ — | =sin —cos — + C0s —sin —
3 4 3 4 3

5,T+ T st
2 2 2 2 T

COS — +C0s— =2 C0s 12 12 Cos 12 12 =2c0s—cos— =2 -—
b) 12 12 2 2 4 2

)

T 5T T 5T |

- |-cos| —+_ || =—|cos|- |- cos—
24 | 24 24| 2 0

I‘ : x| 1
=—|cos—-cos—| =—| —- — | =
21 4 20 2 2 4
5: Khong dung may tinh, hay tinh:
a) cosl650;
T
tan —
b) 12
Loi giai

EUS(IGS' ) :EUS[IED' +45 ] —cos120 cos45 - sin120 sind5

=-7

—_I. - . —
T 22 2 2
T T

T F a4 I;an}+tan4 i+l {J§+I]F

tan — =tan §+—‘: - - = = -3

: I—tan'tan'4 1-\3 )

Cau 6: Tinh gia tri cGa cac biéu thic sau:
. : . 117 57

A=cosT75 -«cosl5: B =sIn —TEDS—T.
2 2

Loi giai

-3



A =cos75 «cosls = [EDS(TS' - 15 )+cos(75 +15 )l

1
2

1 . S N R
:—(u:nsm} +cos 90 ):— —+C+‘ =—
2 212 7] 4
1l 57 |[. 1l 57) . (571 117
A =smn—--ocof— =——|5sn| —- — | +s5m| —+—
12 12 2 12 12 12 12 |
U . (x) . (4x)] 1|, -3] 2-
:—[sm[— +51n[—‘ =1+ ._."_‘ = "E
2 | 2] 3 )] 2 2 4

Cau 7: Khong dung may tinh, tinh giéa tri cda bi€u thic sau

sin” +sin 57T
4= 9 9
T S
COS — +C08
9 9
Loi giai
. S ¥/ 4 4 2T 1
sin 5 +sin 2sin 3 COs 5 sin 3 . G
A= = = =tan — =+/3.
T AT T 2 T 3
COs — +Cos 2coscos Cos
9 9 3 9
. 1 JT
4 Slna =3 \ _< a < J"r ~ Ve 7 L4 . L4 2 Ve
Cau 8: Biét 3va 2 . Hay tinh céc gia tri lugng gidc cla goc 24,
Loi giai

T .
Do T-=:a < 7 néncos a< .

— ’ I 22
:cnsa:—xfl—sura =- I—E:— ;

3

=

-
Taco: sin2g =2singcosa =2 { -

T3 |3 o

- s . 8 1 7

cos2a =Cc0s g -5SIN°" g =—- — =—1
9 9 9

Y - . .

_— _sinla _ 41.!::1:_ 4\1":
cos2a 9 9 7
¥
cot2a = I ! ?J:.

tan 2a - 4\5 - 8

Cau 9: Khong dung may tinh cam tay. Tinh gié tri cda cac biéu thic sau:




tan T+ tan Sl
7 3

1+tan o7 tan i‘T
c) 7 28
Loi giai
T 377 1| . (197 377 197 377
§in—cos—— =—|sin| —- —— | +sin| —+——
2 2 L 24 24 | L 24 24 |
a)
fein[ - 35 sin ) |
=—|sin| - = | +sin—| =—| -sin=——+sin—
2 4 2
1 VE B AR
21 2 2|7 4
4I,T+I3,T 4L‘T_ 137
4Lr 137 1212 12 12 Ot . I
COS——- C0s —— =-2s5ip—= = sip—= £ —=-2sin—sin—
b) 2 2 2 2 4 f
2 2
=2sin—sin— =2 £ l :£
2 2 240
tan ~* + tan 3 tan” +tan 37 tan " + tan 37
7 28 — 7 28 _ 7 28
6T 37 ' | it T
|+ tan tan I+I;an[,1'— ‘tan 1- I;an tan
7 28 | 7 28 7 28
—tan £+:1;T| :tanizl.
c) |7 28] 4

Cau 10: Khdng st dung may tinh, tinh cac gia tri lugng giac cda géc 105
Loi giai
cos 105 :n:crs(m}' +45 ) —cos 60 cos45 - sin60 sin45

T

2 2 4
sin105 =sin (60" +45 ) =sin 60 cos45 +cos60 sin45

IJ_ 1 V2 _V2+4o

2

E 2 T 4
2 -
tan 105 =@;cmm5 _V2- 6
V2- o £ +J6
. 1 Jr
sino =— — < <0 , ;
Cau 10: Cho 13 va 2 . Tinh gié tri cla cac biéu thic sau:

a) cos2a.



b)
tan |+ =
)
Loi giai
- S e 127 _ s
T <ca<w cosar =-4/l-smn"a == [I-| —| =-—
Vi 2 nén 13 13
. (5 119
cos2er =2cos -1 =2 ‘—‘ -l =—
2) 13 169
| | . T o 121 [ 5 A3 12-583
s1n[a+—‘:s1nm:u:rs—+ccrsas1n—:— —+ ——| £: J-
b) | 3 3 3 132 10 13) 2 26
12
sin e 12
tan cr = =13 .=
coser 9 5
c) Ta c6 13
T 12
- - tancr + tan +1 7
I;an[a+'—‘: 4T: A -
\ 4 I—tanatan; I-[— =11 17
Suy ra LS
7 T
) ) o » ) ) - cos2ar =- — L O0<a<—
Cau 11: Tinh cac gié tri luong giac cla géc @, biét 25 va 2
Loi giai
—_ ? 2 + 2
cos Qe =- — 2eost - 1=l- 2851 ar =- —
Ta cé 25 nén 25
., 9 , 16
Cos o =— . SN o =—
Suy ra 25 va 25
JT
O<a<— .
Ma 2 nén cosa>0 y3 sina >0
4
51N x 4
3 4 fan ct = :%:_
COS —— . Sincy =—— cosa 3
Do dé 5 va 5.Suyra 5




‘Dang @®: Gia tri luong giac cua géc luong giac
=Cac vi du minh hoa

- 1
_ . tan(a+b)tan b =—
Cau 1: Cho ©osla+2b) =2¢0sa Ching minh riang: 3,
Loi gidi
Ta c: cosla+2b) =2cosa < cos[(a+b)+b] =2cos[(a+b)- b]

< 3sin{a +b) sinb =- cos(a +b) -cosh = tan{a +b)tan b :_3_"
Cau 2: Cho tam gidc 4BC, chirng minh rang:

a) tan 4 +tan B +tan C =tan 4 tan B tanC

(vGi diéu kién tam giac 4BC khong vuong);

C C A
tan — «tan — + tan — tan — + tan — tan — =1
by 2 2 2 T2 2 2

’

Loi giai

tan 4 +tan B
tan(4A+F)=-tanC= ——
a) Do A+E =7-C nén

= tanC_
l- tan Atan B

= tand+tan +tan C =tan 4 {an & tan C.

A

( ) tan — +tan
I;an[ £+E‘ —eotS e 2
L2 2 2

= 1- tan = tan
Nnén

b | b
b |

b) Do

b | X
k3|

b | [t [ws]

C
tan
a

C C A
<> tan — tan —+tan — tan — +tan — tan — =1.
2 2 2 2 2 2

Cau 3: Ching minh céc dang thic lugng giac sau:

a) sin(60 +)- sin(60 - @)=sina_

’

_ R 3 1
SIN° o +C08° f =—+ —cosder

b)

’

<) sincz(2cosder +2cos2er +1) =sin 5ex .
’

cos{cx- ) l+tanertan
d) cos(a + ) 1-tanatanf

a)



sin (60 +2)- sin(60 - &)

—(sin 60 coser +cos60 sin ez )- (sin 60 coser - cos60 siner)

e 1 . .
=2cos00 sing =2 ?sma =sIn ¥
b)

sin® ez +cos® e :(silf af +cos° a)' - 2sin” ercos” o

I - lsilf 2et =1 - l|{l— cosder) =1- l+ln:r:rs.40:
2 4 4 4

:E +l|:r:+s4a
4 c)

sincz(2cosder + 2cos 2exr +1)
=2sin azcosde +2sine cos2er +sine
=2 __l}[sim[— 3ar) +sinSa]+2 é[sin{— cr) + sin 3ar] + sin a
=(- sin 3 +sin5cr) + (- sinez +5in3ar) + sin @ =sin Sex
cos(cx - (f) _cosacos ff+sinasin _cosacosf(l+tanatan f) 1 +tanatan §

d) cos(ex + /7) _cnsacnsﬁ - sin ezsin fF _cnsacosﬁ{l - tan e tan ) 1a tan ez tan

Cau 4: RUt gon cac biéu thic sau:
sina +sin2ex
a) l+cosa+cos2a

[;T ‘ [;T ‘
cos| —+a|-cos| - a
| 4 _ | 4 .

T
o

sin + it —sin['T—a‘
b) | 4 _ | 4 I

-3
sm- o

. L
4-4sm- j
) <
Loi giai
sing +sin2a sina+2sinacosa _sina(l+2cosa)  singa —tana
a) | +coser +cos2er l+cosa+2cos” -1 cosa(l +2cosa) cosa .
’

T
T T .o . 2 LT
'305[ “‘ﬂ’l - '305[ - ﬂ" -2sin-<sin 51N —sin ¢
: 4 2 2 4 T
= = = =- =- tan— =-1
T | T T . 4
sin| —+¢r|-sin| —- e - COS—sin ¢r
4 ) 4 ] 2 o= 4
Zcos --sin —

b)



251N = COs ‘ dsin” 5 Ccos”

sin® ¢ , 2 2 .
== L = —= =sin® —
4- 4sin’ 4[ [-sin® % 4 cos’ =
2 3 2
C) = \ < =
C&u 5: Chang minh dang thic sau
_ B 1 ., 3 1
sin“a@+cos” g =l- —sin” 2ag =—+ —cos 4a.
2 4 4
Loi giai

sin‘a+cos’a =(sin® a +cos*a) - 2sinacos’a =1- 2 (sinacosa)’

=]- Lsin:Ea = - I_[ ﬂ‘ =1- I_+l|:|:rs4a :E+lcns4a
2 217 2 4 4 4 3

Cau 6: Tinh gié tri cia cac biéu thic sau:
N P SR '
A =sIn —- sIn — +5In
a)

b) B =sin6 sin42 sin 66 sin 78
Loi giai
. x .5t . Tr (. amx . 7| . 5w
A =sin—- sin ——+sin — =|sin —+sin — | - sin ——
a) 9 9 9 1T e o

ST 0.

noi 4T a5 4Ar
=25In — <05 —- 5in — =sin—- sin
9 3 9 9
. Qi = 7 g = 24 qgind? — N
b) Vi sin78 =cosl? ;sin66 =cos24 :sind? —=cos4ds nén
B =sin6 cosl12 cos24 cos48.
Nhan hai vé véi €056 va 4p dung cdng thiic géc nhan dai, ta duoc:

: S : : N N - 1 :
cost -8B =cos6 s cosl2 cos24 cos4s :Esm% :Esm ('EJI:} +0 ]:Ecnsﬁ

Vay 16,
Cau 7: Chdng minh rang:

. ( bl
COSa-= Slna :JE_I:DS‘ fel +—‘
a) | 4 |

. | |
SlNa ++J3Cc05a =2 sn a+?

b)

a)Tacd



' | ' T . . T
-ﬁcns‘ a+—‘ :ﬁ‘ COSa COS —- sumsm—‘
4 4 4

5
—CDSG = —SII'.I a

J_ J_ {cosa- sina) =cosa- sina

1. 3
2 —51I]ﬂ+£l:l35ﬂ
7 7

. o o T . T
251”‘{"+§ :E‘SII]GEDSE+CDSGSII]€ =
b) Ta cé S

=sina ++3 cosa.

Cau 8: Ching minh rang trong moi tam gidc 4BC ta déu cb

. . . A B
sinAd+smmfB+sndcC :4c05?c05TcusT.

Loi giai

. A+ B A- B . C
VT =2sin Cos +28In—cos —
b 2 7 2

i a

t
t

A+B 1 C
Mat khac, trong tam giac 48C, tacd A+B+C =1 nén 2 2 2 T dd
. c . C A+ B
51 =00s —, 51N — =C0s
suy ra: 2 2 2 2
Vay
C [
FT =2c0s —cos +2cos Cos—
2 2 2 2
O A- B A+ 8] C A
=2cos—| cos +Cos =4cos—cos—cos — =FP
2 2 2 | 2 2 2

‘Dang ©: Ung dung

=Cac vi du minh hoa

Cau 1: Mot sgi cap R dugc gan vao moét cot thang ding & vi tri cach mat dat 14m
Mot soi cap S khac cling dugc gan vao cot doé 6 vi tri cdch mat dat 12m | Biét
rang hai sgi cap trén cung dugc gan vaéi mat dat tai mét vi tri cadch chan cot
15 m (Hinh 3).



“H 15 m

Hinh 3
a) Tinh tana | & d6 @ la goc gilra hai sgi cap trén.
b) Tinh s6 do goc @ (lam tron két qua dén hang don vi theo don vi do).

Loi giai
a) Ta c6: @ =HoH - Bom |
 soHnBon =214
Trong tam giac vuong OH 15,
. /
~ BomtmBom =537 22
Trong tam giac vuong 0. 15 5,
g g 14 4
tan AOH - tan BOH i 10
tan @ =tan( 4oH - Borr) =22 an =15 5 -1
l+tanHor tanBor |, 14 4 131
15 5

Vay

b) TU két qua cau a ta co: @ ~4 .

Cau 2: Trong vat li, phuong trinh t6ng quat cGa mét vat dao dong diéu hoa cho béi
cong thirc x(t|=Acos|wt+g), trog do t [a thoi di€m (tinh bang giay), x(t| 1a li d6
clQa vat tai thoi diém ¢, A 1a bién dé dao déng (A>0) va ¢ €|—n; | 1a pha ban
dau cla dao dong.
Xét hai dao dong diéu hoa cé phuong trinh:

lcm)|

tx1[t)=2cos £t+£
3 6

Z,x2(t):2cos(%t—%)(cm)

Tim dao dong téng hop x(t|=x1(t|+x2(t] va s dung céng thic bién déi téng thanh
tich dé tim bién dd va pha ban dau cla dao dong téng hgp nay

Loi giai



Lx(t)le(t)+x2(t):2coss el l42cos| -2
3 3 3

(=2|2cos Et—l cosE =2\/§cos Et—l
3 12 4 3 12

Bién do la A=2v2, pha ban déau la p=—
©. Dang toan réen luyén

‘Dang @®: Cau trac nghiém nhiéu phuong an lua chon

. 0
sinl05 ta duoc:

Cau 1: Tinh
J5- 2 I N PN N W
4 4 4 4
A. . B. . C. . D.
Loi giai
Chon C
Cé sinl05" =sin(60" +45") _5in60".cos45 +cos60”.sin45"
o: :
7 7
sin 105" :£.£+ I—£ Vo +42
= 2 2 2 2 = 4
0
Cau 2: Tinh tan 105 ta duoc:
- (2+43) 2443 2-3 -(2-3)
A. . B. . C. . D. .
Loi giai
Chon A
V6 +42
4
sin105°  J6-42 _V6+2
@n105° =cos105’ = 4 = J6-+2 =-(2+3)
Céach 1: .
1+3

. . tan 45" + tan 60"
tan105° = tan(45° +60°) —1- tan45" tan60" =1- 3 =- (2++3)

Cach 2:
Cau 3: Rut gon biéu thirc: €0s 34 cos4’ - cos30 cosS0 , ta duoc:
sin 50" sin 58’

cos 50" cos58°
A. . B. . C. . D.

Loi giai



Chon B
Ta co:

cos 54" cos4” - cos36" cos86° =cos54° cos4” - sin54°sin4" =cos (54" + 4") = cos 58"

T T
cos(x+—)- cos(x- —)
Cau 4: Rut gon biéu thic

ta duoc
\Esinx -\Esinx \Ecosx -ﬁcosx
A. . B . C. . D. .
Loi giai
Chon B
I'T I'T I'T I'T
T T x+—+x- I+ —-x+
cos(x+—)= cos(x- —) = 2sin 4 4 | sin
4 4 2 2
Ta co:
' . I'T .
= 2slny.8mn— =- ﬁ 5In x
4
3
cos——
Cau 5: Gia tri cta biéu thic 12 bang
J6 +2 J6-2 J6 42 V2- e
4 4 4 4
A. . B. . C. - D
Loi giai
Chon C
7T T I ' FaE 4
COS —— =CO08 _+_+2;T‘ =Cos| —+ —
12 L2 12 _ 2 12

Ta co:

T Jx . x . Ix 0 +42
=C08 —C0S—- SIN—5in — =- J_ J_
2 12 2 12 4

R L M =cos(-53").s5in(-337" ) +sin (307" ).sin (113°) |
Cau 6: Biéu thiuc co gia tri bang:

1
2 2
B. . C.

<
b | =

Chon A



An may tinh duwoc dap an

sin(a—17").cos(a+13")—sin(a +13").cos(a—17")

7

Cau 7: Rut gon biéu thirc:

ta duoc
) 1 1
sin 2a. cos2a. 2’ 2
A. B. C. D.
Loi giai
Chon C
sin(a—17").cos(a+13")-sin(a+13" ).cos(a—17") =sin [(a -17°)- (@ +13° )]
Ta co:
=sin (- 30") =- !
2
R¥WE 4
cos ——
Cau 8: Gia tri ctua biéu thuic 12 bang
J6 +2 J6- 2 J6 +2 J2- 6
4 4 4 4
A. B. C. - D.
Loi giai
Chon C
00537_” —=Cos l'T-I-;T-I-i‘ :cns‘. ,T+i‘ =- cos il =- cns‘- . i‘
12 12 | 12 V12 L3 4]

:—‘ EDSi.CDS£+5iI]£.5iI]£‘ JE""E
| 3 4 3 4 4

R ) . cos(120° — x)+cos(120° + x)—cos x L
Cau 9: Rut gon biéu thic: ta duoc két qua la

0. —COS X. —2¢osx. Sin X — COS X.
A. B. C. D.

Loi giai

Chon C

== — + " si - — +— 5l =-
cos(120° — x)+cos(120° + x)—cos x 5 COSx 5 slnx 3 COsx 3 SN x- COSx

=-2cosx

Cau 10: Khdng dinh nao duéi day SAI?

2sin“a =1- cos2a cos 2a =2cosa- |
A. . B.

sin?a =2 sinacos a sin(a +5) =sina cosh +sin b.cos a
D.



Loi giai

Chon B

cos2a =2cos a- |
Co nén Chon B sai.

Cau 11: Goi M =cos” 15" - s1n~15° thi:
JM :ﬁ. M :l.

M =1. 2 4 M =0

A. B. C. D.
Loi giai

Chon B

M =cos*15° - sin* 15° =(cos’15° )3 - (sin? IS"T —(cos? 15" - sin® 15" )(cos? 15° +sin’ 15°)

NE

—cos?15° - sin® 15° =cos(2.15°) =cos30° =

2
2T 4 o
COS — + COS— + COS —
Cau 12: Gia tri dung cua 7 7 ! bang
1 ) 1 1 1
2 2 4 4
A, . B. . C. . D.- .
Loi giai
Chon B
2 4 e = N 7 4 7 B
St dung may tinh de dang c6 duoc dap an
1 1
b cosa =— cosh =—
Cau 13: Cho hai géc nhon ¢ va " . Biét 3 4
cos(a+h).cos(a- b)
Gia tri bang
_113 _115 _117 _119
144 144 144 144
A. B. C. D.
Loi giai
Chon D
Ta cb :
| . . 1) (1) 119
cos(a+h).cos(a- h)=—(cos2a+cos2h) =cos” g +cos” b- 1 :[ —‘ +I _‘ -l =-—
2 3] (4] 144



sina :E, tanb :i in( )
n i 12 «ab .. - . . smla-b)
Cau 14: Néu biét va déu la cac géoc nhon va duong thi la:
20 _ 20 21 22
220 220 221 221
A. . B. . C. . D. .
Loi giai
Chon C
a,b
Ta co déu la cac goc nhon va duong.
. 8 64 15
slnag =—= cosa =l - — =—
17 V' 289 17
5 | 12 . 5
tanh =—= Cc0sh =—————==—= sin b =tanb.cosb =—
12 25 13 I
1+
144

2 2
= sin(a- b) :E.I_“- Ei:“_l
17 13 17 13 221

: 3
tan x =0.5; sin y :g (0<y<90) tan (x + 1)

Cau 15: Néu thi bang:
2 3 4 5
. B. . C. . D. .

Loi giai

Chon A
1 . 3 : 4 3
tanx =0.5 =—,smy =— (D-:y {QCI-"'):: Cosy =—= tany =—
2 5 5 4
| . 3
+. 1
I;an(_'r+y): tan x +tan _2 4 _5
|- tanx.tany _ I3
2°4
~ .M =tanx-tany .
Cau 16: Goi Y
sin(x +y)
M=—
M =tan (x- p). COS X.COS J
A. B.
_sin(x- y) \ — tanx- tany
© COSX.COS Y "~ l+tanxtany

C. D.



Loi giai

Chon C
sinx siny sinxcosy- cosxsiny sin(x-y)
M —=tanx- tany = . J_SHAeos) ey _~ - 77
COSX COSy COSXCOS y COS X COS V¥
Ta co:
R _ M =cos(a+b).cos(a- b)- sinla+b)sin(a- b)
Cau 17: Goi thi:
M =1- 2cos’a M =1- 2sin" a
A. . B.
M =cos4a M =sinda
C. . D. )

Loi giai

Chon B
M =cosl(a+b).cos(a- b)- sin(a+b).sinla- b)
Ta co:
=cos(a+b+a- b)=cos2a =1-2sin"a
. 1
SINX +cosx =— -
Cau 18: Néu = thi 3" “* bang
3 3 J2 -3
4 8 2
A. B C. D
Loi giai
Chon D

- | . . , 1 . -
SINX +COSx :; < SIN- x+28INxCOSx+C0S™ X :1 < sin2x :I

Ta co
; | bl
sina::f:—3 1<(:r.'<.7l' F =cos Eaf—g‘
Cau 19: Biét 2 vy 2 . Gi4 tri ctia ' 1a
1
P e P =- £
A. P=0 B. P=-1. C. 2, D. 2
Loi giai
Chon B
. 3 5 - 301
snag=—— = cos e =l-s8ln"er =l- —=— = cosar =+—
Ta cé 2 4 4 2
T 1
—=<g<T=cosa<0 cosc =- —
Tu 2 nén 2



| | T . 1
P =cos| 2er - E‘ =cos 2 EDS?+SII] Easm?

Do dé

) 1 . 3 s 1 .
:(2 COs™ o - I).;+251nacusa.T =CO8" ¢t - ;+ Jsine coser =- |

1+sin4er - cosder

Cau 20: Bidu thic | FSINA +COSIA (4 14 qua rat gon bang:

sin 2¢ cos 2a tan 2¢x cot 2¢x
A. . B. . C.

Chon C

| +sinde- cosda _ 2sin’ 2a+ 2sin 2arcos2a  2sin 2a(sin 2a + cos 2a) —tander

| +sinder+cosder  2cos 2a+2sin2ercos2ar 2cos2ex(sin 2ex + cos 2ex)

3- dcos 2+ cosda

2 p 2 % S x
Cau 21: Bidu thiic - ¥ ¥C0S2+C0SAT (1 g4 qua rut gon bang:

-tant tan® a - cot*a cot’ &

A. . B. . C.

D.

Loi giai

Chon B
3- dcos2or+ cosder 3- 4(" ESII]:ﬂ')+3(|- 251“2ﬂ'): -1
3+4cos2a+cosda 344(2cos - 1)42(2cos a-1) - 1
§sin” a- 8sin” & +8sin’ « .,
= - - — =tan" .
8cos a- 8cos” ar +8cos” a
o=z sin® 2er + 4sin’ ¢ - 4sin” z.cos” @
Cau 22: Khi © thi bigu thic 4-sin”2a - 4sina c6 gia tri bang.
1 1 1 1
3 6 9 12
A, . B. . C.
D.
Loi giai

Chon C



sin® 2ez +4sin” ez - 4sin” er.cos’ @ 4sin’ @

4-sin’ 2er - 4sin’ a 4(1- sin” @) - 4sin’ er.cos” @

sin” a _sintar

: NEANN
= S — = — —fan" a= BT :tan‘[_| -,
cos” ax(l- sin" ) cos” @ 6l 9

X _a
tan = =— ,
Cau 23: Néu D" thi bidu thie @50~ +bcosx bang:
a+b a+b
a b a b
A, . B. . C. . D.

Loi giai

Chon B
54 - a
: 2t h 2ab 1- ¢ B2 b -a
siny =——— = — = —  COSX = = — =
. X _a t a a +b +t a-  a +b°
[ =tan— =— 1+ 1+ —
5 2 b b b*
bat nen )
. 2a°b b -a'b
asinx+bcosxy = ﬂﬂ —+— a —=h
. a +b  a +b
Vay
x 1 sinx
tan — =— e,
Cau24: Néu 2 2 thi gid tri cua biéu thirc 2- 3cosx bang.
1 2 3 4
A. . B. . C. . D. .
Loi giai
Chon D
o 1l - I
: 2t = a - ¢ 4 3
I Sinx =—s =—5-=_ c0Sx=—F=—"F=_
[ =tan— =— 1+17 14 L+ 4 >
2 4
bat nén ,
sinx_ _ 5 _,
2-3cosx 4 Y
5
Vay
: 1 | +sin2x+cos2x
sin x =—

3 va 00" < x <180°

. N1 , n2x- 2 s . n
Cau 25: Biét thi biu thie | ¥502X - COSIX o4 434 tri bing:

1
22 22 -22 22

A. . B C. . D.



Loi giai

Chon C
. 1
sinx =—
3 00" < x <180°
Ta co: va .
-2 . - 442 s 7
= CcOsxy = J_ sin2x =2.81NX.C08X = 4J_ cos2y=1-2sm" x =—
3 9 9
-2,
= 9 Y _
| +sin2x +cos2x | INCI
. U | +sin2x- cos2x 9 9
thay vao biéu thuc ta duoc:
R ) . P=cos(120° +x)+cos(120° - x)- cosx L
Cau 26: Rut gon biéu thic ta duoc két qua la:
0 - CcOSXx -2cosx SN X~ COSX
A, . B. . C. . D.
Loi giai
Chon C
P =2c0s120° cosx- cOsx =- COSX- COSx =-2C0SX
Ta co:
Cau 27: Tich s6 cos10°.cos30°.cos 507 .cos 70° bing
1 | 3 1
A. 16 B. 8 c. 16 D. 4
Loi giai
Chon C
L] 0 L] 0 L] (] I 1 1
cosl0 .cos30 . cos50 .cos70 =cosl0 .cos30 .;(EDSHD‘ +cos 20° )
ZEI cos10 +|:053E} +cosl0 ‘ :E_l:ﬁ
41 2 2 4 4 16
R . A=sin"(a+b)-sin’a-sin" b __ L
Cau 28: Cho biéu thuc Hay chon két qua dung
A =2cosa.sinb.sin(a +b). A =2sina.cosh.cos(a+h).
A. B.
A =2cosa.cosh.cosla+h). A =2sina.sinb.cos(a +5b).
C. D.

Loi giai

Chon D
Ta cb :



—sin*(a+5) - cos2a 1-cos2b
A=sin"(@a+b)-sin"a—sin"b — a " "

' ) I
— = |TJ. - ) '}fj. .
=51in (ﬁ‘+ ) |+_}(CDS...H+CDS... ) -c S'( [.) o S(ﬂ [.)l: S(ﬂ- [.)

=cos(a +5)[EDS(G- h)- cos(a H?)] =2sinasinbcos(a+h)

Cau 29: Cho =37 28" ¥ {hi 46 gid tri 16n nhat cia M 1a

3 5 6 7
A. . B. . C. . D. .

Loi giai
Chon B

O=ssin"yx<l.WYxeRe 0=-2sin"x=-2, YxeR< 5=5-2sin"x =3, YxeR
Ta co:

5
Gia tri 1é6n nhat la

¢ 2 R 7 ) —. 2 =7 Try R
Cau 30: Gia tri 16n nhat clia bidu thie M =7C08 ¥~ 28107 1y

-2 5 7 16
A, . B. . C. . D. .

Loi giai
Chon C

' : = 1 : = '} 1 : 7T
M ?(I 51N r) 28IN° X _5 gt

) 0 <sin” x <1
Ta co:

= 0=-9sinx=2-9, VxR

= 7=7-2sin" x=-2

7
Gia tri 1én nhat la
Cau 31: Cho M =0C0S X +38I0°X i 46 gid tri 16n nhat cia M 1a
1 5 6 11
A. . B. . c. . D. .

Loi giai

Chon C



Cau 32:

Cau 33:

M =6(1- sin® x)+5sin® x =6- sin® x

0 =sin"x =<l Vx€R
Ta co: ,
= 0=-sinx=-1 VxR

= 6=0-sin"x=5 YxER

7

6
Gia tri 16n nhat la
% A} Ba C N s 7 ) .7 ABC: . s
Biét la cac goc cua tam giac khi do.
sinC =- sin(4 + B). cosC =cos(4+B).
A. B.
tan C =tan(4 + B). cot C =- cot (4 + B).
C. D.
Loi giai
Chon D
A4,B,C ABC A+B+C =180° = C =180" - (4+B).
Vi la cac goc cua tam giac nén
C (4+B)
Dodé va la 2 géc bu nhau.
= sinC =sin(4+ B8): cosC =- cos(a+h); tanC =- tan (4 + B): cot € =cot (4 + B).
e 145 Bn C N s s > .7 ABC: . s
Biét la cac goc cua tam giac khi dé.
| A+ F | C | A+ B | C
Cos =C0s —. Ccos =- COS—.
2 ] 2 L2 2
A. B
A+ R A+ R
tan At5 :thE. cot A+5 =cot E
. 2 2 2 2
C. D
Loi giai
Chon C
A4,.B,C ABC A+B+C =180" = C =180" - (4+B)
Vi la cac goc cua tam giac nén
C + +
L C gy A*B C  4+B
2 2 2 2

Dodé va la 2 géc phu nhau.



. C + A O . A+B C A+ B C A+ B
:’SII]?:EDS ;CDSTZSII‘J .ftEII‘JT:EDl ;CDI?:I,B.H r_—

3 1
cotx =—, coty =—
7

Cau 34: Biét , Y dsula goc duong, nhon thi:
_r+v_£ x‘+‘— JT ¥+‘_ JT r+1_;fr
XT) XT) 3 AT 3 X)) 6
A B . C. D
Loi giai
Chon C

3 4 I
cotx =—= fanx=—:;coty=—=tan y =7 =tan 2 =2
3 7 2

P

tanag +tanb =2

tan (@ +h) =4
Cau 35: Néu biét thi céc gia tri cua tan.a, tan 5 bang

15 13

373 272
A. hoac nguoc lai. B. hoac nguoc lai.

3 3
B LB
2 2 2 2
C. hoac nguoc lai. D. hoac nguoc lai.
Loi giai
Chon D
tan g + tanh =2
tan (@ +b) =4
Ta co
+
tan(a +b) =4 = fana+tanb =4= 2=4- 4tana.tanb= tana.tanb :I—
. |- tana.tan b 2
tw .
.r.i - 2 ir +— :D

= tan a,tan b 2

theo thi ty la nghiém cta phuwong trinh

3 3
= tana =1- %,I‘anbzhé

hoac nguoc lai.

Cau 36: Hay xac dinh hé thuc sai:



sin4x

sinx.cos" x - COS xSIn° x =

A. .
- . J+cosdx
sin“ x+cos’ x =———
4
B. .
I +5inx T x
- =cof| —+—
COS x 4 2
C.
; s 2cos4x +0
cot"x+tan" x =———
|- cosdx
D.
Loi giai
Chon C
. . - : , - 1 . sindx
$iNx.cos x - €O xsin” x =sin x.cosx(cos’x - sin” x) =_sin2x.cos2x =
A. .
. . . | I 1-cosd4x, 3+cosdx
sin® x +cos’y =1- 2sin” x.cos’x =1- —sin” 2x =1- —( =
2 2 2 4
B.
T L LT X
. - + 2sin?(=-+
l+sinx . EDS['} X) st (4 1} T oox
- T T T X =tan(+2)
cos x sin( —+x)  2sin( = +x)cos(~+2) =
2 2 4 2
C.
3 +cosdx
. . _cos'x sin‘x  cos'x+sin’x 4 2cosdx+06
cot" x+tan” x = + = = =

Y

sin“x cos'x cos asin’x l-cosdx |- cosdx

a3
D. .
Cau 37: Trong cac hé thitc sau, hé thitc nao sai?
cos2x  1- tanx
l+sin?x 1+tanx 4sina.cosa(l- 2sin” a) =sin4a
A. . B. .
cos 4a = Scos ‘a- Scos’a+1 cos 4a- 4cos 2a+3 =8cos’a

C. .D.

Chon D



cos2y _ cos’x-sin”x _ (cosv- sin x)(sin x +cosx) _cosx- sinx _I- tanx

1+sin2x _(sin x + cosx)’ (sinx + cosx )’ sinx+cosx 1+tanx
A.

4sina.cos a(1-2sin’ =2 sin 2a.cos2a=sin 4a
B.

cos 4a =2cos” 2a- 1=2(2cos" a- 1)"=8cos “a- 8cos a+1
C.

cos 4a - 4cos 2a+3=2(1- 2sin"a) - 1- 4(1- 2sin” a)+3 =8sin’ a
D.

. 4
sina =— A
Cau 38: Néu 3 thi gi4 tri ctia 5% 1a:

527 527 524 524

625 625 625 625
A. . B. . C. . D. .

Loi giai

Chon B

- = 2 =587
sin ot 4 cnsla=|—2{i}3 _T cosda=2cos’ 2a-1=2 _49 -1 :gg. 025 _ _5“?
5 5 25 625 025 625

sing - cosa :I—(IBS" <a<180")
5 tan 2a 12

Cau 39: Néu thi gia tri dung cua a:
i 20 20 24 ) 24
7 7 7 7
A. . B. . C. .
D.
Loi giai
Chon C

. 1 . | . 24 , 3760 7 24
sina@- cosag =—= |l-sn2a=—=s5n2a=——=cos2a = Jl- — =—— = tan 2a =—.
5 25 25 625 25 7

Cau 40: Trong cac ménh dé sau. Ménh dé nao sai.

4sini.cns[ 30"- % ‘.sin[ 00" - E‘ :sinB—a
2 | 2| | 2 2

A.

NE)

cos10°.cos30".cos50".cos 70" :E
B.



.oa . T+a . T-a .
4sin—.51n 51N =S8lNa
3 3 3

C.
i T+a Jd=4a
dcos—.cos .COS =COSa
3 3 3
D.
Loi giai
Chon B
4s1|1_ cr:rs[ 30° - ‘ sm[ 60" - = ‘ E[Sin}ﬁ’ +sin(a - 30° )I .sin[ 60" -
A. - |
_sm[ 60" - +|:r:+s[ 3_a_ 90" |- cos[g+3t}" :cns[gt}" - BTH‘ :sin}Ta

s )

3

cos10”.cos30".cos 50", cos 70° =—-cos 70" cos 50 cos 10"
B. B

:ﬁ[ - l+ cos20" | .cos 10"
4 9

. , 3
cos 120" + cos ED"] .cos 10" :T-

N:

=—" cosl0" +
8

3 V3

= cos 30" +—Dcr:+s 10" =

J‘J‘z
16

1(]‘ ".|‘.—Ir

o . dT+a . d-a a 2 2
4sin—.sin L81n =2sin—|cos—- cos—

C.

2a . a . a . . oad . od .
=205 —. 51N —+51N — =s1Na- sl —+ 51— =slng
3 3 3 3

2T .

q- 23 2a
COS—— +C08 —
3 3

i T+a i i
dcos —.cos .COs =2Cos—
3 3 3

3
D.

a 2a a a a
=- 05—+ 005 —.C05— =- COS—+C05 g +C058 — =C0sa

Chi cé B sai.

Cau 41: Trong cac hé thirc sau, hé thitc nao sai?

. T T 2sin2x+43
51n[x+—.‘.ms[x— —.‘ :—J_
| 0 | 0| 4
A.
. T . 2T l[ T 27
sin —.sin—— =—| cos— + cos ——
5 5 2 5 5



Cau 42:

Cau 43:

R 4 D A 1 I 1
sin .r+__|.51n x- —_‘. cos2y =— cos2x- — cosdx- —
. o) | o) 4 8 8
C.
Scosx.sin2x.sin3x =2(cos2x- cosdx - cos Gx+1)
D.
Loi giai
Chon C
N 2N 2 1 '
sIn| x+—|.8in| x- —|. cos2x =—| coS—- cos2x| cos2x
| o) | ) 21 3 )
C.
1 1 s 1 1 1
=—c0s2x- —c0s” 2x = —cos2x- —cosdy- —.
4 2 4 4 4
Trong cac hé thic sau, hé thirc nao sai?

3+ 4cos’x =4sin (x- 60" ).sin (x +60°)
A.

sin” x- 3 =4cos(x+30° ).cos (x+150°).

B.
4sin| 2x- T ‘.sin 2x +T ‘
2 | 0 | 0
3- cot'x= -
Cos X
C.
. . ' +b).sl - b
- tanth <50 (a w:l sin Fa )
COS a.cos b
D.
Loi giai
Chon A
. .
. =2 —-cos2: _ .y

3 + 4cos’ x =3- 2(1+cos2x) = 1- 2cos2x | 2 T, = 2(cos60° - cos2x)
A.
=- 4sin(30" + x).sin(30° - x) =4sin(x + 30°).sin(x- 30")

- L 2T . L 27
sin® x +sin’ T+.r +sin’| ——- x

Biéu thic ' ' ' " khong phu thudc vao * va cé két qua
rat gon bang:

2 3 3 4

3 3
A. . B. C D.

Loi giai



Chon B

Cau 44:

Cau 45:

el

2 L 2T
+5in° | =—- x
|3

1 ) 1 a ..u"-l.r
SIN” x +s51n° ? +x

s 2

. 2T 2T . 2T 27
5N —.COSX + COS—.Sinx
3 3

=sin’ x +

- . L 20T . 2T,
=sin" x+2sin- T.CDS' T+ 2cos T.sm' x

s Jlo o

, , =—. 5
= cos(2a- b) =cos2acosh+sin2asinh 5 .10

Cho M =3SINx+4COSX oo khidng dinh dang.

M <5 M >5 M =5 -5 =M =5

A. . B. . C. . D.
Loi giai

Chon D

H — J-II'T H
+[ 81N —.CO8 x = CO& ?.SII] X

=sin” x + E.E.cnsz x+ 2.lsin: x :E(sin: x+cos’x) :E
4 4 2 2
fan :l{t} <g <90°),tanb =- 1{90' <h<180)

o v 2 3 .cos(2a-b)y , ., . .,
Néu biét thi cO gia tri dung
bang:

Jid Jio R 5
10 10 5 5
A. . B. . C. . D. .
Loi giai
Chon A
- ]
tan o :l:; cosla=—4 :En sin 2a :i
2 I 5 5
1+
4
talnb:—l—{gﬂ'cbclsﬁ}:r cosh=— 4 =3
3 1, Ao
L+(- )
3
= sinbh =tanb.cosh :—Ii :I—
3 410 o
3 -3 _4 1 -1



M =5 gsin x +§msx =5sin(x+a) COS a :E_;sinﬂ :i
| . voi

-1 =sin(x+a) =1
Ta co:

= -5<5sin(x+a) =5
A s wy 2 M =sin" x+c0s  x
Cau 46: Gia tri lon nhat cua bang

1 2 3 4
A. . B. . C. . D. .

Chon A

I ] ]
M =l- —sin” 2x
2

Ta cé

» 2
0 =sin” x =1

Vi
1 1. .
= - —=-_—5In"2x =0
2 2
1 1 ..
= —=]- —smn” 2x =1
2 )

Nén gia tri 16n nhat la

A ./ . 2 ~ 2 A — 1 _._ + _._ \
Cau 47: Gia tri nho nhat cua M =sin-x +00s v gy

1 1

0 4 2 1

A. . B. . C. . D. .
Loi giai

Chon C

. . 1 .. 1
M =smn” x +cos” x =] - S sin 2x=l- 5

bd | =

v=2 4kl kez
5 2

D&u bang xay ra khi

1 B k]
- sln ?CDS' =0

i

A ;
81N —C08°
2

i

:
2

[

ABC

A A ./ L . A,B,C _, ~
Cau 48: Mot tam giac CO cac goc thoa man



thi tam gidc do co gi dac biét?

A. Khong c6 gi dac biét. B. Tam giac d6 vuong.
C. Tam giac d6 déu. D. Tam giac d6 can.

Loi giai

Chon D
oA . B
sin —cos” —- sin BI:DS"‘ A =0 < ™ 2 _ - 2
2 2 2 2 A~ B
Cos” COS"
2 2
Ta cé
A E A4 B
= tan—‘ | +tan” —‘ tan—‘ | +tan” —‘ = lan—:tal — = == A=h8
2 2 2 2
‘Dang ®: Cau trac nghiém dung, sai
. | i
. sma =— — << .
Cau l. Cho biet 3va 2 . Khi d6:
Y b |
COSer =- “J:
a) 3
. 402
sin 2er =- J_
b) 9
cos 2 :z
c) 9
5
cot 2ex :E
d) 8
Loi giai
| a) Piing | b) Piing | ¢) Piing | d) Sai
LT .
Vi = < <70 neén cosa <0,
. - 1 & 242
cos o =1-sm- o =I- a:—zv COs ¢ =- J_

Ta co:



sin2er =2sinercosa =2 — - =-

Y
3 !

!
3

| 9
cos2er =1- 2sin & =1- 2 I—‘ :E
| 3 9
in 2 3 7
tan 2¢x AT 4£;cnt2a = I =- ?J:
cos 2er 7 tan 2ex 8
| 3T
. cos2a=- — T<a<—
Cau 2. Cho biét 4 va 2 Khi do6:
a) siner < 0, coser <0
. J10
SNy =——
b) 4
6
COosf =
¢) 4
cotear = }:"
d) J
Loi giai
| a) Piing | b) Sai | ¢) Sai | d) Puing
< -::3"7I
TRes sin < 0,cosax <0
Vi nén
cos 2ar =- l=* 1- 2sin” @ =- I—= sin® a :E=, sine =- @
, 4 4 8 4
Ta co: ;
coser =- +fl- sin” @ =- 'I- % =- ?
ana _sing :Jﬁ
Coscr 3
coter = I :E
tan o 5
. o7
o sing ==,—<a<Tm
Cau 3. Cho biét 5 2 . Khi do6:
a) cosa <0
COoscf == —
b) 5
tan :i
c) 4
' T| 48-43
I;an[a+§‘ = ”J_

d)



Loi giai

| a) Piing | b) Piing | ¢) Sai | d) Sai
LT
Vi ?cacﬂn cos o = (.
Tacd coser =-+fl-sin’ a =- ;
= I;ana:mna =- E
COS 4
- t +tan "
[ ,r‘ AEFEl S tanag+3
tan| ¢ +—| = =
"3 - tanertan '3 - V3 tana
Ta co:
_ RS
T 4 34443 48-253
tana+—‘: - 3_: -J_:
3 Iﬁ[ ‘ 4+33 11
L 4]
Suy ra:
. 2 3T -
o osinag =- —,—<a<2t
Cau 4. Cho biét 13 2 . Khi do:
a) cosa >0
COS¥ =—
b) 13
12
tan =- —
c) J
cos[i— af| :5_1"'6
d =0
Loi giai
| a) Piing | b) Piing | ¢) Piing | d) Sai
l’ T ‘ T . T
COS| —- o | =cos —cosea +5in —sinea
3 _ 3 3
Ta co:
¢ 1)
:lcnsa+£- - I—“ :I—c saf—u.
2 2 0 13) 2 13

3T
T-::ae.:lT:r cosex =0

Vi

h 5
cosar =«fl - siIn”- a =—
13

Taco



5 6B _5-123

cns[ T-a ‘ _!
| 213 13 26
Suy ra:
osinx =— 0<x<™

Ciu5. Cho biét V3 va 2 ; khi do:
a) cosx > 0

COosSXxY =—=—
b) 3

3

fanx =—
c) 3

COS r+£‘ :JE_ 3.
d) 3 8

Loi giai
| a) Ping | b) Plng | ¢) Sai | d) Sai
0<x<Z
cosx >0

a) Vi nén

. | — [ 1 _ b
SINX =—==> COS. :\fl-sm'. =[l- —=—
N ‘ ‘ 3703

Ta co:

o) T . T
COS .‘r+§ =C0S XCO0S — - sinxsin— =

12 3T
L, COSX=-— T<x<— _
Cau 6. Cho biéet 13 va 2 ; khi dé:
a) sinx >0
. 5
sinx =- —
b) 3
5
cotx =—
9) 12
T =12
sin[ T. T :—5 I“ﬁ
d) 3 ) 26
Loi giai
| a) Sai | b) Piing | ¢) Sai | d) Puing
3T
T<X<— ,
2 smx <0

Vi nén



12 . -
Ccosxy =- Ej sin x =- 1||'I - CO8" x =-

Ta co:

_|'}J_

AR

3. 13) 20

. I T
sin| —
3

g g
—SIIIEEDST EDS—SII] r=

Cau7. Cho biét tanx =2 y3 0<x<90  Khi dé:

a) cosx > 0
NEY
COsSXY =——
b) 3
e
sinxy =——
9)
cos(x-30) :3_;!5
d)
Loi giai
| a) Pung | b) Diung | ¢) Pung | d) Sai
0<x<90 cosx >0
Vi nén
I 2 3 I 3
=l+tan " x =l+2=3= 05 x =—= COSx =
. COs x 3 3
Ta co:
tan x _Snr 5in x =tan x cosx :£
o COS X 3
Mat khac:

V3B Vo

cns(v 30 )—EDS xcos30 +sin xsin30 T

3+JE

!
2732 6

_ sina :E,tanb :i
Cau 8. Bict 17 12 va a, b 1a cac goc nhon. Khi do:
tang =—
a) 15
21
sinfa- b) =
b) 221
cos(a+b) = E
C) 22
tan(a +45) :E.
d) 14

Loi giai



| a) Piing | b) Puing | ¢) Sai | d) Sai
a,b cosa >0,cosb =0
Vi la cac gbc nhon nén
cosa =+y1- sin’ a SN tan @ =4 =8
) 17 cosa 15
Ta co: ;
1 12 5
cosh =, |———— =—= sinbh =coshtanbh =—.
l+tan’h 13 13"
Khi do:
% ¥
sin(a- b) =sina cosh- cosasinb _E I— E i:“—I
17 13 17 13 221
2
cos(a+h) =cosacosh- sinasinh —E I—“ E i :E
17 1 17 13 221
8 . 5
tan(a +b) = tana +tanb _ 15 12 :I?I.
|- tanatanb 8 5 140
15 12
T T
O<ab<—,a+hb="—
Cau9. Biét 2 4 yj lanatanb =3- E‘E. Khi dé:
a) tana+l;anb:—2+2ﬁ.
b) tan o =- |+-JE
c) tanb =-1- NG
d) tanag - tanh =-2 - E\E.
Loi giai
| a) Pung | b) Piing | ¢) Sai | d) Sai
+ 7
tan(a +5) :I;ana—tanbﬂ tan a + tan b =tan(a + b)(1- tanatanh) a+b="
l- tanatanb . 4
ma va

tanatanh =3- E-E
= tana +I;anb:tan%[l— (3- E-ﬁ}] ==2 +2~.E.

S =tana +tanbh; P =tana tanb
bat

tana, tan b
Khi do la nghiém cua phuong trinh



X -Sx+P=0e X -(242-2)x +3-242 =0

= X:-I+~f§. taliaztallb=-|+~.ﬁ
Suy ra .
CAiu 10. Biét tana =2 Khi do:
|
coter =- —
a) 2
3
cos2a =- —
b) 5
sin2a =—
c) 5
4
tan 2 =- —
d) 3
Loi giai
| a) Sai | b) Piing | ¢) Pung | d) Pung
) 2 2 3
cos2e =2cos - l=—— -1 =—-1=- —
) tan” ¢z + 1 5 5
Ta co: ;
¥ Y
sin2er =2sinarcosa =2tanacos” o :ﬂ :i;tan 2a = S =t i
tan“er+1 5 cos2er 3
. . 4 7 T
o osin2a =- —, —<a<—
Cau 11. Biet 5 2 2 Khido
a) cosa <0
2sine cosr =- i
b) 3
COScr =— 2 sine = 1
R N
CoScr = -1 sing =- 2
P H N
Loi giai
| a) Pung | b) Piling | ¢) Piing | d) Sai

sin” ar +cos” o =1

. 4
2sinercosa =- E



1—:4-':05:;1 =l 25c0s° - 25cos’ @ +4 =0
— | 25cos "o . =] 5
sina =- —= se== Scoser
Scosa
4 _=2
2. _ oS =—
cos —E JE _2 . 1
oS =——,SiNa =——
= cos ? :} = 4| oS :__l = J? \i;_g
S V5 oS =—=,Sina =——
SN =- 2 i "'@' ‘E
= Sner =-
SCD'SQ' | Smsa
. 2 T
sing =—, —<a <o
Cau 12. Cho 3 2 . Khi do6:
NG
COS¢¥y == ——
a) 3
R
tan cr =- “ﬁ
b) 3
" -7
CDS[ E-{-a’ ‘ :M
c) 3 _ \
" - g
cns[ T ‘ :—ﬁ _ 22
Loi giai
| a) Diing | b) Piing | ¢) Sai | d) Sai
. 2T
SINect =—, — <@ <0
3 2
._}_3
cos’ @ =l-sin“a=1-|= :En COS (¥ :iE
| 3] 9 3
Ta co:
T
—<a<TT COosa¥ == —
2 3
Vi nén
1 )
. _sina __ “Jf_a
COS e 5

b | —

T ' T . T .
cos| — 4+ | =cos —cose - sin _sing =
| 3 , 3 3



[ - : : 5 (-5 J2 2 - 2.2
cns[ T ‘ —cos’_cos et +sin sin ez :£- £ +£ Z= m+“£
4 4 4 2 | 3] 2 3 0
cot x :-J?T._E{_T{l’r
Cau 13. Cho 2 . Khi do:
sin x =- @
a) !
B
COSX =—
b) 10
. [ -J1o
sin x| =——
c) \ 5
tan r+_‘ _£
. 3
d)
Loi giai
| a) Piing | b) Sai | ¢) Puing | d) Puing

ar
cot x :—-.E._T{ x= 2T

i

J10

=l +cot’ x =1+(- W3 =10= sin’ r—%=r s.1nr—+W

J10

. 3T L
Vi —=x<27nén siny = —

Sll] X

2 10
cosx =cot x sinx =-f3 —E :@.
10 10
sin[ﬂ-. —Sll]4—TEDST EDS—Sln =- £ £‘ iﬂ:ﬂ
3 3 3 2 10| 2 10 5
tan x = : :—ﬁ
cotx 3
- tan x + tan " _‘E+J§ N
i ;‘ 3 3 N3
nfx+—| = ra ="
' 1- tan x -tan |_"'E'.J§ 3
3 3
. 1 J
sina =— O<a<—

Cau 14. Biét: 3 va 2 Khi do:



. 2
sin 2 =——
a) 9
cos 2ar -—*z
b) 9
tan 2¢x :E
] 7
3
cot 2er :E
d) <
Loi giai
| a) Sai | b) Piing | ¢) Sai | d) Sai
. 1 JT
siIna =— O<a<—
3 2
Ta co: va
r y 2 2
cos” ¢ =1- sin” e =1- l‘ :§=v COS ¥ :i“J:
ey 9
D<a< T COSs ¥ :ﬁ
2 3
Vi nén
. . 1 242 442
sin2er =2siner -coser =2 — - J_ =
3 3 9
ENCEE 0?
cos 2er =cos” - sin" a = 22 - [ l‘ :1
3| 13] 9
in’? 2 7
tan Jer = sin 2o :4J: : 1 :4J:
cos 2o 2 9 7
2 442 T Tf2
cot 2er :E?S “ = J_:—: J_
sIn 2ex 2 9 8
2
COSfYr =—, 2T < (¥ < —
Céu 15. Cho 3 2 khi do:
5
sin e =£
a) 2
5
sin 2¢r :45
b) 25
cos 2 =- E
c) 25
= 7
tan 2ex = Jj
d) 17
Loi giai
| a) Ping | b) Ping | c¢) Pung | d) Ping




ST
coser =—,27<a<—.

2
B 2

., ! 27 21 J21
sin” o =1- cos” e =1- E :1—=r slner =+———
Sr . V21
2T<a <— sing =——
\ 2 ~ 3
Vi nén
. . -J'EI 2 4421
sin2er =2sinercoscr =2 - ==
5 5 25
s - 2| 21 17
Cos2ef =CcOos  ¢r-sIn" o =| —| - = —
| 5 25
sin2a 4421 =17 -4421
tan 2ex = = : = .
cos2a 25 25 17

 cos2a :E,E}' <a <90
Cau 16. Biét: 9 . Khi dé:

V28

singy =~ —
a)
cCoOsdy :Jﬁ
b) 9
tan cx :ﬂ
c) 53
371
cotor =—
d) 14
Loi giai
| a) Piing | b) Piing | ¢) Sai | d) Pung
5 . .
cos 2ex :a._l:} < =90
Ta co:
I ) [ 5 .‘2
. 1- cos2e | 9| 28 . 28
sin” e = = =—_=sina =+

2 7

28

. . sine =
0 < <90

Vi nén



23 ‘ 53 N5

cos ¢ =1- sin” & =1- 5 =— = CcoSC =+—1
53
& o CDSG" e
0 < <90 0
Vi nén
5in er 21}'
tan e = = 371
COS 7 53
1 ql"_’r'?l
coter = ==
tan e 14

Cau 17. Bién doi dugc cac bi€u thure sau vé dang tich s6. Khi do:

cosdx+cosxy =2¢0s2x -cos3x
a)

. . . X
Sin3x+sin2y =2sin2x cns;

b) ;

. 5x . 3x
cos4x- cosx =-2sIn —-Sin—

c)
sin5x - sinx =2cos3xsin2x
d)
Loi giai
| a) Sai | b) Sai | ¢) Piing | d) Pung

cos3x+cosxy =2cos2x COSx
a)

. . . S5x x
SiN3x+sin2xy =250 —Cos —
2 2
b) 5
. 5x . 3x
cosdy- cosxy =-2s5In—sin—
2 2
c)

sinSx- sinx =2cos3xsin2x

5inx :l._ T < x<T
Cau 18. Cho 5 2 . Khi do:
sin 2x :ﬂ.
a) 5
5
cos2x :——3
25

b)



tan 2x =———
c) 3
-
cot2x = 230
d) 120
Loi giai
| a) Sai | b) Diung | ¢) Sai | d) Sai

T 2T .
?{_T:':,T:* T-::Er-::l?ﬂ T<2y<2r= smn2x <.

I'T
?{.T{,TZ" cosx=10

sinx :%=v cosx =-+f1- sin® x =-
| { EJE"__4JE
5| 5

2J6
—

sin2x =2sin x .cosx =2 E

T 2
—exyeg= —=2y=ly= g<2y<2r= coslx >0,
3 )

- 1 23
cos2x=l-2sm - x=1-2 —=—1.
25 25
4o 23
T :sin 2x _ 5 _. EDJE.EDI 2y _cos2x _ 25 23-@'5.
cos2x 23 sin2x  4af6 120
25 g
| 4
COSY =—, —<x<.T .
Cau 19. Cho 5 2 . Khi do:
sin :—Jﬁ
ay 2 4
x 415
COS— =——
b) 2 4
tan — :ﬁ
9) 3
x 6
coft— =——
d) 2 2
Loi giai
| a) Sai | b) Sai | ¢) Pung | d) Pung




T T x T . X
—exer= <<= s5n_=0
3 2 3

‘Dang ©: Cau trac nghiém tra 16i ngan
sin x :l._i-: =T
Ciu 1: Cho 52 . Tinh cot2x
Loi gidi

siny = <y T

b3 | 5

1

5 cot2x

Cho . Tinh

T 27 (cos2x >0

—sys = ——=<y<ly=> g< 2y <=

2 2 (tan2x <0
s 1 23

cos2y=l-2sm x=1-2 —=

25 25

I'T
?{_T{,T:P cosx <0

5
sinx :;—=w cosx =-+f1- sin” x =- “f.
' EJE" _ 4fe

. . 1
sin2x =2snx cosxy =2 — o -
5 1
23

cos2: 234J0
cot2x = T 25 - Vo

sin2x 446 120

5




T ¥
f:mﬁcﬂﬂna:lmmﬁ:—i
CAu 2: Cho cac goc %5 thoa man 2 3 3.
sin(ex + )
Tinh
Loi giai
T (cosa <0
—<a,ff<sa= 1 |
2 sinfi>0
Do .
— ’ I 22 : ' 4 5
cosct =-+f1- sin" & =-,[1- 9 =- :’_;smﬁ :-|||I— cos” i =,]1- m :g
Taco .
. . . 2] 22 242
sin(ex + f7) =sin ¢ €os 7 +cosar sin :I_{ -+ - E =- —Jm
30 3] 3 3 9
Suy ra
. 242
mMa+ﬁﬁ:-—EﬂE
Vay
sin o = (90 180 )
=z <(r =
Cau 3: Cho 5 va . Tinh cos&
Loi giai
- . : - 317 16 4
SsIn" @ +cos” a =]l = cos™ @ =1- sin azl—[—‘ =— = [0S =+— _ _
| 5 25 5 90 <@ <180
Ta co: .
oS <0 COsS¢cf == —
Vay
sine = : [|gg' "?G')
Y . <<t ,
Cau 4: Cho 3 voi . Tinh COS«
Loi giai
. | . | 8 22
singt =- —= cos™ @ =1- — =— : . coscf =——
3 9 9 270 < <3060 cosa >0 3
Ta co Vi nén do do
I I
, Ccosa =—;cosh =— ,
CAau 5: Cho hai géc nhon @ va b Biét 3 4 . Tinh gi4 tri ctia biéu thirc:
P =cos{a+b)cos(a- b).
Loi giai
sin“a =1- cos” a :§.:si|f h=1-cos b :E
9 16

Ta co:

nén



P =(cosacosh- sinasinb)(cosacosh +sinasin b)
=(cosacosh)’ - (sinasin b)® =cos” acos” b- sin’ asin® b
1 815 _ 119

|
916 9 16 144

tana :l tan b :i
CAu 6: Cho hai goc nhon @ va b véi 7 va 4 Tinh a+b

Loi giai

1 +3
tanl[a+b]1:tanﬂ+tanb _ 7 4 _,
|- tanatanh | 13
7 4 a+b=45
Ta co: , suy ra

Ciu 7: Cho tam gidc 4BC ¢4 @n #sin’ € =tan ¥ sin’ B . Khi d6 tam giac 4BC can tai diém
nao?

Loi giai

0< B E<is0

Ta co

sin & - sin & - 1 , 1 .
S st =T sin’Be sinlF =——sin &
) cos & cos & cos & cosC
Tur gia thiét, ta co:

e sin B cos B =sin BcosB _I}—sin 2 :I;sin 2B

=20 =2B +k2n(keZ) = 2 =2k B,C =B-F=0=B=k
(do la cac gdc cua tam giac)

~ ABC A
Vay tam giac can tai

2sin x

O =tan3x- tanx-
Cau 8: Rut gon cos 3x
Loi giai

Ty i : A ot
2smx  sin3x  slnxy  2sinx
" =tan 3x- tan x - = - -

. cos3x  cosldx cosx Ccosix
Ta co:

_sin3xcosx-sinxcos3x 2sinx _ sin2x 2sinx

COS3x COS X cos3x  COs3xcosx  Cos3x

_2sinxcosx  2sinx _2sinxy  2sinxy
cos3xcosx  cos3x  cos3x  cos3y

0.

Cau 9: Bién d6i thanh tong biéu thic sau: 4sin3xsin2xcosx



Loi giai

dsin3ysin2xcosy =dsin3xycosxy)sm 2y =4 —(sindx +sm 2x)sin 2x
)

: : - . 1- cosdx |
=2sin4xsin2x+2sin” 2x =(cos2x- cnsﬁx}+2[—
| 2 =cos2x- cosdx- cosOx +1
T T '
COSxCOs| —- x|cos| —+x| =kcos3x
Cau 10: Biét ring , khi do k =7

Loi giai
T a1 2 '
COSYCOS| —- x|Cos| —+x| =—cosSx| cos—+Cos2x
3 |3 |2 | 3 )

_ I I 1
=—C0s xC052x- —C0s x =—(Ccos3x +CcoSx)- —Ccosx =—cos 3x
2 4 4 4

N N ' - 2gj + ) =ks) o I —

Cau 11: Biét ring sin3x- 2sin x(cos4x +cos2x) =ksinx khido k =?
Loi giai

sin5x - 2sin x{cosdx +cos2x) =sin5x- 2sin xcos4x - 2sin xcos 2x

=sin5x- (sin Sx- sin3x)- (sin3x- sin x) =sin x

J
- —

p=— , _ 2 : : 2
Céau 12: Cho 3 . Tinh gid trj cta biéu thirc sau: A =(cosa +cos ) +(sina+sin f)

Loi giai
A =cos’ a+cos” ff+2cosacos f+sin’ a+sin” fF+2sineasin
: : T
=2+ 2cosercos 7+ 2sineasinf =2+ 2cos(ar - i) =2 +2c05§ =3

JT

3 . Tinh gi4 tri cta biéu thic sau: B =(cosct +sin )" +(cos i - sina)”

o
Cau 13: Cho

Loi gidi
B =cos a+sin” fi+2cosasin ff+cos [ +sin” a- 2sinacosf
=2+ 2sin ffcoser - 2cos fFsin

A N
3.‘ 2-\3

=2+2sin(f - &) =2+ 2sin




Céu 14: Rut gon biéu thirc sinoacot3a- cosoa;

Loi giai
s5in 6 cot3a - cos 6a =2 sin3acos3a E?S 3a (2 cos” 3a - I)
) sin 3a
Ta co:
=2cos’ 3a- (2cos’ 3a- 1) = a)
(khong phu thude

Cau 15: Rit gon bidu thirc (tana- tanb)cot{a- b)- tanatanh
Loi giai

tana - tanb

(tana - tanb)cot(a- b)- tanatanh =—————— - tanatan b
tan(a - b)
Ta co:
t - tanh
— g~ o tanagtanh =l +tan g tanb - tana tan b =l
tana- tanb
|+tanatanh

a
(khong phuy thuge ).
sin 7a +51n 5a
CAu 16: Bién doi thanh tich biéu thirc sin 7a - sin3a
Loi gii

sin7a+sind5z 2sinbacosa i
= =tanbacota

) 5in7a-sinSa  2cosbasing
Ta co:

Cau 17: Bién d6i thanh tong biéu thirc sinxsin 2xsin 3x
Loi giai

sinxsin 2xsin 3x =(sin3xsin x)sin 2x :;{ms 2x-cosdy)smn 2y

Ta co:

| :
:;{sm 2xcos2x-sin2xcosdx) =

11 . | .
—| —sindx- —(sin 6x - sin 2x)
202 2

1. . o .
=—(sindx- sintx +sin 2x)

, tan® x+cot®x+2=——
Ciu 18: Biét sin” 2x tjm @9

Loi giai



tan’ x+ cot® x+2 = = (tar? x+ 1)+ (cot’ x+1) = 4

sin’® 2x sn’ 2x
1 1 4 SIT X+ C0S° X 4
(=] + = (= =
cos’x sSn®x sn’2x sn’ xcos®x  s§n®2x
1 4 1 4 1 4
[ —] - = - [ —] ) 3 = — [ —] = —
SIF xcos’ X S 2x  (sinxcosx)’ Sin’2x ignzz){ sn’ 2x
s . 3
. SN x+cos’ x =a+—cosdx
Cau 19: Biét 8 tim 42
Loi giai

sin® x +cos® x =(sin® x+cos® x) - 3sin® xcos’ x(sin’ x +cos’ x)
Ta co:

=1- 3sin” xcos” x =1 - %sin: 2x =I- %(I - cos4x) :E+Ecns4.r.

3= 4dcos2a+cosda
Cau 20: Biét 3+4cos2a+cosda

=ktana
tim 4 ?
Loi giai
3- 4cos2a+cosda _2cos’2a- 4cos2a+2 2(cos*2a- 2cos 2a +1)
3+4cos2a+cosda 2cos’ 2a+4cosla+?
Ta co:

:E(Er:rs:la +2cos2a +1)

. . . A B C
. sinA+sin B +sinC =k cos —cos —cos—
Cau 21: Cho tam giac 48C, Biét 22 2 timko
Loi giai

FT =sin A4 +sin B +sinC

. A+ B A- B . C C
=2sIn cos +2s8In—cos—

7 3 ) ¥

. T=-C A- B T-C C
=2sin cos 3 +2cos 5 EDS?

C A- B A+ R C
COsS—Cos + 2 cos Ccos —
2 2 2 2

S




- (. A- B A+ B
~C0O5—| COS +C0s
2| 2 2
(. A- B+ A+ B A-B-A-B
‘ 5 LC0O5
2 4 4

- B A B C
=4cos—cos —cos— =4C08s —C0s —C0s —
2 3 2 3 2 2

. : : A B C
sinAd+snB+snd :4EDS?EDSTDDST

Vay
A= sin x +sin 2x +5in 3x +sindx
Cau 22: Rut gon biéu thirc sau: COos x +cos 2x +cos3x+cosdx
Loi giai
_ sinx+sin2x+sin3x+sin4x
COSx + Co82x + cos 3x + cosdx
_ (sin3x+sinx)+(sindxr+sin2x) _ 2sin2xcos x+2sin3xcosx
(cos3x+cosx)+(cosdx+cos2x) 2cos2xcosx+2cosdxcosy
2sin 3 cos -
_ 2cosx(sin2x+sin3x) _“7 5 2 —tan Sx
) 2 B Sx x 2
2cosx(cos2x +coslx) 7 cos >~ cos 2
2 2
5= sin 2x +2sin3x +sindx
Cau 23: Rat gon biéu thirc sau: Cos3x +2cos4x +Cosdx
Loi giai
_ 3sina- 2cosa
Ciau 24: Cho €0t =3 Tinh 12sin’ cx +4cos” e
Loi giai
- 3- 2cota)
Isinger - 2cosax 5 (3-2 s 3-2cota 1
- — S _ =(14cot? @) =X —. _
12sin” ax +4cos o 12+4cot o 12+4cot o 4
sin ¢
C == 3 3
CAau 25: Cho fana =2 Tinh sin” cr+2c08 ¢
Loi giai
siner tana - Iw tane (1+tan* ) 2(1+2°)
O = = OS5 a _ = =1
sin” g +2cos tan’ o +2 tan” a +2 2 +2
p sine - sin 7

a+ ff=—
Cau 26: Cho 3 yj Cosa #cos i Tipp oS- cos [ )



o+ . a-f
, , 3
sin ¢z - sin 7 =C0s sy o+ fi b g
= = 2 _—.cotmZ —cotZ =-f3
cosa-cosfl 5 AP a-f 2 §
B 2 2
-l+cos(T+B) _ la+c
CAu 27: Cho tam giac ABC ¢o 4B =c. AC =b.AB =c 4 sin(7- 4-C) - 4a*- &
9 .7 ABC \ 4 )
Ho1 tam giac la tam giac gi?
Loi giai
-l+4cos(7+B) _  2a+c _  -l-cosB _  latc
sin(r- A- C) Jaai- & sin(m- (4+C))  J4a7- &
1+cos B Ja+c 1+cosB Ja+c l 1+cosB ‘ . 2a+c ‘
— - = — - = — - =
sinB J4g7- & sinB f4q7- & sinB || 447 - &

2 ] 2 2 3 2 )
- (1+cosB) :{Ha+c} - (l1+cos B) :I:._.G-I-C‘} - l+cosB _ 2a+e

sin” B 4a’ - & l-cos® B 4da’-c¢° l1-cosB 2a-c¢
l+cos B 2a+c 5 .. 5 s s s
= -1= sl= 2accosB=c"=a +c -bh =c =g =h = ag=h
|- cos B 2a-c

i i i
sin—, cos —, tan —
2 7

Cau 28: Cho €054 =0.2 yi 7 <a <27 Tinh

Loi giai
T8 e sini:-t}._cnsﬂ-:ﬂ
DO T<a<2t nén 2 2 . Suy ra, 2 2
. o|a| 1-cos
s1n'[§‘ :T”:D._zt
Ta co: . = .
. J10 15 f

Cau 29: Khong su dung may tinh, tinh cac gia tri lugng giac cua goc 105

Loi giai



cos105 :n:crs(fjt}' +45 ) —cos 60 cos45 - sin 60 sin45

B R ARG

RNt

i s i

sin105 =sin (60 +45 ) =sin 60 cos45 +cos60 sin45

= — 4+ — =
2 2 2 2 4
2440 : 2-4Jo
tan 105 :‘r J_;I:DIIIZ}S :Q
J2-Je 2 +4J6
Ty — 4 Jr J
cos2x =- — T <x<
Cau 30: Cho 5, véi 4 2
. | il )
5N x, Cos .r._sm‘ T+ ‘._u:r:rs 2x- —‘
Tinh S
Loi giai
g Jr
IR sinx > 0,cosx >0
Vi 4 2 nén . Ap dung cong thirc ha bac, ta co
sin? _I-cos2x 9 = sin 3
X —T—— T—T
. l+cos2x 1
cos"y =—— :—:‘r COsS vy —=———

2 "k

Theo cong thirc cong, ta co

' -
5in ‘r+—‘ _51n'rl:05i+|:05 ~rs1nl:i |—+|— E :3 ﬁ
| 3 Jio 2 Jio 2 2o
' - - - ) ¥
cos| 2x- £| :EDSE.‘(EDSE-I-SiI]iSiI]E.T =- i £ £ 2 i L
| 4| 4 4 5 2 2 " o Jio
Céu 31: Tinh gia tri cta cac biéu thirc sau:
T ST T
A =sin—- sin— +sin—
a) 9 9
p) B =sin6 sin42 sin66 sin 78
Loi giai
. . 5T . Tw | . mx . 7] 5T
A=sin_-sin__+sin— =|sin_+sin—|-sin___
a) 9 9 9 | 9 9
5 T . 5r . 47 | 5w
:2:=.1|1T 08 —= 81N — =sIn—-~ sin— =0,

i " = 7 g = 24 rgindY — '
b) Vi sin78 =cosl2 ;sindd =cos24 ;sind2 =cosds nén

B =sin6 cosl2 cos24 cos4§.

Nhan hai vé véi €056 va ap dung cong thirc goc nhan doi, ta dugc:



Cau 32: Cho

Ta co:

Ccosa =

tana =

cosO -B =cos0 s cosl2 cos24 cos48 =—sin96

tan — =—=

. - e
Slng =251 —Cos—
¥ )

cos

. e
2sin—cos
3 2

2 2 Tinh Sina.cosa,tana

Loi giai

i
2tan
5

-

- sin°

| - tan’

2 . 2 4 » ,
51N — + COs™ | +tan”
7 7

2 . o
COs™ —- 58IN° — =
2

sin a _22

CoOsa

sin”

S NI~ P -

+cos”

ba | (ks &

1+tan”

| S~ | O T 1

L | —

Cau 33: Cho ©0sla+2b) =2cosa Chimng minh rang:

Ta co:

< 3sin(a +b) sinb =- cos(a + b) -cosh = tan(a +b)tanbk :?I.

Loi giai

cos(a +2b) =2cosa = cos[(a +b)+b] =2cos[(a +b)- b]

tan{a +h)tan b =

L_sin (90 +6) :I—_ cos
16 16

- 1
3

Céu 34: Khong dung may tinh cim tay. Tinh gié tri cia cac biéu thirc sau:

COS ——= C
b) P 12
tan T +tan 3T
7 28
1+ tan o7 tan _;T
c) 7 28
197 3771 1| . (197 377
sin———cos == |sin g
a) 24 2 L 2 2

+sin[

Loi giai

197 377

24

+

24



1 lT T |
sin +s1|1— — -s1n—+s1|1—
2 4 3]
| J3- JE
2l 2 2 _T
4I,T+I3,T 4I,T_ 137
41T 13x 1212 12 12 . 91 . Tr
COos - 005 —— =-2sin—= = gip—= £ =-2sin—sin—
b) 12 12 2 2 4 f
T 2
sm—sm—: £ — _£
4 0 22 240
T iT T iT T iT
tan — + tan tan — +tan tan — +tan
7 28 _ 7 28 _ 7 28
61 AT x| 3r T AT
l+tan tan I+tan[,v— ‘tan l- tan —tan
7 28 7| 28 7 28
T T
—tan[ —+1— =tan — =1.
c) 28
11 T
cosa =— -—<a<l o »
Céau 35: Cho 61 va 2 , tinh gi4 tri ctia cac biéu thirc sau:
T
smMm | —- ¥
a)
i
cot| a +—
b) 4
COs Ea+£
c) \ 3
3 .
tan| —- Ea‘
d) 4
Loi giai
- E-:: a<l _
a)Vvi 2 nén sina <0
. - (W]
sing =- +/1- cos® e =- =- —
Do do, o1
Suy ra
R ' T T 1 11 11+ 60443
s1n[ —- ‘ =SIN —COS¢f- COS—SIn ¢ =— —- £ -— —J_
L O _ 6 0 26l 2 ol 122
a0
siner ¢ 60
tan o = —_ol __ %
coser 11 11



- 00 |
T | 1 1- tﬁum:tmfT l-[- T 1 -
cr:rt[a+'_‘: . j: ,_D. | _. 7
' I;an[a#qr‘ tan ez + tan - [-D |+| 49
Do d6 L4 4 11
cos 2 =2c0s - 1 =2 [ﬂ -] == 3479
c¢) Taco Lol 3721.
.. )
sin2e =2sinazcosa =2 - - ﬁ_ﬂ ﬂ . 13;‘}_
L6l ol 3721 Suyra
T | T : 1 .
cos 3a+£‘ =cos 2a cos - - sin 2asin - =- 3479 1 | 13“:}‘ E
| 3 3 3721 2 3721) 2
-3479+13204f3
7442 '
1320
sin2a 3771 _ 1320
tan 2ex = = =1 _
cos2a 3479 3479
d) Ta co 3721
/ 7
3;  tan 2" tan2a _1. 1320 4799
tan[—r— 2e0 | = 4 — 34?@5} .
4 } 14tan 27 tan 2a 1+(-1) 1320 2159
Suy ra 4 3479

Cau 36: Rat gon cac biéu thuce sau:
a) sinxcos’ x- cosxsin’ x

gin3xcos 2y +8in .y cosdx

b) sin 4x

COS x- cOs2x+Ccos 3y

c¢) Sinx-sin2x+sin3x

2sin(x+y) tany

d) cos(x + y)+cos(x- y)
Loi gidi
sinxcos® x - cos xsin® x =sin xcos x(cos* x- sin” x)

a)

:%Sill 2x (mf x = sin’ .r)(mf x +sin’ .:’)

s

1 . 1 .
=—sin2xcos2y =—sindx
2 4

| : 1_. :
- : : ~ ~ -5x)+
sin3xcos2x +sinxcosox 2 (sin x +sin5x) 7 [sin(- 5x) +sin 7x]

b) sin4x sin 4x



_sinx+sinSx-sinSx+sin7x _sinx+sin7x
2sin4x 2sin4x
_ 2sindxcosdr

e ——— A
2sindx

cosx- cos2ry+cos3xy _(cosx+cos3x)- cos2x _ 2cos2xcosx- cos2x

0) sinx-sin2x+sin3x  (sinx+sin3x)-sin2x  2sin2xcosx- sin2x

_cos2x(2cosx-1) cos2x

=— = =cot 2x;
sin2x(2cosx-1) sin2x
2sin(x + y) tan 2(sinx cos y +COS xsin )

- tany =
d) cos(x+ y)+cos(x- y) 2Cosx cos y

- tan y

sinx  siny
= +

- tan y =tanx +tan y- tan y
COSx  COSy

=tan x.

3
, L, sin2a =- =
Chu 37: Cho Sin@ +cosa =m _Tim m dé 4

Loi giai

V2 2 :stin[a+%:‘.

S siner+ ——cosey
2 2

siner +cosa =2
Ta co

(T
—I£s1n[a+_‘ﬂl
) A = o2 <si J2 -2 J2
Vi . 4 nén - V2 ssina +cosa =2 Quyra - V2 =m =42

Ta lai ¢6 (sin e+ coser)’ =sin® e + 2sin axcosex + cos” @ =1+ sin 2ex

Suy ra sin2c =(sinex+cosa) - 1 =m” - |

1 1

sin2er =- m - 1=-

3
Khi do, 4 hay

m =—
, Suy ra 2 hoic

| w2

2 (thoa man diéu kién).
12

.cos fi =— : . , .
13 v3 0 <7< Tinh gia tri coa bidu thue SINE+A) vy

siner =

| e

Cau 38: Cho
cos( - ﬁ‘)'

Loi giai

coser =+f1- sin @ =

Vi 0 <a <90 pegp cosa>0 Do do,

-

113 13

sin f =4f1- cos™ ff =

vi 0 <A< papsinf>0 pggo

A .
sin(ex + f7) =sine cos f7 + cosasin /7 :E I—“+i =l :E_’—tI
Khi o, 513 513 65;



, . .. 412 3 5 63
cos{cr- ff) =coscrcosff+sinersin i =— —+— — =—.
513 513 065

Céu 39: Phuong trinh dao dong diéu hoa ctia mot vt tai thoi diém ! gidy duoc cho boi cong thirc
x(t) =Acos(ar +¢) yrono g6 XOCEM) 13 1i 46 ciia vat tai thoi diém ! gidy, 4 1a bién do
dao dong (1>0) va #€[- 7] 13 pha ban dAu cua dao dong.

Xét hai dao dong diéu hoa c6 phuong trinh 1an luot 1a:

.1',[;}:3c05|%.r+% T

(cm).

(cm) vax,(t) :31205‘ }.f -

a) Xac dinh phuong trinh cua dao dong tong hop x() =x () +x,(1)

b) Tim bién do va pha ban dau cua dao dong tong hop trén.
Loi giai

.rf_.r}:.rlf_.r}+_x;f_.r]|:3cns|£;+£ +3cns‘£!—£‘
: 4 3] 4 Ly

a) Ta co
‘T x| |m ‘T x| |m
P+ |+ —t- P+ |- t-
- |4 I 14 6] 4 3] 14 o
=3.2cos COS
2 2
T T T
KT 7 T T
—6cos =0 cos = :?;ﬁcus,‘ '—.r+'—‘.
2 2 4 12

[T T
x(t) :?;chns‘ i+
' 4 12

Viy phuong trinh cta dao dong tong hop 1a

A A A J * A A 12 A —"ﬁ \ A \ v
b) Dao dong tong hop trén c6 bién do 1a 4 =2V =0 y3 pha ban dau la

Céu 40: Trén mot manh dét hinh vuong 4BCD  bac 4n dit mot chiée dén pin tai vi tri 4 chiéu
chum sang phan ki sang phia goc €. Bac An nhan thay géc chiéu sang ctia dén pin gidi
han boi hai tia AM va AN | § 36 cac diém M.N 1ip luot thudc cac canh BC.CD 40

BEM :l BC, DN :I— no
2 3

cho -



M

Hinh 4
2) Tinh tan(Blam + Ban)

b) Goc chiéu sang ctia dén pin bang bao nhiéu do?

Loi gidi
BEM 1
_ ABM tan BAM ="— =—
a) Trong tam giac vuong BA I,
ADN tan Ban =2Y -1
Trong tam giac vudng DA 3,
g B 1 . 1
tan FAM +tan DAN
tan(BAM + Ban) = -2 3
- tan BaM tanBay 1]
Do do, 23

by Do tan Bar +BaAN) =1 s Bav +Bav =45

Suy ra Wean =90 - (Barr + Baw) =45 .

Viy goc chiéu sang cta dén pin bang 45

Cau 41: Cho tam gisc 4BC vuéng tai 4 ¢6 canh 48 =0-AC =% Piém £ thuoc doan 4C sao
cho EBE =30 , diém D thudc tia dbi cua tia B4 sao cho BcD =30 .

tan HCD ) A
a) Tim , tr do tinh do dai doan

tan 4BE AE
b) Tinh , tr do tinh d6 dai canh

(Cac két qua trong bai dugc lam tron dén hang phan tram).



Loi giai

tan HCB +tan30° S+J§ 484253
| - tan 4CB tan 30 - 01 39

8 3

tan Hcp —tan(QCB +30 )

a)
y 35
AD =ACtan Hep =8 48+253 ~18,73
~ACD , 39
Tam giac vudng tai  co:
S
tan HBC - tan 30 _48- 25
tan 48E =tan (4Bc - 30 ) =22 e, J'
| +tan 4BC tan 30 |+S R 11
6 3
b)
A% _ 7%
AE =ABtan 4BE =6 u =2.56
., ABE | . ) 11
Tam giac vuong tar  co:

Céu 42: Tir mot vi tri 4, ngudi ta budc hai soi cap 4B va AC dén mot cai tru cao 15m | duoc
dung vudng goc véi miat dat, chan tru & vi tri D . Biét CD =9m vy AD =12m Tim
gbéc nhon ¢ =B4c tao bai hai soi ddy cap do, dong thoi tinh gan ding @ (lam tron
dén hang phén chuc, don vi d9).

B

-

Q

15m

9m

Ry

A D




Ta co:

tan ¢r :tanf_@AD - E‘LAD}

15
_tanBAD- tanBup |57
1+ tan BADtan 84D

S ]

o ~14,47
Vi vay

_sin2x+2sin3x+sindx _ 2sin3xcosx+2sin3x _ 2sin3x(cosx+1) _ sin3x
cosdx+2cosdx+cosSy  2cosdxcosx+2cosdx  2cosdx(cosx+1) cosdx

Cau 43: Trén noéc mot tdoa nha c6 mot cot Ang-ten cao 37 . T vi tri quan sat 4 cao 77 so véi
mit dat, c6 thé nhin thiy dinh B va chan C cua cot dng-ten dudi goc & va B S0 vOi

phuong nim ngang. Biét chidu cao ciia toa nha 1a 1327 hai toa nha cach nhau 107 .

tan &
a) Tinh ;

(24 ’ r
b) Tinh goc  (lam tron két qua dén hang don vi theo don vi d9).

Loi giai

 AD =10m
a) Ta co:

CD=18,9- 7=119m

BD=BC+CD =I11,9+5 =10,9m



.9
tan cr :Iﬁ—'=v a =59
10
b)
Céu 44: Trong Vat li, phuong trinh tong quat ciia mot vat dao dong diéu hoa cho boi cong thirc
x(1) =ACos( +@) 4rone do ¢ 13 thoi diém (tinh bing giay), *© 13 1i do cua vat tai

thoi diém 4 14 bien d6 dao dong (A4>0) 3 €[] 13 pha ban dau cua dao
dong. X¢ét hai dao dong diéu hoa cé phuong trinh:

(cm)

.Tlf_e']l=3 -cus‘ £E+£ )
6 0] . Tim dao dong tong hop

A
(cm),x (t) =3 -EDS‘ N
2 r ;

0 =50+ %:(0) 3 i dung cong thite bién dbi tdng thanh tich dé tim bién d6 va pha

ban dau cua dao dong tong hop nay.

Loi giai

Ta cox(t) =x,(t) + x,(t) :31:05‘ %; +%

I
+3n:|:|5‘ —;+—‘
L0 4 |

T T x x| | ||
H¢.+¢.H4‘ ,TH,T_,TE_,T
=3.2| cos — | cos 0 6 0 4
2 2
‘T 57| B [T (T 5T
:f:u:cus‘ —f+— -|:|:|5| - — :f:ucl:us‘ — 1:05‘ —t+—
Y 24 | | 24| | 24 | | O 24 |
6cos|i} 5_”
(24 , . 24
Vay bién do cua dao dong la . Pha ban dau cua chuyén dong la

Tai li€u duoc chia sé bdi Website VnTeach.Com

https://www.vnteach.com
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