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m Thé tich khoi tir dién dac biét

Céu 1:

Cau 2:

Cau 3:

Céu 4:

Cau 5:

Céau 6;

Cau7;

Cau 8:

Cho hinh chép SABC ¢6 SA=SB=SC =BA=BC=1. Tim thé tich 16n nhét cia khbi chop

S.ABC
Al g V2 c L o V3
6 12 8 12

Tinh thé tich cua khéi chop SABC ¢6 ASB=60° BSC=90°, CSA=120° va
SA=a,S5B=2a,5C =4a

3 3 3
a f B. 2“3*/5. C. 2. D. 3”2‘/5.

A

Cho tir dién ABCDcO AB =4a;CD = x va cac canh con lai bang 3a. Tinh x dé thé tich khéi tir
dién ABCD1a 16n nhét.

A.x:Za\/ﬁ. B. a«/ﬁ. C. 6a. D. 3a.

Cho khbi tu dién OABC c6 OA,OB,0OC d6i mdt vubng goc voi nhau thoa man
OA? + OB* + OC? =12. Thé tich 16n nhat ctia khdi tir dién bang:

A. 8. B.é. C. 4. D.

3

Cho hinh chép SABC c¢6 thé tich bang 3 va AB =3, AC =4,BC =5. Hinh chiéu vudng goc cua
dinh S 1én mét phing (ABC) ndm trong tam gidc ABC . Goc giita mit phang (SAB),(SAC) va

W | oo

déy lan luot 1a 30°;60°. Tinh cotang géc gitta hai mt phang (SBC) va (ABC)

A 24—13«/5. 8. 8—5\/5. c 24+13\/§. 5 8+5\/§l
15 5 15 5

Cho hinh chép S.ABC c6 ddy ABC la tam gic vuong tai B, AB=8, BC=6.Biét SA=6 va

vudng goc véi mit phang day (ABC ) . Mot diém M thudc phan khong gian bén trong ctia hinh

chop va cach déu tat ca cac mat cia hinh chop. Tinh thé tich cua khéi tir dién MABC.

A V=24, B.V:%. C.V:§. D.V=12.

3 3
Cho hinh chép S.ABC c6 day ABC latam giac vudng tai A, AB=4a, AC =3a va hinh chiéu
vudng goc ctia S 1én mat phang (ABC) la diém H .Biét A, H nam khac phia v6i duong thang
BC va cac mit bén cta hinh chép clng tao v6i mit day goc 60° . Tinh thé tich V' caa hinh chop
da cho.
A V=203, B. V =124°43. C. V=643, D. V =364°3.

Cho khéi tir dién OABC ¢6 OA, OB, OC d6i mot vudng goc; khoang cach tir O dén mit phang
(ABC) bang 1. Theé tich nhé nhat cia khoi tir dién OABC bang

B.ﬁ. C.ﬁ. D.
6 2

A

N | O
N | o
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Céau 9:

Céu 10:

Céu 11:

Céu 12:

Céu 13:

Cau 14:

Cau 15:

Céau 16:

Cho hinh hop ABCD.A'B'C'D' c¢6 tat ca cac canh bang a cO Ccic QOc

3 —_—
A'AB=BAD = A'AD=a (0" <a <90°) . Biét khdi hop da cho co thé tich bing = Y22 “3f >

A. a:arccosi. B. azz. C. a=arccos—6. D. Z.
\/5 6 3 3
Ao tr gon , e A N , , L1 4 9 .
Cho khoi tir dién OABC ¢6 OA,OB,OC d6i mot vudng goc thoa man — +—+—=1. Khi
OA OB OC
biéu thirc OA +OB+OC dat gia tri nho nht, tinh thé tich khdi tr dién OABC .
A. 162. B. 72. C. 108. D. 216.

Cho khéi hop ABCD.A'B'C'D' c6 tht ca cac canh biang nhau va bing a ,
A'AB=BAD=A'AD = (0 <a <90°). Tinh thé tich khéi hop da cho theo a Va .

A V= x/za3cos%x/1+2cosa . B. V= \/5a3sin%\/1+2cosa )
C. V =24°cos? %\/1 +2cosa . D. V =24%sin® %\/1+ 2cosa .

Cho hinh chép S.ABC ¢6 day ABC 1a tam gidc déu canh a. Hinh chiéu vudng goc ciia S 1én
mit phing (ABC) ndm trong tam gidc ABC va cdc mit bén (SBC),(SCA),(SAB) tao v6i mat

day (ABC ) cac goc lan lugt 13 30°,45°,60° . Tinh thé tich khdi chép da cho.

23 3 a’ a’

AV=————_—+ B V=—i—-— CV=———. DV

128(4+J§) 8(4+\/§)' 8(2\/§+1) :128(2\/§+1)'

Cho hinh chép S.ABCD c¢6 didy ABCD la mot tir giac 16i va goc tao boi cac mit bén
(SAB),(SBC),(SCD),(SDA) va miat day twong tmg la 90°,60°,60°,60° . Biét tam giac SAB
vuodng cén tai Sco6 AB=a, chu vi tr gidc ABCD bang 9a . Tinh thé tich V cuia khdi chép da
cho.

3 23

3
C. . D. L
3 9 3

A V=a23. B.

Cho khdi 1ap phuong ABCD.A'B'C'D’ canh a. Cac diém M,N lan luot di dong trén cac tia
AC,B'D’ sa0 cho AM +B'N =a+/2 . Thé tich khéi ttr dién AMNB' ¢6 gia trj 16n nhét 1a?
a3\/§ 5 7 a3\/§

ﬂ3
. — C. . D. —.
6 12 12 6

A

Khdi tir dién ABCDcO AB =2a, tam gidc CAB déu va tam gidc DAB vudng céan tai D . Goc
giita hai mt phang (CAB),(DAB) bing 30°. Tinh thé tich V' ctia khi tir dién ABCD.

3 3 3 3
A v="L B.V:ﬁ” c.v=3% D.V:JE”
4 2 4 6

Cho hai dudng thang Ax, By chéo nhau va vuong goéc véi nhau ¢c6 AB =2a 1a doan vudng goc
chung. Cac diém M,N lan luot di dong trén Ax, By sao cho AM +2BN = 3a. Hoi thé tich 16n
nhét ctia khéi t&r dién ABMN 132

24° 3a° ’ 3a’

A 2L B. 24 c. L. D. 2% .
3 8 4 2
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Céu 17:

Cau 18:

Céu 19:

Cau 20:

Céu 21:

Céau 50

Céau 22;

Céau 23:

Cho khéi chép S.ABCc6 AB=1, AC=2, BC =+/5. CAc tam giac SAB, SAC l4n lugt vuong
tai B, C, goc giita mit phang (SBC) va day bang 60° . Tinh thé tich V caa khéi chop di cho.

A V=215 B.v=2¥3 c.v=2315 p. v =213
5 3 3 15
Cho khoi tir dién ABCD c6 AB = x, tit ca cac canh con lai béng nhau va béng 2—x. Hoi co
J2

bao nhiéu gia tri cia x dé khdi tir dién da cho co thé tich bang o
A 1. B. 6. C. 4. D.2.

Khéi tr dién ABCD ¢6 AB=2a, tam gidc CAB déu va tam gidc DAB vudng can tai D . GOc
giita hai m3t phing (CAB), (DAB) bang 30°. Tinh thé tich V cua khéi tir dién ABCD.

3 3 3 3
Av=L B.V:ﬁa . c.v=52% D.V:ﬁ” .
4 2 4 6

Cho tir dién ABCD c6 BD =2, hai tam gi4c ABD,BCD c6 dién tich lan luot 146 va 10 . Biét
thé tich cua tir dién ABCD bang 16, tinh sé do goc giita hai mit phang (ABD) va (BCD)

A. arccos é . B. arcsin i ) C. arcsin é . D. arccos i )
5 15 5 15

Cho hinh chép S.ABCD c6 day la tir giac 16i hai duong chéo AC va BD vudng gbc nhau, mit
bén SAD 1a tam giac déu va tao voi mat day goc 60°, AD =4,AC =6,BD =8 . Tinh thé tich V
ctia khéi S.ABCD

96 48 144

A V=24 B.V=—. C.V=—. D.V=—.
5 5 5

: Cho khdi ling tru ABC.A'B'C’, khoang cach tir C dén dudng thang BB’ bang J5 , khoang cach

tr A dén duong thang BB’ va CC' lan luot bang 1 va 2, hinh chiéu vudng goéc cia A 1én mit
phang (A'B’C’) 1a trung diém M ciia B'C' va A'M = 5 . Thé tich khéi lang try d4 cho bang

A 25 g V15 C. 5. p, 215
3 3 3

Cho khéi tir dién OABC ¢6 cac canh OA,OB,0OC d6i mot vudng goc va téng dién tich cac mat

(OBC), (0CA), (OAB) bing /3. Dién tich mt (ABC) bing 1. Tinh thé tich V cua khi ti

dién da cho.

4 4 4
A.V=1. B. V= 12. C.V=2\/§. D.V=£.
6 9 9 9

Cho khbi 1ap phuong ABCD.A,B,C,D, c6 d6 dai cac canh bang x. Cac diém M,N lan luot
trén cac canh AA,,CC, sao cho AM +CN =2a. Tim x biét thé tich khdi t&r dién BDMN bang
2a°.

A.xzax/z. B.x:ax/g. C.x:a\/g. D.x=2a\/5.
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Cau 24:

Cau 25:

Cau 26:

Cau 27:

Cau 28:

Cau 29:

Céau 30:

Cho khdi tir dién ABCD c¢6 tam gidc ABD déu, tam gidc CAB vudng can tai C, AB= a3 .
Goi ala goc giita hai mat phang (CAB),(ADB). Tinh cosa khi thé tich khéi tir dién ABCD
i*\2

ban )
g 8

A. cosa:—z. B. cosa:—7. C. cosa:—3. D. cosa:—z.
3 3 3 2

Cho khéi chop S.ABC ¢6 AB=9(cm), BC =11(cm), CA=6(cm), SA=3(cm), SB=3(cm)
va SC = 5(cm). Tinh thé tich V ctia khdi chop.

A. Vzﬁ(cm‘?’). B. V=@(cm3). C.V= 2159(cm3). D. V=@(cm3).
6 2 2 2

Cho khéi lang tru tam gidac ABC.A'B'C' ¢6 day 1a tam giac vudng tai A, AB=1,BC =2. Géc

J7

CBB'=90", ABB'=120". Goi M la trung diém cia AA'. Biét d(AB',CM )= ~- - Tinh thé tich
khéi lang try da cho.

A 242 g 42 C. 42, p. W2

9 3
Cho khdi ttr dién ABCD ¢6 AB=3a, AC =4a, BAC =90° va goc giita cac mit phang (DAB)
, (DBC ) : (DCA) v6i miat phang (ABC ) bang nhau va bang 60° , hinh chiéu vudng goc ciia D
1én mit phang (ABC ) la diém H sao cho A, H niam vé hai phia ciia dudng thang BC. Tinh
thé tich V cua khéi tr dién ABCD.
AV =243 B. V =63a’. C. V=430, D. V=123a".
Cho khéi tir dién ABCD ¢6 AB=3a, AC =4a, BAC =90° va goc gitta cic mit phang (DAB)
, (DBC), (DCA) vé6i mit phang (ABC) bing nhau va bang 60°, hinh chiéu vudng goc cua D
1én mit phang (ABC ) la diém H sao cho C, H nam vé hai phia ctia duong thang AB . Tinh
thé tich V cua khéi tr dién ABCD.
AV =243 B. V =63a". C. V=430, D. V =123a".
Cho khéi tir dién ABCD ¢6 AB=3a, AC =4a, BAC =90° va goc gitta cic mit phang (DAB)
, (DBC), (DCA) vé6i mit phang (ABC) bing nhau va bang 60°, hinh chiéu vudng goc cua D
1én mit phang (ABC ) la diém H sao cho B, H nam vé hai phia ciia duong thang AC . Tinh
thé tich V cua khéi ti dién ABCD.
A. V=243 B. V =63a". C. V=430, D. V =123a".
Cho khéi tir dién ABCD ¢6 AB=3a, AC =4a, BAC=90° va goc giita cac mit phang
(DAB), (DBC),(DCA) va mit phang (ABC) bing nhau va bang 60°, hinh chiéu vudng goc
cia D 1én mit phang (ABC ) la diém H nim trong tam giac ABC . Tinh thé tich V cua khéi
tir dién ABCD:
AV =243 B. V =63a". C. V=434, D. V=123a".
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Céu 31:

Céu 32:

Céu 33:

Cau 34:

Cau 35:

Céau 36:

Céau 37;

Cho khdi hép ABCD.A'B'C'D' ¢6 day 1a hinh chit nhat, AB=+/3, AD=+/7 . Hai mit bén
(ABB'A), (ADD'A') tao voi day cac goc lan luot 1a 45° va 60°. Tinh thé tich V cta khbi hop
da cho biét d¢ dai canh bén bang 1.

A V=3 B.v=_, C. V=+3. D. V=+7.

W |

Cho khdi tir dién ABCD ¢ AB=3a,AC =4a,BAC=90° , gbc giita cic mit phang
(DAB),(DAC) va mat phing (ABC) lan luot 1a 45° va 60°. Tinh thé tich V cua khoi tir dién
ABCD biét AD=6a.
124/54°

5

4212

B. V= . C.V=—rr-—
7 5

A V= D.V

124214°
=

Cho khdi chép S.ABC c6 day 1a tam gidc vudng tai A, AC :g,BC =a . Hai mit phing

(SAB),(SAC) cung tao véi day goc 60°, tam giac SBC nhon va mit phang (SBC) vudng goc

v6i day. Tinh thé tich V ctia khéi chép S.ABC .

(3-+3)a’ (3++3)a 3(3-3)a’ 3(3+3)a’

—_. B V=2o-——+r—. cv=e————-+— D V=r———.
32 32 32 32

Cho hai duong thang chéo nhau Ax, By tao véi nhau goc 60° va AB =a 1a d6 dai doan vuong

A V=

goc chung. Hai diém M, N di dong trén Ax, By sao cho MN = 2a . Tim thé tich 16n nhat ciia
khéi tir dién ABMN .

3 3 3 3
A.ﬁa. B.*@”. c.ﬁ”. D.\/ga.
16 4 36 12

Cho khdi chop S.ABC ¢6 AB= AC =a, c4c goc BAC =120°, SBA =SCA =90°, gbc giira mit
phang (SAC) va duong thing SB bang arcsing va khoang cach tir S dén (ABC) nho hon

2a . Tinh thé tich cua khdi chép S.ABC.

23 5 23 c 3 D 23

A. : :
12 24 4 8

Cho hai duong thang a,bcd dinh chéo nhau. Goi ABla doan vudng goc chung cua 2 dudng
thang a,b Aca;Beb . Trén a lay diem M khac A, trén b liy diém N khac B sao cho
AM =x;BN =y . Biét AB=6, goc giita hai duong thang a,b 12 60°. Tinh thé tich cta ttr dién
ABMN theo xva y .

A. \/§xy. B. \/§xy. c. Y. D. \/§xy.
2 4 2 6

Cho khdi chép S.ABCD ¢ day 1a hinh vudng canh a, SA =SB, SC = SD . Biét ring mit

2 2
7" Tinh thé tich
10

phing (SAB) L(SCD) va tong dién tich cta hai tam gidc SAB, SCD bang

V ciia khdi chop s.ABCD .

3
A.V:4i. B.v-=
75

3 3 3
da” c. vy D. y-124
15 25 25
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Thé tich khdi da dién — Hinh hoc khdng gian

Cau 38:

Céu 39:

Céu 40:

Céu 41:

Cau 42:

Céau 43:

Céau 44:

Céau 45:

Cho khdi chdp S.ABC c6 day la tam giac déu canh 24, SAB=SCB=90". Goi M latrung diém

. . . , . 21 . .
canh SA . Bietkhoang cach tirdiém A dén mit phang (BCM ) bang . Th¢ tich khoi chop

da cho bang ?

NRLER g, 1085 c. W, p. 33z
9 3 9 3
Cho khdi chép S.ABC €6 SA=BC=x, SB=CA=y, SC=AB=z VA x* +y>+2> =12. Thé

tich 16n nhét cua khéi chdp s.ABC bang?

N 5. 42 c. 22 p, 2.
3 3 9 9

Cho hinh vudng ABCD va ABEF c6 canh bang 1, 1an lugt nam trén hai mit phing vudng goc
v6inhau. Goi s 1a diém ddi ximg v6i B qua trung diém ciia doan thang DE . Thé tich cta khoi
da dién ABCDSEF bang
AL B. 1. c 2. D. 2.

6 12 3 6
Cho hinh vuéng ABCD va ABEF c¢6 canh bang 1, 1an luot nam trén hai mat phang vudng goc
v6i nhau. Goi S 1a diém d6i xing v6i B qua duong thang DE. Thé tich cua khdi da dién
ABCDSEF bang?
AL B. 1. c 2. D. 2.
6 12 3 6
Cho khdi chép tir giac déu S.ABCD ¢6 canh day bang 1, mit bén tao voi day mot goc 75°. Mit
phing chira (P) chira dudng thing AB va tao voi géc ddy mot géc 45° chia khdi chop
S.ABCD thanh hai khdi da dién. Thé tich ctia khdi da dién chtra dinh S bang:

.16+9\@. B 2++/3 | | 2+/3 | > 16+9\@.
78 3(1++2) 6(1+72) 26

Cho t&r dién ABCD ¢4 tam giac ABC vuéng tai A, AB=3a, AC =a. Mit phang (DBC),

(DAC), (DAB) lan luot tao v6i mit phang (ABC) cac goc 90°, e, B trong d6 o+ =90°.

Thé tich khéi tir dién ABCD c¢6 gi4 trj 1on nhit bang:

J3a 3a’® 3a°\/2 3a°

A . B. —. C. . D. —.
4 13 10 8

A

Cho khéi da dién SABCD bang cach ghép hai khéi chép tam gidc S.ABD VA S.BCD lai véi nhau
, biét SA=4;,SB=3;SC=2;SD=1 va ASB=BSC =CSD =DSA =BSD =60". Thé tich khi
da dién SABCD bing

A. 32, B.#. c.%. D.%.

Cho tir dién déu ABCD c6 canh béng 1. Goi M, N lan luot 1a trung diém cua AB,BC ; diém P
thugc canh cDsao cho PD =2CP , mit phang (MNP)cat AD tai Q. Tinh thé tich khoi da dién
BMNPQD ..
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Cau 46:

Céau 47:

Cau 48:

Cau 49:

Céau 50:

Cau 51;

A2 5 BV2 2 b, 132
16 432 48 432

Cho tir dién ABCDCO AB =3a; AC =a~/15; BD = a+/10;CD = 4a . Biét goc giita duong thang
ADVva (BCD)la 45", khoang cach gitta ADva BC la %. Hinh chiéu vudng goc cua A Ién
(BCD) nam trong tam giac BCD . Tinh d6 dai doan AD .

5a2

A 502
4

Cho hinh ling tru ABC.A’B'C’, khoang cach tir A dén cac duong thing BB’ , cC’ lan luot

32
B. 2a. C.2a\2. D. T\/_

bang 1 va J3; khoang cach tir ¢ dén duong thing BB’ bang 2 . Hinh chiéu vudng goc cua A
1én mit phang (A’B'C’) la trong tm G' cua tam gidc A’B'C’ va A'G' = % Thé tich khéi lang
tru ABC.A'B'C’ bang.

A 2. B. C. 4. D.

WM
w e

Cho khbi ling tru ABC.A'B'C’ ¢6 thé tich bang % Khoang cach tir A dén cac dudng thing

BB', CC’ lan luot bang 1; +/3 vd AA’=2. Césin goc giita hai mat phing (ABB'A’) Vva
(AccA)) bang.

5 G s
.

c. L. D. Y2
> 4

A —.
4

Cho khdi chép S.ABC c6 day la tam giac déu canh bang 1, khoang cach tir A dén mit phang

. 6 . , . 15 .
(SBC) bing e khoang cach tir B dén mit phing (SCA) bang 0 khoéang cach tr C dén

, . 30 . , .
mdt phang (SAB) bang 0 Hinh chieu vuéng géc cua S 1én mit phang (ABC) nam trong
tam gidc ABC . Thé tich khdi chop S.ABC bang.

A L B. L. c. —. D. —.

36 48 12 24
Cho khdi lang tru ABC.A'B'C’ ¢ day la tam gidc cantai A, AB= AC =1, BAC =30°. Cac mit
bén (ABB'A"), (ACC'A’) lan luot tao v6i ddy cac goc 45°, 60° VA AA’=1. Tinh thé tich khéi
ling try ABC.A'B'C’ bang.

3431 Jo3 31 J93

A ——. B. —. C.—. D. —.
124 372 124 124

Cho khoi chop s.ABC ¢6 AB=5(cm), AC=7(cm), SA=3(cm). CAB=30°. Goc giita hai
mit phang (SAB), (SAC) va day lan lugt 1a 45°, 30°. Tinh thé tich V ctia khdi chép da cho.

o329 V@ V# oy 1055

A. =
116 116

B. C.
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Céau 52:

Céu 53:

Céu 54:

Céau 55:

Céau 56:

Cau 57:

Cau 58:

Cho khéi chop S.ABC c¢6 day la tam giac vudng tai A, AB= J3, AC =7 . Hai mat bén
(SAB), (SAC) lan luot tao véi ddy goc 45°, 60° va SA =1. Tinh thé tich V ctia khéi chop

S.ABC bang.
A vl B.v=". v o vV
2 9 3 3

Cho hinh chép s.ABC ¢6 day la tam gidc vudng tai A, AB=1 vd AC =+/3. Cic mit bén
(SBC),(SAC),(SAB) 1an luot tao véi day cac goc 30°,45° va 60°. Hinh chiéu vudng goc cua
diém S 1én mit phang (ABC ) nam trong tam gidc ABC . Tinh thé tich khéi chép S.ABC

3-+3 3-+3
N 5 33 ¢ 3-¥ b B
12 20 4 20
N 7 , R r M 3 , N .7 A . Y
Cho hinh chop s.ABC c6 thé tich bang TR day lam tam gidc vuong tai A va AB=1,

AC =+/3 . C4c mat bén (SAC),(SAB) 1an luot tao véi day cac goc 45°,60° . Hinh chiéu vudng

goc ciia S 1én mit phang (ABC) nam trong tam giac ABC . CO-sin goc giita mat (SBC) va

day bang
3
Al 5, 13 c. 1 b3
2 2 4 4

Cho khdi chép S.ABC c¢6 ddy ABC 1a tam giac vudng tai A VA AB=a, AC =2a. Mit phang
(SBC) vudng gbc véi ddy, hai mit phang (SAB) va (SAC) cung tao voi mat phang day goc

60°. Tinh thé tich V cua khdi chop s.ABC theo a.

23 24°/3

3 3
B. V= C.V=Ng [).1/:4”“/5
3 9 9 9

A V=

Cho khéi chép S.ABCD c6 day 1a hinh thoi canh a , géc BAD=120° . Cac mat bén
(SAB),(SBC),(SCD),(SDA) 1an luot tao v&i day cac goc 90°,30°,45°,60° . Thé tich khdi chop
S.ABCD

(4@ —3)113 (4@ —3)113 (12\@ —9)a3 (12J§ —9)a3
—_ B.V=-—— C(C. V= D.V=-r—m"—

A V= A
26 104 26 104

Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 AB=1,AD =2, AA"=3. Mit phing () thay doi
diqua ¢’ vacétcactia AB,AD,AA" lanluottai M,N,P.Khditedién AMNP c6 thé tich nho
nhit bang

A. 27 B. 14 C. 11 D. 36

Cho hai dudng thing chéo nhau Ax, By va hop véi nhau mot goc bang 60°. Biét AB =a 1a doan
vuong goéc chung. Liy diém C trén By sao cho BC = ava goi D 1a hinh chiéu vudng goc cta
C 1én Ax. Thé rtichs khéi tr dién ABCD bang

73 B. %~ C. 73 D. 3
12 12 24 6

A
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Cau 59:

Cau 60:

Cau 61:

Céu 62:

Cau 63:

Céau 64:

Cau 65;

Cho khdi ttr dién ABCD €6 AB= AC = BD =CD =1. Thé tich khéi t&r dién ABCD dat gia tri
16n nhat thi khoang cach giita hai duong thang AD va BC bing
2 1 1

ﬁl Blﬁl C.E.

Trong khong gian cho ba tia Ox,Oy,0z d6i mot vudng goc va cac diém A, B,C khong tring voi

A D

1
3
diém O 1an luot thay dbi trén céc tia Ox,0y,0z va luon thoa man diéu kién: Ti sb dién tich tam

-z \ A o7 A 7 A M 3 As 7 A r A oL 5 A
giac ABC va thé tich khoi tir dién OABC bang 5 Khoi tor dién OABC c6 thé tich nho nhat

bang

A. 6. B.%. C. 43. D.#.

Cho khéi da dién ABc.a'B'c’ c6 AA'[[BB'[//CC’. Biét khoang cach tir diém A dén BB’ bing
1, khoang cach tir diém A dén cc’ bing /3 ; khoang cach giira hai dudng thing BB, CC’
bang 2 va AA’=1,BB' =2,CC’'=3. Thé tich ciia khdi da dién ABC.A'B'C’ bang

\@ 3@ 1
A.T. B.T. C.E. D. /3.

Cho hinh chép s.aBc ¢6 AB=4,AC= \/34,5B > 24 va ABC = BAS = BCS = 90" , sin ctia goc

, , . 1 . .
gilta duong thang SB va mdt phang (SAC) bang T Tinh thé tich khoi chép S.ABC.

Joa Joa NEYE 234

A : B. : C. . D. .
6 3 9 9

Cho khéi tir dién 0ABC ¢6 OA,0B,0C d6i mot vudng goc va OA=0B = \/E,OC =1. Hai
diém M, N 1an luot di dong trén cac canh AC, BC sao cho hai mit phang (OMN), (ABC)

vuodng goc voi nhau. Khéi da dién ABOMN c¢6 thé tich 16n nhét bang

AL B. L. c. 2. D 1.
1 6 9 5

Cho khdi tr dién OABC ¢ OA,0B,0C d6i mot vudng goc va OA =1, OB=2, OC =3. Goi
G la trong tAm cila AABC , mit phang («) qua trung diém I cia OG cit cac tia OA,OB,0OC
lan luot tai D,E,F . Thé tich khdi tr dién ODEF c6 gia tri 16n nhat bang

A 2. B. L. c.t D. 2.
9 6 3 3
Cho khéi lang tru ABC.A'B'C’. Khoang cach tir diém C dén BB’ bang J5, khoang céch tu

diém A dén BB', CC’ 1an luot 141 va 2 ; hinh chiéu vudng goc ciia A 1én mit phing (A'B'C')

1a trung diém M cua B'C’' va A'M = /5 . Thé tich cua khéi lang try d4 cho bang

A.?. B.g. C. 5. D.@.
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Céau 66:

Cau 67:

Céau 68:

Cau 69:

Céau 70:

Cho hinh ling tru ABC.A'B'C’, khoang cach tir A dén cac duong thang BB, CC' lan luot 1a 1

va /3 ; goc giita hai mit bén cua lang tru chung canh AA’ bang 90°. Hinh chiéu vudng goc ctia

23

A 1én mit phing (A'B'C’) 14 trung diém M cua B'C’ va AM' = Thé tich khdi lang tru

ABC.A'B'C’ bang

A 2. B. 1. C. /3. 3

Cho hinh lang try ABC.A'B'C’ €0 A’.ABC la hinh chop tam giac déu, AB = a . Biét khoang cach

: \ L P S
gitta hai duong thang chéo nhau AA’ va BC la ik Hay tinh thé tich cta khoi chop

A'.BB'C'C
2 3 3 3
A.”\/g. B.”‘/g. c.”\/g. D.”M.
18 81 18 8

Cho hinh chép s.ABC ¢ day la tam gidc déu canh a , khoang cach tir diém A dén mat phiang
s aN15 . . . . \ 2 N s aN15 s .4
(SBC) bang R khoang cach giira hai duong thang SA va BC bang R Hinh chiéu

vudng goc clia S xudng mit phang (ABC) nam trong tam gidc ABC . Thé tich khéi chép da
cho bang
73 a\3

3
AL B. 2 C. . D. .
4 3 1 8

Cho hinh chir nhat ABCD va hinh thang cAn ABEF nam trong hai mit phang vuéng goc véi
nhau. Biét AB=a, BC=BE=av2, ABJ/EF VA EF =3a . Thé tich khéi da dién ABCDEF
bang

3 3 3
A. 5”6\/5. B. 242 C. ”f. D. 3”2\/5.

Cho khbi hop ABCD.A'B'C'D’ €0 A’B vudng goc v6i mit phang day (ABCD); goc gilta AA’

v6i (ABCD) bang 45°. Khoang cach tir A dén cac duong thing BB; DD’ cung biang 1. Géc

clia mit phang (BB'C'C) va mat phang (c’cDbD’) bang 60°. Thé tich khéi hop da cho bang
Tu duy todn hoc 4.0 — Luyén thi Bai hoc 2022 | 10
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1.C
11.D
21.A
31.A
41.D
51.D
61.D

Céu 1:

Céu 2;

A. 24/3.

2.B
12.B
22.D
32.A
42.D
52.A
62.A

Chon C

3.B
13.C
23.B
33.D
43.A
53.D
63.A

4.B
14.B
24.D
34.A
44 A
54.A
64.A

C. 3.
BANG DAP AN
5A  6.C 7.B
15.D 16.B 17.D
25B 26.A 27.A
35.B  36.A 37.A
45B 46B 47.D
5B  56.A 57.A
65.D 66.A  67.C

D. 33.
8.C 9.B
18.D 19.D
28.D 29.C
38.C 39.A
48.D 49.D
58.C 59.B
68.B 69.A

HUONG DAN GIAI CHI TIET

Goi SH 14 duong cao ciia hinh chop va | 13 trung diém

cua AC

Vi SA =SB =SC =1 nén H la tam dudng tron ngoai tiép

tam gid&c ABC . Do d6H e BI .

it AC=x,O<x<\/§_

2
Taco Bl =vAB* — A = 4; .

Suyra S, :%BI.AC =

Mit khac, HB =

Khi do, V.
Viay max(

Chon B

xV4 -

xZ

1

AB.AC.BC _

45, .-

%

SABC ) =

0| =

B

<—.
12 2

1 x*+3-x?

10.D
20.C
30.B
40.A
50.B
60.C
70.C

1

8

a2
Suy ra SH = SBZ—BHZ :W
Vir —~

1 1 /
SABC ZE'SH'SABC ZE.X 3—X2

Trén cac canh SB, SC 1an luot ldy cac diém M, N sao cho SM =SN =a.
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Thé tich khdi da dién — Hinh hoc khdng gian

i o, Yo - SM SN _1
"V

SABC

. =—=V =
SB 'SC 8 SABC

8.V

*" SAMN *

Xét khdi chop SAMN. Goi SH 1a dudng cao cta hinh chop.

Tam gi4c SAM déu= AM =a

Tam giac SMN vuéng can tai S = MN = a2

Tam giac SAN can tai S vd NSA =120° = AN =+/SA? + SN2 — 2SA.SN.cos120° = a+/3
Tir ddy suy ra tam giac AMN vuéng tai M. Goi |, K 1an luot 13 trung diém caa AM, MN. Khi d6:

AM 1L SI
AM 1 SH

}:AML(SHI):AMLHI

Chung minh tuong ty, ta cling c6 MN L HK . Do d6 H 14 trung diém cta AN.

Khi d6, SH =+/SA> — AH> :g . Suy ra

a 2513\/5

SAMN — 3

8.V,

SAMN —

Vay V. V

SABC —

Note: ¢ thé sir dung cong thirc giai nhanh:

SAMN —

1 N

=-SHS, =
3 AMN 12

V

Cau3: ChonB

ane = @\h +2cos ASB.cos BSC.cosCSA —cos® ASB—cos” BSC —cos®> CSA =

2032

3

Goi H 1a trung diém cia AB=CH L AB;DH L AB.CcH = DH = (311)2 —(211)2 = /5.

Ap dung cong thirc V = 3
a

V —

2 §5,.5,.sina

S ssc-Sap-sin((ABC);( ABD))

ABCD ~— 3' AB

2 %,2a,a\/_.%.2u.a\/g.sin((ABC);(ABD))

ABCD 3 ° 4a

NG

a*.sin((ABC);( ABD))

Do d6 thé tich ABCD 16n nhat khi sin(( ABC);(ABD))=1<>(ABC) L (ABD).

Khi d6 CH | DH = CD?* = CH? + DH? =104> = CD = a10 .

Cau4: ChonB
Taco: V = %OA.OB.OC
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Céaub5:

Céau 6:

Cau7:

L —O0A*.OB*.0C* < —
" 36 36

= V?

2 2 2
OA*+OB'+0C*) _16_ , 4
3 9 3

Chon A
Goi H 14 hinh chiéu cta S 1én mit phang ddy. « 1a gbc giita hai mit phang (SBC) va (
3V. 3
=6.vaSH=—=—
SABC 2

Tac6: AB*+AC* =BC’ nén tam gidc ABC vudngtai A =S,

TeHké HI L AB;HK 1. AC;HM 1 BC

SH 33 SH 3

S HI=—— =T = -2
tan 30 2 tan60 2
1 3\/_ J_ 24-13\3
:SHBC_SABC_SHAB S _6_5 ) _E 7 4
I L 24-13\3 ot oM _ 24-1313 |
BC 10 SH 15
Chon C

Tir gia thiét ta c6 BC L AB,AS= BC L BS.

Xét tam gidc wvubng ABC ta ¢
AC =+ AB*+BC?* =10.

Xét tam  giac  vudng
SB=+AS*+BA* =10.

Goi I 1akhoang cach chung tir M dén cac mit ctia
hinh chép S.ABC.

SBA ta c¢cb

Tir gia thiét ta co:
1
VSABC 6 SA B A B C 48 VMABC + VMABS VMCBS + VMACS

1 1,(1 1 1 1
= 5}1(SMBC +Syaps + Saasc T Suspc ) = gh[z AB.BC+- AC.AS+_SBBC+ EAB.AS) =36h
4 1 32
=>h=— = Viage = ghSAABC Z?'
Chon B
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Céau 8:

Cau 9:

Goi I, ], K lan lugt 1a hinh chiéu vuéng goc cia H 1én cac canh AB, AC, BC .

Khi do SIH=S]H=SKH=60°:HI:H]:HK:STH.
3

, 1 SH 1, SH

Taco S,,,.- =S +5 -S =—(AB+AC-BC)—= =—2a.—F&.
AABC AHAB AHAC AHBC 2( ) \/5 > \/5

o lapac=al o sH=6a3.Viy V. ,. = SSHS,,,. = ~.6a\3.60> =124°\3 .

2 J3 ~ 3 3
Chon C

@]

bit OA=a,0B=b,0C=c (a,b,c>0).
V& Al LBC(I€BC), OH L AI. Suy ra OH 1 (ABC)=d(O,(ABC))=OH=1.

Taco V,,,. =~0AS, .. = %OA.OB.OC - ”%C

0ABC —
3

Xét tam gidc OAI vuéngtai O ¢6 —— - 4+ 1 1 1 1. 1.1

= + + + —+=+
OH> 0OA* OI* OA*> OB> 0OC* & bV ¢

Ll magiesi=dalids 301 T o lgn

i b oc a b Y (abc)z 6 2
J3

ssc =~ Thé tich nho nht ciia khdi ti dién OABC bing % khi a=b=c=+/3.

<~

Suy ra V,

Chon B

Ap dung cong thirc nhanh ta co:
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a.aa | > 5 > a3\/ 5 3
———+/1-cos” a—cos” a—cos a+2cosa.cosa.cosa=z 1-3cos“a+2cos’ a .

Vyasp =
3 —_—
V iscoamen =3V anep =60V ump = a® \/1 —3cos’a+2cos’a = a \/3\2/5 5 .

<:>2\/1—3c052a+2cos3a =\13\/§—5 <:>4(1—3c0520:+2cos3 0!)=3\/§—5.

<:>8cos3a—12cosza—3\/§+9:0<:>cosa:73:05:%.

Cau 10: ChonD

2 g2 > (g, +a,+..4a) ,
a—1+a—2+...+a—”2(1 2 ”) ,dau “="xay rakhi ab. =ab  Vi#j
b, b, b, b+b,+..+b s
2
2 2 1+2+3
Tao1o L, 4,9 1 2 8  (1x2+)) %

=—t— > =
OA OB OC OA OB 0OC OA+0OB+0OC OA+0B+0OC

= 0OA+0B+0C =36
1A S .1 2 3
Suy raOA + OB+ OC nho nhat bang 36 khi —=—=—.
OA OB OC

.1 4 9 A

Ma —+—+—=1nén OA=6;0B=12;0C =18.
OA OB OC

A 1 1

Vay Ve = EOA.OB.OC = 6.6.12.18 =216.
Cau 11: Chon D
A D'

7]
/ A H;\ CV D

Goi H,I,] 1an luot 13 hinh chiéu cua A’ 1én mit phéng (ABCD) va cac canh AB,AD.
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co
Al L AB

Tuong tu cling co H] L AD.

. [A'H L AB
Ta { = AB L (A'HI)= AB L HI.

. . A \ . |AA’ chung A
Xét hai tam giac vudng A'Al va A’AJ c6 nén AA'Al =AA'AJ.
AAlI=AA]l=«a
Suy ra Al = A] = AA'cosa =acosa, do d6 hai tam giac AHI, AHJ bang nhau nén HI = HJ.

Vay H cach déu AB va AD nén nam trén phén giac géc BAD = H e AC.

a
\/COSZ o cos’ a.

Al _acosa

AH = , AH? = A'/A* — AH? =

a a a
COS—  COS— COS—
2 2 2

Dién tich day S,,., =2S,,, = AB.AD.sina =a’sina.

A .« a . L
Y _ 9.3 s 2 2, _ 9 3.:.2%
Vay V oo apery = AHS 5 =24 sin > .\/COS > cos” a = 2a’sin > V1+2cosa .

Cau 12: Chon B

Goi M, N, P lan luot 1a hinh chiéu caa H 1én cac canh BC, AB, AC; h 1a chiéu cao cua
khdi chop S.ABC.

Khi do, SNH =30°, SPH =45°, SMH =60° .

2
Ma S, s =Suiiis +Sariac +Sanc #:%a(HN+NM+HP) < HN +NM + HP =§.
& (tan30° +tan45° + tan60°)h = % & (tan30° +tan45° + tan60°)h = #
- 4+\/§h _ a\/g - 3a .

J3 2 2(4+J§)
1 1 2?3 3a 3

Thé tich khéi chép S.ABC la V==S,  h==. =

37T 3T 4 2(4443) 8(4+43)
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Cau 13: Chon C
Goi H la trung diém AB.

Theo gia thidt nén SH L mp(ABCD) , SH= % va
BC+CD+ DA = 8a.
Goi M,N, P 1a hinh chiéu vuong goc cua H
lan luot 1én 1én AD,DC,CB.
Suy ra: ((SAD,(ABCD) = SMH = 60"
((SCD,(ABCD) = SNH = 60"
((SCB,(ABCD) = SPH = 60"
a
Tirdé: HM =HN =HP =2
243
. 1
Vay: Vg apcp =357 anap *SaHCD *SAHCB)
3
1ol ympa+HNCD+HPCB) =121 4 g, 4 e}
3272 32223 9
Céau 14: Chon B
A
1 M D
|
]
T (&
]
|
|
]
]
|
Al
',.-’ ------- SR .D'
R P

Taco: (AM,NB')=90". d(AM,B'N)=a.Goi AM =x(x>0).

Taco: V= %AM.B'N.sin(AM,B’N).d(AM,B’N) = %x(a 2-x)as< %a. -

Cau 15: Chon D

2
, 24) 3 2a.
Taco: S, =SACAB:%:\/§a2;SZ:SADAB Sl

255, sina 2.3¢%.a*5in30° 3
3AB 3.2a 6

=a’ va @ =30" =((CAB),(DAB))

Dodo V = a’

Cau 16: Chon B
Ap dung cong thire tinh thé tich cua khéi tr dién ABCD

V isen = %AB.CD.d(AB; CD).sin(AB,CD).
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N
bat AM =x,BN = y(x,y > O). T gia thiét ta c6 x +2y = 3a.
Khi d6 thé tich caa khéi tir dién ABMN 1A

V oisun = %AM.BN.d(AM; BN).sin(AM,BN) = %.AM.BN.AB. sin90° = %
1 1 1 (3a-2y+2y) 34
=§a.(3a—2y).y=ga.(3a—2y).2y£ga. 1 =5
Do do, V__ 23_113 khi x =2y =%.
8 2

Cau l7: ChonD

1 SB
AB 1 SH

- . |AB
Tir S v& SHJ_(ABC).Taco{ = AB 1 (SBH)= AB L BH.

Churng minh tuong ty ta cting co6 AC L CH .

Tam gidc ABC vuodng tai A do AC*>+ AB®> = BC*. Vay suy ra ABHC 1a hinh chir nhat.

Tir H vé HE L BC thi ((SBC),(ABC))=SHE =60° = SH = HE~/3 .

2415
==,

Trong d6 HE = = . Va 1

JHB*+HC? 5

HBHC 25 ySH:Z*/SE:V

Céu 18: Chgon D
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Céau 19:

Céau 20:

Goi M, N lan luot 13 trung diém cta AB, CD .

, ., A , |DM 1 AB
Céc tam giac DAB, CAB cin nén ta co = AB L (CMD)= AB L MN.
CM 1L AB
Churng minh tuong tu ta cting c6 CD L NM .
Taco Ven =V, con + Vo = %AM.SCDM +%BM.SCDM - %AB.CD.NM .

Véi AB=x, CD=2-x va

MN:\/MDZ_(%JZ Z\/ADZ_(%T—(%T
o ]

2 2 2

Suy ra V:%x(Z—x)\/sz ~12x+1 :% <:>x(2—x)\/2x2 —12x+12=2=x=2.

Chon D

CM 1L AB

= AB L (CDM)
DM L AB

Goi M 1a trung diém AB :{

=>V= lAB.SCDM = 1AB.CM.DM.sinCMD
3 6

NE) AB

Trong do A =2a; CM ==~ 2a= a\/3; DM = o= Viy V= %.Za.a\/g.a.sin?)oo = gbﬁ .

Chon C
Ta c6 cong thuc:
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Thé tich khdi da dién — Hinh hoc khdng gian
25 .SAADC.sin((ABD) ;(ADC))

. 4
v 5 o sm((ABD) ;(ADC)) -
=N (ABD) ,-(ADC) = arcsin(%)

Céu 21: Chon A

AC.BD _

Ta c6 cong thuc dién tichday la S, ., = — 24

25,0 .SASAD.sin((ABCD) ;(ADC))
3.AD

Cau50: Chon D
B6 dé : Cho ling try tam giac ABC.A'B'C’, mit phang (oc) vudng goc cac canh cua lang tru va

tao v6i lang tru mot thiét dién c6 dién tich S . Khi do V,, =AA'S

A'MN *

Goi E,F lan luot 1a hinh chiéu vudéng goc cia A trén BB’ va CC'.
Goi M’ 1a trung diém cua BC, I 14 giao diém cia MM’ va EF = I la trung diém ctia EF .

AE L BB
Ta co: { , = BB L(AEF)= BB L EF
AF 1 BB'(do AF 1L CC')

= d(C,BB')=d(F,BB)=EF =+5

1. 5

AAEF vudng tai A :AI:EEF:?. Ma MM' 1| Al.

AM.AM' =JE
JAM? + AM™? 3

Tam gidc AA'M vudng tai M = AA' =+ AM* + AM> = @

215 1, _2V15
3 . L Y —_ T

2 3

= AAMM' vuong tai A, Al 1a duong cao= Al =

1% —AA'S,, =

ABC.A'B'C’

Céau 22: Chon B
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A

2S5, =bc —
2 2
Taco 125, =ca; tana:u = cosa = 1 = be .
25, — ab be Ji+tanZa  Na?b? + b +c2a?
3

212 2.2 2.2
Khi do, 5= — _ab +b2C T8 [s2+s+s? zJ%(sl+52+s3)2 1.
cosao

3
. 3 4
Déu“=”xéyra<:>a=b=c=4§ =V = = 12_

Céau 23: Chon B

B. C
: RN
A e’ A
//l \\
M <\‘\\ ! \
‘h\\\\ \\
: \\\\\\ \\
I T=~<
| “IN
BI| _____________
///)_ e CI
AL .
D
Pat @6 dai canh khdi lap phuong 1a x va O 1a tam cta hinh vuéng ABCD.
Tacé BD L(ACNM) =V, =%SMON.BD.
AM +CN AMOA CNOC ax\2
SOMN = SACNM _SOAM =S =——AC—- — =

ON = 9 2 2 2

|7/, =%~#~x\/§=2a3 ox=a6.

Cau 24: Chon B
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B D
C
2
. (“*/5 ) NERENE AB®* 37
Taco S, =S,,, = = .S, =5, =t =2
4 4 4 4
3J3a 34> |
Vivav, V= 25,5, sina 2: 4 4 "M% 32sina a2
i 3AB 330 8 8
. 2 7
< sina === cosa=—-.
Cau 25: Chon A
S
A C
B

Ap dung cong thuc tong quat khi biét d6 dai 6 canh hodc ding cong thirc goc tai dinh S , ta c6
SA®+SB* - AB* 23 SB*+SC*-BC* _ 47

cos ASB = =——, cosBSC = =——
2SA.SB 42 2SB.SC 70
2 2 2
cosASC:SA +SC* - AC :_i_
25A.SC 15

s E I e R R

Cau 26: Chon A
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Ay C
M
A ‘ Cc
B
Goi I=BMnAB',IN//CM(N eBC) co CM//(AB'N)
, Y7
= d(CM, AB')=d(C,(AB'N)) =
Laico M_AM_1_ NC_IM_1 :d(B,(AB'N)):Zd(C,(AB'N)):&.
IB BB 2 NB IB 2 7
Taco cosABNzﬁzl.
BC 2
2 2
Pat BB'=x,thi V, :1.1.é.x.\/1+2—1.1.0—(1j —(% Y
- 63 227 (2) (2 9
Ma AB'=x*+x+1 BN:%:NB':,/xZJr% ,

/i3

AN=\/ABZ+BN2—2AB.BN.COSABN= 3

x° +x+1+13—(x2 +16j

cosB' AN = 9 9 _ 3x+2
2,/13(x2+x+1) 2,/13(x2+x+1)
3
, (3x+2)2
—~sinB'AN= [1-—— "~
52(x2 +x+1)
\/13(x2 +x+1) (3x+2)°  43x? +40x+48
=S8 = P L |1= 5 = :
52(x +x+1) 12
w2
Do d6 d(B,(AB'N))= Voan 5 A
Sive N43x% +40x+48 7
12
Vay Vo =¥vé gg i ig} — BC 1 DM.

Cau 27: Chgon D
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Thé tich khdi da dién — Hinh hoc khdng gian

Goi M, N, P lan luot Ia hinh chiéu vuéng goc caa H 1én cac canh AB, BC, CA
DMH = DNH = DPH = 60° (géc cua cic mat (DAB),(DBC),(DCA) véi (ABC) )
— HM = HN = HP = H la tam duong tron bang tiép goc A cua tam giac ABC .
Goi r, 1a ban kinh duong tron bang tiép géc A = r, = HM = HN = HP

_ AB.AC

ABC —

Tacod S =6a°

_HM.AB_HP.AC_HN.BC _ b+c-a_

Taco S Siap +Suac = Susc 5 5 5 O a(p—a)

ABC — °HAB T PHAC

o p =280 _ 60 Lgic6 tan DMH = 25 = DH = r tan60° = 6+/3a.
p—a HM
2 ogr ISR N 1 3

Thé tich khoi tar dién ABCD la V =5DH.SABC =12/3a’.

Cau 28: Chon C

Goi M, N, P lan luot 12 hinh chiéu vudng goc caa H 1én cac canh AB, BC, CA
DMH = DNH = DPH = 60° (géc cua cdc mat (DAB),(DBC),(DCA) véi (ABC) )
— HM = HN = HP = H la tim dudng tron bang tiép goc C cua tam giac ABC .
Goi r, 1a ban kinh duong tron bang tiép goc C =r. = HM = HN = HP
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_ ABAC _
2

6a’

Taco S,

Taco S S...+S S

_HP.AC+HN.BC_HM.AB_r EH-b—C_r( —C)
HAB > 2 2 ) \P

ABC — PHAC HBC

=3 =Sf‘i=2a. Lai co tanDMH=E = DHzrctan60°=2\/§a.
p—c HM

Thé tich khéi tir dien ABCD 1a V = %DH.SABC NG

Cau29: ChonB

Goi M, N, P lan luot 12 hinh chiéu vudng goc cua H 1én cac canh AB, BC, CA
DMH = DNH = DPH = 60° (géc cua cic mat (DAB),(DBC),(DCA) véi (ABC) )
= HM = HN = HP = H la tim dudng tron bang tiép géc B cua tam giac ABC .
Goi 7, 1a ban kinh dudng tron bang tiép goc B = r, = HM = HN = HP

ABC — 2

Taco S 6a*

_HM.AB_HN.BC HP.AC _ a+c-b _

+S,5c = Spac > > > T, 5 b(p_b)

Taco SABC = SHAB HBC

=28 _ 30 Lgic6 tan DMH = 25 = DH = 1, tan60° = 3/3a.
p—b HM
R ogr IS N 1 3

Thé tich khdi ta dién ABCD 12 V =~ DH.S ;¢ —63/34°.

Cau 30: Chon A
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Céu 31;:

Vi goc giita cac mit phang (DAB), (DBC), (DCA) va mit phang (ABC) bang nhauva H nam
trong tam gidc ABC nén H la tam duong tron ndi tiép tam giac ABC .
1

Tam gide ABC vudng tai A, 1aco BC=VAB' +AC’ =505, =~ ABAC=6a".
Goi r 1a ban kinh duong tron ndi tiép tam gidc ABC , ta cO:
S anc _ABYACHBC | 62 =6ar e r=a.

Goi K 13 hinh chiéu cia H trén canh AB, suy ra goc giita mit phang (DAB) va mit phang
(ABC) la DKH = DKH = 60°.

Tam gi4c DHK vuéng tai H , taco DH = HK.tan60° = a+/3 .

Vay Ve = %.DH.SAABC - %.a«/gbaz =234’

Chon A

A

Goi H 1a hinh chiéu cia diém A trén mét day (A'B'C'D’), M, N lan luot 1a hinh chiéu cta H
trén cac cach A'B’,A'D' suy ra goc gilta hai mat bén (ABB’A), (ADD'A') v6i day lan luot 1a
AMH,ANH = AMH =45°, ANH =60°.

bat AH=x
Tam gidc AHM vuong cantai H,tacO HM = AH =x
Tam gidc AHN vuéng tai H ,tacé HN = —20 _ _ %
tan60° \/5
Theo céch dung ta co tir giac A’'MHN 14 hinh chit nhat, suy ra A'H =+ HN’ + HM?* = 2—\/5
3
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4x? 1

Tam gidc AHA' vudng tai H ,tac6 AA” = AH* +HA" & 1=x’+ ——<x =T(x >0).

Vay V

ABCD.A'B'C'D'

- AHS,, ., = g.ﬁ.ﬁ =3,

Cau 32: ChonD

1

Taco S = EAB.AC =6a".

AABC —

Ha DH L (ABC) (H e(ABC)),HK L AB (K< AB),HM L AC (M€ AC)

Theo dinh 1i ba duong vudng gbéc chung, ta c6 AB L DK, AC 1. DM = DKH =45°, DMH = 60°
Vatir gidc HMAK 13 hinh chir nhat vé1 AK = HM .

bat h=DH,tacd HMZhCOt6O°=%.
3
2
Va AK =< AD? - DK? =\/36a2—( - h450j =+/36a> -2h" .
Sin
3
Vay %=\/36a2—2h2 @h:4/$a:V:%:@.
3

Cau 33: Chon A

Ké SH 1 BC (H e BC)=>SH L(ABC).
Ké HN L AB (M e AB),HN 1L AC (N e AC)= AB 1 (SHM),AC L(SHN) va

SNH =SMH =60°.
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e

Tacés—ABAczlﬂ - Vi h=SH va HM = HN = hcot60° = -
272 NE
2
Taco S=S,,, + S, = ~(AB.HM+ACHN)= J_ By da
2 2[ 8 2(J§+1)
sh 14 o (3B
Vay V=22 N0 - .
3 3 8 2(@”) 32
Cau 34: ChonB
M
A
. y
B

N

Pat AM=x, BN =y. Taco v = AVBN-sin60 _ a3
6 12
Ta tim moi quan h¢ gita x va y theo diéu kién MN =2a.
, ) RS RN —\2 RN RN —\2
Taco MN?=MN :(AM—AN) :(AM—AB—BN)
= AM? + BN? + AB> ~2AB.AM + 2 AB.BN —-2AM.BN
=x*+a>+y> —2AMBN =x*+a* +y* +xy = 4a>.

J3a°
.

o3 =x"+y tay>2xytxy>xy < V<

Trong do 2AM.BN = 2AM.BN.COS(M,W) =txy.
Cau 35: Chon A

S /o 1B

Goi O 14 tim dudng tron ngoai tiép tam gidc ABC thi OA=0OB=0C =AB=a.
Goi D 1a hinh chiéu cta S trén (ABC) thi SD 1 AB, SD 1 AC.

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 28



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

Céau 36:

Céau 37;

AB1SD, SD 1 AC
= AB 1 BD, ACJ_CD:DBzDCza\/g, AD =2a.

SBA =SCA =90°
biat SD = x . biédu kién: 0< x < 2a.

OB//AC = d(B;(SAC)) = d(O:(SAC)) = ~d(D;(SAC)) = ﬂ

2 2+3a” +x7
SB=+/SD* + DB? =~/3a® +x°..
Theo d& sin(SB,(SAC)) V3 _ dB(sAC) N3 d(B,(SAC)) = RER

8 SB 8 8
x=a (nhan
ﬂzﬁ 3 +x° o x*—4ax+3a° =0 ( )
24322 +x* 8 x=3a (loai)
3

Vay thé tich ctia khdi chop S.ABC 12 V = %SABC SD= alf.
Chon A

Ap dung cong thire tinh thé tich cua khéi tir dién ABCD

1

1% < ABCDd(AB;CD).sin(AB,CD).

ABCD —

Ta c6 thé tich cua khdi tt dién ABMN 1a;

Voisun = %AM.BN.d(a;b).sin(a,b) = %.AM.BN.MN.sin30° = xy;/g .
Chon C

S 1a diém chung cua (SAB) va (SCD), dong thoi AB//CD.
Khi d6 ké Sx//AB//CD thi Sx 1a giao tuyén cta (SAB) va (SCD).
Goi M,N lan lugt 1a trung diém AB,CD.
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Céau 38:

ASAB,ASCD 1a cac tam giac cantai S nén SM 1L AB, SN LCD.
Mit khdc SM L CD = SM L (ABCD) = (SMN) L (ABCD) theo giao tuyén MN .

Ké SH L MN(H e MN)= SH 1 (ABCD).
SM L Sx, SN L Sx nén géc | (SAB);(SCD)]=(SM;SN)=MSN =90°.

2 2
7110 =S, +Sep = %AB.SM+%CD.SNLCD>7LO = %AB(SM+SN) — SM +SN = % .

(SM+SN) —(SM? +SN?) 19,2

SM? +SN? = MIN? =a* = SM.SN =

2 25
3
Vay SH = SMEN_12a__ =15ABCD.5H _dr
MN 25 3 25
Chon A

Goi H 1a hinh chiéu vuéng géc cua S 1én mat phiang (ABC). Ta co:

{BC 1SC

= BC 1 (SCH)=>BC L HC. Tuong ty ta c6 BA L AH.

BC LSH

Suy ra H thudc dudng tron ngoai tiép tam giac déu ABC . Do d6, H thudc duong thang BD sao
cho HD = %ﬁ? , voi D 1a trung diém canh CD.

Ta c6 tir gide ABCH ndi tiép duong tron ban kinh BH .
AABC déu canh 2a = BD = INER

Lai coé: @:é BH—4BD 4\/_HA—
BH 4

Goi G=CMnSD, E=BD mSH thi G 1a trong tim ASAC .

Za\/_

Ap dung dinh 1i Menelaus cho tam giac ASDH véi ba diém E, G, B thang hang, ta co
SE HBDG_, _ SE41_. _ SE_3

———=leo— ==l —=—.
EH BD GS EH 3 2 EH 2

4(1\/5
21

d(A;(BCM) = d(S;(BCM) = %d(H;(BCM) — d(H;(BCM) = %d(A;(BCM) =

Goi K 12 hinh chiéu cia H trén CE thi K la hinh chiéu cua H trén (BCM)
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40421
= CK = d(H;(BCM) = “J_.
21
AHCE vudng tai H, duong cao HK = r 1 _t_9 :HE:Q.
HE* HK* HC* 164° 3

sH =2y 102

2 3

q , 1 10434’
Vay thé tich ciia khdi 5.4BC 12 V =5, SH = *é_“ .

Céau 39: Chon A
Ap dung cong thic tinh thé tich cua tir dién gan déu, ta co:

J_\/x s -2 (a2 ) */_\/12 22°)(12-2¢%) (12 -2?)

S ABC

:1_;2&.\/(6_22)(6_yz)(6_xz) L e
AP dung bat drfmg thirc Cauchy, ta co:
(6—22)(6—y2)(6—x2)s[6_22 +6_3yz +6_xzjs s

22

1
Do d6: Vg e < 5\/_—? Dau bang xay rakhi x=y=2=2,

Cau 40: Chon D

Ta ¢c0 ADE.BCF la mét lang try dung c6 day AADE la tam giac vuong can tai A vdi
AD=AE=1, canh bén AB=1.

Goi I 1a trung diém DE thi B st nén d(S;(ADE))=d(B;(ADE))=BH.

1 1 1
Taco V, g.d(S,(CDEF)).SCDFE ~3-BH.CDCE==.

S.CDFE

=V

BCE.ADF

+V,

VBCE.ADF ABCDSEF S.CDEF —

BCBEAB—E Khi do: vV

|

W | =
N | =

Cau 4l: ChonD
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Cau 42:

Ta ¢c6 ADE.BCF la mét lang tru ding c6 day AADE la tam gidc vudng can tai A véi

1 1

AD=AE=1,canhbén AB=1,dodd V E.BC.BE.AB =E.

BCE.ADF —
Goi H 1atrung diém CE va I 1 hinh chiéu vudng goc ciia H trén DE, Khi dotacé BI vubng
g6 DE véitai I va BI =sI nén d(S;( ADE))=d(B;( ADE))=BH.

Taco V, ppy = %.d(s,(CDEF)).SCDFE = %.BH.CD.CE = % .
<4 1 1 5

Khi d6: V asepser = Vice.aor + Vs.coer = 5 + E = g :

Chon A

Goi E, F lan luot 13 trung diém cac canh AB, CD.

. . 1 1 tan 45° + tan 30° 2443
Chidu cao ciia khéi chop 1a h == tan 75° = = tan (45° +30°) = -
o o cuR IRoT P T 2 )= (- tnasanae) - 2

e (] -

2

Thé tich khéi chop tir gidc déu 1a v0=%h=2+6‘@.
Ta c6 (SEF)LAB . K¢ EINSF=I sao cho IEF=45° khi d6 (P)=(ABI) va

(P)~(SCD) = HK//CD//AB.

.. |BDLAC
Trong tam giac
BD

= BD L (SAC) = BD 1 SH c0:
1SO
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= = - =l+—=—=
IF Sg sinlEF FE.sin45° 2 SF 13

1
IS S, sinSEl sEsinaoe V2t B 5 523
2
2

Do d6 theo ti sd thé tich cé:
v SH(L, ) SK (1) SL1, S, S, 16+9/3
SC \ 2 SD (2 SF 2 SF 2 SF 78

Céu 43: Chon A

A

2

C6 BC =+/10a, S ABC = 3% va ap dung cong thirc thé tich tir di¢n khi biét ba géc ctia mat bén

tao voi day.

3a? )
252 2(2}
V g

3(acota +bcot S+ccoty) 3(J1_0a.0+acota +3acotﬂ)

3a° 3a° a’\3

< =
2(cota+3tanar)  4ycota3tana 4

Cau 44: ChonB

Ta c6 thé tich cua khdi t& dién déucanh a=11a V = T

2 ﬁ
12°

S.CBD —

ol

v,
Tach 542 ~SASBSD =125V, ,, =2 Vi 2 =SCSBSD=6=V

Cau 45: Chon B
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Ta c6 thiét dién cua (MNP)va ti dién 12 hinh thang MNPQ trong 46 MN || PQ

. ) 4
Co VBMNPQD = VD.BPQ + VB.MNQ + VQ.BNP ’ VD.BPQ = §VABCD

1 11 1 1
Voun = ESMBN'd(Q/(MBN)) = E-ZSABC.gd(D,(ABC)) = EV

ABCD

1 11, 2 1
Vo = gSPBN 4(Q,(PBN))= E.ESBCD.gd(A,(PBN)) =5 Vasco
y 23 232 232

BMNPQD — 3_6VABCD = 3_65 430
Cau 46: Chon D

A
N
)
B
M
C
2 2 2 2 2 2
Tac6 ADBC = ADAC — ADAB = 2D +AC -CD" AD +AZB ~BD” 4~ AD1BC
Goi H 1a hinh chiéu cua A 1én (BCD); M = DH ~BC suy ra M nam giita BC .
BC 1 AH
0 — BC L DM.
BC 1 AD

Trong (ADM)dung MN L AD tai N suy ra MN la doan vudng goc chung cia AD, BC

= MN = %. Ta thiy goc gitta ADVva (BCD)la ADH =45°.
Taco DM:MN\/_=5af:>BM= BD? — MN? =”—“110.
— AN =+/AB? — BN? =\/ABZ—(BM2+MN2)=%;DN=MN:%.

Do @6 AD = AN + DN =2a.
Cau 47: ChonD
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Cau 48:

Céau 49:

B

Ké AE L BB', AF L CC' =(AEF) L AA' =V

ABC.A'B'C'

=AA'S

AEF *

Tacé AE=d(A,BB)=1, AF=d(A,CC')=+/3, EF=d(C,BB)=2.

Vitam gidc AEF vudngtai A va S —%AE.AP = g

AEF —

Goi M, N lan luot 1a trung diém cac canh B'C’', BC va H=MNNEF = AH 1L MN (do

MN//AA"YVa H Ia trung diém EF :>AH=%=1.

Taco A'G':g :>A’M=%A’G'=2.

Hinh binh hanh AA'MIN c¢6 S

AA'MN

2
= AG.A'M = AH.MN < 2,|AA” —(%j =1.AA’

, 83 . J3 83 4
= AA'= T -Vay Ve ape = 77 = 5 :
Chon D
. 1 1 ., 1 1., N
Taco V, = 3 Vasc.awe =7 VA Supw =5 Sapma = BB d(A,BB')= S21=1.
A 1 1 i ’ 1 \/g
V&S, =2 Scon =5 CCd(ACC) = E.z.f =
1
: 32.~
Vay sin((ABB'A"),(ACC'A’)) = BAA'S, jpe _ "2 _\3
2'SABA"SACA' 2-1-\/5 4
2
Suy ra cos((ABB'A'),(ACC’A')) = u[%} = g_

Chon B
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Céau 50:

Cau 51;

Di¢n tich mat day S = % ; dién tich cac mat bén (SBC); (SCA), (SAB) ki hiéu lan luotla S,
S,, S,.Goi H 14 hinh chiéu vudng goc ctia S 1én mit phang (ABC)va M, N, P lAn Tuot 12
hinh chiéu vuéng goéc ciia H I1én BC, CA, AB.Khid6 cac goc SMH, SNH, SPH lan luot 1a
goc giita cdc mit bén (SBC); (SCA), (SAB) va day (ABC).

, S 1 pe.HM 1
Theo dinh ly dién tich hinh chiéu vuéng goc, ta cd: S, = —H<— = 2 ==-BC.HM

cosSMC HM 2
SM

:—SM \/h2+H . Tuong twco S, = ; h*+HN?, S, _—\/hZ+HP2

Mit khéc 3V =S.d(S,(ABC))=S5,.d(A,(SBC))=S, .d(B,(SCA))=S 4(C,(sAB)).

Suyra—h_\/_\/h2 HM? = \/_\/TNZ \/_W()

2S,.c 28,4 2S
Mit khac HM + HN + HP = Bfgjc + CT + AHgB =2(Sypc +Shca +Suns ) =25 =

i 145 5

Kéthop (1), (2) suyra h_Eva V_ESh_E 4

1
48°

o

Chon D

Dién tich day S= %AB.AC.Sin?)OO =

2 2
\/dz— _hz .\/dz— _hz —h*.cota.cot S
B

Chiéu cao khoi lang tru xac dinh boi: cosa=

4 1
N1-2r* 1-—h* ——=
¥, :

1-h?

Chon A
Dién tich day S = %AB.AC.sinSOC’ =—

Tu duy todn hoc 4.0 — Luyén thi Dai hoc 2022 | 36



Phan Nhét Unh Fanpage: Luyén thi Bai hoc 2023

2 2
\/dz h \/dz h2 —h*.cota.cot 8

sin” o sin”

Chiéu cao khoi chép xdc dinh bédi: cosa=

4 —
f N9 212 N9 —an? —[3, -3 s 35429
h=——.Vay V==Sh= .
9—h? J29 3 116

Cau 52: Chon A.

v
)

Dién tich day S = %AB.AC =

2 h2 2 h2 2
d"————.d" —— Zﬂ_h .cota.cot
Sin

Chiéu cao khoi chép xac dinh bédi: cosa=

d2_h2
N1-2h* ., [1-= h2 [ 1 1 1
C}O 2 @h:—,v’:y V:_.S.hz_-
1-h 7 3 2
Cau53: ChonD
2
o[ V3
CoV= 25 = - -k
3(a.cota +b.cotf+ecoty)  3(2.cot30° ++/3.cotd5" +1.cot60") 20
Cau54: Chon A
2
o[ 3
, 25? 2 V3
CoV= = Ty
3(a.cota+b.cotﬂ+c.cot7) 3(2 cota+\/§+lj 2
' NE)
1
@cota:ﬁzcosa=—
Caub55: ChonB
S
B C
E F
A

Ké SH 1 BC = SH 1(ABC), ké HE L AB,HF L AC
Ta co: SEH = SFH =60" va HE = SH.cot60" = h.cot60”, HF = SH.cot60" = h.cot 60’
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Dién tich day bang S = %AB.AC =

=S5=8,,:+Sic = %(AB.HE +AC.HF) = %(a.h.cot60° +2a.h.cot60")
3
Vag he 25 __2a _ ., _Sh_2V3c
o 20 3 3.9
V3 3
Cach 2.
C6 V= 28 B 2a* 2378
3(a.cota+b.cotﬂ+c.cot;/) 3(a«/§.0+2.a.1+a.1] 9
NG
Cau 56: Chon A
2
o @3
, 5g2 2 (43-3)a"
CO V= S lacotasboot ty+d.cots) 1) 26
(a.co a+b.cot f+c.coty+d.co ) 3(a.0+a.\/§+a.1+a.\/_j
3
Cau 57: Chon A
Khéi tw dién vuéng AMNP ¢6 V., :%.AM.AN.AP
— AB — AD —— AA —

Theo quy tac hinh hop, cé: AC=AB+AD+AA' < AC' =—— AM+ AN + AP
AM AN AP

o AC =2 AM+- 2 AN+-> AP
AM AN AP
S A a2 LA s .1 2 3
Vibon diém M,N,P,C" dong phang nén —+—+—=1
AM AN AP
Vi vy theo bét dang thirc AM —GM , ta co:
1 2 3 1 1 1

l=— >33 — — — = AM.AN.AP>627 =V, >27
AM AN AP "\ AM AN’ AP

Cau 58: Chon C

1 1 23

Taco V ~ AD.BC.d(AD,BC).sin(AD, BC) = ~.AD.BC.AB.sin60° = ~~ AD
6 6 12

ABCD
Ta di tinh do dai doan thing AD dya trén gia thiét CD LAD , (AD,BC)=60",
AB 1 AD,AB 1 BC

Co: E.ﬁ:@.(ﬁ-@):ﬁ.ﬁ:-ﬁ.ﬁ

AD? + AC* -CD? B AD*+ AB*-BD* AC?+BD?-CD? - AB?

2 2 2
_ (AB* +BC?)+(AB? +A§2)—(AC2 - AD?)- AB? _AB’ +2AD22+ BC*-AC' ..
Va [AD.BC| = ‘AD.BC.COS(E,R)‘ _4AD ay 4D up2 o aD :%
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23

Do do6: V., = 54

Cau59: ChonB

Goi E,F lan luot 14 trung diém cta canh BC,AD. Ta c6

BC 1L AE BC L EF
= BC 1 (ADE)= :
BC 1 DE BC 1L AD
AABC = ADBC = AE=DE= EF 1 AD = EF =d(AD,BC).
Vay
V isep = %AD.BC.d(AD,BC).sin(AD,BC) = %AD.BC.FE :
Ta co
2 2 2 2 2
FEZ\/AEZ_AD _ [ 452 _BC)_AD :\/1_BC _AD*
4 4 4 4 4
. 1 BC* AD* 1 P Fa——
Vay Ve =EAD.BC.\/1— 4 "1 ADEC (4-AD*-BC?)
_1 [(AD*+BC*+4-AD*-BC*) _243
T 12 3 27
Dau dang thirc xay ra <> AD? = BC* =4— AD* - BC? & AD=BC=-2 < FE=—.
NERMN
Cau 60: Chon C
A 3VOABC 2
Tacé d(O,(ABC))==_94C =3 =2,
ABC 3
1 1 1 1 1 1 1 1
Vay — = = st——5+t—523} Sy -
4 &*(O,(ABC)) OA* OB OC OA* OB* OC

3
“162 =443

Suyra V,,,. = %OA.OB.OC >

Cau 61: ChonD

-
Ha AD 1 BB’ va AE L CC' suyra (ADE)L AA'//BB'//CC' va AD=1,AE = J3,DE=2.
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. NE) AA'+BB'+CC" 3 1+2+3
Taco S, = 7 = Voscawe =Sape- 3 = 7 3 = \/g :

Cau 62: Chon A
Goi D 14 hinh chiéu vudng gbc cua S Ién (ABC) .Taco

S

BA LSA . [BCLCS
= BA 1 (SAD)= BA L AD va = BC 1 (SCD)= BC LCD.
BA 1SD BC LSD
2
1 1 V2dk

Vay ABCD la hinh chif nht tam O VA V, ;. = S,,.SD = BABCSD =

it SD =x taco d(B,(SAC))=d(D,(SAC)) va tir diéen DSAC vudng tai D nén

1 o1 1 1 111 2,
dz(D,(SAC)) “DC DA* DS & 2d @ d(D’(SAC))‘ 3 + 022 va
\/Ex{l
d(B,(SAC)) d(D,(SAC 32 2
sin(SB,(SAC))= ( ( )) = ( ( )) = 3 +2a° = \/ﬁ <:>x=\/§a (x>a).
SB SB J2i32 11
Dodé V = @”3 .

Cau 63: Chgn A

Ké OH L AB, OK L CH suy ra
OK L (ABC)=(ABC) L(OMN)=>OK = (OMN)=KeMN.
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Taco {OA =0B= ﬁ = H,K lan luot 13 trung diém cia AB, CH .

OC=0H-=1

Tac6 2CH=CA+CB = 4CK = A cn+ BN
CM CN
Do M,K,N thing hang nén ﬂ+Q=4
CM CN
Vig 4 CA, B, [CACB _caco_, cmeN 1
CM CN CM CN CM CN CA CB 4
\%
Vi viy —QAMNB SSAMNB zl_zCMN 1 E’Zl\: 211\3] Zj Vo s SEVOABC :1
OABC ABC CAB
Cau 64: Chon A
Tac6 30G = OA + 0B +0C « 601 = 2400+ 28 0F + € oF
OD OE OF
<:>6CTI=—O—D+—O—E+iO—F.
OD OE OF
1 2 3
Do D,E,F,I dong phangnéntacd —— +—+——=
OD OE OF
Viy 6= —+= 423 2 5 L ODOEOF<==V,, <=.
OD OE OF OD OE OF 3 9

Cau 65: Chon D

Goi E,F lan luot 13 hinh chiéu vudng goc cia A 1én BB',CC’.
Taco AE=1,AF =2 va AA'//BB'//CC' nén
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AE L AA",AF 1 AA' = (EFA) L AA'= EF 1 AA’. Do d6 FE=d(C,BB')=+5.

Goi N 1a trung diém cia BC, H=FENMN = AH L MN (MN//AA").

FE_\5

Tacé H latrung diém cua FE vd AE* + AF? =EF* =5 nén AH = =

Tam giac vubng AMN c60 AN=A'M va:

1 + L :éz ! +1<:>AM=§:AA'=,/5+%5=£.

AH?> AM?* AN?* "5 AM? 5 3
AM 1 (A'B'C'
Mit khéc do ( ) = ((A'B'C’),(AEF))=(AM,AA") = MAA' = 60"
AA’ 1 (AEF)
Tam gidc AEF 1a hinh chiéu vudng géc ciia tam gidc A'B'C’ 1én mit phang (AEF). Vi vdy theo
dinh 1y hinh chiéu ta c6:
Lo
Sue__ 27 V15 _ 2415
SA'B'C’ = = =2= VABC ABC’ SA’B'C"AM =2 ——=—.
cosMAA' \/ﬁ 3 3
3
215
3

Cau 66: Chon A

Goi E,F lan luot 12 hinh chiéu vudng goc ciia A 1én BB',CC’.
Tacé AE=1,AF =2 va AA'//BB'//CC' nén AE L AA’,AF L AA'= (EFA) L AA'.

1 3

Do d6 EAF =((ABB'A’),(ACC'A"))=90" =S ,,, = SAEAF ===,
Goi N 1a trung diém cia BC, H=FENMN = AH L MN (MN//AA).

EF AE® + AF?

TacéH1atrungdiémcﬁaFEvaAH=7=#=1.
243
Tam giac vubng AMN cO6 AN = AM_— va
11 1 , 4( . ,_\3 43
AHZ :AMZ +AN2 =>AM=2=>AA'"=——.Va ay VABC.A'B’C’:SAEF'AA =?.T=2

Cau 67: Chon C
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Cau 68:

E B
Goi H 1a hinh chiéu cua A’ 1én (ABC) = H la trong tam tam giac ABC .
N 1a trung diém BC, dyng hinh binh hanh ACBE.

3 a3

Taco d(AA';BC):d(BC;(A’AE)):d(N;(A’AE)):Ed(H;(A’AE))_ .

)-8

= d(H;(A'AE o

Ké HK L A’A, khi d6 ta chimg minh dwgec HK L (A’AE) nén d(H; A’AE)=HK.

Xet AA'AH c6 12= 12+ 12:>A'H=E.
HK® HA® HA’ 3
. 2 2, 24 a3 23
Do do V pycc ZEVABC.A'B’C’ ZE'A HS, 5 = 33 4 = T
Chon B

’
s -

-

——— — e — —

Goi M la trung diém BC, D 1a hinh chiéu cua S |én BC . Dung hinh chit nhat AMDF .
DF 1 BC
SD 1L BC

T D, F lan lugtké DK LSF (K eSF), FELSD (EeSD).

Khi d6 ta c6 { = BC L (SDF).

Tacso BC L (SDF)=> BC L EF . Mt khac EF 1 SD = d(A;(SBC))=d(E;(SBC))=EF.

AF 1 (SDF DK 1 SF
Tuong ty, ta co d(SA; BC)=d(D;(SAF))=DK do (SBF) .
DK 1 SF DK L AF
Y« , av'15 . A .
Theo gia thiét, ta c6 EF = DK = 5 Do d6 ASDF cantai S.

Khi d6 hinh chiéu ciia S I1én (ABC) la trung diém H cua DF hay ttrung diém AC.
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1

—AM
Xét hai tam giac dong dang ASDF va AFDE c6 SH _DE___2 = SH = &

EF  DE pp?_gp?
a’N3 a\/g_i

1
34 2 8

R 1
Vay Vg e E'SAABC SH =

Cau 69: Chon A

Goi H, K lan luot 13 hinh chiéu cia A, B 1én EF.
Khiddé FH=EK=a=> AH=BK =a.

ACEK ABCK

1 1
Taco V,uner = Voanr + Ve + Vosncax = 3 —.DAS, ., +§BC.S +AB.S

1 1 1 1 1 50342
=22 aat=a2. 2 aa+a=aa2 = .
3&\/_21104—311\/_2&&4—&2&&\/_ 6

Cau 70: Chon C

Ha AM 1 BB va AN L DD' =(AMN) L AA’
Do dO VABCD A'BCD' 2‘/ABD.A’B’D' = 2SAMN AA’

- [(BB'C'C)//(ADD'A")
ABB'A'),(ADD'A") |=| (BB'C’ 'CDD') | =60°.
Khi d6 MAN =60° hodc MAN =120° =S, . AMAN£:% 1 .g=g.
Hinh binh hanh ABB'A’ ¢6 S, = AM.BB' = A'B.AB < 1.AA' = ’3‘; ‘i‘/‘g' -2,

Vé'y VABCD A'B'C'D' \/5 )
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