Tén aé tai: , HUONG DAN
HQC SINH CACH HE THONG, CHU PONG TRONG VIEC
GIAI CAC BAI TOAN TAM GIAC LUQONG

1.MO DAU
1.1.Li do chon dé tai:

Trong cong tac giang day bd mon toan & truong THPT va thyc té trong hoat
dong day va hoc ctia hoc sinh trong nha truong, qua trinh tim to1 dic két chon ra
cac bai toan “gdc” , tir d6 phat trién 1én hé théng bai tip theo hudng bai toan

“gbc” .Qua do giup nguoi day dinh huéng dugc phuong phap giai cu thé 16 gic,
ngudi hoc 1€ tiép thu va c6 co hoi sang tao cua ban than xay dung bd sung 16p
cac bai toan trén co s& bai toan gdc, d6 cling 1a d6i méi phuwong phap day va hoc
trong truong THPT.

Trong qué trinh hoc lwong giac , phan tam giac lugng hoc sinh thudng gap
kho khin trong viéc hé théng kién thic va chi dong giai ca bai toan tam gidc
lugng
V61 noi dung dé tai nay, toi dé cap dén van dé - Hudng dan hoc sinh chon mot
s6 bai toan 1am “gbc” dé st dung chung dé “khai trién “ nén hé thdng cac bai
tap, trén co s& 1a cac udc lugng dbi ximg trong tam giac.

Vi vay t6i chon dé tai “ Hwéng din hoc sinh hé thong & chi dong
trong viéc gidi cac bai toan tam giac lwgng”
1.2.Muc dich nghién ctru:

+ Trao doi v6i dong nghiép trén co so van dung ude luong ddi xtng trong tam
giac luong, chon dugc cac bai toan “gde” ,hé thong thanh cac dang bai tap giang
day cho hoc sinh.

+ Hudng dan hoc sinh giai dugc cac bai tip dua trén co sé suy luan tir bai toan
“gbc”, va tu duy tir bai toan “gdc” chu dong phat trién thanh chudi cac bai tap
cung dang, cung co s& 1i luan, tu tin trong hoc bd mon toan.

1.3. Pdi twong nghién ciru:

- H¢ thirc lugng trong tam giac.
- Noi dung phan hé thire luong trong tam giac trong chuong trinh SGK.
- Mot s bai toan lién quan trong cac dé thi Pai hoc - Cao ding - TCCN.

1.4. Phwong phap nghién ctru:

Phuong phap:

- Nghién ctru 1y luén chung.

- Khao sat diéu tra tir thuc té day va hoc .
- Tong hop so sanh , dic rat kinh nghiém.
Cach thuec hién:



- Trao ddi v6i dong nghiép, tham khao y kién gido vién cting bo mon.
- Lién hé thyc té trong nha truong, ap dung duc rat kinh nghiém qua qua trinh
giang day.

- Thong qua viéc giang day truc tiép & cac 16p khdi 10 trong ndm hoc.

- Thot gian nghién ctru: Nam hoc 2016 — 2017.

2.NOI DUNG SANG KIEN KINH NGHIEM
2.1.Co 6 li luan ciia sang kién kinh nghiém:

Trén co so str dung cac udc luong d6i xtmg co ban , két hop vai cac bat
dang thirc ¢6 dién: C6 Si, Bunhiacopxki,.....va mot sb bai toan ‘gdc” ma “khai
trién” nén hé thong cac ba1 tap, tur d6 giup hoc sinh dinh huéng duoc phuong
phap giai toan.

Nhirng kién thirc lién quan:

2.1.1. Cac bai todn trong tam gidc:

La cac bai todn nghién ciru cac mdi quan hé giita cac yéu tb ciia tam giac vi
nhau.

Cac mbi quan h¢ co thé 1a :Mot déng thirc ,mot bat déng thirc hay mot d4u hiéu
nhan dang tam giac

Cic yéu t6 trong tam giac :

+ Goc :A,B,C.

+ Canh :a, b, c.

+ Puong cao: h,, hy, he.

+ Puong trung tuyén: m,, m,, m. .

+DPuong phan giac : 1,, Iy, L.

+Chu vi: C=2p

+Dién tich : S

+Bén kinh dudng tron ngoai tiép: R

+Ban kinh duong tron ndi tiép: T, Ta, T, Te.

2.1.2. Quan hé giita cdc yéu t6 trong tam gidc:
+a,b,c>0:{{ZT 7 =%
+0<AB,C.<T; A+B+C=7
+ a=2sinA.R
+a* = b*+c? -2bc.cosA
b>+c*-a’
4S8

2

a
+b* +c* =2m’ +—

2
+S =

+cotd =



1 1 . b 2 . . .
Eahﬂ =5bc.smA =% =2R" .sind.sin B.sinC =pr =(p - a)r, =\/p(p- a)(p-b)p-c)

(Bay cong thirc tinh dién tich 13 “cau ndi “ thiét 1ap mdi quan hé giita cac yéu td
trong tam giac voi nhau.)

2.1.3. Cac hé thuvc co ban:

. . . A B C
1) sinA + sinB + sinC = 4cosac085cos5

2) sin2A + sin2B + sin2C = 4sin2A.sin2B .sin2C
3) sin(nA) + sin(nB) + sin(nC) = (-1)""'4sin(nA).sin(nB).sin(nC)

B

.4 . . C
4) cosA+ cosB +cosC = 1+ 4sin - sin = sin—

A B B __C C 4
5) tan —tan — + tan —tan — + tan — tan — =1
22 22 22
6) tanA +tanB +tanC = tanA tanB tanC
7) cota + cotZ+ cot= = cot cotZ cot
)co2 cot=+ cot— = cot—cot> cot7
8) cotA.cotB +cotB.cotC + cotC.cotA =1

2.1.4.Bat diang thirc
-Bat dang thire Cosi:

b véia,b 20

ata, +.+a, 0 0
=4/a,.a,...a, VO1 a,az, ,a, 2

n
-Bét ding thirc Bunhiadpxki:
b +ab, Y <l +a2 Yo7 +52)

(b, +ab, +.+ab ¥ < +a +.+a Xo? +b2 +..+b7)

2.2.Thuc trang van dé truée khi ap dung sang Kkién kinh nghiém:

Hoc sinh trong nha truong phan 16n 1a hoc sinh ¢6 hoc lyc trung binh, ti
1€ hoc sinh ¢6 hoc luc kha gioi 1a khong nhiéu. Nhiém vu cua tb nhém chuyén
mon phai t6 chirc danh gia xép loai nang luc hoc sinh ,nhém chuyén moén phai
xay dung ké hoach boi dudng phu dao theo nhém hoc sinh cé hoc luc khac
nhau.

Trong cac budi thao luan vé chuyén mon xay dung phuong phap day hoc
cho nhom ddi tuong hoc sinh kha gioi, da co nhiéu y kién trao ddi giang day cho
hoc sinh phan kién thirc tam giac luong , ddy 1a ndi dung kho dbi véi hoc sinh
trong nha truong va ciing khong don gian d6i voi gido vién.

Nam hoc : 2015- 2016 t61 thtr nghiém trén nhém ddi tuong hoc sinh
c6 hoc luc kha gioi.

Nam hoc : 2016- 2017 t61 thtr nghiém trén nhém dbi tuong hoc sinh
c6 hoc luc kha gidi.



Két qua kiém tra 2 nhom hoc sinh ndi trén vé phan tam giac luong khi
chua trién khai dé tai

Niim hoc Si | Gioi Kha Trung binh

‘ sO |SL TL% |SL TL% |SL TL%
2015-2016 20 |1 5,0% |5 25,0% | 14 70,0%
2016-2017 25 |2 8,0% |9 36,0% | 14 56,0%

2.3.C4c sang kién kinh nghiém hoiic giai phap da sir dung dé giai quyét vin
de:
Bii to4n gbc 1:

Cho tam giac ABC véi T = sin’A +sin’B +sin’C. Tim MaxT ? [3]

v , 1- cos24 1- cos2B
Gidi:Tacd T= ————+————+1-cos’ C =2-cos’C — cos(A-B)cos(A+B)

2
= 2+lcosz(A- B)- |cosC - lcos(A- B)| =<2+4cos’(4- B) <24+l =2
4 2 4 4
n . . . 4
Vay T = sin’A +sin’B +sin’*C <5

cos(A4- B) =1 {A =B

dau “="xay a- [l m - [C25 = A4ABC déu.
9 ; X
Két luan:MaxT = " Khi A4BC déu.

Tir két qud badi todn nay ta cé thé siv dung cho mot loat cdc bai todn phan cdc
woc lwong doi xurng:

Bai 1:Cho tam giac ABC vo1 T = sinA.sinB.sinC Tim MaxT ?

(Hodc CMR: sinA.sinB.sinC ﬂg)}

CMR: AABC @ sinA.sinB.sinC :%

CMR: Trong cic tam gidc cung ndi tiép mot duong tron ban kinh R thi
tam giac déu co6 dién tich 16n nhat — Vi : S = 2R? SinA.SinB.SinC ) [2]
Nhan xét:
0< A,B,C.<7 suy ra : sinA,sinB,sinC > 0
sin® 4 +.sin’ B +sin’ C

Xét T2 = sin’A.sin’B.sin’C < 3 :( Theo bat dang thirc C6 si )

9/4)’

2 <
T_3

33

Vay T=== Dau“="xdyra [ a T o T = e qéu

Két luan: MaxT = 3J_

Bai 2: Cho tam giac ABC véi T =sinA + sinB + sinC .  Tim MaxT ?
(Hoac: + CMR: sinA + sinB + sinC <3‘F

© AABC déu



+CMR: AA4BCdéu © sinA + sinB + sinC =¥

+CMR: Trong cac tam giac vudng cung ndi tiép mot dudng tron ban
kinh R thi tam giac déu c6 chu vi 1én nhat.Vi 2p = 2R(sinA + sinB + sinC ) [3]
Nhan xét:

0< A,B,C.<T suy ra : sinA,sinB,sinC > 0
Xét (sinA + sinB + sinC)* <3(sin*A +sin’B +sin’C) (BDT Bunhiacopxki)

9 27
<3. iy
Vay T <¥ Déu “_o Xay ra { I:Z A:*—\sn‘-?BB:-‘;.Slln( o =osa déu
MaxT _3f © AABC déu
Bai 3: Cho tam gidc ABC vo1 T= — : — . Tim MinT ?
sin 4.sin B.sin C
‘. ., - 1 1 1 \ .
Bai 4: Cho tam giac ABC v61 T= —+——+— Tim MinT ?
sind sinB sinC
.. , .. 1 1 1 o
Bai 5: Cho tam giac ABC vé1 T = + + Tim MinT ?

sin4 sin*B sin’C

Bai 6: Cho tam giac ABC v6i T= (1+——)(1+——)1+——) Tim MinT ?
sin 4 sin B sinC
Bai7: Cho tam gidc ABC véi T = cot’A + cot’B + cot’C Tim MinT ?
Bai 8: Cho tam gidc ABC véi T = (1+sinA)(1+sinB)(1+sinC )
Tim MaxT ?
Bai 9: Cho tam gidc ABC voi T = (1+sin’A)(1+sin’B)(1+sin°C )
Tim MaxT ?
Bai 10: Cho tam gidc ABC, T =sin2A + sin2B + sin2C. Tim MaxT ?
Bai 11: Cho tam giac ABC
CMR : sin’A +sin’B +sin’C 2243 .sinA.sinB.sinC
Hay CMR: a’+ b”+c? =453  (VAA4BC)
ab +be +ca =45V (VAABC) [6]
HD :Bai 7:
T=1+
1
sin A.sin B.sinC ~

1 1 1 1 1
+ + +
sin A sinB sinC sinA4.sinB sinB.sinC sinC.sin A

1 1 1
1+33\/ . - . +33\/ . 2 . 2 . 2 +3\/ . 3 . 3 . 3 =
sin 4.sin B.sinC sin” A.sin” B.sin” C sin” A.sin” B.sin” C

3 3
1 2 .
1+3 > 1+— V >1+
\/sinA.sinB.sinC] [ \5] ay T 2

3
.Dau “=" xay ra ©® A4BC déu

2
V3




Nhuw viy : dp dung két qud bai todn “goc “ bai todn goc 1 ta gidi dwoc hé
thong cdc bai todn trén va cac “ bién dang” cua chung (phat biéu dwdi ngon
ngit khdac hodc thay thé goc thanh canh nho dinh li ham so Sin)

Dap s0:

. 8 \
Bai 3: MinT = EWE) © AABC déu
Bai 4: MinT = 243 e AABCdép
Bai 5: MinT =4 © AABC déu
Bai 6: MinT = 1+i3 & AABC déu
Bai 7: MinT = 1 & AABC déu
Bai 8: MaxT = 1+§ & AABC déu

Bai 9: MaxT =27/16  © A4BCdéu

Bail0: MaxT = % @ AABC déu

Bai toan gdc 2:
Cho tam giac ABC véi T = cosA.cosB.cosC , Tim MaxT ? [5]

Giai :
1| cos’(A- B)

Tacd T :%[COS(A - B) +cos(A4 + B)]cosC :5 1 - (cosC - %COS(A- B))’

2
sl'cos (A- B) <l

2 4 8
A 1
Vay: T = cosA.cosB.cosC Sg,

cos?(A- B =1

dau “=" xay ra — [9 e Leonca- s —o® ABCdeu
Tuwr két qua bai toan nay ta ta co thé giai dwoc hé thong cac bai tap sau:

Bai toan: Cho tam gidc ABC. Chirng minh ring:
3
1) cosA+ cosB +cosC =5 [1]

2) cos’A+ cos’B +cos*C 2% [2]
3) cos’A+ cos’B +cos’C =6.cosA.cosB.cosC
4) (1- cosA)(1- cosB)(1- cosC) S%

1 1 1
1+ 1+
sA)( cosB)( cosC
1 1 1
+ +
cosA cosB cosC

5)a+ . ) =27 vo1 AABC nhon.
6) =6, vOi AABC nhon.
3

. A. B . B.C . C. A
7) sin—sin— +sin—sin— +sin—sin— <—
2 2 2 2 2 2




=

¢
2

AW

8) sin2§+sin2§+sin2

1 1 1
+ + >12
9) sin>4 sin’B  sin’C

A B C A B C
sin? = +sin’ = +sin’ = >6 sin —.sin —.sin —
10) 2 2 2 2 2 2 [4]
. A . B . C 1
sin —.sin —.sin — <—
11) 2 2 2 8 [4]

. A . B . C 3
SiIn— +SIn— +Ssin— <—
12) sing 2 2 =7 4]

1 1 1
+ + >
. A . . =6
Sin— SiIn—  SIn—
2 2 2

C 33

A B
14) cCoOS—+cos—+cos— <——
2 2 2 2

15) cosﬁ.cosé.cosg Sﬁ
2 2 2 8

1 1 1
>2.3
t—pt =23

13)

16) 4
COS— COS— COS—
2 2 2
4 2 — <=
17) cos 5 cos 5 cos > =1
1 1 1
+ + >4
18) .4

cos” — €os”— C€OST—
2 2 2

A B C A B C
cos? = +cos’ —+cos’ — >4+/3 coS—.COS—.COS —
19) 2 2 2 f 2 2 2

Bai toan goc 3: Cho A,B,C 1a 3 géc tam giac ABC.

. A B C
] i ang: sin A +sin B +sin C <cos— +cos— +cos—
Chirng minh rang: sin 4 +sin B +sin 2 2 5 [6]

(Logi chirng minh mét so wéc lwong doi xikng trong tam gidc trén co sé cdch
lam bai toan “goc”.( Co thé sw dung tinh chdt cua ham so 16i)).

v.. SinA+sinB . A+ B A- B C A- B C
Giai: =sin cos =C0S—CO0S <cos—
2 2 2 2 2
(Do cos - sl;cos,g > 0)
2

S . w <COS£

uy ra: 5 <cos—

Tuong tu: sinB+sinC <cos£

g g 2 - 2

sinC +sin A B

——— <CO0S—

2 2

A B C
ay : sin A +sin B +sinC <cos— +cos— +cos—,
Vay: 2 2 2



Tir d6 bing cdch lam twong tw ta c¢é hé théng cdc bai tip sau:

Bai toan: Cho tam gidc ABC. Chirng minh ring:

. . B .
1)cosA+cosB+cosC < sm£+sm—+smg
2 2 2

. A . B . C
A+cos B+cosC < 4sin—.sin—.sin —
2)cos A +cos B +cos 5 -sin=.sin = [5]

3) sin2A4 +sin2B +sin2C <sinA4 +sin B +sinC
4) sin2A4 +sin2B +sin2C + cos A +cos B+cosC >0 ; VAABC nhon.

A B
5) tan A4 +tan B+ tanC Zcotz + COtE +cot%; VAABC nhon.

6) sin 4 ++/sin B +/sinC S\/cosg +\/cos§ +\/cos§ [2]

7) sin A.sin B <cos® §§ VAABC .

Mé rong:

. . . A B
*) sin A.sin Bsin C SCOSECOSECOS% .

*)cos 4.cos B <sin’ < .
2
*) cos A.cos B.cosC SSiné.sinE.sing
2 2 2

*) cotécotécotg <tan A4.tan B.tan C
2 2 2
8) cos 4 +cosB +cosC =2( cos A.cos B.+cos B.cos C.+cos C.cos A). [5]
. A4 . B . C A
9) cos 4 +cos B +cosC :s1n5+s1n5+81n5© AABC déu

tan 4 +tan B A+ B
>tan

10) 5 >ta
11) YAABC nhon ¢0 :+vtan 4 ++/tan B ++/tan C z\/cotg +\/cot§ +\/cot% thi AABC
déu
Huéng din giai 10) Ta co:
tan A + tan B _ sin( A+ B) _ sin C - sin C
2 2.cos A.cosB  cos(A- B)+cos(A+B) 1+cos(A+ B)
. . 2sin£cos£
_ sin C _ sin C _ —tan B = (DPCM)
1- cosC . C

2sin” — 2sin® —
2 2

( C6 thé bién d6i twong dwong hodc sir dung tinh chat ham s6 161)

Hudéng dan giai 11)
Ta cO:+/tan 4 ++/tan B >2%/tan A.tan B .




Mat khéc: tan 4.tan B >tan” #(*)

Vi ()

< sin A.sin B.cos’ A+ 5B >cos A.cos B.sin” A+ B
= %[COS(A - B)- cos(A4+ B)]. W} zé[cos(A - B)+cos(A4+ B)} Ml

0

2cos(A- B).cos(A+ B)- 2cos(4A+ B) =0
-2cos(A- B).cosC+2cosC =0
2cos C[1- cos(A4- B)|=0(**)

(A4BC nhon ,(**) hién nhién diing)

A+B A+ B C
Suy ra: Jtan 4 ++/tan B >2%/tan 4.tan B Z2‘§/tan2 — :2\/tanT :2\/C0t5 5

g

g

VAABC nhon.
Vay +tan 4 ++/tan B ++/tanC :\/cotg +\/cot§ +\/cot% = (BPCM)

Bai todn goc 4:

. Z , A B B, C C, 4 . FE S
Sur dung dang thirc: tan —-tan -+ tan - tan = + tan—tan - =1, yg 1 50 bat dang
thive co bdn, bit ding thirc cé dién:Cé si; Bunhiacopxki,...thiét lap nén cdc
woc lwong doi xurng trong tam gidc.

Bai toan: Cho tam giac ABC. Chirng minh ring :

1) tan’ A, tan’ B, tan’ < >1
2 2 2

A B
tan® = +tan’® —

Giai: Ta co: 2 (Theo Co si)

A
tan —.tan — <
2 2 2

2 B 2 C
tan” — +tan” —
Tuong ty : 2 2

B
tan—.tan— <
2 2 2

tan’ ¢ + tan’ 4
2 2

tan—.tan— <
2 2 2

2>zl > (OPCM)

A B
Av: tan® =+ tan> — + tan
Vay: 5 5
A B C
tan — + tan — +tan — 2«/5
2) 2 2 2
Giai:
, A B C., , A , B , C A B B C
s (tan—+ tan— + tan—) " =tan" — + tan" — + tan”" — +)( tan — tan — 4+ tan — tan —
Ta co: (tan 2 > 2 2 5 T2(tan—rtan> 2 g

+tan£tan£) >1+2.1=3
2 2



V;’_iy: tang + tang + tang >3 2 (DPCM)

3) tan* s 4 + tan* £+ tam4£ Zl
2 2 3
Giai:
Theo Bunhiacpxiki
3(tan* =+ tan4£+ tan4£) 2(tan2 £+ tan’ §+ taan)2 >1
2 2 2 2 2 2
1
Vay: tan’ —+ tan® —+ ta 4%25 = (bPCM)
A p p 1
tan —+ tan —+ tan — =>—
4) 9
Giai:
tan6§+ tan6§+ tan®30° + tan® 30” + tan® 30° + tan® 30° Z6tan§tan§tan4 30 - e
A B 4 2 4B
tan® = + tan® — + 630° > =tan—tan —
5 > tan” 30" 2 3 5
6
& tan® =+ tan®* = +4 LI N ztan—tané
3 3 2
B C 1. 2. B
- tan® =+ tan® —+4| —| > Ztan—tan —
Tuong tu: 5 5 4\/5 2 Ftan>
6
tan6£+ tan6£+4 1 > 2tangtan—
2 2 3 3 2

tan6§+ tan6§+ tanﬁg 2% g -1, (BPCM)

9
BAI TAP TUONG TU:
.C_ 1
5) tan® 2 Z+an §+ tan’ = >75 (Cong thém vao vé trdi tan’30°)

A ;B C 2
6) tan® -+ tan’ -+ tan® — === 35 (Cong thém vao vé trai tan®30°)

7) tan A +tan B + tan C =tan A4.tan B.tan C
8) tan A +tan B + tanC >3«/7 ( Hoéc tan A.tan B.tan C 23\/5)

9) cot A+cotB+cotC < \/_,VAABC nhon. [1]

10) tan’ 4 +tan’ B+tan” C =9

11) tan A.tan B.+ tan Btan C +tan Ctan 4 >9

Bai toan gdc5 :

Swr dung cdc wéc lwong doi xikng trong tam gidc ma co thé diing mot sé bai
todan “goc” va phwong phap dai so.

1)CMR: VA4BC khong tu ta [uon co: (1 +cos A +cos B)(1+cosC) >2



2)CMR: VAA4BC ta co: cosg + cosg + cos% >2
+3B . B+3C . C+34
sin sin

3)CMR; VYAABC ta cd: sin A.sin Bsin C <sin A

4)CMR: VYAABC ta co: cot% + cotg + cot% 23(tan§ + tang +.tan %)
5)CMR: VA4ABC nhon ta c0: (sin 4)*"% +(sin B)*" +(sinC)**"* > 2

A B C
cos ) +cos_ +cos
6)CMR: VA4BC taco:—— 5 o <2
Sin—+ S -—+S1in—
2 2 2

, sin A+sin B+sin C
7)CMR: VAABC ta co: <2

“cos A+cos B+cosC

8)CMR: VAA4BC ta co

cosA_ B +cosB_ ¢ +cosc- 4 SCOSL(A' £)+0051(B' £)+cosl(C- E)
3 > 2 37703 3703 3703

Huéng din giai :

1)Ta c6 : T=(1+cos A)(1+cos B)(1+cosC) =1+(cos 4 +cosB+cosC) +( cos A.cos B.+
. A . B . C

cos B.cos C.+cosC.cos A). +cos A.cos B.cosC T=1+(1+ 4sm5.sm5.sm5) +(

cos A.cos B.+cos B.cos C.4+cos C.cos A).+cos A.cos B.cosC

cos d.cos F.cos C =0

Do VAA4BC khong tu nén: {Si“ 2

Vay T>2 = (DPCM)
2 A 1 +cos 4
2 2

-sin

7z -
.sin
=

L O
=2

A

COS — > COs
2) Ta co: >
A B c_3 1 A B c, 3 1 .. A . B. C

T =cos —+c0s—+¢c0s— > —+ —(cos —+ cos — +c0s —) =— + —(| +4sin —sin —sin —) > 2
2 2 2 2 2 2 2 27 2 2 22 2

> (BPCM)

3) Vx,x,,x5,x, €(0;77) Vi ham s0 y = sinx 1a ham s0 10i trén (0;7) , nén:
sin x, isinxZ +sinx, +sinx, LX FX, F Xy X, va da—u
4 = 4
N , . A+3B . A+B+B+B _sind+sinB+sinB+sinB _, 3
Vay ta cO :sin 2 =sin 1 > 2 =>3/sin A.sin” B

Tuong ty: sin B*3C - 4fsinB.sin’ C
sin C+34 >4/sin C.sin” 4

A+3B . B+3C . C+3A
Sin 4

.ox X,
<sin =

€69

Xay ra < X =x, =X =X,

Vay: sin A.sin Bsin C <sin > (DPCM)

A B B C C A
tan—tan—+tan—tan— +tan —tan — =1
4) Ta co: > > > 2 >

= o xm
—
— x, v,z =0
Dat - —— == == =
— xy + y= 4+ =Zx =1

-
_—

= w=mm=m

11



1 1 1
Taphdi CM:  —+—+—-23x+y+z2) e xp+yz+zx 2302(x +y +2)
x vy z

e () +(y2)" +(2x)* 2xpz(x +y +2) (¥)

Dit: {27 = S = ()o@ +b 4 zabrberca o f(as b) + 0 o +(e- '] 20
ludn dung. Vay ta c6 bPCM
5) VAABC khong ti {2575 227" va (sinA)™™” =sin” 4, DAu “=" xdy ra
B =90°
A =B =90°
Tuong tu: (sin A)*™"” +(sin B)**" + (sin C)*™* =sin* 4 +sin’ B +sin’ C =
2 +2cos A.cos B.cosC
(sin 4)*""% + (sin B)*" + (sin C)>*"* =2
A =90°; B =90°
Dau “=” xay ra < | B =90°;C =90° = AABCcé2goécvuong =>V§ i
C =90°; 4 =90°
Vé,y (sin 4)**™# + (sin B)*™"¢ + (sinC)*"* > 2
6)

4 B C
cos5 +C0S— +COos—

<26 cos£+cos£+cos£<2(sin£+sin£+sin—)
A . ) 2 2 2 2 2 2
s1n—+sm5+s1n5

. A+ . B+C . C+4 . A . B . C
< sin 5 +sin +sin <2(sm3+sm5+smz)

. A B . B A . B c . C B . .
< (sm—cos—+sm—cos—)+(sm—cos—+s1n—cos—) + (sin —cos— +sin —cos—)
2 2 2 2 2 2 2 2 2 2 2

. A . B . C X A + A \ 4
<2(sin = +sin—-+sin =) R¢ thay di€u nay ding

Vay bai todn dugc CM.

7) sinA+sinB+sinC <2 (cos4+cosB+cosC) <
< sin(4 + B) +sin(B + C) +sin(C + 4) < 2(cos A+ cos B +cos C)

< (sin Acos B +sin Bcos A) +(sin BcosC +sinCcos B) +(sinCcos 4 +sin AcosC) <

2(cos A+cos B +cosC)

< sin A(cos B + cos C) +sin B(cos A+ cos C) +sin C(cos A + cos B) <2(cos A +cos B +cosC)

< (sin 4 - 1)(cosB +cosC) +(sinB- 1)(cos 4 +cosC) +(sinC - 1)(cos 4 +cos B) <0 dﬁng
A+ B A- B A+B &

1 cos 4+cosB =2cos cos > 0;(vi0 < <=
Vi 2 2 ( 2)

2.4. Hiéu qua ciia sang kién kinh nghiém déi véi hoat dong gido duc, véi
ban than, dong nghiép va nha truong:

Qua qué trinh giang day trién khai dé tai dén nhom hoc sinh doc 1ap trong 2
nam, to1 théy hoc sinh da tu tin hon khi gdp cac bai toan tam giac luong noi trén
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va d3 giai quyét duoc co ban cac bai toan dam bao yéu cau cua gido vién.Tur d6
khich 1€ hoc sinh tich cuc hon, chu dong hon trong viéc tim to1 phat trién hé
thong bai tap trén co sd bai toan “gdc”.

Két qua khao sat sau khi trién khai dé tai.

Nim hoc ST Gidi Kha Trung binh

‘ sO |SL TL% |SL TL% |SL TL%
2015-2016 20 |7 35% |11 55% |2 10%
2016-2017 25 |9 36% | 14 56,0% | 2 8%

3.KET LUAN VA KIEN NGHI
3.1. Két luén:
Ttr mot bai toan “gde “ co thé 1a nhing h¢ thie lugng giac co ban hay mét ude
luong ddi xtmg nao dé , cach phat trién rleng ctia minh giup hoc sinh nhé
lau ,”’nhay bén” va” hé thong héa”,”Sip xép” duoc cac tam giac luong .Pidu
nay rat can thiét va hitu ich ddi véi hoc sinh.
3.2. Kién nghi:
Trong thot gian t6i ,t01 s€ mo rong nghién ciru dé tai nay .Rat mong dugc sy
quan tAm ciia BGH nha truong tao diéu kién vé thoi gian cho phép 61 duge thuc
nghiém trén cac nhém hoc sinh trong nha trudng. Tuy nhién dé tai trén khong
tranh khoi nhitng thiéu sot can bd sung .Tdi rat mong duogc sy dong gop ¥ kién
ctiia dong nghiép va hoc sinh cho bai viét nay.

T61 xin chan thanh cam on!

TAI LIEU THAM KHAO
[1]. Sach gido khoa hinh hoc 10 - Nha xudt ban gido duc
[2]. Sach hudng dan giang day - Nha xudt ban gido duc
[3]. Tai luéu tp hudn sach gido khoa - Nha xudt ban Gido duc
[4]. Céc bai giang luyén thi mon toan - Nhd xudt ban gido duc
(TG: Phan Pirc Chinh - Vii Dwong Thuy - Pao Tam - Lé Théng Nht)
[5]. Bdo Toan hoc tudi tré - Nha xudt ban gido duc

[6]. Cac dé thi dai hoc cAc nam trude.

XAC NHAN CUA PON VI Triéu son, ngay 25 thang 5 nam 2017.
T61 xin cam doan day 1a SKKN cua minh viét,
khong sao chép ndi dung ctia nguoi khac
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Nguoi viét

TRAN CONG TUAN
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