Todn 12 Chwong 2 — Toa dj ciia vecto trong khong gian — Bai tdp theo chwong trinh mdi 2025

CHU DE 2
TICH VO HUONG CUA HAI VECTO

DANG 1
TICH VO HUONG CUA HAI VECTO

% C 4 . :4'...';1 .:|u|.|h|cns(u.h)
Duya vao dinh nghia

* Sir dung tinh chét va cac hang dang thirc cua tich vo hudng cia hai vecto

o ab=ba

. alb+c)=ab+ac

. (ka)s =k (ab) =a.(kb)

o @’ 20, @’ =0 = q =0
(a+5) =a® +2ab +b°

L (a-p) —a* - 2ab+b’

. (n'. -.H".P)(ﬂ - h) Zn'.: - b°

PHAN 1. Ciu tric nghi¢m nhié¢u phwong 4n lya chon. Méi ciu héi thi sinh chi chon mdt phwong 4n.
Caul. Cho 4 va b 13 hai vecto cung huéng va déu khac vecto 0. Ménh dé nao sau day dung?

a

ab =
A.

P B. @b =0 c. ab=-1, p. @=Ll

Loi giai
Chon A

b s b . ) . (ﬂ.h):l:l" - — Ens(ﬂ.h):]
Do ¢ va b la hai vecto cung hudng nén .

- ab=la .‘b‘
Vay .

A - . . . e , .y . cab=- n|.|b|.
Cau 2. Cho haivecto @ va b khac 0. Xac dinh goc @ giita hai vecto @ va 0 khi

A, a =180° B. ¢ =0° C. a =90° p. & =45
Loi giai
Chon A
ab =- |a‘.|b‘ cus(u.h):— |- — (u.h) =180"

Ma theo gia thiét , suy ra
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= bl =2
Cau3. Cho haivecto @ va b thoa man ‘a‘ 3 | | va @b =-3. Xac dinh goc ¢ giira hai vecto ¢ va
b

A, @ =30° B. @ =45" C. a =60° D. a =120°
Loi giai
Chon D
ab | | |b| cos(a.b) = — cos(a.p) == i _-%— —(a,p)=120"
Ta co ﬂl |b| 3 )
-+ 2 - b

=Ibl =1 u=—a-3

Cau4. Cho hai vecto @ va b théa man ‘a‘ ‘ ‘ va hai vecto 2 va vV =a+b yuong goc véi

nhau. Xac dinh goc & giira hai vecto ¢ va b.

A, @ =90, B, @ =180°, c. @ =60, D, @ =45,
Loi giai
Chon B
:_T — =y == ‘ —;++3_|;++(;++ .":r) = = Eaﬂ - Em& 3,»5 = e
Ta co ) 5 — ab =-1
cos(a, h)——-r——— | — — (a,p)=180"
{2
Suy ra
i i + b thoa man didu kien 1Yl =21 = va @b =3. b aai vecto 3+
Cau 5. Cho hai vecto ¢ va Y théa man di€u kién va @0 =3. pg dai vecto 24 +30:
A SVS. B. V24 C.8. D. 124
Loi giai
Chon B.

(3a+56) =94 +30ab+256" _g, 90425 =124,

= ‘3:? +5h‘ =124

Cau6. Cho @,b ¢6 (a +2b) vuong goc voi vecto (Sa_ 4b) va ‘ ‘ :‘b‘ . Khi do:
A. cos(a’b) :g , B. cos(a,b) =90 . C. cos(a.0) :? , D. cos(a.b) :é .
Loi giai

Chon D.
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+Vi (a * 2b) vuong goc voi vecto (Sa ) 4b) nén

(;:-»2*1;)925*6_: 4b) 0o 54 -85 +6ab =0 ab Zﬂ
- 3a2
2 2 _
raco 7=l =B ™
2
cos(a b) = —l

. . ab e s .|a|:4.j|h|:3.j|a—h|: e b
Cau 7. Cho hai vecto thoa man: . Goi ¢ 1la goc gitra hai vecto . Chon
khang dinh ding?

cosor =— 0 cosar =—— 0
A. 8. B. @ =30°, C. 3. D. @ =60"
Loi giai
Chon A
******** 9
(a- b) :a| +|h| - 2ab= ab=—.
Cosar = ab :E
R
Do do:
1l U

A \ \ N .0 e ‘” +2v|

Cau8. U vaV la2vectodeukhac V. Khido bang
U u uu u u uu U u N Y
A.u2+2v2-4u.v. B.u2+4v2+4u.v C u +dy D 4u 'V(”'V)
Loi giai
Chon C.
U U N 20 u uu
e ) =) g

ol =s [o[=12 |a+e[=13
6 , va

Cau9. Cho hai vecto @ va b . Khi @6 cosincjia goc giira hai vecto

u

Z 2 +b bing
2 5 _119 119
A 13, B. 12, c. 169 D. 169
Loi giai
Chon C.
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Nhan thay V5*+12° =13 suyra @ LD

"

cos (e, 3
‘a +b‘ =53 = % =eos’
Mat khac: 13
u u u u -1 5
) ' -b g +h L AT =2a, =2.cos’ —
Do d6 goc giira hai vecto ¢ va bang 13
cos(clzz-lb,a+b)=cos 2.cos'li =- 119.
13 169

Vay

Cau 10. Cho ¥ =a+3b vusng goc véi v =7a- 5b ya X =a- 4b yuong goc voi ¥ =797 26 Knhi do goc

gitra hai vecto ¢ va b bang

N (a,p) =75 | 5 (a,6) =60 | . (a,) =120 | o, (a,p) =45 |
Loi gidi
Chon B.
Ta co:

" = 16ab ‘b‘ —2ab @722(1])

co @) Gamsp)=0_ [1lf 15
tuy —o |(a-46).(7a- 20)= 0 70a] +8[p[ =305 d =2ab la| =[p|
cos(a b) ab =q’ )
Tur do, ta co: ‘ ‘ ‘ 27 (a,b) =60
n| =4; |h| =3:a.h =10 ;

=a-bx=a- 2b=.GQioclé1

Cau 11. Cho hai vecto a,b thoa man: | . Xét hai vecto ¥

goc giira hai vecto > . Chon khing dinh dtng.

-2 1 3 2

&<

N cosdl :‘E- B cosdf :ﬁ. C. cosdf :ﬁ. D, cosdf :‘E.

Loi giai

Chon D.

ey =(a-26)(a- b)=(a) +2(6) - 3ab =4
Ta co .

|.‘l.'| :J(.r): :.J(ﬂ - Z‘?)_ :J(a): +4(h): - dahb ZEJ?:.
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|]1| :J(?L) ZJ(G = h): ZJ(G): +(."J): - 2ab :JE.

4

RN N

COsar = r

‘a‘ :Eﬂg‘b‘ =28 ‘a +.'5‘ —48

Céu 12. Cho hai vecto %? thoa man: . Do dai vecto @~ b bang?

A, 25. B. V616 c. 9. p. V618,
Loi giai
Chon B.

|ﬂ b| a-b) = 4 *2ap=2(a”+5)- (a+b)

—_——

:3| |ﬂ| +|a5| ‘ |a+f;|' —2(26 +28)- 48% =616

= |a- h| =.J616.

PHAN II. Ciu tric nghi¢m diing sai. Trong méi y A), B), C), D) & mdi céu, thi sinh chon diing hoiic

sai.
Céu 13. Cho @ =3 b= goc gitra 4 va b bang 120

=19

‘a+b
A.

‘a.- b‘ =8
B.

o la- 26| =413

o |cr+2!:'|:9
Loi giai
A. a+b| =19 PUNG
‘a.- b‘ =8
B. SAI
C. |ﬂ.' 26| =139 PUNG
|a+2b| =9
D. SAI
Ta co:
|;+;| ;:;“:H* | | +2ab :|a|2 +|.'5|: +2|ﬂ|.|b|c05(;.;):9 +35+3.3.5‘: - ;_| =19

= |ﬂ +|":r| :J_
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= e

- f =(a- 5 = +}f - 200 ] +f[ -2

= |a- b| =J49 =7

|b|n:|:rs(ab) =9+25- ?35[ H =49

—- —_——————— —_-—

|a J}| a-2b) _||+4|b| dab= |a| +4|b| 4| ||!:r||:|:rsab) 9+4.25- 435[ " =139

= |a zb| =J139

—- —_——— e

|a+J:r| —(a+2b) o | +4|b| +4ab =[a | +4|b| +4a ||!:r|n:u:rs(ab) 9+4*5+435[ l‘ ~79
=r|ﬂ+3!')| 1."_

Cau 14. Cho hai vecto @ va D .

N R
p, =3l o)
2= ewof Jo-of)
) ;iigqﬂ+b*wa-qj
Lo giai
K Jf%(|a+b e bl
Boi?i%ﬂﬂr+br-k-br)BﬁNG
C;i%m+y¢p¢)SM
e G T

, L _qgﬁiw+q|a|q)
Nhén thay C va D chi khac nhau vé hé s6 2 va
an CvaD.

4 nén thir kiém tra dap

|a+.a| |a b| —(a+5) - (a- b) =4ab — —aab_i(|a+b| |a b|)

Ta co
* A ding, vi |ﬂ+b‘ ‘H‘b) (ﬁ‘“‘b) (ﬂ+b)—aﬂ+ab+ba +bb= ‘ ‘ ‘ | +2ab
* B dung, vi ‘ﬂ b‘ (ﬂ b) (‘5' b) (ﬁ' b)—ﬂ.ﬁ' ah-ba+hh= ‘ ‘ ‘ ‘ 2ab

—_——
———

— —ab :IE(|¢?|: +|b|: - |a- b|)
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PHAN III. CAu tric nghiém tra 1oi ngin. Mdi cAu héi thi sinh chi tra 1oi dap an.

:4,|b| =3 . ‘a + Eh‘ =2.7. _ (a,b)'

Ciu 15. Cho 2 vecto @ va D thoa min ‘ |

Loi giai
—_ Xl
D in: (a,b) =120
Ta co:
|f? + Eb| :Esﬁ

= (a+26) =28

= a +4b +4ab =28

—_——

= ‘ﬂr +4‘hr +4‘0Hh‘ﬁ'ﬂ.’i (ﬂ.ﬁ) —178 ,:-f;.';(ﬂ._ .ﬁ) =- ;_z-, (ﬂ__ h) —120°

Chu 16. Cho hai vecto @ va b tao vé6i nhau gbc 120° vy ‘a‘ =3, ‘b‘ = Tinh ‘a +2b‘.
Loi giai

Dap an: |H+ 2b| :Jﬁ.
Cach1:
|;+ J;| (;T;)H:H +4|b| +dab | | +4|h| +4| | |.’J||:05(;;) =9 +4.25+4.3. <" - i_ =79
= |a+28| =79
Cach2:
V& hinh binh hanh 4BCD sa0 cho: AB =a, AD =2b

uuu uuy uuu
Theo quy tac hinh binh hanh ta co: ‘a * 2b‘ AB+AD|=|AC AC

Ap dung dinh 1i ham césin trong tam giac 4CD :

AC =\CD* + AD? - 2CD.AD.cos60° =79

Cau 17. Cho ba vecto ¢, b, € thoa man ‘a‘ :1, ‘b‘ :2, ‘a- b‘ =3 . Tinh (a- 2b).(2a +b).

Loi giai
Dip dn: (a-26)(a+26) =0 .
a- =3 & (@) - 2ab+ () =9

Ta co: o 1-2ab+4=9 < ab 2'2.

_ (a-26).2a+5)=2(a) - 3.ab- 2(b) =2.1-3.-2)- 2.4 =0
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Cau 18. Cho hai vecto %? ¢co ‘“‘ :‘5’| =15 (a.6) =60

Loi gidi

x =1

Pap an: 1* =2

Ta co:

|.m + h| :\E = (m + .’:r): =3

= yva +2xab+bh =3
= 1 +2xcos60" +1 =3
x =l

o x+x-2=0e [

X ="a

Cau 19. Cho ba véc-to ¢, b , ¢ thoa man:
M =ab+bc+ca gié tri bao nhiéu?

Loi giai
Pap an: M =29,

; 5(b- a)+3¢ =0 © 5(a- b) =3¢ = 25(a- b) =9¢"

Tac

= 25(a’ - 2ab+b") =0¢" - b=t

Tuong tu: 5(0- a)+3¢ =0 < S5a =5b+3c & bc =5
5(b- a)+3c =0

< 5b =5a-3c & ac =20
Vay M =4+5+20 :29_
CAu 20. Cho hai véc to 9 va b théa min cac diéu kién

_ . o u,v)=60°
v=2ka-b k€R Tim tit ca cac gia tri cua k sao cho ( )

Loi giai

;::(::;)Em - b) =2k |a| . |b|: + (k- Dab =2k - 4+¥

Xac dinh sao cho thoa man |

‘a‘ =4 ‘b‘ =1 ‘c‘ =5 S(b- a)+3c =
, , va

o =304 =1 Jo- 2] =415

xa +b| =3

. Khi d@6 biéu thirc

.bat u=a+b 3
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(|”||1-|)Zq(ﬂ +5)|(2ka- b)) =(|of +[e[[ + 20 )(48 o] +[ef - 4kab) —(5 + 2a5) (45" + 4- 4kab)

—6(4k* +4- 2k) = |u||1'| :Jo(yﬁ +4-2k)

- -
k-4 k1

oy MV 1_ 2
(uv)=60° c0a {60 )_|u||1'| T2 Ja(4ff=+4- %) = Ja(»yf +4- 2k) =6k- 9

b | L
—

[
o |

k= (
k=

= =

ﬁ 35
= Jolar+a-24) =6k-9 | Jol@r +2- k) =6k-9 |3 gekss720 (K T4ES
35

5
= hF =4+
2,

b | ted
0

DANG 2
GOC GIUA HAI VECTO

cos(a.5) ==
|ﬂ|.||"1|

.
ealb=ab=0

® Goc gitra hai vecto cung hudng va khac 0 luén bang 0,

® Goc gitra hai vecto nguoc hudng va khac 0 luon bang 180°,

i h c
= e o 2

(4. b)=0° (€. d)=180"

PHAN I. Céu tric nghiém nhiéu phwong an lya chon. Mdi cdu héi thi sinh chi chon mét phwong an.



Todn 12 Chuwong 2 — Toa dj ciia vecto trong khong gian — Bai tdp theo chwong trinh maoi 2025
‘A J4 f— —_ \ —_ — 0 ~ I3 . r A~ -
Cau 21. Cho tir dién ABCD ¢y AB =AC =AD 3 Bac =BaD =60 . Hay xac dinh goc gitra cdp vecto

A. 60° B. 45, c. 120°, D. 90"
Loi giai
Chon D.
A
A
B D
C
Ta co

ARy uIuE A(N[N]

AB.CD = AB.

LIl L LI Ld LI L
(4D- AC)=AB.AD- AB.AC
=AB.AD.cos60" - 4B.AC.cos60" =0

LUy uad

= (4B,cD) =90"

[NININ)

Cau 22. Cho hinh chép S.ABC o4 SA=5B =5C 4 A4sB =Bsc =€s4 . Hay xac dinh goc gilra cap vecto
SA4 3 BC9

A, 120°

B. 90" C. 60°. D. 45",
Loi giai
Chon B.
S
A C
B
Ta co

Uy g L ud

SA.BC :.S'A.(.S'C- EB)ZEA.EC- SA.58

—SA.SC.cos 4SC- SA.5B.cos 458 =0
| | W]

= (54, BC) =90°
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Cau 23. Cho hinh chop S-ABCD ¢ day 1a hinh vudng ABCD canh bing @ va cac canh bén déu bang

@, Goi M va N lan luot 1a trung diém cua 4D va SD | S§ do cua goc (MN.5C) béng:

A. 45° B. 30° C. 90° D. 60°

Loi giai

Chon C.

Ta co: AC =av2
= AC® =2a° =S4 +5C°
= ASAC yuong tai S .

WD DWW
Khi do: - e
Cau 24. Cho tir dién 4BCD gy canh bang 4. Goi O 1a tam duong tron ngoai tiép tam giac B CD  Goc
gitra A0 vy CD bang bao nhiéu ?

A.0°, B. 30, c. 90, D. 60",
Loi giai

Chon C.

I Wy N[N ]H] LI LILL « LI
~4o.cp =(co- c4)cp
Taco
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OO0 OO0 OO OO

—CO.CD - CACD =CO.CD.cos30" - CACD.cos 60"

ﬂ\t’?_; J?_; _ﬂz_ﬂz —0
“ 2 2

Cau 25. Cho tu dién ABCD ygi AB LAC, ABLBD ., P, Q lin luot 13 trung diém cua 4B va

CD  Goc giita 7’9 va 4B 1a?

A. 90°. B. 60°. c. 30°. D. 45°.
Loi giai
Chon A.

AB.PO= AB L PO

Céu 26. Cho tir dign ABCD ¢y AB =AC =AD 3 Bac =BaD =00, €4D =90 .Goi I va / 1in luot la

trung diém cua 4B va CD . Hay x4c dinh goc gitra cip vecto 4B va &/ 9

A. 1207 B. 90°, C. 60", D. 457,
Loi giai
Chon B.

A

I

B D
J
C

Xét tam gidc ICD ¢ J 1a trung diém doan CD.

a0 0 00
17 = (1c +1p)
Ta co: 2

Vi tam gidgc 4BC o AB =4C vy Bac =60°

Nén tam gidc 4BC ddu. Suy ra: ¢/ L 4B

Twong tu ta c¢6 tam gidc 4BD déunén DI L AB .

ool (00 00,00 (00 M0 O 000
17.AB =—(IC +ID) AB =— IC.AB + —ID.AB =0
Xét 2 2 2

Uy [WININ] LUy

Suy ra 1J LAB Hay goc giita cip vecto 48 va I bang 90°,
Cau 27. Cho tir dién 4BCD ¢4 hai mat 4BC va ABD 13 cac tam giae déu. Khing dinh nao sau day ding

nhét.
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A. AB va CD chéo nhau

B. AB va CD vudng goc vdi nhau

C. AB va CD dong phang D. AB va CD ct nhau
Loi giai
Chon B.
piat AB =AD =AC =a
Ll Ui m[uin| L L

 CD.AB =(4D- 4C)A4B

Taco
UL | (UL U U o ] 1

=| 4B||4D|cos 60° - | 4B Ac‘casm}" =aa.—- aa._ =0

2 2

Vay ABLCD

Cau 28. Cho hinh lang tru tam giac ddu ABCABC (5 AB=a vy 44 =\2a

. Goc gitra hai duong
thang AB va BC’b?ing
A C
B

AN .

A C

B r
A. 60° B. 45 C. 90" D. 30°
Loi giai
Chon A

A C

B
90 N A -
B 4

jérgé-lr —(jJJE +E§r)(gé+#§') (W ) NN L g LIl
Ta co ’ - —ABBC+ AB.CC + BB . BC+ BB CC’

SIN|E NN ]

-
uug Jug Uug Juog SN} SN N

a . 3a’
. , uuu L = — +0+0+ 25 =——
—ABEBC+ AB.CC + BR .BEC+BE.CC 2 2
W omd,  Yees. 3
l:crs(xiﬁ'._ BC') :M—

s 2 o
Suy ra |AB'|_|BC"| —m - = QB _BC) =60

2
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ooOoo o000

Céu 29. Cho hinh lap phuong BCPABCD! o6 canh @ Goi M 1a trung didm AD . Gia tri BMBD:
a:
]- 2 3 2 3 7
—da 5 —d —d
A. 2 B. ¢ C. 4 D
Loi giai
Chon A.
4, B
D, C
M b 3
A =7
p b 'C
ULLIL LU uuu LILLI L L UL A[N[uN}
~ BM.BD, =(B,B+BA+AM)(BA+AD+DD,)
Ta co:
NN T T TP T
=B,B.DD, + BA + AM.AD
., .
=-a +a +—
2
2
Céu 30. Cho hinh lap phuong ABCD.EFGH Hay x4c dinh goc giita cip vecto 4B va£G 9
A. 90° B. 60° C. 45° D. 120°
Loi giai
Chon C.
E
: H
F C
v I I
g bt e

Ta c6: EG//AC (do ACGE 13 hinh chit nhat)

LIl L uug uag

= (4B, EG)=(4B,4C)=Hac =45°

Cau 31. Cho hinh lap phuong ABCD.ABCD  Goi M, N 1an luot 1a trung diém cua 4D, BB " Cosin

cua goc hop badi MN yy AC' béng



Todn 12 Chuwong 2 — Toa dj ciia vecto trong khong gian — Bai tdp theo chwong trinh maoi 2025

B i 5 5
3.

A. B. 3 . c. 3. D. 4 .
Loi giai
Chon B
B C
|M
A o D
~ Ng
~
~
I <
~
| S~
BT T
7
&
A’ D’

* Xét hinh 1ap phuong ABCD.ABCD canh 4.

[u m[u|n LI .
a=AB, b=AD, c =44 = ‘ﬂ‘ :‘b‘ :H =a, a.b =b.c =ac =0
* Pat .
* Ta co:
(o0 o o000 oof o mood I o - - - a3
MN =AN - AM =AB+BN - AM =a- —b+—c= |.-'+:f.-"»"| =la*+—a" +—a’ =
2 2 4 4 J2
(NN} (W[N] (N[N} UL (NN}
AC =AB+ AD+ AA =a+b+c= |AC'| =Ja* +a’ +a’ =a-f3
momna oy, o1,
AC‘ .."r"ir.""r: :ﬂ- - ;ﬂ- +;ﬂ- :ﬂ-

JJJ_l_ JJJ_II_
cos(MN; AC") :‘cna (%EEE} :|:f|;i:|| :g

Cau 32. Cho hinh lang tru ABCABC ¢ day ABC 13 tam giac déu canh ¢, tam giac ABC &y nim
(4BC)

trong mit phang vudng goc véi . M 13 trung diém canh CC’ Tinh cosin goc & gitra hai duong

thing 44" va BM

222 J33 NiT J22

coOs ey = cosf =—— COS¥ ——— COSy =
A. 5 B. I C. 1} D. I

Loi giai
Chon B
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AH =A'H _aV3 :
Ta co: 2 3 AH LBC.AH LBC= BC LUAH) 5 pC 1 4x hay

BC LBB" Do d6: BCCB’ 13 hinh chit nhat.

: 7
cc':m':”ﬁ.ﬁ:”"’a = BM :,fahﬂ :a‘!:
Khi dé: 2 2 16 4

~

Ly U Ly uuu (AN 3a”

AA'BM =AA"(BC + M)

=0+ AA'CM 4

Xét:
3a’
cos( 44", BM ) = 4
GJE asf22 :«/g
Suy ra 2 4 11

Cau 33. Cho tam giac 4BC | thi cong thirc tinh dién tich nao sau day 1a ding nht.

I . 1 00m .
| — -
S =—JAB AC? - BC S=— |48 Ac* +—(4B.AC)
A 2 B. 2 2
I 1000 I T
s = [4B*AC? - —(4B.AC) EZ—JAB'HC'-(AB.AE
2 . 2
C. = < D. 2
Loi giai
Chon D.

| . | e | ﬂ
Susc =5 ABACSINA = 4B’ A sin’ 4 :;JAB-A-.T- (1- cos® 4)

i — e
:;JAB-AL”- - (4B.AC

Cau 34. Trong khong gian cho ba diém 4 B. C phy ky, chon dang thirc dung?

A. 2AB.AC =AB* + AC* - BC® B. 2AB.AC =AB* + AC* - 2BC”
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OO0 OO0 LI O
c. AB.AC =AB* + AC* - 2BC’ D. AB.AC =AB* + AC® - BC®
Loi giai
Chon A.

Uug dug

BC* =AB* + AC* - 24B.AC.cos (4B, AC)=AB* + AC* - 2.AB.AC

[NIN{ Ny NN

Ciu 35. Cho hinh lap phuong ABCD-EFGH ¢4 canh bang @. Ta c6 AB-EG bang?
a*\2
A @2 B. @ c.a\3. D. 2

Loi giai

Chon B.
A B
D c
E‘::I:f::; """"""""""""""""""""""""""""" . F
H a6
Ly Ly Uy AU A(N[N] ANy (N} LUy Juag

uud s dud dad o g L
AB.EG =AB.EF + EH) =ABEF + ABEH — 45 4 4B AD (EH =AD) —z* (i 1B L 1D

Cau 36. Cho hinh lap phuong ABCD.ABCD ¢4 canh bang ¢ . Hiy tim ménh dé sai trong nhitng ménh

dé sau day:

UL JJHJ . Lug JJ{JF B e L -
A 2AB+BC +CD+DA =0 B. AD .AB =a’
W[N]

[WIN(NI NN NI N]N]

C. AB'CD =0 p. 4€

—a3

Loi giai
Chon A.
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D C
A B
D
T , C
Av B
Ta cb - 2AB+ BC +CD+ D4 =0
[u LIl H[u[n]| JJ:IJ . JJJ.I .
= AB+(4B+cD)+(BC+D4) =0
= AB+0+0=0= AR :D(Vé 1f)
AC =2 AD,BAB =B AB =60°,CD = AD
Cau 37. Cho tu dién ABCD i 2 . Goi % 1a goc giita 4B va
CD | Chon khing dinh dang ?
cos@ _3 COsSQ _1
A. 4, B. ¥ =60" c. v =30" D. d
Loi gii
Chon D.

00 ood
cos(A5.Cp) = AR _ABCD
. |AB|.|CD| ABCD

Ta co

Mat khac
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LT O L0 LI L0 L0 0o L0 OO

AB.CD =AB(AD- AC)=AB.AD- AB.AC

=AB.AD.cos60" - AB.AC.cos60"

= ABAD. - 4B 24D~ = Lupap=-LuB.cp.
2 27727 4 4

- 1
ui o, - 4BCD |
EDS(AB._CD) - == — COSQ? -
Do c6 AB.CD 4 Suyra

Cau 38. Cho tt dién déu ABCD , M 1a trung diém cua canh BC Khidé cos (4B,DM) béng

V2 g 1 B
A 2 B. 60 . C. 2. D. 2.
Loi giai
Chon B.
A
B D
M
C
Gia str canh cua tr dién la ¢
]]—j- ]]]—j- M|N[N) JJIJJ M N[N} JJIJJ
u:ns(AB._DM ) :M_ :M
48] [pm| a3
Taco 2
Mat khac
AB.DM =AB(AM - AD)=AB.AM - AB.AD = AB.AM .cos30" - 4AB.AD.cos60"
a3 \-'r?T | 3a® a a
=i. — == — =,
2 2 2 4 2 4
ood oond
cos( 4B, DM) 3 cos(AB,DM) B
Do c6 0  Suyra o

Cau39. Cho to dién 4BCD_ Chung minh ring néu AB-AC =ACAD =AD.AB th; 4B LCD

ACLBD AD L BC pidy nguoc lai dung khong?

Sau day la 101 giai:

U U uug ol HUL uuu  uuu

Buée 1: AB.AC = AC.AD & AC.(AB- AD)=0 o AC.DB =0 & AC L BD
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LT OO OO0 0o H|N Ny N L OO

Buwée 2: Ching minh tuong tu, tv AC.AD =AD.AB g qugec AD L BC 3y AB.AC =AD.AB {3 dugce
ABLCD

Buwée 3: Nguoc lai dang, vi qua trinh chimg minh & budc 1 va 2 1a qué trinh bién d6i twong duong.

Bai giai trén ding hay sai? Néu sai thi sai & dau?

A. Sai ¢ budc 3. B. Dung ba budc C. Sai ¢ budce 2. D. Sai ¢ budc 1.
Loi giai
Chon B.
Bai giai dung.

Cau 40. Trong khong gian cho tam giac ABC o trong tam G, Chon h¢ thuac dung?

& 2 I _—» 2 2 2 . . 5 5 , ,
p AB +ACT+BC =2(GA 4GB +GCY). b iy 400 4 BCY =G 4GB + GO

c AB* + AC* + BC® =4(GA* +GB* +GC?). o AB* + AC* + BC® =3(G4* +GB* + GC?).
Loi giai
Chon D.
Cach 1
Taco

U L U s
GA +GE+GC) =0

) i . mimi oodom  ood ood
o GA* +GB* + GC* +2GAGB + 2GA.GC +2GB.GC =0
= G4 +G8 +6C +(64* +65° - 4B )+(G4* +ac? - Ac? )+ (GB* +GC* - BC?) =0

= AR+ ACT +BC? =3(GA* +GB + GC?)
Cach 2: Ta co:

. _AB'+AC* BC’

MA 2 2
2 4 Dafif:i?ﬂ +AC°  BC
9 2 4

Tuong tu ta suy ra duoc
Cich 3: Chuén hoa gia sir tam giac 48 C déu c6 canh 1a 1- Khi do
[ 4B +BC +CA” =3

T T 77 3(GA 4GB+ GC?) = AB* 4 BC +CA°,
GA® +GB +GC* =1

Cau 41. Cho tr dién ABCD ¢p trong tam G . Chon khang dinh ding?
A AB® + AC* + AD* + BC* + BD? +CD* =3(GA* +GB* +GC* +GD?)
p AB*+AC*+AD* +BC* +BD* +CD’ =4(G4* +GB' + GC* +GD?)
C AB® + AC? + AD* + BC* + BD* +CD* =6(GA* + GB> +GC* + GD*)

o AB® + AC* + AD* + BC* + BD* + CD* =2(GA*> +GB* + GC* +GD*)
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Loi giai

Chon B.

AR + AC* + AD* + BC* +BD* +CD*
o o, o o, ,of od, 0of oof., 000 oif,. 000 o .
(46 +68) +(4c+6c) +(4c+6D) +(BG +6C) +(§G+GD) +(ca +§D)

i ) ) o qoiood oodood oofomd oodood ood o ood od
=34G* +3BG* +3CG" +3DG* +2(4G.GB + AG.GC + AG.GD + BG.GD + BG.GD +CG.GD )(1)

Lai co:

(I)u7N] uuy oy uuu )

(G4+GB+GC +GD

= GA*+@B* +GC*+GD* . . . . . _ .
oof oof ood oof ood oof  oof oo oof mod oo ood
=2(4G.GB + AG.GC + AG.GD + BG.GD + BG.GD + CG.GD)(2)

Tir (1) va (2) ta ¢6 diéu phai ching minh.

PHAN II. Ciu tric nghiém diing sai. Trong méi y A), B), C), D) & mdi cau, thi sinh chon diing hoic
sai.

Ciu 42. Cho hinh 1ap phuong ABCDABCD, canh bang ¢ .

A (45,:¢,D)=90°

[N N]N] [N SN N}

B, 4B.CC =-a*

U Juug g Jddg

c. AC.AD =AC.AD..
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Loi giai

JUU Loy )
(4B:c.D)=00" ,
A. PUNG
B. 4BCC =" pUNG
c. ACAD =ACAD,. pung
p. 4DCB =0 punG
Al
: D]
B
| C,
D

B

—_ —_ —_
Chu 43. Cho hinh hop chit nhat ABCPABCD, o AB =a,BC =2a, A4, =3a

R (4B:C D) =45

LLig i NN}

g, 4B.DD=9a"
c. AC.AD =C,A.GB,.
. ADCC=0
Loi giai
JUU Luuu .
(4B:C D) =45
A. SAI
B. AB-DD =94 puNG
c. ACAD=CAGCB. gung
p. 42 CC=0 punG
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Al

ot

.........
...........

p bt

CAu 44. Cho ttr dién 4BCD ¢4 cac canh déu bang 4.

A.

B.

C.

NN LILLl [N ] H[N]N]

AD+CE+BC+ DA =0

-

i o 2
AB.BC =- =

N NN N]N] NNy NN ]

AC.AD =AC.CD.

uuy uuuy

AB LCD p,y ABCD =0

LILL] mIN| N} SN}

AD+CB+BC+ DA =0 PUNG

0 00 2
AB.BC =- —
2 PUNG

N NN N]N] NNy NN ]

AC.AD =AC.CD. QAL

uuy guu

D. AB LCD p,y AB.CD =0 pUNG

Vi ABCD 13 tir dién déu nén cac tam gidc

NN u|N N NN W|N]E] |N]N] m|N|N]

Loi giai

D

M|N]N] LILLl

A.DPing vi AD +CB+BC+DA=DA+AD+BC+CB =0,

Dl

ABC,BCD,CDA, ABD la cac tam giac déu.
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0 00 0m mo R
AB.BC =- BA.BC =- a.a.cos60’ =——.
B. Dung vi 2
[ ool g2 O0i o ol od _ o
AC.AD =aga.costl’ =—: ACCD =-CA.CD =- gaa.costl’ =- —.
C. Sai vi 2 2

Uug g

LI L
D. Bung vi AB L CcD= AB.CD =0.

Cau 45. Cho hinh 1ap phuong ABCP-ABCD: oo khing dinh sai?
A. Goc gitta 4C va BD, bang 90” .
B. Goc gifta BDy gy A4 bang 60°
C. Goc gifta 4D va BC bang 45"
D. Goc gitta BD va 4G, bang 90° .
Loi giai
A. Goc gitta 4C va BD, bang 90" . PUNG
B. Goc gitta 201 va 44 ping 607 SAT
r i~o AD B BC M 45° ’-
C. Goc gitra va ~'7 bang . DUNG
D. Goc gitta BD va 4G bang 90° . PUNG
A
I
D I
B
1 C1
D
B PRSIt
C
W W N{NN] uuy dud L LILLI uuu
AA,.B.D, =BB,.BD =BB,.(BA+ BC)
Ta co:
NIRRT TE ] WTNIN R RTHTN} 444 du o U g o
=BB,.BA + BB, .BC =0 (BB,.B4)=90" (BB, BC)=90
vi va )
Ul dd i .
(44, BD,)=90° = (44,B,D,) =90°
Do doé:

Cau 46. Cho hinh hop ABCD.ABCD ¢4 tAt ca céc canh déu bang nhau.
A AC'1LBD
B. BB L BD
c. ABLDC
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D. B C'1LAD

Loi giai
A. AC'LBD pUNG
B. BB L BD SAI
c. ABLDC pUNG
D. BC'LAD pUNG
ST T T TRV

~ BB.BD =BB'(BA+BC)=BB.BA+BB BC
Ta c6:

=BB .BA (L'ﬂ.’i B'BA+cosBBC )

Vi A4'B'B vy ABCD |3 haj hinh thoi bing nhau nén

+ BB4=BBC= BB'BD #0 suy ra BB’ khong vudng goc voi BD

uuu uuu

+ BBA+HBC =180° = cosB'BA =-cosBBC= BB'BD =0 gy ry BB'L BD

Nén déap 4n B c6 thé sai vi chua c6 diéu kién cta goc B84 va Bac
Cau 47. Cho hinh 1ap phuong ABCD.4'B'C'D" ¢anh @ Trén cac canh PC va BB' 14y cac diém M va

N <10 cho MD =NB =x(0 =x “_»ﬂ)-

A, AC' LB'D'
B. AC’ cit B’D’
C. AC' L MN
D. Ci A, B, C déu dung
Loi giai
A. AC'LB'D' pUNG
B. AC’ cit B’D’ SAI
C. AC' LMN pUNG
D. Ca A, B, C déu dung SAI
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A B
I\
| \ nm
D ——<]C
| ~ 4N
R
——\_
A'
/ \
/
D'

uuu

W E|N) . E) _ _
Pit AA' =a, AB =b, AD =c

M| N|N] [NRNINFNYN)

Taco AC'=a+b+c B'D'=c-b pay

ULy Jugug

AC'B'D' =(a+b+c)(c- b)

:ﬂ(c— b)+c: - b =a*- a® =0

= AC'LB'D"
Ly g uuud LUy L Uy Lo _.|’J+'Tﬂ--.|:'+r.").—'Tﬂ+.|-'T.."J-|:-
MN =N - AM =(4B +BN)- (4D +DM) =|P* - —b| = -

m0d oo ' - '

AC'MN :(ﬂ +b+c‘)[‘ |":r+£ﬂ —| c‘+£.&‘ :iﬂ +‘ |_£ b-c]
T do ta co \ a |l a | a a |
:iﬂ:+‘|—1 |'rJ‘:-|f': :_‘L’_ﬂ+‘|—£ a‘-a =0
i fr i | a |
Vay AC' L MN

PHAN III. Cau tric nghiém tra 1oi ngan. M&i cAu héi thi sinh chi tra 161 dap an.
UL UL Uud g M| NNy N N[N]

Chu 48. Cho tir dién 4BCD | Tim gia tri ctia k thich hop thoa man: A8.CD+ AC.DB + AD.BC =k
Loi giai

r r f—
Dap an: k =0.,
ULl LI LUy U NN W N[N u[un} LILLI a[uin} LLILL L NN W N[N

AB.CD + AC.DB + AD.BC =(AC +CB).CD + AC.DB- AD.CB

o mf oo, mf,o0d oo, oof oof oof ood
—ac(cp+DB)+cB(CD- AD) = ACCB + CB.AC =0,

Céu 49. Trong cac két qua sau day, két qua nao dang? Cho hinh 1ap phuong ABCD.EFGH ¢4 canh@ . Ta
c6 AB.EG bang bao nhiéu?
Loi giai

[ 1| Iy I [ [

Dap an: ABEG =a’,
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F G

/
/
/
al” D
AB.EG =(EF +EH \AE+EF+FB)
1 md d of o oof ood ood  odd od

—EF.AE+EF* + E‘?jlf_%]%EH.AE+ EH.EF+EH.FB
=0+a +0+0+0+EH.EA =a” +0 =a

Cau 50. Cho hinh hop ABCD.A'B'C'D' o5 cac canh déu bing ¢ va céc
B 4'D'=60", B 4' 4 =H' 44 =120°

a) Tinh goc giita cac cap duong thing 48 véi A'D; AC' y4i B'D

b) Tinh dién tich céc tur gigc 4'B'CD vy ACC'A",

AB. AD. 44" )

¢) Tinh goc giita duong thang AC" y¢i cac duong thing
Loi giai

Pap an:

2) &, 4'p)=60" &b 5'D)=90°

b) S ywep :ﬂ:\"’?_’;j.;.;'l“r :ﬁ':".‘E

) (Q?',AB) :(Q_"'._ AD) :(%',AA'):arcmsg

DV

gbc
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a)

Dat

g [SINN|N]N)

AA'—GAB'—:‘JAD'—C

Taco 4'D =a+c pep
JJJ N[N}
cos(4k. 4'D) ‘ccrs AB,A'D)

[ M TN
AB.A' _@| ‘ a+c1

PallaD] e+

—_———

. ‘a +c‘ =a ﬂ(ﬂ"'ﬂ'):
Dé y rang ,

CDS(%-.A'D)ZI;ﬂ Eds, 4' D) =60°

a
2

Tu do
[N]N W]N] —_ [S|N|N]N}

AC'=h+c- a, B'D=a- b+c

Ta co , tir d6 tinh duoc

AC'B'D =(p+c- a)a- b+c)=0= &k 5 p) =00°

b)
Ly [ NIH]H] Uuug guag

A'C=a+b+c,B'D=a-b+c= A'CB'D =(a+b+c)(a- b+c)=0

- :;A'C.B'D

= ACLB'D pgn "

I el
. A'C=a2,B'D=a\2 = S ien ——a2a2 =a°
Deé dang tinh duogc 2

Uug dud

S e =AA' ACsin (A4, Ac) A4’ =a, Ac =a B

:|I| JJJ _|_|_| _|_|_| y
sin(44', 4C) = Jl-ms (AA AC) Vo
Tinh duoc 3

i md

8,00 =AA' ACsin(A44", AC)-a.aﬁ.? =a’\2

Vay

(%I’AB) :(gb__ AD) :(Q" ! AA'):archsﬁ
c) bS: 3
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