TOM TAT KY THUAT SU’ DUNG CASIO - VINACAL HO TROQ GIAI BE THI MON TOAN 2017.

PHU'O'NG PHAP CASIO - VINACAL

BAI 31. QUY TiCH PIEM BIEU DIEN CUA SO PHUC.

1) KIEN THUC NEN TANG
1. Meo giai nhanh
*  Baitoan quy tich luén di Ién tir dinh nghia. Ta luén d3t Z = X+ Yi , biéu dién s6 phirc theo yéu cau
dé bai, tlr dé khir i va thu vé mot hé thirc méi:
*  N&u hé thirc c6 dang Ax+ By +C =0 thi tap hop diém Ia dudng thang

= Néuhé thirc c6 dang (x—a)” +(y—b)’ = R? thi tap hop diém Ia duomng tron tam | (a;b) ban
kinh R
X2 y2
= N&u hé thirc cé dang _2+F =1 thi tap hop diém cé dang mét Elip
a

2 2
. X .
= NE&u hé thirc cé dang —2—§ =1 thi tap hop diém la mdt Hyperbol
a

* NEuhéthltccddang y= Ax? +Bx+C thitap hop diém |3 mét Parabol
2. Phuong phap Caso

= Tim diém dai dién thudc quy tich cho & dap an roi thé nguoc vao dé bai, néu thda man thi la dung
1) Vi DU MINH HOA
VD1-[Thi thir chuyén Khoa hoc tw nhién lan 3 niim 2017]

Tap hop cac diém biéu dién sb phic z thoa man |z—2—i|=‘§+2i‘
A dx—-2y+1=0 B.4x-2y-1=0 C.4x+2y-1=0D.4x-6y-1=0
GIAI

% Cach Casio
>  Goisdphirc z cédang Z=a+bi . Tahiéu: diém M biéu dién s phirc z thi M c6 toa do
M (a;b) .
Giad sir ddp 4n A dung thi M thudc dudng thang 4x—2y +1=0 thi 4a—2b+1=0

Chon a=1thi b:22>2=1+2.5i .S6 phirc z théa man |Z—2—i|=‘z+2i‘ thi
|2 -2-i|-|z+2i|=

>  Sirdung may tinh Casio dé kiém tra

) fye) (1) () (2] () (B) g (=) (2) (&) Evg) O (=) (v} fy) (1) (=) (2] (4 (B
B (H (2) B¢ (=)

CHMFLY Math &

| 1+2,5i-2- i| | 1k

15 -5
Z

Ta thay ra mot két qua khac 0 vay |Z —2—i|—‘£+ Zi‘ =0 13 sai va dap 4n A sai
»  Tuongty véidap sé Bchon a=1thib=15va z=1+1.5i

() fye) (1) () () () (B g (=) (2) (&) ) O (=) (svrn) (v (D) ) (D (I (B)

@] - %L:’F@ E] Math A
|1+1.5i- —1|—|1F

0
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Ta thay két qua ra 0 vay |Z —2—i|—‘£+ Zi‘ =0 13 dung va dap an chinh xac 1a B
% Cach meo
> Dt Zz=X+Yi (taludn dilén tlr dinh nghia) .

»  Thévao |z—2—i|:‘2+2i‘ ta duoc
|(x—2)+(y—1)i|=‘x2+(—y+2)i‘

o J(x=2) +(y-1) =¥ +(-y+2)’
o (x=2) +(y-1) =x® +(-y+2)’
S X —AX+ A+ Yy -2y +1=xX>+y* 4y +4
& 4x-2y-1=0
Vay tap hop cac diém biéu dién s6 phirc z 1a duwong thang 4x—2y—-1=0
= dap 4n B la chinh xac
«* Binh luan
»  Trong dang toan nay ta nén vu tién dung meo vi tinh nhanh gon cia né
> Nhac lai mét [an nita, lubn d3t z = X+ Yi roi bién déi theo dé bai
VD2-[Thi thir s¢ GD-PT Ha Tinh lan 1 niim 2017]
Cho s6 phirc z théa man |2+ 2| =[1—i| . Chon phét bicu ding
A.Tap hop diém biéu dién s6 phuc z 1a mot duong thang
B.Tap hop diém bi€u dien so phuc z 1a mot duong Parabol
C.Tap hop diém bieu dien so phic z 1a mot duong tron
D.Tép hop di€m biéu dien so phuc z la mét duong Elip
GIAI

+» Cach meo
> Datz=X+yi.

>  Thévao |2+ Z|=|1—i| ta duoc
|X+2+ yi| =[1-i|

N \/(x+2)2 +y? = \/12 +(—1)2
<:>(x+2)2 +y? =(\/§)2

Vay tap hop céc diém biéu dién s6 phic 2 1a dudng tron tam 1(~2;0) bén kinh R =+/2
Vay dap an C la chinh xac

VD3-[Pe thi minh hea cia by GD-PT lan 1 nam 2017]

Cho céc sb phuc z thoa méan |z|=4 . Biét rang tap hop céc diem biéu dién cac s6 phic

w=(3+4i)z+i la mt duong tron. Tinh ban kinh r cta duong tron do.
Ar=4 B.r=5 C.r=20D.r=22
GIAI
¢ Cach Casio
>  Déxay duwng 1 duwdng tron ta can 3 diém biéu dién cia W, vi Z s& sinhra W nén dau tién ta sé
chon 3 gid tri dai dién cla z théa mian |Z| =4
»  Chon z=4+0i (théa man |Z|=4 ). Tinh W, =(3+4i)(4+0i)+i
OEHMAMMOBIX[E)HEE
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C3+di Jxd+i
12+171
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Ta c6 diém biéu dién cua z, 1a M (12;17)
»  Chon z=4i (théamin |Z|:4 ). Tinh W, :(3+4i)(4i)+i

[AE)H @) &g O] X) (4] B () B¢ E)

CHMFLY [F| Math &

(3+dd Jxdi+i
-1e+145i

Ta c6 diém biéu dién cla z, 1a N (—16;13)
»  Chon z=-4i (thdamin |Z| =4).Tinh W, =(3+4i)(—4i)+i

MEHMA®@EM O[O EHGE D HEYE

(T4 (=404
16-11i

Ta c6 diém biéu dién cla z, 13 P(16; —11)
Vay ta cé 3 diém M, N, P thudc duong tron bidu dién s6 phtrc W

> Dudng tron nay sé c6 dang téng quat x>+ y> +ax+by+c=0 . DP&tim a,b,c ta si dung may
tinh Casio vé&i chirc nang MODE 5 3

> w3 R2MNEAE0NHENEEHIREEMDEE M)

EENEENEENEEENEPEIEEED
F0EE0EENEEEE
= =
IF] Math .ll:l -E
A=
-399

Vay phuong trinh duong tron cé dang X° +y* —2y—399=0 < x* + (y—l)2 =20°

Ban kinh duong tron tap hop diém bidu dién s6 phirc W 13 20 => Dap an chinh xac 1a €
% Cach meo
>  Deé baiyéu cau tim tap hop cac diém biéu dién s6 phirc W vay ta dat W=X+Vi .

w—i  X+(y-1)i

> Thévao W=(3+4i)Z+i<:>Z= . Ti€p tuc rat gon ta duoc

3+4i  3+4i
_[X+(Y—1)i](3—4i)_3x+4y—4+(—4x+3y—3)i
 (3+4i)(3-4i) 25
2 2
|Z|:4©|Z|2:16©(MJ J{M) _16
25 25

25%% + 25y* + 2550y
< > =
25

< X +y? -2y =399
o X +(y—1)2 =20°
Vay tap hop cac diém biéu dién s& phirc W 13 dwong tron ban kinh r =20

—> ddp an Cla chinh xac
+« Binh luan

16
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> Chirc ndng MODE 5 2 dé tim phuong trinh dwdng tron dwoc gidi thich nhu sau :
Pudng tron ¢ dang X° +y° +ax+by+c=0
V&i M thudc dudng tron thi 12a+17b+c¢ =—-12% —172
V&i N thudc dudng tron thi —16a+13b+c =-16° -13°
V&i P thudc dudng tron thi 16a—11b+c¢ = -16° —11
12a+17b+c=-122 172

Vay ta 1ap duoc hé phuong trinh 3 4n bac nhat < —16a+13b+c¢ =—-16% —13?
16a-11b+c=-16°-11°

Va ta sir dung chirc nang giadi hé phuong trinh 3 4n bac nhat MODE 5 2 dé x{r ly
> Haicach déu hay va c6 wu diém riéng, tw ludn s& tiét kiém thoi gian mot chidt nhwng viéc tinh todn
rat gon dé nham |an, con casio cé vé bam mdy nhiéu hon nhwng tuyét déi khong sai.

VD4-[Thi thir chuyén Khoa hoc tw nhién lan 3 nim 2017]

o R 2 X, x , ) = h Lo Z2-1 & \ \ NA e
Tap hop cac diém biéu dién cac so phic z thoa méan phan thuc cia —— bang 0 1a duong tron tam

z—i
| ban kinh R (trir di mot diém)
2" 2 2 2'2 NA
ca[il) Rt poft i) Rt
2'2 2 2" 2 2
GIAI
+*» Cach meo
>  DPitz=X+yi.
- i X=1+Vyi)| x— i
> Thé'véoz—?' ta duoc X—14yl ( y I: )]
Z—i x+(y-1)i [x+(y-1)i }[x 1)i |
X x4y -y +xyi—(x-1)(y-)i
x2+(y—1)2
z-1 1Y 1Y 1
D& phan thyc cla —— bang 0 thi X2—X+y2—y:0c> X—=| +ly—-=| ==
Z—i 2 2 2

e 11 1
Vay tap hop diém can tim la dudng tron tdm | (E,Ej ban kinh R :ﬁ => dap an B la chinh xac

1) BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Khoa hec tw nhién lan 2 nim 2017]

Cho céc s6 phirc z thoa man =|z—1+2i| . Tap hop cac diém biéu dién s phtc z trén mat
phang toa do 1a mot duong thing. Viét phuong trinh duong thang do.

A.4x+6y—-3=0 B.4x-6y—-3=0 C.4x+6y+3=0 D.4x-6y+3=0

Bai 2-[Thi thit THPT Triéu Son — Thanh Héa lan 1 nim 2017]

Tap hop cac diém M biéu dién sb phuc z : |Z| = ‘E—3+4i‘ la phuong trinh c6 dang

A.6x+8y—-25=0 B.3x+4y-3=0 C.xX*+y=25
D.(x-3)"+(y—4)" =25

Bai 3-[Thi thirt THPT Nguyén Pinh Chiéu — Binh Pinh lan 1 nim 2017]

Cho cac s6 phiic z théa mén |z|=2 . Biét rang tap hop cac diém biéu din cac sb phuc

W=3-2i+(2—i)z la mot duong tron. Tinh ban kinh r cua duong tron do.

A.r=20 B.r=+/20 C.r=+7 D.r=7
Bai 4-[Thi thit THPT Ham Réng — Thanh Héa lan 1 nim 2017]
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Trong mat phang Oxy , tim tap hop diém bicu dién s6 phic z thoa mén |z -1 =|(1+i)z|
A.Tap hop céc diém biéu dién s phuc z 13 duong tron tam 1(2;-1), ban kinh R=+/2

A.Tap hop cac diém biéu didn sé phac z 13 duong tron tim 1(1;,0), ban kinh R=+/3

A.Tap hop cac diém biéu dién s6 phac z 1 duong tron tim 1(0;-1), ban kinh R=+/3

A.Tap hop cac diém biéu dién s phuc z 13 duong tron tam 1(0;-1), ban kinh R=+/2

Bai 5-[Thi thit THPT Quang Xwong I — Thanh Héa lan 1 nam 2017]

Tap hop diém biéu dién s6 phic z theaman |z" =22 1a:

A.Ca mit phang B.Duong thang C.Mot diém  D.Hai duong thang

Bai 6-Tap hop diém bicu dién s6 phic z thoa man 2|z -1 = ‘z —z+ Zi‘ 1a mot Parabol c6 dang:

2 X2

A.y:3x2—6x+28.y:%—x Cy="—4 D.y=x2+2x+%

LOI GIAI BAI TAP TU LUYEN

Bai 1-[Thi thir chuyén Khoa hoc tw nhién lan 2 nim 2017]

Cho cac s6 phirc z théa man |z+1—i|=|z—1+2i| . Tap hop cac diém biéu dién sb phic z trén mat
phang toa d6 1a mot duong thang. Viét phuong trinh duong thang do.
A.4x+6y—-3=0 B.4x-6y—-3=0 C.4x+6y+3=0 D.4x-6y+3=0

GIAI

%+ Cach 1: Casio
Gia sir d4p an A ding, diém biéu dién s6 phirc Z = X+ Yi thudc dwdng thang 4x+6y—-3=0

Chon x =1 thi yz—% va s6 phtic z=1—%i .

Xét hidu |2+1—i|—|z—1+2i|. N&u higu trén =0 thi dép 4n A ding. D& lam viéc nay ta st dung may tinh
Casio
EAhD DEED®EOEHDEHB®SEHem D EHEO®
e =0 H (2 EHE
l.“._h'IPL:': _IB h'lath..l.
| 1-gi41-]-| =
-11+4193
&

Hiéu trén khac 0 vay dap an A sai

1 g 1.
Thir v&i ddp én B. Chon X =1 thi y = 5 va s phirc X :1+€| . Xét hiéu :

AOEHED®BEeRHOEM®HH@NMOEBEHEO®
e =0 H (2 E

CMPLE P Math &
| 1+£i+1-i |- | 1+
I

Vay higu |z +1-i|—|z—1+2i|=0 < |z +1—i|=|z -1+ 2i| = Dap 4n chinh x4c 1a B

¢ Cach 2: Tw luan
Vi d@ bai yéu cau tim tap hgp diém biéu dién s& phirc Z nénta dit z = X+ i

Theo d@ bai |z +1-i|=|z =1+ 2i| |[x+1+(y-1)i| = |[x—1+(y +2)i|
<:>(x+1)2 +(y—1)2 :(x—l)2 +(y+2)2

S X+ 2X+1+ Y =2y +1=x>—2x+1+y* +4y+4

< 4x—-6y—-3=0 . Vaydéap an chinh xac 1a B
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Bai 2-[Thi thit THPT Triéu Son — Thanh Héa lan 1 nim 2017]
Tap hop cac diém M biéu dién s6 phic z : |z =|z -3+ 4i| 1a phwong trinh c6 dang
A.6x+8y—-25=0 B.3x+4y-3=0 C.xX*+y=25
D.(x-3)"+(y—4) =25
GIAI
* P3tsé phirc Z=X+Vi .
Taco: || :‘E—3+ 4i‘ < |x+yi| =[x —-3+(4-y)i| = x* +y? =(x-3)" +(4-y)
SX+Y =x"—6X+9+y* -8y +16 < 6x+8y—25=0
Vay tap hop cac diém M biéu dién sb phirc z 1a dudng thing 6x+8y —25=0
= Pap an chinh xac 1a A
Bai 3-[Thi thit THPT Nguy&n Pinh Chiéu — Binh Dinh l4n 1 nim 2017]
Cho céc sb phic z théa méan |z|=2 . Biét rang tap hop cac diem biéu dién cac s6 phic
W=3-2i+(2-i)z lamot duong tron. Tinh ban kinh r cua dudng tron do.
Ar=20 B.r =+/20 C.r=v7 D.r=7
GIAI
¢ Cach 1: Casio
* Chon sd phirc Z=2 théa min |Z| =2 vay W, =3-2i +(2—i).2 =7—4i.Ta c6 diém biéu dién cla W, la
M (7;-4)
* Chon sd phirc Z=-2 théa man |Z| =2 vay W, =3-2i +(2—i).(—2) =-1+0i .Ta cé diém biéu dién s6
phic w, 13 N(-1;0)
* Chon s6 phitc Z=2i théa min |Z| =2 vy W, =3-2i +(2—i).(2i) =5+2i . Ta cé diém biéu dién so
phic w; 1a P(5;2)

BIEAME AR EE DX 26 E

CMFLY [F| Math &

s Ry DV |
B+

» S dung may tinh tim phuong trinh dwong tron di qua 3 diém M, N, P
g (82 @D EEH@WEOEHDEHEHAEEEOE0E0]
@B@@E@@@@E@B@B@@@

MathW¥ F] MathWk

Y= Y=
-b 4

[F: Math &

-7
Vay phuong trinh dudng tron can tim 1a X2+y2—6X+4y—7:O<::>(X—3)2+(y+2)2 :(«/%)2 s&

c6 ban kinh 1 r =20
= Daép an chinh xac 1a B
« Cach 2: Ty lugn
= Vi dé bai yéu cau tim tap hop diém biéu dién s phirc W nén ta dt W= X+ Yi
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o wmed
2—1i
_x=3+(y+2)i _ [ x=3+(y+2)i](2+i)

" Theo d&bai W=3-2i+(2-i)z=z=

= 2-i (2-1)(2+i)
- 2x—y—8+(x+2y+1)
3
2 2
. Tacé|z|:2:{¥) {%vﬂj _a

<:>(2x—y—8)2 +(x+2y+1)2 =100
<> 5x% +5y? —30x+ 20y + 65 =100
SX 4y —6X+4y =T

& (x-3f +(y+2) =(V20)

Bai 4-[Thi thie THPT Ham Réng — Thanh Hoéa lan 1 niim 2017]

Trong mét phing Oxy , tim tap hop diém biéu dién s6 phic z théa man |z—1=|(1+i)z|

A.Tap hop céc diém biéu dién s phuc z 13 duong tron tam 1(2;-1), ban kinh R=+/2

A.Tap hop cac diém biéu didn sé phac z 1 duong tron tim 1(1,0), ban kinh R =+/3

A.Tap hop cac diém biéu dién s6 phac z 1 duong tron tim 1(0;-1), ban kinh R=+/3

A.Tap hop céc diém biéu dién s phuc z 13 duong tron tam 1(0;-1), ban kinh R=+/2
GIAI

* Ditsd phitc Z=X+VYi .

" Tacd: |z—1 =|(1+i)z] < |x+yi—1 = |(x+yi)(1+i)] =[x =1+ yi| =[x =y +(x+ )|

< (x=1)° +y?* =(x—y) +(x+y)
S XE=2X+1+ Y = X2 =2xy + Y2+ X2+ 2xy + V2
S X +y +2x-1=0
& (x+1)2 +y° :(\/5)2
Vay tap hop cac diém M biéu dién s6 phic z 1a duong tron tam | (-10), ban kinh R = J2
— Pap 4n chinh x4c 1 D ‘
Bai 5-[Thi thit THPT Quéang Xwong I — Thanh Héa lan 1 nim 2017]
Tap hop diém biéu dién s phuc z thoamén |z|” =2 1a:
A.Ca mit phang B.Puong thang C.Mot diem  D.Hai duong thang
* Ditsé phitc Z=X+Vi . .
= Tacd |z|2 =2" o|x+ yi|2 =(x+ yi)2 & X4y =X+ 2xyi +(yi)2
2 . . y=0
2y’ —2xyi=0< y(y—X|)<:{ _
y—ix=0
Vay tap hop cac diém M biéu dién sb phirc z 14 hai dudng thing y=0 va y—ix=0
= Pap an chinh xacla D
Bai 6-Tap hop diém biéu dién sé phic z thoa man 2|z-1 = ‘z —z+ Zi‘ la mot Parabol c6 dang:

2 XZ

A.y=3x2—6x+ZB.y=X?—x Cy="-4 D.y=x2+2x+§
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* Ditsd phitc Z=X+VYi .

= N&u dap s6 A ding thi ding véi moi Z = X+ Yi thdaman y =3x" —6X+2.
Chon mét cdp (X;y) batki théa y =3x* —6x+2vidy A(0;2)=z=2i
Xét higu 2|z -1~|z-z+2i

(2] (e (el (2) 6) (=) () O (=) () ) (2] B8 (=) () (=5 (21 B9 O] (1) (2) ) (5

212i-1 |-|2i-(-2b
Y

Vay 2[2-1-|z-2+2i[=-6+25 0
:>2|z—]4¢‘z—§+2i‘ — Pap sb A sai
= Tuong ty vai dap sé B chon Zzl—%i . Xét hiéu2|Z—1|—‘Z—E+2i‘

R0 EE® RSB SN 0 EE @R ®
HOMEHEM®REZI®OHREdE

EMPLH F| h_'lath I
2|1-E-1]-|1-%-¢
0

Vay 2[z-1-|z-7+2i[=0 = 2|z-1|=|z-7+2i| = Dap sb B chinh x4c
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PHU'O'NG PHAP CASIO - VINACAL

BAI 32. CU’C TRI CUA SO PHU'C.

1) KIEN THUC NEN TANG
1. Bat dang thire thwong gap
= B4t dang thirc Bunhiacopxki :Cho cac s6 thuc a,b, X, ¥ ta ludn cé

(ax+by)’ <(a’+b*)(x*+y*) . Ddu =xay ra @%:%

= Bét déing thirc Vecto : Cho 2 vecto U(X;Y) va V(X' y') ta ludn c6 ‘GH\?‘ z‘u +v‘

<:>\/x2+y2 +\/x'2+ y*? 2\/(x—x')2+(y—y')2
D3u=xayra <:>i|21|<0
Xy
2. Phwong phap meo sir dung sir tiép xdc

* Dang 1: Cho s6 phitc Z c6 tap hop cac diém biéu dién s6 phirc z 1a dudng tron (C) bén kinh R.
V&i méi diém M thudc dwong tron (C) thi cling thudc duong tron (C ) tam gdc toa dd ban kinh
OM =/a2+b? .
+)Dé |Z| I&n nhat thi OM 1&n nhat dat duoc khi duwdng tron (C ) tiép xuc trong véi dwdng tron
(C) va OM =0l +R
+)Dé |z| nhé nhét thi OM nhé nhét dat duoc khi dudng tron (C') tiép xtic ngoai véi dudng tron
(C) va OM =0I —R

L J

* Dang2: Cho s6 phtrc z cé tap hop cac diém biéu dién s6 phirc z 13 dudng thang (d) . V&i mbi
diém M thudc (d) thi cling thudc duwong tron (C ')
+)Dé |Z| nhé nhat thi OM nhé nhat khi d6 OM vudng géc vdi (d) va OM =d (O;(d ))
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R

= Dang 3: Cho s6 phirc z c6 tap hop cac diém biéu dién s phirc z 13 Elip cé dinh thudc truc 16n
A(a;O) va dinh thudc truc nho B(O; b) . V&i mdi diém M thudc (d) thi cling thudc dudng tron
(€)
+)DE |z| 16n nhat thi OM I6n nhat khi dé M truing véi dinh thudc truc 16n va
max|z|=OM =O0A
+)Dé |Z| nhé nhat thi OM nhé nhat khidé M trung véi dinh thudc truc nhé va
max|z|=OM =0B

2 2
. . x x . X
= Dang4:Chosd phlrc Z c6 tap hop cac diém biéu dién sé phirc z 1a Hyperbol (H ) : —z—y—z =1cé
a
hai dinh thudc truc thuc A'(—a; 0), A(a;O) thi s6 phirc Z c6 mddun nhé nhat néu diém biéu dién

s6 phirc z nay trung vdi cac dinh trén. (médun I&n nhat khéng ton tai)

11) Vi DU MINH HOA
VD1-[Thi thit THPT Vinh Chan — Phu The lan 1 niam 2017]
Trong cac s6 phuc z théa man diéu kién |z—2—4i|=|z—-2i| . Tim s6 phic z c6 mdédun nho nhat.
A.z=-1+iB.z=-2+2iC. z=2+2i D.z=3+2i
GIAI
%+ Cach Casio
»  Trong cac s6 phirc & dép an, ta sé tién hanh xap x&p cac s6 phirc theo thr tw modun ting dan :

[-1+i| <|-2+2i| = |2+ 2i| < |3+ 2i
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>  Tiép theo sé tién hanh thi&r nghiém tirng s phirc theo tht ty médun tang dan, s6 phirc nao thoa
man hé thirc digu kién |z —2—4i| =|z - 2i| d3u tién thi I3 dung
V6i z=—1+i Xéthiéu: |(—1+i)—2—4i|—|(-1+i)-2i

) fye) (3 (=) (D (B 86 O (& (2) (& (@) 6 & (=) e fwd) () (0 () B
B REed =

CHMFLY [F| Math &

| (=1+10-2-4il-|F
a2

Ra mot gid tri khdc 0 vdy Z =—1+1 khdéng thda man hé thirc. = D4ap 4n A sai
>  Tuongty nhuwvay véi Z=2+2i

) (el (2) () (2) ) (=) (2] (=) (&) g O (=) (o) () (2] (1) (2) ) (=) (=)
B &

CHMFLY [F| Math &

| 2424 -2-47 |- | 2+
1

Vay s phirc Z=2+21 théda man hé thirc = Ddap s6 C |13 dap s6 chinh xac
Cach meo

Goi s6 phttc Z cédang Z=a+bi . z théa man |Z—2—4i|:|2—2i|

< [a-2+(b-4)i|=|a+(b-2)i
<:>(a—2)2+(b—4)2:a2+(b—2)2

< a’-4a+4+b*>-8b+16=a*+b*—4b+4

<4a+4b=16

<a+b-4=0

Trong cac dap an chi cé dap 4n C thda m3n a+b—4=0 = Dép an chinh xacla C
+* Cach tv lugn

Goi s6 phirc z cédang Zz=a+bi . z théa man |Z—2—4i|:|2—2i|
< la—2+(b-4)i|=|a+(b-2)i|
(:)(a—2)2+(b—4)2:a2+(b—2)2

< a’-4a+4+b*-8b+16=a°+b*—4b+4

<4a+4b=16

sa+b=4
Theo bat dang thirc Bunhiacopxki :

16=(a+bh) <(1+1*)(a’+b*)=|z[ =a’+b* >8

7
0.0

=7|>2v2
a_p

Ddu=xdyra<=><1 1 << a=bh=2=z=2+2i
a+b=4

VD2-[Thi thir chuyén Khoa hoc tw nhién lan 2 nim 2017]
V6i céc s6 phic z thoa mén |(1+i)z+1-7i| = 2 . Tim gid tri I6n nhit cua |z|
A.max|z|=4 B.max|z|=3 C.max|z|=7D.max|z|=6
GIAI
+» Cach meo
»  Gois6 phttc Z cédang Z=a+bi . z théa man |(1+i)z+1—7i| =\/§
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<|(a+bi)(1+i)+1-7i| =2
ola-b+1+(a+b-7)i|=+2
<:>(a—b+l)2+(a+b—7)2 =2
& 2a®+2b® +50-12a—-16b =2
< a’+b*-6a-80+25=1
< (a-3)"+(b-4)" =1
Vay quy tich diém biéu dién s6 phirc z 1a dudng tron tam | (3;4) ban kinh R=1 . Ta goi day 13
dudng tron (C)
> V&imodidiém M biéu dién sé phirc Zz=a+bi thi M ciing thudc dudng tron tam O(O;O) ban
kinh va? +b? . Ta goi day |a dudng tron (C) , Médun cla z ciing 1a ban kinh dwdng tron (C)
>  Débankinh (C') I6n nhét thi O,1,M thing hang (nhu hinh) va (C') tiép xtc trong véi (C)
Khido OM =0l +R=5+1=6
= Dap s6 chinh xaclaD
« Cach tv lugn
»  Goisd phtrc z c6dang Z=a+Dbi . z théa man ‘(l+i)z+1—7i‘:\/§
< |(a+bi)(1+i)+1-7i|=+2
<la-b+1+(a+b-7)i|=+2
< (a-b+1) +(a+b-7) =2
< 2a’+2b*+50-12a—16b=2
s a’+b*-6a-8b+25=1
=(a-3)" +(b-4)" =1
> Taco|zf =a’+b*=6a+8-24=6(a-3)+8(b—4)+26
Theo bat ddng thirc Bunhiacopxki ta c6 : 6(a—3)+8(b—4) < |6(a—3)+8(b—4)|

< \/(62 +8)| (a-3)" +(b-4)" | =10
Vay |7 <36 =|2|<6
= dap an D la chinh xac
+* Binh luan
> Viéc sir dung bat dang thirc dé danh gia |Z| 13 rat khé khan, doi hdi hoc sinh phai ndm rat vitng bat

ddng thirc Bunhiacopxki va cac bién dang ctia né
>  Trong tinh hudng cla bai todn nay, khi so sanh 2 céch giai ta thdy dung meo tiép xtc td ra don gian
dé hiéu va tiét kiém thoi gian hon.
VD3-[Thi thir b4o Toan hoc tudi tré lan 5 nim 2017]
Cho s6 phirc z théa man |z—4|+|z+4|=10, gia tri I6n nhét va gid tri nho nhat cua |z
A.l0va4 B.5va4 C.4va3D.5va3
GIAI

lan luot 13 ;

+* Cach meo
»  Gois6 phttc z c6dang Z=a+bi . z théa man |Z—4|+|Z+4|:10

< |a—4+bi|+|a+4+bi|=10

<:>\/(a—4)2+b2 +\/(a+4)2+b2 =10
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o \J(a+4) +b? =10—/(a—4)’ +b’

< a?+8a+16+b? =100+a ~8a+16+b* —20,/(a—4)" +b?

& 20/(a-4)" +b? =100-16a

<5(a—4)" +b?> =25-4a
<:>25(a2—8a+16+b2)=625—200a+16a2
< 9a% +25b? = 225

a> b’

&S —+—=1
25 9

Vay quy tich diém biéu dién s6 phirc z 1a dudng Elip dinh thudc ddy 1én 13 A(5;0) , dinh thudc
day nhé 1a B(0;3)

>  V&imdidiém M biéu dién s6 phirc Z=a+Dbi thi M cling thudc duwdng tron tam O(O;O) ban
kinh va? +b? . Ta goi day Ia dudng tron (C) , Médun cla z ciing 12 ban kinh dwdng tron (C)

>  Débankinh (C') I6n nhatthi M tring véi dinh thuéc tryclénva M = A(5;0) =OM =5
= max|z|=5

>  Débankinh (C') Iénnhatthi M trung véi dinh thudc truc nhé va M = B(0;3) =OM =3

= min|z|=3

= Ddp s6 chinh xaclaD

Cach tw luagn

>  Gois6phirc Z cddang Z=a+bi . z théa man |Z—4|+|Z+4|:1O

X3

%

< |a—4+bi|+|a+4+bi|=10

<:>\/(a—4)2 +b? +\/(a+4)2 +b? =10

o \J(a+4)’ +b +J(-a+4)’ +(-b)’ =10

Theo bat dang thirc vecto ta c6 :

10=J(a+4) +b? +\[(-a+4) +(-b)’ = [(a+4)~(-a+4)] +[b—(-b)
10> +/4a +4b*

<10>2|7|=|7|<5

>  Tacd < \/(a—4)2 +b? +\/(a+4)2 +b%* =10
Theo bat dang thirc Bunhiacopxki ta 6 :

100:(\/(a—4)2 +b? +\/(a+4)2 +b? )2 <(r +12)|:(a—4)2 +b?+(a+4)’ +b2}

<100< 2(2a2 +2b? +32)

< 2a? +2b* +32>50
s at+b?>9
Vay |z|2 >9c|7<3

= 3<|z| <5=d4p 4n D la chinh x4c
VD4-Trong céc s6 phirc z théa man |z—2|—|z+2|=2 , tim s phic z c¢6 modun nho nhat.
A.z=1-3i B.z=-1++3iC. z=1 D. z=/3+i
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+» Cach meo
»  Goisdphitc z coddang Z=X+Yi . z théa man |Z—2|—|Z+2|:

S x—2+yi|-|x+2+yi|=2

<:>\/ X—2 2+y2 —\/(x+2)2+y2 =2
<:>\/(><7y—2+\/7
c>(x— = \/7+y+ x+2

= -1-2x= x+2 (1 2x>0©x<—%j

S1+4X+4X2 = X2 +4x+4+
2

ex-d 1
3

2
Vay tap hop diém biéu dién s& phirc z 1a Hypebol (H ) - X? —y? =1 c6 2 dinh thuéc thyc 1a

A'(-10),B(10)

>  S&phitc z=X+Yi c6 diém biéu dién M (X;y) va cé médunla OM = JaZ+b? . pé OM dat gia
tri nhd nhat thi M trung vdi hai dinh cda (H )
M=A=M(L0)=z=1

= Pap an chinh xac 1a C

I1) BAI TAP TU LUYEN

Bai 1-Cho céc s6 phirc z théa man |2z — 2+ 2i| =1. Mddun z nhé nhét ¢6 thé dat duoc 1a bao nhiéu

_1+22ﬁ B.1+§ﬁ C.\2+1 D.A2-1

Bai 2-Trong cac s6 phuc z théa mén |z —3i|+‘i§+3‘ =10 . Hai sb phtc z, va z, c6 mddun nhod

A.

nhat. Hoi tich z,z, 1a bao nhiéu

A.25 B.-25 C.16 D.-16
Bai 3-Trong cac s phuc z théa man |iz—3/=|z—2-i| . Tinh gia tri nho nhat cua |z] .
Al B. L c.l p.L

2 J2 5 J5

LOI GIAI BAI TAP TU LUYEN

Bai 1-Cho céc s6 phiic z théa man |2z — 2+ 2i| =1. Mddun z nhé nhét c¢6 thé dat duoc 1a bao nhiéu

A -1 +22\/§

B.1+§ﬁ C.\2+1 D.A2-1

GIAI
+» Cach meo
Goi s8 phirc Z =X+ Yi théa man |22—2+2i|=1<:>|2X—2+2yi+2i|:l

o (2x=2)" +(2y+2)° =1
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Vay tap hop cac diém bicu dién s6 phic z 1a duong tron (C) c6 tam | (L —1) ban kinh R = >
* V&i mdidiém M (X;y) biéu dién s6 phirc z =X+ Yi s& thudc duomg tron tam O ban kinh
R'=|z|=4/x* +y? .Vivay dé R =|z| nhé nhét thi duang tron (C') phai tiép xic ngoai véi dutmg
(€
Khi d6 diém M sg Ia tiép diém ctia duong tron (C) va (C') va [7/=OM =0l -R =

EAOOHOONEFHOEOHOOMESEHEO®RE

“1+242
2

J01-00+0-1-0148
-14+24%
Z

— Pap s chinh xac 1a A
Bai 2-Trong cac sb phiic z théa mén |z —3i|+‘iz +3‘ =10 . Hai s6 phtic z, va z, c6 modun nhé

nhat. Hoi tich z,z, 1a bao nhiéu
A.25 B.—-25 C.16 D.-16
GIAI
+ Cach meo

* Goi s6 phirc Z =X+ Yi théa man |z—3i|+‘i§+3‘:10
@‘x+(y—3)i‘+|y+3+xi|=10
<:>\/x2+(y—3)2+\/(y+3)2+x2 =10
@W=10— x2+(y-3)°
<:>(y+3)2+x2:100—20\/m+x2+(y—3)2
& 20X +(y-3)° =100-12y

& 25x° +16Yy° =400

2 2
X Y
16 25
. . Xy
Vay tap hop cac diém biéu dién so phirc z 1a dudng Elip (E): AT 1¢6 2 dinh thudc truc nhé

la A(—4;O),A'(4;0)
* V&i mbi diém M (X; y) biéu dién s& phirc Z =X+ Yi s& thudc duong tron tdm O ban kinh
R'=|Z| =\/X2 +y? .Vielip (E) va duwdng tron (C) c6 cung tdm O nén dé€ OM nho nhatthi M 13

dinh thudc truc nhé

>M=A'=2z2=-4 M=A=>17=4
Tong hop 7,2, =(-4).4=-16

= Piép s6 chinh xéac 1a D
s Mé rong
* NEu dé bai hditich 2,2, vdi |Zl|,|22| c6 gia tri I&n nhat thi hai diém M biéu dién hai s6 phurc trén 13 hai

dinh thudc truc 16n B(O; —5), B'(0;5)
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=>M=B'=z=-5,M=A=17z =5

Tong hop 2,2, =5i.(-5i) = -25i° = 25

Bai 3-Trong céc s6 phic z théa man |iz—3/=|z—2-i| . Tinh gia tri nho nhat cua |z|.
1 1 1 1
= B.— C.= D.—
2 J2 5 J5

GIAI
+» Cach meo

Goi s6 phitc Z=X+Yi théaman [iz—3/=|z-2I|

|-y =3+xi|=|x=2+(y-1)il

<:>(—y—3)2+x2:(x—2)2+(y—1)2

S YAy +9+ X =X —AX+4+y -2y +1

& X+2y+1=0

& 20,/x% +(y-3)* =100-12y
Vay tap hop cac diém biéu dién s6 phirc z 1a duong thrfmg(d ) X+2y+1=0
V&i mi diém M (X;y) biéu dién s6 phirc z =X+ Vi thi [z]=OM >OH véi H 12 hinh chiéu vuéng géc

cta O lén duong thang (d) va OH 13 khodng cach tir diém O 1én duong thang (d)

) 1.0+2.0+1 1
Tinh OH =d(0;(d))=—F———=—F
(0:(9)) NPT G
1
Viy 2|2 —=
by l>
= Piép s6 chinh xéac la D
2 2 H 3 2 2. .- 3: . 2
X+ Yi+ 1 .|:|x -y +1.+2xy||: X® — Xy +x+x2y|+2y|—y|+2xy
x+y|| ‘ X+ yi ‘ X“+Yy
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PHU'O'NG PHAP CASIO - VINACAL

BAI 33. PHUONG TRINH SO PHUC.

1) KIEN THUC NEN TANG

1. Chuyén sé phiic vé dang lweng giac

* Dang lwgng giac cta sd phirc : Cho s6 phitc z cédang Z= r(c05¢+isin (p) thi ta ludn cé :
2" =r"(cosng+isinng)

* Lénh chuyén s phtrc Z=a+Dbi vé dang lvong gidc : Lénh SHIFT 2 3
Budc 1: Nhap s6 phirc Z=a+bi vao man hinh réi dung 1énh SHIFT 2 3 (Vidu z =1+ \/gi )

) U@@ﬂ?@]@ B8
1+f5d Hrse
2iim

Budc 2: Tir bang két qua ta doc hiéu r=2 va ¢ :%
I1) Vi DU MINH HOA .
VD1-[Thi thir chuyén Khoa heoc tw nhién lan 1 nam 2017]
Goi z;,2, la hai nghiém phtc ciia phuong trinh z°—z+1=0 . Gid tri cua |z|+|z,| bing :
A.0 B.1 C.2 D.4

GIAI
+» Cach Casio

»  Tinh nghiém cta phuong trinh bac hai 2> —z+1=0 bng chirc ndng MODE 5 3

@@m@eﬂla@@m@@ [F] MathWai
W= hE=
1,45 - 1 5.
A Tz 1
J3 1 3.

1 . . ) A
»  Vaytaduoc hainghiém z, = E+7I va Z, = E_7I . Tinh tong M&dun cua hai s6 phirc trén ta

lai dung chirc nang SHIFT HYP

fwong (2] (se1) fyd) (B) ) @ (2] & (H (B) (=) (3] @ [2) & g & (F) (0] e
BoAeEHEREAE®RZ®ME

CMPLE F] Math A

1 £-| 1_4F
|2+ z 1| +|5—FF
i

= |Zl| +|22| =2 ta thay B 1a dap an chinh xéc
VD2-[Thi thir chuyén Khoa hoc tw nhién lan 2 nim 2017]
Goi z,,2, la hai nghiém phtic caa phuong trinh z° +2z+2 =0 . Tinh gia tri cia biéu thuc
P — Zl2016 + Z§016 o
A 21009 B 0 C 22017 D 21008
GIAI
% CachCasiol
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»  Tinh nghiém cta phuong trinh bac hai z° + 22+ 2 =0 béng chitc ning MODE 5 3

-@@E]E]@ME]@@@ o
W= hE=
-1+i -1-i

»  Tathuduoc hainghiém z, =—1+1i va z, =—1-i . V&i cac cum ddc biét —1+i , —1—1 ta co diéu
dac biét sau: (—1+ i)4 =-4, (—1—i)4 =—4

X2 OEDEEDB@DE
(-1+i)

-4
Véy p— 22016 25016 ( 1+|)2016 +(_1_|)2016 [( l+|) }504 +|:(—1—i)4j|
_ (_ 4)504 ( _4)504 _ 4504 n 4504 _ 21008 21008 2. 21008 21009

P Z2016 + Z2016 21009

Cach Casio 2

504

ta thay A 1a d4p 4n chinh xac

X3

%

> Ngoai cach st dung tinh chat dac biét cia cum (—1i i)4 ta co thé xir ly —1+1i bang cach dua vé
dang luong gidc bang |énh SHIFT 2 3
Véiz, =—1+i=r(cosp+ising)

B edE[2)[5) =
—1+imrid
{Zi2n

3
Ta nhan duoc r:\/§ va goc (pz%Z

=7, = \/5(00337”+ isin 37) =20 = (V2) (cos 2016.37”+ isin 2016.%”)

»  Tinh 005(2016.37”j+i.sin(2016 377[)

os) (2] (0] (1] (6] (X) (&) (3] (1) (xi0) ® (&)
--@mmG)@@@

CHMFLY Math &

cns[2n15x +ixgh
1

® [# @6 (X sin) (2] (@) (3] (6)

Zl2016 _ ( \/E )2016 _ 01008
> Tu‘dng tw 22016 21008 =T= 21009
VD3-[Pé minh hea b GD-PT lin 1 nim 2017]
Ki hiéu z,,2,,z, va z, 1a bén nghiém phirc caa phuong trinh z* —z? ~12=0 . Tinh tong :
T =[z|+[z,]+|z, +[z,]
AT =4 BT=23C.T=4+2/3 D.T=2+2/3
GIAI
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+«+ Cach Casio
>  Détinh nghiém cla phuwong trinh ta dung chirc ndng MODE 5. Tuy nhién may tinh chi tinh dwoc
phuong trinh bac 2 va 3 nén dé tinh duoc phuong trinh bac 4 trung phuong z* —2z2 —12 =0 thita
coi 2> =t khi d6 phwong trinh tré thanh t> —t—12=0

g (D ERHERHNEEDNREEE

MathW¥ MathWk

A= hz=
4 -3

> Vi zP=4=71=%2
> V6i 22 = -3 taco thé duwavé 2% =3i% <> 2 = +/3i véi i2 = —1 . Hoic ta cb thé tiép tuc st dung
chirc ndng MODE 5 cho phuong trinh z° =-3 < 2 +3=0

o HRHEQNEEEE

Math¥ F MathWk

A1= A=
1ai -3

TOm lai ta s& c6 4 nghiém z = +1,z = +/3i
> Tinh T ta lai st dung chirc ndng tinh médun SHIFT HYP

frong) (2] ster) (y) (2] @ () (s0r1) fyd) (=) (2] & () ) gl (va) (3] & B & (F)

EREOEDOmE
|21+1-21+Fil+e
203

— DPép an chinh xac 1a C
VD4-[Thi thir nhém toin Poan Tri Diing 14n 3 nim 2017]
Giai phuong trinh sau trén tap sb phuc : z° +(i+1) z° +(i+1)z+i=0
A.z=-i B. Z:—1+£ C. —l—ﬁi D.Ca A, B, C déu dung
2 2 2 2
GIAI
¢ Cach Casio
>  DEé kiém tra nghiém cla 1 phuong trinh ta st dung chirc ndng CALC

) O] (9 (3] & (1) ([ v (1) () O few) O (=3 () (A fvg (1) (1] O (e

0] (# & () (=) Bvg) (B
CHPLY F] Math CMPLY Math &
hi H3+E1+13HE+E1+]F
-i 1
Vay Z =—i 13 nghiém

>  Tiéptuckiémtra z= _E+7i néu gia tri nay la nghiém thi cd d4p 4n A va B déu dung cé nghia la

dap &n D chinh xac. Néu gia tri nay khéng 1a nghiém thi chi cé ddp an A dung duy nhat.

OEHOOEAMNEHUOWEREMNEHRZMNME
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CMPLY Math &

}i3+(1+133{2+(1+]b
I

. 1,43, ‘
Vay 7= —EJF?' tiép tuc la nghiém c6 nghia la dap an A va B déu ding
= DPap an chinh xac la D
Cach ty luan
>  DEé gidi phuong trinh sé phirc xuat hién s6 i trong dé ta khdng thé st dung chirc nding MODE 5
duwgc ma phai tién hanh nhém nhéan t&r chung
Phuong trinh < 2% + 72 +z+(z2 +z+1)i =0

7
0.0

z=-i
<:>(z+i)(zz+z+1)=0<:> ,
z°+z2+1=0
»  Phuongtrinh 2>+ 2z +1=0 khong chtta s i nén ta c6 thé st dung may tinh Casio véi chirc ning
gidi phuong trinh MODE 5

-@@@@@@@@@
Mathw B Math¥ik
M= hz=
U (L 45,
£ Z E
Tém lai phuwong trinh cé 3 nghiém Z=—i;Z=—%+§i;Z——%—§i

=D la dap an chinh xac
VD5-[Thi thir bao Toan hoc tuoi tré lan 3 nam 2017]
Trong céc phuong trinh dui ddy, phuong trinh nao c6 hai nghiém z, =1++/3;z, =1-+/3

A.22+i\32+1=0B.22+22+4=0C.2*-22+4=0D.z? -2z -4=0
GIAI
>  Ta hiéu phuong trinh bac hai ax? +bx+c¢ =0 néu cé hai nghiém thi s& tuan theo dinh ly Vi-et (ké
ca trén tap s6 thuc hay tap s6 phic)
2,+2,= b
a
2,2, :E

> Tinh z,+2,=2

iog (2) D B (= B O B D EHE B ®E E

CMPLY Math &

1+4'_1+1—4'_1
o

Tinh 2,2, =4
ODPIEDCENUDNEFED®EIES

(1+03i) (1-{31)
4
R& rang chi ¢ phuong trinh 2> —2z+4=0 c6 —g=2 va §=4

= Pap s chinh xac 1a C
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VD6-[Thi thir chuyén Khoa heoc tw nhién lan 1 nim 2017]
Phuong trinh z° +iz+1=0 cd bao nhiéu nghiém trong tap sb phuc :
A.2 B.1C.0D.V6 sb
GIAI
»  Taphan biét : Trén tap s6 thuc phwong trinh béac hai ax® +bx+¢ =0 s& c6 hai nghiém phan biét
néu A >0, cé hai nghiém kép néu A =0, vé nghiém néu A <0 . Tuy nhién trén tap s6 phirc
phuong trinh bac hai ax? +bx+c¢ =0 c6 1 nghiém duy nhat néu A =0, c6 hai nghiém phan biét
B {A >0
néu
A<O0
»  Vaytachicantinh A 13 xong. Véi phuong trinh 22 +iz+1=0 thi A=i?>—4=-5 13 mét dai
lwgng <0 vay phuong trinh trén ¢ 2 nghiém phén biét
— Pap s chinh xac 1a A
(1-i)° (VB+i)

10
1-145)
A -1+i B.1 C.3-2i D. 2%
GIALI
> Dé xtr ly s& phirc bac cao ( ) ta sir dua s6 phirc vé dang lvong gidc va s dung céng thirc Moa-
10
Z

VD7-Phan thyc cua sé phuc z 1a bao nhiéu biét z =

5
Z;

10
23

vo . Va dé dé nhinta dit z =

» Tinhz=1-i= I’(COS(p+iSin go).Dé tinh r va @ ta lai s&t dung chirc ndng SHIF 2 3

DB &g ) (2)(3) =)
1-1 ki

{2i-%

N _ T - . /A 10 _ 10 i .. i
Vay zl_\/i(cosTHsmT) z; _(\/5) (coslo. 1 +1isin10. 2 )
Tinh c0s10.—~ +isin10.—~

4 4

g (1] (0] (X) (B) (=) () (x10) @ (@) & O] () @) (sin) (1] (0] (X (=) (=] (oue)
MI®@B®DIE

CMPLY Math &
cos| IDHT] +isire

-1
Vay 2 =(2 )10 i=2%

> Tuongty Z = 25(0085.%+i8in 5%} =2° £—£+%i]

7’ =2% cole._z—”+isin10._2—7zj:210 —l—ﬁi
3 3 2 2

25i25[—ﬁ+1iJ
10 5 ’ 2 2
Tong hop Z = 4% _

Z;O 210 _l_ﬁi
2 2
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BAxECXAXEEMEHEERERB®E®HE O]
@AM IOUeMEHE0N®RER®EHE M E)

C)E]g%g?l! o a
o[ )

Vdy z =1=> Dép s6 chinh xacla B

111) BAl TAP TU LUYEN

Bai 1-[Thi thir chuyén Lam Son — Thanh Hoéa lan 2 nim 2017]

Cho phuong trinh z? —2z+17 =0 c0 hai nghiém phuc z, va z, . Giatri cua |z,|+|z,| 1a:
A.2\17 B.24/13 C.2\10 D.2:15

Bai 2-[Pé thi toan Pai hoc — Cao dang khdi A nim 2009]

Goi z,,z, la hai nghiém ctia phuong trinh z* +2z+10=0 . Tinh gid tri biéu thtc A=|zl|2 +|22|2
A.2410 B.20 C.5\2 D.10/3

Bai 3-[Thi thir Group Nhém toan lan 5 nim 2017]

Ki hiéu z,,2,,z, 1a nghiém ciia phuong trinh z°+27=0 . Tinh tong T =|z,|+|z,|+|z|
AT =0 B.T =33 C.T=9 D.T=3

Bai 4-[Thi thit THPT B&o LAm — Lam Pong lan 1 nim 2017]

Goi z,,2,,2,,2, 1abén nghiém phic cia phuong trinh 2z* —3z° -2 =0 . Tinh tong sau :
T =[z,|+[z,]+|z,| +[z,]

A5 B.5J2 C.3\2 D2

Bai 5-[Thi thir THPT Bao Lam — Lam Pong lan 1 nim 2017]

Xét phuong trinh z* =1 trén tap s6 phtc . Tap nghiém cua phuong trinh 14 :

As={1} BS{ 1t ‘/_} {1_%+£} D.S:{—%+£}

Bai 6-Biét z la nghiém cua phuong trinh z 11 Tinh gia tri biéu thuc P = 2% +
z

2009
Z

AP=1 B.P=0C.P= _.fi D.P= Z{
2 4

LOI GIAI BAI TAP TU' LUYEN
Bai 1-[Thi thir chuyén Lam Son — Thanh Ho6a lan 2 nam 2017]
Cho phuong trinh z* —2z+17 =0 ¢6 hai nghiém phuc z, va z, . Gid tri cua |z|+|z,| la:

A. 217 B.2/13 C.210 D.2/15

GIAI

¢ Cach Casio
Tim hai nghiém cta phuwong trinh 22 -2z +17 =0

IIIEJEJ[Z]E]EQ&;HZ]C]IIE]E] .
h1= hE=
1+4i 1-4i

Tinh tdng hai médun bang Iénh SHIFT HYP

feong) (2] (surr) (ye) (1] () (2] Q) O (F) () ) (1) (=) (4) B6) (B
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CHPLY Math &

[1+4i|+]1- 41|
217

Vay |z,|+|z,| = 2417 = Dap s6 chinh x&c 14 A
Bai 2-[P& thi toan Pai hoc — Cao ding khoi A nim 2009]
Goi 2,2, 1a hai nghiém cita phuong trinh z? +2z+10=0 . Tinh gi4 tri biéu thic A=|z,|* +|z,[
A. 2410 B.20 C.5v2 D.10/3
GIAI
¢ Cach Casio
Tim hai nghiém cta phuong trinh z° +2z+10=0

-@@-E}@M@E}@E}@ o
h1= hE=
-1+31 -1-3i

Tinh tng binh phuong hai médun bang |énh SHIFT HYP

biood) (2) (a7 () (=) (1) () (3] ) @ (23 () (i) () B (D HI B1 B & (23 &

|—1+31|E+|—1—31b
20

Vay A=|z|" +|z,]" =20 = Dap s6 chinh x4c 12 B

A
Bai 3-[Thi thir Group Nhom toan lan 5 nim 2017]
Ki hiéu z,,2,,z, 1a nghiém ciia phuong trinh z°+27=0 . Tinh tong T =|z,|+|z,|+|z|
A.T=0 B.T=3/3 C.T=9 D.T=3
GIAI
+* Cach Casio
Tinh nghiém ca phuong trinh z° +27 =0 bing chirc ning MODE 5 4

o (@A HELNEUERDDEE

Math¥ MathWik ] Math A
A= hz= AS=
35,3405 . 5 545 .
-3 =T7= 1 =z =z 1
A 3 3J3. 3 3J3_
VA B=d g = ot =
Tinh téng modun T =|z,|+|z,| +|z,|
BA0E0E0O0E3E =) fioog) (1] fwong) (2] (suirm) (oyd) (=) (3]

B EEE8E
® (# 6r) g (B B @ 21 (B (E) B) (=) B) @ (2) ® By & (F) () b (E)
B®oReEHERMEE®RI® Y E

CMPLY ] Math .l.I
-1+ | 24255 | +p

Vay T =9 = Dap s6 chinh xac 1a C
Bai 4-[Thi thiw THPT Bao La&m — Lam Pong lan 1 nam 2017]
Goi z,,2,,2,,2, 1a bdn nghiém phic cia phuong trinh 2z* —3z° —~2=0 . Tinh tong sau :

i
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T :|21|+|Zz|+|23|+|z4|
A5 B.52 C.3\2 D.\/2
GIAI
+* Cach Casio
» Pit t =22 . Tim nghiém cla phwong trinh 2t* —3t—2=0

-@@@@E]MM@@E]@@@ .
M= hz=
1
2 3
t=2 72=2
Vay 1=, 1
t=—— 7-=—=
2 2

s VG 22 =2 7=+2
. -1 i i
Véi 22:—:>22:—:>z:i—
2 2

= Tinh téng médun T _|zl|+|22|+|23|+|z4|

fwoog (2] (sHrT) fye) (va) (2) & & [ &) fye) (=) (va) (2) & & () &) [y () Bvg
-EI@@@-E B ® =2 E

CMPLY Math .l

|21+ 1-Z ] +| &

Z2 1
2
Vay T =32 = DapséchinhxaclaC
Bai 5-[Thi thit THPT Bao Lam — Lam DPong lan 1 nam 2017]
Xét phuong trinh z° =1 trén tap sé phac . Tap nghiém ciia phuong trinh 13

AS={1l B.S= { — */_}CS {1—%+£.} D.S:{—%i?i}

GIAI

++ Cach Casio
* Giai phwong trinh bac ba z® —1=0 véi chirc niing MODE 54

o (@A HELNEUEEUEE
Mathw MathW B Math &
}:1_ ::';:E_ ::'i3=
1, 45 . 145
1 E+ z 1 = = 1
* Phuong trinh c6 3 nghiém X1:1,X2:—1+£i,x3:_1_£i
2 2 2 2

= Pap s chinh xac 1a C

Bai 6-Biét z la nghiém cua phuong trinh z +%—1 Tinh gia tri biéu thic P = 22 + —22%09
AP=1 B,P:oc,P:_g D,ng

GIAI
¢+ Cach Casio
. 1
» Quy ddng phuong trinh Z+ = =0 ta dwoc phwong trinh bac hai 22—z +1=0 . Tinh nghiém phuong trinh
z
nay véi chirc nang MODE 5 3
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fwoog) (5] (3) (1] E] H0E0EE
MathW B MathWik
M= hz=
1,45, 1_45 .
=z 1 7 =
* Ta thu duoc hai nghiém z nhung hai nghiém nay cé vai trd nhw nhau nén chi can |ay mét nghiém z dai
dién la duoc

1 3. e T .. T
Vi Z:§_§I ta chuyén vé dang lugng giac = Zzl(COSEHS'HEJ

BU@R®HE R RE®E® @ (2] E)E

CMPLY Math &

1, 45
L+ ersd .
1£5m
Vay = 2% =1 (cos 2009.% +isin 2009.%} = (cos 2009.%+ isin 2009.%j

2009

Tinh 277~ valuwuva bién A
(on) (eog (2] (0] (0] (2] (X) (&) () (x10) @ (3] & O] (F) v (sin) (2] (0] (0] (8] (X) (B
mmoxcn% @®ﬁth@m.%m B Math &

cos( 20092 | +igis ANSHH
0.5-0. 9660254038  0.5-0. 366025403

TéngkétP=A+%=1
EN@JENE IO T@IE

CMPLY Math &
+—
A+

— Pap s6 chinh xac 1a A
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