0 BAI GIANG 2 : BIEU THUC TOA PO CUA TiCH VO HUONG

\. Ly thuyét bai giang :

. Memorize :

o~
w3y

Cau 286:Trong mat phing toa dé Oxy, tinh géc giita hai vécto ¢ va b trong céc truong hop
sau:




a=(2;-3) . b=(6;4)
a) va

b)

\. Loi gidi :

a =(-1;2)

Cau 287:Cho

. Tim toa d6 ¥ cung phuong ¢ biét ring

-0

\. Loi gidi :

Cau 288:Trong mat phang toa do O

oy uuy

a) Tinh O4.0B

, cho hai diém A(:-2) va B(-31)

b) Tinh QOB.

\. Loi gidi :

a=(3;2) . b=(5-1)
va




Oxy M(1:3),N(4:2)

, cho céc diém
a) Tinh d6 dai cac doan thang OM.ON, MN
b) Chimg minh réng tam giac OMN vuong can.

Cau 289:Trong mat phang toa do

\. Loi gidi :

Cau 290:Cho tam giac A(5;-1),B(-1:3)

a) Tim trén truc tung diém P sao cho Hpp =90°
b) Tim trén truc hoanh diém M sao cho MA*+2MB* nhd nhat.

\. Loi gidi :




Cau 291:Tinh géc xen gitta hai vecto @ va ? trong cac truong hop sau:
a) @ =(2-3)b =(0:4)

p) @ =(3:2%b =(5-1)

o) @ =(-2-243).b =(3:43)

Loi giai

= ab- 2.6+(-3) 4 :
cos(a,b) =—— = = =0= (a,b) =90
2) lal 18] 22 +(-3)* Jor+42
cos(a,p) =98 - 33+2 L1 :i§=Mjﬁ45
b) lab | 3*+20 ([ 4(-17 2
cos(ap) =2t - 2 SR ORI L (a.b) =150
" lal 6] -2 +(-24B) 32+ () 2

a =(34),b =(- 1;5)

a+b,a-b,10a,-2b

Cau 292:Cho hai vecto

a) Tim toa do cua vecto:



b) Tinh cac tich v huéng: ¢ P (-2a) {3b)

Loi giai

a) Ta co:
a+b =(3+(- 1):4+5) =(2:9); a-b=(3-(-1)4-5)=(4-1).
10a =(10.3:10.4) =(30;40); -2b =(-2.(- ;- 2.5) =(2- 10)
b) Ta co:

abh=3(-1)+45=-3+420=17

-2a =(-0:-8) _y 5b =(-5;25) pap (-2a) (5h) =(- 6) (-5) +(- 8) 25 =30- 200 =- 170.

Cau 293:Trong mat phang toa d6 Y%, cho tam gidc 4BC c6 A=23). B(%3)  C(%-3) Giaj

Cau 294:

tam giac 4BC (lam tron cac két qud dén hang don vi).
Loi giai

Ta co: 4B =J(4- (-2)F +(5- 3)° =40 =210 ~6

BC =\(2- 47 +(-3- 51 =08 =24/17 =8,
AC =\J(2- (-2)) +(-3- 3)* =452 =213 =7.

— NI TRRIHE]

-Ta c6: AB =(0:2),4C =(4:-0) an AB-AC =6.4+2 (-6) =12,

Ll Ly

i} | ,
cos BAC =cos(4B, AC) = ot M - 12 _ 3130

Suy ra |4B||4c| 2410 2413 130

Vay BAC ~75

LR LILIL

BA =(-6;-2), BC =(-2:- 8)

Ta co: nén
BA -BC =(-6) {-2)+(-2) (-8) =28
]II ]I| L IJJJ 5
cos HBC =cos(BA, BC) Ll 28 _WNI70
Suy ra |BA||BC| 2410 217 170

Vay 4BC =58

Ues =180 - (Bac+HBo) =180 - (75 +58 ) =47
Suy ra ta co: .

2 A . . R 2 =0 . . N A )
Trong mat phang toa do Oxy , cho hai diém A(l:2), B( 4'-3]'. Goi M(;0) la mot diém
thudc truc hoanh.

[WININYN R [ NYH]

a) Tinh AM -BM theo t.

b) Tinh t 4§ 4MB =90



Loi giai

a)
Y
B T 3
R A
: 2F-——-=
=~
| A
| - i
: ___.-f""-' |
'. N J z
-4 M 0 1
Ta c6: AL2).B(-43) 5 M(£;0)
= j;:{ =(tr I;—E},E.-;f =(t+4:-3)
00 [oooo

= AM BM =(t- Dt +4)+(-2)(-3) =" +3¢+2
b)
pé AMB =90 nay AM LBM tny AM -BM =0

St +i+2=0=
f=-2

Oxy AL3) oy BT

Cau 295:Trong méat phang toa do cho hai diém

a) Tinh chu vi cla tam gidc O4B .
b) Chimg minh rang 94 vuéng géc véi 4B . Tinh dién tich cla tam gidc O4B .
c) Goi M 1a trung di€ém cua 4B . Tinh s6 do géc Boum

Loi giai

AL3) oy BT

a) Do suy ra

04 =y +3° =10:08 =7* + I =4/50; 48 =\J(7- 1) +(1- 3)° =4/40.
Suy ra chu vi clia tam gidc 948 bang
4+ AB+ 0B :m+ﬁ+@:5£+3ﬁ.

b) Theo két qua ctia phan a), ta co 04" + AB° =10+40 =50 =0B" Ty do, theo dinh 1i
Pythagore tam gidc O48 vuéng tai 4, hay O4 L 4B




‘04 4B =10

1
5.:..-.5 _;

Suy ra dién tich tam gidc O4B bang (d.v.d.t).

c)Do M 1a trung diém ctia 4B nen M(*2) Suy ra OM =V4 +2° =20 3 4o a6

000 oood
cos(OB:0M ) = ]ﬁg OM Ta+lz 3

|0B| | OM | “J50 420 0

SN[ NTRINN} ULl L

0 <(0B:OM) <90 s 40 qg BOM =(0B:0M) ~18266

Suy ra

Nhén xét. Ta cé thé ching minh duoc 94 vudng géc véi 4B nheér vao tich vo hudng,
ma khéng can phai tinh dé dai cta cac doan thdng nhw sau:

M

Twr gid thiét suy ra 04 =(1:3),AB =(6:-2)

NN W|N]E]

Suy ra O4 AB=106+3-2)=0

ol uudy

Tw do, do céc vecto 04, 4B 38y khac 0 ,suyra OA LAB

Mot cach khéi quét, dé chiing minh hai duong thang MN va PQ vubdng géc voi nhau,

ta chtmg minh MV PO =0

Cau 296:Trong méat phing toa do Oxy, hay tinh géc gifta hai vecto @ va b trong méi truong
hop sau:
a) @ =(-31),b =(2:0)
b) @ =(3:1),b =(2:4)

o) @ = V2B =(2-42)
Loi giai
a)
ab=(-3)2+1.0=0= a Lbhay(a,b)=
b)
(a b =32414=10 _
la|=+32 +17 =f10:|b|
- 10 2
=cos(ab) ==
Jio 25 2

= (a,b) =45



&

1

2

=

c) Dé thay: 2 va ? cung phuwong do

Hon nita: 7 =(2-v2) =42 (-J2:1) =-2 a2 <0

Do dé: ¢ va b nguoc hudng.

= (a,b) =180

Cau 297:Cho hai vecto @ =(L3k0 =(4-2)

a) Tim toa d6 ctia cac vecto @ *P:a - b.3a.-5b

b) Tinh céc tich v6 huéng “ b,(3a) - b),
Loi giai
a) Ta co:
a+b=(1+45+(-2)) =(5:3); a-b=(1-4:5-(-2))=(-37)
3a =(3.1:3.5) =(3:15); - 5h =(-5 4;-5.(-2)) =(-20;10)
b) Ta c6:
a-b=14+5{-2)=4-10=-03%
*:(3.:|5}.:; b =(-4:2)
= (3;} (-b)=3 {(-4)+152 =- 12430 =18

7

Cau 298:Trong mat phing toa d6 7, cho ba diém khéng thing hang A(-41),B(2;4)
C(2:-2)
a) Giai tam giac
b) Tim toa dd truc tam / cta tam gidc 48C .

Loi giai

a) Ta co:
000 LU
4B =(2- (-4)4- 1) =(6:3) 4B 4A§|_Ja +3 =35

BC =(2-2:-2- 4)=(0-0) = BC:|BC|_JD +(-6)* =6
| AC =(2- (-4);-2- 1) =(6:- 3) AC:}CA|—-.,,‘|D +(-3) =35

Ap dung dinh i cosin cho tam giac 48C, ta cé:

s b+ -a (35 +(35) - (6) _3

A= =2 = 4 =~53,13
cos 2bc 2.35.345 57 '
cos B =2 *¢ - b :(ﬂ]" * 3\'!_}_ _ BJE}_ :ﬁ: ép:f:ll_il}i'
2ac 2.6.35 5

= C =63,435°



Cau 299:

Vay tam giac 4BC cg: 4 =00 =3J5:c :3-,!5_;;
A =~53,13 1B =C ~03,435.

b)
Goi H c6 toa do (x; y)

]]? (<4)y-1)=(x+4y-1)
=(x- 2:y-4)

Lai c6: H 1a truc tam tam gidc 4BC

= AH L BC vy BH L AC

g mIN| N} SN}

= (AH,BC) =90 < cos(AH,BC) =

uug mN| N} m|N |} uug

vy (BH,AC) =90 = cos(BH,AC) =

uuu [NjNIN} uuu uuu

Do dé AH -BC =0 yy BH -AC =0
M\a: BC :U]l'f’}
= (x+4) 0+(y- D) {-60)=0= -6 (y-1)=0= y =I.

va AC =(6:-3)= (x-2) 6+(y-4) {-3)=0 & 6x- 12+(-3) (-3) =0

|
= fx-3=0= x :I— H[l;—}
2. vay | 2],

Oxy , cho tam gidc 4BC ¢6

Trong mat phang toa do
a) Tinh B4 8C vy COSQBC.

b) Chtmg minh 48 L AC,
c) Gidi tam giac 4B8C .
Loi giai

S TR H]

a) Ta c6: B4 =(L3).BC=(T:1) p, g4 BA-BC=1T+31=10
Mat khéc, ta cling co:
| BA|=1F +3° J_|BC|—E|['? +17 =450,

1M 000
cos 4BC =cos(BA, BC) —ﬁ—g_lﬁ— 10 :E.
|BA| {BC| 10 450

[N]N[N) [S]NE) L N E]

A(2:2),B(L:- 1),C(8:0)

[NNYE]

uuu

b) Do AB =(-1;- 3) vy AC =(6:-2) &, AB -AC =(-1)-0+(-3)(-2) :D. Vay 4B L AC



[N]N}E) [N{N}E)

c) Do 4B L AC ngn Bac =90 , ttec 1a tam giac 4BC vuong tai 4. Ma

nén 4BC ~63 \j the ACB =90 - 63 =27

Mat khac, ta c6: 48 = B4 |:“"‘rm,

Bc:}JBJElj:JSE:SJE_,CA =BC* - 4B’ JSJ_]' - (\/10)* =2410

Oxy Al-2,3):B(4:5):C(2:-3)

Cau 300:Trong méat phang toa do , cho

a) Chimng minh ba diém 4,B,C khéng thdng hang.

b) Tim toa do trong tdm O cua tam giac 48C .

c) Giai tam gidc 4BC (lam tron cac két qud dén hang don vi).

Loi giai
A(- 2:3):B(4:5):C(2;-3)
a. C6: AR =(6:2); BC =(-2;- 8§)

6 2 00 100
—#—=>AB #k.BC
vi -2 -8

Vay ba diém 4,8,C khong thang hang.

b. Vi G 1a trong tam clia tam gidc 4BC nén:

x,4x,+x.  -2+44+2 4
_T: e —. e
; 3 3 3
s —Yatystye _345+(-3)
3 3
o33
33

c. Giai tam giac 4BC (lam tron céc két qua dén hang don vi).

AB =(6; ?}:}fef%k-«}'a +2° =210 =6

L L - -
BC =(-2:-8) 4 BC|=y[(- 2F +(-8)* =217 ~8

Ly L
CAC =(4-6) 2 AC|=# +(-0)* =213 =7

LR

BA =(-6:-2): BC =(-2:-8)

:I:I:I :I:I:I ULl Jud
cos HBC =cos(B4; BC) =81 B - 28

] |BA| | BC| 2 U"’J_ :.E!Bcﬁsgg'

cos HBC =

NG



000 ood 5
cos BAC =cos(AB:AC) = ]ﬁﬁ ‘41(@ = 12 =, 26
|AB|{AC| 2410 2413 = Bac ~7

Xét tam gidc 4BC c6: Hpc+Bac+Hcs =180 (PL téng ba géc trong tam giac)

= Wep =180 - (Bac+ UBc) =47

Giac mo khéng phai la th ban nhin thay khi ngu, giac mo la nhing diéu ma khéng cho
phép ban ngu.

“Néu ban muén hoan thanh uéc mo cda minh thi ban nén hoan thanh nhimng viéc nho
nhét dé la hoan thanh bai tip vé nha cua té giao nhé”.

Tai liéu duoc chia sé boi Website VnTeach.Com

https://www.vnteach.com
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