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I. MO PAU
1.1. Ly do chon dé tai'

Trong 1 trinh ddi méi can ban, toan dién gido duc va dao tao chung ta da
va dang dich chuyén gido duc va dao tao dap img nhu cau ctia ngudi hoc va caa
x4 hoi; dé cao viéc hoc sinh biét van dung nhirng kién thire duoc hoc vao giai
quyét cac van dé thuc tién.

Niam hoc 2016- 2017, 1a nim hoc dau tién thuc hién budc dot pha trong
d6i méi can ban, toan dién gido duc d6 1a: d6i méi can ban hinh thic va phuong
phap thi, kiém tra va danh gia két qua gido duc, dao tao, bao dam trung thuc,
khach quan. Ki thi THPT Quéc gia 2017 ¢6 7 mén thi tric nghiém khach qua,
trong d6 c6 mon Toan véi 50 cau trac nghiém mdi cAu c6 4 phuong an lya chon
A- B- C- D, thoi gian 1am bai 13 90 phut, ap luc vé thoi gian 1a rat cao, tuy ndi
dung dé thi da phan nam trong chuong trinh 16p 12, nhiing hoc sinh sir dung két
qua mon Toan dé xét Pai hoc- Cao déng can phai lam dugc cau hoi & muc do
van dung, trong d6 c6 cau khé vé sd phirc. Pay 13 mot trong nhiing cau hoi
tuong dbi kho. Pé lam duoc cau hoi nay doi hoi hoc sinh ngodi viéc nam ving
kién thtrc co ban, luyén tap nhiéu con phai biét van dung kién thtrc hinh hoc
phang da duoc hoc ¢ 16p 10. La mot gido vién thuong xuyén day cac mili nhon
on thi ty nhién dinh huéng Pai hoc, doi tuong hoc sinh chu yéu 1a hoc sinh kha,
gidi. Nhiém vu trong tdm 1a giup hoc sinh ndm chac kién thitc co ban va nghién
ctru sdu mot s6 ndi dung trong chuwong trinh hoc dé phat trién tu duy va dic biét
1 ngudn tham gia cac ky thi hoc sinh gioi cap tinh mén Toan ciing nhu dat diém
cao trong ki thi Qudc gia THPT.

T thue tién giang day va bdi dudng hoc sinh 6n thi dai hoc nhiéu nim,
cung voi kinh nghiém trong qua trinh giang day hoc sinh khéi 12 6n thi THPT
Quéc gia ndm hoc 2016- 2017, Tac gid nhan théy hién tai chua c6 cac tai li€u
nao ban sau vao van dé nay, dong nghiép, nha trudng chua cé kinh nghiém dé
giai quyét khic phuc.

Do d6, viéc nghién curu, khai thac, van dung céc kién thtrc co ban dé giup
hoc sinh giai quyét cac bai toan trac nghiém hay va kho vé sb phtc dé hoc sinh
dat diém cao trong ki thi THPT Qudc gia 2017 1a cép thiét.

Tén dé tai: “‘Van dung kién thirc co bdn gidi nhanh mét sé bai todn tric
nghiém sé phirc hay va khé luyén thi THPT Quéc gia 2017 .

' Trong muyc nay tac gia tham khao TLTK s 1



1.2. Muc dich nghién ctru

Nghién ctru dé tai ndy tac gia mong mudn cung cp cho hoc sinh mot s kién
thirc, k¥ nang co ban va mot sé dang toan hay va khé vé sb phirc; tir d6 hoc sinh co
thé van dung giai quyét cac bai toan tric nghiém s phirc hay va khé trong ki thi
THPT Qudc gia 2017. Dong thoi dé tai cing 1a tai lidu bo ich cho dong nghiép va
nha trudng sir dung dé bdi dudng hoc sinh trong nhimg nim hoc t6i.2

1.3. Pdi twong nghién ciru

Tac gia tap trung nghién ctu kién thire ¢6 ban vé sd phic va mot sé tinh
chit bt bién lién quan dén sb phtic két hop mot s6 tinh chat hinh hoc toa d6
trong mit phang hoc sinh d3 duoc hoc & 16p 10 dé giai quyét mot sb bai toan
trac nghiém hay va khé vé s phuc.

1.4. Phwong phap nghién ciru

Trong pham vi ctia dé tai, tac gia st dung két hop cac phuong phap nhu:
- Phuong phap xay dung co sd 1y thuyét;

- Phuong phap diéu tra, khdo sat thyc té, thu thap thong tin;

- Phuong phap thdng keé, xir Iy s6 licu.

IL. NOI DUNG SANG KIEN KINH NGHIEM
2.1. Co s& Iy luin ciia sang kién kinh nghiém?

Van dé tac nghién ctru dugce dua trén co sé khai niém, cac tinh cht va cac
phép toan vé sb phirc trong chuong trinh 16p 12 ciling nhu van dung kién thirc
hinh hoc toa d6 trong mit phang hoc sinh dd dugc hoc & 16p 10. Ching ta da
biét, mdi s phtc duogc biéu dién boéi mot diém trén mat phéng toa do. Vi vay,
cac bai toan vé s phtrc phai dam bao tinh chét hinh hoc phang. Dang dai s6 cla
s6 phirc gan nhu chi giai quyét duoc nhitng bai toan & muc do nhan biét, thong
hiéu va van dyung thap, nhimg bai toan sd phirc & mirc do van dung cao c6 s& mat
nhiéu thoi gian va gip kho khin néu chi str dung dang dai s6 qua cac phép toan
vé s6 phrc.

Tu cép 2 cac em da duoc hoc cac tap s0: tap s6 tu nhién N, tap s6 nguyén Z,
tap sb hitu ti Q va tap s thuc R. So véi tip sd phirc C thi tap s thuc 13 vo cling
nho bé, vdy ma nhiing bai toan trén tap s6 thuc da vo sb. Tap sd phirc phat trién 1a
mot budc tién cua khoa hoc. Trong vat 1y ngay nay, sb phtrc xudt hién rat nhiéu.
Boi vi vat 1y lién quan dén hinh hoc, ¢6 nhiéu dai luong khong chi c6 d6 16n ma
con c6 hudng. Ma da nodi dén hudng 1a dé dung dén s phirc, vi sb ao thé hién su

? Trong muc 1.2. tac gia tu duara
*Muc 2.1 va 2.2 1a cua tac gia



quay 90 do. Vi du nhu dé mé ta dién xoay chiéu (13 thir dién ta ding chu yéu ngay
nay) hay mét sb thr trong mang dién néi chung, nguoi ta c6 thé dung sb phirc.

Noi dung cua dé tai dap ing mot phan rat nho trong chuong trinh, song tac
gia nhan thy rang mdi bai toan 1a mot ¥ tuong van dung kién thirc co ban tong
hop. Viy tac gia mong mudn cac ddng nghiép va hoc sinh ngay cang van dung
duoc kién thirc co ban va tinh chat dé hinh thanh y tuéng ra dé thi hay ciing nhu
trong day va hoc Toan néi chung, day va hoc chuong s phirc néi riéng tbt nhat.

2.2. Thue trang van dé truéc khi ap dung sang kién kinh nghiém*

Chuong s6 phirc nam cudi chuwong trinh giai tich 16p 12, tuy ndi dung méi
d6i voi hoc sinh song kién thirc co ban khong khong nhiéu va khong kho. Lau
nay gido vién va hoc sinh khong mdy quan tdm vi cho 1a d&. Trong nhiing ki thi
Pai hoc ciing nhu THPT Qudc gia tir nim 2016 trd vé trude thi s6 lwong ciu hoi
va diém chiém khoang 10% nhung chii yéu & mirc d6 thong hiéu va van dung
thap; dong thoi ki thi hoc sinh gioi cép tinh ciing khong ra vao phan sb phirc nén
nhiéu gido vién khong chu tdm khai thac nhimng bai toan vé s phirc & mic do
van dung cao. Tuy nhién, trong 3 14n ra dé minh hoa va thir nghiém B Gido duc
va Pao tao thuong co 1 dén 2 cau s6 phttc & mirc d6 van dung cao khién hoc
sinh va gido vién lung ting.

Ki thi THPT Quéc gia 2017, véi hinh thirc thi tric nghiém va dé minh hoa
ctia BO ¢ cau hoi kho vé sb phirc nén gido vién va hoc ciing dd quan tam hon song
lai khong c6 tai liéu nghién ctru sdu vé van dé nay, tur thuc tién day hoc tac gia cling
gap phai khé khan d6 nén da nghién ctru dtc rat thanh bai hoc kinh nghiém.

2.3. Vén dung kién thirc co' ban gidi mdt s6 bai toan tric nghiém so phirc
hay va khé luyén thi THPT Qudc gia 2017.

2.3.1. Cac khai niém [ 2]
a) Dinh nghia sé phirc

- Mdi biéu thirc dang a + bi , trong d6 a, bERR, i* =- 1 dugc goi la mot s6 phire
- Bdi véi sb phirc z =a +bi, tandi @1a phin thwe, 513 phin do cua z.
- Tap hop céc s6 phirc ki hiéu 1a C .

r o r

Chu y:
+ Mdi s6 thuc @ 1a mot s6 phirc véi phan do bang 0: @ =a+0i,tacé R<C.
a =0

+ S6 phtic a +bi v6i a,bE€R dugc goi 14 s6 thuin 40 < {b 0

* Muc 2.2 1a cua tac gia, muc 2.3.1 tac gia tham khao tai TLTK s62



+S6 0 dugc goi la s6 vira thuc vira 4o; s6 i duogc goi la don vi do.
b) S6 phirc bang nhau
Hai s phirc 14 bang nhau néu phan thyuc va phan 4o tuong ng cta ching
bang nhau: a+bi =c+di = {a -
b =d
¢) Sé phirc doi va sé phire lién hop
Cho sd phitc z =a +bi,a,b€R,i* =-1
- S6 phirc ddi cuia z ki hiéula -z va -z =-a- bi.
- Sb phtrc lién hop cta z ki hiula 7 va z =q - bi.
d) Biéu dién hinh hoc ciia sé phirc
Piém M (a;b) trong mat phang toa do Oxy duoc goi 1a diém bicu dién s6
phirec z =a +bi.
e) Médun ciia 56 phirc
Sb phiic z =a+bi duoc biéu dién boi M(a;D) trén mat phang toa do
Oxy . P dai cia vecto OM duoc goi 1a mdédun ciia s6 phire z. KH | z].

ooy

Vay: |z|3OM | hay |z|=Va’ +b° .
Nhén xét: |z|5-z|37Z .
2.3.2. Cac phép toan s6 phirc®
Cho hai s6 phire: z, =a +bi, z, =c +di . Ta co:
a) Phép cong va phép trir hai sé phirc
z,+z, =(a+bi)+(c+di)=(a+c)+(b+d)i
z,- z, =(a+bi)- (c+di)=(a- c)+(b- d)i
b) Phép nhén hai sé phirc
z,.z, =(a +bi).(c +di) =(ac - bd) + (ad +bc)i.
Nhan xét: z.z 2z =2z
¢) Phép chia hai sé phirc
z, c+di

Véi s phtc z, =a +bi #0 | d@é tinh thuong 2_2 = ap B nhan cé tr va
1

mau véi s6 phirc lién hop clia s6 phic 2, =a + bi
z, c+di (c+di)a-bi) ac+bd N ad - bcl,
a+bi (a+bi)a-bi) a’+b> a’+b°

-2
Z

S Muc 2.3.2 tac gia tham khéo tai TLTK s6 2



2.3.3. Cac tinh chat ciia sé phire ©
Cho sb phuc z =a +bi,a,hb€R,i* =- 1
- Tinh chét 1: S6 phuc z 1asd thye o 7 =7
- Tinh chdt 2: S6 phic z 1as6 40 & 7 =- 2

Cho hai so0 phuc z, =a, +bji; z, =a, + b,i; a,,b,,a,,b, €R ta co:

- Tinh chat 3: z +z, =z +z,

- Tinh chat 4: z,.z, =z,.z,

z

— 1.

==; z, #0
z,

- Tinh chit 6: |Z1'Zz |:tZl |-|Zz |

A

Z,

- Tinh chit 5:

a :—|Zl|'z #0

> 23
2, |

- Tinh chit 7:
y4

2
- Tinh chit 8: |z, +2,|5z|+|z, ]|
- Tinh chit 9: |z, + z,[ +|z,- z,[ =2|z [ +2|z,[

2.3.4. Giai phwong trinh béc hai trén tap sé phirc

a) Cong thirc nghiém cua phwong trinh bdc hai
Xét phuong trinh bac hai: az* +bz+c =0 (a #0) ¢O A =b*-4ac
- THI: a, b, ¢ 1a céc sb thuc

-b+JA

+Néu A >0 thi phuong trinh ¢ 2 nghiém thuc phan biét z = 5
a

+Néu A =0 thi phuong trinh c6 nghiém kép thyuc z :2—
a

+Néu A <0 thi phuong trinh c6 2 nghiém phirc phan biét z :'biz; V-A
a
- TH2: a, b, ¢ 1a c4c s6 phtic

+Néu A =0 thi phuong trinh c6 nghiém kép thuc z :2—
a

+Néu A #0;A =a +bi =(x +iy)’
-b =(x + yi)
2a
Chii y: Khi b 12 s6 chin ta c6 thé tinh A’ va cong thirc nghiém tuong tu nhu

Khi @6 phuong trinh ¢c6 hai nghiém z =

trong tap hop s thuc.

 Muc 2.3.3. va 2.3.4. tac gia tham khao tai TLTK s6 2 va tong hop tir kinh nghiém day hoc nhiéu nim



2.3.5. Mot s6 bai toan thuwong gip ’

Bai todn 1.
Cho s6 phic z ¢6 thoa man | z|=k >0. Tim tdm va ban kinh dudng tron
biéu dién s6 phic W =(a +bi)z +c +di

Phwong phdp gidi: ap dung tinh chat 6: |z,.z, |3 z].| 2, |
Taco |z|=k <|(a+bi)|.|z|Za+bi|.k <|(a+bi)z|=kNa” +b°
bat w=x+yi
= (x-o)+(y-d)i=(a+bi)z= |(x- c)+(y- d)i| =|(a+bi)z|

= J(x- ¢) +(y- d) =kNa* +b* & (x- ¢)} +(y- d)’ =k*(d® +D°)
Vay tap hop diém biéu dién s6 phac w =(a +bi)z +c +di If duong tron

tam 1(c;d), ban kinh R =\k*(a* +b?)

Nhén xét: st dung phwong phdp trén rat nhanh gon va khéong khé nhung
6 thé xir Iy dwoc nhitng bai todn phire tap va kho.

Vidu 1. Cho cac sb phirc z thoa mén’Z| =4 . Biét rang tap hop cac diém biéu
dién cac s6 phac w =(3 +4i)z +i 1a mot dudng tron. Tinh ban kinh r cta duong
tron do.

A.r=4, B.r=5. C.r = 20. D.r=
22. [4]

HD: Pap an C
Ta co: |2| =4 & |2|]3 + 4i| =43+ 4i] & |(3 +4i)z| =20
Mat khac: w =@ +4i)z+i<= w-i =G +4i)z = a+bi- i =(3+4i)z

Léy modun hai vé ta duoc : a® +(b- 1) =20> = r =20

Vidu 2. Cho s6 phiic z c6 mddun 1a 3, biét tap hop cac diém biéu dién sé phirc
w =3- 2i +(2- 1)z 13 mot duong tron thi c6 ban kinh 132

A. 32 B. 3./5 C. 33 D. 3J7 [5]

HD: Pap an B

bat w=x+yi

= |z|=3 = |(2- )z =3[2- {| =35
w=3-2i+02-)ze (x-3)+(y+2)i=2- i)z

= J(x- 37 +(y+2) =@ D)z =345

7 Muyc 2.3.5 tac gia tham khao tir cac TLTK sb 4 va sb 5, Bai toan 1, phuong phép giai nhanh cac vidu 1,2 1a
cua tac gia.




Vidu3. Tap hop cic sb phic w =(1+i)z+1 véi z 1a sé phic théa man
|z- 1| <I 14 hinh tron. Tinh dién tich hinh tron do.

A. 4r B. 27 C.3n D. 7 [5]

HD: Pap an B
Ta co: |(1+i)z- (1+0)| |1+ =V2
patw=x+yi= w=>1+)z+le w-2-i=0+i)z- (1+i)

S |w- 2- i| :|(1+i)z- (1+i)| =2= R=V2= S =aR> =2x

Bai todn 2. °
Cho sb phtc z thoa man |z- a- bi|+|z- ¢- di|=k>0. Tim tap hop
diém biéu dién sb phtic z vatim M, n lan luot 1a gia tri 1on nhét va nho nhéit cua

|z~ p- qil.

Phuwong phap giai:
Goi z =x +yi (x,y €R). Trén mit phing toa d6 Oxy goi M (x;)) 1a diém biéu
dién cua sb phuc z. Goi 4(a;b),B(c;d) thi

z-c-di|=k & J(x- a) +(y- b) +\/(x- ¢)* +(y- d)* =k
& MA+MB =k va MA+MB >AB
Mit khac: Goi 1(p3q) thi |z- p- gi| =\(z- p)* +(z- q)* =MI

THI1: Néu 4B >k thi khong ton tai M, suy ra khong ton tai Zz nén khong
tdn tai M, n.

THI1: Néu 4B =k thi tap hop diém biéu dién z 1a doan thang AB. Khi d6
suy ra M, n.

TH1: Néu AB>k thi tap hop diém biéu dién z 1a mot Elip nhan 4,B
lam 2 tiéu diém. Tt d6 suy ra M, n.

|z-a- bi|+

Nhdén xét: sir dung phirong phdp trén doi héi hoc sinh phdi ndm viing mét
56 kién thirc hinh hoc phcfng va hinh toa do trong mat phcfng.

Vidu4. Xét sb phic z théa man |z +2- i|+|z- 4- 7{ =672. Goi m, M Ian

lwot 14 gia tri nho nhat va gia trj 16n nhét cia |z - 1+i|. Tinh P =m+ M.

A. P =13 +73. B.P:M.

2
C. P =52 +J73. D. P :@. [4]

HD: Pap an B

8Vidu 3t TLTK $6 5, phuong phap giai nhanh va bai toan 2 1a cua tac gid, vi du 4 tu tai li¢u tham khao s6 4
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Phuong phap: Goi Z =x+Yi va tim tap hop diém biéu dién z trén tryc toa do
tir d6 tim GTLN, GTNN ctia biéu thirc da cho.

Cich gidi: Goi z =x + yi (x,y €R). Trén mit phing toa do Oxy goi P(x;») 1a
diém biéu dién cua sé phiic z. Goi 4(-2;1),B(4;7) thi

AB =642 =|z +2- i|+|z- 4- 7il
vA
:\/(x+2)2 +(y- 1)2 +\/(x- 4)2 +(y- 7)2 —PA4 + PB. 7 fffffffff 7{3
Suy ra tap hop cac diém P thoa mén 13 doan thiang AB. P // ‘
Co |- 141 =Ge- 1) +(y +1) =PC véi C(3- 1), P2
Suy ra: M =PB =73 va 4 ;“/""11 -
524273 2 gl

M +m

5
—_—=
J2 2

m=d(P,AB) =

Vidu 5. °Tim tap hop cac diém bicu dién cac so phuc z thoa man diéu kién
|z- 2|+|z+2| =10
2 2

A.Puong tron (x- 2 +(y+2) =100 B. Elip ;_5+y7 =1

2 2

C. Pudng tron (x- 2) +(y+2) =10 D. Elip ;—5+% =1 [5]

HD: Pap an D

- Phwong phap : s6 phitc Z =X +¥i thi || :m .Tir d6 ta c6 tap hop cac
diém M biéu dién sb phuc z.

Cich giai: goi Z =X+ ¥i . Khi d6 diém M (x;) bidu dién sé phtic z

Taco |z- 2| +|z+2[ =10 = |x- 2+ yi| +|x + 2 + yi| =10

o \/(x- 2) +37 +\/(x+2)2 +y* =10

bt £ (-2;0);F,(2;0), khi do: MF, + MF, =10> F,F,(=4)nén tap hop cic

2 2

diém M 1a elip (E) ¢6 2 tiéu cu 1a F;F,. Goi (E) c6 dang: — + Z_z =
a

MF + MF, =10 =2 =5
Ta co: { ! ? a@{a = b =5 - 27 =\/ﬂ

FF, =4 =2c c=2

2 2

Vay tap hop cac diém M la elip: (E): ;—5 +2_ =]

21

° Vi du 5 tac gia tham khao tai TLTK s6 5, phuong phap giai nhanh 14 cua tac gia.




Bai todn 3. "
Cho sb phuc z théa man |z- a-bi|=z-c-di|. Tim sb phuc

w=z+ p+qi ¢6 modun nho nhat. .

Phuong phap giai:
Goi z =x+yi (x,ye IR). Ta c6:
z- c-di| & J(x- @) +(y- b)* =\(x- ¢ +(y- d)’
© Ax+By+C =0

Rut V theo X ro61 thé vao moédun ciia W ta tim duoc 2

|z- a- bi|=

Vi du 6. Trong cac sd phirc thoéa man diéu kién | z- 1+2i|3z- i, tim s phirc
c6 modun nho nhat.
3 3 1. 2 16, 16 2.
+—1 D +

A z=—-—I B.z=—-+-i C.z=— .
55 5 5 5 5 5

HD: Dap an A
Goi z =a +bi,(a,bER) |
Ta co |z- 1+2i] =|z- i| = |(a- D+ +2)i| Falb- i

o \/(a- 1Y +(h+2) :Ja2+(b- 1Y < 2a- 6b =4 e a=3b+2

= |z| =a* +b’ :\/(3»b+2)2 +b> =10b> +12b +4 :\/10 b+§ +§ 2;0
% , 3 | 1 3.
Dau“ ="x4dyra b=-—-= a=— . Viy z =—- =i
S 5 S 5

Vidu 7. Cho cac sb phirc z, w théa min ‘Z +2- 2i’ =|z - 41'], w=iz+1. Gia tri
nho nhat ctia ’W’ la:

V2 32

A. ~ B.2 C. = D. 22 [5]

HD: Dap an A
Piat z=a+bi(a,b€R) khi do z+2-2i=a+2+(b- 2)i va z- 4i=a+(b- 4)i

Néntaco (a+2) +(b-2) =a’+(b-4) @ a+b=2=b=2-2

Khi d6 w =iz+1=(a +bi)i+1=1- b+ai= [w|=,fa’ +(b- 1)’ = fa’ +(a- 1)

12
a- —

1 _1 1 2 .
+—>—= |w|= |- == = min =—

- 2 2 W]

D@ thay a’+(a- 1) =2a’- 2a+1=2 5

Vi du 6, vi du 7 tac gia tham khao tai TLTK s6 05. Bai toan 3 va phwong phap giai nhanh 1a cua tac gia.
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"Bgi todn 4. Cho hai sé phiic z,,2z, théa man |z,| =m,|z,| =n.|z, - z,| =p. Tinh

|z, +2,|.

Phuwong phap giai:
- Tinh chit 9: |Z1 + 22|2 + |z1 - 22‘2 :2|21|2 + 2|zz|2

Ta chirng minh:
-4 ‘2 :(Zl -4 )(Zl - 22) :(Zl - 22)(2_1_ Z) :‘Zl ‘2 ‘2 - (Z|Z+Z_lzz)

+ ‘z,,

Ma ‘Zl +22‘2 :(zl +I, )(Zl +Z2):(zl +I, )(;1 +g) :‘Zl ‘2 * ‘22‘2 +(le+;122)

2 2 ( 2 2)
Suyra; ’ZI+ZZ‘ +’21_ 22’ =2 ’Zl‘ +’22’

Vi du 8. Cho hai s phtic 2,2, thoa man ’ZI‘ =’ZZ‘ 2121 - Zz‘ =1. Tinh ’ZI + 22’.

A. 3. B. 2./3. C. 1. D. ﬁ [5]

2

HD: Pap an A

2 2 2 2
Ta co: ‘Zl +22‘ +‘Z1 - zz‘ :2(|Zl‘ +‘22| ):> ‘zl +Z2‘ :\/§,

Vidu9. Cho 2z.,z, 1a 2 s6 phac bat ky, gia tri biéu thic:

2 2
= ‘21’2 +‘Zz| = bang?
|z, + 2,| +|z, - 2]

A.a =2 B.a=1/2 C.a=l D. a=3/2 [5]
HD: Pap an B
Phuwong phap:

g B 1 A N -1 = |
Su dung tinh chat 9. Ta cé: ’Zl + 22‘2 + ’Zl _ 22‘2 2(‘21‘2 + ‘Zl ‘2) o)

Vi du 10. Cho 2, 1a céc s6 phirc thoa man |z =|z,| =1 va |z, - z,| =v/3. Tinh

P :%Zl +%z2
1 |
A. P :g B. P =0 C. P :5 D. P :? [5]

HD: Pap an A

St dung tinh chat 9: Ta c6 ‘Zl + 22‘2 + ‘21 - 22’2 :2(’21‘2 + ‘22’2)

' Bai toan 4 1a cua tac gia, Cac vi du 8, 9, 10 tac gia tham khao tir TLTK $6 5, PP gidi nhanh la cua tac gia
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z| =|z,| =1 5 o 2
Ap dung (*) véi {ll 1= \/53 |z, + 2, =2 +12)- (\3) =1= |z, + 2, =1
Z, - Z,|=
| 1 | | + |
Mat khac P :ng +§Z2 =‘§(zl +zz) :‘§.|zl +zz| :|Zl3—22| :E

2Bai todn 5.

Van dung cong thirc nghiém cua phuong trinh bac hai nghi¢m phue.

Phuwong phap giai:
- Phuong trinh bac hai az® + bz + ¢ =0 (a #0) trén tap hop sb phuc véi hé sb
thire ludn ¢6 2 nghiém 1a 2 sé phirc lién hop.
- Goi 7,2, 13 2 nghiém cta phuong trinh az® + bz + ¢ =0 (a #0)a, b, ¢ 1 cac
z, +z, =
s6 thuc hodc s6 phuc. Khi d6 ta co: . “
Z,.Zy =—

la so

Vi du 11. Cho sb phiic z thoa man z khong phai 13 s6 thuc va w =T
z

thyc. Gié tri 16n nhat cia biéu thie M =z +1- i la:

A.2. B. 2./2. C. 2. D. 8. [5]

HD: Dap an B

2
= wz - z+2w =0

Taco: w= 5
2+

Phuong trinh (1) c6 hai nghiém 14 hai s6 phirc lién hop z,z nén:
’Z’z =z.z =< =2= ‘Z‘ Z\/E o> w==z+l-ieoz=w-1+i> ‘W- l+i‘ :\/5,
a

Do d6 tap hop biéu didn W la dudng tron tm /(L-1), ban kinh R =+/2.

Vidu 12. Cho s6 phitc z #0 sao cho z khong phai 13 sb thuc va w :1 +Z > la
z
: |
sO thuc. Tinh 3
I+ ’Z’
A 1 B 1 C.2 D 1 [5]
.S * 3 . ‘3

HD: Pap an B

"2 Bai toan 5 1 cua tac gia, cacvidu 11, 12 tac gid tham khao tai TLTK $6 05, PP giai nhanh la cta tac gia
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Ta c6: w=— - = wz” - z+w=0 (1) la phuong trinh bac hai véi hé s thuc

l+z
. VSN YR
c6 hai nghiém la hai s6 phuec lién hop = ’Z‘ =Vzz =1= 7 TS
1+‘Z‘ 2
, " Lo e N L t+z+]
Vi du 13. “Cho s0 phirc z =a +bi thdéa man z khong 1a so thuc va 2—11a
z - z+
4 , ERT , 1-a*- b
sO thuc. Tinh gia tri bi€u thrc M =—F——.
l-a’-b
1 2 4 1
A. — B. - C. - D. — [5]
2 3 3 3
HD: Pap an B
ZZ4+z+1 s .
Ta co 2—1:k, k€ER, k #1= pt:(1- k)z"+(1+k)z+1- k =0 co hai
- z+
nghiém 13 hai s6 phirc lién hop. Khi do:
z.z :’2’2 :ﬂ =le a’+b° =1
1- &
Ta co
a*+b* =(a’ +b*)’ - 2a°h* =1- 2a°h’ 1- (1- 24°b%) 2

= = =
a* +b° =(@ +b)|(@* +b7) - 3a°h*| =1- 32D’ 1- (- 3a’h*) 3

Vi du 14. Cho s6 phirc w va hai s thuc a, b. Biét z, =w+2i va z, =2w- 3 13
hai nghiém phurc cta pt z° +az +b =0. Tinh 7 :‘Zl‘ + ‘Zz‘

2497 285
3

5 D. T =413 [5]

A.T=2J13 B.T C.T

HD: Pap an B
bat w =m + ni

Tacod: z, +2, =3w+2i- 3=3m- 3+(Bn+2)i =- a 1a s6 thuc do d6 n :?

4i

m + 3 =b 1a sb thue do do

4i 297

4 4 '
—(@2m-3)-—m=0= m=3 . Dodo z :3+ﬂ;z2 =3-—=>T=—""—
3 3 3 3 3

Laico zz, =

[2m- 3- ii
3

* Bai tap tw luyén

" Céc vi du 13, 14 téc gia tham khao tai TLTK s 5 ,
'4 Céc bai tap tir bai 1 dén bai 8dugc tac gia swu tam tir TLTK s0 5
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Bail. __ Trong céc s phirc z thoa diéu kién : |z - 3i+ ’l; + 3‘ =10 , ¢o
2 sb phirc z c6 md dun nho nhét. Tinh tong cta 2 sé phirc do.
A.-3. B. 4 + 41 C.4-4i D. 0 [5]
Bai 2. Cho s phic z thoa |z|=3. Biét ring tap hop sd phirc
w =z +1 la mot duong tron. Tim tdm cia dudng tron do.
A. 1(0;1) B. 1(0;-1) c. 1(-1,0) D. 1(1;0) [5]
Bai 3. Tap hop cac diém biéu dién s6 phac z thoa mén

|z+2[+|z- 2|=5 trén mit phang toa do 1a mot

A. Puong thang B. Duong tron
C. Elip D. Hypebol [5]
Bai 4. Véi hai sb phiic z, z théa min z +z, =8+6i va

|z, - z,| =2, tim gié tri 16n nht cia biéu thic P =|z|+|z,|

A. P=4J6 B. P=5+35
C. P =226 D. P =34+32 [5]
Bai5. _ Cho sb phitc z thoa man didu kién |z- 2- 4i| =|z- 2i|. Tim

sO phurc z ¢c6 mod dun nho nhat

A.z=-1+i B.z=-2+i
C.z=2+2i D. z =3+2i [5]
Bai 6. Cho hai s6 phirc z,z, thoa min |21’ :|22| 2’21 . 22’ =1. Tinh
2 2
., ., .2 , _ Z1 22
gia tri cua biéu thitc P =| — | + —J
2 2
A. P=l-1 B. P=-1-i
C. P=-1 D. P=l+i [5]
Bai 7. Cho s6 phtc z thoa man |z- 2- 3i| =1. Gi4 tri 16n nhat cua
‘E+1+i‘ la
A. J13+2. B. 4. C. 6. D. 13 +1.
[5]
Bai 8. '5Cho s6 phuc z, tim gia tri 16n nhat cia 1z1biét rang z thoa
o o m2-30
man diéu kién z+1| =1,

=zl

15 Céc bai tap 8,9,10 duoc tac gia tham khao tir TLTK s6 5
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A. 3. B. 2.

D. 2. [5]

Bai 9. Cho sb phirc z thoa man |z +1/ =2 . Biét tap hop cac diém biéu

di&n sb phirc w =(1+2i)z- i 1a mot dudng tron. Tim toa do tam I ciia duong tron

do?
Al (- 1;- 2).
c. I(- I;- 3).

B. 1(1;2).
D. 1(1;3). [5]

Bai10. __ Cho s phic z thoa méan |z - 1| =2 . Biét tap hop cac diém biéu

didn s6 phitc w =(1+/31)z +2 13 mot dwong tron. Tim ban kinh cita dudng tron d6?

A. r =8 B. r =4 C.r=22 D. r =2 [5]
PDAP AN
Cau | 1 2 3 4 5 10
Dap
i D B C C C B
an

2.4. Hiéu qua cia sang kién kinh nghiém ddi véi hoat dong gido duc, véi

ban than, dong nghiép va nha truong.
1. Két qua vin dung ciia ban than
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Tac gid da thuc hién viéc 4p dung cach lam nay trong ndm hoc 2016-
2017 d6i v6i 16p 12C1. Két qua thé hién trong cac bai kiém tra vé ndi dung nay

nhu sau:
Béng so sanh cu thé:
Lép Si | Két qua bai kiém tra TN vé so6 phirc | Ghi chi
s0 Piém | Piém | Piém | Diém yéu,
gi01 kha | trb kém
12C1 40 14 14 6 6 Lép Toan
(2016 —2017)

Pay 14 noi dung hay va kho nén két qua trén phan anh kha niang van dung
cua hoc sinh phu thudc vao von kién thire tich Ity cua cac em.
2. Trién khai truéc to bé mon

Tac gia da dua dé tai nay ra t6 dé trao ddi, thao luan va rat kinh nghiém.
Pa sb cac déng nghi¢p trong t6 da danh gia cao va van dung co6 hi¢u qua, tao
duoc htmg thi cho hoc sinh va giup cac em hiéu sdu, nim vimg hon vé ban chat
van dé cling nhu tao théi quen séng tao trong nghién ctru va hoc tap. Va cho dén
nay, nhitng kinh nghiém cua t61 da duoc td thira nhan 13 ¢6 tinh thyc tién va tinh
kha thi. Hién nay, t6i tiép tuc xdy dung thém nhiéu y twong dé gitp hoc sinh
truong THPT Nguyén Xuan Nguyén hoc tdp ndi dung nay mot cach tot nhat dé
dat két qua cao nhat trong cac ki thi.

III. KET LUAN, KIEN NGHI
3.1. Két luan
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- Trong day hoc giai bai tap toan néi chung va day hoc giai bai tip toan sb
phirc néi riéng, viéc xdy dung cac bai toan riéng 1¢ thanh mot hé théng theo mot
trinh tu logic ¢6 su sap dat ciia phuong phap va quy trinh gidi toan s& giup hoc
sinh d& dang tiép can véi ndi dung bai hoc, dong thoi co thé phat trién tu duy
hoc toan cling nhu tao ra niém vui va sy hig thu trong day va hoc toan.

- Pé tai c6 thé phat trién va xay dung thanh hé théng cac bai todn sd phic
giai quyét dugc nho kién thirc co ban vé sb phirc va hinh toa d6 phang cuia n6 dé
thanh sach tham khdo cho hoc sinh va gido vién.

3.2. Kién nghi

Trong day hoc giai bai tip toan, gido vién can xay dung bai giang thanh
hé théng nhiing bai tap co6 phuong phap va quy trinh gii toan.

Khuyén khich hoc sinh xay dung bai tip toan lién quan dén nhiing dang
bai tap todn trong bai giang.

Phat trién va nhan rdng nhitng dé tai cé tng dung thuc tién cao, dong thoi viét thanh
nhitng bd sach tham khao cho hoc sinh va gido vién.

XAC NHAN CUA Thanh Héa, ngay 29 thang 5 nam 2017
HIEU TRUONG T6i xin cam doan day 1a SKKN ciia minh viét,
khong sao chép ndi dung ctia nguoi khac.
NGUOI THUC HIEN
Nguyén Danh Thanh
TAI LIEU THAM KHAO
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