PHAN B. BAI TAP TU LUAN
Dang 1. Tim cic dwong tiém cin ciia do thi ham sé
Phwong phap.

1. Tim tiém cin ngang,tiém can ding ctia do thi ham
Thuc hién theo cac budc sau

7(x)

B1. Tim tap x4c dinh ctia ham s
\ ;e , f (x) . A s g 1ea 5 A T 9 3 . &

B2. Tim céac giéi han cua khi * dan téi cac bién cua mién xac dinh va dua vao dinh nghia

cua cac duong tiém can dé ket luan

2. Tim tiém c4n xién ciia @6 thi ham

Thuc hién theo cac budc sau

B1. Tim tap xac dinh ctia ham $b (d5 thi ham s6 / chi ¢6 thé cé tiém cdn xién néu tdp xdc dinh

cua no la la mot khoang vo han hay mot nwa khoang vé han)

B2. Sur dung dinh nghia

Hoac st dung dinh li:

£(x)

. lim——=a#0  |lim[f(x)- ax]=h lim
Néu =7« va o

flx)
S __li_l_n[_f”f.-‘*']" ax] =b

hoac " ¥ va thi

duong thang y=ax+b la tiém can xién cua d6 thi ham so /

() =2
CHU Y: Déi v6i ham phan thic: O() trong do ¥ (.00 1 i da thiie cia * ta
thuong dung phuong phap sau dé tim cac duong tiém can ctia do thi ham sd

i) Tiém can dirng.

P(x,) =0
Néu (%) #0 thi duong thang: * ~ 014 tiém can dung ctia dd thi ham sb

ii) Tiém can ngang

P(x) 0(x)

thi do thi ctia ham s6 c6 tiém can ngang 1a truc hoanh do

y
0(x)

. , Y=z
ihi 4 thi ham c6 tiém can ngang la duong thang: B ¢

P (x)vé 0(x)

Neéu bac cua bé hon bac cua

P(x)

Neéu bac cua bang bac cua

rong do 4,8 lan lugt 1a he¢ sO cta s6 hang c6 s6 mil 16n nhat ctua

0(x)

Px X s AA 1 o \ e ~ roa A
(x) thi do thi ciia ham s6 khong c6 tiém can ngang

Neéu bac cua 16n hon bac cua

iii) Tiém cén xién

P(x) 0(x) 0(x)

Néu bac cua bé hon hay béng bac cua hodc 16n hon bac cua tir hai bac tro 1€n thi

do6 thi ham s6 khong c6 tiém céan xién



Cau 1.

Cau 2.

Cau 3.

Cau 4.
Cau 5.

Cau 6.

Cau 7.

P(x) 0(x) P(x)

Néu bac cua 16n hon bac cua mot bac va khong chia hét cho Q(x)thi dd thi ham

cO tiém can xién va ta tim tiém can xién bang cach chia P (x)cho Q(x)vé &
f(x)=ax+b+ ) lim R(x) =0, lim R(x) —o
O(x) ,trong d6 © O(x) s=-= (N x)

\ M ] — + Nyt A A [N 5 A . \ A
Suy ra duong thang: ¥ ~%* b la ti€ém cén xién cua d6 thi ham so.

. 2-4x
y=f=T
Cho ham so 4- & ¢6 dd thi 1a duong cong nhu Hinh.
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Céc duong thing X =2 va ¥ == 2 ¢6 phai 1a cac dudng tiém can ding cua do thi ham sb da cho
hay khong? Vi sao?

. 2x-1
. Cy=flx)= 5
Tim ti¢m can ngang ctia do thi ham so I
. Ix-2
, _ . Cy=fx)=
Giai thich vi sao duong thang X =113 tiém can dung cua do thi ham s6 x-1 9
. x+1

. Cy=fx)= 5
Tim ti€ém can ding va ti€ém can ngang cua do thi ham so X- e
Tim ti¢ém can dung cua d6 thi cac ham so6 sau:

X
‘:I; -
a) X - l
2
.J': —_—

b) Jx-1 )

-2x+1
Tim tiém can ngang cta dd thi ham sb ” x+1

) ¥ - Sx+7
< (C) ¥ =/ f"-} -

Puong cong ¢ Hinh 1a do thi cua ham so x=-3

y V
Lirelthi 2 B iarste

=1t
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A:y=x-
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y x<

7 . A A 5 A . \ A
< la dudng tiém can xién cua do thi ham so

().

Ching minh ring duong thing

y=f(x) . V& A 1én cung hé tryc toa do véi



la tiém can xién cua do thi ham soO

A . : 3 . 2 =2y -
Ciu8. Ching minh ring dudong thing ¥ =2%"1
. 1
y=flx)=2x-1- —
x o+l
¥+ 3x
. V=) = ——
Cau 9. Tim tiém can xién cua do thi ham so re= -
x = 3x+1
| )=
Cau 10. Tim tiém can xién cua do thi ham so - 4
Cau 11. Tim tiém cén ctia ham so
_2x+1
a) x+1
2-4x
‘1. :
b) 1- x
y=2x+1-
c) T+ 2
— .‘:2
y=
d) 1- x
CAu 12. Tim tiém can ctia ham s6
X +1
J_,‘ ——
a) X
b) y =ofx7 - 2x+2
=1 4 = e
¢) ¥ =AHNA 1
Cau 13. Tim cac duong ti€ém cén cua dd thi cac ham s sau:

y=x+lI-
a) -5
2x" - Ox +1
Y=
b) Ix+1
Tim céac duong tiém can cia do thi cdc ham so sau:

Cau 14.
_2x+3
X -4

2) ]
4x

1‘ = 2
b) x*+8
Tim cac duong tiém can ctuia do thi cac ham so sau:

Cau 15.
Vo
= 4+2x—3

1 +1

V=

a)

b)
Tim cac duong tiém can cua do thi cac ham so sau:

Cau 16.



Cau 17.

Dang 2.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

26 - x+4
p=" -

a) x =4
X tx+2

Y=

b) X - 2x+3

Tim céc duong tiém can cia do thi cac ham so sau:

a) ¥ =x+4+Jx - 3x+2
b) =3x 443’ +4

2x
) R —
¢) ) VX +3

Bai toan chira tham so
x-2
V=

(Chuyén Lé Hong Phong Nam Pinh 2019) Cho ham s6  mx - 2x+4 (6 tat ca bao nhiéu
gia tri cua tham so ” dé do thi ham so c¢6 diing hai duong ti€ém can ( tiém can ding va tiém can

ngang)?
Jiv+l+ax+ b
Ham s G- 1) khong c6 tiém can ding. Khi d6 hi¢u 4- b bang?
Y =2x+1-
Cho ham so x+2 ¢4 dd thila(C). Goi M 1a mot diém bt ky thude (©), qua M vg

hai duong thang lan luot song song voi hai duong tiém can cua (C), hai dudng thang nay tao véi
hai duong ti€ém cdn mot hinh binh hanh, chung minh hinh binh hanh nay c6 dién tich khong ddi.

Tim 7 € R dé ham sb e x ¢6 cuc tri va khoang céach tir diém cuc tiéu ctia ham sb da cho
2
dén duong tiém can xién cta né bang V17 .
, :l- X
Cho ham sb X c6 dd thi 1a (C). Tim cac diém M thuoc (C) sao cho
d (M,7cp) =2d (M, TCX).
x+2

’1; : 2\ r 2
Cho ham so xX-3 ¢c6dothila (C) Tim tt ca cac diem M thudc () sao cho khoang cach

tir M dén tiém can dimg bang S 1in khoang cach tir M dén tiém can ngang.
3

y=2x-1-
Cho ham s6 2x= 1 ¢6 dd thi 1a (C). Tim hai diém thudc hai nhanh khac nhau cuia (C)
sao cho khoang céach giira hai di€ém d6 nhd nhat.
3- 2x

Cho ham s ¥ ¢0.d6 thila (C). Tim cac diém trén (C) c6 tong cac khoang cach tir d6 dén
hai truc toa d6 nho nht.
2x" +3mx- m+2

vy =
Tim gid tri tham s6 ” sao cho x=1 ¢0 tiém can xién tao véi hai truc toa d0 mot
tam giac co6 dién tich bang 4.



Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Céu 33.

m* +1

) y=2mx+m+2- )
Tim gid tri tham s6 ” sao cho x+1 ¢6 tiém can xién cach goc toa do 0 mot
1
khoang bang VIT
mx” +x+1
y =
Cho ham s6 v+l Xac dinh ” dé ham sb c6 cuc dai, cuc tiéu va tiém cin xién, tiém

A , ) TR I ‘o \ \ ~ ., ~ rAs 1 0
can ding cia do thi ham so cung véi truc hoanh tao thanh mét tam gidc vudng c6 mot goc 60"
Tuy theo gid tri  hay tim cac tiém can cua ham so.

; _mx+1
a. x+m
x-dx+m
y=—
b. x+2
- 2x 45
p=—
Cho ham s6 =1 (©

a. Chirng minh rang tich s6 cac khoang cach tir diém M bat ky trén do thi

(C) ctia ham s6 dén hai duong tiém can ctia no6 1a hang so.

b. Tim nhiing diém trén (©) sa0 cho ting khoang cach tir diém d6 dén 2 tiém cén 13 nho nhat.
, _2m-x
VT £aA 1t 1a A400;1) \ A £ . 2 A
Cho ham so: x+m ¢ do thila (C’") Cho (0:1) va I 1a tam d6i xang. Tim 7 dé trén

(c,)

ton tai diém B sao cho tam giac 4Bl vudng can tai 4 .

('
(Binh Giang-Hii Dwong -2019) Cho ham s6 ¥ =/ Tien tuc trén ™ "1V va c6 bang bién thién
nhu sau:

x — 0 1 4o
() o0 - :
1 +o0
o
f(x)
2 * *0

"~ ¢06 bao nhiéu duong tiém can dung?

p=f(x)=ax’ +bx" +ex+d

(THPT Minh Khai 2020) Cho ham sb ° ¢6 d6 thi nhu bén dudi.




. (.".': - 2.\')-4'2— X
' _(.‘l.'- 3)[_}‘”: (x)- I(m)‘

Héi @6 thi ham so c6 bao nhiéu duong tiém can dung

Ciu34. (Chuyén L& Quy Dén - Pién Bién - 2021) Cho ham s6 ~ ) L se dinh rén R, co bang bién
thién nhu hinh vé.

Sl 0 t00
y + 0 -
0 0

1
’ __,f": (x)-m

Tim gié tri caa 7 thi d6 thi ham so c6 tong so duong tiém can ngang va ti€ém can

dtng bang 3.
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