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Cho ham so
F(x)

x4c dinh trén K.

Jil€9)

Ham so duoc goi la nguyén ham cta ham s6 trén K néu

F)=1(x) véi moi X thudc K.
Téng quadt, ta co:

Cho F(x) 12 mot nguyén ham cta ham sé f() trén K. Khi do:

Véi méi hang s6 €, ham sé FO)+C cling la m6t nguyén ham cua ()
trén K.

G(x) ()

Néu la mot nguyén ham ctia ham sé trén K thi tén tai hang

G(x)=F(x)+C

véi moi X thudc K.

() trén K déu c6 dang
P(X)+C, Ce

s6 C sao cho

Nhu vay, moi nguyén ham ctia ham s6

P(X)+c, v6i € 1a héng sé. Ta goi i 13 ho tat ca céc

£

nguyén ham cua trén K,
Ki higu JTOI

vigr [fOIdx=F(x)+C

®. NGUYEN HAM MOT S6 HAM SO SO CAP CO BAN
© Nguyén ham ham so cap

a+]

J‘fdx:x +C J'Lcix :ln|x|+C‘

Vé6i @ #- 1, ta co: a+l e X ;

J'sinxdx:- COSX +C,_ fsﬂlfxdx — cotx+C
1

J'msxdx =sinx+C J.
’ e JODS X
Véi a>0, a#l ta cé:

dx =tanx+C




©. TiNH CHAT

Cho | (X), g 1a hai ham s6 lién tuc trén K.

gy JEOIX=RJFOIAX s 18ng 56 Khac 0
o) [l FOD+ g()] dx = [flx)dx+ [g(x)dx

A [ FG)- g0 dx = [f(x)dx- [g(x)dx

(<]

(B. Phan dang toan co ban

‘Dang ®: Ap dung dinh nghia
# Phuong phap

Cho F(x) f(x)

° la modt nguyén ham ctia ham sé trén K. Khi dé:
o 5 F(x)+C £(x)

Véi mbi hang s6 €, ham s
K.

© Néu G()

cling la mo6t nguyén ham cua trén

£

la mét nguyén ham ctdia ham so trén K thi ton tai hang s6 €

<a0 cho G(x)=F(x)+C *-?’XEK.

F(x) F(x)+C’

© Nhu vay, moi nguyén ham cla ham s6 trén K déu c6 dang

v6i C 13 hang s6. Ta goi P(X)+C, Cej
&) trén K,
o Kihisy JIX)

vier [fOJdx=F()+C

la ho tat ca cdc nguyén ham cua

°
=Cac vi du minh hoa

A , . =2X - Sx+4 N N . . . . =6x-
Cau 1: Chdng minh Flx)=2x- 5x+ l& mot nguyén ham cda ham s6 () =6x- 5

trén i .
Loi gidi

. F(x)=(2x - 5x+4) =6x°- 5 = f(x
T 6. (x) =( +4) f(x)

F(x)

véi moi X thudc i .

Vay la mét nguyén ham ctdia ham so ) trén i .

1 P P
2y 2: Tim Joos xS wran | 272
Cau 2: Tim “00S"X  trén ' )




(Sl ke
(Sl he]

(tanx) =—
Vi COS" X v@&i moi X thubc |

1

la mdt nguyén ham ctia €os’X trén |
pP.pP

|' Iﬂ dx =tanx+C '5:'5]

Vay “00§s X trén | :

F (x)

(SHNe]
(S he]

2

Nén F(x)=tanx

Cau 3: Trong moi trudng hop sau, ham s6

£

c6 la mot nguyén ham ctia ham so
trén khoang tuong irng khéng? Vi sao?

F(x)=xInx va f(x):l+1nx (0;+<>9);

(1)
o FOI=€™ y ri)=e™

trén khoang

trén i
Loi gidi

F(x)=xInx va f(x)=1+Inx (0;+)

trén khoang ;

(1)

1
e F(x) =lnx+x— =lnx+1 =f(x)
vxe(ﬂﬁﬂ), ta cé X nén ham sé F(x)

Ji€9) (0;+0)

la mot
nguyén ham cda ham so
2 F(x) =¢ V3 f(x)=e"

trén khoang

( trén i
Vi F(x) = oosx# f(x) =€ nén ham s6 F(x) khong la mét nguyén ham
cla ham so6 e trén i .

‘Dang ®: Nguyén ham ham sé liy thua
# Phuong phap

o (1) j'odx:C‘ © J‘dx:x+C
J‘Xad_x: Xil‘-l +C|- (a :t_ I} J‘de_x _= L-}-C
o (3 a+l 1) Ix X
1
—dXZE X+C I_ = =
. | & o K Inx|+C (x#0)

© Ta cb thé ap dung lily thira véi s6 mii thuc dé bién dai.
® Cho @b 3 nhimng sé thuc duong, a.,b 5 nhing sé thuc béat ki. Khi do:
& T a

_ b a a =
o dd=¢v @ ¢ (@) =2 (@f -cr 5

b)

= Cac vi du minh hoa

F(x)=x +x 3

Cau 1: Nguyén ham clda ham so
Loi gidi



s s 1 . 1,
J(x +X )dx =—X' +=X +C
4 2
Cau 2: Nguyén ham clia cac ham so6

‘0 FO)=3x - 2% +x- 2024 ) FOO=cs D+ 2)(x+3)
Loi giai

f(x) :%x‘* - 2% +Xx- 2024

(1)

S . ' XX X 1 . 2., 1.,
—X - 2X +X-2024 |dx e 224X+ C =— X - X X - 2024x+C.
3 , 4 3 2 12 3 2

1
3

© FO)=(x+1)(x+2)(x+3)

FO=0c+1)(x+2)(x+3) = +6X° +11x+6

3 - 7 - X_ 3 II 2 -
= J(X' +0X +1 Ix+ﬁ)dx:I+2x X +0x+C

Cau 3: Nguyén ham cla cac ham so6

. L)
dx .
(1) "’ } X+3}?_‘ ©) J‘\!)_{(?X' - 3)(1)((){ >0)

Loi giai
. )
jB X +— ‘dx
(1 e
"’.3 x+g|;‘dx :J{Bxl +X -‘dx :BJ'xfdx+ J'x--‘dx :Ex; +%x-‘z +C:2xﬁ+%d;+(:‘
IJ)_{(?X: - 3)dx(x>0)
@

J\/’J—c(?x* -3)dx = ﬂ 7 - 3 |

dx:?_[xidx- 3 fedx =2x X - 23X +C(x>0)




‘Dang ©: Nguyén ham ham sé luong giac

# Phuong phap
J'sinxdx:— o0sx+C
o (1)

© J’ms xdx =sinx+C

J' —dx =- cotx+C J' Iﬁ dx =tanx+C
o (3 s X (4) Jcos X
@ Ta c6 thé ap dung cac céng thirc lién quan dé€ bién doi.
@ sin’ a + cos’a =1
l+tan’ a = Iw ,a ;tEHzp
® oos‘a 2
01 Céng thirc co ban i I
l+cot"a =——, a =kp
© sin’ a
tana.cota =1, a #E
@ 2
o sin(a+b) =sinacosb+sin hoosa
~ L cos(a+b) =cosacosbmsinasin b
02 Céng thic céng @
tana+tanb
tan(a+h)=— """~
3 | mtanatanb
@ sinla =2sinacosa
@ C0sl2a =cos’a- sin’a =2cos’'a- 1 =1- 2sin° a
03 Céng thic nhan doi PP
> tana a ;tz+k7
tanla T~tmia’ B
- a la ;%H{p
® i
., _ 1- oos2a
o sin‘a =———
. 1 2
04 Cong thuc ha bac 5 cosig =+ 034
- )
tan’ a _!-cos2a , a ¢E+kp
&) | +c0s2a 2
msamsbzl—[ms(a— b)+cos[a+b)]
@ 2
sinasinb :l[cos(ﬂ— b)- ms(a+b)‘
05 Céng thuc tich thanh | @ 2
ton
g Siﬂﬂﬂ(ﬂb:%[siﬂ(ﬂ+ b)+ sin(a- b)]
@ &

cosasinb :H sin(a+ b)- sin(a- b)]




=Cac vi du minh hoa
Cau 1: Nguyén ham cla cac ham s6

(1) f(x) =1 +sinx © f(x) =2sinx + 3x
e X .
o 1= o T oo
Loi giai

) f(x) =1 +sinx

J'f(x}dx:]'(l+sinx)dx:]]dx+ J‘sinxdx =x- cosx+C

) f(x) =2sinx +3x

ff(x)dx :J(Zsinx+3x)dx = 2m5x+%x3 +C

s X
. f(x) =co8* 5

= cé-ﬂx} zmsh“%: J‘cosfgdx: +':205de :% J(I+msx)dx :;—(|+sinx)+t:‘

-t
(4)fm_I *

00S® X
ff(x)dxzﬂl— I—ﬁ‘dx:x— tanx+C
| cos x| .

Cau 2: Tim nguyén ham J‘an}xcosSxdx

Loi giai
J'sianmsSxdx :% J(sinSx— sin2x)dx =- %msﬂx +|Zm52x+(:‘

Cau 3: Nguyén ham cla cac ham so6

X x.:dx
ST msg‘ J(x+tan3x)dx

(1) 2

Loi giai

X x|
J{sm-— ms—‘ dx
) 2

(1 - -
X x|’ X X X X | .
J{smq— ms;‘ dx:ﬂsm-;— Zsm;ms?-i-msr;‘dx :J(I— sinx)dx=x+cosx+C

(o) Jorrtam x)dx



1
COo8” X

ﬂx+m*x)m:ﬁx+ —I|dx:|;x3+tanx—x+l£‘

‘Dang @: Nguyén ham ham s6é mii

# Phuong phap

ﬂ.':

J'r:z‘dx :]nr:zH: (a=0, a=1)

° (1) fe‘dx =" +C (2)

© Ta c6 thé ap dung cac céng thirc lién quan dé bién doi:
© Cho 2P I3 nhitng s6 thuc duong, 2-P 13 nhitng sé thuc bat ki. Khi dé:

E_ . o |
o dd=av & ¢ (@) =7 [F) = flg=xsx

= Cac vi du minh hoa
Cau 1: Nguyén ham cla cac ham so6
—plxl —q-X — X Ee2
a) f(x) =e © f(x)=3 @) flx)=7"2
Loi gidi
() FOI=e"

. & ) %o
J‘e*“"'dx:]‘e",(e*)dx:e',( )ﬁ =2 _.ic
Ine 2
(2) f(x):3-
P‘dx:]h")‘dx:—r +C=-2_4cC
In3! In3

o [0)=72

X mxel _ X X a2 _ " _ * _ 14"

J(? 2 )dx_J(? 2527 )dx _4J(?,3} dx_4J'(I4} dx_4,m+(:‘.
Cau 2: Nguyén ham cla cac ham so

J’f‘w%‘dx J’.E‘”—Ez‘dx

(X @ X
Loi gidi

J’E‘+i:‘dx

(1) X
J’IEWizldx :J'Z‘dx+ J'idx = 2: REI,.

Ta cé: X X 2 x :

e
@ fe Xl-‘dx



ﬁ & - Eldx:]‘e“'d.x— € dx e - £aC
Ta c6: X | fx: X )

‘Dang ©: Nguyén ham c6 diéu kién

&
(]
]

]
o

Phuong phap

Bai toan: Tim nguyén ham F() cla f6) thoa Fla)=b

Buéc 1: Dua vao bang nguyén ham, tinh chat nguyén ham, cdc phuong phap
bién dai.

Buédc 2: Duya vao diéu kién cua gid thiét:
Budc 3: Két luan.

F(a)=b dé tim C.

=Cac vi du minh hoa

Cau 1: Cho ham sé

F(x)=3x f(x) cla F(x) thoa 7(0)=1.

" Tim nguyén ham
Loi giai

f(x) :J'f'(x)dx = pxidx=x'+C

Ta cé
M3 fl0)=1= U-+C‘:|¢.C:|.Véy f(x)=x+C.

'p] _
. FP|=2
Cau 2: Tim nguyén ham F(x) clia ham so f(x) =sinx + cosx thod man | 2 .
Loi giai
6 P(x):_[f(x)dx :J'(smx+ cosx)dx =- cosx+sinx+C
F‘E —-osP+sinPic=2s 140225 C =1 _ :
5 5 5 = F(x)=- cosx+sinx+1
Do '~/ = = .
F(x) f(x) e X F(O):i
Cau 3: Cho la moét nguyén ham cua ~" thdéa man 2, Tim
F(x)
Loi giai
—_ o] — 2
Ta 6 F(X)—J(E“t,x)dx =€ +x" +C
F(0)=1+C=2= Cc=Ls F(x)=e +x +1
Theo bai ra ta cé: 2 2 2
1 1
fO)=——x == -
Cau 4: Cho F(x) la moét nguyén ham cua 2x-1 2 va F(1)=o. Tinh F(5).
Loi giai

| L bl
Ta c6 Pfk):ff(x}dx:fzx_ldngmw [+C




_F()=0e éln|2,l— [+C =0 C=0

Ma
= F(x)=>In|x- |
P{s}zllnp,s- 1 —Lino =m3.
. 1
Y= o o FO)=2x+—
Cau 5: Cho ham s6 Y =10 xac dinh trén khodng (O’HC). Bi€t rang X' Vi
Moi xe (0;40) va ) =l. Tinh gid tri f(4).
Loi giai
Véi moi XE{U"J'GC), ta co:

F0) = [f () :‘ﬂ' 2x+ }:—:Idx —x-Lic

X
. 1 1 67
fD=1=C=1= f(x)=x*- —+1= f(4)=16- —+1=—
Vi X 4 :
— ¢ —1" = — i
Cau 6: Cho ham s6 y=&) c6 dao ham fO)=12x+2 vG3i moi X€i va @) 3. Biét
Fx) la nguyén ham cua f6) thod man F(0)=2 . Tinh gia tri F(l)_
Loi gidi

VGi moi X€i |, ta co:

fO) = [f (ddx = (12 +2)dx =4x +2x+C,
Vi fl)=3=C =-3= f(x)=4x +2x-3

Lai c6: P(x):‘[f(x)dx:ﬂdrx-‘ +2x-3)dx =X+ - 3x+C,
F(0)=2= C,=2= F(x)=x'+x*-3x+2= F(1) =1

‘Dang @: Bai toan thuc té (lién quan dén van toc, gia téc, quang duong,

)

®

Phuong phap

Bai toan: Tim nguyén ham F() cla () thoéa Fla)=b
Budc 1: Xét moi lién hé gilta cac dai lugng

(t)

e oo

s s A i~ / . A ~_  V
Xét méi quan hé gilra cac dai lugng van toc

t
s(t) =v(t)
s(t) = ‘[v(t)dt

o

Pao ham cua quang duong la van toc:

@ Nguyén ham cula van toéc la quang duong:

, quang dudng s

(t)

va thai gian



o
o
L]
o

o

7/ A A .~ /7 . A ol V
Xét moi quan hé gilra cac dai lugng van téc
Dao ham cua van téc la gia toc:

Nguyén ham cula gia toc la van toc:
Buédc 2: Duya vao diéu kién cla giad thiét dé tim dai lugng yéu cau.
Buoc 3: Két luan.

(t) (t)

, gia toc T va thai gian t

v (t) =al(t)
vit) = ‘[a(t)dt

=Cac vi du minh hoa

Cau 1: M6t 6 t6 dang chay véi van toc

19 m/s
. P R =19- 2 .

dan véi téc dd v(e)=1 t (mys)

dugc sau 5 giay la bao nhiéu?

thi ham phanh va chuyén dong cham

K& tir khi ham phanh, quang dudng 6 to di

Loi gidi
, s(t)= [v(t)dt: |(1_c;- 2t)dt =19t- t* +C
Ta co . .
= 9.0- 0° = —
Tacés(m) 0= 19.0- 0°+C =0« C =0
Nén s(t) =19t- £

A A < F= o N A LA . s(5)=19.5-5 =70
Vay sau 5 giay thi t—5'quang dudng 6 t6 di dugc la s(5) m

Cau 2: Mot vién dan dugc ban thang ding [én trén tir mat dat. Gia si tai thai

diém t gidy (coi £ =0 |3 thoi diém vién dan dugc ban 1én), van téc cla nd

dugc cho bai v(t) =160- 9,8t (m/s)

dat):

. Tim do6 cao cua vién dan (tinh t&r mat

(1) Sau £=5 giay.
(2) Khi né dat do cao I6n nhat (lam tron két qua dén ch(r sé thap
Loi gidi

Goi h(t) la d6 cao cla vién dan ban lén tir mat dat sau ¢ gidy ké tirthoi diém
dan dugc ban lén.

<hi d6 h(t):‘[v(t)d(t):.[(ma- 9,8t)d(t) =160t- 4,9t +C‘.

Do h(0) =0 nen C=0 = h(t) :—4,9t'+1ﬂ0t(m).

(1) Sau =5 giay.

N . A A s h(5)=-4,95 +160.5 =677,5 (m
D6 cao cla vién dan sau 2 giay la (5) ! ( ).
(2) Khi né dat dé cao I16n nhat (lam tron két qua dén chir s6 thap phan tha
nhat).

, D _04000_306,1 (m) r:-ﬁ:@
Vién dan dat do cao 16n nhat 14 4a 49 khi 2a 49 gj
ay.



©. Dang toan ren luyén

‘Dang @®: Cau trac nghiém nhiéu phuong an lua chon

Cau 1: Ham so6
F(x)=- f(x),vxeKk. B f'(x)=F(x), vxeK.

. F(x)=f(x),vxeK. D. f(x)=-F(x),vxeK.

A
(o}

Chon

Theo

khodng K néu

Cau 2: Choham sé

F(x) £

|& mot nguyén ham cla ham s6 trén khoang K néu

Loi gidi
C

dinh nghta thi ham s6 F() )

F(x)=f(x),vxek.

la mot nguyén ham clia ham s6 trén

F() la mot nguyén ham ciia ham sé ) xac dinh trén khodng

K. Ménh dé nao dudi day sai?

A. F(x)=f(x). B. F(x)=f().

¢ (Jfd) =F (). o [fdx=F()+C.
Loi giai

Chon A

Theo dinh nghia suy ra A sai.

Cau 3: Cho hai ham sé

nguyén ham cua
(1) F(x)+G(x)

(II)_ kF(x)

(1) |

f (X)’ g(x)
f (X)’ g(x)

F(X), G() lan luct 13

[a ham so lién tuc, cé
. Xét cdc ménh dé sau:
la m6t nguyén ham cla f(x}+g(x}_
l& mét nguyén ham cua kf) véi kei ",

F(x).G(x) f (X).Q(X)_

la mot nguyén ham cua

Cac ménh dé duing la

A. (D) va (II).

Chon

Theo tinh chat nguyén ham thi

B. Ca 3 ménh dé. C. (1) va (IH). D. () va (HI).

Loi giai
A

(1) V3 () (rm) <ai

la dung,

Cau 4: Cho rf(X]dX :E(x), J'g(x}dx =F (X) Tinh I :-ﬂjg(ﬂ_ f(x)] d_x.
A. 2E(X}—P§(X}+C. B. E(x]-ﬁ[xhq
C. EP:'(X)- I'T(X)+C'. D. |P;(x)+P;(x1+Cl

Loi gidi



Chon C
o I:J‘[Eg(x)— fOJ] dx =2 JaGdx- [f Ox =2 (x)- E(x}+C‘.

Cau 5: Cho JS dx:P(x)+C‘. Khang dinh nao dudi day dang?
A F(x)=5 ns o F(x) =5 +C F(x)=-5 | D. F(x)=5 |
Loi giai
Chon D
Do F() la mot nguyén ham cta ham sé 5° nén Fx)=s"
Cau 6: J‘x“dx bang
lx5+C
A. 5 . B. 4X'+C c. X +C_ D. SX +C
Loi giai
Chon A
J'x4dx Z%XS +C
:,h -
Cau 7: Tim nguyén ham ctia ham sé fO) =v2x-1.
[f0)ax :%(Ex— DV2x-1+C. [f()ax :%(Ex— DV2x-1+C.
A. B. .
1 1
c J‘f(x}dx:— ?r‘ﬁx— 1 +C. 5 J'f(x}dx :?,‘Ex— 1+C.
Loi gidi
Chon B
J‘f(x}dx:szx- | dx :é J(zx- 1):d(2x- |}:'§[3x- D\2x-1+C
Cau 8: Tim nguyén ham ctia ham sé f(x) =cos3x
sin3x
e cos3xdx = +C
A fmsBxd_x_Bsm3x+C‘ B. _f .
sin 3x
o cos3xdx =- +C
C. fmsBxdx_sm3x+C‘ D. f
Loi giai
Chon B
cos 3xdx _ﬂn3x+c
Ta c6: J 3
Cau 9: Ham so F(x)=¢ la nguyén ham ctia ham s6 nao trong cac ham soé sau:



f=e o T0=5

A f(x) =2xe B. Fx)=x¢ 1
Loi gidi
Chon A
= = = E'r: ' =2 E"T:
g F0O=F () = f(I=(e7) =2
=X
Cau 10: Tim nguyén ham cua ham s6 Y S
B X2
N J'f(x}dx_? x+C B J'f(x}dx_3+x+(:‘.
X, X2
c. J'f(x}dx_?+§+(:‘ b J'f(x}dx_3 xH:
Loi giai
Chon D
,
dx = 2ax = ﬂ —‘dx X. 2.c
[ f( X+ -

Ta c6:
Cau 11: Khang dinh nao sau day sai?

[ 700+ g0] dx = [f()dx+ fg()dx

A.
B _ﬂf(x)- g(x}]dx:jf(x)dx— Ja(x)dx
C. Pq’(x}dx :kJ‘f(x}dx,vkEi,
(x)dx =k [f(x)dx, vke j ,k=0.
D
Loi giai
Chon C
Ta cé J‘l«f(x)dx :kff(x)dx,vkei k20 nén dap an C sai.
Cau 12: Khéng dinh nz‘ao sau day dung?
x —‘ dx =—- 2x- l+C‘, JIX—I—‘dX:X__'}X+I+C
A. X B. X 3
eifacttfe o oot
c. 't X3 X D. °
Loi gidi
Chon A
jx— |—|-dx=J’x3— 2+L dx:i— 2x- |—+C,
X | x| 3 X

Ta cé




~ N .~ Flx)=xsinx+ocosx+2024
Cau 13: Ham sb F(x)

cadc ham so sau?
X)=xsinx

la mot nguyén ham clia ham so nao trong

f(x) =- xcosx f(x)=-xsinx b f(x)=xoosx

B. C.
Loi giai
Chon D

F(x) =(xsinx + cosx +2024) =sin x+ XCOSX- SN X =X00SX xe i

. ~ <A A . . .~ J\x)=x0c0sx _ ,
= Ham sé () la mét nguyén ham cua ham so6 f) trén
A A s s o ) =3x" +2x+5
Cau 14: Ho nguyén ham cua ham so f&) la
A, X +X +5 B. X +x+C C. X +X +5x+C_ p, X +x+C,

Loi giai
Chon C
T 6 J'f(x)dx :J(sz +2x+5)dx =X +X +5x+C

FO) =(x+1)(x+2)

Cau 15: Tim nguyén ham cla ham sé

F() =5+ 25 +2x+C

Pooa
F(x) =X +-X +2x+C
A. . B. 3 3 )

X 2.,
Loi gidi
Chon A

J(x+|)(x+2}dx :J(x* +3x+2)dx :ng-" +%x3 +2x+C

[ 00S2X
Cau 16: Tim nguyé&n ham °sin’ xcos” x
F(x) =- cosx- sinx+C

dx

F(x) =cosx +sinx+C

A B
C F(x) =cotx- tanx+C b F(x) =- cotx- tanx+C
Loi gidi
Chon D
. CoSax dx—ﬁméx_sm:xdx—.’i L _ ! |gx=-cotx- tanx+C
Ta c6: sin” xcos” X J sin? xo0s? x | 5in° X oS x|

f(x}:2x+e“ F(x) f(x)

Cau 17: Cho ham sé
. F(0)=2024
man .

. Tim mot nguyén ham cla ham so thoa



A F(x)=x* + € + 2023 F(x)=x* +¢€ - 2023

B. .
C. F(x)=x*+¢ +2022 D. F(x)=x*+¢'- 2024
Loi gidi
Chon A
Ta cé:

F(x) :J'f(x}dx :J(2x+e‘)dx =X +e&+C

F(0)=2024= € =2023= F(x)=x*+¢€+2023

Cau 18: Nguyén ham Flx )cua ham sé f(x) =cosx thda man F(0)=1 la
A, F(x)=sinx+1. B. F(x)=- sinx+1.
C. F(x) =cosx. D. F(x)=- cosx+2.
Loi giai

Chon A

T 6 F(x) = J'f(x)dx foosxdx =sinx+C.

Vi F(0)=1 nén s5in0+C =l= C=1.

Vay F(x)=sinx+1.
Cau 19: Cho ham so f)=2x+e. Ham so F(x) la nguyé&n ham ctia ham so f()
trén i sao cho F(0)=2024. Tinh FQ).
A, e+2025. B. e- 2024. C. e+2024. D. e- 2025.
Loi giai
Chon C
F(x)= J'f(x}dx J'(Ex+e‘)dx =X +€ +C.

Ta cé

v F0)=2024 . 0ih e 40 =2024 e C=2023,

F(x) =x° + € +2023.

Suy ra
Vay F(1)=1° + € + 2023 =e+2024.
¥
Cau 20: Ham s6 FOJ =+ 2dx exx la mot nguyén ham clia ham sé nao dudi day?
f(x)— +—+3~F f()= J_+_+3(
A F B. K2
f(x)— - FO)—s LR

4,‘
O
Lad
I
]
>



Loi giai
Chon A

F() =(Jx + 24% +xX) x+"fJ§+x = BJ_
Ta c6 ‘ - 3\[_ \"_

f(x} x(x BT
Cau 21: Goi F(x) la mot nguyén ham cla ham so f(x) , biét

F(l) :_

2 Tinh F(z).

=" 3 T == 2
AL F(2) “+91n“. B F(2)=-2+9In2

2= 2 =
C. F(2) |+91n“_ D. F(2) 7

Loi giai
Chon B
x(x- 3 x(xf-ax+9) 2

,P{)_r( }r _ : dx:]'x ﬁxﬁ+9xdx

Ta co: X X

= ﬂ X- 6 +E-‘dx :x_ ﬁx+91n|x|+£‘
| X | 2

P{I)——:l-mc—
Vi -

u|m

C =8 F(x)=X- ﬁx+91n|x|+8
suy ra 2 :

f(x) —3008x- 2+ ]
Cau 22: Cho ham sé X sin’x . Khdng dinh ndo dudi day 1a ddng?

J'f(x)dx =3sinx- 21n|x|- 4ootx+C
_[f(x)d_x =3sinx- 2lnx- 4cotx+C

_[f(X}dx =3sinx- '*ln|x|+4mtx+c
J'f(X)dx =-3sinx- 2Inf- 4cotx+C

Uﬁw

Loi gidi
Chon A

J'f(x)dx: ﬂ 3008X- 24—

‘dx
X §n’

Ta co:
1

——dx
sin® x

:BJ'cosxdx- Ej'%dx-v-ﬂr

=3sinx- Eln|x|— 4ootx+C



al(t) =3t +t (mys*).

Cau 23: M6t vat chuyén dong cé gia toc la Biét rang van toc ban

dau cua vat la 2ms. Van toc cla vat dé sau 2 giay la
A 8 mys. B, |2 mys. c. 10 m/s. p. 16 mys.

Loi giai
Chon B

v(t)= [alt)dt = (3t +t)dt =t" + lese
Ta cé - 2

S A A Al . viD)=2e C=2.
Vlvantocbandaucuavatla2m/snen (0)=2=

v(t) =t + I—t: +2.
Suy ra 2

v(2)=2"+
Vay
Cau 24: Mot vién dan dugc ban thang ding |1én trén tir mat dat. Gia su tai thoi
diém t gidy (coi £ =0 |3 thoi diém vién dan dugc ban 1én), van téc cla nd
.. vit)=25-9,8t S
dugc cho bai ®) (m/s)
gia tri Ién nhat la

27 +2 =12 mys.

ba | —

. D6 cao cla vién dan (tinh tir mat dat) dat

125 3125 2375 1125
A. 49 B. 98 . C. 392 D. 98 .
Loi giai
Chon B
h(t) |y o B oA LR a e
Goi la d6 cao cua vién dan ban |én tu mat dat sau U giay ké tu thai diém

dan dugc ban l1én.
h(t) = [v(t)d(t): [(35 - 9,8t)d(t) =25t- 4,92 +C (m)

Khi d6
Do N)=0 . c—o = h(t)=-49¢t +25t (m)
_.b s b 13
Vay vién dan dat dd cao 16n nhat Ia 4a 98 khi 2a 49 giay.
Cau 25: Cho ham s6 ¥ =™ 6 a6 thi 1a ©). xét diém M(x; () thay d8i trén

(C). Biét rang, hé s6 goéc cua ti€p tuyén cla do thi ©) tai M 13
k, =(x+2) Al(o;1) ©) fx)

va diém thudc do thi . Tim biéu thc

X .
f(X} :?+3X'+4X B f‘(x) :X:\"‘EX:"‘;‘-X"‘I

F) =2- 2x° +4x FO) =242 +ax+1
C. 3 : D. 3 :

Loi giai



Chon D

gk, =(x+2)
Hé s6 gbc cua tiép tuyén cua do thi ©) tai M |3 Ky (x+2)

= f(x)= [(x+ 2) dx = [(x: +4x +4)dX :x_?;+3x3 +4X+C

A(o;1) ©)

Ta cé diém

= f(0)=1

thubc do thi

= %+2,03 +40+c=1l= c=I

flx) X pax +dx+]
Vay 3 .
‘Dang ®: Cau trac nghiém duang, sai

F (x)

Cau 1: Trong moi truong hop sau, ham so c6 la mot nguyén ham ctda ham so6

f() trén khoang tuong irng khéng? Vi sao?
1 .
F(x)=—x .2
(a) Ham so 3 la mbét nguyén ham ctdia ham s6 fO)=x trén i

. . F(x)=2sinx-3cosx . ., . . , . .
(b) Ham sé la moét nguyén ham cua ham sé

x)=200sx- 3sinx . ,
f( ) trén

F(x)=e" . . T

(x) la mot nguyén ham cua ham sé
. =42 - 2x+1)42x- 3

(d) Ham sg 00 =8 - V2

20%7 - 30x+7
f(}{) :‘}—
VIX-3  trén khoang

f(x) =2xe fra

(c) Ham so én i

la mot nguyén ham cla ham soé

—;+ o0

2

Loi giai
l |
F(x)=—x .
(a) Ham so 3 la mot nguyén ham ctia ham sé fl)=x
F(x)=x =f(x) yye i F(x)
i

Chon DUNG.

trén i

f(x)

nén la mét nguyén ham ctda ham sé trén

. . F(x)=2sinx-3cosx A A . , . .
(b) Ham sé la mot nguyén ham cua ham soé

x)=2008sx- 3sinx . .
f( ) trén i .
, Filx)=2cosx+3sinx = f(x .
() =2c08 X+ fO) o FO)

Ta co khong la mo6t nguyén ham cla
£

ham sé trén i .



Chon SAI.

. F(X)=e" ., e =2xe"
(c) Ham sé (x) la mét nguyén ham cua ham so6 fd=2x trén i
F(x)=le") =2x.¢
Ta c6 (o =(e") , TXE|
Nén F(x) la mot nguyén ham ctia ham soé f(x) trén i .
Chon DBUNG.
. L FO)=(ax - 2x+1)J2x-3 ., NN N .
(d) Ham sé F0) =( +1) la mot nguyén ham cua ham so
M - )
f(x):._.[:'x 30x+7 i;+oo

V2X-3  trén khoang

43 - 2 8x-2)(2x-3)+4x7 - 2x+1  20x° -
F() =(ox- )3+ 2 20t (B 2)ex 3 _20¢ 30X+ T _ g

J2x-3 J2x- 3 J2x- 3
"'?’XE| E;+ar
| 2
S,
Nén F(x) la mot nguyén ham ctia ham soé f(x) trén (2
Chon DBUNG.

f(x)=ax +'bx' vGi abeEi

Cau 2: Cho ham so . C4c ménh dé sau dung hay sai?

4

X' X
—+—+C
(a) Biét a=b=1 nguyén ham cta ham sé f(x) a4 2

(b) Biét a=b=4 nguyén ham cGa ham sé f(x) la X +2X° +C,

(c) Biat V=05 (2)=30

N L R i ©'0 IR
, hguyén ham cta ham so6 T )Ia X'-x +C,

=7. (-2)=-52 ] o
(d) Biét =2 (2) “7, nguyén ham cta ham s6 f(x) 13 2X'- 3x +C

Loi giai
4

X' X
—+—+C
(a) Biét a=b=1 nguyén ham cta ham sé () 3 4 2

flx)=x+x

Véi a=b=1 ta cé

(x)dx = x-"+x)dx:£+£+£‘
Khi dé 'rf lt 4 2

Chon BUNG.
(b) Biét a=b=4 nguyén ham cta ham sé () I3 X' +2x° +C

S , flx)=4x +4x
V6i a=b=4 ta cé ) *



J'f(X)dx = J(4x-" +4x)dx =x* +2x° +C‘.

Khi dé
Chon DUNG.
=6 (2)= i : 3
(c) Biét =6 (2) BG, nguyén ham clda ham soé &) I3 X'- X +C
ff“)zﬁ ‘a+b=6 ‘a=4
= =
2)=36  |8a+2b=36 |b=2 _4x 42
f(2) . | suy ra F(x) =4x +2x
Khi d6 J'f(x)dx: J(4x-" +2x)dx=x* +x +C
Chon SAI.
=3 (-1)=- i
(d) Biét =2 (-2)= , nguyén ham cta ham sé ) 13 2x*-3x° +C
(1) =2 ‘a+b=2 ‘a=8§
= =
-2)=-52 -8a- 2b=-52 b=-6 —av
Ta cé f-2) ' ' ,suyra)‘c(xll 8XC- ox

Khi d6 J‘f(x)dx = J'(SX"‘ - 6x)dx =2x° - 3 +C

Chon BUNG.
Cau 3: Cac khang dinh sau dang hay sai?
l+_ —‘dx ln|x|+_ _+C‘
(a) X X 2x

J’mdx =—-2x+Inx|+C
(b) X 2

J{ 2,2 +—‘dx =Ins- 2+ 2In[x- _+c

(C) 5-2X x X
X+1

, fx)==" _
(d) Néu F() la moét nguyén ham cGa ham sé X-3 thoa F(4)=3 thi
P(x]:x+4]n|x 3- 1

Loi giai
J|L+I—ﬁ— L‘dx ln|x|+—- —+C‘

(a) X X X ] X

_’7|—+|— L‘dx :ln|x|— LINILIN,
Tacs: X X X X 2x

Chon SAI.

J’wdx X "fx+ln|x|+(:‘
(b) .



Cau 4: Cho ham sé

22X +1 | 1| X
J'X—dx:ﬁ X- 2+_‘dx:—— 2x+ln|x|+l£‘
X | X | 2

Chon BUNG.

e +—‘dx =Infs- 2x+2In[- = +C
(c) 5-2X X X )

1 "]' "]'
Ji += +_ dx -ln|5 "fx|+'?ln|x| _+C

5-2x x X
Chon SAI.
X+1
, )= _
(d) Néu F() la mo6t nguyén ham cla ham soé X-3 thoda F(4)=3 thi
P{x):x+4]n|x— 3|— 1
X +1
F(x)= 2 dx= ﬂ P ‘dx X+ 4Injx- 3|+c
Ta cé:
Vi F(4) =3 nén 4+4lnl4-3[+C=3= C=-1 Vay P{x):x+4]n|x- 3- L
Chon DUNG.
F(x) = J'J_l:x -5x+|)dx_dxf- o Jx + Exdx +C(x>0)
¢ . Xét tinh

dang-sai cla cac khang dinh sau:

F(x) :Ex-"\f;_c - X +2xfx+C
(a) 7 3

(b) Téng a+b+c=12
(c) Tich abc=42

3y 2
FO)=222 R =2V 50 e 2 R 2024
(d) 21 thi 7 3
Loi giai
3 1] EX'-\\JE
F(x)= J'-J_(x - Sx+1)dx = ﬂx - 5x7 +x2 |dx = - - 2% x+3x x+C(1)
Ta c6 -

Flx) :HJ& - x +2xfx+C
(a) 7 3 .

(1) F(x) ?X"'F—“*xﬁ+ XX +C

Theo ! ta c6
Chon DUNG.

(b) T6ng a+ b+c=12



(1) ca=2

Theo V ta c6 4=2P=T:6=3= aqsbrc=2+7+3=12,
Chon DUNG.
(c) Tich abc=42,

Theo(ﬂtacét%=hb=lﬂ=3ﬂ abc=273=42
Chon DUNG.

bR ’

F{l):z‘m2 P{x):“x&—zxzﬂ+ix X +2024

(d) 21 thi 7 3 .
(1)

Theo ta co

2.0 2 2002 -22 20072 2017
RO 2T 2 e 2R R 202 o 20

21 21 I

]

7 2
3P(X)— X\l’__.-}x \b_{_‘_ wx + DI4

Chon SAI.
I = @w%@x L:ﬁﬁtlﬂm
: Cho X va - X1 . Mé&i khdng dinh dudi day ding hay
sai?
[ =¢-1+C
(a) X
I, =% _+mx+C
(b) = 2
e -1
[+ =¢+5 _+C
(c) ) 2
f(x} e‘+— ]
(d) Goi F(x) la nguyén ham cda ham sé f(x) Néu

. b
F(1) =e " F(In2) =1 Iz

Chon DUNG.

E,.""s-l
L=

(b)

+ln|x|+C‘



g x-1 I

I :.ﬂ. gl - Lﬁ‘d}{:’? +—+C
: =) x|

Ta c6: 2 X
Chon SAI.
[+ =¢+Z_scC
(c) ) 2 :
( [ ( [ 2 - |
I+I :J’ e +|—:‘dx+ J’ g - L}‘dx:](e‘ +& " )dx =€ + E:r +C
Ta cé: LX) - X -
Chon DBUNG.
1
, fO) =€ +— ,
(d) Goi F(x) la nguyén ham clda ham so f(x), VOi X . Néu
1
— In2)=1- —
Fi)=e Flin2) In2,
I'ZIYIEHL:.‘MZE"I_JrC F(1)=e= e- 1+C =e= C =1
Ta c6: X X Vi B B .
_ 1 me 1 _ 1 _ 1
F(x) =€ - ¥+I=a F(ln2) =€ - EH =2- EH =3- E
Chon SAI.
f(x)=4008 X .
Cau 6: Cho ham sb 2, Cac khang dinh sau day dung hay sai?
—- 25
(a) J‘f(x}dx 2sinx+C
(b) Biét rang J/Odx=acbsinxsCabec |y g arb=4,
(c) Nguyén ham F(x) cila ham sé6 f0) théa man F(0)=1 la
F(x) =2(x+sinx) +1
p
13-
(d) Nguyén ham F() cla ham so f(x) thda man la
F(x)=2(x+sinx)- p
Loi giai
=-72gj
(a) J'f(x}dx 2sinx+C
(-251nx+C‘}' —-4C0sX #4008 ~ —_ g
Ta c6: 2 nén ham s6 F(x)=-2sinx khéng phai la
nguyén ham ctda ham so f(x) da cho.

Chon SAI.



(x)dx =ax +bsinx+C, a,bs ¢

(b) Biét rang I , khi dé a+b=4

[f()dx= proos' Xdx = .22 Xdx =2 ((1+ cosx)dx =2(x +sinx)+C
Ta c6: - . = . = . :
(g2
E—'*:b a+b=4
Suyra: ' 7
Chon BUNG.
(c) Nguyén ham F() cta ham so () thda man F(0)=1 la
F(x) =2(x+sinx) +1
=2 i
Theo cau (b) ta cé: F(x) H[x+5mx}+(‘:‘.
Vi F(0)=1 nén C =1,
_— | 1
Vay ta c6: F(x) _H(x+smx)+ll
Chon DUNG.
p
f)-
(d) Nguyén ham F(x) cia ham so f&x) thda man 2, la

F(x)=2(x+sinx)- p

=2 i
Theo cau (b) ta co: F(d) “(X+SMX}+C.

FPl= 2| PysinP|+Cc=0e= C=-p-2
. ) n . .
Vi ! nen '~ -
—7 i -p-"
Vay ta co: F()=2(x+snx)- p .
Chon SAI.

f(x) =2x- 300sx

Cau 7: Cho ham so . Xét tinh ding sai cla cac ménh dé sau:

(a) f®

. A R . " N . glx)=2+3sinx
la mot nguyén ham cua ham so g(x)

G &n ham cta ham s6 =2x-3 . h(x)=x" +3sinx+2024
(b) M6t nguyén ham ctia ham s6 fx) =2x- 3c0sx 13 (x)=x" +3sinx+

F (x)

10 e T
(c) Nguyén ham cta ham so6 thod man diéu kién ' la

F(x) =x*- 3sinx+6- pT

k(x).e*

X) =2x- 3008X . o 2 2
)f() , ho tat ca cac

(d la mot nguyén ham cia ham sé
kK (x) e |

nguyén ham cta ham sé & 3sinx+3cosx+2x+C



Loi giai

g(x) =2 +3sinx

(@) F®
6 f(x)=2+3snx=g(x)= f(x)

g(x) =2 +3sinx

la mét nguyén ham ctdia ham so

la moét nguyén ham clda ham soé

Chon DBUNG.

—Fy- — ¥ i i
(b) MOt nguyén ham ctia ham soé fx)=2x- 3c0sx la h(x) =x +3ﬂnm“ﬂ“4.

h(x)

Vi h'(x)=2x+3cosx if(x}.

R 2 s A A N > N ~ J\X)=2x- 3c0osXx
khéng phai la mdt nguyén ham cua ham sbé f) ,

Chon SAI.

F (x)

F(x) =x* - 3sinx+6- 2

f(x)

(c) Nguyén ham cla ham sé6 thod man diéu kién

s _ - 2 _ : _ 2 _ :
T 6 J(Hx 3cosx)dx =x° - 3snx+C= F(x)=x 351nx+C‘.

ib

F(x)=x*- 3sinx+6- p?

=3 e E—3+C:3m C:(]_p_
4 4

Vay
Chon DUNG.

X)=2x-300SX ., . A Ls X . ~ K{x).e
f) la mét nguyén ham cua ham sé (x)e

(d)
nguyén ham ctda ham so k(x)e I

, ho tat ca céc

3 3sinx+300Sx+2x+C,

o NN s s ~ k(x).e
2X- 3C0SX |3 mot nguyén ham cda ham s6 G

. . — k( )_2+ ?!S]II].X
= (2x- 3c0sx) =k(x)e* = 2+3sinx=k(x).e* X =7
(3cosx- 3sinx- 2)€" 3cosx- 3sinx- 2

(e" )2 E‘:

= k'(x).e* =3cosx- 3sinx- 2

= k(x)=

= J'k'(x),e‘dx :J(Bmsx— 3sinx- 2)dx =3sinx +3cosx- 2x+C

Chon SAI.



Cau 8: Cho ham s6 ¥ =r(x) c6 dao ham la f(x)=8x’ +sinx, vxe . Xét tinh dung, sai

cla cac phat biéu sau:

(a) Ham so y=f) la mot nguyén ham cla ham so f(X).

(b) Bigt T©=3 (i gp, FOI =2 - cosx3.

5
F(x)dx = (2x* - cosx+3)dx ==x° - sinx+3x+C ‘ ,
(c) J J( 5 , véi € 13 hang s6.

(d) Biét F(x) la nguyén ham cua () thod man F(0)=2. Khi do,
P’(I):?— sin|
Loi giai
(a) Ham s6 y=&) la mot nguyén ham clia ham soé f(X).
Chon DUNG.
= —
(b) Bigt [(O=3 i go, [ =2x - cosx+3.
Ta ¢6: ff’(x}dx = |(Sx-‘ +sinx)dx=2x' - cosx+C,
Ham s6 y=&) la mot nguyén ham clia ham sé fO) va f0)=3

[ F(x)=2x* - cosx+C,
- f(o)=3
Vi flo)=3=C =4= f(x)=2x*- cosx+4.
Chon SAI.

s
f(x)dx = (2x* - cosx+3)dx ==X - sinx+3x+C ) ]
(c) I J( 5 , véi € 1a hang s6.

X - sinx+4x+C

| b

_ff(x)dx: J(Ex“' - cosx+4)dx =
Chon SAI.

(d) Bist T®
F(I):%— sin|

la nguyén ham cua f(x) thod man F(0)=2. Khi do,

Biét F() la nguyén ham cua f(x) thod man F(0)=2.

X' -sinx+4x+C

_ R
(F(0)=

b | b



¥ ¥
Flo)=2=C=2=> F(x):g‘x‘ - sinx+4x+2= P{I)::;—“— sinl

Vi
Chon DUNG.
=3% +2X- - bor ,
Cau 9: Biét F(x) =3¢ +2x- Inx+C,xe (0; += llIé ham cla ham s6 f(x).
fx)=6x+2- I;,XE(D;-FT)
(a) :
— 1Y =14- 12
(b) FQ1) 3 Chi d6 F(2)=14- In2
(c) F=
1
, f(x)+—-8<0 .
(d) Bat phuong trinh X c6 tap nghiém la (-o1)
Loi giai
() f(x):hxﬂ—l?xe(ﬂ;ﬂ-)
a .
F(x) =F(x) =6x+2- 'E,xe(n,-ﬂ-)
Chon DBUNG.
— 1Y =14- 1
(b) F(1) 3 <hi d6 F(2)=14-In2
F(1)=3=3+2+C=3= C=-2
—23%7 L v -7 .
Suy ra F(x)=3x" +2x- Inx- 2,x<(0;4+=)
vay F(2)=14- In2
Chon DUNG.
(©) Q) =1
1
fx)=6x+2- —,xe(0;+x) _
X . Suy ra f)=7
Chon SAI.
1
» N f(x}+——8-=:l:} A . . (o51)
(d) Bat phuong trinh X c6 tap nghiém la

fx) =6x+2- %,XE(D;+7.‘)

1
f(x}+§— 8<0 -

X=0

Ox+2- l+l <0
X X

x>0 = 0<x<l



Vay tap nghiém bat phuong trinh la (0:1)
Chon SAl.

~ C F(x) . n . . . . . f(X):
Cau 10: Biét la mét nguyén ham cua ham so6

F(x) :}i—_ +Inx+2025

(a)

3
F(1) =>

] F(e) _€
(b) Biét 2

khi d6
(€) F(x) = f(x), vxe (0;+)

o . X . F(x) M
(d) Biét rang do thi cia ham sé6 di qua
Loi giai

€

b | QL

F(x) :}i—_ +Inx+2025

(a)

F(x) = [f(x)dx = J“:X* ! ax :J{ x+'§" dx :i_:+ Inx+C

F(x) :§+lnx+(3‘

F(x) =X +Inx+2025
Mot nguyén ham 2

Chon DUNG.
R =2 Fle) =< +1

(b) Biét 2, khi dé 2

F(x) :§+1nx+ﬂ‘

F)=2 e lic3e oo F(x)=" +Inx+1

2 2 2 .Suy ra 2
Fle)= +2

Vay .

Chon SAI.

(€) F(x) =f(x), vxe(0;+mx)

Theo dinh nghia nguyén ham F(x)
v chi khiF" ) =)

X +1

X

. Khi dé

\ A A \ 2 N n X
la mét nguyén ham cua ham so6 ()

F()=

khi

trén khoang

| =

(0;+

)



Chon SAI.

2
e
e—
2

Fx) M

(d) Biét rang do6 thi cia ham sé diqua ! :

g

F(x) :§+lnx+c F(x) M_

, do thi cia ham s6 diqua

:%+1ne+Cﬂ C=1

e
trinh 2

P{x]:%dnx— I P{l]:édnl— ] =-

I
2

. Suy ra
Chon SAI.

Cau 11: Cho ham s6 y=f) x&c dinh trén (- w"o). Biét rang
. 1

_ fx)=x*- —+2

@ TV=2 knigs x

(1) =0 f(x)=0

(b) ) . Phuong trinh c6 hai nghiém

(c) D6 thi ham s6 Y =10 4 qua diém

(-2)=1 _
(d) ! 4 Ham so6 90 =xf(x) c6 3 diém cuc tri.

Loi giai

_ ()=x- 142
@ F0=2 igs T3

f(x):ff'(x):ﬁ' 3x+x'_:"dx =% - %c

f)=2=C=2
fx)=x- L
Suy ra X
Chon DUNG.
(b) ) :O. Phuong trinh =0 c6 hai nghiém.

| o
FO0= [f (dx= | 23— |dx=x - 2+C

f(1)=0=C=0

ME12) (g 1075

F) =L
Khi dé 2

e
2

nén ta cé phuong

()ns L
f'(x) =2x e

13
2



f(x)=0= x L e 1200 x=
Suy ra X
Vay phuong trinh ()= c6 duy nhat mot nghiém
Chon SAI.
13
-1-2 f(2)=—
() 56 thi ham 56 Y =™ i qua giem M52 ki g6 2
. 1 | , 1
X)= x)dx = || 2x —|dx:x--—C‘
FG)=[f () ﬂ + 5| C
D6 thi ham s ¥~ =) di qua diém M(-1;5) ta dugc 2+C=5=C=3
f(X}:X - —+3
Suy ra
1 13
f(2)=2 - S*3=—
Chon DUNG.

(d) f( ")—i Sm <6 Q(X) :xf(x)

Ham c6 3 diém cuc tri.

f(-j):!zﬁ 4+*II+C:¢IT¢. C=-4

fx)=x*- ~4
g(x) =xf(x) :x" X - % 4'| =X - 4X
g'(x) =3x*- 4 Ql(x) =0 e x= "‘i y=g(x)

, Nén ham sé
Chon SAI.

Cau 12: Cho ham so , biét X", biét
cac khang dinh sau, khang dinh nao ding? Khang dinh nao sai?

F)=lX- Lec o
(a) HAm s6 X véi C I3 hang sé.
Inx- I—+C|, khix=0
fx)= X |
ln(—x}——+C:, khix<0
(b) Ham s6 X

f(-1)=2-1In2

, i CoCo oy hang sé6.

(c) Gia tri

O }‘"(x):xf f(—z):% s f(2)=2In2-

b | s

c6 2 diém cuc tri.

. Trong



f(4)=3In2

(d) Gia tri
Loi giai
F)=lX- L+C o
(a) Ham s6 X, véi C 13 hang sé.
1 (1 1|
f(ﬂz]‘id}c =ﬂ —+f‘dx =In|x- e
Ta co: x XX X
Chon DUNG.
Inx- |—+C‘|, khix=0
fx)= X |
In(-x)- —+C,, khix<0 C \
(b) Ham sé X , VGi =172 |a hang so.
f( ) ]Il| | 1 C |x|_'X.r khix=0
X)I= Xl- —+ - ,
Ta cé: X, nén ta cé hai truong hop - X, Kix<0
lnx—|—+C‘|, khi x >0
== f(){): X |
In(-x)- —+C., khix<0
<TG
Chon DUNG
1Y=2-1In">
(c) Gig trj [C D=2 1n2,
3 ' 3
f(-2) =3 In2+-+C, ==
2 - 2 2

T dir kién dé bai ta co:

C, =1-In2
C =In2-1
lnx—l+]112—l, khi x>0
== f(}{): X |
In(-x)- —+1-1In2, khix<0 ) IR TN
X . Gia tr fG1)=Inl+1+1-In2=2- In2
Chon DBUNG.
(d) Gig trj [(4)=3In2

f(4)=In4- Lim2-1=3m2-2
Ta c6: 4 4

Chon SAI

bt | s



v(t) =t - 2t +1

Cau 13: M6t vat chuyén déng déu véi van toc cé phuong trinh , trong

dé t dugc tinh bang gidy, quang dudng s(¢) dugc tinh bang mét. Trong cac
khang dinh sau, khang dinh nao dang? Khang dinh nao sai?

2
=(m)
(a) Quang dudng di dugc cla vat sau 2 gidy la: 3

1
~(m)
(b) Quang dudng vat di dugc khi gia téc bj triét tiéu 1a 3
(c) Quang dudng vat di dugc trong khoang tur 2 gidy dén thoi gian ma van
26
t6c dat o (m/s) la: 3 (m)
(d) Quang duong vat di dugc tr 0 gidy dén thoi gian ma gia téc bang
10(m/s) A 44 (m)

Loi giai
2
o o o 5 m)
(a) Quang dudng di dugc cla vat sau 2 gidy la: 3
Ta ¢ quang duong vat di dugc sau 2 giay la:

2 2 ”
s&):|h&lﬂzzﬁf-:n+!}ﬁ=§(nﬂ
Chon BUNG.
1
e e 2 (m)
(b) Quang dudng vat di dugc khi gia téc bj triét tiéu 15 3
—_ra el e | ;
Ta cé: gia toc alt) =v'(t)=2t -, do gia toc bij triét tiéu
= alt)=0e 2t- 2=0= t =1(s)

s(0)= [Odt = (€ - 26+ 1= (m)

Quéng duong vat di dugc sau 1 giay la:
Chon DUNG
(c) Quéang duong vat di dugc trong khoang tir 2 gidy dén thoi gian ma van

26
téc dat 9 (m/s) la: 3 (m)

e v(t)=9e - 2t+1=9 = b=4
9(m/s) t=-2 . t=4 (nhan)

Quang dudng vat di dugc trong khoang tir 2gidy dén 4 giay la
s(t) = ((t)at =[(£ - 2t+1)ck :33_“ (m)

Ta cé: van toc dat

Chon DUNG



(d) Quang duong vat di dugc tr 0 gidy dén thoi gian ma gia téc bang
10(m/s’) 3 44 (m)

= M- 2= =
Ta c6: gia toc at) =10= 2t- 2=10= t=0(s)

Quang dudng vat di dugc tir 0 gidy dén 6 giay la

()= (et = (£~ 2t+1)dt =42 (m)

Chon SA|

(©) M(x; f(x))

Cau 14: Cho ham s6 ¥ =7 6 a6 thi 13

(C). Biét rang, hé s6 géc cua ti€p tuyén cda dd thi ©) tai M 13
K, =3x +2x- 2

. Xét diém thay doéi trén

va diém M trung véi géc toa do khi né nam trén truc tung.

©)

(@) Hé sb gbc cua tiép tuyén cla do thi tai diém c6 hoanh d6 X="1 3

k=-1
(b) () =0

B(2;7) y :f(x)_

(c) biém thudc do thi ham sé

X x

O F() =S4T+l T )

(d) Ham s6 4 3 la mét nguyén ham cda ham sé .
Loi giai

Hé s6 gdc cla tiép tuyén cla do thi ©) tai M |y K =3X +2x- 2

= f(x)= [(31{3 +2X- 2)dx =X + X7 - 2X+C

Ta c6 diém M trung véi goc toa dd khi né nam trén truc tung

=0 +0°-20+c=0=c=0

:."- 2 _n
Vay Fx)=x"+x 2

©)

(@) Hé s6 gbc cua tiép tuyén cua do thi tai diém c6 hoanh d6 X=-1 13

k=-1
©)

Hé sb goc cua tiép tuyén cla do thi tai diém cé hoanh dd X=1 13
k=3.(-1F +2.(-1)- 2 =-1

Chon BUNG



(b) f)=0

f1)=r+17-2.1=0

Chon DUNG
() piém B thusc a6 thi ham ss Y =T,

A= 0 2 =

Ta cé fR)=2+2-22 S.
vay diém 27 khong thusc a6 thi ham s ¥ =™,

Chon SAl

. ,Pfx):£+£- el T

(d) Ham sé6 ' la mOt nguyén ham cua ham so6 .

T 6 F(x)=x +x- 2x f(x).

ﬂx)=§+§- X241 o)

Vay ham so
Chon DUNG

la mét nguyén ham ctia ham so6

Cau 15: Mot 6 té dang chay véi téc do 72 kmih nguadi 1ai xe bat ngo phat hién
chudng ngai vat trén duong. Nguoi lai xe phan (ing mot gidy sau dé bang
cach dap phanh khan cap. K& tu thoi diém nay, 6 t6 chuyén dong cham dan

v(t) =- 10t +30 (mys)

s(t)

déu véi toc do , trong d6 t 1a thoi gian tinh bang gidy ké

t (s)

tlr l4c dap phanh. Goi k€ tur

lGc dap phanh.

la quang duong xe 6 t6 di dugc trong
x . =- 5t 2

(a) Cong thitc bidu dién ham sg S\ =5t *30t+72 (m)
(b) Thdi gian ké tir IGc dap phanh dén khi xe 6 td dung han 1a 3 giay

(c) Sau 3 giay k& tir lic dap phanh, quang dudng xe 0 to di chuyén duogc la
45 (m)

(d) Quéang duong xe 6 té6 da di chuyén ké tU IGc nguoi lai xe phat hién

chudng ngai vat trén dudng dén khi xe 6 t6 ding han la 120 (m)

Loi giai

x . =-5t 2
(a) Cong thic bidu dién ham sg S0 =5t +306+72 (m),

T 6 s(t) = .[v(t)dt = [( 10t +30)dt =- 5t +30t+C |

Do s(0)=0 nén C=0,

=- 5t
vay s(t) =-st* +30t (m).



Chon SAl
(b) Thai gian k& tir lGc dap phanh dén khi xe 6 t6 dirng han [a 3 giay.

Xe 6 t6 dimng han khi v(t)=0= -10t+30 =0 = £ =3

Chon BUNG
(c) Sau 3 giay ké tir lGc dap phanh, quang duong xe 6 té di chuyén dugc la
45 (m)
Sau 3 giay k€& tUr lic dap phanh, quang dudng xe 6 t6 di chuyén dugc la
s(3)=-5.3"+30.3 =45 (m)

Chon DUNG
(d) Quang duong xe 6 t6 da di chuyén ké tir lic ngudi 1ai xe phat hién

chudng ngai vat trén dudng dén khi xe 6 td ditng han 1a 120 (m).

72 km/h =20 m,n"sl

Vay quang duong xe 6 td da di chuyén ké tu Iic nguoi lai xe phat hién
20 +45 =65 (m)

Ta cé

chudng ngai vat trén dudng dén khi xe 6 td ditng han 1a
Chon SA|
‘Dang ©: Cau trac nghiém tra l6i ngan

-

~ f(x) =sinx- cosx+ _
Cau 1: Cho F(x) la ho nguyén ham cla ham soé Cos X, F(0) 1.
Gia tri Flp) bang
Loi giai
Tra loi: 3
. S
F(x)= [f(x}dx = ﬂ sinx- cosx+——|dx=- cosx- sinx+2tanx+C
Ta ¢ ' "l Cos X
Ma

F(0)=1= - cos0- sin0+2tan0 +C =l = C =2 = F(x) =- cosx- sinx+2tanx+2
= F(p)=- cosp- sinp+2tanp +2 =3

F(x) f(x)=€-2x+1 F(0)=2

Cau 2: Cho
F(1)

la ho nguyé&n ham ctia ham so6 . Tinh gia tri
(lam tron két qua dén so thap phan th hai)

Loi giai
Tra loi: 3,72

Ta c6 P{x}:‘[f(x)dx:ﬂe‘— 2x+1)dx=€- X +x+C

M3 F(0)=2=1-040+C=2= C=1= F(x)=¢€- X +x+1



= F(1)=e-1+1+1 =e+1 =3.71828

Cau 3: Cho ham sé6 () c6 nguyén ham trén i, va thdéa man
3+ x)dx =€ +In(x* +1 - s b e
If( +X) +In(x + ). Tinh I 2)(két qua lam tron dén hai chlr sé sau
dau phay)
Loi giai
Tra loi: -0,4
Goi F(x+3) la ho nguyén ham ctia ham so6 fG+x)

= If(3+X)dX :_F(3+ X}:E‘ + ]_n(x- +|)

S
= FG+x)=fG3+x)= fG+x)=€+—

X +
pat t=3+x= x=t-3

2(t-3) . at-

= f()=e + ) g 20 L f)zg e X0

(t- 3) +1 t—f_‘ll’ 10 X' - 06X +10
-10 s 0
2)=f""+ —=¢"- —_=-0,4
f( ) 26 13
— 2 b}i - x ) . ,
Cau 4: Cho Flx)=(ac +Bx+ c)e la mot nguyén ham «clua ham so

f&) =(x¢ - 3x+2)e” . Tinh téng S=a+2b- c?

Lo giai
Tra loi: 2

F(x)=(2ax+b)e * - (ax* +bx +c)e* :[—af +(2a- b)x+(b- c)] g

Ta co:
-a=| ‘a=-1
2a- b=-3e= { b=l

N a e , . . . ... | b-ec=2 Cc=-1
Yéu cau bai toan thoa man khi va chi khi * - .

N S=-1+21--1)=2
Vay +2.1- (- 1)
Cau 5: Cay ca chua khi trong c6 chiéu cao >N T5¢ do tang chiéu cao cla cay ca

A v s o Vit)=-0,1t" +t , ,
chua sau khi tréong dugc cho bdgi ham sé: v(t) ’ , trong dé U tinh

v(t)

n Ve S . 7 n . h N N 2 A \
theo tuan, tinh bang centimét/tuan. Goi (®) la do cao cua cay ca chua
& tudn th t. Chiéu cao cay ca chua sau 2 tuén la bao nhiéu? Lam tron két
qua dén s6 thap phan tha 2
Loi giai
Tra loi: 7,27



o P
h(t)= (v(t)dt = ((-0,18 +t3)dt =- —t' +-£ +C
Ta c6 r I( 40 3 .

h(0)=5= C =5

=

. ()= ¢t +1¢ +5(cm)
Theo gia thiét, 40 3 .

Lyrys 2109
3 15

1,
T)=-_ 2= = 2
h(2) o2 (an) ?,u?.

Vay

a:IDmfs*. Sau

Cau 6: Khi dugc tha tir dd cao 20 m, mot vat roi véi gia toc khong doi
khi roi dugc t gidy thi vat cé téc dd bao nhiéu?
Lo giai
Tra loi: 20

Ki hiéu v(t)lé téc db cua vat, s(¢) la quang dudng vat di dugc cho dén thoi
diém U gidy ké tir khi vat bat dau roi.
vi a=vO o moi £20 nan v(t)= fat)dt = flodt =10t +C.

v(0) =0 v(t) =10t(m/ s)

nén 10.0+C =0 hay C=0 . Vét
s(t) = [v(t)dt = [mrdr =5t* +C.

Ta cé

Vi v(t)=s(t) véi moi £=0 nén

= = n —5 2
Ta c6 s(0) Ohén 5.0°+C=0 hay C=0_ vay s(t) =st’ (m).

A n t)<20= 5t <20= 0t <2 , .,
Vat roi tu dé cao 20 m nén s(t) = = (giay).

A e A A . A A A Las s VI2)=20m/5s
Vay téc do vat roi theo yéu cau dé bai la (2) / .

Tai liéu dugc chia sé bdi Website VnTeach.Com
https://www.vnteach.com



	⬥CHƯƠNG ④. NGUYÊN HÀM VÀ TÍCH PHÂN
	▶BÀI ❶. NGUYÊN HÀM
	Ⓐ. Tóm tắt kiến thức
	Ⓑ. Phân dạng toán cơ bản
	⬩Dạng ❶: Áp dụng định nghĩa
	⬩Dạng ❷: Nguyên hàm hàm số lũy thừa
	⬩Dạng ❸: Nguyên hàm hàm số lượng giác
	⬩Dạng ❹: Nguyên hàm hàm số mũ
	⬩Dạng ❺: Nguyên hàm có điều kiện
	⬩Dạng ❻: Bài toán thực tế (liên quan đến vận tốc, gia tốc, quãng đường,…)

	Ⓒ. Dạng toán rèn luyện
	⬩Dạng ❶: Câu trắc nghiệm nhiều phương án lựa chọn
	⬩Dạng ❷: Câu trắc nghiệm đúng, sai
	⬩Dạng ❸: Câu trắc nghiệm trả lời ngắn


