Cau 1.

Cau 2.

Cau 3.

PHUONG TRINH DUONG TRON

DANG 1. NHAN DANG PHUONG TRINH BUONG TRON

+17 - 2(m+2)x+4my +19m- 6 =0

. Ay oo x I e 2 . .T: \
Tim tat ca cac gia tri cua tham so " dé phuong trinh la

phuong trinh dudng tron.
A l<m<2. B. M<-2 hoac m>-1

C.M<-2 hoge m>1 p, m<1l phoge m>2
Loi gidi
Chon D

x4y - 2Mm+2)x+ 4y +19m- 6 =0 (1)
Ta c6 : -
= g=m+2h=-2mc=19m- 0.

Phuong trinh O la phuong trinh dudng tron < @ +b” - ¢ >0

= Sm-15m+10>0 = m<] po5c m>2

Trong mit phiang Oxy , phuong trinh nao sau day la phuong trinh cua duong tron?
Al X +2y - 4x- Sy 4+l :I:I' B. 4y - 4x+by-12 :D.
C. 4y - 2x-8p+20 =0 D. 4x" +y7 - 10x- 6y -2 =0

Loi giai
Chon B

A A 1ea A 1vaa A, 2y pe 3 N .
Pé 1a phuong trinh duong tron thi diéu kién can 1a hé s6 ciia ¥~ va Y phai bang nhau nén loai
dugc dap an A va D.

, X +37 - 2x-8y+20=0e (x-1)Y +(y- 4Y +3=0 . _,
Ta co: vo ly.

222 A 17 = _a¥ . F —95
Taco: 7 dr+oy-12=0 (-2 +(y+3) =23 la phuong trinh dudng tron tam
A

Phuong trinh nao sau day la phuong trinh ciia duong tron?

A 2x" + 7 - 6x-0y- §=0 B 42y - 4x-8y-12 =0

C 'yt - 2x- 8y +18 =0 D 2x7 42y - dx+0p-12 =0

Loi giai
Chon D

+y° - 2ax- 2by+c =

Biét rang o 013 phuong trinh ctia mgt duong tron khi va chi khi

a+b-c>0

r r 2 N
Ta thiy phuong trinh trong phuong én 4 va B c6 hé s cia X, ¥~ khong bing nhau nén day
khong phai 1a phuong trinh duong tron.
1



Cau 4.

Cau 5.

Cau 6.

Véi phuong an € ¢o @ +b° - ¢ =1+10- 18 <0 nan day khong phai 13 phuong trinh duong
tron. Vay ta chon dap 4n D.

(Cum lién truong Hai Phong-L1-2019) Phuong trinh nao sau day la phuong trinh cua mot
duong tron?

A, x4y - dxp+2x+8y- 3=D. B. 2y - 4x+5p- 1 =D.

+37 - 14x+2y+2018=0 ¥y - dx+5y+2=0

c.t D

Loi giai
Chiodl
Phuong én A: ¢6 tich * nén khong phai 1a phuong trinh dudng tron.
Phuong an B: ¢ hé sd bac hai khong bang nhau nén khong phai 1a phuong trinh dudng tron.

¥ 47 14x+2y 42018 =00 (x- 7)° +(p +1) +1968=0

Phuong an C: ta c6 khong ton

tai *>Y nén cling khong phai phuong trinh dudng tron.
Con lai, chon D.

(THPT Quynh Luu- Nghé An- 2019) Cho phuong trinh

2 .: ) . ) , _ _ . ,
4y 2mxs 4ln =Dy +0-m =00 pia i cin maé Da phuong trinh ciia dudng

tron.

m<l1 m =1

A, M =2 B. lm>2 C.l<m<2, p. 1m=2

Loi giai
Cligll B

2 R Ay, _ — . .
x4y = 2mx- 4(m-2)y+6- m =0(1) la phuong trinh ctia dudng tron khi va chi khi

m <1

(u:):+[3(m— 2)]:- (6-m)>0= 5m - 15m+10>0=

m=2

DANG 2. TIM TOA PO TAM, BAN KINH BPUONG TRON

: 4+ Hdr+by- 12 =
Trong mit phing O | duong tron (C):x™ +)7 +4x+0y- 1220 co tam la.
A I(-2;-3). B 1(2;3). c. 1(4;6). D. I(-4;-6)'

Loi giai
Chon A

a7 2 ) 2 —n
Ta c6 phuong trinh dudng tron la: Ge42) +(p+3) =25 .

Vay tam duong tron la: 1(-2;- 3).

> 437 - 10y- 24 =0

Puong tron ¢6 ban kinh bang bao nhiéu?



Cau 8.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

c.1. D. V29

Loi giai

A. 49

@
-

Clion B

1(0;5) L R=J0 45 - (24) =7

: +J.': - ID_].'_ 24 :':I' bén kl

DPuong tron co tAm
(C):Ge+1) +(y- 2) =9.

1(-1;2)

Xac dinh tam va ban kinh ctia dudng tron

1(-1;2)

A. Tam * ban kinh R =3, B. TAm > ban kinh R =9.

10:-2), 4 kinn R =3, p. Tam 772 pin kinh R =9,

Loi giai

C. Tam

Chion A

(PE THI THU PONG PAU-VINH PHUC LAN 01 - 2018 — 2019) Tim toa d6 tAm { va ban

kinh R ciia duong tron (C): X4y - 2x+dy+1=0

A [CL2R=4 1Q-25R =2 1GL2LR :JE. p, [-2)R =4

B
Loi giai

Clion B

. — M s(c2Y-1 =
©) 6tam 752 pan i X =V +C2)-1=2

. (- 2Y +(v+3) =
Trong mat phang Oxy , cho duong tron (€): G- 2) +(y+3) =9 . Puong tron ¢6 tdm va ban
kinh 1a
2 = ' - = -3 = = =
A 1(2:3), R 9 g [@-3). k=3 L 1C32),R=3 [ 1(-23),R=3

Loi giai
Chon B
()

Duong tron co tam 7(2:-3)

va ban kinh R =3,

. 4y . F_
Tim toa d6 tim / va tinh ban kinh R cua duong tron (C): (x+2) +(y-5) _9'
A [C25,R=8l. g I(2-5,R=9. o I(2:-5), R =3. I(-2:5), R =3.
Loi gidi
Chon D

Theo bai ra ta ¢ toa do tim 1(-2:5) y3 ban kinh R =3,

L2 2 1=
Duong tron (€):x" +y7- 2x+dy-3=0 cotam ! | ban kinh R 1a

A JCL2)LR :s.E. g [GL2LR :EJLT. c 1G- 2)._;2:1.:’5.

Loi giai

(- 2),R=22.

IS

Cligil D



Cau 13.

Cau 14.

Cau 15.

Cau 16.

- =1’ 2Y - (- = =242
Fam 1072 i RVE+C2 - €)= =242

DANG 3. VIET PHUONG TRINH BUONG TRON
Dang 3.1 Khi biét tAm va ban kinh

Phuong trinh duong tron cé tam 73:2) va ban kinh R =3 13
A. x4y - 2x-4yp- 20 :D. B. 4y +2x+4p420 :G.
C. 4y +2x+4y- 20 =0 D. 4y - 2x-4p+20 =0

Loi giai
Chon A

1(1;2) G- 1) +(p-2) =5

Phuong trinh dudng tron c6 tim va ban kinh R =5 13

= - 2x+l+y -4y +4 =25 x4y - 2x-4y-20=0

Duong tron tam 1¢-1, 2), ban kinh R =3 ¢6 phuong trinh 1a
A XAy 420 +4y-4=0
4y - 2x-4y-4=0

o4y +2x-4y-4=0

0w

W4yt - 2r+dy-4=0

©

Loi giai
cligil

1(-1;2)

Puong  tron  tdm ban kinh R=3 ¢4 phuong trinh i

Ge+1V +(p- 2F =9 ¥+ 37 +2x- 4p- 4=0

(THPT NGUYEN TRAI-THANH HOA - Lan 1.Nim 2018&2019) Phuong trinh nio sau day

la phuong trinh ctia duodng tron tam I(- hz),bén kinh bang 39
1Y +(p+2) = 2 (¥ —
A (- 1Y +(3p+2) =9 B. Ge+1) +(p+2) =9
¥ Ay — 2 LAY —
C. Ge- 1) +(p-2) —9. D. (c+1) +(p-2) —9.

Loi giai
chon D

1(-1:2) Gc+1) +(p-2) =9

Phuong trinh duong tron tdm va ban kinh R =3 Ja:

Dang 3.2 Khi biét cac diém di qua

A1) B(5:3)

Duong tron © di qua hai diém va c6 tdm ! thudc truc hoanh c6 phuong trinh la

A (r+4) +)° =10 o (x-4) +3° =10



C (x- 4Y +° =10 D (x+4) +° =10
Loi gidi

Clign B

Goi f(x;O)EOx; 142 =82 = (1- x) +1P =G-x) +3 o 2 2 414] =7 - 10x+25+0

: R:M:,}l-43+|3= 10
< x =4 vay tam dudng tron 1a 1(4,0) va ban kinh (1-4) "'r_.

Phuong trinh duong tron © c6 dang (x-4) +,° :ID.

Cau17. (KSNLGV - THUAN THANH 2 - BAC NINH NAM 2018 - 2019) Trong mit phing véi hé toa

do Oxy , tim toa dd tam I cua duong tron di qua ba diém A(0;4), BG; 4), C(2;0).

A LGD g 1(0:0) C 1(;2) p. [@0)
Loi gidi
Chon C
. oy 42 25y =
Gia sir phuong trinh dudng tron di qua 3 diém 4.B.C ¢4 dang (€):a™ +y7 #2ax +2by+c =0
Thay toa do 3 diém A(0;4)’ 3(2;4)’ c(2:0) ta duoc:
'8h+c=-16 a=-1
da+8h+c=-20= {h=-2=(C)ix 4+ - 2x- 4y =0
[ da+c=-4 c=0
Vay © 6 am 752 43 ban kinh R =5 |
- ] - P
Cau 18. Cho tam giac 4BC ¢4 A@-1).56:2).¢(, 5). Toa do tdm duong tron ngoai ti€p tam giac
ABC 13
[47__13 [4?_13] [ 47 13 [_47_13
A. 10 10) B..IO 10 c.! 10 10 ' D. 10 10 )
Loi giai
Chon A
ACY B . . - .. ABC
Goi la tdm duong tron ngoai tiép tam giac .
J 47
AI* =BI° (‘r 1 +(p+1) =(x-3) +(y- '*} dx+6y =11 |* 0
=
Ar =cr ('r 1 +(p+1) =(x-5) +(1+5) (8x- 8y =48 L= 13
Ta co: 10,
= j‘. ﬂ - E
10
Cau 19. Trong mit phiang Oxy, duong tron di qua ba diém A(l;z), B(S;z), c(t-3) c6 phuong trinh Ia.
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Cau 20.

Cau 21.

A w4yt +25x+19y- 49 =0 B 2x 4+ - Gr+y-3=0

C. X +y - ox+y-1=0 p. ¥ *+¥ - Ox+xy-1=0

Loi giai
Chignl C
“+y7 - 2ax- 2by+c

Phuong trinh dudng tron ¢6 dang 4,8,C

= D. Puong tron nay qua nén

(1+4- 2a- 4b+c =0 @=3
25+4-10a-4b+c=0= {b =-
lI+EJ— 2a+db+c =0

b | —

c=-1

Vay phuong trinh duong tron can timla * ¥~ Ox+y-1=0

A(3:0), 8(0:2)

Lap phuong trinh dudng tron di qua hai diém va ¢6 tim thudc dudng thing

d:x+y=0
' | 13 T 1" 13
‘.T-— +‘1'+— =— ‘1+— +‘1+— =—
) T2 7 7 )
A nE = . B."' = ' k. =
' | 1] 13 T 13
‘_‘L’-; +“'I.-; :T "l.""— +|1'— :T
C.' nEA < - D."' = ' = =

Clign A

ABG:0) B(0:2) d:x+y=0

Goi ! 1a tm dudng tron vay (w-x) i rea

1

1
2 5 5 2 - _{r — =
142 =182 < (GB-x) +x =+ +x) = -bfx+9 =4x+4 = 2.Vﬁy {2 2].

(1] (1) 26
u=fe- 44 -
T2 2] 2

la ban kinh dudng tron.

-

[V
L
B 7

13

x- - =
2

Phuong trinh dudng tron can 1ap la: '

I
2

lan luot 1 trye tAm va trong tdm cla tam giac, dudng

58

| G[_;_

Cho tam giac ABC pibt H(3,2), 373
2

p X+2y-2=0

thang BC ¢ phuong trin . Tim phuong trinh duong tron ngoai tiép tam giac

ABC 9
A Ge+1Y +(Gr+1) =20



Cau 22.

(x-2) +(}'+4): ZED.
) (- 1) +(,1'+3): =I.

) (- 1) +(y- 3) 225.

T A ®

Loi giai
Chon D

A4

*) Goi ! 1a tAm duong tron ngoai tiép tam giac 4BC .

m 3000 3
= HI :%HG yi-2=3

' x, =1
- I
_ v, =3

(Do d6 ta co thé chon dap an D lun ma khong can tinh ban kinh).

. M 2x- v+] =
*) Goi M 1 trung diém cia BC = IM LBC =~ IM:2x- y+1 =0

2x-y=-1 [x=0
=
M =iIM N BC .'T+2J'I =2 y =] = M (0-1)
' 5
x,=3—-
. . x =5
uuu U _].'_:. = | :3‘ §_ | ‘ = { A i
Lal co: MA =3MG | | 3 | Y, =6 .

Suy ra: ban kinh dudng tron ngoai tiép tam gidc 4BC 13 R =14 =5

. - 1Y - 3) =2
Vay phuong trinh dudng tron ngoai tiép tam giac 48C 1a (- 1) +(p-3) =25 .
(Néng Céng - Thanh Héa - Lan 1 - 1819) Trong mit phing toa 46 @ | cho tam giac 4BC co

G(- ];3). Goi K.M.N 13, luot 13 trung diém cua AH.AB. AC iy

truc thm £ | trong tim
phuong trinh dudng tron ngoai tiép tam giac 458 C biét dudng tron ngoai tiép tam giac KMN 13

(C)x"+y +4x-4yp-17=0



4 G- 1) +(y-3) =100

.(x+|f+(;--5)3 =100

B
c. G- 17 +(y+5)" =100
p, G+1) +(+5) =100

Loi giai
Chon A

Goi E 1a trung diém B C,J latam duong tron ngoai tiép AABC

MK ||BH KN ||cH
ME || AC NE || AB

Tacs (B LAC = yi | ME (1)’ CH L AB = KN LNE(2)

Tir 0.@ KMEN 13 ttr giac noi tiép duong tron duong kinh KE .

(C):x" +y" +4x-4y-17=0 o

. 1(-2;2)
0 tam

Duong tron
KE

ban kinh * =3 = I 13 trung diém

KHEJ 13 hinh binh hanh = { 1a trung diém JH

(x, +2=3(-1+2)
= =

Ta co: U =31G y,-2=3G-2) v, =5 = J(1;5)

x; =1

Bén kinh duong tron ngoai tiép ABC 13 R =JA4 =2IK =2r =10

Phuong trinh dudng tron ngoai tiép AABC y; G- 1) +(p-5) :IDD.

Ciu23. (THPT TRIEU THI TRINH - LAN 1 - 2018) Trong mit phing toa 4 %% cho tam giac
ABC ¢4 trye tam 9. Goi M 1a trung diém cua BC; N | P 1an luot 1a chan duong cao ké tur



Cau 24.

B va C. Puong tron di qua ba diém M, N, P o phuong trinh Ia
. i y 2 -
(1): (=17 _1-% _2

\ |

4 Phuong trinh dudng tron ngoai tiép tam giac 48C 1a:

A G 1Y +(y+2) =25 g ¥ +0- 1y =25

o 40 1Y =50 (- 2Y +(p+1) =25

=

Loi giai

A4

B M C

Taco M 1a trung diém cua BC; N | P 1an luot 1a chan duong cao ké tur Bva C, Puong tron di
quabadiém M | N P 1a dudng tron Euler. Do d6 dudng tron ngoai tiép tam giac 4BC chinh 1a

anh cua dudng tron Euler qua phép vi ty tam 13 O, ty s6 k=2
Goi I val "1an luot 1a tAm dudng tron ngoai tiép tam giac MNP va tam giac 48C .
Goi R va R’ 1an luot 1a ban kinh duong tron ngoai tiép tam gidc MNP va tam giac 4BC .

1

I1l;-—

Ta co

o =70 “(7- -
va do do or' =201 = I'Q; I).

R :E=- R =5
Mait khac 2

. .Y +1F =25
Vay phuong trinh duong tron ngoai tiép tam gidc 48C 1a: (=27 +(y+1) =25 .

Nhan xét: Dé bai nay rat kho ddi véi hoc sinh néu khong biét dén dudng tron Euler.
Dang 3.3 Sir dung diéu kién tiép xuc
(THPT Céng Hién - Lan 1 - 2018-2019) Trong mit phang toa do Oxy , phuong trinh ctia dudong

4 Ay re 43 2 4+ - 2=0
tron ¢6 tam 1a gbe toa do O va tiép xuc véi dudng thang A: - Tr-2=0,
A 1'1 +}!1 =2 B .Tz ""_].'2 = JE

c. bx- 1 +(y- 1) =~E. p. (x- 1) +(y- 1) =2
Loi giai
Chigll A

\ N (E) i K A
Duong tron © c6 tam O, ban kinh R tiép xtic véi A nén cé:
9



R:d(ﬂ:ﬂ.):ﬂ: 2
2=

Phuong trinh dudng tron (C): XAy =2

Cau 25. (Trwong THPT Chuyén Lam Son 2018-2019) Trong mit phing toa do (Oxy ), cho duong tron
(s)

6 tm / nim trén dudng thing ¥ = ¥, ban kinh R =3 va tip xuc véi céc truc toa do. Lap

phuong trinh cua (s ), biét hoanh d6 tam / 1a s dwong.
A -3y + (-3 =9 B, (e-3) +(y+3) =9,

-3V - (p-3) = 43V +(y+3) =
C. (x-3Y-(y-3) ':?' D. (x+3Y +(p+3) ':?.
Loi giai
Chigh B
Do tam / ndm trén duong théng ~ ~ Ia:- ﬂ],diéu kién @ >0
Puong tron (5) ¢6 ban kinh & =3 va tiép x0c v6i cac truc toa do nén:
d(n0x)=d (1;0y) =3 = |f!| =le a=3n)" a=-301)= 1(3-3)

Véy phuong trinh (5):(x-3) +(y+3) =9

Cau 26. Mot dudng tron 6 tam | G
duong tron bang bao nhiéu?
5

3
A 3. B.5. C.3. D. 5.

Loi giai

tidp xac voi duong thing 3% 4= 10=0 g ban kinh

Clign C

(3;4) A:3x +4y- 10 =0

tiép xtic véi duong thang
1(3:4)

\ NP A Tdon Lt \ \
Duong tron tam nén ban kinh duong tron

chinh 13 khoang cach tir tim t6i duong thang A3x+dy-10=0

R =d(s a)=|3'3+4'4' 10 _15

Ta c6: V3 4 3
1(1;1)

=3

Oxy o (d):3x+4y-2=0

Cau 27. Trong h¢ truc toa do , cho diém va duong than . Duong tron tam

I va tiép xuc véi duong thiang () c6 phuong trinh
7 P Y 1Y _A
N (- 1Y +(3-1) =5 o (e- 1Y +(p-1) =25

I:_.n||—

1Y (oo 1) — Ge- 1Y +(p-1) =
C. G- 1) +(p-1) _I.D.
Loi gidi

Chign C

10



Cau 28.

Cau 29.

Puong tron tim ! va tiép xtic voi dudng thing () c6 ban kinh
_p1+4a-2|

NS

R=d(I1.d)

(- 1) +(y- 1) =I.

Vay duong tron c6 phuong trinh la:

(LUONG TAI 2 BAC NINH LAN 1-2018-2019) Trén hé truc toa 46 @, cho dudng tron

Ix+4y

1(-3;2 . : -9 = X
(©) ¢6 tam (-32) va mdt ti€p tuyén cia né cé phuong trinh la 9=0 vié phuong

trinh cua duong tron ),

AL (x+3) +(y- 2) :2' B. (x- 3) "‘(}"“3): :2.
c G=3Y +(y-2) =4 D. Ge+3) +(y-2) =4
Loi giai

Chon D
1(-3;2)

va mot tiép tuyén ctia né 1a dudng thang A c¢6 phuong
|3.|[— 3)+4.2- 9| s

Vi duong tron (©) ¢6 tam

R =d(I,A) = i
nén ban kinh cta duong tron 1a J3_ +4

trinh lé. Ix +4J'I -9=0

-+3) -2Y =
Vay phuong trinh dudng tron la: (x+3) +(p-2) =4

Trén mit phing toa do 9%V, cho cic diém 4(G:0) va 3(0;4). Puong tron noi tiép tam giac
OAB ¢4 phuong trinh

A, X4y =1 B. Xyt dx+4 =0
C _\f') +J:3 =2 D (.'l." I): +'(__'I.'- I): =1
Loi gidi

Clignl D

A4G;0)  B(0;4) OAB
Vi cac diém va nam trong goc phﬁn tu thtr nhat nén tam giac cling nam
1(a,b) a>0,b>0
trong goc phan tu thir nhat. Do vay goi tim dudng tron noi tiép la thi

11



d(r,0x)=d(r;,0v)=d (1, 4B)
Theo dé ra ta co:

XLV
3747 4x+3p-12=0
Phuong trinh theo doan chén ciia AB la: hay
, |a| =[p| (a=b>0
ol =1b Ja] =}
| =1 Ta-12=5a = {|a=06()

|4ﬂ +3h- |3| :5|ﬂ|

Do vy ta co:

Ge- 1Y +(p- 1) =1

Vay phuong trinh duong tron can tim la:

Cau30. (LAN 01 VINH YEN VINH PHUC 2019) Cho hai didm (00, B(0:4)

tiép tam giac OAB ¢ phuong trinh 1a

. Puong tron ndi

Al xt+yt =1 ' B. Xyt 2x- 2y +1 :U.

C. X+ - 6x- s;-+35_::}‘ p. X +y =2
Loi giai

Chioil B

Ta c6 04 =3, OB =4, AB =5.

Goi I(xp:y) 1a tAm duong tron ndi tiép tam giac OA4B.

AB.IO+ OB.IA+ OA.IB =0

Tt hé¢ thuce (Chting minh) ta dugc
. _ABx, +OBx +0Ax, __ 43 _
AB +0OB + 04 S+443
| _AB.y,+OB.y +OAy, _ 34 _, "
AB+ OB +0A S+4+3

Mat khéc tam gidc 0AB vuong tai O v6i 7 14 ban kinh dudng tron noi tiép tam giac thi
1

) 5 EGA.GB 34
p OA+OB+AB 34445
7

= (S »P 1an luot 1a dién tich va nira chu vi tam gi4c).

Vay phuong trinh dudng tron ndi tiép tam giac 48 1a (x= 1) +{y- 1) =

¥4y - 2x- 2y 41 =0.
hay

DANG 4. TUONG GIAO CUA PUONG THANG VA PUONG TRON
Dang 4.1. Phuong trinh tiép tuyén

2 4y?-1=0

Cau 31. Duong tron + tiép xuc v6i dudng thing nao trong cac dudng thing dudi day?

12



Cau 32.

A. 3.".- = 4_1'+ 5 :l:l B. x+}’ =0

C. x+dy- 1=0 p. X+y-1=0

Loi gidi
Chon A
PP 1=0 s 0(0:0),R =1

Diéu kién dé dwong thang tiép xiic véi dwong tron la khodng cdch tir tam t6i dwong thang bang
ban kinh.

Xét dap an A:
3.0-4.04+5
A:3x-4y+5=0= d(a,a):|— ,_| =1=R= A
3+ tiép xtic voi duong tron.
Puong tron nao sau day tiép xuc véi truc Ox:
A x4+ - 10x =0 B v -5=0
c. ¥y - 10x- 2y +1 =0 p. ¥ *y +0x+5y+9=0

Loi giai
Chon D

d(I,0x)=R

\ \ C K , e . e \ A N A \ ’ ’
DPuong tron ( )tlep xuc véi truc Ox khi voi 1 va R lan luot 1a tAm va ban kinh

(C)-

cua duong tron
4t 10x =0 (x- 5P 4yt =25 . 1(50)

coO tam
a: d(,0x)#R . Vay (© khong tiép xuc véi truc Ox.

% Puong tron: ,ban kinh & =5,
d(1.0x) =0
.Suyr

= khong phai 1a phuong trinh duong tron.

s Xét phuong trinh dwong tron: * Y 3=0 ¢ 1(0:0) va R :\E, d(1,0x) :U.

©)

. :f(I,DxJ#R.Véy

Suy r khéng tiép xuc véi truc Ox.

¥ Xét phuong trinh duong tron: © FV T 10x-2y+1=0., 1G:D) vaR =5 ’d(I.O}a):l'

. d(f._DxJ#R. ()

Suyr Vay khéng tiép xuc véi truc Ox.
PO 4540 =0 f—3;—§ R:é
® Xét phuong trinh duong tron: * T 0y 49 =0 | </ va 2,
i
d(LOx) == — )
2 . Suy ra: d(1.0x) =R . Vay (C)tiép xUc véi truc Ox

13



Oxy \ L C)xr+y - 2x-4y+3=0D

Ciu 33. Trong mit phiang véi hé toa do , cho duong tron - - . Viét phuong

trinh tiép tuyén 9 cua duong tron (©) pidt tiép tuyén d6 song song véi dudng thing
A:3x+4y+1=0
A A +4y+542- 11 =0, 3x+4y- 52 +11 =0

g 3x+4y+5J2-11=0 3x+4y-5J2-11=0

;. x4y +542- 11 =0 3 +4y+5,f2 +11 =0
p, 3x+4y-5J2+11=0 3x+4y-52-11=0

’ Loi giai
Chon B
(C):x*+y° - 2x-4y+3=0e (x- 1V +(y-2) =2.

Do d6 duomg tron c6 tam © =2 va ban kinh R =V2 .

Do 4 song song v6i dudng thing A nén ¢ c6 phuong trinh 1a 3x+4y+k =0 , (k il).

11+k =52
—
| +k =- 52

x4y +5d2-11=0 3x+4y- 5J2-11=0

k =542-11

d(:d)=R = |””‘| o l1+k| =52 =
' J =2 | | W2 k=-5J2-11

3+ 4

Ta c6

Vay c6 hai phuong trinh tiép tuyén can tim 1a

.2 2 e Al A — ) . ,
Cau 34. Cho duong tron (€):a™ +y7 - 2x-dy- 4=0 va diém A(I’S). Puong thiang nao trong cac

duong thang dudi day 1a tiép tuyén cua dudng tron (© tai diém 4 .

A YV-5=0 B, y+5=0 c. X+y-5=0 p. X-¥y-5=0
Loi giai
Cligh A
(O L 112 = 14=(0:3)
Duong tron cO tam .

Goi 4 1a tiép tuyén cua (© tai diém 4, khi d6 9 di qua 4 va nhan vecto 74 1a mot VTPT.

Chon mot VTPT cia @ 13 :(0”).

Vay phuong trinh duong thing 9 1a Y~ 5 =0,

Cau 35. Cho duong tron (€):x" +)7- 4 =0 va diém 4G, 2). Puong thang nio trong cac dudng thang

dué6i day di qua 4 va la tiép tuyén cua duong tron (C)?
A, dx-3y+10=0 B, Ox+y+4=0 c. 3x+4y+10=0 p 3x-4p+11=0

Loi giai
Chon A

14



Cau 36.

Cau 37.

0(0;0)

Puong tron © c6 tam 1a gbc toa do va co ban kinh R =2

> -1:2) : - 2)= 2 2
Hoduc‘rngthéngAquaA( 2):a(e+1)+5(y-2) D,V(')'i a +b #0

|n- Eb| 5
A r -/ = 1 3 = - ‘J} - :4 2 h]
bicu kién tiep xuc d(0;A)=R hay Ja +b = (a Y =4(a® +5°)
s a=0
= dg° +dab =0 =
Ja =-4b
A

Cl Y —
V&i @ =0 chon b=l taco ™1V < 0.

I v g - - 1= ) — A = ' —
Vi 30 =-4b_chon @ =4 va b =3 ta c6 A, :4(x+1)- 3(y- 2) =0 4x- 3y +10=0

A(-1;2)

thi ta loai C.va D. Tinh khoang cach tir tim cua duong tron dén duong thang thi chi ¢ phuong
AL
an - thda.

Nhin xét: Thyc ra bai nay khi thay toa d6 diém vao cac dudng thang & cac phuwong an

Oxy (©): G- 1) +(y-4) =4

Trong mit phing , cho duong tron . Phuong trinh tiép tuyén voi

duong tron ©) song song voi duong thang A:4x-3y+2=0 la

A 4x-3p+18=0 g 4x-3y+18=0

C. 4x-3y+18=04x-3y-2 ZD. D. 4x-3y-18=0:4x-3y+2 ZU.
Loi giai

Chon C

Duong tron (©): G- 1 +(y-4) =4 co6 tam 1(;4) va ban kinh R =2,

Goi d 13 tiép tuyén cua

- e e = )
Vi d//A nén duong thing d:4x- 3y+m =0(m i“).

[4.1-34+m _,
47 +(-3)

e d(r(d)) =R =
d 1a tiép tuyén ctia
m =18
= |m— 8|:|0 =

—-2
m=2 .. . 3 ..
(théa man diéu kién)

P , | A , — A o —
VéycéZtiéptuyéncéntim:"ﬂ 3y +18 =0:4x- 3) ~—U_

(C):x’ +p" - 2x+4y+1 =0

S6 tiép tuyén <chung cua 2 dudng tron va
(C):x" +y" +6x- 8y +20 =0 12
A. L B. 2. C. 4. D. 3.

Loi giai
15



Chon C
1(1;-2)

(C)x’+y - 2x+4y+1 =0

Pudng tron co tim bén kinh R =2,

T .: - , - _ "W_ 2. "
Duong tron (€:x 47+ 6x- 8y +20 =0 c6 tam 1'¢3:4) ban kinh & _\/g.

m' =213

Vay {I'> R+ R' nén 2 duong tron khong ¢ diém chung suy ra 2 dudng tron o 4 tiép tuyén
chung.

Cau 38. (THIHKI1 LOP 11 THPT VIET TRI 2018 - 2019) Viét phuong trinh tiép tuyén cta dudng tron
(C):(x= 27 +(p+4) =25 , biét tiép tuyén vudng goc voi dudng thing d:3x-4y+5=0
Al dx+3y+29 :D' B. 4x+3y+29 =0 hoiic dx+3y- 21 :D‘
C. 4x-3y+5=0 holic 4x-3y-45=0 D. dx+3y+5=0 hodc dx+3yp+3 :[}.
Loi giai

Chon B

Puong tron (€)= 2P +(r+4)" =25 o am 1224 pan kinh R =5

Dudng thang A wvuéng géc véi duong thing d:3x-4y+5=0

dx+3y+c =0

c6 phuong trinh dang:

[4.243.(-4) +¢|
) =l :5
A la tiép tuyén cua duong tron (©) khi va chi khi: d(I;A)=R & sfﬁl-' +3
c-4 =25 ¢ =29

—
c-4 =25 c==21

= |c—4|:25c~[

. A A A x o 1a X '+ 20 = \
. Vay c0 hai tiép tuyén can tim la: Ar+3y+29=0 4

dx+3p- 21 =0

Ciau39. (PE KT NANG LUC GV THUAN THANH 1 BAC NINH 2018-2019) Trong mit phang toa

A1)

do Oxy, cho duong tron (C)cc’) phuong trinh* ¥~ 20+2y-3=0 1y diém ké dugc

bao nhiéu tiép tuyén dén dudng tron
Al B. 2. C. vo sb. D. 0.
Loi giai

Cligil D

© 6 tam 7 Dign kinn R:\.“: +(-17-(-3) =5

©)

Vi Z4 =2 < Rnén A nam bén trong  *.Vi vay khong ké dugc tiép tuyén nao téi dudng tron

(C)_

©): G- 1) +(y-4) :4. Phuong trinh tiép tuyén véi
4x-3y+2=0

Cau 40. Trong mit phang Oxy , cho dudng tron

)

duong tron , biét tiép tuyén d6 song song v6i duong thang a: la

16



Cau 41.

A. 4.‘1" 3__1'+'|S :[}Vé '4.".-' 3_].'_ 2 :[:I'. B. 4."-_ 3_]-'+IS :UVé 4.".-_ 3_].'_ 2 :[:I'.

C. -4x-3y+18 :Dvé 4x-3y-2=0 D. -4x+3y-18 :Dvé -4x-3y-2=0
Loi giai
Chon B
Puong tron (€G- +0r-4y =4 o T4 i ki R =2
Goi 4 1a tiép tuyén cua
, 4x- 3y = 2
vi d//A pen dudmg théng d:dx-3y+m=00m iu).
= d(r:(d)) =R = M =2
d 13 tiép tuyén cta © V4 +(:3)
m =18
*'ilr|f.=:—8|:|li}~iilr .
s (théa man diéu kién)
, , \ - ) N N
Viy ¢6 2 tiép tuyén cin tim : ¥%~ 3¥ +18=04x-3y- 2 =0
Trén mat phéng toa do Oxy’ cho diémP(- 3- 2) (€):(x-3) +(‘1I_ 4) :3&'.

va dudng tron T

diém P ké cac tip tuyén PM va PN t4i duong tron (C), v6i M | N 1a cac tiép diém. Phuong
trinh dudng thang MV 1a
A, X+y+1=0 B, ¥~ y-1=0 C. X" y+1=0 p, Xty-1=0

-

Loi giai

Chon D

I 1 (3;4)
Goi  la tam cua duong tron, ta c6 toa do tam

17



Cau 42.

Cau 43.

IMPN MN IP =(- 6;-6)

Theo dé ra ta co tir giac 1a hinh vudng, nén duong thang nhan lam
‘ MmN - K@D gp
VTPT, dong thoi duong thang di qua trung diém cua . Vay phuong trinh
1.(x-0)+1.0p-1)=0 x+y-1=0
duong thiang MN: hay
Trong mat phéng voi hé toa do Oxy , cho diém M(-3:1) va dudng tron

— R TR — . 5 . 7 2
(©):x4)7 - 2x-0y+0=0 (T T, yy i it didm ciia chic tidp tuyén ké tir M dén (C). Tinh

khoang cach tir O dén dudng thing L.

3
A.d. B.\B. C.\/g. D. 2V2
Loi gidi
Chon C

i vl e Tve BUAh — 1Y o) =
+(C)..1 +17-2x-6p+6 =0 (x-1) +(y-3) _4suyra(C)cétémI(1;3)VélR=2

+ Phuong trinh dudng thang d di qua M(-3:1) ¢4 phuong trinh: Al +3)+B(y-1)=0 .
d 14 tidp tuyén voi duong tron khi va chi khi ¢ (r:d)=R
|4+3B+34- B| A4 =0

=2 < 34 +448=0=

= ta c6 phuong trinh: 'in: +5 A=-48
# Vi 4=0.chon B =1, phuong trinh tiép tuén this vt 13 )" "
T, (1;1)

o (C):x® +y" - 2x-6y+6=0

Thé Y =1 va , ta dugc tiép diém la

—-4-F =3 . . e dx+3p-15 =
+V6i 34 =-4B chon A=-4:8=3 , phuong trinh ti€p tuyén thir hai la (d,):-4x+3y-15 =0

|
[

L |

T, .1';£+5‘E(C) (.r—l):+‘ﬂ+5—3‘ :4¢_1-:-%=~ T,
Tiép diem 3 nén . 3 ) 5

, ey - 1) = ek =
+ Phuong trinh duong thang T'Tl'“(-‘ D+1(y-1)=0 = 2x+y-3 D.

-3| 3
d(0:1T1,) = | =—=
+ Khoang cach tr O dén duong thing LTy, VIT+I g .
Dang 4.2 Bai toan tuong giao
Trong mit phang vé6i hé truc toa do Oxy ).) ¢6 phuong trinh 1an luot

, cho hai duong tron

fa (D7 + (427 =9va(x- 20 + (- 2)° =4 gpano dinh ndo dudi day 13 sai?

A, Pusng tron e tam 1 C 52 Ui ban kinh B =3

18



Cau 44.

Cau 45.

2

€ 6 am = @2 3 van inn R =2

(c).(c,)
(c).(c,)

B. Buong tron

C. Hai duong tron khong c6 diém chung.

D. Hai duong tron tiép xUc vdi nhau.

Loi giai
Chon D

@) =3 (e8]

1C1-2) s bin kinh B =3 uomg tron

c6 tam c6 tam

va ban kinh &> =2,

Ta thiy duong tron
5,(2:2)

5= =11, =J(2+1)Y +(2+42) =5 .
Khi do: © Ry + R, =11, Jf‘“+”+f‘“+“} ":j(c')vé(cz)tiépxﬁcnhau.

(C):x*+)"-4=0_,(C,):x+y -4x-4y+4 =0

Tim giao diém 2 dudng tron Vi (

A B, 6222 g (02) [, (0-2) o (20), (20) -y (50), (02),
Loi gidi

Chon D

Giao diém 2 duong tron 1 nghiém cua hé phuong trinh sau:

X4+ -4=0 Xyt =4 4y =4
i . =1 =1
x4y -dx-4dy+4 =0 |dx+4y=8 | x+y =2
{_1 =0
(437 =4 [(2- Y +)* =4 F_l': - 4y =0 x =2
X =2= ¥V x=2- ¥V xr=2- ¥ {_1' =2
v =0
Vay giao diém 2 duong tron la: (2;0)%‘1 0:2)
Trong mit phing v6i hé tryc Oxy , cho hai duong tron (€): G- 1) + 7 =4 va
(€):(x-4) +(p-3) =16 c4t nhau tai hai diém phan biét 4 va B . Lap phuong trinh duong
thang 4B
A X*+y-2=0 B, ¥~ y+2.=0 C. x+y+2=0 p. *-y-2=0

Loi giai

Chon A




Cau 46.

-

(x-1) +3* =4 - 2x-3=0
- ]

(x-4Y +(p-3Y =16 [x"+) - 8x-0y+9 =0

_3+ﬁ ; - ﬁ
e I

Cach 1: Xéthé '

X

y=2-x

R N
ﬁ ﬁ - :1 =2-x 9 2
F42-xy-2x-3=0  [27-6x#1=0 | 3.7 1447
x= 5 V= >
A'3+ﬁl—ﬁ' B'B—ﬁhﬁ'
2 7 2 2 7 2
Suy ra b, .
©) .. 0@0) () . 0&3)=00=33)
CcO tam 5 CcO tam
A \ s AB A on kA n(;1) . . X
Nén dudng thang qua 4 vanhan la vécto phap tuyén.
|‘ X B:ﬁ‘n‘ y- ';ﬁ‘ —0 o x+y-2=0
Phuong trinh: b - .Chon 4.

(©): (- 1) +3° =4 3 €G- 4) +(y-3) =16

Cach 2: Gia st hai duong tron cit nhau

tai hai diém phan biét A va B khi d6 toa do ctia 4 va thoa méan hé phuong trinh:

(x-1) +)° =4 o - 2x-3=0 (1)
(x-4Y +(y-3) =16 x4yt -Br-0p+9=0 (2)

Lay D iy ) q duge: 0¥ F0I- 12=0 x+y-2=0, phuong trinh duong thing di qua 2
diem4 va B

A3x- 4y-19 =0 (C€):(x-1) +(p- 1) =25

Cho duong thang va dudng tron . Biét duong

thang A cit (© tai hai diém phéan biét 4 va B, khi d6 d6 dai doan thang 4B 1a
A. 6. B. 3. C. 4. D. 8.
Loi giai

Chign A
19

Adx-4y-19=0=y =P
Tu 4 4

)

vao ta duoc

Thé )

. (3 23)°
(.‘r—l)’+‘—1‘——‘ =25
3 3

25 , 85 145
& —x - —x+—=0« 29.

16 5 16 x=—
5
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Cau 47.

Cau 48.

i x,=l= y, =-4= A(0;-4).

29 2
X, :thv Y, = ;:- B
+) 3 3

29

q »

e

| b2

|7

i - W2
AB :J‘ +‘-%+4‘ =6
Do dai doan thang v - '

Trong mit phang toa do Oxy cho duong tron ©) co tam FG:-1) ban kinh R =5 Biét ring

duomg thing @ 3X W +8=0 2 4 sno won € tai hai diém phan biet AB  Tinh do dai

doan thang AB .

A.AB =8 B. AB =4 c.AB =3. D.AB =6
Loi giai

Chon A

A/-_H\B

Goi H 1a trung diém cta doan thang AB . Taco /H LAB v3
3.1- 4.¢- D+8]
= =3

JF+(-4y
Xét tam gide vuong AHI taco; HA® =IA° - [H* =5 3 =16 = HA =4= AB =2HA =§

IH =d(I:AB)

Trong mit phing voi hé truc toa d6 O cho dudng tron () c6 phuong trinh

Y 1Y —. , A A = 2
Ge- 27 +(y+2) =4 va duong thang d:3x+4y+7=0 Goi 4B 13 cac giao diém cua duong

thing 9 v6i dudng tron (C) Tinh d6 dai day cung 4B .

A, AB=\3. B. AB =25, . 4B =23 D. AB =4
Loi gidi
Chon C
(©) 1G-2) g kinh R =2

DPuong tron cO tam

|3.3+4.(-3)+?|
= =l<R=2

2 2 4 C . . < R .
J?’ +4 nén 4 cht ©) tai hai di€ém phan biét.

©)

d(7,d)

Goi A B 13 cac giao diém ctia duong thang d yéi duong tron
21



Cau 49.

Cau 50.

AB =2 R - d*(1.d) =243

Trong mat phang véi hé toa dd
(C):x +37 - 2x-4p+3 =0

A(3:1)

OXy  cho didm , duong tron

. Viét phuong trinh tong quat ciia duong thing d di qua 4 va cit

duong tron () tai hai diém B, C sao cho BC :ﬁVE.
A dix+2y-5=0 B d:x-2y-5=0 C d:x+2y+5=0 D d:x-2y+5=0

Loi giai
Chon A

Puong tron (co tam L B2 va ban kinh & =V +27- 3 =42

Theo gia thiét duong thang d g qua 4 va cat dudong tron () tai hai diém B, C sao cho
BC =242

Vi BC =242 =2R nén BC 13 duong kinh ctia dudng tron (C)suy ra dudng thang d di qua

. 1@12)
tam

Ll

Ta chon: ¢ =14 =(2:- )= n, =(1:2)

. n =(1:2 .
Viay duong thang d di qua va c6 VTPT " (;2) nén phuong trinh tong quat cua
1Ge-3)+2(y- D=0 & x4+ 2y-5=0

A@3:1)
duong thing d la:

Oxy (Cl),(Cl)

Trong mat phéng v6i hé truc toa do , cho hai dudng tron cO phuong trinh lan luot

ja (XD +(p+2) =9valx-2) +(y- 2)" =4 i phuong trinh duong thing dd i qua goc
toa do va tao voi duong thang ndi tAm cta hai dudng tron mot goc bang 45"
A @ix=Ty=0 pos.d:Tx+y=0 B, dix+7y=0p - d:7x+y=0

c. d:x+Ty=0y 5. d:Tx-y=0 p, @ :x=Ty=0p 5. d:Tx-y =0
Loi giai
Chon A
(€)1 1-2)
a :

Toa do tam 4 cua duong tron

Toa d6 tm L cta duong tron (G )121: LG 2).

Ta co: hr, (3;4). Goi d.d" 13 lwot 1a duong thang ndi tAm cua hai duong tron da cho va

duong thang can 1ap. Chon mét vecto phap tuyén cua duong thang d 13 (4:- 3). Goi

uu, -b 2 2 A , A \ M ’
ny (a; ), a”+b" #013 mot vecto phap tuyén cua duong thangd .
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Cau 51.

Cau 52.

> i my 2 da- 3b >
a1 o po |t
Theo dé = = VF + & Aot +p 2 )
a=7b =0
e Ta - 48ab- TH" =0« |
a=-—=b#0
7
1
a=-—bh=0 ) d’- Ty =0
Vi 7 ,chon # ==7= a =1 Phyong trinh dwong thing ¢ **~ 'V =Y,

V6i @ =76 #0 chon b =1= a =T Phuong trinh dudng thing ¢ 7% *+¥ =0

(KSCL LAN 1 CHUYEN LAM SON - THANH HOA_2018-2019) Trong mjt phang toa do

2 . 0 12 - 5= s ,
OXY ¢ho diém 1@:2) va duong thang (@):2x+y-5=0. Biét rang co hai diém M,, M, thudc
() sao cho M1 =M, =vio. Téng cac hoanh do cua My o3 My
7 14
A S B. 5 C.2 D. 5.

Loi giai

g

B

M, =M, =10

f(lj) = M,._.-W:E(C):(_r_ |)' +(_]-" 2)- ~10.

M, M, , . (d):2x+y-5=0
Mit khac, '» ° thude

(-1 +(p-2)Y =10 (1)
2x+y-5=0 (2)

A . ~ M, M, . ‘A A
néntacotoadd !, 2 la nghi€ém cua hé

x =0
5x7-l4x=0=|  14.

(e p=-2x+5, =3

thay vao M ta co

M, = x +ux, :II}-I-E :E.
) ) 3 3

Goi *1> %2 13n luot 12 hoanh do cua M, va
(NGO GIA TU LAN 1_2018-2019) Trong h¢ toa do OxXV, ¢ho dudng tron () c6 phuong trinh:

Wby - Axd2y- 1S =00 (©) M(1;-3) ot (C)tai A,B. gig

tam gidc I4B c6 dién tich 1a 8 Phwong trinh duong thing @ 1a: ¥+ +¢ =0 1y b+c
A 8. B. 2. C. 6. D. L.

- Loi giai
Chion B

, dudng thang d g qua
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Cau 53.

C 1(2:- 1), _
© ban kinh & =2V5.

cO tam
1 .
_ h=d(1,4B) , S, s :;h.AB =8 = h.AB =16.
. Ta co: =
R* =i’ +45 =20
Mat khac: 4
F =4 I{h =2
AB =4" | AB =8
Suyra: '
Mm(1;-3) i _ o _ap .
Viddiqua nep 1= 3b+c=0=3b-c=l= c=3b-1
. Y- - %3
ﬁ:4:|“ !:r+::|:|., b+3b I|:|I+J:r| L ped
Vi NE J1 457 N
h =2 :|2_ !J‘+E‘| :|2_ b+3b- I| — |I+Eb| = h :1:} c :E:.'r h+s =2
Véi J1+p? Ni+b  1+p 4

(KSCL LAN 1 CHUYEN LAM SON - THANH HOA_2018-2019) Trong mit phing ©* cho

A(5:5) H(-1:13)
, tryc tAm

tam giac 4B C ¢6 dinh ruc ta , dudng tron ngoai tiép tam giac co phuong

inh ¥ Y =30 Biét toa do dinh C(“;b), v6i @ <0 Téng @+b bing
A. -8, B. 8. C.0. D. “6.
Loi gidi
Chon D
A

B\“

e

E
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Goi K 1a chan dudng cao ha tir 4 cua tam gidgc 4BC | goi E 1a didm ddi xtng v6i H qua K

suy ra E thudc duong tron ngoai tiép tam giac 45 C (Tinh chét nay da hoc & cap 2).

Ta oo 1H z(-ﬁ;SJ, chon 44 :(3;-4)'

x =5+3t
Phuong trinh duong thing 4H qua 4 & dang tham s6 ¥ =2~ ¥

X (54 35-
K € 4H suy ra toa d6 diém K c6 dang & (5+3:5- 4t)

H vy Edéixﬁngnhauqua K suy ra toa do E theo ! 13 E( 1+ 6t:-3- 8t)

Ec(C) = (1+6) +(-3-8) =50

= 567 +9t+4 =0
t=-1
= -4
f =—
5
s vei 1 =1, FG3 qaivi E =)
AR
s Vi 5 5 5 5 5|
Phuong trinh dudng thang BC ¢g Mo =M :(4;3)%‘1 qua diém K ¢ phuong trinh tham s6
X —E+4{ ) .
5 13 41
= CEBC= C‘ _+4.:.:_+3s|
41 L5 5 )
y=—+3
5
ce(c) = %+4{ +‘?+3{‘ =30
o 25t7 + 706 + 24 =0
-
t=-%= c:7)= (K1™m)
= - 12
f:_q“=v c(-7:1)

. Cla:p)=C(-T:1)= a+b=-0
Vay .
Ciu54. (Nong Céng - Thanh Héa - Lan 1 - 1819) Trong mit phing @, cho ABC ngi tiép duong

1(2:2)

tron tAm , diém D 1a chan dudng phan giac ngoai cia goc Bac . Puong thang 4D cit

AABC 1a; diém thit hai 1a M (khac 4). Biét diém C22) ) iam dudmg
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tron ngoai tiép 24P va phuong trinh duong thing CM 1a: ¥+~ 2 =0 Tim tdng hoanh d¢ cua
cac dinh 4> B> € ciia tam giac ABC

o 12 3 6
A S. B. 5. C.>. D. 5.

Loi giai

J é
2 \
T 1

Ta co:

Bayv =brar =Bac (do 4D 13 duong phan giac ngoai 4) 2)

sRONE) suy ra Bac =Bem g Bov =8p4+Huve, Bac =Hom + Hue 40 suy ra
€p4 =Hem ,do doMC 13 tiép tuyén cua duodng tron ngoai tiép tam gidc ACD ¢4 tam 7 nén
JC LMC Hay C 13 hinh chiéu cta Y 1én duong thing M

Puong thing qua 7 va vudng goc véi €M co phuong trinh:

(x+2)-(y-2)=0= x- y+4=0

Toa do diém C1a nghiém cua hé: -

AC 13 duong thing qua Cva vuong goc voi 17(-4; 0) nén c6 phuong trinh: * +1=0

- - 2 a =

4 =IC* = 9+(a-2) =9+1=
. A 4id A ok A('l, ﬂ‘) . a =3
Do d6 toa do diém 4 c6 dang .Taco .

Vi 4 #C ngn A1, 1).

M(m:2-m)

Toa d6 diém M ¢o dang .Taco

m =-1

M =I1C? = (m- 3):+m: =10 m-2m-3=0< 3
m =

vi M #C pan 1".4'(3; - 1).
26



Cau 55.

Cau 56.

[N]NN)

MI(-1;3)

BC 13 duong thang qua Cva vudng goc voi ' nén c6 phuong trinh:

-(x+1)+3(y-3)=0= x-3y+10 =0

Toa d6 diém B co dang BGb-10; bJ. Taco

bh=3
iB* =1C* = (3b-12) +(b- 2Y =10 | 23
e
( 2
B[ 2.2
viB#Cpen ' °
19 9
: 4,B,C, IS
Vay tong hoanh do cua cac dinh > 7> > la 53
Trong mit phing toa do Oxy , cho hai duong thing (D):x+3y+8 =I:I;
(Dg:3x- 4y+10=0 va diém Al- 2;1).Duc‘mg tron c6 tam 7(a:b) thudc dudng thang (D),di
qua 4 va tiép xuc v6i duong thang (D9 . Tinh @ +b.
A. - 4. B. 4. C.2. D. -2,

Loi giai

Chon D

Vil (D) o a+3b+8=00 a=- 8- 3b,

Vi duong tron di qua 4 va tiép xtc voi duong thang (Dd) nén:
~ PBa- 4b+10 2 g
d(1:Dq=14 Y %;f{- 2- a) +(1- ) (1)

Thay @ =~ 8- 3b vao (1) ta co:
|3{- 8- 3b)- 4h+|0|
- -

JE2+8+30) +(1- b)

U | 14- 13| =5y105" +34b +37
U (- 14- 136) =25(108° +345+37)
U 815° +4866+729=00 b=- 3

Véi b =- 3U a =1
atb=-12
Trong mit phing véi hé toa do % cho duong thing @ 3%~ 49120 s g 102 G

(©)

1a dudng tron c6 tim 7 va cat duong thing d tai hai diém 4 va B sao cho tam giac I4B c6 dién

(&)

tich bang 4. Phuong trinh duong tron la
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A G 1Y +(y+2) =8 5 G- 1Y +(y+2) =20

P alosn) — IV aloeF —t
C.('T 1y +(y+2) S.D.(.r 1Y +(p+2) IG.

Loi giai

Cliigil A

Ta co:
IH =d(1;d) =2
1 25 24
Sy =—IH.AB= AB ="0048 =27 —p = Ap =)
- 2 IH 2

= R=IA=NAH > +IH* =2 +2° =22
= (C): G- 1) +(y+3): =8

DANG 5. CAU HOI MIN-MAX

) 2 e 4y 4= , . .
Cau 57. Cho duong tron (©):a™ +y7 - 2x- 4y~ 4=0 va diém M2 l). Day cung cua (© di qua diém
M c6 @6 dai ngén nhat 1a

A. 6. B. V7. c. W7 D. 27

Loi giai

Clignl D

-2 0 2 4

A

T )y - 2x-4y-4=0=(C): G- 1Y +(-2Y =9 . ., . 1(1:2),R=3
aco nen co tam
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Cau 58.

vi IM =J2 <3 =R

Goi d 12 duong thing di qua M cét dudng tron () tai cac diém 4, B.Goi 7 1a trung diém

cua 4B . Ta co:

Taco: AB =247 =R - 1/ 22JR* - 1 =20-2 =27

A(0:-3), B(4:1)

Trong mit phang toa do Oxy, cho hai diém va diém M thay do6i thudc duong tron

(€)ix” +(y= 11" =4 Goi Foin 13 gid tri nho nhét ciia bidu thic P =MA+2MB  Khi do ta cb

Fuin thuoe khoang nao dudi day?
A (7,7;8,1)._ B. (7,3;7,7).. c. (8,3;8,5).. D. (8.1:8,3).

Loi giai:

Chon! D.

NJ

-

A

Puong tron (€)1 (=17 =306 tam M0D g kinh R =2

IA =IB =4 > R ngn 4B pim ngoai duong tron.

Goi N 1a giao diém cua IA va duong tron

I 0 00
o IP=—IN= [P=—I4= P ,
Trén doan IN lay diém P sao cho 2 4 trung véi goc toa do.
MA _IM _IN
AAM ~AIMP=> —— =—— =" =2= MA =2MP
Ta co MP IP IP
Do do F =MA+2MB =2MP +2MB 22PB= F,,, =2FB =2J17= p_ €(8,1;8,3)

Chon. D.

29



. - N N _
Cau 59. Trong mit phang véi hé toa do OXV  cho duodng tron (©):ix™ +)7 - 2x- 4y +3 =0 . Tim toa do

diém M ()%; y") nam trén duong tron (c sao cho T=x+y, dat gia trj 16n nht.

A M (2:3), g M (1) c. M@ p, M@©:3)
Loi giai

Chon A

O
I

(C):x +y7 - 2x- 4y+3=0 ©) 4 am 1(1-2)’ R=v2

S (€):(x- 1 +(y- 2)'-2=0
uy ra .

oo T=%+y, =(x-D+(y,- 2)+3

. L L) x, - Dk, - 2
Ap dung bit dang thirc  B. C. S cho 2 bd s6 @ )(( ! )(Yu ))

06~ D+ - =206 D+ 0s- F| ) (27 0y 2 =2

= -2=(x - D+(y,- 2) =2= 1=(x - 1)+(y,- 2)+3<5= 1=<T <5

|'(XD -1)=(y,- 2)
(x-1) +(y,- 2y -2

Dau dang thirc xay ra khi
x,-1=1 X, =2y, =3T =5
= =
= (x,-10' =1 |x-1=-1 |x,=0,y,=1T=1

vay MaxT =5 yp,; % =2¥% =3,

(C):ix" +1" +8x- 6y +16 :EII’ Tinh

Ciu 60. Trong mit phang Oxy , cho diém M nam trén duong tron
d6 dai nho nhét caa OM 2
A. 3. B. 1. C.5. D. 2.
Loi giai 1
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Chon D
(©)

Duong tron co tam 1G-4:3)

, ban kinh R =3

x =-4¢

y =3t

co 01 =(-4:3) suy ra phuong trinh duong thang O/ 1a {

Ta

[yl .
orn(c)={M| Toa do () cia M 1a nghiém hé
3 2
- p t== t=—
47 +8r- 6y +16 =0 [25 - 50¢+16 =0 5? Ss
x =- 4 = ix = o {x=—=¥ {x=—
_, -—3 5 5
|y =3t |y =3t 24 6
V= v =—
5 5
.-w,‘ -
Suy ra \
oM, =
Ta co
Cach 2

Puong tron ©) 6 tAm I(_4;3),bén kinh R =v4 +37-16 =3

Phuong trinh dudng thing O/ di qua 0(0:0) co vtpt n(3:4) la:
3x+4y =0
Toa do M =o01n(c) la nghiém cua h¢:
32 8
X == ? r == E
B3x+4y =0 = 24 f

¥+ 3" +8x- 6y +16 =0 o T 5

’ ,}.3 A \ 3
ﬂ-’yj’l :J% +‘£
Ta cé L3 Us ) =

(@) G- 1) +(y-1) =4

=2

% min

Cau 61. Goi ! 1a tAm cua dudng tron . S6 cac gia tri nguyén caa ™ dé dudng

2 L - — z N N C . . « R A oA .« y .« A
thdng ¥+~ M =0 4t quong tron © tai hai diém phan biét 48 sao cho tam gidc 148 ¢ dién
tich 16n nhét 1a
A. L B. 3. C. 2. D. 0.

Loi giai
Chon C
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‘ dix+y-m=0

Goi: 4:¥*y = m =030 ca © ! (1;1), aé ¢ n(c) tai 2 phan biét khi do:

.
0<d(1:d)<2— ::+5|“ m| <2 e2-22 em<2+22 (%)

J2

R

A

I - |
S,y =—JAUB.sIn AIB =— .R".sm AIB =
Xét AIAB ¢o: 2 2

b | =

Déu “=" xay ra khi: Sin A/B =1 = AIB =90° = AB =22

= d(Id)=2 < |3'f”| —f7 o m=0 (TM}

ﬁ m=4 (TM)

(C)x* +y - 2x+4p+1=0

Cau 62. Diém nam trén dudng tron c6 khoang cach ngan nhat dén duong

dix-y+3=0 M (a;b)

thang co toa do . Khing dinh nao sau dy ding?
A.N2a=-b B.a=-b, c. V2a=b, D.a=b,

Loi giai
Chon C
@) ,.. 1(-2)

Puodng tron co tim ,ban kinh R =2

Goi A 1a duong thang qua I va vudng goc v6i @- Khi d6, diém M can tim 1a mot trong hai

(C).

giao diém cua A va

Ta c6 phuong trinh Atx+y+1=0

(x+y+1=0 y=-x-1

- 72 7
Xét hé: I.‘I.': +1° - 2x+4y+1=0 (x-1) +(p+2) =4
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Suy ra

Cau 63.

Cau 64.

s -

y=-x-1 y==-x-1 -}' ==2- 42
vl c:: c:; i
{E(I- 1y =4 L‘ =12 x=l-42

, B1+42:- 2- 2)= d(B,d)=2+32

Vo

(-2 2442) = d(Cod)=-2+32 <d(B,d)
Vi

M- V2-2440)= a =1- VDb =- 242 =2 (- V2) =2a.

M(3;2)

Cho tam giac 4BC ¢6 trung diém cua BC 1a , trong tAm va tim duong tron ngoai tiép

2262
Gl —i— | -2
BHELC

tam giac 1an luot 14 . Tim toa d6 dinh €, biét C ¢6 hoanh d6 16n hon 2.

A COD p. €D, c. C42) p. €G-2)
Loi gidi
Chon B
Vi G4 =-20M pngp 4 13 anh cua diém M qua phép vi tu
A(-4-2) c

tam G,ti sO -2, suyra

DPuong tron ngoai tiép ABC oo tam [ , ban kinh
[= ] ) =75
R =IA =5 ¢4 phuong trinh Ce-3) +(y-2) = 4

uuy

Ta ch M :(2;4)‘

uuu

Puong thing BC di qua M va nhan vecto IM 1am vecto

, - My-2)= 4Ty T =
phap tuyén, phuong trinh BC 13 1(e-3)42(y- 2)=0 x+2y-7 CI.

biém C 1a giao diém cua duong thing B Cva duong tron (I:R) nén toa do diém C 1a nghiém
(x-3Y +(y-2) =25 x=Ly=3
—r
x+2y-7=0 x =5,y =1

cua hé phuong trinh:

Lo e oA ‘A A 1on r A 3:A C 5:1
Poi chiéu dieu kién de bai ta co toa do diém ( ).

(THPT Yén My Hung Yén lan 1 - 2019) Trong miat phang toa do Oxy  cho duong tron

x4yt 2x-4yp- 25= . : ,
(©)ix®#y7 - 2x- 4y 250 va diém M(Z,l). Day cung cua ©) di qua M c6 d6 dai ngan
nhét 1a:

AN B. 1632 | C. 82, D. W7,
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Cau 65.

Loi giai

+) ©) co tAm ](1;2), ban kinh R =30

+) 4B 1a day cung cta © di qua M
+) TacoABmin < AB L IM
That vay, gia st €D 1a day cung qua M va khong vuong goc voi IM

Goi K 1a hinh chiéu cua I 1én CD ta cé:

-

(&)

AB =2AM =214 - IM? =2JR? - IM

€D =2KD =2ID? - kD? =2R?- IK>
Do tam giac /MK vuéng tai K nén IM > IK

Vay CD> AB

9 Tacs: M :.j(z- Y +(-2) =3

MA =R - m? =30-2 =28 =27
= AB =2MA =47

a,b,c,d

(Trwomg THPT Chuyén Lam Son_2018-2019) Cho céc sb thuc thay doi, ludn thoa

1) _2) = ) .
mén (a-1) +(b-2) = va 4¢-3d-23=0 Gia ti nho nhdt cta biéu thic

P=(a- c)2+(h—a’): 1

A. JF::nin =28 X B. Pmm :3' C. min :4_ 2. J!t:nm =16 ]
Loi gidi
Chigil D
, : 1Y +(p-2) =
Xét tap hop diémM(a’b) thoa man (a-17+@-2) =1 thi M thudc dudng tron tam
I(1;2): R =1
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Ciu 66. Trong mit phang toa do

Xét diém V(@ d) thoa man 4c- 3d- 23 =0 (i N thudc duong thang c6 phuong trinh
4x-3y-23=0
4-0-23
) a’[f.‘d}:gzﬁ}R:I ) )
Ta thay 5 . Do d6 duong thang khong cat duong tron.

Puong thing qua / vudng goc voi @ tai L va cét duong tron & K (K¢ gitta 7 va L)
V& tiép tuyén tai K cat MN taj P

Co KL=PN <MN s KL =d(1,d)- R

Do d6 MN ngén nhat khi MN =KL

Tur day tasuyra - =@ e 4 (b= dY =MN® (< i va chi ki

MN =d(5;d)- R=5-1=4 oo oisvoine nae P =16

Oxy, (©): G-1Y +(p-2) =4

cho duong tron va cac duong thing

d mx+y-m-1=0, d,:x-my+m-1=0

2 ¢t (C)tai 2 diém phan biét sao cho 4 diém d6 1ap thanh 1 tir gidc c6 dién tich 16n nhat. Khi
d6 téng cua tit ca cac gia tri tham sé m 1a:

A. 0. B. . C. 3. D. 2.

Loi giai

* Tim cac gia tri ctia tham s& m dé mdi duong thang
d,d

Cligh A

1(1;2
m{ (;,,)
Ta cO R=2
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d M(1;1)

¢ dinh nam trong dudng tron ()

2 (O HK

Ta dé thay duong thang % va % cht nhau tai diém

va d L dz. Goi 4.8 1y giao diém cua d va (C), C.D 13 giao diém cua 4, v

d . d,

luot 13 hinh chiéu cua { trén ' va

Khi do

S e :;—AE.CD =24H.CK ZEJR: - [d(1,4,))] :.erf - [d(2.d, )]:

7

:3J4‘ : \’ - m =2 J(Jd”: +3)(3m’ +4) *_:4‘]”: +3+3m" +4 _

m- +1 m- +1 m- +1 m- +1

Do do M S e =7 khi M ==l Khi d6 tong cac gia tri cua 7 bang 0.
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