Chuwong 1 - Ung dung dao ham dé kho sdt va vé do thi ham soé - Bai tgp theo CT méi 2025
Todn 12

CHU DE 3
y=£(x)

TINH PON PIEU VA CUC TRI CUA HAM SO

CO LIEN QUAN DEN THAM SO ™

Cho ham sd y=fCx,m) v6i ™ 13 tham s, co tap xéc dinh D.
e Hamsb ~ =f (e.m) déng bién tren D © y'z0 Wx€D = Tham s§ ™
e Ham s y=fCem) nghich biéntrén D = y's0 Wx€D
o Himsé ) =f(x.m) ddng bién trén Re y'=f"(x,m)=0, ¥x€D+= miny'=0
. Himsé” =f(x.m) nghich bién trén Re y' =f"(x,m)<0, Yx€D < maxy' <0

e Ham so dong bién trén i thi né phai xac dinh trén i .

DANG 1
y=f(x)

CO LIEN QUAN PEN THAM SO ™

TINH PON PIEU CUA HAM SO

PHAN 1. Ciu tric nghi¢m nhié¢u phwong 4n lya chon. Méi ciu héi thi sinh chi chon mdt phwong 4n.

fix) Zl.r"‘ +mx’ +4x+3

Cau 1. C6 bao nhiéu gi tri nguyén ctia tham sé 7 sao cho ham s6 3 dong bién
trén R,
A3, B. 4. c.3. D.2.
Loi giai
Chon A.
Taco ! (x)=x" +2mx+4 .

flx)=0 %R

Ham s6 d4 cho ddng bién trén = khi va chi khi - (Déu ‘=" x4y ra tai hitu han diém).

Ta ¢6 F(x)=z0,VxeR = A'<0D
= A'=m" -4 =<0

= -2=m=2

|
\ L omeE; =2- 102 ", e, Y R -
vi me”Z nén ' ', vay co 5 gia tri nguyén cia ” thda man.

o m-E[- 10:10) @& ham <6

Cau2. Tong «cac gia tri nguyén cia tham
p=x"=3x" +3m+2)x+3Im- 2025 dé)ng bidn trén trén i la:
A. 27, B. 35. C. 44, D. 54,

Loi giai
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Chon C.

y=x-3x" +3(m+2)x+3m- 2025

* Ham so da cho xac dinh trénD =i .

q o Jy'=3- &x+3(m+2)> 0"x1I i
* Peé ham so0 dong bién trén i Y ( ] a .

x %

.ta=0 _13=0 0 N
D'£0 9- am+2)£0- M

3 4 A e N .
* vay M- - Lthi ham sé dong bién trén i .

Do M€ [ 10:10) nén Tong cac gia tri nguyén cua tham sb 1a 44 .
me a;é b
Cau 3. Bict gia tri tham so ¢l (véi a.b.c€Z 5 ¢ 1y phan sO toi gidn) thi ham so
) P a +bh
= o (- 1D (- 2 . . iR -
y=a = @m- Dx” +(2- m)x+2 dong bién trén trén i . Gia tri biéu thirc ¢
A 4 B. 2. C. P =4, D. 4.
Loi giai

Chon B.

Ham sb di cho xac dinh trénD =i .

Uy'=3¢-202m- Yx+(2- m)> 0"x1I ;

A \ A A < A A i
* Peé ham so dong bien trén

. ia=3>0 ) 5
U ; , U-1£mf =
D'=(2m- 1) - 3(2- m)=4m- m- 5£0 4
5
-1fmf = o ,
* Vay 4 thi ham sb dong bién tréni .
’ﬂ :_I 5 5
b h=5 = P‘:ﬂ +b :E
me| a,— c 2
c c=4
Do nén
me E;c: 4 o )
(véi “PC€Z y3 b 1a phan sé t6i gian) thi ham sb

Cau4. Biét gia tri tham sb
.ﬁ': + h! + L':
P=

A :l(?; -m)x’ - (m+3)x" +(m +2)x- 2024 , ,
3 dong bién trén trén i . Gid trj biéu thirc ab.e
1 14 p=._ p :;

P =
B. 5, C. 3, D.

A 5.

Chon D.
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* Ham so da cho xac dinh trénD =i .

(1) Uy =(3- mx- 2[m+3x+(m+2)2 0 "xiR

bé ham so ludn tang trén i

3- m=0Um=3pP y'=- 12x+5p m=3

* Truong hop 1: khong thda
* Truong hop 2: 3-m* 0U m* 3
Dé ham sb (1) ludn tang trén i Uy™=0 "xI'R
_la=3-m>0 _fm<3 .3
U U U--fmf-1
D'=(m+3)- (3- m)(m+2)=2m?+5m+3£0 }- §£ meE-1 2
mel%-c P_a3+953 +ct 7
b’ A "~ abc )
Do nén

r=x = 3" +(4- m)x

Cau 5. Tap hop tit ca cc gia tri thuc ctia tham s6 7 dé ham sb > ddng bién trén

khoang (2:40) la
A, (- oo;l] B. (- 00;4] C. (-o031) D. (- 0;4)
Loi giai
Chon B.
Ta co.

¥ =3 - 0x+4-m yobt = }" =0, Yre(2:+x)
= 3x - 6x+4- m=0,¥xe(2+x) @ m <3x" - 6x+4, Vre (2 +x)
= m E{Iﬁr_li_n]g(.'r)

véi g(x)=3x"- 6x+4

Ta cé.

g. (x)=6x-0

g.(r) =0 = dx-0=0= x=I

0 J _ :
g(x) 4/ +o0

Dua vao bang bién thién, suy ra: 7 =4 thoa yéu cau bai toan.

(2;+oo).

me (- co;4]

Vay: thi ham s dong bién trén khoang

Cau6. Goi S 1a tip hop cac g4 tri nguyén dwong cua ™ d ham sb

(2;4 )

y=x -3Qm+1)x" +(12m+5)x+2

dong bién trén khoang . S6 phan tir ciia S bang

Al B.2. C.3. D. 0.
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Loi giai
Chon D.
Tap xac dinh D =i

v =3 - 00m+1)x+12m+5

C y : oy vxe (24 x-0(2 x+12 >
Ham sé ddng bién trong khodng (2,+00) khi Y 2()’ xe(2+x) = 3" -6Qm+Dx+12m+5=0

9

vxe (2;+x)
3x7 - 0x+5
) e mEs—————, VX E(2; 40
3 - 602m+1)x+12m +5 =0 12(x-1) ° €(Z+0)
¢ () =250+
, _'} _ ; -+ Y
Xét ham so 12(x-1) voi w€( 0:)'
3x - 0x+1
g (x )—% vre (2 ) (x) ( )
12(x- 1 voi TEMTES o amed Y dong bién trén khoang L+ .
{5
.m Sg(.r)"ﬂ'_x'E(EHOCJ = ”153(2 = m_ﬁ.

Do d6

F()=2x"-3Cm+1)x" +6mGm +1Dx +1

Cau7. Choham s (" 1a tham s6 thuc). C6 bao nhiéu gia tri

nguyén duong ctia 7 dé ham s6 da cho dong bién trén khoang e +°O)?

AL B. 0. C.3. D. 2.
Loi giai
Chon A.
Tap xac dinh: D =R

X =m

¥ =6x" - 602m+1)x+6m(m+1) -

2

x=m+l (do A =(2m+1) - 4m” +m) =1 )

\ £ 2A X ", ) -oo;m) , Um+1+m
Suy r ham so6 dong bién trén cac khoang ( ) va ( ).

Do d6 ham s6 dong bién trén (2i490) & m+1<2 = m<l pomeN nan m =1

_3 .
. . y=—x‘+=x- Qm+15)x-m+3
Cau 8. Co bao nhiéu gia tri nguyén am cua tham so ” dé ham so 4 2
nghich bién trén khoang %+
AL 2. B. 3. c. 4 D. S

Loi giai

Chon C.
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e 3 =<3 +9x- 2m- 15 =0 ¥xre(0;+0)

Yé&u cau bai toan va dau bang xdy ra tai httu han diém thudc

(0;40) = 3x" - 9x+15 =- 2m Yxe(0:+x)

Xét ham s&: £07) =307 - 9x 415 ( 0;+oo).
Ta oo & (X)=9x7-9
x =1
’ =
g()=0 " |x=-1()

Béng bién thién:

1
x 0 +x
(%) - 0 +
15 +x
e | T __—
9

~2m =9 <= m=-

b | o

Tu BBT ta c¢o:
Vay me|-4:- 3- - 1)

.
=-x" + (2m=-3)x"+m

A A 5 ’ .7 . 5 A \ A1 . A A
Cau 9. Tat ca céc gia tri thuc cua tham s6 7 sao cho ham s - nghich bién trén

P
khoang (1:2) 1a - Q] , trong d6 phan s6 q t6i gian va 97 0 Hoi tong P *9 1a2
A. 5. B. 9. C.7. D. 3.
Loi gidi
Chon C.

Tap xac dinh D =R Taco ¥ = 4 +2(2m - 3)x

, , 12 = y =0, Yxe(l;2)= m *_:.1'3+1:gf_.r},‘dref_l.jﬁ}
Ham s6 nghich bién trén (1,2) 2

Lap bang bién thién cua & () trgn (12), g (x) =2x =0 x =0

Bang bién thién

x |1 2
g + 0
11

L

m=ming(x)e m=—

[

Duya vao bang bién thién, két luan:

—£ .7 —
V@yp+"?_”+“_?-
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Todan 12
. o : . cyv=mx+(m+D\x-2 .
Cau 10. Tap hop tat ca cac gia tri thuc ctia tham so6 /77 d€ ham so y =mx (m + 1V nghich bién trén
=|2;+w0) .
D [ ' 0:)la
A m=<-1 B. m =0 c.m<-1 D. -2 =m =l
Loi giai
Chon A.
. m+1
y=mx+(m+1)Jx-2= vy =m+—n—o
Ta co: 2Nx-2 'V x4c dinh trén khoang @ w)
1

. y D . +w
Nhan xét: khi ¥ nhéan gia tri trén (2;420) thi 2VX~ 2 nhan moi gia tri trén © )

1
) - ol ; < . ) r:‘! 3
= p <0, ¥xe(2+x) = (n+1)t +m <0, E{Emdi)(daﬁt 2% - 2y,

Yé&u cau bai toan
m+] =0

—
m+(m+1)0=0

= == |

_ - 2m- 3
Céu 11. Cho ham s6 X- M y6i M 13 tham sé. Goi S 1a tap hop tht ca cac gid tri nguyén clia
M 3é ham s dong bién trén cac khoang xac dinh. Tim sb phan tir ctia S,
A. V6 sb B. 3 C. 9 D. 4

Loi giai

Chon B.
. -nr+2m+3
V="
(x- m) ham s ddng bién trén khodng xéc dinh khi ~ 1< <3 nen c6 3 gi4 tri cia m nguyén
flx)= - mx+3m+4 ’ 7
Cau 12. Cho ham so x- m (" 1a tham so thuc). C6 bao nhi€u gia tri nguyén 7 dé ham

(2;+¥% )?

s6 nghich bién trén khoang
AL B.2. c.3. D. 4.

Loi giai

Chon C.

Tap xéc dinh: 2 =1 1},
Fdx)= mE - 3m }-: 4

Ta co: e

. -mx+3Im+4
flx)=—"——

Hamsé r-m nghich bién trén (2:4+% ) khi va chi khi:
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Toadan 12
_f'?:-‘f}"::':' 0 m-- 3m- 4-::00 - I-::m-c:40 - 1emE D
mi (2:+%) mE 2 mE 2

ml {0:1;2}.

Vay co 3 gia tri nguyén cua " thoa man yéu cau bai toan.

Do ™ nhan gia tri nguyén nén

x-2
A A . A A A X1 s VT - A - A A ) ('03';' 1)
Cau 13. Ton tai bao nhi€u so nguyén ” dé ham so X-=m dong bien trén khodng .
A.3. B. 4. C.2. D. Vb sé.

Loi gidi

Chon C.
- 7
x-2 = V :L‘{L‘:
y= Yy =
Ta co: X-m (- m) .
-m+2>0 m<?2
(ocs-1) . |
. L s L v - o ) _
bé ham s6 dong bién trén khodng m > m>-1
_x-2
’ (- o0;- 1)

Vay c6 2 gia tri nguyén ctia " dé ham so X=m dong bién trén khoang

(m+1)x+2m+12
V=

Ciu 14. C6 bao nhiéu gia tri nguyén ctia tham s6 7 dé ham s6 ] x+m nghich bién trén
khoang (& +%)s
A. 6. B. 3. C.8. D. 4.

Loi gidi

Chon B.
. om-m-12
=)y ==
. oz S+ x o Txe (400
Ham s0 nghich bién trén khoang (L +0) Cxtm) véi x€ (1 +0)
(m*- m-12<0 -3<m<4 -3<m<4
,Wxe(l+0) = ,Wxel(l;+w) @ .
x+m =0 m F-x mé (- ;- 1) =-l=m<4
-l=m<4 ( i
{ = m=-L0;1:2:3
medL '

2o x-14

Cau 15. Goi S 1a tap cac gid tri nguyén duong ctia ™ dé ham sé m =l X 4dng bién trén khoang

(- 15;_3). S6 phan tir cia tap S 1a

A 4. B. 3. C.0. D. 3.
Loi giai
Chon D.
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Todn 12
k-4
pat t =VI-x x€C15-3)=0e(24) ¥ =70
1.'_1.{_3"”"4. -1
T (m- Y 24 ¢

Ta co .

Ham sé dong bién trén khoang (-15:-3)

. 2m-14 -1
Vo=

= - =10,
PN T G- 2= 1) Vrel(-15-3), vie(2:4)

Tm - a, <7
aLIJ:-:D._ vee(24) o |2m M{D_ vie(2:4) = ‘[m o |F=m<T
(m-t) m-t#0 ' (me(24)  |m<2
[4=m<7
m=2 = m=12:450
meIN

Vay co 5 gia tri nguyén duong cua ” théa man.

- (m+1)+2m- 1

Ciu 16. Tim tat ca cac gia trj thuc ctia tham s6 7 sao cho ham s6 x-m tang trén tung
khoang xéc dinh cua no?
A m>1 B. m <1 c.m<Il_ D. m=1
Loi giai
Chon B.

-] >
T - 2mxEm - m+]

) D =R\!m! y = (x- }2
Tép xéc dinh: L™ Taco X-m

T *
213 A o< A s ) ;g , .= oy =0, W <= x =2mx+m - m+1 =20, Vx
Dé ham s tang trén timg khoang xac dinh ciano — 20, Vx€D = x me+m - m+120,Vx€D

1 =0(hn)

= = m =l
m=-1=0

Cau 17. H6i c6 bao nhiéu gid tri nguyén duong cua tham s60 7 sao cho ham s0

.
2x +(l- mjx+1+m

.]'I =

x=m ddng bién trén khoang (1+%) 9
A.3. B. 1. C.2. D. 0.
Loi giai
Chon D.

> .l
o 2xT-dmx+m-2m- | g(x)
.-.ll = > = >
(x-m) (x-m)”

D =R\ [ m}-

Tap xac dinh .Taco

Ham s6 ddng bién trén (5% khi va chi kni ) =0 % >1 05 m <1 (q)
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. 2
Vi A, =2{(m+1)” =0,¥m

nén (1)< g(x) =0 ¢4 hai nghiém thoa 1 =2 =1
fﬁg“} =2(m" - 6m+1) =0
= m=3- 242 =0,2

=m =1

ra| Lo

Diéu kién tuong duong 1a '

Do d6 khong c6 gié tri nguyén duong cta 7 thoa yéu cau bai toan.

_mx*+6x- 2
Cau 18. Tim tit ca cac gia tri thuc cua tham $6 M sao cho ham s6 X+2 nghich bién trén ntra
X +¥
khoang 8’ )
m?3 } m<- E meE - E m£ }
A. 2, B. 5. C. 5. D. 2,

Chon C.

, R +¥
* Ham s0 xéc dinh trén nira khoang g' .
M+ Amx + 14
2
[x + 2)

* Ta co:

g+¥ )0 y' £0" 1 g+¥ )‘

* Pé ham so nghich bién trén ntra khoang

g MXEHATKELA L g §+¥ )0 md +4mx+14£0" 1 §+¥ )

[x + 2)2
- - 14 v A - . 14
UmeE =g|x)," | &+¥ |U mEf ming|x) =g|l)]=- —
2 o) 1 §+¥) 0 me minglx) =oly) - %
Cau 19. Tim tit ca cac gia trj ciia m dé ham s6 =C0s2x +mx ddng bién trén R
A.m >4, B.m<2. c.m=l D. m=2,
Loi giai
Chon D.
Phwong phap
Ham s =f () ddng bién trén (@b)= /()0 ¥elab) va bang 0 tai hitu han diém.
Cach giai
TXD: D =R,
Tacé: ¥ =" 2sin2x+m

5 P X . J 1= . C Y ein Y - .
Pé ham sb ddng bién trén Re= yp'z0¥xelR= -2sin2x+m=0 YxeR

= m=2sin2x WeERe m=2
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. . . . 2os s« y=3r+mlsinx+cosx+m) ,x .o
Cau 20. Co6 bao nhiéu gia tri nguyén cua ” dé ham so - dong bién trén R 2

A. 3. B. Vo sb. C. 4. D. 5.
Loi giai
Chon D.

, v =3+m(cosx- sinx)
Ta co: - .

Ham sb dong bién trén R khi va chi khi ¥ =0 "WER ()
v () =3+mt,t€ [— NGY ﬁ]

= r= SIMX -
Pat f =COS x 51|1.1._£E[ J:__-,L]
Khi d6 diéu kién (1) tr& thanh:
I(_ E)EU {3-wf3ml_=ﬂl 3
—r

iy
4 3
(1) =0, el -J2:42 - —_=m=
m - [ . lm }”(ﬁ):_:[j 3+ﬁml_=ﬂlﬁ ]3 " 32-
2.- LDJ.Z.

, thu dugc ham

Cac gia tri nguyén cta ” nhan duogc la: ~

PHAN II Ciu tric nghiém tra 16i ngin. Mi cau héi thi sinh chi tra 1oi dap an.

, ¥y =- i.‘r'" -mxt +(2m - x-m+2 i i
Cau 21. Cho ham so sau 3 . Tim tat ca cac gia tri thyc cua tham s6 ” sao
cho ham s6 ludn nghich bién trén &

Loi giai
Pép an: -3 =m =1
Tap xéc dinh: D =R
Ta c6 ¥y =-x"-2mx+2m- 3
fa . <0 (-1<0 (hn)
- =

A =0

v =0, YxeR = = -3 =m =l

Pé ham s6 nghich bién trén R thi -

.
m-+2m-3 =0

=x" - 3x +(2- m)x

Cau 22. Tap hop tit ca cic gia tri thuc ctia tham s6 7 dé ham s6 Y dong bién trén

khoang (Z;HO)

Loi gidi
Pap an: M <2

N =3l - B+ -
P =23 XTa
Ta co Jx - Ox m
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(2;+x) »' 20, Vxe (2 +)

bé ham so dong bien trén khoang khi va chi khi

< 3x7 - 6x+2- m =20, ¥xe(2+00) m =3x7 - 6x+2, Vxe (2 +o0)
 Flx)=3"-6x+2, ¥xe(2+x
Xét ham so F ) =327 - 6x+2, ¥xre (2 +x ),

F(x)=6x-6 f'(x)=0= 6x- 6=0< x=I

Bang bién thién:

f(x) 7 +

2
Tur bang bién thién ta thdy ™ <2
Vay me (- 00;2].
A . A, o crogs ) e 21 £ ==y - Ox + - T+ . e
Cau 23. Tim tat ca cac gia tri thuc cta tham so ” d¢ ham so . ¥ - 0x" +(4m-9)x +4 nghich bién
(-o0;-1)

trén khoang

Loi giai

Ly ==3x - 12x+4m-9

(-o00;-1) y ==3x" - 6x+4m-9<0 Yre(-oo;-1)

Dé ham sb nghich bién trén khoang thi

= 4m <3x +12x+9 Vxel-ox-1)e= 4m E{mm. G F(x)=3x" +12x+9

Y — A A oy — e
Ta c6 fx)=ox+12: f'(x)=0= x = 2
Khi d6, ta co bang bién thién

Ijﬂi_ll_] fG)=-3=4m=-3o m=- %

Suy ra
x-m+2
r r r -1.‘ :
Cau 24. Tim tat ca cac gia tri thuc ctia tham s6 7 sao cho ham s6 x+1 giam trén cac khoang ma

no xac dinh.



Chuwong 1 - Ung dung dao ham dé khio sdt va vé do thi ham soé - Bai tdp theo CT méi 2025
Todn 12

Loi giai
Pap an: m <1

m-1
—rl_ql y =7
Tap xac dinh: D=R\-1j Tacd (x+1)

2 1.3 A .o A . N g = p e Wy E-le o m<l
bé ham so gidm trén cdc khoang ma n6 xac dinh ~— - -

_mx+4

. . (Y
Cau 25. Tim tat ca cac gia tri thyc cua tham s6 7 sao cho ham so X+m  oiam trén khoang
Loi giai

Dép an: =2<m =-1

. -¥51
* Ham s0 xac dinh trén khoéng( )
1 rTTz - 4 n 1
y'=——="x* -m
, (x +m)
* Taco:

‘y'f.ﬂ,“xnl [— = ;l)
-mi (- ¥;])

*

, . -¥,1 I
bé ham da cho nghich bién trén khoéng( )khi va chi khi:

" "

. in’- 4<0 0 - 2<m<?2. —2*:mc:20 , .
. - L= < -
-mi (-¥:1)" §m21 me- 1 m

*

Vay théa yéu cau bai toan thi: - 2<m<-1

~_mx+18
A « A g A , A M AR M /\}._ﬂ-+ . . X N 5 ('2;5)
Cau 26. Tim s gia tri nguyén cua tham s6 ' dé ham so =X *+m nghich bién trén khoang .

Loi giai

1<l
D4p 4n: m =43
D =R\ -m|
Tap xac dinh: 2 | .
mix +18 oy m” - 30
V= yp =
Ta c6 © 2x+m ) (Cx+m)
-h<m<6
m =5 .
m'-36<0 =4 27 "O<m<0
o _me(-?'jj _ﬂ{:_-}ﬁ m =-10
EN o 2 m =4 4 <m<6
YCBT _— Woo- \ =4 =m<0

, =/ 4; 5|
Vay c6 hai gia tri nguyén cua tham so " 1a "I

(-oez1)

?
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Todan 12
; _(4-m)Jo- x+3
Cau 27. Cho ham s VO- x+m 4 bao nhicu gia tri nguyén ctia ” trong khoang (-10:10) 4,
o cho ham sb ddng bién trén khoang (=8:5)9
Loi giai
Pap an: ¢6 14 s6 7 nguyén
4- 3 . . .
t=J6-x= f(t) :m:. F )= ()e'(x)
Pat t+m )
t'(x)=—x l_< 0, ¥xe(-8:5)
vei XEC8) 1o 26 - x vy YE(-85) = te(l:V14)
, _(4-m)Jo- x+3
T d6 ta suy ra ham sb i VO- x +m dong bién trén khoang (=8:3) khi ham sb
(4-m)e+3
fl)=—-"— , :
t+m nghich bién trén khoang (& ‘/E) .
-{—m: +4dm-3<0
-m =] me[- I:1) U(3: +x)
. =
|—m:+4m—3{[} m =-f14
/ (t)nghich bién trén khoang (1:/14) & e =14
Do ME(-10:10) o ME[=%- &= T1- 6= 53 4= LO4S;6,7:8:9)
Nhu vay c6 14 s6 7 nguyén trong khoang (-10:10) a6 cho ham sb ddng bién trén khoang (-8:5)
2% -3x+m
Ciu 28. Cho ham s6 x-1 . Tim m dé ham s6 dong bién trén khoang (-o0;-1)

Loi gidi
Pap an: M=<9

_2¢-4x+3-m_ f(x)
Tap xéc dinh: O =R\ (x- 1) (x- 1)

Taco [(X)=0= m=2x°- 4x+3

Pit gax)=2¢-4x+3 = g'(x)=4x- 4
_2¢-3em

, ‘ , = Y =0 vxe(-x;- 1) = m= mn gx)
Ham so x-1 dong bién trén ( (-0 1]

- o0;- 1)

Dua vao BBT ctia ham s ox), Vxe(-on-1] suy ra M=9,

Vay M=<9%hi ham sé ddng bién trén 1)
2% -3x+m
Cau 29. Cho ham 56 x-1  Tim m dé ham sé dong bién trén khoang (32)

Loi giai
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Pap an: M=1

Tap xac dinh: D =R\ ﬂ‘}.
2 - dx+3- m_ f(x)

T T T
Taco: [(K=0= =2 4x+3 po oX)=2¢-4x+3 = g'lx)=4x- 4
2% - 3x+m .
y=""__- ) o,y = y' =0, ¥x=(12) = m=ming(x)
Ham s6 x-1 ddng bién trén (L2 [:2]

Duya vao BBT ciia ham s6 Ax), IxE(-o0- 1] ¢ suy ra M=1,

Vay M=1 thi ham s6 ddng bién trén (L2),

() = msiny +4

Céu 30. Cho ham s sinx+m (M]3 tham sb thuc). C6 bao nhiéu gia tri nguyén cua 7 d& ham sb
T
0; ]
da cho nghich bién trén ?
Loi giai
mell - lzﬂxl}

Pap an: co 3 gia tri nguyén

Pk: sinx #-m

(m: - 4)!:05.1‘

fG)= ﬁ
(sinx +m)
Ta co:
xXe 0;E ] .
Vi . 2) pap C0sx>00<sinx<l
| r-l.r . o1 . . . . fT |
‘ rj__? = f(x)=<0,Vx E|, E}._E

Ham s6 da cho nghich bién trén ' =

‘- 4<0

(m: - 4)!:05 X N =2am =-]
ﬁfﬂﬂ,‘ﬁ’xe‘ﬂg—|ﬁ -m=0 = )
(sinx+mY 2] D=m<2

-m =]

mE'l-lzl] 1]

Ma " nguyén nén 1 Vay co 3 gia tri nguyén " thoa man.

2sinx- 1
V=

0;E
2

Cau 31. Tim tit ca céc gi tri thyc cia tham sb 7 déhamsé = sinx- m ddng bién trén khoang
Loi gidi
pap an: m <0

—R\[
xp: DFRUM
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Todan 12
[T T

. _rE‘[};?‘: te(0:1) . 0;=

Pat [ =SINX | i = . Ta c6 ham s6 ¢ =SINX ddng bién trén khoang 2
1|I_E5inx- 1 O;E] ‘___2r— 1
Do d6hams6é =~ sinx- m ddng bién trén khoang khi va chi khi ham s~ 7- m d6ng bién trén
1
khoang (©; )
-2m+1
= =

= >0 e:1)  G-m) vre(0;1)

1

m=—
-

m =0

[-3”!+]}U =
= ]_mlf([].' 1) H

mz=l o <0

Vay <0

DANG 2

BIEN LUAN CUC TR CUA HAM 80 * =/ ()

CO LIEN QUAN PEN THAM SO "
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Todn 12

I. Bién luéan so cuc tri ciia ham so
) tri ciia ham s& —ax +bx" +cr+d (@ #0)(*)
1. Bién luéan so cuc "~ °

Ta co: y'=3ax’ +2hx+c= y'=0 < 3ax’ +2bx+c =0 (1)

a 20
Ay >0

*)

c6 2 cuc tri

c6 hai nghiém phan biét
+ Ham sb

a #0

*)

khong c6 cuec tri <

c6 nghiém kép hodc vo nghi¢m
+ Ham s6

. . | y=ax' +bx’ +¢ (a 20)
2. Bién luan s6 cue tri cia ham trung phwong:

_ ﬁ x =0
. y' =dax” +2bx :_1'(4:11‘ + 3’?)2" y'=0e= dax® +2b =0 =g (x) (1)
Ta co:
(g (0)=0
L —]
k

.z ] @ Ay >0
¢ Ham so ¢6 3 cuc tri c6 hai nghiém phan bi¢t khac 0

Khi d6: Ham sd ¢6 2 cuc tiéu, 1 cuc dai khi @ >0
Ham sb ¢6 2 cuc dai, 1 cuc tiéu khi @ <0

e Haimsdco 1 cuec tri khi va chi khi W c6 nghiém kép hodc vo nghi¢m hoac c6 1 nghiém * =0
"j"m =0 ( A<D ?ﬁ‘.b}ﬂ

=0 |g@=0"

| =0

Khi @6: Ham so chi ¢6 cuc tiéu khi ¢ > 0 (nghia 1a c6 cuc ti€u ma khong c6 cuc dai).

Ham s chi c6 cuc dai khi @ <0 (nghia 14 c6 cuc dai ma khong co cuc tiéu).
Chu y: Ham béc 4 trung phwong:

e Luén co it nhat 1 cuc trj.
e Néu ¢6 3 cuc trj thi 3 cuc tri nay ludn tao thanh 1 tam gidc can tai dinh thudc truc oy.

ax- +hr+c

, Y= (%

3. Bién luin so cuc tri ciia ham hiru ti: dx +e )
p=R\}- €l

Tap xac dinh: L d)

2 o Jp—— S

3 :m‘r"IL T oae +?c cd = y'=0 < ady’ +2acx +bc- cd =0 =g (x) (1)
. (dx+e)

Ta co:
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Todan 12
ad #0
- A,=0
. ()
% - g‘ = — i':'
( )c() 2 cue tri & W c6 hai nghiém phan biét khac ¢ L d)
+ Ham s6
Jaa'd =0
=
) W |Agy <0
khong ¢o cuc tri & c6 nghiém kép hoac v nghiém -
+ Ham s6

Cach viét phwong trinh dwdng thang ndi hai diém cwe tri ciia ham s6 phan thirc:

_Qlx) _ax’ +bx+c

= () =2 =
reae P(x) dr+e
y = Q%)
o 1
+ Gia st %oYo) 13 didm cuc trj thi P(x,)

+ Gia sir ham s6 c6 cyuc dai va cyc tiéu thi phuong trinh duong thing di qua hai diém cuc trj dy la:

Q' ZAax+b 2 b
P '(x) d d d

(Lay dao ham tir chia dao ham mau = Phuong trinh duong thang ndi hai diém cuc tri)
. y Z 7 s £ 4 . X
IL. Tim tham so /7 dé ham so ¢6 cuc trij tai ~°

N \ L v=f(x,m . A L A e v 2.2 =
Bai toan 1: Cho ham so - S x.m) . Tim tham s6 7 dé ham s6 dat cwc tri tai diém * =%,
Phwong phap giai

+ Tim tap xac dinh

+ Tinh V' =/ Gm)

[ £ '(x,.m) =0
[_}""(1}, ,m) =0

= m

+ Pé ham sd dat cyc tri tai * ~° thi:

Bai to4n 2: Cho ham sé =f Ge.m) . Tim tham s& " dé ham s6 dat cye dai tai diém * ~7o.
Phuwong phap giai
+ Tim tap xac dinh

+ Tinh y' =fxm)y" =f"(x,m)

A1 A e s X=X, s | W
+ D¢ ham so dat cwe dai tai 0 thi: * '

e, s \ £ ¥ = ‘(-T‘m) . £ 2 1 s £ . R . 2.2 X =X
Bai toan 3: Cho ham so - / . Tim tham s6 7 d¢ ham s0 dat cwe tiéu tai di€ém 0,

Phwong phap giai
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+ Tim tap xac dinh

+ Tinh vi=femhy" =f"(x,m)

fCe,,m) =0 _
| ", m) >0

m

A \ A o R X =X 3
+ D¢ ham so0 dat cwe tiéu tai o thi:

PHAN I. Céu tric nghiém nhiéu phwong 4n lya chon. Méi ciu héi thi sinh chi chon mdt phwong 4n.

y == (HI: +5m).1"-‘ +Omx” +0x- 0

Cau 32. Tim tét ca cac gia tri thyc cua tham s6 ™ dé ham sb ° cO cuc tri
tai X =1,
m=-2 m =2
A=l B. "=l c.m=l, D.m=-2,
Loi giai
Chon A.

Phuong phap tu ludn

* Ham s0 da cho lién tuc va xac dinh trén i .

o oy'=- 3(}1:: + Sm).'r: +12mx+6= y"=-06 (m: + Sm).‘r+ 12m
* Taco: .

[m:—ﬁ

J"“):D [-3m? - 3m+6=0 m =1 m=-2
r=l= = = 1" =
y"(1) =0 -6m” - 18m =0 {m #-3 m =1
m =0

*  Ham s6 dat cuc tiéu tai q
Phwong phap tric nghiém
+ Ch(_)l’l m=-2=Y =0x" - 12x" +6x- 0
= p'=18x" - 24x +06

x =1
= y'=0e 18x - 24x+6=0= |

Lap bang bién thién théy co cuc tri tai ¥ =1, Loai B, C

+Chon™m =17 ¥=- 0x" +0x" +0x- 0
= p'=-18x" +12x+0
x =I
= y'=0e -8 +12x+6=0= |
X = —
3
Lap bang bién thién thiy c6 cuc tri tai X =1,

Viay bap A dung



Chuwong 1 - Ung dung dao ham dé kho sdt va vé do thi ham soé - Bai tgp theo CT méi 2025
Todn 12

P -2 S | L2 . — .
Cau 33. Hamsb + = 3x7 +mx- 2 dat cuc ti€u tai * =2 khi?

A, m>0. B. m #0. c. m =0. D. m<0.

Loi gidi

Chon C.
y'=3x - bx+m
y"'=0x-06
y(2)=3.2"-62+m=0
"2) =6.2~ 6 0 = m =0
Ham sd dat cyc tiéu tai ¥ =2 khi; ' (2)=0.2-0>
I % ) ) )
) ) i S y=—x +(m-m+2)x” +(3m' +|).‘r
Cau 34. Tim tat ca cac gia tri thuc cua tham s6 7 dé ham s6 3 dat cuc
tiéu tai X =- 2,
m =3 m=-
Alm=l B.m =3 c.m =1, p. ="

Loi giai
Chon B.
¥ o= 42(m - m+2)x+ 3w + 1
v =2x+2(m - m+2)

-

[v'(-2)=0 -m” +4m-3=0
| o A = { . = m =3
Ham sé dat cuc tiéu tai ¥ =~ 2 khi: y'(2)>0 me=m>0
L xT+mx+]
Ciu 35. Tim tat ca cac gia trj thuc ctia tham s6 7 dé ham s ) x+m  dat cyc tiéu tai ¥ =2,
m=-3 m =3
A=l B. "=l c.m=l, p. m=-3
Loi giai
Chon D.
* Ham sb da cho x4c dinh va lién tuc trén D=R\{-m .
o :.T: +2nn‘+f,i:: - 1 o o= 3_1'+2n.:
* Ta co (x+m) (x+m)
X+ mx+]

* Ham so x+m  dat cuc dai tai ¥ =2 Kkhi va chi khi:



Chuwong 1 - Ung dung dao ham dé khio sdt va vé do thi ham soé - Bai tdp theo CT méi 2025
Todn 12

m’ +4m-3

. — =0 [[m =-3
) = 3
y'(2) =0 (+m)
=0 ollm=t o
y"(2)<0 2m+4
—= <0 | m<-2
(2 +m)
I 5 4 s
oy =—x - 2mx” +(4m-1)x-3 .
Cau 36. Cho ham so 3 . Ménh dé nao sau day sai?
m<—.
A. Ham s0 ¢6 cuc dai, cuc tiéu khi 2 B. V61 moi 7, ham soO ludn ¢6 cuc tri.
1
) ) m#—. , ,
C. Ham s0 ¢6 cuc dai, cuc tieu khi 2 D. Ham s6 ¢6 cuc dai, cuc tiéu khi 7 > 1.

Loi giai
Chon C.
Phuong phap tric nghiém

Ham s6 béc 3 ¢6 cuc dai, cuc tiéu thi b= 3ac>0 < 4m” - (4m-1)>0

, 1
= (2Zm-1y=0=m :.t;

i o A a3 2 o
Chu 37. Vi gia trj tham s6 ™ €@ €] (g ab.c€Zy a5 ¥ =(m+ 2 #3257 +mx-06 o)
cuc tri. Gid tri biéu thue P =a +b+c |3
A. P=-4 B. P =4, c. P=-3 D. P=-5,

Loi giai
Chon A.

v =30m+2)x" +6x+m

A Lo v =0 ,,. . N
Ham s6 c6 2 cuc tri y =0 c6 hai nghi¢m phan biét.
m #==2 (m #-2

= o e me(-31)\]-2|
m”+2Zm-3<0 -3<m<l = P—g+b+c=-4

. me[-2020;2020)
SO

Cau38. C6 bao nhiéu gid tri nguyén am cua tham dé ham s

y=mx +3mx -(m-1x-1 _ .
co cuc tr1 ?

A. 2038 B. 2020 C. 2018 D. 2021
Loi giai
Chon B.

w V' =3mx +0mx- (m-1)

— o , \ P _ " )
+Khi M =0= ¥ =120= 150 68 uén dong bién = M =0 khong thoa
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m#0= y'=0< 3mx" +6mx- (m-1)=0 (1)

+ Khi
A'=9m" +3m0m- 1) =12m" - 3m

m=10

= A=20=12m-3m=0= 1
) m=—
Ham s6 c6 cuc tri

Suy ra Co 2020 bao nhiéu gia tri nguyén am

Fx)=x"+ax" +bx+c

Ciau 39. Gia st 4, B 1a hai diém cyc tri ctia d thi ham s6 va duong thang

AB di qua gdc toa d. Tim gia tri nho nhat cia £ =abc+ab+c

16 25
A, 25, B. 9. c. 9. D. .

Chon A.
™XP D =R,

“Ux) =3+ + 2ax N . . . x)=
)=+ 2ax4b g Kién dé ham sb c6 hai diém v tri 1a 7 (=0 hai nghiém phan bit

=a-3b>0
Lay S chia cho J (x)

FO=F ()| sxtia+| 2b- 2| xre- Zab
Tace 3TN TI3 9

[ 2 2] 1
q }':| Zbh-Zlx+c- —ab (d)

Suy ra duong thang di qua 4, B la: 3 9] 9 :

. () . = c- I—ﬂh =0
Theo dau bai di qua goc toa do 9 = ab=9c

' 510 2
) = P‘:‘ 3£'+:‘ _£
Khi do F =abc+ab+c = P =9 +10c . il 9

| 25
min P =-

Suy ra 9.

Cau 40. Véi gid trj tham sb me (-] by +:2) (v6i BDEZ ) i pam g6 ¥ = Hlm-Dxtem

co dung mét cyc trj. Gid tri biéu thic la £ =2a”"" +3677,
A P=ZTAS, B. P=2+3277, c.P=3 p. P =0
Loi giai
Chon C.
Truong hop 1: 7 =0

2 , .
Tacohamséd: ¥ = % | ham sb nay co 1 cuc tri. Vay 7 =0 théa man.
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Trudng hop 2: 7 #0

_1-' =dmx + E(HI = |)‘l.

m =1 m =1

=

m m=0

Ham s6 c6 dung 1 cuc tri

m <0

Két hop TH1 va TH2, ta c6: thoa man.
P =2a™"" +3p""" =3

. me[-1000;2010)

Cau4l. C6 bao nhi€u gid tri nguyén cua tham sO dé¢ ham s

¥ =mx" +(m: - '.:J).‘l.': +10 3 ez i
co 2 diém cuc tri.

A. 1000 B. 3010 C. 2010 D. 999
Loi giai
Chon D.

Dé ham sb c6 ba cyc tri thi trude hét ham s phai 1a ham sb trang phuong tie 7 70

. s ., m -9

¥ =4dmx + E(m' - '?J}.T =4dmx(x +

Ta co : 2m
2
m -9
. . <0
Ham s6 c6 3 cyec tri khi va chikhi: ¥ ¢6 3 nghiém phan biét < 2m
O<m<3
o m(m' - 9)*-10 o |m<-3
O<m<3

Vay céc gid tri cAn tim ciam 1a : L™ =~ 3

Co 999 gia tri nguyén.

_-X +21x +5
CAu 42. Cho ham sb x-1 . Tim tham s6 thucM dé ham s6 ¢6 hai diém cuec tri.
A.M? 3, B.ME 3, c.m?* 3, D.M<3
Loi giai
Chon D.
Ham sb da cho xac dinh va lién tuc trén P = i \ {1}
- x'+2- (2m- 5 .
E 2 - ]
. . x- 1 X1

B¢ ham so ¢6 hai cuyec tri thi [ ) c6 hai nghiém phan biétxl'x2 1.

] = - 2 - - = . 1
U ax) Xt {Em 5) 0 [l)co' hai nghiém phan biétxl'x2 1.
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Todan 12
. fa=-110
co .
d-xX+2x- (2m- 5)=0aniam 0 }{D'=-2m+6>0
g(1)* 0 -2m+6: 0 0m<3
_Xx- (m+1lx- m’ +4m- 2
Cau 43. Tim cac gia tri cua M dé ham sb x-1 ¢6 cuc dai va cuc tiéu.
A LEME2 B. lt m<2 c.l<mf 2 p.l<m<2
Loi giai
Chon D.
Ham s6 da cho xac dinh va lién tuc trén]::I =i \{1}.

Ham s6 c6 cuc dai va cuc tiéu khi va chi khi:
_X'- 2X+nr- 3m+3
- ]

(x- 1)

=0U gx)=x*- 2x+n7- 3n+3=0

c6 hai nghiém phan

fa=10
UID'=-m+3m- 2>0U0 1l=m<?2

: l)=nr- 3Im+2* 0
biétxl'xz 'l Q’[ )

PHAN II Ciu tric nghiém tra 16i ngin. Mi cau héi thi sinh chi tra 1oi dap an.

 y=x +(m-1Dx" +3x-2

Cau 44. Tim tong cac gia tri nguyén duong cua tham s6 77 d¢ ham so - ~ khong c6
cuc tri.
Loi giai

Pap an: 7
* Ham s d3 cho lién tuc va xac dinh trén D =i .

NS , = ' =3 +20m- Dx+3=0_, n . A1
* Ham so khong c6 cuc tri - v6 nghiém hodc c6 nghiém kép

oA =(m-1-9<0e= m-2m-8<0e -2 <m <4

Suy ra tong cac gia tri nguyén la 7,
Chu 45. Cho ham sé ¥ =(m~ Dx* - 3x% = (m+1)x +3m - m+2 . Tim tham s& 7 @& ham sb c6 cuc dai,
cuc tiéu.
Loi giai
Pap an: m #1.
Ham s6 dé cho lién tuc va xac dinh trén D =i .

v'=3(m- Dx* - 6x- (m+1) =0

\ A S -2 . , N A A
Ham s6 ¢6 cuc dai va cuc ti€u (2 cuc tri) c6 2 nghiém phan biét.
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a=m-1=0 (m #1

= ) <= m #1
.-':1.'294‘3(”!' |)(HI+|)}D Al=m +220

" A e e , PO ; v=mx - (m+1)x" +2m-1
Cau 46. Tim tat ca cac gid tri thyc ctia 7 d€ ham so -

Loi giai
m<-1

. m=>0
Dap an:
' =dmx - 20m +1)x =0

. x =0
] 3.1'(2}1:.1" - m- I):U ] .
2mx =m+1
m<- |
e mn+l)>0= 0

\ A , <R . m=

Ham so c6 3 diém cuc tri

X +(m+Yx+2m+1

. Y=
Cau 47. Cho ham sb: x+1

a) Tim tham s6 M dé ham s6 sau day co 2 cuc tri.
b) Hiy viét phuong trinh duong thing di qua 2 diém cuc tri cia ham sd.
Bai giai
Pap an:
Im: -1

o o im<l1
a) ham so6 c6 2 cuc tri khi

m?t* -1

. . - - m<1
b) phuong trinh duong thang di qua hai diém cuec tri: y=-22+tm+l voi

D=;\}{ 1}.

Ham s6 da cho xac dinh trén:

X +2x-m

2
Ta co: {x T l) .

py'=00 X +2¢- m=0=g(x)
D=-1+m

= 5 5

1-2-m* 0. tm?* -1
-1+m=20 m<1

g[— 1)1 0.
D=0

+ dé ham sb ¢6 2 cuc tri thi:¥
& +(m+1x +2m+13

. =2x+m+1
[x+1)

y

* Ta cO:

¢o 3 diém cuc tri.

P 62 cuc tri
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m?t* -1

, . = m<1
* phuong trinh duong thang di qua hai diém cuc tri: y=-2+m+1 voi

X +nK
Cau 48. Cho ham s 1 x . Tim tham s6 M dé ham sd ¢6 2 cuc tri.
Bai giai
Pap an: M>-1
Ham s6 da cho xac dinh va lién tuc trén D=j \ {1},
Lt X +2X+m _ 0
(1- x)

Dé ham s6 ¢6 hai cuec trj thi c6 hai nghiém phan biét* 1.

U glx)=-x*+2x+m=0 (1
Qf[ ) [)C(') hai nghiém phén biét* 1.
, fla=-110
cé - : -
tgx)=- X +2X+m=0_2via U D;=1+m:-UU m=-1
g(1): o 1+m?* 0
X+ +2
Cau 49. Cho ham s x+1 . Tim tham s6/M dé ham s6 c6 cuc dai va cuc tiéu.
Bai giai
3
m<=
Pap an: 2

. D= -1
Ham s0 da cho lién tuc va xac dinh trén i { }

0 X+ 2X+2m- 2

y' 0

2
Pé ham sb ¢6 cuc dai va cuc tiéu [x+1] c6 2 nghiém phan biét1 -1
fa=11 0 5
UID'=3-2m>0 Unrm§
U g(x)=x"+2x+2m- 2=0 gl- 1)=2m- 31 0

¢6 2 nghiém phan biét* - 1.
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Todn 12

DANG 3
TIM THAM SO M PE HAM SO CO CUC TRI THOA MAN PIEU KIEN CHO TRUOC CUA
BAI TOAN

lién quan hé thic Vi -et

y=ax +bx’ +ex+d (a #0)

HAM SO BAC 3:

Cich viét phwong trinh dwong thang ndi hai diém cwc tri cia ham béc ba:

v =ax +bx’ +cx+d (a #20)
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V"

. . N c oy Y
Cach 1: Buong thang di qua hai diém cuc tri ciia d6 thi ham s6 1a: 18a

Cich 2: Chia ¥ cho V' ta dugc: ¥ =0(x).y'+ Ax+B

y=Ax+ B

= Puong thang di qua hai diém cyec tri :

L : !
y=—mx = (m-1)x~ +3(m=-2)x+—

Ciu 50. Tim céac gia tri ctia tham s6 7 dé ham sb: 3 0 dat cuc tri tai
X% théa man +2x, =1
=2
0 0 3
|-£"—'-HI"-‘J|+£ m=2
A 2 2, B. :
| 0 6|,
me|l- £;|+£ '-.[D!
9 5 | )
c. ' - - D. m =2,
Loi giai
Chon B.

Phuong phap tu ludn

v =mx - 2(m- N)x+3(0m- 2)

Al A ., ey = 1 ‘n A 1a XX \ ~ X +2x, =L
Yéu ciu cua bai toan < Y =0 ¢6 hai nghiém phan bi¢t ~> "2 théa man: ! 2
m =0 m =0
m =0
: 1 © =m=l+ JE 1 © =m=<l+ JE
1Y - 7 -—<=m _— - —<m -_—
(m-1) - 3m(m- 2)>0 2 7 > >
30m-2) Im- 4 dm-4
=Xy, =——— =X = = qx =
" m m
20m-1) 2-m 2-m
Xty =— X, = x, =
booe m m m m =2
x, +2x, =1 30m- 2) (3m-4|[2-m| 3(m-2)e 2
. : XX, =————— | ‘ — m=—
B m m m m 3

Phwong phap tric nghiém
1

= p=—x - 3x+—
+ Chon ™ =1 3 0

= yp'=x"-3x

= ' =0e £-3x=0e |

suy ra ham so c6 hai cuyc tri

- 2Ty =
Va khong thoa X, +2x, =1. Loai A, C
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Toan 12
2 2 .
m=—= y=—x +—x -4x
+ Chon 3 9
2 ., 2
=y =—x +—x-4
T3 2
7 r=-3
=y =0 —x +-—x-4=0«=
2 v =2 \ A 4 . .
suy ra ham so ¢6 hai cuc tri
., , X +2x, =1. .
Vaco thoa ™! 2 Loai D

Viay dap B
+ Cach lam nay la loai dap an sai chir khong phai chon dap 4an ding nhé cic em !!!
+ Chon gia tri m cho khéo dé loai trir dap an cang nhiéu cang tot.

y =x" - 3mx’ +3(m: - I).‘r -m +m

A - X, X \ . + R . 5 \ A \ A 5 I3 .7
Cau 51. Goi "7’2 ]a hai diém cuc tri cia ham so . Tim tat cé céac gia

., £ 2 X +xs - xx, =7
tri cia tham s6 thyc 7 ge: '~z 17

A m==2. B. m=%2, c.m=0, D. m ==,
Loi giai
Chon B.
Phwong phap tw luan
y'=3x - f:lm_r+3(m: = I)
Ham s6 ludn ludn c6 cuc tri véi moi ™

x +x, =2m

x.x, =m -1

Theo dinh li Viet : !

X +x - xx, =7« (2m) - 3(m*-1)=7 o me 42

Cach 2 :
x=m+l
vl 3 —
=0 SN 2 +(m” - I):O v =m-1

xi4xi-xx, =T m+1) +0n-1) - Gu- 1D(m+1) =7

o m=12
m )
) ) i Yy =—x +2x +mx+l i
Cau 52. Tim tat ca cac gia tri thuc cua tham s6 ”* dé ham so 3 co 2 diém cuc tri
o a Xy <X
thoa man ~<® ~ 7T
A m<2 B.-2<m<0_ C.-2<m<2 D.O<m<2

Loi giai
Chon D.
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y' =mx* +4x+m

A0 [4-mP>0
= = = 0<m=<2
m=0 m=0
ycbt - -
mE‘ i 40 ‘ {c: a
Cau 53. V6i cc gid tri thuc caa tham sb P (woi @D €L 3 b 13 phan 6 t6i gian) thi
1 s
. yE—x - mx +(2m- Dx+2 ) .
d06 thi ham so 3 c6 hai diém cyec tri va hoanh d¢ cuc tri déu duong. Tinh gié tri
o p=aihre
biéu thae @ b7’
1 1
P=-_ P :E P :é P =
2 B. 5 c. 2. p. 4
A.
Loi gidi
Chon C.

* Ham s0 da cho xac dinh va lién tuc trén i .

y' =x"-2mx+Q2m-1), y' =0 g(x)=x" - 2mx+Qm- 1) =0 (1)

* Taco:
* Pé d6 thi ham s6 c6 hai cyc tri duong u@ c6 hai nghiém duong phan biét:
fﬂ =1 =0
| . 2 .
A=m-2m+1>0 (m-1) >0 _—
'i"E:—E:Em}D = im>0 = 1
a m>—
1 2
c m=>— '
P=—=2m-1=10 | 2
a
m #1
1
m>_— i .
* Vay 2 1a nhirng gia tri can tim thoa yé€u cau bai toan.
a+b+c 3
ab’c 2

. me(-2019:2019)
SO

Cau54. C6 bao nhiéu gid tri nguyén cua tham thi d6 thi ham s

;1':—.1"-‘+3(m+|).1':—(3}1::+?m— I).rﬂn:— 1, .. e o
c6 diém cuc tiéu tai mot dieém ¢6 hoanh @6 nhé hon 1?

2018 B. 2020 c. 2019 D, 4038
A.

Loi giai
Chon C.
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* Ham s0 da cho xac dinh va lién tuc trén i .

* Ham so dat cuc tiéu tai mot diém c6 hoanh d6 nho hon 1.

x<l<x, (2)

= y'=g(x)=-3 +6(m+Dx- 3w’ +Tm-1)=0 (1) x, <x, =1 (3)

. A XXy s
c6 2 nghiém “°72 thoa

(2)= agla)=-3g'(1)<0
A'=0
—
(3)e {-3.2(1)=0
E{'
L2
[ 3(3}::: + - 4){ 0
? g(m+|)z— 3(3}1::+?m— I)}D
—
3(3;3:: + - 4) =0
m+l<l
4
-—<m=]
| [-3m+1250
(’_’w:: + - 4) =0
m<0
4
- —em=<l
(m<4 —ie.:mf.l
= m {-4 = : 4 ﬁ
. 3 m=-—
m =1
_Imﬂ:[}

C6 2019 gi4 trj nguyén

ST , £ - s P Ly =2x 2 -12x- .
Cau 55. Vi cdc gia tri thuc ciia tham so 71 =4 (véi 4 € Z) thi 6 thi ham s6 * —=* *me - 12x- 13 coc
wc dai va cuc tiéu, dong thoi cac diém nay cach déu tryc tung Oy . Biét ¢ thoa man phuong trinh sau:

47 +3at+a +3a- 9 =0 Tinh gia trj cua .

t=*+— =

3
t =3 B. 2 c. 2. p. =3
A.

Chon B.

* Ham s6 da cho x4c dinh va lién tuc trén i .
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Todan 12
2 : . M =0 + w12 =0, . A e .
* Péhamsdco2cuctri™ 6x" +2mx - 12 =0 c6 2 nghiém phan bié¢t X Xy
‘@ =6 %0
= 72 D:? YmelR
A=mm +T72 = \ A1 A s .
(A =m ham s6 luén co6 2 cuc tri.
X, =X, (do X, #x.)
= fof =l |7 T2 :
* Hai diém cuyc tri cach déu truc tung o
-2m
= x+x, =0 =0
) 0
s 3
=4t -9=0=t =+—
-
a a
14 m :_ e 14 14 \ r
Cau 56. Véi cac gid tri thuc cua tham so0 b (voi b 1a phan sé t6i gian) thi do thi ham sb

y =3 - 3m+1)x* +12mx- 3m+ 4 (C) c6 hai diém cuc tri 1a 4 va B va hai diém nay cung voi diém

C[-l;-g j__;_a:+b2
2) 1ap thanh tam gidc nhan géc toa do O lam trong tam. Tinh gia tri biéu thire 2ab
5
4 B. 4 c. 2. D. 4
A.
Loi giai
Chon D.
Ta cod y'=3x- 6lm-+ ]Jx+12m_ Ham s6 ¢6 hai cuc tri < y =0 c6 hai nghiém phan biét

7 . , . - -

2+2m-1=0

1
4P 12n+6med- 2=0" M3
JABC nhan O lam trong tam [ ! 2 (thoa (*).

n R cv=x -6 +3m+2)x-m-6 . L . . ... , 2 s L,
Cau 57. Cho ham so - . Tim tat c4 cac gia tri thyc ctia ” dé ham so co

hoanh d6 2 cyc tri cung dau .
-15 | -
L-::m-::Q ;]-c:m-czj —1?::;::::2
A ~2<m<Z B. 4 . c. 4 . D.
Loi giai
Chon D.

' =3x"- 12x+3(m+2)

y'=0e y'=x"-4x+(m+2)=0

\ A J R . 1 3
Ham sb ¢6 2 diém cuc trj vz = A'>0= m<2
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y =L G- 2)4Gn- 2)2x+1)
Chia y cho y’ ta duogc :

A(.‘r,.j(m— 2)(2x, +1)) va B(.T:.f(m - 2)(2x, +1))

Diém cuc tri twong Gng :

g . nye =(m=2) (e, +2 G +2,)+1)

[x, +x, =4

. ]xl.xg =m+2 oy =(m- 2) (4m+17)
Voi: Ve nén : -

{ -17
m>—
= £

< y.0,>0 e (n-2Y (4m+17)>0 lm =2

Hai cyc tri cung dau

) -—am=<2
Kéthopdk: 4
A . TR A - W A =2x + - Dx* + =2mlx , ..z
Cau 58. Tim cac gia tri cua tham s6/7 dé do thi ham so: . © +30m= D)x” +om(1- 2m)a co dieém cuc
<3 g:R I S " \ 2 . \ y =-4x (ﬂr)
dai va diém cuc ti€u nam trén duong thang c6 phuong trinh: - .
HIE{D' I'I-| me{l}
1] [ 1! Ryt B P
A.mellf' B.”’EIOJJ' C. |2 [ D. 2
Loi gidi
Chon A.
vy =ox" +0(m- Dx+om(1- 2m)
|
. m #—
Ham s6 ¢6 2 cuc tri 3
BAm may tinh:
3 2 2 [x  m- 1| x = m=A=000
27 +30m- D +om(1- 2m)x- (m— +00m- Dx+om(1- Em))‘ §+ — Zm=adme

1997001000- 8994001 =(2.10° - 3.10° +10°)- (9.10° - 6.10° +1)i =

=- (g!.ﬂ" - bm +|).1.'+ 2 - 3m +m

Y =- (sz - f]m+|).r+2m" -3m +m (A)

Puong thang di qua 2 diém cuec tri 1a:

- (9.'”: - Gm+|) =-4
A=d = ) ) = m =l.
2m” - 3m” +m =0

Cau59. Vé6i cac gia tri thyc cua tham s6 M =a hojc m =b (voi a,bEZ) thi thi ham so:

y=-x +3.‘L‘2+3(}H: - I).‘r— 3m* -1 ., o g g ) .
c6 diém cuc dai va di€m cyc ti€u cung véi goc toa do tao thanh tam

a+hb
2 P = 2 2
giac vudng tai O. Tinh gia tri biéu thic a~+b"



Chuwong 1 - Ung dung dao ham dé kho sdt va vé do thi ham soé - Bai tgp theo CT méi 2025

Toan 12
pl
A 2 B. P =1 C.P=2 p. £ =0
Loi giai
Chon D.

¥ o=-3x" 4+ ox+3(m*-1)

£ . . .2 coy o P =2mix- 2wt -2
Lay y chia y’ ta dugc phuong trinh qua 2 diém cyc trj 1a; + ==" *~ <"
L o ax o A(.i‘l.jﬂufrl -2m - 3); B(.n.jﬁu::.n -2m’ - 3)
Hai diém cuc tri cua @6 thi ham so la: - -

LIl Uy

= xx, + (EHI:.‘L'I -2m’ - 3)(2}1::.1': -2m - 3) =()
= xx, + 4m” XX, = 4m’ (m: + |)(.‘l.'| +x, )+4(m: + I): =0

= (I - m:)(l +4m")+ 4(}3:: + I)(I +m’ - 2m’ ):CI
= (I - JFI:)(4}JI; +4m” +5):D = m=H.

m =-

a
— m =
Cau 60. Vi cac gia tri thyc cuia tham so b hoac

E a ¢
d (voi B0-CAEZL 4 b7 d 13 chc phan sb

y=-x +3x" + 3(}3:: - |).T- 3m® - 1

to1 gian) thi ham so ~ ¢o cuc dai, cuc tiéu va cac di€m cuec tri cua do thi

_a+b+c+d
ham sb cach déu gdc toa do O . Tinh gié tri biéu thirc a +b
A. > B. 6 C. 7 pD. 4

Loi giai
Chon A.

oy =- 3xT +6x+ ?:«(mz - I):—?s-(.r: - 2x-m" + I)
Tacod: .

(x)=x"-2x-m" +1, A . A —pt . . . .2 U
£ 1a tam thace bac hai c6 A" =m"_ Do d6: ¥ ¢6 cuc dai cuc tiéu © Y ¢6 hai

nghiém phan bigt © € ) 4 hai nghiém phan bigt® A'>0e m #0 (1)

A(I— mi-2- Em'-‘) .
A%

' 2 . B A . \ A 1
Khi d6 ¥ co cac nghiém la: l£m = toa do cac diém cuc tri cia do thi ham so la a

B(1+m;-2+2m")
Ta co: oA (I - m-2- 2"”3) = o4’ =(1- m) +4(| +m'-‘)—,

5:5 (I tm-2+ 2"”3) = 0B =(1 +m): +4(| - ):

A4 va B cach déu gbc toa d6 khi va chi khi :
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OA=0B o 04 =0B' o (1- m):+=1-(|+m'-‘): :(I+m): +=1-[| —m'-‘):

m =0
1
. m=*—
< ~4m+lom =0 < 2
m=4—
D061 chiéu vai dieu kién (1), ta thay chi 2 thoa mén yéu ciu bai toan.
a+b+c+d ©6
= = ==
a +b° 5
a2 V2 a c
i chc gid tr o "= abedeZ o p'd
CAu 61. Véi cac gia tri thuc cua tham so b hoac d  (voi @000 va b d 1acac
L 2 3
A AR e CaAacrs A V=X - 3mxt+dmT 4z . R ake
phan s0 toi gian) thi d6 thi ham so - ¢0 cac diém cuc dai va cuc ti€u doi xirng nhau qua

duong thing (4)1Y =X Gia trj bidu thue £ =a +b" +c" +d" 1.
A, P =8 B. P =28 c. P =10 p. P =18
Loi gidi
Chon D.
¥ =3x" - 6mx

. x =0
y =0 ,
X =_m A 12 Ay PR <R N
Pé ham so6 c6 cuc dai va cuc ti€u thi #0
NN

1 5 At v B Y T RN
Gia str ham so c6 hai diém cuec tri 1a: A(0;4m” ), B(2m;0) = AB =(2m;-4mr)

Trung diém cta doan 4B 1a 1(m:2m°)
Piéu kién d¢ 4B d6i xting nhau qua duong thang ¥ =" 1a 4B vudng goc véi duong thang (d):y=x g,
] . =0
2m- 4m” =0 "
— ) — ]
e 2m’ =m m :iT“
N
) . m=t—
Keét hop véi dicu kién ta co: 2
P=a +b +c" +d° =18
b b
: s o — m=  abcEZ . - o
Cau 62. Vi cac gié tri thuc ciia tham s6 7 =4 hoac c (voi ¢ C va € phan s6 toi gian ) thi
X L1 = - -2 - I3 b 2 _ 2 2y
dé thi ham s =" = 3 +3m= 3 o6 hai diém cye tr 428 va thoa man 24E - (047 +0B7) =20,
, 7 p-a +h+c
ong do (OF} goc toa do) . Gia tri bicu thuc abe  a:
187 28 187 29
P= P= P=— P

A B B. 187, c. 2. p. 187
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Loi giai
Chon D.

Taco: ¥ =m(3x" - Ox)

. x=0= y=3m-3
y =0«

Véi moi ™ #0 ,taco

A(0:3m- 3):B(2:-m- 3)

- =7 =y
x=2= p=-m-3 A s A1a gq . a2 .
. . Vay ham s6 luon c¢6 hai diém cuc tri.

Gia stir
m =1
2AB - (04" +0B’ ) =20 = 1lm" +6m-17 =0 = 17
m == —
Tacod: 1 ( théa man)
m =1
17
. m == —
Vay gia tri 7 can tim la: 11
_a+b+c 29
a.b.c 187
b b
. e, . _ m=--— .a.bceZ’ - .
Cau 63. Vi cac gia tri thuc cua tham s6 7 —¢ hoac ¢ (voi ©PC va ¢ phan s0 toi gidn ) thi
) . _ ) ) . PIY- I
duong thang A:x+my+3=0 tao voi duong thang di qua hai diém cuc tri do thi ham so y=x-3x
4 a+bh+c
C) . Cosa =— . P=
(©) mot goc @, bidt 5 Giatrj biuthee  @-b-c a
=- E P :E P :E P =- H
A. I, B. I c. IS D. 15,
Loi giai

Chon A.

9 : _o . VIPT n(21
Puong thing di qua PCD, BCT 1a &1 12X*Y =0 n,(21)

. . — VIPT n{lm
Puong thang da cho Atx+ny+3=0 4 2(1' )

|m+ 2| 4

& cos(a,,) =[cos(n,n,)| =

Yéu ciu bai toan JE,an +1 5

m=2
= 2
_ P:ﬂ+|'r3‘+|’_‘ _. E
a-hb-¢ 1

v =23 - 97 +12x N P A g1 4R . b ‘.
Cau 64. Cho hamsd ¥ ==* 9x +|“1+‘l”.G1a st do thi ham s6 c6 hai diém cyec tri 1a A, B dong thoi A,

B cung vdi gde toa do O khong thing hang. Khi d6 chu vi AO4B nho nhét bang bao nhiéu ?
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A N0 42, B.10+42, c.N20- 410, p. V3+V2,

Loi giai

Chon B.

I 2 . ]
, = - +12
Taco: ¥ =0x 18x+1

x=l= y()=5+m

v =0 =
’ x=2= y(2)=4+m

. - 5 . ,
AQS+m) o BQd+m) o i et cda db thi ham sb.
04 =:5+m) 0B =(2:4+m) AB=Q:-1)

OAB lal tamgléc (=14 “d-m#E2 = mE-0

2p :J] +(m+5) +J4 +(m +4) +Jf

Chu vi ctia AO4B 13:

H|+|1'| .2|u +1'| cou=(-5-m) . v=(02:4+m)
Vi va

Sir dung tinh chét
TL‘l’d(’)tacé:"I+(nH5)’ *\’4’“(*”+4)'+-r'5-3\[3-+(7-1'+£:m+4§
=5-m 1 14
‘ s - = = == —
Déu bang xay ra khi va chi khi *>¥ ciung huéng d4m 2 3

—. 14
Vio+2) =5

Vay chu vi AOAB pho nhit bang

y =ax" +bx’ +¢ (a #20)

HAM SO TRUNG PHUONG

y=x"=20m+1)x +m"

Cau 65. Tim cac gia tri cua tham s6/7? d€ do thi ham so: - c6 ba diém cuc tri la ba

dinh cua mdgt tam giac vudng can.
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m =0

A.Khong ton tai m.  B.Mm =0, c.lm=-1 p.m

-1
Loi gidi

Chon B.

vy =4x - 4(m+1)x

v =0e 4.1'(1': - m- I) =0

Ham s6 c6 diém 3 cuc trj < m > -1

A(U;m:l B(— Jm+1-2m- I)._ C(-Jm+ 12 2m - I)

Khi @6 3 diém cuc tri cua d6 thi ham s6 1a :

Do tinh chit d6i ximg, ta c6 ABC can tai dinh 4 .
N Uug dug
Vay AMBC chij ¢6 thé vudng can tai dinh 4 = 4B.AC =0
m =0

e -(m+D)+(-m*- 2m-1)7 =0 = m* +4m” +6m° +3m =0 = |
m=-

Két hop diéu kién ta co: ™ =0 ( thoa man).
Luu y: Co thé lam theo cach khac:
+) Cdach 1: Goi M 1a trung diém cua BC, tim toa do diém M, AABC vuong tai dinh 4 thi 2AM =BC
+) Céch 2: St dung dinh 1y Pitago BC™ =AB™ +AC
UL UL )

EDS(BA._ BC) =cos 45"

+) Cach 3:
b—+l =0

+) Hoic st dung cong thuc 8@
Ciu 66. Vi cac gia tri thuc cua tham sé ”? =¢ hogc ™ =b (voi aeZ heZ ) thi @6 thi ham sd

r=xt e 2mixt + . .2 . . , , A ., N n c 1R ,
y=x-Ima +1 (€) c6 ba di€m cuyc tri tao thanh ba dinh cia mot tam gidc vuong can. Gia tri biéu thirc

3a®- b
:T la:
A P=0 B. P=-1, C.P=2, p. P=-2
Loi gidi
Chon D.
v =4x - dm'x

y =0= 4.1'(.1': - m:) =

Ham sb ¢6 3 diém cuc tri & m #0

, . . AC0:1), BUm:l-m™ ), C\-m;l-m”
Khi d6 3 diém cuc tri cua do thi ham so 1a : ©:1). ( ' ) ( ' )

Do tinh chit d6i ximg, ta c6 ABC can tai dinh 4 .
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W0 mo . m =0
A= ABAC =0= -m +m =0=

Vay AABC ¢hj ¢6 thé vudng can tai dinh m =l
Két hop didu kién ta co: ™ ==EL ( thoa man).

i b—+ 1=0
Luru ¥: ¢6 thé sir dung cong thue 8¢

b ﬁ b

m=a+ -
Ciu 67. Vi cac gia tri thyc ciia tham s ¢ (voi a,b,c€Z g5 ¢ 13 phan s6 tdi gian ) thi do thi
L V=X - = +2m- .2 . . A . Y-
ham s6 © ~" 40m-1x"+2m- 1 c6 3 diém cuc tri tao thanh 3 dinh cia mot tam giac déu. Gia tri bicu
thie 7 =27 +3"+4 1.
A. P =11 B. =9, C. P=21, p. P =15

Loi giai

Chon C.

Ta cb p =4 - 8(m- Dx=4x(+*- 2(m- 1)).
y=0e | =

)  =20m- 1)

nén ham s6 ¢6 3 diém cuec tri khi m >1,

Véi dk ”>1 @6 thi ham s6 c6 3 diém cuec tri 1a:

A(0;2m- 1), B(m ~4m” +10m- 5). B(- m:-ﬂdu: +10m - 5).
Ta co:

AB* =AC? =2(m- D+16(m- 1)
BC* =8(m-1)

Pé 3 diém cuc trj ciia d6 thi ham sd tao thanh tam giac déu thi:
AB =AC =BC = AB* =AC? =BC* = 2(m- 1)+16(m- 1) =8(m-1)

m =1

. (m- I}[S(m— |}3—3] =0 = —|+&'E
= 8(m-1) -3(n-1)=0 o =t
. m =1+ VG
So sanh véi diéu kién ta co: 2 théa man.

= P =2"+3 +4 =2]
o i+3 =0 -8(m-1Y +3=0e m:l+£
Ciach khac: 4p dung cong thire 84 2

" \ A y=x-2mx+m- 2 ah 1t 1 £ .2 . \ ., n
CAu 68. Chohamsd ¥ =% =~ <Mt ©m I . Bé do thi ham s6 c6 ba di€m cuyc tri tao thanh 1 tam giac nhan

géc toa do O lam truc tam thi gid tri cia tham s6 thuc ™ thudc khoang nao sau day?
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Toan 12
AL m-E(-lD;-ﬁ). B. mE(-S;U)' C. mE(O;S). D. me(S;lO)'
Loi giai
Chon C.
' =4x’ - 4mx
x =0
-].'I :':l — ,
* =" Ham sé ¢6 3 diém cuc tri © m >0
Khi d6 d6 thi ham s6 c6 3 diém cuc trj 1a:
A(0:m-1) B(JE;HI: +m- I) C(— JE;H::+HI- I)
Vi B,C dbi xting nhau qua tryc tung nén BC 1 OA
Do d6 O 1 tryc tam tam gidgc 4BC o OB L AC pay OBAC =0
ann uuu
.. OB :(JE._HI: + 1 - I)._AC :(- JE._HI:)
Véi
L —m+m:(m: +m- I):D

Tu do:

m =0
—

m =1

Vay m =1 13 gtet .

Céiu 69. Vi cac gia tri thuc cua tham s " =-¢@ hoic ™ =b (véi a,bEZ) thi dd thi ham so:

r=xt - 2mi w4l .2 . aA . .2 C o4 e A \ .
y=a s 2mea ks 4] c6 ba diém cuc tri, dong thoi ba diém cuc tri d6 cung véi goc O tao thanh 1 tr gide

noi tiép. Gid tri biéu thae F© =a +3ab+b" 1.
A P=T B. P =2 Cc. P=5 p. P =3
Loi giai
Chon A.
y =y =4x" - dm’x
Ham s6 ¢6 3 diém cuc tri khi 7 #0

, AW m™ +1), B(-m:1), c(m:1
Khi d6 3 diém cuye tri 1a: (0" +1),5 - 1), C (31

Goi I 1a tim duong tron ngoai tiép( néu co) cua tir giac ABOC Do tinh chét di ximg , ta co:
4,0,1 thang hang = 40 13 duong kinh cua dudng tron ngoai tiép( néu c6) cua tir giac ABOC
'm =0

uug Judg ¢:}
Vay 4B L OB < ABOB =0 m’ - m* =0 {m ==l
Két hop diéu kién ==+ ( thoa man).

P =a’ +5ab+bh" =T
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Todn 12

y=x-8mx +l

Cau 70. Tim cac gia tri cua tham s6/7 dé do thi ham so: co6 ba diém cuc tri . Pong thoi

ba diém cuc tri d6 12 ba dinh cua mot tam giac co6 dién tich béng 64.
A. Khong t6n tai m. B.m ={2. c.m=-32. p.m =+2.
Loi giai
Chon D.

Ham s6 ¢6 3 diém cuyc tri khi m #0

K b 2 4 1 <

51,,:-.‘51. :_1-— = ‘}— 5‘..:‘:‘5'.' :_:}_ = '}i = l:"_'li1- :m‘% S}% = m :m

Ap dung cong thic |ﬂ| “4 ta cor |ﬂ | ~a -
( thoéa man).

y=x"-0Bm-1)x" +2m+1

Cau 71. Tim cac gia tri cia tham s0 " dé do thi ham so: co ba diém cuc tri.

Dé)ng thoi ba diém cuc tri d6 cung voi diém (7:3) noi tiép dugc mot duong tron.
A.m =3. B.m =1. c.m=-1 D. Khong ton tai m.

Loi giai

Chon A.

) i m>—

Ham s6 ¢6 3 diém cyc tri khi 3

Ap dung cong thc:
. 2 |2 A (2 A

Xy - ‘ —-—+¢ _1'+L" —-—| =D

Phuong trinh dudng tron ngoai tiép A4BC 1a: b 4a b da)

Thay vao ta c6 phuong trinh:

4y - [ -27m® +75m" - m- 15| yal 54m* +75m” +41- 27m- 11 ~0(7)

4Gm-1) _ 4(3m-1)

D(7:3)e(T)= 27m" - 78m +92m" - 336m +99 =0

Sir dung chirc nang SOLVE , tim ra nghiém duy nhét théa man 1a 7 =3 .

C"JE e+42

a _
oom=— m= m =
Cau 72. V61 cac gia tri thyc cua tham so b hoic d hoic / (voi

a

a,b,c,de fed r=-x 4+ 2mx’ - dm+1

va b 1a phan s tdi gian) thi d0 thi ham s6: * 6 ba diém cuc tri,
_a +bh+c

P=——07F
d +e + f°

déng thoi ba diém cuc tri do cung voi géc toa do tao thanh 1 hinh thoi. Gi4 tri biéu thirc

la:
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Todn 12

Loi giai
Chon B.
Ham sb ¢6 3 diém cuc tri khi m >0

A(0:1- 4;1:)._3(— JE.jm: - 4}1:+|),C(JE;}H: - 4m+|)

Ba diém cuc tri la:

¢ OBAC g3 co VB =0C AB =AC 5y 11t giac OBAC 13 hinh thoi chi cin thém didu kién

T gia
OB —AC = m+(m: = 4m +I)' =m+m = (m: - 4m+l)' -m =0

= (m: -dm+1-m )(m: = dm+1 +m:) =0 (1- 4}::)(3}1:3 - 4m+|)

m =

b s | o=

"-.j

+2

m =

2 ( thoa man

:+h:+: 3
P_ﬂ C _

TS
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Todn 12

_ax’ +hx+c

J

N . - S
HAM SO HU'U TI: dx+e

Cich viét phuwong trinh duwdong thﬁng ndi hai diém cwe tri cia ham s phan thirc:

} _Qlx) _ax’ +bx+c
Plx) dx +¢e

_Q'(x,)

yD 1
+ Giasit %oYe) 13 diém cye tri thi P(x,)

y=f(x

+ Gia str ham s6 c6 cuc dai va cyc tiéu thi phuong trinh dudng thang di qua hai diém cuc tri dy 1a:

Q') Zdax+b 28 b
— —] — + —
YTPw T d d 'd

(Lay dao ham tir chia dao ham mau = Phuong trinh dudng thang ndi hai diém cuc tri)

X+
Cau 73. Cho ham s 1- X . TimMdé khoang cach giita hai diém cuc tri bang 10.
Am=4 B.m=1 c.m=-1 p.m=2

Loi giai
Chon A.
* Ham s d cho xac dinh va lién tuc tren 0 = i \ {1}

L eX+X+m 0
- — =
. . ) . 1- x

*  P¢ ham so c6 hai cuc tri thi [ )

¢6 hai nghiém phan biét* 1.
Uglx)=-x*+2x+m=0 (1
alx) [ )c() hai nghiém phén biét* 1.

a=-1* 0
g gx)=-x"+2x+m=0 SEHAQL D';=1+m:r[]l] m::--l[E}
g(1): 0 1+m* 0

o N o , : 1
* Goi hoanh do cuc tri cua ham so 1a X1 X2 ng cling chinh 1a 2 nghiém cua phuong trinh( ) .

S =x +x,=- E=2P= 12=E=-m (3)
* Theo dinh ly Viet: ) a . a
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Todan 12
. MixGy LN (X I i .
* Gia s ( 1 }.’1} ( 2 }.’2] 1a cac diém cuc tri cia ham so. Ta co:
2 +m
y,=— =-X-my =-2-m
-1 1 Z - \ X \ 2 L:m s R .
(thay vao phuong trinh dudng thang noi 2 diém cuc tri)

(X2+”K]'_2x+m_

= = =-2X-m
S . Y (1- x)! -1
[thay vao phuong trinh duong thang ndi 2 diém cuec tri: ]
- - 2 2
. MN =10U MN?=100U - +\y. - =100 {4
* Theo dé bai, ta co: {xz XJ} [3"’ 2 1‘"1] [ )
2 2 - 2
~x ) +4x- x) =100 (x- x ) =20
* Thay(3) Ve‘lo(4) , ta duogc: [xz xl) (Xz Xl) [x2 xl)
U (x +x)- axx =200 4+4n=20p m=4
% Solai véi (2P 1M =14 464 veu chu bai todn,
X+ M+ x+m+1
Cau 74. Cho ham sb x+1 . Goi A'B 14 hai diém cuc tri, dinh Mdé dién tich

DOAB bang 2. Vé&i M vira tim dugc, tinh khoang cach tir O dén duong thang AB.

gm=2 gn=-3
N B.gn_l c.m=-1 p.m=2
Loi giai
Chon B.
(-¥:;-)E(- 1+¥)

* Ham s d3 cho xé4c dinh va lién tuc trén
2
X+ 2% _

, ) g(=ﬂb y=m+1
[::c+1}2

lel _1 I_
y'=0U
=-2P y=m- 3
. Cho g Y .

Alem +1);B(- 2m- 3)_

1
* Taco:

Do d6 hai diém cuc tri 1a
un 2 2
OA=(x,- x;y,- ¥ )=(0m+1)p DAz\([[]} +(m+1) =|m+1|
LI

OB =(x - x;y,- y,)=(-2m- 3)p OB =J[- 2) +(m- 3 = - em+13

* Ta co:

P S0 =%J[DADB)2- [SEW=%J[m+1)E(nf- 6m+13)- §m- 3)(m- 3} :|m+]4'

. . En=-3
Spasc =2U m+1=20 %111:1
* Ma i
X+ +2
Cau 75. Cho ham sb x+1 . Tim tham s6Mdé ham s ¢6 cuc dai va cuc tiéu, dong thoi
D:x+y+2=0

khoang céch tir hai diém 4y dén dudng thang bang nhau.
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Todn 12
1
m=- = m
A. 2 B.m=1 cm=-1 D.

N =

Loi giai
Chon D.
D= \{1}

* Ham so da cho lién tuc va xac dinh trén

0 X+ X+2m- 2

y' 0

2
A % : +1
* PEé ham so co cuc dai va cuc ti€u [X ) c6 2 nghiém phan biét1 -1
fa=1! 0 ;
UID'=3-2m>0 Um<=Z
U =x"+2+2m- 2=0 -l=2m- 3+ 0
gix) X c6 2 nghiém phan biét* - 1. Qf( ) (1)

g(x)=0

- XX, - , = Y N s n . s X \ 2 I
* Goi " T 2]a nghiém cua , d6 chinh 1a hoanh d¢ cuc tri. Khi do, phuong trinh duong thang noi

e ram+2) o iom
B [x+1)' 1

=2x+2m

hai diém cuec tri la:

Alx;2x +2m);B(x ;2 +2m)

P Hai diém cuc tri ctia dd thi 1a:

¥ Theo dinh If Vier 2 7% == % X% == 2m

d(a,D)=d(B,D)U jitvit3 oty +3 0 J3x, +2m+2/ =3, +2m+2

* Theo dé: "E "E

(3¢ +2m+2) =(3¢ +2m+2] 0 (3x +2m+2 - (3 +2m+2) =0

—

0 (x - xz)%[x1+x2]+4rn+4a=ﬂﬂ 3(x, +x,) +dm+4=0(do x, * x,)
- - 1 1
O 3(-2)+4m+4=00m== (Yp m=3 ‘
2 Két hop voi thoa yéu cau bai toan.
M +3mx+2m+1
Cau 76. Cho ham s x-1 . Tim tham s6 thye/M @ ham s6 ¢6 hai diém cuc tri, dong

thoi hai diém cyc tri nay nam vé hai phia so véi truc hoanh.

. 14 - 19,
m|§¥;- =3 m|§¥;- “3E(- 1+¥)

A. 2d B. 26

i 1Q.

| & ¥ ;23 (0+¥ -
C.m E 25{ ). D.ml{_l.Hé)

Loi gidi
Chon C.

* Ham sb da cho xéc dinh va lién tuc trén D=i\ {1}.
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Todn 12

~ o, mx*- 2mx- Sm- 1

Uy 0
(x- 2f

x 11

21 s £ . , A A 1ia, X
* Pé ham so0 co6 2 cuc tri ¢6 2 nghiém phén bigt “1"" 2

U g(x)=mx*- 2nx- 5m- 1=0 1
g( ) c6 2 nghiém phan biétxl'x2 1.

. im0 & 1
. ta=m1*0 . te 1 - -- =
D'=mz+m(5m+1)::-ﬂu g<-gY g:-nﬁ
gn::-ﬂ (*)
(mx® +3mx +2m + 1)
¥y = = 21X + 3m

: . . x- 1)
* Phuong trinh duong thing ndi 2 diém cuc tri: [ ]

U yix )y(x)<o0

* PE 2 diém cuc tri nay nam vé hai phia so véi truc hoanhOX
O (2mx, + 3m)(2mx, + 3m) <00 wglxz— (x, +x2)+18¢:[}

& 1
U 4m(- 2m- ) <00 &< 3
-

(*)p mi §¥;%§E[Q+¥)

* Két hop voi thoa yéu cau bai toan.
=X+ 2K +5

CAu 77. Cho ham sb x-1 . Tim tham s6 thyc ™M dé ham sd ¢6 hai diém cuec tri, dong thoi

hai diém cuc tri ndy nam vé hai phia so véi duong thang D:y=2x

A M<- 2 B.m3 2\/6
C.- 2- 2@{m¢:-2+2@. D. - ﬁc:mn:\@
Loi giai
Chon C.
* Ham sb da cho x4c dinh va lién tuc trénD =i ]"{1}.

X+ x- (2m- 5)=
(x- 1)

21 I . c s , .  n n Lxox.t 1
* P¢ ham so6 co hai cyc tri thi ¢0 hai nghi¢m phan biét" 1" 2 .

gx)=-x*+2x- (2m- 5)=0(1)

=

. 1
¢6 hai nghiém phan biétxl'x2 1.
. ffa=-1* 0
6 .
X +2- (2m- 5)=0  <~nial) [§D'=-2m+6>0
g(1)* 0 -2m+6* 0 Um<3(2

El
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Todan 12
) : . ) 1
* Got hoanh do cuc tri cua ham so 1a X1 X2 ng cling chinh 1a 2 nghiém cua phuong trinh( ) :

S=x +x,=- §=2;P =xx,=—=2m- 5 (3

C
* Theo dinh 1y Viet: a

M (xsy,).N (xiy,)

* Giasu la cac diém cuc tri cua ham so. Ta co:

yi=-2¢+2my, =- 2, +2m

(thay vao phuong trinh duong thang ndi 2 diém cuc tri)

, , Mix:v LN (X . L ) , v —
* D¢ hai diém cyc tri [ ! }f’]) [ z }r’z) nam v¢ hai phia so voi duong théngD Y =Xy,

(2¢- ¥,)(2x, - v,) <00 (ax,- 2m)(ax, - 2m) <00 16xx, - 8m(x, +x,)+4m* <0 (4]

* Thay 3 vao ™. ta duge: 16(2m- 5)- &n2+4m <00 N7 +4m- 20<0

0-2-2/6<m<-2+26

(2)

-2- Ae<m<-2+206

* Sovdi' ', taduoc: thoa yéu cau bai toan.
y _x'- (m+1x- n’ +4m- 2
Cau 78. Tim cac gia tri cia M dé ham s x- 1 ¢c6 cuc dai va cuc tiéu,

ddng thoi tich cac gia tri cuc dai va cyc tiéu dat gia tri nho nhét.

1 7
m=- - m

_7 m=. 3
A. 2 B. 5 C. 2

3
I
N W

Loi giai
Chon B.
* Ham s d3 cho xéac dinh va lién tuc trén D=j\ {1}.
* Ham s ¢6 cuc dai va cuc tiéu khi va chi khi:
_X'- 2X+nr- 3n+3
(x- 2y

=0U g(x) =x*- 2x+n7- 3Im+3=0(1)

c6 hai nghiém phan biét
fa=1 0
UID'=-n?+3m- 2500 1<m<2 (2
xpx,t 1 Qf[l)=mz- 3In+2: 0

* GQiA[xl;Fl);B[xz;yz) Q(X) = 0.

s s oaeR T £ 13X X5 s ‘A ,
la cac di€m cuyc tri cia ham s6 thi” ' 2]a nghiém cua

y'=00 %ﬁl_ N-m*+3m- 2P y, =1- m+2{-n? +3m- 2
32:1+“"'m2+3”' 2Py, =1- m- 2J-m? +3m- 2

* Khi do:

v, =[1- m+ 2y- m? + 3m- 2][1- m- 2J- n? +3m- 2)

* Ta co:
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Todan 12
2 7 a4 4
=h-m)-44ﬁ+3ﬂ-3=5ﬁ-LMHﬂ=5§wEﬁ-gi-g
Y im=1!
p [y___.yz)m_n =- 3 khi m 5

(2 =] m=z

* So lai voi diéu kién 51a gia tri can tim.

DANG 4

CUC TRI HAM SO TRI TUYET POI CHUA THAM SO ™

\ + v=fix) , A a:R . Vs £ 1’:{("5) . £ 4R .
* Him s0 - /(@) c6 M 56 diém cyc tri duong thi hamso = - ‘ | c6 2n+1 ¢§ didm cuec tri.
\ AV =]\ . A 2R PR \ (X) =0 , A ‘A N 1Al 12
* Him s0 - /(&) c6 " 0 diém cuc tri va phuong trinh f cd M s6 nghiém don va boi 1€ thj
\ ¥V :‘f(‘-)‘ . A 2:R .
hamso = I cH n+m g5 diém cuc tri.
\ ; y=f(x)=ax +b" +cx+d , . . ..z . X, X a1 LV :|f‘(r‘-')‘ ,
* Ham s0 - £() co hai diém cuc tri *17°"2. Khi d6 hamso = F co:

+ 3 diém cuc tri = flx).f(x,)=0

+ 5 diém cyc trj = (). f(,)<0

B B T A+
. . . . V=[x - 2mx +04x
Cau 79. C¢6 bao nhiéu gia tri nguyén duong cua tham s6 " dé ham so - c6 dung ba

diém cuc tri?
A3, B. 6. C. 12, D. 11,

Loi giai

Chon C.

Xét ham sé & (x)=x"- 2mx" +64x ) llm o () =+
x =0

glx)=0=

x' - 2mx + 64 =0
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Todn 12

h g(x)=0

Suy ra phuong trin c6 it nhat hai nghiém don phén biét.

v =lglx 2 ey . 2 v=glx
Do d6 ham so - ‘g ‘cé ding ba di€m cuyc tri khi va chi khi ham s& g(x)

c6 ding mot di€m cuyc tri.

Ay N
alx)

Ta co £ (x)=4x" - 4mx + f]4.
# o IG
g (x)=0s m=x'+— () =0
X (vi x=0 khong 1a nghiém cuia phuong trinh gL ).
= I G ] I G 2 " - I G
h ()=x"+— n'()=2x- — :1—: () =0 < ¥ =2
Xét ham so o x x ;o T
Ta c6 bang bién thién:
x [ 0 2 +00
f’.r‘r[l') — — 0 +
+on +c0 —+00
f?{\‘] \ /
12
—a0)

Tur bang bién thién suy ra M <12
Vay ¢6 12 gia tri nguyén duong cta 7 thoa yéu cu bai toan.

, , oy =|x* +ax’ - 8x .
Céu 80. Co bao nhiéu gia trj nguyén 4m cta tham s6 ¢ dé ham so6 c6 dung 3 diém cuc

tri?
A, B. 6. c. 11, p. 10
Loi gidi
Chon B.

Xét € (x) =x" +ax - 8x

g'(x)=4x" +2ax- 8

. 5 - :
g (x)=0e 4x" +2ax- 8§ =0 -a = 4 =2x - 4 =h(x)
Xét x X (do ¥ =0 khong 1a nghiém)
x =0
(I):I:I =3 ) R
€ ¥ 4ar-8=0e -g=> 5 =x"- 8 =k (x)
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Todn 12

X

h'(x) 24.1'+% =0 e x=-1]

A—»(.x-):z_wiz —0e x=i-2
X '

x | —oo ¥4 -1 0 +o0
+oo \ —+00 +oo
h (x) »(H) /
\ 6 -0
+o0 +00 +oo
\ 9 -~
k (x)
w .

vl @)

Pé ham so coding 3 cuctrj = ~a =0 = a=-0,

| :
\ s £ A A A @E -0 5-4-3-20- ]
Ma @ 1a s6 nguyén 4m nén ' b,

. f(x) =‘x3+3x2— 3+m

Cau 81. Tim tat ca cac gia tri cia ”* d€ ham so c0 ba diém cuc tri.

A. M=3hozc M=-1. B. M =1 hoic M=-3,
C.1<m=3. D. M =23 hoge M=<-1,
Loi giai
Chon D.

Nhdn xét: Ding phép bién doi d0 thi ham s6 chira dau gia tri tuyét d6i va nhan xét hinh dang db thi thong
qua bang bién thién dé két luan vé cuc tri ham sb.
L v o= —y3 .22, .
Phin tich: Xétham s6 ¥ =9(X) =XT+3X7-3+m o R g 56 @=1>0.
x =0
. 5 y
y =g'(x) =3x*+6x. X =-2

Ham so ¢o ; .Ham s§Y =g(x) luén c6 hai cuec tri.

Néu g(x)=0 c6 3 nghiém hay truc hoanh giao véi dd thi ham sb tai ba diém phan biét thi ham s6

Y :‘g(x)‘ c6 nam cuyc tri.

Neu g(x)=0 6 mot hodc hai nghiém thi ham s6 y :‘g(x )‘ s& c6 ba cuec tri.
(3+m1+m) =00 | M3

Pidu kion: IXe)9(X) 20 g(0).9(-2) =0 m<-1

hay

m
y=lx’-3x*-9x- 5+—
Cau 82. Tong cac gia tri cua tham so 77 @€ ham so

A.-2016. B. -496. C. 1952. D. 2016.

c6 5 diém cuec tri bang

Loi giai
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Todn 12

Chon D.

.3 _ 2 - _
Céch 1: V& db thi ham sb f(x)=x"- 307 - 9x- 5 nhu hinh bén duéi

f(x)

m
+—
2

Ta thay ham so cO 2 diém cyec tri nén cling luén ¢6 2 diém cuec tri.

fF(x)+7

Do d6 yéu cau bai toan Y sb giao diém cua do thi 2 véi truc hoanh 1a 3.

F(x)+2 (x)

Dé 56 giao diém cua do thi 2 v6i truc hoanh 1a 3 tacn tinh tién d0 thi f 1én trén nhung phai nho

%w0<T <320 0<m<64¥%IBOmi {1 2 3 ...; 63}
hon 32 don vi 2

%% § m=2016. Chon D

y=x"-3x"- 9x- 542

Cach 2: Bién luan. D6 thi ham s 2 ¢ duge bang cach tinh tién do thi ham s6
m m
y=x3-3x2-9x-5 A A E - A >0 tiasn 4 - A A ,.-3 . X <0
1én trén don vi néu M hodc tinh tién xudng dudi donvinéu M<V,

C6 3 truong hop:

TH1. M SO, ta ¢6 do thi nhu sau

—-32

e ———— ]

e ———— - — -

_____ -1 |0 x

1,{:1“—312—'«31—534-1;1 y=|:n:’—3:1:2—91—5+r;|
m
2
y =|x* - 3x* - 9x - 5+E
Ham so c6 ba cyec tri. Khong thoa yéu cau bai toan.

0<Z<32 .
TH2. 2 , ta ¢c6 do thi nhu sau
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Todn 12
¥l
/ 32

€T

LY

0]

[ ——— 7

L e

-1 |0 x

—32

F - m 5 -
y:r“—313—91_5+2 y=\:c"—3zz—9:c—5+r;|

y =[x’ - 3x% - 9x- 5+

Ham s 2 c6 nam cuyc tri. Théa yéu cAu bai toan.
m
— >32 .

TH3. 2 , ta c6 do thi nhu sau

32

.

y=:c:‘—312—9:c—5+r; y=|x3—3m2—9m—5+,;|

m
y =[x’ -3x*-9x- 5+—
Ham so 2] coba cuc tri. Khong thoa yéu cau bai toan.

me”zZ

0<Z<32
Y SRS S , A X ST Y e L2,..
Vay tat ca cac gia tri  thoa yéu cau bai toan la 2 = m {1 2 63] .

Vay tdng céc gia tri 7 thoéa yéu ciu bai toan 1a 2016

« f(X)=mx’ - 3mx* +Bm- 2)x+2-m

Cau 83. Cho ham so voi M 14 tham sb thuc. C6 bao nhiéu gia tri

nguyén cua tham sd me [- 10;10] dé ham sb g(x) :‘f(x)‘ ¢6 dang 5 diém cuyc tri ?
A.7. B. 9. C. 10. D. 11.
Loi giai
Chon C.
2 = 2 | = *
Cach 1: bé 9(x) |f(x)| co 2 diém cuc tri U f(x)=0 c6 3 nghi¢m phan biét. *)

. . &=1
f(x)=00 (x- 1)(mx*- 2nmx+m- 2)=00 & | ~ _
X6t g’ - 2mx+m- 2=0 (1)
im'o
10 {D¢=m?- m(m- 2)>0
f(1)=- 21 0

(Y u NP o ) I n N ,
Do do phuong trinh *™ ¢6 hai nghiém phan biét khac
U m>0%¥%y@mi {1 2 3 ..; 10},
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y :‘mx3 - 3mx® +(Bm- 2)x+2- m‘

Cach 2: Ham so c6 5 diém cuc tri

3 2
N 2z yv=mx -3mx”+Q(Bm-2)x+2-m ) 2 e
< d6 thi ham so Y ( ) cat truc Ox tai 3 diém phan biét

mx’ - 3mx® +(Bm- 2)x+2-m=0 (1) _ 3
CO

< phuong trinh nghiém phan biét.
x =1
2 < 2

Ta c6 () e (x- D(mx® - 2mx +m- 2) =0 £ (x)=mx* - 2mx+m- 2 =0(2)

m #0

e N =m*- m(m-2)>0
3 1)=-2#0

Yéu cau bai todan < phuong trinh @ c6 hai nghi¢ém phan biét khéc 1 AL

©m>0_vi m pguyén va me[- 10;10],nén m6[1,2,3,...,10} '

Vay ¢6 10 gia tri cua  théa méan yéu cau bai toan.

y =|x|3 - Cm+1)x? +3m|x|- 5

Cau84. Timtap hop tt ca cac gia tri thyc ctia tham s6 m dé ham sd ¢6 ba diém cuc

tri?
1 J l 1
- 00;— 0;— U(l;+oo) ) .
A. [ 4 B.l 4 c. C=0] p, (i+)
Loi gidi

Chon B.

P 2 _ . ]
Ham s6 —|x| Qm+1)x" + 3m|x| > c6 ba diém cuc tri khi va chi khi ham so

=x"- +1)x* +3mx - ez :
y=r (2m +1)x" +3mx- 5 c6 hai diém cyc tri khong am.

A =4m* - 5m+1>0

_20@m+1) = 4

3x2-2Qm+1)x+3m =0 >0; P=m =0

Vay phuong trinh khi:

Ciu 85. Cho ham s F ) =0 +1)x* +(-2""m? + 4)x° +4" +16

HOENORIN

voi M 1a tham so6 thuc. SO cuc tri cua

dd thi ham sé
A. 3. B. 5. C.6. D.7.
Loi giai

Chon A.

Céch 1: Ta c6: ° :‘f(x)- 1‘ = (f(x)- 1)2

, f'(x).[f(x)- 1]
y =

) ' (x)=0
-1y 7

f(x)-1=0

= | R=Y

Suy ra
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Toan 12
T (4 m+l 2
/() =0 6 3 nghiém don phan biét vi (m +1)(2 n +4)<0 véimoi M .
FG)-1=0 A =@ +2) - (m* +1).(4" +15)  _yom 2 a1t - 47 - 15

vo nghiém do

= (2"- m?) - 1lm*- 11<0

Viay ham sé da cho c6 3 cuc tri.

Y3 f(x)- 1

r \ « flx , <R . A A N Lo 44 ~ p 22 .
Cach 2. Ham so (x) c6 3 diém cuyec tri (dohéso @ va b traj dau) cling co 3 diém cuc tri.

Phuong trinh T %) 1=0 y4 nohiem (d gidi thich & trén)
g(x)=|f(x)- 1

Vay ham s6 ¢6 3cuec tri.

Cich 3: Die biét hoa ta cho =0, khi do ta duge ham / 07 1 =x*- 42> +16.
x =0
e | x=v2
Détg(X): F(x)-1 - A 16 = g'(x) =4x* - Sx; g’ (x)=0 o 453 - 8x =0 X :-\/5.
Ta co BBT
e 5 0 N oo

= 0 + 0 = 0 +
+an, 16 0
12 2

X1 £ =g\ N \ \ ~ ~ \ A X 3c 1n I4
Do @6 thi ham so Y g( ) nam hoan toan bén trén truc hoanh nén do thi ham so

y=g() =/ ()1 w3

Y Z‘g(x)‘ cling chinh

y=gkx)

la do6 thi ctia ham s6 . Khi @6 so6 diem cuc tri cua ham so

Ciu 86. Cho hamsé” =/ &) ¢6 d thi nhw hinh v& bén dudi.

Ay

| /
0 %
_3————

5 g(x) :‘f(x)+m‘

Tat ca cac gia tri thuc ctia tham s6 7 dé ham s co 3 diém cuc tri la

A, m==1pozc m=3 B. M =-3 hoge m 21
C. m =1 hogc m =3 p. 1 <m=<3
Loi gii
Chon A.

Cach 1:
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~ p A 2R ., \ < [Fx M , -
Nhan xét: SO diém cuec tri ciia ham so [ F(x) bang A+B véi

f(x)

® A a0 diém cuec tri cia ham

f(x)

® B 14 s0 giao diém cua v6i truc hoanh (khong tinh céc diém trung véi A & trén)

f(x)

~ . .2 . X)) +m . ~ , .2 .
da cho ¢6 2 diém cuc tri nén (x) cling ludn c6 2 diém cuec tri.

f(x)+m

Ap dung: Vi ham

Do d6 yéu cau bai toan Y sb giao diém cua dd thi véi truc hoanh 1a 1.

f(x)+m

bé s06 giao diém cua do thi véi truc hoanh 1a 1, ta can

® Tinh tién dd thi f(x) xudng duéi tbi thiéu 1 don vi 7#®mE- 1.
® Hoic tinh tién d6 thi FX) 16 rén 161 thiéu 3 don vi 7#®m?> 3.
Vé.y mf-1 hOé.C m3 3.
Cach 2:
y =f(x)+ m

- Pd thi ham s

y=1(x)

c6 duoc khi ta tinh tién (Ién trén hoac xuéng dudi) dd thi ham s

theo phuong truc tung |m| don vi

y Z‘f(x)+m‘

- P6 thi ham s6 gdm hai phan.

c y=f(x)+m

Phin 1: La phan d6 thi nim phia trén tryc hoanh ciia ham sb

y=f()+m

Phan 2: Lay d6i xtmg phan do thi nam phia duéi truc hoanh ciia ham s6

Nhén xét:

qua truc hoanh.

b% :f(x)+m

- Ung voi moi diém cuc tri ctia do thi ham so s€ cho ta mdt diém cuc tri cua do thi ham so

= + 5 \ ,
Y ‘f () m‘ (cac diém cuyc tri twrong tmg do6 cua hai do thi sé trung nhau hodc doi ximg nhau qua truc hoanh)

y=f)+m

- Moi giao diém cua do thi cia ham s6 vo1 truc hoanh s€ tao thanh mét diém cuec tri cua ham

<& y Z‘f(x)+m‘

y:f(x)+m y=‘f(x)+m‘

Do d6 thi ham s6 da co hai diém cuc tri nén dé @6 thi ham so ¢6 ba diém cuc

tri, xay ra hai truong hop sau:

TH1: D6 thi ham sb y=/G)+m c6 ding mot diém chung véi truc hoanh @ YepYer >0

m<-1
=
o (m+1).(m-3)>0 m>3

TH2: D) thi ham s6 y=r G)+m ¢6 mét diém cuc tri thudc truc hoanh ® VepYer =0
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m=-1
[—t
o (m+1).Gn-3)=0 m =3

Két hop ca hai truong hop ta cd ™ =3 hoge ™ <=1 13 gia tri cAn tim.

Cau 87. Hinh v& 1a d6 thi ham sb y=/ (x) Goi S 1a tap hop cac gid tri nguyén duong ctia tham s6 M gé

57 :‘f(x- 1)+m‘

ham s c6 5 diém cuc tri. TOng gia tri tat ca cac phan tir cua S bang

L

\ 1
_ =
f >

5

A9 B. 12 c. 18 D. 15
Loi giai
Chon B.
Cach 1:
p / = - 1)+ 8 / = - = .
SO cuc tri cia ham so Y ‘f(x ) m‘ bang sb cuc tri cua ham Y f(x ) hay Y f(x) cong véi soO

£ G- D+m =0(%)

nghi¢m don cua phuong trinh

Phuong trinh (*);f(x' Dtm=0e f(x-D=-me f()=-mt=x-1

Yéu cau bai toan xdy ra khi phuong trinh (*) ¢6 hai nghiém don phan biét

Dods ~6<-m=-3 hoic 25'm.V€1y m€[3;4;5}.

Cach 2:

Do thi ham sb y=f(x-1) nhan dugc bang cach tinh tién dd thi ham sb y=f(x) sang phai 1 don vi nén

khoéng lam thay d6i tung d6 cac diém cyc tri.
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Do thi ham sb Y= f(x-D+m nhan duoc bﬁng cach tinh tién do thi ham sb y=f(x- l)lén trén m don

vi nén ta co: Yep =2+Myer =- 3+MYer =-6+m

N c V=[f(x-1)+ . . . V= - .
Do thi ham so Y | ( ) n—l nhén dugc bang cach tir do thi ham so y flx-D+m lay doi xting
phan db thi phia dudi truc hoanh qua truc hoanh va x6a di phan d6 thi phia duéi truc hoanh.

Dé @6 thi ham s ¢6 5 cuc tri
& -6+m<0<-3+ms 3=m<6= me|345

S S:[&-ﬂrj = 3+4+5=12

Ciu 88. Cho hamsé” =7 (x) ¢6 db thi nhu hinh v& bén dudi.
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Todn 12

Y

e

. , = +2018)+ ,
D& thi ham sé © () =/ G )+ c6 7 diém cyc tri khi

A. 2. B. 3. C. 4. D. 6.
Loi giai
Chon A.

Vi ham Fix) da cho c6 3 diém cyc tri nén F{x+2018)+m cling 1udn ¢6 3 diém cuc tri (do phép tinh tién
khong lam anh hudéng dén sb cuc tri).

f(x+2018)+m

Do d6 yéu cau bai toan U s§ giao diém cua do thi v6i truc hoanh 1a 4

f(x+2018)+m véi truc hoanh 1a % ta can dong thoi

Pé sb giao diém cua do thi
Tinh tién dd thi Flx) xudng dudi nhé hon 2 don vi 7@ m>- 2
Tinh tién d0 thi F(%) Jen trén nho hon 3 don vi /a®m<3.

- ) i
Vay 2<m<3¥%YE@ml {1 2} Chon A.

Ciu 89. Chohamsé? =7 () c6 d thi nhu hinh v& bén dudi.

Yy

-13

g(x) =f(|x+m|)

V6i M <-1 thi ham s6

A. 1. B. 2. C.3. D. 5.

¢ bao nhiéu diém cuc tri ?
Loi giai
Chon C.
Ao s £ Fx+ N NS Sy SR N ST
D6 thi ham so6 (e m) dugc suy ra tir @6 thi ham s6 Flx) bang cach lay doi xtrng trude roi méi tinh

tién. Lay ddi xtmg trude ta duoc d6 thi ham sb f(ix) nhu hinh bén dudi



Chuwong 1 - Ung dung dao ham dé khio sdt va vé do thi ham soé - Bai tdp theo CT méi 2025

Todn 12

Yy

[

" Jo \:/ T
! ]
|

—1

Dua vao d thi ham sd f(|x|) ta théy c6 3 diém cuc tri

phép tinh tién khong lam anh hudng dén s6 cuc tri).

f(X) LA L1 . ~ 1A v
c6 d6 thi nhu hinh vé bén dudi

y y = f(x)

Cau 90. Chohamsd ¥~

—d
U
(%]
L

Tim tat ca cac gi4 tri ctia tham s6 M dé do thi ham s6

%3 f(|x+m)

h(x) =| f2(x)+

cling ludn c6 3 diém cuec tri (vi

f(x)+n1 c6 dung 3 diém cuc tri.

1 1
A. m>7. B. m g c. m<l . MEL
Loi giai
Chon B.
= f? 3/ 3 _ . Y
Xét Q(X) f (X)+ f(x)+m/4® g([(x) fq(x)gf(x)_l_lu
A éc([(x)=0 ) A =1
glx)=0U ¢ IR0 G=3 .
&f(x)=-1
8<=a (a<0)
g1)= F()+ ()+m>m
9(3)=m
1
al=m- =
Ta tinh dugc 2
Bang bién thién cta ham sb g(x)
i “ 1 3 “+oc
Q’ - 0 + 0 -_ 0

a(x)

Duya vao bang bién thién, suy ra d6 thi ham so

c6 3 diém cuc tri.
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Toan 12
o) =| 200+ F () =& (4 + 2+ L
Suy ra db thi ham sé € 9 ¢6 3 diém cuc tri khi va chi khi dd thi
3 3 1
\ 2 g(x) : \ \ LA X s, M
ham so nam hoan toan phia trén truc OX (ké c4 tiép xiic) 4
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