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DE THI CHiNH THUC

so BAo DANH: ..

Call 1 (2,0 diem):
, ,. '" r 3x + ~ - 3 Fx+ 1 Fx- 2 , .a) Rut gon cae bieu tlnrc: P = Fx - Fx + Fx VOl x 2 O;x *1

x+ x-2 x+2 1- x
b) Tinh gia tri biSu thirc :

Q~('}4+M +,}6-Fs -JU +(,}4-M -,}6+Fs +JU
Call 2 (2,0 diem):

a) Giii phuong trinh: (,J x +2 -,J x - 2 ) (1+ -Jx2 - 4 ) = 4

{
X2 + xy - x = 2y2 +2y

b) Giai h~ phuang trinh: r=: t:
~x-l+'\jy=2

Call 3 (l,5 diem): Cho x, y, z> O.Tim gia tri nh6 nh:it cua biSu thue:

P ~SX2 + 6xy + Sy2 ~Sy2 + 6yz + SZ2 -JSz2 + 6zx + Sx2= + +------
x+ y+2z y+z+2x z+x+2y

Call 4 (3,5 diem): Cho mra duong tron (0; R), duong kinh BC e6 dinh, A thay d6i tren
mra duong tron sao eho AB>AC. GQi H la hinh chieu vuong goc cua A tren BC va E,
F I~n IuQ'1:la hinh ehiSu vuong g6e cua H tren AB, AC. Duong thang EF e~t mra duong
tron (0) tai P,Q (E n~m gitra P va F).

a) Chung minh AO vuong goc voi EF va AP2 = AE.AB. Til do suy ra tam giac
APH can tai A.

b) GQiD la giao diem cua PQ va Be, K Ia giao diS1U,eua AD vai ntl'a duo'ng tron
(0) (K khae A). Chung minh tu giae AEFK n9i tiSp.

c) D~t BH = x. Tinh di~n tieh tam giae ABH theo R, x. Tim vi tri eua diSm A
tren nua duong tron (0) dS di~n tieh tam giae ABH Ian nh:it.

2 2

Ca II5 (J, 0 azim): Tim x, y Ia s6 nguyen duang dS P = x y Iim9t s6 nguyen t6.
x2 + y2

------------------------- HffT--------------------------



HUaNG nAN vA flAp AN CHAM
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Khoa ngay 22 - 03 - 2017

* Dap em chi trinh bay mot loi giai cho m6i cdu. Trong bid lam cua h9C sinh yeu cdu
phai ldp ludn logic chat che, ddy au, chi tiit, ro rang.
* Trong m6i cdu, niu h9C sinh giai sai a buac giai truac thi cho aiim 0 ac5ivoi nhiing
buoc gild sau co lien quan.
* Diim thanh phdn cua m6i cdu noi chung phdn chia ain 0.25 aiim. Dc5ivoi aiim
thanh phdn la 0.5 aiim thi tuy t6 giam khao thong nhcit ai chiit thanh tung 0.25 aiim.
* H9C sinh khong ve hinh ac5ivoi Cdu 4 thi cho aiim 0 ac5ivoi Cdu 4. Truong h9]Jh9C
sinh co vehinh, neu ve sai ay nao thi cho aiim 0 ay do.
* H9C sinh co loi giai khac dap an (neu dung) wIn cho aiim tc5ida tuy theo mice aiim
cua timg cdu.
* Diim cua toan bai la t6n!; (khon!; lam trem sc5)cua aiim tcit ca cac ciiu.
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.............................................................. ••• •••••••••••••••••••••• H•••••••••

(a - b)(1+ab - a - b) = 0 q (a - b)(1- a)(1- b) = 0
qa=bva=lvb=1

2,0 di~m
u
Cit NQi dung Di~m

la

p = 3x+ 3Fx - 3 _ Fx +1_ Fx - 2
(Fx -l)(Fx +2) Fx +2 Fx-1

......... _ ·•.••••••_ .•·.•••.•_.•.•....H.•....•.._._.._ _ .._ ....•__•••••••.•.•' _ ..H........ .. _ _•.__••••••••••_ •••••.••••..•...........•.....•..._ .............•.•• ' _ ........•••••.....•......•.•• _ .

3x+3Fx - 3 - (Fx -l)(Fx +1) - (Fx - 2)(Fx +2)=--------~~~~~~~--~--~
(J;.-l)(~E +2)

0,25

0,25

0,5

0,5

0,25

0,25

3x+3Fx -3-x+1-x+4 x+3Fx +2= =
(Fx -1)(Fx +2) (Fx -1)(Fx +2)

_ (Fx +1)(Fx +2) _ Fx +1
- (Fx -1)(Fx +2) - Fx -1

Q~()4+.Ji5+)6-55 -JU +()4-.Ji5 -)6+55 +JU
Ib .=~(~~~=!!!~~~===!!!_=m~):~J(~~==!!!=~~:~:!!!_+J3)2

=i( 15+J3 +J7 -15 -J7r +i( 15 -J3 -J7 --15 +J3r
3 7

=-+-=5
2 2

2 2,0 di~m

..__ ·M _ •••••••••••••••_ _ _ _...

Ta co phuang trinh:
(a -b)(1 + ab) = a2 - b2

2a

......................................_ ........

TH1:a=bQ.Jx+2 =.Jx-2 (VN).
Trang 1

0,25

0,25

0,25

0,25



3

•.........................._ _- - _ - _ _ .

{
X2+XY-X=2y2+2Y (1)

"/x-l+JY=2 (2)
2b Ta co: x2 + - x = 2y2 + -1)x - 2y2 - 2y = 0

~=(y_l)2 -4(-2y2 -2y)=(3y+l)2
Do do phuong trinh (1) co hai nghiem: x = y +1v x = -2y (Toai do

TH2: a = 1<=>,,/ x'+ 2 = 1<=> x = -1 (loai).
TH3:b=I<=>"/x-2=I<=>x=3.
V~y huang trinh co nghiem x=3.
DK: x~l;y~O.

Thay vao phuong trinh (2): 2JY = 2 <=> y = 1.
V~y h~ phuong trinh co nghiem: (2,1).

0,25

0,25

0,25

0,25

1,5
Taco:
5x2 + 6xy + 5y2 = 4(x + y)2 + (x - y)2 ~ 4(x + y)2

................................ _ ~ ..

P 2(x+ y) 2(y+z) 2(z+x)
Suyra ~ + +----

x+ y+2z y+z+2x z+x+2y
..................................................................................................................................................................................................................................................~ _ _ ..

nat a = x + y. b = y + z: c = z + x: abc> 0LI. , , , , ,

Ta co:

p ~~+_l:!!_+~= 2(a +b+c + a+b+c + a+b+c -3)
b+c c+a a+b b+c c+a a+b

111
= (a + b + b + C + c + a )(-- + -- + --) - 6 ~ 9 - 6 = 3

b+c c+a a+b
GTNN cua P la 3 khi x=y=z

0,5

0,25

0,5

0,25
4 3,5 di~m

4a

Hinh ve ae chtmg minh cdu a cho 0,5

p

0,5

G9i I la gi~<?~~§lp~~a AO va EF: ._ __ _~~ ·················o,5·······
Trang 2



·' ---- ------ --- ------Ta c6 AEHF la hinh chfr nhat nen AEI = HAB,·EAI = ABH
_____j_ - .

M~:_!f4~± 4~lf.= ~g~, ~~y'bQY~<?!.l:gg~~y9.:~§¥~
Hai tam giac ABP va APE dong dang (g6c PAB chung va hai g6c ABP

. va APE bang nhau do cung AP bang cung AQ). Suy ra:
AP AB 2 2
-·-=-=>AP =AB.AE=AH =>AP=AH
AE AP
V~y tam APH can tai A.

0,5

G9i J la giao diem cua AH va EF. J la true tam tam giac OAD nen OJ
vuong g6c voi AK.

4b 1·..···· · ···..· · · · · · , _..........................................................................................................................j _ ..

Suy ra OJ di qua trung diem AK, do d6 OJ la trung tnrc AK nen
JA=JK=JE=JF.
V~y AEFK noi tiep.

0,5

0,5

4c

f)~t BH = x; (R < x < 2R). Ta c6 AH =.J HB.HC = .Jx(2R - x)

dt (ABH)= l_BHAH = l_x.Jx(2R - x)
2 2........................................................······•··..···········.··M· · .

0,25

0,25

0,5

5

......................,. '( -.;......•.

Dau bang xay ra khi x=3R12, khi d6 A Ia giao diem cua duong trung
true OC voi mra duong tron (0).

1,0 di~m

....._-- ,., _ _ .
2· 2 2· 2 .Suy ra: Py:x => y :x => y:x

..........................................................................................................................................................................................................................................................................................................................................................................................................................................

Tuong tv: x:y => x = y

........._ ........

de 2 2· .Do 0: x = 2P => x :2 => P:2 => P = 2 => x = y = 2.

0,25

0,25

0,25

0,25

Trang 3


