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I”i Té6m tat kién thirc
@. bUONG TIEM CAN NGANG

y=f(x) néu:

<

X > 400 X > —00

Dudng thdng v = ¥, la tiém can ngang
ctia db thi (khi x — +x).

lim f(x|]=y, hodc lim f(x)=y,.

& Puodng thing Y=Y, goi la dudng tiém can ngang (goi tit 14 tiém cin ngang) cta dd thi ham sb

Budng thing y = y, la tiém cdn ngang
ctia db thi (khi x — —=).

Hinh 1.20

®. PUONG TIEM CAN PUNG




& Puodng thang X=X, goi 1a dudng tiém can dimg (goi tt 14 tiém can duing) ctia d6 thi ham s y=f(x) néu

it nhat mot trong cac diéu kién sau dugc thoa man:

_!l,." Iy
:"Cu
I
/\, .
O X, X o
F I ) _5.!’
O X, X © %3 8
\/“_ ND
¥y =Rx) . B y =fx)
*
I
r
) )
a) va ). Dudng thing x = x, la tiém can dung b} va d). Budng thdng x = x, la tiém can dung
ctia @b th (khi x —» x,). cha do thi (khi x — x;).
Hinh 1.23

©. PUONG TIEM CAN XIEN



@ Puong théng y=ax+b(a#0) goi la duong tiém can xién (goi tat 1a tiém can xién) cla dd thi

ham sb y=f(x) néu:

o lim [f(x)—(ax+b)]=0 hoac lim [f(x)—(ax+b)]=0.

X -+ X > —00

\

Buong thang y=ax+bla tigm can xién Budng thang y = ax+blatigm can xién
cra do thi (khi x — +w=). clia dd thi (khi x — —wx).

Hinh 1.25

®. Phan dang toan co ban

‘Dang ®: Tim tiém can ngang cta do thi ham soé
r=Cac vi du minh hoa

. o , 3x—2
Cau 1: Tim tiém can ngang ciia dd thi ham sé y=f(x)= ;‘+ =
Loi gidi
3 -+
e Taco: limé, . f(x)=lim (;XMXTI:hm z,xm—i‘:s(;(;z,.mongm, limé, . f(x)=3¢,
X
1+—
X

* Vay d6 thi ham s6 f(x) c6 tiém cén ngang 13 duong thang y=3.

2
x+1

X

Cau 2: Tim cAc tiém cin ngang ciia d6 thj ham sé y=f(x)=

Loi giai

* Ta co:



2 2
. . vxT+1 . . x+1_ .. . 1 c
'hrn(,Xﬂmf(x):hm(,X”mTzllmchm —=lim {, o 1+?:1;cccc

2

liméy o f(x)=limé, . X opime, |- X =lime, w(— 1+L]=—1000¢
X X
* Vay dd thi ham s6 f(X) c6 hai tiém can ngang la y=1va y=—1.
1
X
T T
—1
'/_E..
* Nhin xét: D6 thi ham sb f(x) nhu Hinh 1.21.
. .. . —2x+1
Cau 3: Tim tiém cin ngang ctua do thi ham so y = x-l)fl .
Loi giai
* Tap x4c dinh: D=R | {—1}.
2x+1 _2+l 2x+1 _2+l
eTacolimi, , —="~=lim{, ,,——=-2;limé, ,—==limi,  ———=—20000,
x+1
1+— 1+—
X X

* Vay duong thing y=—2 14 tiém can ngang ctia dd thi ham sb.

‘Dang ®: Tim tiém can ding cta doé thi ham sé
=Cac vi du minh hoa

3—x
x+2°

Céu 1: Tim tiém cin ding ctia dd thi ham sé y=f(x)=
Loi giai
lim ¢

¢ Ta co: Xﬂ_Zﬂ‘f(x):limLXA—Z“}—X:+m[.[)("(J' TlIO'l’lg tu, lim (:‘x_.—z"‘f(x):—wL(""

* Vay db thi ham s6 f (x) ¢6 tiém can dung 1a duong thing x=—2.



2
X +2

X

Céu 2: Tim tiém can dmg cta dd thi ham sé y=f(x)=

Loi giai

¢ Ta co: lim Cx - 0%f(x)=lim "‘xmx”;z:m"“"c- Tuong ty, lim (',Xﬂoﬂ.f(x):_m[,,

* Vay d6 thi ham s f (x) ¢o tiém can dung 1a dudng thang x=0.

Cau 3: Tim ti€ém can dung cua do thi cac ham so sau:

2
= . b = .
Q) Y= VY=
Loi gidi
a) Tép xée dinh: D=R | [=1;1}. Tacd "™ v —oimi u”.

* Suy ra duong thang x=—1 1a mot tiém cén dung cta do thi ham sb.

, lim ¢ b
¢ Taco x—1" lez—oo;lirnL T
X FEPi

* Suy ra duong thing x=1 1a mot tiém can dung cua do thi ham sb.

Vx—

b) Tap xéc dinh: D=(1;+00), Vi 1M C . > __.;* nén duomg thing x=1 1a mt tiém can dimg ciia
d6 thi ham so.
‘Dang ©: Tim tiém can xién cua doé thi ham sé

= Cac vi du minh hoa

2
X —x+2

Céu 1: Tim tiém cin xién cta d6 thi ham s6 y=f(x) )
X

Loi giai
* Ta co:

lim f(x) lim x*—x+2

[} a:xﬁ+00 :xﬂ+oo 5 :1;
X X +Xx
lim —2x+2
* b=lim [f(x)—x]="*—=-2,

X — +00 X+1



« (Tuong ty, lim Z,Xﬂ_wf(xx>:1,hm o, If(x)=x]==240)

¢ Vay dd thi ham s f ( x) c6 tiém can xién la duong théng y=x-—2.

2
a 3 ‘A A ‘A o A ST X — +
Cau 2: Tim tiém can xién cua do thi ham so f(x)zL);l
X—
Loi giai

+ Tap xac dinh: D=R | {2}.

2

. Taco: a=limo, . L) Zjim by X3
X _
X —2x
lim —x+1
2
* b=1lim [f(x)—ax]= lim | X=3X¥1_ | _xoee — 1
X - 400 X - 40 x—2 xX—2

f(x)

X

» Tacilingcé limé, =1;limé,  [f(x)—x]=—1é4.

* Do d6, dd thi ham sb c6 tiém can xién 1a duong théng y=x—1.

:x2+3x
x—2

Céu 3: Tim tiém c4n xién ctia d6 thi ham s6 y=f(x)

Loi giai

. s flx)_ .. . x°+3x . lim 5x
¢ Tacod:a=limé, . =limé, ,o—F—==100 vy b= 1 ] xeto
x(x—2) va b xlifflw[f(x) x] T 5.

* Vay duong thing y=x+5 14 tiém can xién cua d6 thi ham sb da cho (khi x — + ).

f(x)

X

¢ Tuong tu, do lim ¢, =1évalimé, . [f(x)—x]=5¢ nén duong thing y=x+5 ciing 1a

tiém can xién cua do thi ham so6 da cho (khi x - —o0).

‘Dang @: Ung dung thuc té
=Cac vi du minh hoa

__45p
100—p

Cau 1: Dé loai bo p% mot loai tao doc khoi hd nude, ngudi ta wde tinh chi phiborala C(p)

(triéu dong), véi 0< p<100. Tim tiém can ding ctia do thi ham sé C( p) va néu y nghia ctia dudng tiém

can nay.



Loi giai

¢ Ta co: im ¢ :.® nén tiém can dimg cua b thi ham sé C(p) 1a p=100.

* Y nghia ctia duong tiém can 1a: Khong thé loai bo hét loai tao doc ra khoi hd nuéce du chi phi 1a bao nhiéu.

Céu 2: Mot cong ty san xudt do gia dung woc tinh chi phi dé san xuét x (san pham) la C(x)=2x+50

C(x)

(tridu dong). Khi do, f(x)= 1a chi phi san xuét trung binh cho mdi san pham. Ching t6 ring ham

s6 f(x) giam va lim ¢, .. f (x)=2&. Tinh chét nay noéi 1én diéu gi?

Loi gidi
OTacc'):f(x):C(X)zzx-FSO
X X
' —50 , , C
Vif (x)= 7 <0 v6i moi s6 thue x nén ham sb f(x)= (X)giém.

lim 2x+50 lim 2+@

.Xlir}rlmf(x):’“m = X =2 \(dpcm\)

¢ Tinh chat nay noi 1én: Khi san xuat cang nhi€u san pham thi chi phi sdn xuat trung binh cho moi san

pham cang giam, nhung khong dudi 2.
Cau 3: Mot manh vuon hinh chir nhat co dién tich bang 144 m®.

Biét 36 dai mot canh ctia manh vuon 1a x(m).
a) Viét biéu thuc tinh chu vi P(x) (mét) cia manh vuon.

b) Tim céc tiém can cua dd thi ham sb P(x).

Loi giai

. . 144
a) Do dai canh con lai cia manh vuon la: T(m)
+ Chu vi ciia manh vuon la: P(x)=2 x+ 144 :2x+¥(m)
by Vilimé, .. P(x)=limé, ,.|2x+228 |=4o0;limé, _ P(x)=limé, _|2x+250 |=—wii6d
X X

* Do d6, dd thi ham sé P|x| khong c6 tiém can ngang.



o Vi l].m ()Xﬂo"‘y:]jm[,x HML[J()

<02 2 tim e,

+ Do d6, d6 thi ham sé P|x| c6 tiém can dimg 1a x=0.

2x+@—2x

“limé, ,.28=004¢
X X

+ 00

e Taco: limé, ,.|P(x|-2x|=limé, ..

* Do d6, dd thi ham s6 P(x) co tiém can xién la: y=2x.

©. Dang todn ren tuyén
‘Dang ®: Cau trac nghiém nhiéu phuong an lua chon

(1) ,
Cau 1: Cho ham so6 /) xac dinh va lién tuc trén R\ c6 bang bién thién nhu

Sau.

4\4 \2

Khang dinh nao sau day la dang?

A. D6 thi ham s6 c6 hai TCN Y =2, ¥ =5 ya c6 mét TCD * =1,
B. D6 thi ham s6 c6 bon duong tiém can.
C. D6 thi ham so cé hai dudng tiém can.

D. D6 thi ham s6 c6 mot dudng tiém can.

Loi giai
TU bang bién thién ta thay:
limy =-00 _ lim =+ O L R i _
. va I nén dé thi ham s6 c6 tiém can ding X =1
limy=5 _ limy=2 | O L, o . -9 =5
x - va T nén do thi ham s6 cé hai tiém can ngang ¥ ==, v =°.,
N N ~ ],' :f(.’() 7 . A R\{ ].‘E N A X u 2 7
Cau 2: Cho ham sé xac dinh trén , lién tuc trén moi khoang xac

dinh va cé bang bién thién nhu hinh bén dudi. Hoi do thi ham s6 da cho cé
tat ca bao nhiéu duong tiém can?

[3%]
8

— 1

- - 0 +

3 o
y R‘\“‘Lx — s




Al 1' Bl 2. Cl 3' Dl 4'
Loi giai

limy =-3= p=-3
Ta cé: la duong tiém can ngang cla do thi ham sé.
limy=2= y =2

la duong tiém can ngang cua d6 thi ham so.

limy =+ = x =1
=17

la dudng tiém can ddng cda d6 thi ham so.

Vay do6 thi ham sé da cho cé ba duong tiém can.

Cau 3: Cho hamss * =/ ¢4 bang bién thién nhu hinh bén
X —an + oo
f(x) *
1
f(x) '
_1 }

S6 dudng tiém can ngang cta dé thi ham s6 =/ (x) la

A. 3. B. I c. 0, D. 2.
Loi giai
_li_l:ﬂ =l= y=I

Dua vao bang bién thién ta thay la TCN.

lim =1= p =-1

la TCN.

> . N ~ V4 2
Vay db thi ham s6 c6 TCN.
A Lk v =f(Y) i A RMT s e bn o
Cau 4: Cho ham sé - lién tuc trén c6 bang bién thién nhu hinh vé.
T6ng s6 duong tiém can didng va tiém can ngang cla do thi ham sé

y =f(x)
r | - I | +ox
v 0 + +
1 +0C -1
A. 1l B. 4. C. 2. D. 3
Loi giai

Tu BBT ta cé



_li_l}l v =- ].'_li_lp y =l
do dé do thi ham sé cé hai dudng tiém can ngang la
y=Ly=-1

lim y =+o:lim y =- o
x—=1" =17

do d6 do thi ham sé cé mot duong tiém can ding la
x =l

Vay téng sb c6 3 dudng tiém can.

. Cho ham s6 Y= ™ ¢g bang bién thién nhu hinh v&. H8i d6 thj cGa ham s6
da cho c6 bao nhiéu duong tiém can?

S —2 0] +co

! + n
+00

/ |
’ \
ZZ | °
A. 1. B. 3. C.2 D. 4

Loi gidi

T& bdng bién thién, ta coé:
lim fOd=-w
= t2) , suy ra: do thj ham sé y=rk)
x=-2
fim f0) =+ | y=(x)
, suy ra: do thi ham so c6 duong tiém can ding la

c6 duong tiém can didng la

x =0

lim f(x)=0 y=7(x)

X— o
, suy ra:do thi ham so6 c6 duong tiém can ngang la
y=0

Vay do thi ham s6 da cho c6 ba duong tiém can.

: Cho ham s6 7 =/ () ¢4 bang bién thién nhu sau:

X —o0 -3 3 +oo
V' + + *
+o0 +o0)
Yl / / .
B _OO/
S6 duong tiém can cla do thi ham sé da cho la
A. 3. B. I. C. 4. D. 2.

Loi gidi



Dua vao BBT ta cé

lim y =0= y =0

la duong tiém can ngang.
lim p =—w= x=-3
! .{-3]' hY \ A A ’
la duong tiém can dung.

limy =-w= x =3

o la dudng tiém can ding.

Vay s6 duong tiém can clda doé thi ham sé da cho la 3.

: Cho ham s ¥ =/ () ¢4 bang bién thién nhu sau:
x |—= 2 3 +a
v - - -
5 4 +a
F \ \ \
- - —C

Téng s6 dudng tiém can ngang va tiém can ding cta do6 thj ham s6 da
cho bang:

Al B. 2. C. 3. D. 4.
Loi gidi

Ta cé la dudng tiém can ngang cua doé thi ham so.

limy =-w

=2 = X =2

la duong tiém can ddng cta d6 thi ham so.

lim y =-o0 lim v =+=
=37 =37 = X :3

) la duong tiém can ddng cda d6 thi ham sé.

Vay, téng s6 dudng tiém can ngang va tiém can diing cta do thi ham s6
3

by

la
= [ ) o
: Cho ham s6 /) xac dinh va c6 dao ham trén R\ ] . Ham so6 cé
bang bién thién nhu hinh vé dudi day. Héi ham s6 =/ () ¢ bao nhidu
tiém can?
T —00 -1 0 1 +oc
f'(z) + - 0 + +
1| +oc +o0 3
w | ~. e
-3 -2 —00




Loi giai
Dua vao bang bién thién suy ra dé thi ¢ hai tiém can ding & ¥ =Lx =1
va hai tiém can ngang 13 ¥ =3y =3,
Cau 9: Cho ham s6” =/ (¥ ¢4 bang bién thién nhu hinh vé

X -0 0

E 2
f(x) - + 0 -
4

o[ T / \

T6ng s6 tiém can ngang va tiém can ddng cta d6 thi ham sé da cho la
A. 3. B. 4. C. 2. D. I
Loi giai
e YEIR)
Dua vao bang bién thién cua ham soé
Cé
lim f(x) =3 lim foo=2 _
va do thi ham s6 cé dung hai tiém can ngang la:

y=3 y=2

va ;

.]il‘ﬂ'_,."f.'l.']l =- - =0
' d6 thi ham sé cé ding mot tiém can ding 1a:

T6ng s6 tiém can ngang va tiém can ddng cta dé thi ham sé da cho la 3.

Cau 10:  Cho ham s6 ¥ =/() ¢4 bang bién thién nhu hinh vé.

X —o J +oo

y + +

+x
2 —o

A. D6 thi ham s6 khong cé tiém can.
B. Tiém can ding cua dé thj la dudng thang X =2,
C. Tiém can ngang cla dé thj 1a dudng thang * =1,
D. D6 thi ham sé c6 hai dudng tiém can.

Loi gidi

L}I_Tl fix)= lkll‘fl filx)=2
Dua vao bang bién thiénta c6 - ,
lim f(x)=-% lim f(x)= +¥
@17 xH ]
nén doé thi ham sé c6 hai duong tiém can.

Cau 11: Chohamsé ” =/ ¢4 bang bién thién nhu sau:



+x

LF8]

- 2

I

]
Y — —

= 4 +x

T~ T~ | T

—T —i —iaC
T6ng s6 duong tiém can ngang va tiém can diing cda do thi ham s6 da
cho bang

A. L B. 2. C. 3. D. 4.
Loi giai

Ta cé la duong tiém can ngang cda do thi ham sé.

imy =-=

.\-—3-“1 = x =2

la duong tiém can ddng cta dé thi ham so.

limy =-w

- :“- :> -r :3 \ \ - A A 7 2 ~ . \ ~

la duong tiém can ding cua dob thi ham sé.

Vay, téng s6 duong tiém can ngang va tiém can diing cda do thi ham s6
3

la

Cau 12: Cho ham s6 ¥ =/(¥) ¢4 bang bién thién nhu sau

x — -1 1 40

700 /r +a /fv +ao /",‘—VD

0 —x

T6ng s6 tiém can ngang va tiém can ddng cta d6 thi ham sé da cho la
A. 4. B. l. c. 3. D. 2.

Loi giai
limy=0 _ lmy=0 . . =0 \» A A ek s
x4 va -+ nén dudng thang ¥ la tiém can ngang cua do thi
ham so.

lim y =+o0 . < i R , ) S il s A'
s nén dudng thang ¥ =-1 |4 tiém can ding cha d6 thi ham sé.

lim y =+m s T N , , A Lt Lo "
x=l nén dudng thadng * =1 |4 tiém can ding cta d6 thi ham s6

Vay ham s6 da cho c6 téng s6 tiém can ding va tiém can ngang la 3.
Chon déap an. C.

Cau13: Chohamss ¥ =/(¥) ¢4 bang bién thién nhu sau

X —o0 1 +o0

@l T T~

1 —on

Téng s6 tiém can ngang va tiém can ding cda dé thi ham s6 da cho 1a
A. 4. B. 1. C. 3. D. 2.
Loi giai



limy=-c _ lmy=l . R =1 s i R . .
T+ va nén dudng thang Y =" 1a tiém cén ngang cla dé thi
ham sé.

lim J’! =3 \ liln ..1l‘ :] 0 A \ 2 — A \ - A A 7 2 ~
=l va I nén duong thang X =!I khoéng la tiém can ding cua do
thi ham so.

Vay ham s6 da cho c6 tong so tiém can ding va tiém can ngang la 1.
Chon dap an. B.

Cau 14: Cho ham s6 =/ (x)
nao sau day dung?
x —r -1 0 -

I.I.- _ _ 0 4

c6 bang bién thién nhu hinh vé bén. Khang dinh

-1 +ac |

A. D6 thi ham s6 c6 3 dudng tiém can.
B. DO thj ham s6 khéng c6 tiém can. \
C. Ham s6 c6 gia tri I16n nhat bang 1 va cé gia tri nhé nhat bang 0.

D. Ham s& nghich bién trén cac khoang G 0:0) |y (0540)

Loi giai
lim y =1 lim y =-1
Vi ' nén dé thi ham s6 cé 2 titm cAnngang lay =1,y = -
1.
lim y=+w
r—{- 17
Do nén do thi ham sé co tiém can ding x = -1. Vay doé thi ham
sO c6 3 duong tiém can.
A . N ~v=f(x) .. o A
Cau 15: Chohamsé CcO bang bién thién nhu sau
x ‘ —00 1 +0o0
+00 5
2 3
T6ng s6 tiém can ngang va tiém can ddng cta d6 thi ham sé da cho la
A. 4. B. L. C. 3. D. 2.
Loi giai
D=R\[1|
Theo bang bién thién cGia ham so6 thi tap xac dinh cGa ham soé la
fmy=2 ym N
la dudng tiém can ngang cua doé thi ham sé.
Imy=s _ y=s . ,
la duong tiém can ngang cuda do6 thi ham sé.
lim v =+w _
Py = x=I

la dudng tiém can ddng cua d6 thi ham sé.



. a2 Lo,
Vay do thi ham s6 c6 duong tiém can ( tiém can ngang va tiém can
dung).

b= 2- x
Cau 16: Tiém can ding cla dé thj ham s~ *+3 13
A, =2, B. x=-3, c.v=-1 D. V=3,
Loi giai
Tap xac dinh cta ham sé D=R\{ J}.
e J—

lim y= lim = L=y

Ta cé =" c®-37 x+3

Suy ra dé thi ham sé da cho c6 tiém can diang la dudng thang X =- 3,

Cau 17: DPuongthadng x=3, 7V =2 |an luot 13 tiém can dung va tiém can ngang cula
do thi ham s6

1__2.11‘-3: X x-3 3x-1 | _2x-3
} = = =
A. x+3 B. x+3, C. x-3 D. x-3
Loi giai
; _ax+b
O R 7 ox+d  ad-bc#0 o . ) .
D6 thi ham phan thuc Vai lubn co tiém can dung va
d a
X == — y =
A A n \ C \ C
tiém can ngang lan lugt la va
2x-3
.-F = 2
¢ \ n~ 'T- = 2 ~ N\ . 7
Quan sat 4 dap an thi ta thay ham s6 thda man bai toan.
1- 3x
Y= L s R A A , < eia A
Cau 18: D6 thi ham so x+2 cb cdc dudng tiém can ding va tiém cén ngang
lan lugt la:
A, Xx=2y3 V=3 B, x=2yy V=1
C.x=2y3>y=3 p.x=2vyy )=l
Loi giai
" :ﬂ'r+? (c #0: ad - bc #0)
> . \ n L-'II-+{ /7 Ve N - A A 7 \
Do thi ham sb6 cO cac duong tiém can dung va
d a
X =-— y =
- A A n \ c \ C
tiém can ngang lan lugt la va
1- 3x -3x+1
y = y =
. L x+2 . . x+2
Ham s dugc viét lai

Do dé do thi ham sé cé c6 cac dudng tiém can ding va tiém can ngang
. x=-2 y=-3
lan lugt la va



-
s

Sl La . . . .
Cau 19: bDuong tiém can ngang cua doé thi ham so6 -x+3 c6 phuong trinh la

A. V=0 B. V=2 C. x=3, D. ¥ =-2,
Loi giai
2
__li_lr__ll ¥ Z__li_l‘ﬂ as 3 =0
-1+
X
=0

Vay dudng tiém can ngang cé phuong trinh la
Cau 20: Tim toa do giao di€ém cla duong tiém can ding va tiém can ngang cta do thi

x- 2

) )

hamsg — **+2

A %D B. (%2 c. 032 p. 3D,
Loi giai

TXD:

la duong tiém can ngang.

lim y=-w= x=-2
x—(-2¥

la duong tiém can ding.

(-2:1)
Vay toa dd giao diém cla duong tiém can ding va tiém can ngang la
- x-1
Cau 21: SO duong tiém can cda dé thi hamsdé  6x-3 |3
A. 3. B. 2. c. 0. D. L.
Loi giai
p=r\|1l
2]
Tap xac dinh:
lim y = lim x| =-ow lim y= lim . =+
Ly (1 0x-3 Ly (1] Ox-3
Tacé: _ s _
1
X ==
2

nén dudng thang la tiém cén ddng cua do thi.



- r— 1o tl_".- - 3 v 3 E ].
6- =
g 6

nén dudng thang la tiém cén ngang cla
do thi.

—lf: 3 " A A > A . \ AN
Cau 22: Chohamsé x-2 S0 tiém can cda do thi ham sé la
A. L B. 0. C. 3. D. 2.
Loi gidi

R\
R i . _D —IR h |2|
Tap xac dinh
3
li =0
x £r[:‘l- x-2 =y =0 . i
Ta cé la tiém can ngang cua do6 thi ham sé.

lim =+
=7 x-2 -2 x-2 = x=2

) la tiém can ddng cua d6 thi ham sé.

> . \ ~ 7 2 A N
Vay do thi ham s6 c6  tiém can.

Cau 23: SO duong tiém can ddng va tiém can ngang cla do thi ham soé
b= Na= 2 +1
Tox - 3x+2 13
A. 4. B. 1. C. 3. D. 2.
Loi giai
-2 +1
R S e
Tap xac dinh cia ham so6 la
Ji-2
lim y =lim f—“H:U:
s syt 3x 42 . , y=o N
duong thang la tiém can ngang cua do thi
ham sé.
o D
lim y =lim Y2 o
-:' -:' 'T- - 31— + 2 \ 2 x :2 \ " A A Ve 2 ~ .
dudng thang la tiém can dung cua dé thi
ham sé.
Cafx- 241
o L0 X -3x+2 . o
Vay doé thi ham sé €O 2 duong tiém can.
_ J4- x°
Cau24: DG6thihamsé ¥ +3% ¢4 bao nhiéu dudng tiém can ding?
A. 0. B. l. C. 3. D. 2.

Loi giai



p=[- 2:2] {0}

J4 J4- x° 4y

A ¥ e
“®0% x° +3x

lim —
B0 x° +3x
A ~ . Y ~ A Y 2 x:0 \ " A A Vs
Vay doé thi ham s6 nhan duong thang lam tiém can dung.
= x+2
Cau 25: Téng s6 tiém can ding va tiém can ngang cla dé thj hamsé =~ X -2 I3
A. 2. B. 1. C. 0, D. 3.
Loi giai
R\ bﬁ]
TXD:
1 2 1 2
: . c+ 2 -t . . c+ 2 L e
lim y =lim — =lim & }} =0 lim y =lim = =lim & }} =0
S F—tm oy o 2 x— I_ 2 S F—-w oyt - 2 — - I_ 2
.'l.': X
suy ra

y =0 . ,
la ti€ém can ngang cua do6 thi ham sé.

dudng thang
1 - )= 2 | 2a2)= 7
._.lfl,}%'('w“) 2+32>0 1"}1(1 2)=0 X -2>0 x>2
, ) vGi moi :
= |im lim = - +
v = o =T+
'.'-\IIL-T'- '-"\IE' -"--_ 2 N 2 X :\/E N “ A A s > N
suy ra duong thang la tiém can ding cua do
thi ham so.
x<+2

’

lim (x+2)=2-J2>0 lim (x*-2)=0 1
—(- ) r—{- 7] x -2>0
véi moi

’

. . 42
= lm y= lim —— =+=
{\E] {\E] x"-2 X :-\/E R
suy ra dudng thang la tiém can ding cua do thi
ham so.
N n . \ ~ 7 ~ ed 3 \ A A
Vay do thi ham s6 co tat ca  dudng tiém can.
b= V4 X0
Cau 26: S6 dudng tiém can cha doé thi ham s6 =~ © - 3x-4 |3
A. 3. B. 0. C. 2, D. 1.
Loi gidi
4- x°
D :[—3.‘— Du-1; 2]

i —
Cox-3x-4
la

Tap xac dinh ciia ham so



hm y = hm —  —+m
¥ -1 ". = 32X =<

hm ¥ _llm —_— - w
1T xT - 3x- 4

F=N
Lad I
A

. N

=>x=-1 _ . ) : N L x'-3x- 4
la tiém can didng cua db thi ham sbé

NET

.1I =

x'-3x-4
Do thi ham so khéng cé tiém can ngang.
§ Ax+2
Cau 27: S6 dudng tiém can cha d6 hamsé  x-3 |
A. 4. B. 2. C. L. D. 3.
Loi giai
D=R\|3|
Tap xac dinh :
1 2 1 2
> + > = +
r‘ 29 I ||I 2 2
lim X2 — lim p lim YT —im X —-1
r—+n 1= 3 s ]_3 w  xe 3 ]_3
, X X
Ta co: ;
‘ y =1 y =- 1
Do d6 do thi cé 2 tiém can ngang la: va
. N +2 . X +2
lim =+ [im =- o
x—3 - 3 K— xX-= 3

Ta cé
. , .,  x=3
Suy ra dé thi ham s6 c6 tiém can ding la duong thang
Vay do thi ham s6 c6 3 duong tiém can.
N
Cau28: Chohamsé X -2cé dé thila dudng cong (©). Khang dinh nao sau
day dung?
A. ©) ¢ mot tiém can ddng va mot tiém can ngang.
B. (©) ¢6 hai tiém can dung va khéng tiém can ngang.
c. (©) ¢6 hai tiém can duang va mot tiém can ngang.

D. (©) ¢4 hai tiém can dung va hai tiém can ngang.
Loi giai




X |
y == D :IF{"-: 242

x -2

Ham so c6 tap xac dinh la:
. X
lim — =0
=X -2 . . y =0
nén do thi ham s6 cé tiém can ngang la
lim — = lIm — =+ lIm —— =- o lim — =+
= X =2 - X =2 — X =2 ol = 2
\ v = Zix =2
Nén do6 thi ham s6 cé hai tiém can ding la
T
Vay €O hai tiém can dung va mot tiém can ngang.

Cau 29: Tong s6 cac dudng tiém can diing va tiém can ngang cta do thi ham so

x-4
v =
x-1 13
A. 0. B. 3. C. 1. D. 2.
Loi giai
D=[4 : +oo)
Tap xac dinh:
Jim
Ta c6: ' nén dé thi ham sé chi c6 mot tiém can
ngang.
Cau 30: Tong s6 duong tiém can ddng va tiém can ngang cta doé thi ham soé
b= x'-3x+2
’ 4- ¥ B
A.?2 B.1 C.3 D. 4
Loi giai
[ 4ol
Txp: K1
- P,
lim X7 = 3x ‘+., o
o - ‘II- :> > " \ ol Ve N \ A A \ \
P06 thi ham s6 c6 mét duong tiém can ngang la dudong
y=-1
thang
. X - 2 - 1 . ox = 3x+2
lim =lim =-— lim —-
x—2t - X + x x—s-2" - X = R ) R . i R
; Do thi ham s6 cé mot
x=-2

dudng tiém can ding la dudng thang



3x-9

'Lf:
Cau 31: Tim tat ca cac gid tri cla tham s6 m d€ d6 thi cila ham s6  X+m cé
tiém can ding
A. m#-3 B. m#3, C. m=3 D. m=-3,
Loi giai
D =R\|- m:
Tap xac dinh '

Dé dang chon dugc A.

mx- 8
Cau 32: Tim tat ca cac gid tri thuc cda tham s6 m d€ dd thihamss X712 ¢4
tiém can dung:
AL m=4 B. m' -4, C. m=-4, D. m" 4,
Loi gidi

lim (x+2)=0 lim Gny- 8)=-2m- 8

Ta cé; va ¥
: v - 8
= |lim =
YCBT &2 x+2 = -2m-8F0=m=-4
ax+1

¢ ) > . Y ~ J Ve - A A Ve N — Y - A A
Cau 33: Biét rang dé thi ham sé bx- 2 ¢4 tiém can ding Ia *=2 va tiém can

ngang 1a ¥ =3
Hiéu a- 2b ¢4 gid tri la

A. 4. B. 0, C. L D. 5.
Loi giai
ax +1 2
J.'= x=_
N . \ ~ bx— 2 s A A Vi N b 2 . A A 2
Do thi ham sb6 cé tiém can dung la va tiém can ngang la
a
)
2
=7 .
ol
g =
N Ve h
Theo bai ra ta co:
. a- 2b=35- 2=]
Vay: .
y _mx- 2
Cau 34: Tim ™ d€& do thi ham sé x*- 4 6 dung hai dudng tiém can?
A. m=0, B. m =1, c.m=-1 D. m=H,
Loi giai
Y8l 1:0 > . N 4 Ve A - A A y =0 N 3 - A Py 7
Vai , d6 thi ham s6 c6 mot tiém can ngang va hai tiém can dung
x=2 x=-2

. Do d6 khéng théda man yéu cau bai toan.

’



m =0 y=0

Véi , d6 thi ham s6 ludén cé mot tiém can ngang . Do do, do thi
= =
c6 dung hai duong tiém can  do thi cé ddng 1 duong tiém can ding
|'2m— 2 =0
]_ -2m-2 =0 m =1
) L —]
|- 2m=-2 =0 m == |
]_ 2m- 220
x+1

N N n rd yd .7 . il ~n ~ n . 2 \ ol 'J = : 7
Cau 35: Tim tat ca cac gia tri cua tham sé " dé dé thi cua ham sé xm+m co
hai tiém can dung

A. m<0. m#l, B. m<0. Cc. m>0. m#1, D. m<-1.

Loi giai

_ x+l
L ! x*+m L . i _ . x*+m =0 )

D6 thi ham sé €O hai tiém can dung khi phuong trinh co

m<0

—
m #1

2 nghiém phan biét khac
I=¢n’+1
Cau 36: Biét rang do thi ham so6 Y - 2 cé tiém can ding [a *=2va tiém
can ngang l1a ¥ =3, Gia tri cia @+b bing

A. S, B. 4. C. 0, D. 1.
Loi giai
_ax+l
N N ~ A . N ~ bx— 2 7 . A A Vi 2 N A
Diéu kién dé do thi ham so6 cO tiém can ding va tiém can ngang
_-2a-br 0
la .
_ax+l
bro  b=0, T
Vi néu do6 thi ham so6 khong cé tiém can
- 28, )
J..=“+1 D=§¥.‘—Z:E TH¥ 3
) hx- 2 b 3
Tap xac dinh cda ham so6 la

ar+1l a a
1.-‘ R

Theo gia thiét ta c6



ax+1 2
y = X =—

> \ - _b":-- 2 Ve \ \ - A Pay 7
D6 thi ham sé co la dudng tiém can dung.
2 N
;=2U b=1P a=3
Theo gia thiét ta c6 ).
at+b=4
Vay .
_mx+l

Cau 37: Chohamsob x= 2m yéi tham som #0 Giao di€m cua hai dudng tiém
can cula d6 thi ham s6 thubéc duong thang c6 phuong trinh nao dudi day?
A, 2x+y =0 B, YV =2x c. x-2y=0 D, x+2y =0
Loi giai

_mx+l

U . x-2m . ) x=2m ) y=m
D6 thi ham sé co tiém can dung ; tiém can ngang

= ) . ) I(2m;m)
Giao diém cuUa hai dudng tiém can cta do6 thi ham so la

= yx=2y=x-2y=0

Cau 38: Tim tat ca cac gia tri thuc cha tham s6 ™ dé€ d6 thi ham so
my” - 2

"~ x - 3x+2 cé hai dudng tiém can ding.

m #2 m #1
1 m #2 1
m #— m #—
A 4 B. m#0, c. m#l, D 4
Loi giai
. x =1
x - 3x+2 =0« [
x =2
Ta cé
_omx -2
n " \ n~ - 1:: - 31: + 2 Ve 3 \ A N 7 " \ 2?2 "
DO thi ham sé c6 hai duong tiém can dung khi va chi khi
x=l,x=2 mx’ - 2 =0
khéng la nghiém cua phuong trinh : s
; (m #2
| m= 2 =0 |
= 1
]_Sm— 2 #0 Ln:.t_—

Cau 39: Tim tat cd cac gié tri thuc clla tham s6 ” sao cho d6 thi ham so

b= X = mx- 2m’
' x-2 c6 duong tiém can ddng.



m #-2

A Lm7l B. Khéng cé ™ théa man.
[m #=2
c. m#F D. m€R,
Loi giai
x - mx- 2m’
¥ :—,}
> . Y ol .‘II-_ = Ve \ LAY N 4
Do thi ham sb6 cO duong tiém can dung
. i |'m #-2
e 2 m2-2m #0e
]m #1

Cau 40: Tim tat cd cac gid tri cia tham s6 ™ sao cho do6 thi ham sé6
Sx-3
X = 2mx +1
khoéng c6 tiém can dung.
m<-1

.ll =

A, Lm>1 B, ~l<m<l, c.m=-1 D. m =1,
Loi giai
D6 thi ham s6 da cho khéng c6 tiém can ddng trong hai truong hop:

o = 2me+l=0 = A=m-l<0=-l<m<]
TH1: Phuong trinh vb nghiém
3
. 7= 2mx +1 =0 i . i .
TH2: Phuong trinh c6 nghiém kép bang
. m =1
A=m -1=0=
m =-1
Xét
x, =m =lI 22
om =1 3 o 5
Vai , hghiém kép la
x, =m =-1#=
Y& m :_1 - A Ve N\ =
Vai , hghiém kép la

Vay do thi ham s6 da cho khdéng cé tiém céan ding khi temst
Cau 41: C6 bao nhiéu gid tri nguyén cta tham s6 ™ dé d6 thi ham s6
x2- 3x+2
xi- mx- m+5
khong cé duong tiém can ding?
A. 8. B. 10. C.11. D. 9.
Loi giai




x =2
Nhan xét:
fx)=x"-mx-m+5
Dat
Ham s6 da cho khéng cé dudng tiém can didng khi va chi khi
A, <0 ' +4m- 20 <0
A >0 (m* +4m- 20> 0 -2-2Jo<m<-242J0
= =
F)=0 1- m- m+5=0 m =3
fF(2)=0 4- 2m-m+5=0

m mE:—ﬁ.‘-S.'—Jr.'-B.'—E.'-1.'D.'1.'3.'3:

Vi la s6 nguyén nén

(n-3)x+n-2023
V=

Cau 42: Biét rang do6 thi cia ham s6 x+m+3 ("7 |a tham s6) nhan
truc hoanh lam tiém can ngang va truc tung lam tiém can ding. Tinh téng
m- 2n.
A. 0, B. -3. c. -9, D. 6.

Loi giai
Theo bai ra tiém can ngang la truc hoanh suy ra phuong trinh dudng tiém
R N R 2 y =0. , n-3=0= n=3.
can ngang la duong thang Ta co:
Theo bai ra tiém can dung la truc tung suy ra phuong trinh dudng tiém

A , N N 2 x =0. , -m-3=0= m =- 3.
can dung la duong thang Ta co:

Thay ta dugc ham sé: "~ théa man bai toan.

x- 1
v =

Cau 43: Chohamss  mx - 2x+3 C6 tit ca bao nhiéu gid tri m dé d6 thi ham

~ 7

s6 c6 dung hai duong tiém can?
A. 0. B. 1. C. 2. D. 3.
Loi giai
m=0= y= _ ]3
“LX* N . N ~ 7 A o’ H A = A L

TH1: do thi ham sbé c6é dang bac nhat chia bac nhat nén co 2
tiém can.

m #0 f(x)=mx’ - 2x+3

TH2: . D3t



x- 1
y=-————"—-
mx - 2x+3

D6 thi ham so c6 dung 2 dudng tiém can khi va chi khi:
. i | 1
| A, z0  |1-3m=0 | m =—
= = 3 &m=-1
]__;'f_]}:[] ]_.'1:—3+3=D L”__]

w+3
b=

Cau 44: Chohamsé - Ox+m  Tim tat ca cac gia tri cGia tham s6 ™ dé& dé thi
ham sé chi cé mot tiém can ddng va mot tiém can ngang?
A. 0. B. 9. C. ~27, D. 9 hoac -27.
Loi gidi

P6 thi ham s6 ludn c6 tiém can ngang la: ¥ =0,

D& d6 thi ham s6 chi cé mdt tiém can ding 1a ¥ ~% thi ta phai cé
. T+3

lim ——— =4

=a - b +m

TH1: t& va mau khong c6 nhan tr chung.

{xo =3
Tirsuy ra “0 - 9% 7 =0 4 nghiém duy nhat, do d6 " =2 . Khi dé ham s6
x+3
V= —
(x-3)

da cho tré thanh . Ham s6 chi cé tiém cén ding 1a ¥ =3va tiém
can ngang ¥ =0,

Vay m =9 thdéa man.

TH2: t& va mau c6 nhén tir chung la x+3,

\ =- N N > N - C = —=
Tirsuy ra ¥ =73 13 nghiém cda phuong trinh o - 0% #m =0=m =27

Vay cé hai gid tri cGa ™ thdéa man 1a m =9 hodc m =-27,

1- J4- x°

Cau 45: D6thihamss  x - 2x-3 ¢§ s dudng tiém can ding 1a ™ va sé
dudng tiém can ngang la 7. Gid tri caa m+7 |a:
A. 1. B. 2. C. 3. D. 0
Loi gidi
D =[-22]\[-1
lim y = lim ]— V4= % o lim y= lim ]— Va-
w—i-1)" =1 x7 = 2x- 3 x—(-1F i=(-1] X~ = 2x=3
= x =-

la tiém can didng.
Do thi ham s6 khong cé dudng tiém can ngang.

m+n =1

Vay



‘Dang ©: Cau trac nghiém dung, sai

3x-1
V= s . (C 3 :
Caiu 1: Cho ham so 2x-1 ¢4 d6 thi . Cac ménh dé sau ding hay sai?

(c).

a) Puong thdng ¥ =~ 3 1a tiém cn ngang ctia db thi

3
) Yy == \
b) Duong thing ~ 2 1a tiém cin dimg cua do thi (C)

= (©)

2 X = 1
c) Duong thaing 2 1a tiém can dimg ctia do thi

) Y
d). Buong thang (C)

1
2 1a tiém cin ngang cua do thi

Loi giai
a)S b) S c)b d)S
Ta co:
I
3-
: . 3x-1 . -3
lim y =lim =lim —+ ===
. S 2.".- _ ] S , ] 2
- A p1s 1o A 1 oiia A NEanry
A Do thi ham s6 c6 tiém can ngang la 2,
. 3x-1 . 3x-1
lim ‘ =- o, lim | =400 = |
i 2x-1 i 2x-1 . ) Y =—
\2] \2) D6 thi ham s0 c6 tiém can dungla 2.
2x-1
--l: = 1
Cau 2: Cho ham so X= 3  Cac ménh dé sau dung hay sai?

a) D6 thi co dudng tiém can dimg ¥ =3 , tiém can ngang Y =3
b) Do thi ¢o duong ti¢m can dung X =2 , ti€ém can ngang y=2 .
c) Do thi ¢o duong tiém can dimg X =2 , tiém c4n ngang ¥ =3 .
d) Do thi ¢o duong ti€ém can dung X =3 , tiém can ngang y=2 .
Loi giai
a)S b) S ¢)S d)b
Db thi c6 duong tiém can ding X =3 , tiém can ngang =2 .

(x) . lim f(x)=1  lim f(x)=-1

Cau 3: Cho ham s6 =/ O e va oo . Cac ménh dé sau dung hay sai?

a) D6 thi ham sb da cho c6 dang mot tiém can ngang.
b) D6 thi ham s6 ¢ hai dudng tiém can ngang la cac duong thang =Ly y=1

¢) D thi ham s6 ¢6 hai tiém can dimg 1a cac duong thing ¥ =1 va ¥ =" 1,



d) D6 thi ham sé dd cho khong c6 tiém cén ngang.

Loi gidi
a)S b) b ¢)S d)S
Theo gia thiét ta co:
lim £ (x) =1 — , . .
+ o ,suy ra duong ¥ ' 1a mot dudng tiém can ngang cua do thi ham so.
lim f(x)=-1 — , L :
+ xm-e , suy ra duong ¥ ="' 1a mot duong tiém can ngang cua do thi ham so.

Vay db thi ham sb 6 hai dudng tiém can ngang 1a cac duong thing ¥ =1 va ¥ =" 1.

y=f(x) lim f(x)=3 _ lim f(x)=3
c

Cau 4: Cho ham s - O va . Cac ménh d¢ sau dung hay sai?
a) D6 thi ham s6 khong c6 dudng tiém can ngang 1.
b) DO thi ham s6 ¢6 1 duong tiém can dimg 1a X =3,
¢) D6 thi ham s6 c¢6 duy nhat mot dudng tiém cin ngang.
d) D6 thi ham s6 ¢6 1 dudng tiém can ngang 1a X =3,

Loi giai

a)S b) S c)b d)S
lim f(x)=3 lim f(x)=3 . i =3
Vi o+ , T nén do thi ham sb c6 1 duong tiém cén ngang la ¥ =
(e e lim f(x)=5 lim f(x)=+x
Céu 5: Cho ham s =/ (x) x4c dinh trén khoang (-5:-1) vaco L .Cac

ménh dé sau dung hay sai?

a) D6 thi ham s6 S khong co tiém can ding.

7 (x)

b) P thi ham s c6 dung mot tiém can ding 1a duong thang * =- I

¢) Bo thi ham s6 ACY c6 hai duong tiém cén ngang.

7(x)

d) D6 thi ham s ¢6 hai tiém can dung 1a cac duong thang ¥ =3 va¥ =1,
Loi giai
a)S b) b ¢)S d)S
lim £ () =+ . 1 (x) ,
Ta c6: *~ " nén do thi ham so6 6 mot tiém can dung 1a duong thang ¥ =~ |1
LV :f(r) ].j.ﬂl f (-‘.J :]. ].j.ln f(".) == ] . .
Cau 6: Cho ham so - T el va i . Cac m¢nh dé sau dung hay sai?



a) Po thi ham s6 c6 dudng tiém can ngang y=2 .

b) Do thi ham sb ¢o duong tiém can ding * =2,

¢) Bo thi ham s6 c6 duong tiém can ngang ¥ :0.
d) D6 thi ham s6 ¢6 dudng tiém can dimg X =2.
Loi giai

a) S b) S ¢)b d) S

D) thi ham s c6 duong tiém cin ngang :0.

: Cac ménh dé sau ding hay sai?

- 3x+2
a) Puong tiém can ngang cia d6 thi ham s6 x+l =3
, _x-2
b) Pudng tiém can dimg cia db thi ham 6 =~ x- 113 ¥ =2
y _3x+2
¢) Phuong trinh duong tiém can ding ctua dd thi hams6 = X~ 1 lax =- 2
; _x-2
d) P thi chaham sé6 =~ X *+1 ¢6 duong tiém can dung 14X =" 1
Loi giai
a)b b) S c)S db
3+=
1 X _a
3y4p  m— =3
lim = 1+ — S =3 . )
a) Taco: “—* X+l X Y =2 1a tiém cén ngang ctia do thi ham sd. Chon P
. X-2 . X=2
lim =-o0 lim =+o0 i .
b)Taco " x- | va ! x- do d6 duong thing X =11a duong tiém can dimg ctia dd
thi ham s6. Chon S
. 3x+2 . 3x+2
lim =+ lim ==
¢)Taco: " x-1 va " a1l

Vay dd thi ham sb c6 tiém can dung 1a ¥ =1. Chon S
. x-2 . X-2
lim == 00 lim

d) Taco: 1 = +1 v e x4+l

=40

Vay dd thi ham sb da cho c6 1tiém can ding 1a X == 1. Chon P
: Cac ménh dé sau dung hay sai?
_x+ 2
a) Do thi ham s6 YT c6 dudng tiém can ngang laY

=1



X #x-2
=
b) Buong tiém can ding cia do thi ham sb x-2 3 x=2

2x-3

A s ) _
¢) Phuong trinh duong tiém can dung ctia do thi ham so x+2 J3x =3

3x-1
d)Chohamsé ~ 3X+2_ Po thi ham sb o tiém can ngang 1aY =3,
Loi giai
a)b b) b ¢)S d)S
lim y =lim y =1 <L . L —1
a) Tacod —* x—e- , suy ra do thi ham so cé dudng tiém can ngang la y =1, Chon D
. X +x-2 . X +x-2
lim—— = =4 Im—— — =-
=27 x- 2 =2 x-2

b)Tacd

\ A oA A , L x=2
Suy ra ham s0 ¢o tiém cén ding la Y Chon D

lim y=+x lim yp=-o

c)Taco: (-2 , -2y = Puong tiém can dimg 1 X =-2. Chen S
. 3x-1
lim S =l . ) —1

d) Taco = 3x+2 nén d6 thi ham s6 c6 tiém can ngang ¥ =" . Chon S

Cau 9: Cac ménh dé sau dung hay sai?

a) Cho ham sé =/ ('r)cc') bang bién thién nhu sau
X —00 -2 2 +00
f(x) - - -
0 +00 +0o
fa | T ~—. T
—00 —00 -

Tong s6 tiém can ngang va tiém can ding cua do thi ham so6 da cho 1a 3

2x-6
b) Phuong trinh duong ti€ém can ngang ctia d6 thi ham so x+1 3y =2
2x +1 2
3 V= . =3
¢) Tim duong ti€ém cén ngang cua d6 thi ham so 3- X Vay két qua 1a: 3
2x 3x 3
) ¥ = ; . y===
d) Tim duong tiém can ngang cua do thi ham so6 x4+l 2x- 1 vay két qua la: 2
Loi giai
a)b b) b ¢)S d)S

a) Dya vao bang bién thién ta ¢6 dd thi ham sb nhan céc duong thing * =~ % * =214 cac duong
tiém can dimg, =0 la tiém can ngang

Tong s6 tiém can ngang va tiém can dung cta do thi ham sé di cho 1a 3. Chon D



2x-0 2r-0

lim =2 |lim= =2
b) Taco: " x-1 , T ox- 1

2x-6

— Y r ‘-L: =

Dodo ¥ =21a phuong trinh dudng tiém can ngang cua do thi ham so X+l ChonP
[ 2l li =lim x4,
=R\ 3! im y =0 =< —- ) 3

c¢) Tap xéc dinh: D=RA3) .Do e e 3y nén ¥ =72 1a tiém can ngang cua do
thi ham s6. Chon S

lim y =lim y =2- E
d)Taco = 2 2

2x ix

V=
= V= N LtA A 5 A 1N AT
y=2 1a tiém can ngang cua d6 thi ham s6

.".'+|_ 2x- ICh(.)nS

Céu 10: Cac ménh dé sau dung hay sai?

1’_:2.\{+5 V:-Z
a) Tiém can ngang cta d0 thi hams6 =~ -3v-11a~ 3
_2x+]
b) Tiém can dtng ctia do thi ham sd ' x-1 1ax =1

_sinx

. X , Y
¢) S6 duong tiém can dung cua do thi ham so X 1a0

x-1 l
) V=3 y=3
d) Tiém can ngang cua do thi ham so -3x+21y 3
Loi giai
a)b b) b c)b d)b
a) Ta co:
-2
limy =
P 3
, -2
limy =—
I— - 2
2x+5 -2
. B .}. — ) }) =
Vay tiém can ngang cua do thi ham s6 -3x- 1 [a duong thing 3 _Chon P
: . 2x+] : . 2x+1
lim y =lim =+ lim y =lim =- w
b)Tacd: s1* w1t xe | g3l wes x- ]
Do d6 tiém can ding cua dd thi c6 phuong trinh ¥ =1, Chon D
—enl
¢) TXD: D=R\0; )
lim >2% =) . )
Taco ~" X . Vay d06 thi ham s6 khong c6 tiém can dung. Chon D

: x-1
lim — =- ¥ =1

1
d) Taco: = -3x+1 3 Vay 3 1a tiém can ngang ctia d6 thi ham s6. Chon P




y=f(x lim f(x)=-2 lim f(x)=2 .
ACY cO m va x—+e’ . Cac m¢nh dé sau dung hay sai?

Cau 11: Cho ham s6 J
a) D6 thi ham s6 da cho c6 diing mot tiém can ngang.
b) Po thi ham s6 di cho khong c6 tiém can ngang.
¢) D4 thi ham 8 da cho ¢6 hai tiém can ngang 13 hai dudng thing * =2 va ¥ == 2,
d) Db thi ham sb da cho c6 hai tiém can ngang 1a hai duong thing ¥ =2 va ¥ == 2.
Loi gidi
a) S b) S ¢)S d)b

Theo dinh nghia vé ti€ém cén, ta co:

__]i_l:ﬂ fx)=-2

y=rG)
=)

suy ra ¥ =~ 2 1a dudng tiém cn ngang ctia dd thi ham sb
lim f(x)=2 =2 i\ e can oA s AV
x4 suy ra ¥ =< la duong tiém can ngang cua do6 thi ham so -

=f(x)

Cau 12: Cho bang bién thién ham s6 )

X -0 -1 +o0
y’ - -
2 +oo
50 2

Cac ménh dé sau dung hay sai?
a) D6 thi ham s6 khong c6 duong tiém can.

b) D6 thi ham s c6 dudng tiém can dimg X =~ L

c¢) Téap xac dinh cua ham so 1a

d) D6 thi ham s6 ¢6 dudng tiém can ngang ¥ = 2,

Loi giai
a)S b) b ¢b db
| L D=R\[-1
Dua vao bang bién thién ta c6 ham so0 ¢ tap xac dinh a

D0 thi ham sé c6 dudng tiém can dimg X =- 1.
Do thi ham sb c6 dudng tiém can ngang ¥ = 2
Vay cau A sai.

lim £ (x) =1 lllzl flx)=-1

Cau 13: Chohamsd ¥~ flx) ch va . Cac ménh dé sau dtng hay sai?

a) D6 thi ham s6 da cho khong co tiém cin ngang.



b) P4 thi ham s6 di cho c6 diing mot tiém can ngang.
¢) D thi ham sé di cho c6 hai tiém can ngang 1a cac duong thing ¥ =1 va ¥ =1,

d) D6 thi ham s di cho c6 hai tiém c4n ngang 1a cac dudng thing X =l ya x=-1,

Loi giai
a)S b) S cob d)S
Tacod:
lim f(x)=l= , . . —1
ks D06 thi ham s6 c6 mdt ti€ém cén ngang la y=4
lim f(x)=-1= , , b=-1
x4 D06 thi ham s6 c6 mot ti€ém can ngang la -~ — .
Vay dd thi ham s6 c6 hai tiém cin ngang 1a cac duong thing ¥ =L va ¥ =" 1,
A . \ iV =f(-"-') f 1es - X n . fe an . cR
Cau 14: Cho ham s6 c6 bang bién thién nhu hinh duéi day, trong do 7 < I~
X | —= 1 2 4 +o0
V — H + 0 - ‘ +
m—1 —2 3—m
—nll-5 —5ll—

Cac ménh dé sau dung hay sai?

a) Do thi ham s6 c6 dang 2 dudng tiém can dimg va 1 duong tiém cin ngang véi moi M € R

PO £, oan . Y \ \ i - . meR\| 2]
b) B0 thi ham s6 c6 ding 2 duong tiém can dirng va 2 duong tiém can ngang v&i moi L=

¢) B thi ham s6 c6 dang 2 dudng tiém can dimg va 2 duong tiém cin ngang véi moi M € R

d) Db thi ham s c6 ding 1 dudng tiém can dimg va 2 dudng tiém cin ngang v6i moi 7 € R.

Loi giai
a)S b) b c)S d)S
Tu BBT ta co:
'_i“? y=-w . n " , W AN e s £V =f (x),. . 2 =1
=l nén duong tiém can dimg cua do thi ham so - la duong thang * —1-
I_i”? y=-xo \ . A ar s A 1t LN £V :f(-\') \ \ 2 =4
x4 nén duong ti€ém can dang ctia do6 thi ham so la duong thang * =%

lim y =m- 1 y=f(x)

e nén duong tiém can ngang cua do thi ham so - =m- 1.

1a duong thang



lim y =3-m y=f(x)

: R \ A A P U £ P 2 r=3-
A nén duong ti¢ém can ngang cua do thi ham so - 1a dudng thang ¥ ~-

=f(x)

Vi m- 1 #3-m e m#2 (hi 45 thi ham sb c6 hai duong tiém cin ngang
 y= lim f(x)=1 lim F(x)=-1
Cau 15: Cho ham s6 ¥ = F(¥) ¢ - va e

. Cac ménh dé sau dung hay sai?
a) D6 thi ham s6 di cho khong c6 tiém cin ngang.
b) D6 thi ham s6 di cho c6 diing mot tiém can ngang.

1 v=-1.

¢) D6 thi ham s6 da cho c6 hai tiém cin ngang 13 cac duong thang ¥ = va -

d) D4 thi ham s da cho c6 hai tiém can ngang 1a cac duong thing * =1 va ¥ =-1,

Loi gidi
a) S b) S b d)S
Taco:
lim f(x)=1= . . =1
x4 D6 thi ham s6 c6 mot tiém can ngang 1a v =1,
lim f(x)=-1= -1

Do thi ham s6 c6 mot tiém cén ngang 1a

Vay d6 thi ham s6 c¢6 hai tiém can ngang 1a cac dudng thang =lyy y=-1

y=f(x)

Céu 16: Cho ham s - ¢6 bang bién thién nhu hinh duéi day, trong d6 m € R.

X | —= 1 2 4 +o0
2 I I N

m—1

I

—xll-5 =5 ll—e0

Céac ménh dé sau dung hay sai?

a) Do thi ham sb ¢co dung 2 duong tiém can dimg va 1 duong tiém can ngang v4i moi M€ R.

b) B4 thi ham s c6 dung 2 dudng tiém can ding va 2 dudng tiém can ngang v6i moi

me R\ } 2}- :

¢) B thi ham s6 c6 dang 2 dudng tiém can dimg va 2 duong tiém cén ngang véi moi M € R

d) D6 thi ham sb c6 dung 1 duong tiém cin ding va 2 dudng tiém cin ngang véi moi 7 € R.
Loi giai

a) S b) b ¢S d)S

Tu BBT ta co:



limy =- o . . v =f(x) . -
+ =l nén dudng tiém can ding ctua do thi ham so - la duong thang * =1

limy=-o L L LY :f(.r) . _
+ nén duong ti¢ém can dung cta do thi ham so - 1a dudng thang * =4

lim y =m- 1 _ L v =/(x) C v=m- 1
+ = nén dudng tiém can ngang cua do thi ham so - la duong thang -+ — '

HIH_\' =3-m ~ \ . ~ , A L L £V :f(-"i) \ \ 2 y=3-
+ nén dudng tiém can ngang cua do thi ham so - la duong thang -~ ~-

e v AA 1 LA £ V= (1) L1 \ A A
Véi m=-1#3-m= m=2 thi 46 thi ham s - f ¢6 hai duong tiém cin ngang

x-3

V== \
Cau 17: Cho ham s6 X" -9 Cac ménh dé sau ding hay sai?

a) D4 thi ham s co hai tiém can dung 1a * =3 ¥ =3
b) Do thi ham sb chi c6 mot tiém can ding la ¥ =" 3,
¢) Bo thi ham s6 khong c6 tiém can dung.

d) Do thi ham sb ¢o tiém can ngang 1a Y =1,

Loi giai

a) S b) b ©S d)S

- x-3 x-3 1
T -9 (x-3x+3)

—o I
Tacd D =R}

¥*3 = tan xac dinh 1a

= =

lim y = lim o . ‘ -0
) : do thi ham s6 c6 mot tiém can ngang la ¥ =" .

X— 1z ==y 4 3

, , |
lim y=lm —=+x= )
I e 43 dd thi ham s6 c6 mot tiém cén dimg 1a * =-3.

Céiu 18: Chohamsb ~ -x- 1 . Cac ménh dé sau dung hay sai?

a) D0 thi ham s6 c6 hai tiém can.

b) P4 thi ham s ¢6 tiém can ngang la dudng thiang =2.
¢) P6 thi ham s6 c6 tiém can dung 1a duong thang X == 1.
d) Db thi ham s6 ¢o tiém can ngang 1a duong thing ' = 2

Loi giai

a)b b) S b db

lim y =lim y=-2

nén dudng tiém can ngang ciia DTHS 1a duong thing ¥ = %



y=f(x)

Cau 19: Cho ham s6 - ¢6 bang bién thién nhu sau

T —00 1 400

2 +o0

’ \ \

Céac ménh dé sau diing hay sai?

a) P thi ham s6 ¢6 tiém can ngang 1a duong thang X =1 va tiém can dtmg 14 duong thang y=2
b) D6 thi ham s6 chi c6 mot duong tiém can.

c) Do thi ham s6 khong c6 dudng ti€ém can.

d) D6 thi ham sb c6 tiém can dimg 13 duong thang ¥ =1 va tiém cin ngang la dudng thing y=2 .

Loi giai
a)S b) S c)S db
Dua vao bang bién thién ta co:
lim y =2 ] , =2
X suy ra tiém can ngang la duong thang Y=z,

limy =+ lim y =- o A A a1 2 —
et —e suy ra tiém can dung l1a duong thang * =1,

A oay=fQ) RO P
Cau 20: Cho ham so - xac dinh trén , lién tuc trén moi khoang xac dinh va c6 bang bién
thién nhu sau
— 0 1 +o0
V' - + 0 -

/

Cac ménh d¢é sau dung hay sai?

a) Po thi ham s6 c6 ding mot tiém cin ngang.

b) D6 thi ham s6 co hai tiém can ngang.

C) Do thi ham sb ¢o ding mot tiém can dung.

d) D thi ham sb khong c6 tiém dung va tiém can ngang.
Loi giai

a)S b) S cb d)S



, lim y =-w ,
Quan sat bang bién thién ta c6 =" nén duong thang * =0 13 dudng tiém can dung

cua do thi ham so.

limy =-e limy=+x . , ‘ < .
T ; T suy ra do thi ham s6 khong c6 tiém can ngang. Vay do thi ham so

chi c6 dung mot tiém can ding.

C2x+l+afl+x

V—

Cau 21: Cho ham s6 Nat+x- 2 cge ménh d¢ sau ding hay sai?
a) Bo thi ham s6 c6 mot dudng tiém can ngang 1a duong thang =2 .
b) D6 thi ham s6 c6 mot dudng tiém can ngang 1a duong thang =0,
-2

¢) P thi ham s6 c6 mot duong tiém cin ngang 1a duong thang V' =

d) D6 thi ham sb c6 hai dudong tiém can ngang 13 hai duong thang ¥ =~ 2y y=2,

Loi giai

a)S b) S ¢S db
. =+
Te_ipxécdmh:}D (1; L).
,}+I+ I+I
: . 2x+l+4fl+x ., ER
lim _1-:__11m%:"11m ~BEAE. = X =2
| | x-2 O \,(”I 2
Ta co: XX
54 L1 +I
: o 2x+l+fl+x 0 T - N s
lim _1-:11mu:11m X _¥X X _.2
- Jl+—- =
X X
Viy, dd thi ham s6 c6 hai duong tiém can ngang la y=-2 va Y :2.
x+2

.}! = -
Céu 22: Cho ham s VI- X" C4c ménh d sau dung hay sai?

a) Ham s6 c6 tap xac dinh D=(- 1;1).

b) D6 thi ham sé c6 2 dudng tiém can ngang 1a ¥ =l gy v =-1

¢) D thi ham s ¢6 2 duong tiém can dimg 1la X =1 va x=-1,
d) Ham s6 c6 mot cuc tri.

Loi giai

a)b b) S ob d)b



- x>0 -l<x<l—= D=(-11)
\ A 1 oia ;- DZ('I;I) A~ A ) . lim y £OAA s L A s
Do ham s6 ¢6 tap xac dinh nén khong ton tai *~=" do d6 d6 thi ham so nay
khong c¢6 duong ti€ém can ngang.

lim f () =+ lim_ £ () =+

Pk dé ham sb xéc dinh 1a:

Do ! x—=-1 nén do thi ham s c6 2 duodng tiém can dimg 1a X =1
va ¥ =1
. . (w +2)
, (x+2) ‘Jl'.‘l.':-(\h- x ) (1+"') - - Ty +1
y = 2 2 . = = =

) 1- x° - x (I - )JI - X

Ta co
1

4 2 r x -~ r

Do ¥ bi d6i dau qua 2 nén ham s6 c6 mot cuc tri.

x+1
J: =

Céu 23: Cho ham s Vx' -4 e ménh dé sau dung hay sai?

a) Bo thi ham s6 khong c6 tiém can ngang.

b) D4 thi ham sb 6 hai duong tiém can dimg 1a ¥ =1, ¥ = ! va hai duong tiém can ngang 1a
x=2 x=-2

¢) Do thi ham s6 co hai dudng tiém can ngang 1a ¥ =1 , Y = ! va hai duong tiém can ding la
x=2 x=-2

d) D& thi ham sé ¢6 diing mot duong tiém can ngang 1a ¥ =), hai duong tiém can dung 1a
x=2 x=-2

Loi giai
a) S b) S %) d)s

Tap xéac dinh D =R [' 2; 3],

limy=+0 limy=-w

=2 , FT .= D6 thi ham s6 c6 hai tiém can dung 1a X =2, X =-2
; SRR
.1" 1+ - 1‘ |+ :
limy = o) limy= =
= 4 ;1- X — - _1-
v l- — |1| - — .
v , x = DO thi c6 hai duong tiém can ngang la
y=l y=-1
vay m+n =9
3x-3

Cau24: Chohamsé  * +4x-m yéi M 13 tham s6 thyc. Cac ménh dé sau dung hay sai?



a) Néu > -4 4 thi ham sé c6 it nhit mot tiém cén dimg va mot tiém cin ngang.
b) Néu 7 =~ 4 45 thi ham s6 c6 mot tiém can ngang va mot tiém can ding.
¢) V&imoi ™ ham sb ludn co hai tiém can dimg.
d) Néu ™ <-4 @b thi ham sé c6 mot tiém can ngang.
Loi giai

a) D b) D b d)s

Xét phuong trinh *~ +4x-m =0 g A'=4+m <0 = m <-4 thi phrong trinh nay vo
nghiém nén dd thi ham sé khong co tiém cn ding.

x+1

) =

Ciu25: Chohamsé X~ 1. M va N 13 hai diém thudc d6 thi ctia ham s sao cho hai tiép tuyén cua dd
thi ham sb tai M va NV song song véi nhau. Cac ménh dé sau ding hay sai?
a) Hai diém M va N d6i xtmg v6i nhau qua gdc toa do.

MN
b) Pudng tiém cin ngang ctia d6 thi ham s di qua trung diém ctia doan thing

¢) Hai diém M va N d6i xting v6i nhau qua giao diém ctia hai dudng tiém can.

d) Puong tiém can ding ctia do thi ham s di qua trung diém cta doan thing MN .

Loi giai
a) S b) b c)b db
b ] - 2
& = p =
.1' :] + . 2
Ta c6 x-1 G- 1) .
. I . -
M‘ mil+ — ‘ "»‘ ml+e ——— y X+l
Goi | m=1] 1 1= 113 hai diém phan biét thuoc d thi ham sé =~ *- 1.
X qas A J< , X 1t 1n Acor Mua N I ~ _I'F(HIJZ_I"(H)
Theo dé bai tiép tuyén cua do thi ham so6 tai M va /v song song véi nhau nén
=9 _2
= —— =———= m+n =2
(m-1y  (n-1)

Vay M va N khong dbi xtmg nhau qua gdc toa do.

‘Dang ©: Cau trac nghiém tra 16i ngan
x-1

V =—

. ® \ (©) ,
Cau 1: Trong mat phang Oxy, ham s6 *1 g6 thi la . Giao diém cua hai tiém

N (& A s
can cua co toa do la:



Tra Ibi:(_ ;1)
Loi giai
Tiém c&n ngang la: V' =1,

Tiém can ding 1a: 1§ x=-1,

(©) 5 (- 1;1)_

Vay toa do giao diém cla hai duong tiém cén cta

3x-7
Cau 2: Toa dd giao di€ém hai dudng tiém cén cta do thi ham so6 Y+2 5
Tra 10i: 023,
Loi giai
o limy =3 n o eA pr L o s s p =3
Ta co: = tiém can ngang cla do thi ham sé c6 phuong trinh la V' =
lim y=-m
x—(-2)
. r=
lim p =+

(-2 Tiém can ding cda dé thi ham s6 cé phuong trinh 1§ x =-2

Suy ra: toa do giao di€m hai duong tiém can cla do thi ham sé la [('2;3).

x-1

Cau 3: D6 thihamsé  **2 ¢ tiém can ding 1d dudng thang
Tra loi: ¥ =-2,

Loi giai

Tap xac dinh:

, , x- ]
lim y= lim
x—{-2¥ r—-2F x+2

—==
Ta cé
x-1

y =

Vay doé thi ham so *2 6 tiém can ding 13 dudng thdng * —

2x+2

y=—
Cau 4: Do thi ham so6 *=1 6 bao nhiéu duong tiém can?

Tra loi: 2.



Loi giai

_R
Txp; D =RV
2x+2 . 2
lim —— =lim —— =+ . . .
Taco " x-1 —1x-l nén dé thi ham sé nhan dudng thang * =1 [a tiém cén
dung
Ty 3
lim “1 T2 lim = =0 ) . _
= x -1 ==x-1  n@n dé thi nhan dudng thdng » =0 13 tiém c&n ngang.
. o y=f&) o
Cau 5: Cho ham sé c6 bang bién thién nhu hinh vé
x —m 0 3 +m
¥ - - 0 ¥
0 +ao

_4 ‘-._3

T6ng s6 duong tiém cén ding va ngang cua do thi da cho bang
Tra loi: 3.
Loi giai

lim f(x)=0;lim f(x)=3 A
e i c6 hai tiém can ngang.

lim f(x) =4 = R ,
=0’ cO mot tiém can dung.

Vay téng cong cé ba tiém can.

1
y

Cau 6: budng thang 3 13 tiém can ngang cla do6 thi ham soé

x+1

y=
Tra loi:  3x-3



3 m T Ll
X Pbudng thang 3 la tiém can ngang cla do thi ham s6

Ta cé

Cau 7: Pudng thang =23 tiém can ngang cla do6 thi ham sé?

_2x+1

v
Tra loi: x-1,

Loi giai

r_ax+b a

TN I LA R © o s Y
Do thi ham sé ex+d cé tiém can ngang 1 dudng thang .

3x-5

Cau 8: Tiém can ngang cla d6 thi ham sé -8

la

I
Tra loi: 4.

Loi giai
—ip: Al
Txp: PR
3 5
-5 ©
lim y = lim 2> = fim —x =2
2 i — 2 4y - _ﬂ4_5 4

3
\ y = \ - A A d n . \ ~
= buodng 4 |a tiém can ngang cua do thj ham sé.

3
Cau 9: Tiém can ngang cla do6 thi ham sé 2x-1 )y

Tra loi: ¥ =0,

]

b | —

TXD:



"H_I‘{l y = "ﬂ_l‘{l =0.

2x-1
= pudng ¥ =Y 13 tiém can ngang cla dé thi ham sé.
_x-1

}"‘ - .
Cau 10: Tim phuong trinh dudng tiém can ddng clda doé thi ham sé x+2

Tra 1oi: ¥ =2,
Loi giai

O
Tap xac dinh: D =R\ -2

. . x-1
lim y= lim ==

Ta cd 2 =t x+ 2

x-1
V=

Vay phuong trinh dudng tiém can ding cda dé thi ham s6

x+2 |1y x=2,

b = 9- 6x
Cau 11: Tim tiém can ding va tiém can ngang cta do thi ham so - 3x+l2
Tra loi: ¥ = 4y =-2,
Loi gidi
o lim ) O =-2=y=-2 . n . ) R ]
Tacd = 3xr+l2 la duong tiém can ngang cta doé thi ham so.
. 9-0
lim S =+o= x =-4 . ,
(9" 3x +12 1 dudng tiém can ding cha dé thi ham so.
. ¢ x*—3x+2
Cau 12: Tim tiém can xién cta do6 thi ham so y:f(x):T.
X

Tra loi: y=x—6 la duong tiém can xién cla do6 thi ham sé y
Loi gidi
x°=3x+2 20

X—6+——

Ta cé: y=f(x)= 23 3

o o 20
Xethmcxﬂm[f(x)—(x—G)]—hmcxﬂ+w—x+3—0<,c.




Vay dudng thang y=x—6 la dudng tiém can xién cla dé thi ham sé

2
_ _ X —3x+2
y=fx)==—3—
. . x*+3x
Cau 13: Tim tiém can ding cua doé thi ham s6 y= =
X_

Tra 16i: dudng thang x=5 la tiém cén diing cta dé thi ham sé
Lo giai

Tap xac dinh D=R | {5}.
Ta cb: ¢

Vay dudng thang x=5 la tiém can ddng cla do6 thi ham sé da cho

—2x+1

Cau 14: Tim tiém can ngang cla do thi ham so y= 1

Tra 16i: dudng thang y=-2 |a tiém can ngang cla d6 thi ham sé.

Loi giai
Tap xac dinh: D=R | {—1}.
2x+1 ~2v 2x+1 ~2v
Tacélimé, ,,—=L=limi, , ——>=—2;:limé, ,——==lim{,  ——=—20400.
1 X+
1+—= 1+—
X X

Vay dudng thang y=-2 la tiém can ngang cta dé thi ham sé.

Cau 15: Cho ham sé y:f(x):x+x—J1r2. Tim tiém can xién cta d6 thi ham sé f(x).
Tra 16i: d6 thi ham sé f(x) c6 tiém can xién la dudng thang y=x.
Loi giai
;e . 1 .. . .
Ta co: lim ()XHMO[f(X)—x]:hIn (,Xﬂwom:()(,(,_ Tuong tu lim (,xqioo[f(x)—x]:()(,_
Vay dé thi ham s6 f(x) cé tiém can xién la dudng thang y=x.

2
X —x+2

Cau 16: Tim tiém can xién cla do thi ham s6 y=f(x) 1



Tra 16i: d6 thi ham sé f(x) c6 tiém can xién la dudng thang y=x-2.
Loi giai
Ta co:

lim f(x) lim x*—x+2

a:xﬂ+00 :xﬂ+oo :1;
X x*+x
lim —2x+2
b= li —x|==—=-2
lim [ (x)=x] 1
g tu, limé, ” =1,lim &, [f(x)—x]=—2¢0.)

Vay do thi ham s6é f(x) cé tiém can xién la dudng thang y=x—2.

Cau 17: Tim tiém cén ding va tiém can ngang cla d6 thi ham so y:f(x):;:i.
Loi giai
|
_\_\_\_\_\_‘-\-. T
x\ 5 \
fHinky 14

Ham sb da cho c6 tap xac dinh la R | {2].

Ta cé:

lime, . f(x)=limé, . *Lt=14,
x—2

lime, _ f(x)=limé,__ X144,
x—2

Vay dudng thang y=1 |a tiém can ngang cla dé thi ham sé da cho.




Vay dudng thang x=2 |a tiém can ding cla dé thi ham sé da cho.

Cau 18: Tim tiém cén ding, ngang, xién (néu cd6) cla do6 thi mbi ham sé sau:
2
X b)y=2x 3x+2

—X x—1

1
a)y=2 C) y=x—3+—
X

Tra loi:
a) dudng thang y=—1 va x=2 lan luot 1& dudng tiém can ngang va tiém can ding

cta do thi ham so y=2L

b) dudng thang x=1 va dudng thang y=2x—1 1an luot la tiém can ding va tiém can

2x°—3x+2

Xién clha do thi ham s6 y= .
X_

c) dudng thang x=0 va dudng thang y=x-3 lan luot la tiém can ding va tiém can

. . N . 1
xién cla do thi ham s6 y=x—3+—=
X

Loi giai
a) Tap xac dinh: D=R | {2].

=—146

L e . X
Ta co: limé, ,,y=lim OX“"‘)y:2—x

Mat khac, ¢

Vay dudng thang y=—1 va x=2 lan lugt la dudng tiém can ngang va tiém can ding

cla do thi ham so yz%

b) Tap xac dinh: D=R | {1}.
Ta cé: ¢

2
M3t khac, y=2X"3X*2_, 4, 1
x—1 x—1




1

=044
x—1

Xétlimé, . [y—(2x—1)]=limé, .

Vay dudng thang x=1 va dudng thang y=2x—1 lan lugt |a tiém can ding va tiém

2x°—3x+2

can xién cla do6 thi ham sé y= ]
.

c) Tap xac dinh: D=R | {0}.

Ta cb: ¢.
Xét

lim 1
lim [y—(x—3)]="=5—=0
X - 400 X

Vay dudng thang x=0 va dudng thang y=x-3 |1an lugt la tiém can ddng va tiém

A iAo A AL x 1
can xién cua do6 thi ham sé y=x—-3+—;
X

y=fG)
Cau 19: Cho ham sb6 / c6 bang bién thién nhu sau
X [—oC —2 2 +00
y' + 0 - 0 +
3 Eas
v /
/ \0
— 0
1
e
f(-x)-2

Do thi ham so6 c6 bao nhiéu tiém can ddng

Tra loi: 3
Loi gidi
1

()= ' TTG-0-2

Ta thay 2 63 nghiém = dé thi ham s6 c6 3 tiém can dang.

n A\ o ’f - 7 rd e " A 2 A . \ ~ Ve 7z n A
Cau 20: Cho ham s6 ° (x) c6 bang bién thién sau. Hoi do thi ham s6 dé c6 may tiém
can.



Tra loi: 2.
Loi giai
Ta cé.

lim y=2pP y=2 A
B ¥ la tiém can ngang.

lim y=-2b y=-2 A

limy=-%¥,lmy=+¥ P x=2 _ . ;
LE B 2* I3 tiém can dung.

y =+4x- x’

Cau 21: Cho ham sé -

sO la

, téng s6 duong tiém can ddng va ngang cta dé thi ham

Tra 16i:0.

Loi gidi
Diéu kién: 0 =x =4 Do dé d6 thi ham so6 khong cé tiém céan ngang.
Do thi ham s6 cling khéng cé tiém can ding.

Vay tong s6é dudng tiém can ding va ngang cta doé thi ham so la 0.

Cau 22: S6 duong tiém can cta dé thi ham so -
Tra loi:3.
Loi giai

. x =l{tm)
- dx+2 =0«
x =2{tm)

= x =Lx =23 TCP

. . 2x- ]
lim y =lim —— =0
e syt oy 42



2x-1
v =

Vay doé thi ham s6 “x'-3x+2 c6 ba duong tiém can.
Cau 23: T6ng sb6 duong tiém can ddng va tiém can ngang cla do thi ham s6

- 3x+2
V=——

.‘l.': = | Ié

Tra loi: 2.
Loi gidi

2_
im y = lim X-3%*2_4

! nén dé thj ham sé c6 tiém can ngang ¥ =1

X-3x+2 _ im X2 L x- 2

+) lim ———— = =+
—-T x-1 —-T (X-D(x+1) x—-1 x+1
+} lim X2-3X+2: lim W— lim X_E—_T_-

-1 x-1 -1 (x- D(x+1) a1 X+1

—+

nén dé thi ham s6 tiém can dang * =1

O lim X 3X2 e 2(x-D) 1
I x2-1 a1 (x- Dix+1) 2z
+) Iimw— ”mw_%

. 2 Tt (- - R N 2 _ R N A A ,
+ T x-1  oer (x-Dix+]) nén dudng thdng * =-1 khéng Ia tiém cén ding
Cau 24: Tim t&t cad cac gid tri thuc cta tham s6 " d&€ doé thi cia ham sé
x=1

.ll =

T , \ A A
x-2mx+4 43 duong tiém can.

m=2

m=-2

m i?
Tra loi: ' -

Loi giai



limy =0, limy=0 L o =0, ¥
nén do thi ham sé cé dudng tiém can ngang ¥ = ",
Do dé d6 thi ham sé da cho cé 3 duong tiém can

< phuong trinh ** - 2mx+4 =0 ¢4 hai nghiém phan biét khac !

5

) ) m#E=

A=0 m -4 =0 2
—

5 m =2

mE—

o | 2 | 2

5 =
m F—
~

me =2

2x+4

Y2 o tiém cén

J-‘ _—
Cau 25: Tim t&t ca cac gia tri cla tham s6 ™ dé& d6 thi ham sé

dung.
Tra loi: 7 #- 2,
Loi giai

o x- m =0 2= m#-2

YCBT Phuong trinh ' c6 nghiém khac
J-x

x’-4

y=
Cau 26: SO duong tiém can cta do thi ham so la
Tra loi:2.
Loi giai.

Tap x4c dinh 2 =C - DU,

lim @'” =0 _
P S y =0 ) ]
Ta cé: . Suy ra la dudng tiém can ngang cua do thi ham sé.

. l- x
lim = =+
- .".'- -

=

.Suy ra la dudng tiém can ddng cla do6 thi ham sé.

- x

3 =
[l
1
o

I

Y =73
X =

Vay do thi ham s6 c6 hai dudng tiém can.



Cau 27: buong thang nao dudi day la dudng tiém can ngang cta dé thi ham sé

1- 4x
y =
2.1"1?

Tra loi: V) = 2.
Loi giai

D =R\
Tap xac dinh

L
2]
, lim p=-2:lim y =-2

Ta co =~

Suy ra dudng tiém can ngang cta dé thi ham sé 1a ¥ =" 2.

3x-9

I}.‘ =
Cau 28: Tim tat ca cac gia tri cla tham s6 m dé d6 thi cia ham s **™ cé tiém
can ding
Tra loi:m #- 3,
Loi giai

el
Tap xac dinh D=R\{-mj

Dé dang chon dugc A

2x—1
x+1°

Cau 29: Tim s6 duong tiém cén cta do thi ham s6 y=

Tra loi:1.
Loi gidi
Tap xac dinh D=R.
DO thi ham s6 khoéng ¢ tiém can ddng.
vi lim y=0= Tiém can ngang cta dé thj ham s6 |a dudng thang y=0.

Vay do thi ham s6 cé moét dudng tiém can.

dx3+l

=
Cau 30: Do thi ham so ¥+l ¢4 cac dudng tiém can ngang 13

Tra loi: Y =l vy v = 1,



Loi giai

p: P =R~

m x 1+ ]:
tim » <lim | 2L <t Y
' x+] ' .1" 1+ :

= Ppudng ¥ = 13 tiém can ngang clta dé thi ham sé.

1
X . -
: ‘:hm—]"_:-l
T+
v 1+ |

‘. X

lim p =lim

= Ppudng Y= ! I3 tiém c&n ngang cta dé thj ham sé.

2x+1
y=l+

Cau 31: budng tiém can ngang cua dé thi ham sé ¥+2 4 phuong trinh I3:

Tra loi: » =3.

Loi gidi
o1
lim y =lim ‘ S :] ‘ =]+2=3
Tacéd: v nén do thi ham sé cé TCN: 7V =3,
=1 (x) R\ 1] ,
Cau 32: Cho ham s6 - lién tuc trén s bang bién thién nhu hinh vé.

Téng s6 duong tiém can ding va duong tiém cén ngang cla doé thi ham sé

y=r)

Tra loi: 3



limy =- o lim =+w=
x—=1" p—1"

Do = TCD: »=1.

limy=-Llmy=l=» ) <y =
b B - do thi c6 2 tiém can ngang la V' =

Vay, dé thi ham s6 da cho cé téng s& TCD va TCN 1a 3.

v =f) s e e s
Cau 33: Chohamso - f c6 bang bién thién nhu hinh bén dudi. Héi do6 thi ham

sO da cho cé tat ca bao nhiéu duong tiém can ddng va ngang?

X | oo 1 2 +o0

y' - - 0 +

Tra loi: 3.

Loi giai

Ta cé

limy=3 =3 s eia . b A i s x
P nén Y =2 la tiém can ngang cua do6 thi ham sé.
limy=5 =5 s eia R R N A'
X b nén Y = la tiém can ngang cua do6 thi ham sé.
J'lim y=-w

a—|"

liln .1‘ :+T A — \ A A 7 2 n Il \ ~n
L=t nén X =1 |3 tiém can ding cua d6 thi ham sé.

Vay doé thi ham s6 da cho cé 3 tiém can ding va ngang.

Cau 34: S6 duong tiém can cta do thi ham so
Tra loi:3.

Loi giai

 ©) RSy

Go Ia d6 thi ham s6

Tap xac dinh: D =(-o;-3)U (G +1')_



= lim A
N
llm - - 2 _ . R . L . .
+)“‘°°y ¥ =-1nén Y= 113 mot dudng tiém can ngang cla (C).
3
;_
= lim 2
S
llm - 2 _ . . R . L ) .
+) e =1 nén Y= cling Ia mot dudng tiém can ngang cla (C).
. . x-3
lim y =lim . =0
+) 7 AxHd nén * =3 khong phai 13 dudng tiém can ding cla (C).
lim y = lim ——
4) P X -9 =-00 nén ¥ =3 |3 dudng tiém can ding cua (C).

Suy ra dé thi ham sé da cho cé 3 duong tiém can.

Cau 35: C6 bao nhiéu gia trj cta ™ dé d6 thi ham s6 - cé mot
‘A A N =2.
tiém can ngang la: Y
Tra loi:2.
Loi giai
, m+1 . m=
lim y = lim y = .
Tap xac dinh D =R, Ta cé: “~* 2 ame 2
m+1 _
2 - m =3
—r
m- 1 ) m =5
D6 thi ham s cé mot dudng tiém can ngang la: ¥ =2< | 2

_2x+1

y

" s o iia R , R JUNEN . : . M(2;3) |
Cau 36: Gia tri cia " dé tiém can diing clha d6 thi ham sé X*+m gi qua 1a

Tra loi: 2.

TCD: *=-m qua M(23)=m :_3.



2x+1
.1: =

Cau 37: Cac dudng tiém can cta dé thiham s ¥~ 3 tao véi hai truc toa dé
mot hinh chr nhat cé dién tich bang
Tra 10i:0.
Loi giai
_ 2x+1
D6 thihamsé =~ *-3 cb cac dudng tiém can la ¥ =3V =2,

Do vay hai dudng tiém can tao vdéi hai truc toa do hinh chit nhat dién tich bang ©.

x-1
1‘ - el =l
A f o b T 42 A el La Lo +20m-Dx+m* -2, N
Cau 38: Xac dinh ™ dé do thi ham sb c6 dung hai dudng
tiém can dung.

3

oo m<—im=lm =3
Tra loi: 2
Loi gidi

x- 1

V=

> . \ ~n : - -: -} = C : = -} Ve 7 . = A N 7
D6 thihamss #20n-Dx+m’-2 4 dung hai tiém céan ding

=x +20m-1)x+m -2

< phuong trinh £ =0 ¢6 2 nghiém phan biét khac 1

m-:;
(- 2m+3>0 =
. . ) = . = im #l
A'=0 (m - |)_-(HI'-3)}D m-+2m- 3 #0
= ! = ' m #-3
.-f(l)im 1420m- 1)+m* - 220

v =x ++fmx +1

Cau 39: Tim tat ca céc gia tri thuc clia tham s6 ”* d€ d6 thj ham s6 -
co tiém can ngang.
Tra 16i:m =1,
Loi giai
N&u m =0 th) ¥ =x+1 Suy ra, do thi ciia né khong cé tiém can ngang.

= mix +l=20= =x =

Néu ™ <0 thi ham sé xac dinh V-m N-m




lim . A N ” N A A
Do dé, o0 khong ton tai nén do thi ham s6 khong cé tiém can ngang.
lim y :_lim x

1 : : 1
I+, |m+—|=+x limy=limx|l- |m+—|=-=

VGi 0<m<l1 th R : - - nén dé thi

ham sé khéng cé tiém can ngang.

V§i m =] thi ¥ :.‘l.'+\,||.".': +1 )

1
1+ 14— | =+w
i

o +l)- %
1i_|_n _r:__li_l_ﬂ (1 ) ! =lim — : _ =)

' = P wl-x * J“]*”
1 .‘II--

Suy ra dudng thidng ¥ =Y 13 tiém can ngang cGa dé thj ham sé khi X = -»,

lim y =lim x| 1+ m+l:‘:+ar:
me>ley 7 LV x

lim y =lim x

=X

- Véi

lim y =lim x

|- ,m+ _ ‘ =40
.1|-- A ~ . \ n~ N Ve = A A
\ / nén doé thi ham sé khong co tiém can ngang.

Cau 40: Goi S 3 tap tat cd cac gid tri cda tham s6 ™ dé d6 thi ham sé

x- 1
.ll =

- 3x+4 c6 dung mot tiém can ddng va mét tiém can ngang. S6 phan ti clda
Sbéng:

Tra loi: 3

Loi giai

x-1
1' =

TH1:m=0 trg6 =~ -3x+4

-1

4
Y= " N . By
D6 thi ham s6 c6 mot tiém can ngang la 3 va moét tiém can ding Ia

X —



x= 1

-ll = 2 > " Y o Ve A N \ f— ~ n .
TH2: m #0ty = mx - 3x+4 ta c6 d6 thi ham s6 cé 1 tiém can ngang la ¥ =0 dé& d6 thi
ham s6 cé 1 tiém ddng thi phuong trinh mx* - 3x+4 =0 ¢4 nghiém kép hoac cé 2

nghiém phan biét moét nghiém la 1 va mdt nghiém khac 1.

9

A — . — m=—
A =0 9- lam =0 16 9
A=0 = | |9-16m=0 = 0 = n 16.

3 s me—
m(l)Y - 3.1+4 =0 m(1) - 3.1+4=0 16 m=-1

AN 7 7 I ) :_I

TU d6 ta co: (M

K&t hgp 2 trudng hop ta cé 3 gid tri 7

_ Sx+1- Ju+l

1‘ ]
x+2x

Cau 41: D6 thi ham s6

c6 tat cad bao nhiéu dudng tiém can?
Tra loi:!

Loi gidi

Tap xéac dinh: P=0 1+¥ ) {0}
.l;I
e e
) . — ]jll'l X X X X
e Sx - afx+l T Lmey 2
lim y _..EHL 2 AL I+ — p v=0 N N N A
LR A X +2x X =0F ) la duong tiém can ngang
cla do thi ham so.
(Sx+1)- x-1 . 25x7 +9x
e Sxtls Wrtl =lim— =lim—
limy =Im=——s—"— 0i(¢ por)[sx+1+Jx+1) 20 +20)(5x+1+ 1)

=lim 2549 9
0 (x- 2)sx 14 aFT) =

P x=0khéng Ia dudng tiém can ding clda dé thi ham sé.
Vay do thi ham s6 cé tat ca | duong tiém can.
) _1-+4- X
Cau 42: D6 thj ham s6~ X’ - 2x-3 ¢cé s6 dudng tiém can ding 1a M va s6 dudng

tiém can ngang la 7. Gia tricua m*n |3
Tra loi:1.

Loi giai



Tap xac dinh: D =[-2:2]\{- 1]

Dua vao tap xac dinh ctia ham so ta suy ra dé thi ham s6 khéng cé tiém can ngang

hay n =0.
lim ﬂ —+0  lim ﬂ —
Ta cé =6 x7 - 2x-3 sl x? - 2x- 3

Do d4, dudng thang X =-1 |3 tiém cén ding cta dé thi ham s6. Nhu vay dé thi ham

s6 c6 1 tiém can dang hay m =1,

Vay m+n =1,
mx - |
n 7 A .7 . 2 ~ PN . by n . - ': - o '} 7 v . \ A
Cau 43: C6 bao nhiéu gia tri cia " dé dé6 thi ham sé ¥- 3l ddng hai dudng tiém
can?
Tra loi:2
Loi giai
) _f(x)
J () = _3_ . Y= _3_ } 2
Ta ¢ a(x) v6i Flx)=mx’- 1 va glx)=x"-3x+
1 1
mx® - 1 m= 3 mx” -1 m=
limy=lim ——— =lim L —=m limy=lim ———=lim——*— =m
M N s=om” amemy?o3p4) eow 32
1- —+— 1- —+
X X X X

mx” - |
.LI = 2 p— e .
Suy ra do6 thi ham so x"=3x+2 |udn c6 mot tiém cén ngang ¥ =™ véi moi MER

. x =l

g(x)=0= - 3x+2=0= .
Ta c6 t =
mx” - 1

-ll = 2 > A 7 N
DEdothihamsé  x - 3x+2 c6 dlng hai duong tiém can thi né can thém dang mot

tiém can ding 13 X =1 hodc x =2

- '_}'“(3) =0 (Am-1=0 m :i
- (1) =0 Ln— 10 m #1 m :l
= | = | = | = 4
_ _,f”(l):[:l {m— 1 =0 m =l m =1
I_;"(g) =) | 4m-1+0 mel




Vay co6 hai gia tri m

[- 10;10]

Cau 44: C6 tat cd bao nhiéu gia tri nguyén ctia tham s6 " thudc dé do thi

Jmx'- 4

5 ¥ 1 6 ba dudng tiém can?
Loi giai
TH1: Véi =0 thi ham s& khong xac dinh nén khéng théa méan yéu céu bai toan.

TH2: Vi m=>0

Ham s6 xac dinh khi va chi khi '

L_J; Jlm1_11m ma - 4 =-Jm

lim y =lim ) ]
, do dé do thi ham so6 ludn cé

e

Tacod: 7

hai duong tiém can ngang la ¥ =m va v ='\/E.

——-ﬂ.'.]'n’.—';" m <4

+) Néu m Jm thi do thi ham sé chi cé 2 dudng tiém can ngang ma
khong cé duong tiém can ding. Do d6 khéng théa man.

rl. 2 _ a
lim y —hmuzlin} 2Vt =+
+) Néu m=4khi @6 x|l =l x| nén * =113 dudng tiém can

ddng cua dé thi. Khi d6 dé thi cé 3 dudng tiém can nén ™ =4 théa man yéu cau

mx® - 4 mx® - 4

] lim y =lim =+og, lim y =lim ———— =-w
+) Néu m>4khidg ~" =17 x-1 S nén X =113 dudng

tiém can diing cda d6 thi. Khi dé dé thi cé 3 dudng tiém can nén >4 thda man yéu

cau

[-10;10] 5, mE[4:5:6:7:8:9:10)

Do ™ nguyén thudc . Vay c6 7 gid tri nguyén cia m

10;10]

thudc k théda méan yéu cau dé bai.



S

Cau 45: Goi la tédp caéc gid tri cia ™ sao cho d6 thi ham sé

x- |
.ll =

2 Yy Il - ;s . N . n o » b s N
X amxkmT - Zms 0 g dang hai dudng tiém can. Sé phan td cda S 1a
Tra loi: 3.

Loi giai

lim y = lim rox =0

ks s 2m N m’ - 2m- 0
Ta cé x x°
Nén dé thi ham s6 lubn cé mot dudng tiém can ngang 1a ¥ =Y.
Do dé dé do thi ham s6 c6 dung hai duong tiém can thi phuong trinh:

x’ - 2mx+m - 2m- 6 =0 ¢4 nghiém kép hodc c6 hai nghiém phan biét trong dé c6 1
nghiém bang 1.

m=-3
2m+6 =0 (m>-3 m=-3
P —
2m+0=0 m=1<|m=-1
Khi d6 m® = 4m-5=0 [[m =5 m =3
_l_a._ 1.4l ) )
vay ° T 3= B3 Nen tap Scé 3 phan tu.
2x-1
A N PR x+1 (© RS M, Giy) o My Gnspy) Do
Cau 46: Cho ham sé ' . Biét rang va -~ 7 lahaidiém
e O NP (€) B
trén do thi c6 tébng khoang cach dén hai dudng tiém can cua nho nhat.
, L, P=xx, ),
Tinh gia tri ) -

Tra loi: - 1.

Loi giai

;.
Tap xac dinh: 2 =RV-1
lim y =-w
Vi e = Ajx=-1 la tiém can ddng cua (C).

lmy=2__ A :p=2.. ..A A >

(C)_



Tac6  x+l x+l, goi a+l) ,

d (M,A)=|a+1]|

-3

a+1

S =d(M,A)+d (M, A) =|a+1|+ 3 52, ja +1]. 3 =2f3, Ya #-1
i |ﬂ+l| |ﬂ+||

3

d(M.AL) = -~
' ja+1]

. a=-1- ﬁ
. la+1] = I¢’(ﬂ+|)—:3'=’ -
Suy ra minS =23 | qat duoc khi ja+1] a=-1+43
MA\-1-3:2+43) M_\-1++43:2-43) | e R L . )
Do dé '( V5 +J_), ( +5: J_) la hai diém trén (© c6 téng khoang cach

dén hai tiém can nhoé nhat.

. P=x.x +y.y, 2(- 1- \E)(- 1 +\E)+(3+ ﬁ)(l— -JE) =-1 |

vay

’ :2.1'+| ©)

Cau 47: Cho ham sé6 x- 1 . Tinh téng tung do cac diém M thoa man M

thudc do thi © déng thoi khodng cach tr ¥ @én tiém can ding cda dé thi ( bang
khoang cach tir ¥ dén truc X
Tra loi: 2

Loi giai

2x+1]

_|e(c)

M| x: _ _
[ ‘ x-1 . Theo dé bai ta cé: d (M,1cD) =d (M, 0x)

2r+1
= |1 I| =

x =4

— Ger1) &[G DY =prst] <
diéu kién

M, (0;'1) M3(4;3) ¥ty =-1+3=2
Cé hai diém va . Vay
Tai liéu duogc chia sé bo1 Website VnTeach.Com
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