Cau 1.

PHAN B. BAI TAP TU LUAN

Dang 1. Tim cuec tri cia ham s6 dua vao bang bién thién, do thi cia hamso y, y’
-Dinh li cuc tri

d Piéu kién can (dinhli 1): Néu ham s6 Y = F(x) co dao ham trén khodang (CHe) va dat cuc dai

(hodc cuc tiéu) tai %, thi ﬁtx@) =0.

a Diéu kign dii (dinh Ii 2):

Néu fix)
y =f(x)

Re 0A .5 @ . . i X A 3 7.3 A
doi dau tir am sang dwong khi X di qua diém “° (theo chiéu tang) thi ham so

o2 coa.2 X
dat cwec tiéu tai diem = °

Néu f¢X)
y = f(x)

Re 74 s " . . i X A N A
doi dau tir dwong sang am khi X di qua diém “° (theo chieu tang) thi ham so

o2z X
dat cwce dai tai diem ~°

(x

o

- h; x, +h),

9Pinh li 3: GiasirY = FX) co dao ham cdp 2 trong khodng voi N> 0. gpi

do:

Néy Y®) =0 yEx)=>0 ..

X .\ 4.2 .2
170 [a diem cuc tiéu.

Néu }.r“txj} =0 yqxﬂ} oL thi X la diém cuc dai.

- Cic THUAT NGU céin nhé

F(x,)

oA . : 2 9 A8 20 o0z .0 . o 2 3 & 7s

A Piéem cuc dai (cuc tieu) cua ham so la ~°' gid tri cwe dai (cwe tiéu) ciua ham so la
o v e A . A g e .. Mix ;f .
(hay Yeo hodc Yer) Diém cuc dai cua do thi ham so la ( o (Xﬂ'”

fytx ) =0

Y=HP iy )l y=fx)”

 M(x; s ol . R 9 7.8 £
g Néu (0}/0) la diém cuec tri cua do thi ham so

Gia tri cuc dai (cuc dai)

ctia ham s
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ctia ham s6
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Tim cuc trj ciia ham s6 ¥ =/ () ¢6 dd thi dugc cho ¢ Hinh.



Cau 2.

Cau 3.
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Xétham sé ¥ =/ (%) tren khodng (-14) , ta c6 bang bién thién nhu sau:
x |-l 1 2 3 4

f'(x) —
fg | >

- 0 +

D+
1
1
1

—

X, :2 \ A A A . 5 \ A ~ 1 .7 . . /.
0 la diém cuec ti€u hay di€ém cuc dai cua ham s6 da cho? Tim gia tri cuc tri twrong ung.

Cho ham sé V' =/ (x) lién tuc trén IR va c¢6 bang bién thién nhu sau:

X |-o0 0 1 +00
f'(x) + I - 0 +

f(x) _oo/ 2 T~ 3 /v+oo

Xac dinh céc cuc tri ciia ham sb J(x) .

(x) =-x +3x

Dua vao dd thi ham s6 =1 0 Hinh, hay chi ra cac diém cuc tri ctia ham so do.

¥4
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Dang 2. Tim cue tri ciia ham so6 khi biét y, y’

* Bai toan: Tim cac diém cuc dai’, cuc tiéu (néu c0O) cua ham s6Y = ).
A Phuwong phap: Sy dung 2 qui tac tim cuec tri sau:
Quy tic I: sir dung ndi dung dinh ly 1

* Budre 1. Tim tap x4c dinh D cua ham so.

* Bwéc 2. Tinh dao ham Y =09 Tim cac diém
hodc khong xac dinh.

X, ({=L23,.n) ., tai 46 dao ham bang 0

* Bude 3. Sap xép cac diém % theo thur tu tang dan va lap bang bién thién.

* Budc 4. Tur bang bién thién, suy ra cac diém cuyc tri (dya vao ndi dung dinh ly 1).
Quy tac II: sir dung ndi dung dinh ly 2

* Budre 1. Tim tap xac dinh D cua ham so.

* Budc 2. Tinh dao ham ¥ = - Giai phuong trinh =0 y3 ki higu X~ 0 =
nghiém cuda no.

* Buéc3. Tinh 1 09 vy 1 (X0
y'(x)

1,2,3,...n) la cac

r \ A 5 s A . 5 + R X. :
* Budc 4. Dya vao dau cua suy ra tinh chat cuc tri cua diem "



+Néu T %)<0 i ham sé dat cuc dai tai didm %

+ Néu F%)>0 thi ham s dat cuc tiéu tai diém
fx)=2x"-9x" - 24x+1

f(x)=x"-3x"+3x-4

X;.

Cau 5. Tim cuc tri cua ham so -
Cau 6. Tim cuc tri cia ham so -

Cy=fix) =——x -x -3x+—
Cau7. Tim cuc tri cua ham so 3 3.

A N < A P \ A ':'3—3':—':;'4- .
Cau8. Tim diém cuc trj cia ham s * —* x° - Ox+l1l

§ X +x+l

Cau9. Tim diém cuc trj cia ham s6 x+1l

Cau 10. Qho ham sb f(x) c6 dao ham f ) =l T+ E}J, VXER Xac dinh s6 diém cuc tri ciia ham
so da cho

=) £ =(x- 2)(7 - 3)(x* - 9)

N \ ¥ , R , . L 4.2 .,
Cau 11. Cho hamso - c6 dao ham . Xac dinh s0 diém cuec tri cia

y =f(x)

ham sb -
Dang 3. Tim m dé ham so6 dat cuec tri tai x = x0
Buée 1. Tinh » 20" ()

.II — Ly ]
Bute 2. Gidi phwong trinh ¥ %) =0= =

y">0- x, =CT
4 " r el n p—
Buée 3. Thé 7 vio ¥ ) néy gia i 12" <0~ % =CD
A . A 0 g eg ., £ [ Ly =x = 3x° - . X c =
Cau 12. Tim tat ca cac gia tri ciia tham s6 ”* d€ ham so y=x- 30 dma+] dat cuc ti€u tai ¥ =2
Cau 13. (THPT Doan Thugng - Hii Dwong 2019) Tim cac gia tri thuc cua tham s6 m dé ham so
| s .
y=—x - mx" + (m' - 4).r+ 3 _
3 dat cuc dai tai ¥ =3,
Cau 14. (THPT Thang Long - Ha N¢i - Lan 2 - 2019) Tim tap hop tat ca cac gia tri cia 77 dé ham so
=x" +Bm- D’ #mix-3 =
y=x" +Gm- Dx’ +r'x dat cuc tiéu tai X =" 1,
Dang 4. Tim m dé ham s6 c6 n cue tri

d Ham s6 ¢6 N cuc tri U y¢=0 c6 N nghiém phan biét.

. _ ayd 2 .
gXél‘hdmsébdcba1"’_'5"‘:'c b to+d:
fat 0
- 3ac>0

+ Ham 56 c6 hai diém cue tri khi

yt=0

+ Ham s6 khong co cuec tri khi vo nghiém hodc co nghiém kép.

, , _ ,
O X6t ham s6 bc bén trimg phuong Y =X TBE +¢

+ Ham s6 6 ba cuc tri khi @ < 0.+ Ham 56 c6 L cuc tri khi ab? 0.

Cau 15. (Chuyén Son La - Lin 2 - 2019) Tim tit ca cac gia tri thyc cta tham sb ™ dé do thi ham s

y=-x-(m-3)x"+m+1 , .z C A L g:R .2
- c6 diém cuc dai ma khong co diém cyc ti€u



Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

Cau 21.

A Lo =1 = Yt . .,
uang Trung - Binh Phuwéc - LAn 5 - 2019) Cho ham s§ * =% = <" *™ Tim t4t ca cac gia
g g g
tri thue cta 7 dé ham sb c6 3 cuc tri
, . , L 3.2
(THPT Ba Pinh 2019) Tim tit ci cic gid tri ciia tham s6 7 dé ham s ¥ =% = 3X" +2mx+m .
0 cuc dai va cuc tieu?

v =t (2 2 ,
(THPT Yén Dinh Thanh Héa 2019) Cho ham s§ * =% * 2+ DX+ myy 4 o4 cac gia tri
thuc cia tham s6 7 @€ ham so c6 ding mot di€m cuc tiéu.

Dang 5. Puong thing di qua 2 diém cuc tri ) .
Phuong trinh hai duong thang di qua 2 diém cuc tri cua ham s6 bac ba 1a phan du cua phép chia

cua ¥ cho
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° Phan tich (bang cach chia da thic ¥ cho ¥ ).
° Puong thang qua 2 diém cuec tri 1a ¥ =h(x).

(THPT Xuan Hoa-Vinh Phic- 2018) Biét db thi ham s6 ¥ = = 3¥*1 ¢4 haj didm cuc tri 4,
B . Viét phuong trinh dudng thing 4B

1:y=0Q2m-Dx+3+m

(M4 104 - 2017) Tim gi4 tri thuc ctia tham sé 7 dé dudng thiang * vuong

J e \ M . . 3R ., A iy /\1':'-1—3':+
goc voi duong thing di qua hai diém cuc tri cia d6 thi ham sé » = X+l

(Lwong Vin Chanh - Phu Yén — 2018) Tim gia tri thuc cua tham sé 7 dé duong thang

d:y=Cm+Dx+3+m e 4 2 : . 112 R
' vuong goc voi duong thing di qua hai diém cuec tri ciia @6 thi ham so

y=x -3 -1

Dang 6. Tim m dé ham so béc 3 c¢6 cuc tri théa man dieu kién cho truéc

* Bai ton tdng quét: Cho ham sé ¥ =f(xim) =ax" +bx" +ex+d. 3 tham o6 m dé db thi

ham s6 ¢6 2 diém cuc tri Y12 %2 théa man didu kién K cho trudc?
A Phuong phap:

1 = 4 \ 1 — = Y
— Buwdc 1. Tap xac dinh D =R. Tinh dao ham: * 3ax” +2br+c.
— Buée 2. Pé ham s6 c6 2 cuc tri

a . =3a =0

A =(2b) - 4.3ac >0

er=0 ¢ 2 nghiém phan biét
—

va giai h¢ nay s€ tim dugc EE L

— Bwéce 3. Goi S TR PR nghiém cuia phuong trinh y =0. Theo Viét, ta co:

b
S=x +x, =-—

— Budér 4. Bién dbi didu kién K v& dang tbng S va tich P. Tir d6 giai ra tim duge ™ € P2

— Bude 5. Két luan céc gia tri m thoa mén: m =D, ND,.

[JLuwu y:

r - — , <
| i st 580 2 Kidms b are il © 7 L (it et 2 bt pten s S

— Trong trudng hop diéu kién K lién quan dén hinh hoc phang, tirc 1a can xac dinh toa d6 2 diém

Alx:y ), Bl X,

. iV ..
cuc tr1 2020 yoi

Sau:

Y212 nghiém ciia =0. Khi d6 ¢6 2 tinh hudng thuong gip

4



X5

®* Néu giai dugc nghiém cia phuong trinh =0, tire tim duoc ™ *2 cu thé, khi do6 ta s& thé vao

ham s6 dau @& ¥ =/ (x;m) dé tim tung do Y Vs tuong ing cua 4 va  B.

* Néu tim khong duoc nghiém ¥ =0, khi d6 goi 2 nghiém la *> 2 va tim tung do ERE béng
cach the vao phuong trinh duong thang noi 2 di€m cuc tri.

Dé viét phuong trinh duong thang ndi hai diém cuyc tri, ta thudng ding phuwong phap tach dao ham
(phan du bac nhit trong phép chia ¥ cho ¥ ), nghia la:

, f}'l =h(x)
y=y qlx)+h{x)= :

° Phan tich (bing cach chia da thic ¥ cho Y ).

|y, =h(x,)

° Puong thang qua 2 diém cuec tri 1a ¥ =h(x).

Dang toan: Tim tham s6 m dé cac ham so6 sau co cuc tri thoa diéu kién cho trudc (cung phia,
khac phia d):

Vi tri twong doi gia 2 dieém véi dwong thing:

Alx,iy,) Blx,:vg) d:ax+ by +c =0. Khi db-

Cho 2 diém va duong thang

* Néu e 3 el it e thi 4 B pgm vé 2 phia so voi dwong
thing 4.

* Néu L3 m s i it = thi 4 B pim cing phia so véi duwong 4-

Truwong hop dac biét:

* Pé ham s6 bic ba ¥ =/ (%) co 2 diem cuc tri nam cung phia so voi truc tung

Oy < phurong trinh ¥ =0 ¢6 2 nghiém trdi dau va nguoc lai.

* Pé ham sé béc ba ¥ =f(x) c6 2 diém cwec tri nam cung phia so voi truc hoanh
Ox = {5 thi ham sé ¥ =) e truc OX tqi 3 d@iém phdn biét < phurong trinh

hoanh do giao diém J(x) =0 co 3 nghiém phan biét (ap dung khi nham duoc
nghiém).

Dang toan: Tim m dé cac ham s6 sau c6 cuc tri thoa di€u kién cho trude (doi xirng va cach deu)

* Bai todn 1. Tim m dé dé thi ham 8 ¢6 2 diém cwe tri & B déi xitng nhau qua
duwong 4

. \ U S L, . 2 = meD.
— Buwde 1. Tim diéu kién d€ ham so c6 cuc dai, cuc ti€u J

— Buéc 2. Tim toa d6 2 diém cuc tri 4, B. ¢4 2 tinh huéng thuong gip:

+ Mot la y =0 c6 nghiém dep Y0 20 e 06 A(x;;3,), Blx;;3,)
+Haila ¥ =0 khong giai ra tim dugc nghiém. Khi d6 ta can viét phuong trinh duong

thing ndi 2 diém cyc i 2 A va iy A%50)> B(x;7,)EA.




Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

E [x +x, ¥+,

— Buédce 3. Goi 2 2 T trung diém ciia doan thang 4B5.

- UL U

Ald AB u, =0

red = ‘ = meD,
Do 4 B 4éi ximg qua ¢ nén théa hé * =
— Buée 4. Kétluan " =D 0D

A, B

* Bai todn 2. Tim m dé do thi ham sé c6 2 diém cuc tri cdch déu dwong thing

d:

2 3 22 oA R 1.9 A 5 2 = meD.
— Bwde 1. Tim di€u kién d€ ham so co cuc dai, cuc ti€u !

— Buwéc 2. Tim toa d6 2 diém cuc tri 4, B. C6 2 tinh hudng thudng gip:

r

+Mot1a ¥ =0 o nghiem dep B* %2 tixc co AFi ) Bl 1)

+Haila Y =0 khong gii ra tim dugc nghiém. Khi d6 ta can viét phuong trinh dudng
(x:1), Blx,iy, )EA.

thang ndi 2 diém cuc tri 1a A va lay A

A, B d(A:d) =d(B.d)= meD,.

— Buwée 3. Do cach déu duong thing ¢ nén

— Buée 4. Kétluan " =D 0D

0 Luu y: Dé 2 diém 4, B g5 ximg nhau qua diém 7 < 1 13 trung diém 45.

=x -3+ s aR . \
7 T 66 hai diém cuctri 4, B thoa

Vi gi4 tri nao ciia tham sé ™ dé d6 thi ham s
méan O4 =08 (0 1a gbc toa d6)?
(Chuyén Bién Hoa - Ha Nam - 2020) C¢ tat ca bao nhiéu gia tri thuc cua tham s6 7 d¢ do thi
2, s s 2
VY E=—x - mx - E(Em' - ])_r+— . Y x
ham so 3 3 ¢6 hai diém cuc tri ¢6 hoanh dd !, ™2 sao cho
v, 4200 + 1) =1
T - : - . .y
(Chuyén Ha Long 2019) Cho ham s6 y=x' - Qm+D)x" +(m+ Dx+m- | . Co6 bao nhiéu gia
trj ctia s6 tw nhién 7 <20 @ dd thi ham sb c6 hai diém cyc tri ndm vé hai phia truc hoanh?
oy =xt -3t +30m7 - -

(Chuyén Lwong Van Chanh - Phu Yén - 2018) Cho ham s0 ° ,

re \ A . C \ A : o \ A 3~ A M . A R c
véi ™M 1a tham so; goi (©) la d6 thi cua ham so da cho. Biét rang khi /7 thay doi, diém cuc dai ctia

dd thi ©) ludn nam trén mot duong thang d ¢ dinh. Xac dinh hé s6 goc k cua duong thang

d .
moo -
Yy =—x - Gm - Dx* +30m-2)x+2
(THPT Nam Truc - Nam Dinh - 2018) Cho ham s6 3 .Ham

p 2 = . _ \ — ~ iy X
sO dat cuc tri tai X% thoa man 11 4% 1 khi m =a vy m=b Hay tinh tong ¢ +b

Dang 7. Tim m dé ham sb trang phwong c6 cue tri théa mén diéu kién cho truée
M@t sé cong thive tinh nhanh “thwong gdp“

P . g £y =ax’ +hx +
lien quan cwe tri ham sé » ~—™* bx” +c



Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

1 cwe trj: @b =0 3 cwe tri: ab <0

a>0.1 cyctibu| @<0:1 cyc dai a>0.1cycdai,| @<0: 2 cuc
) " dai,
cuc tieu
I cyc tiéu

“ _‘: AB = Ar:_,‘ : ’
"ﬂ '-"a
A AB,AC : J—+: b .
BC:y=-— e i K1 Py
da | Ve

Phuong trinh qua diém cyc tri: va

A(D;:]I,B[— ;-

2a 4a

vai A =b" - d4ac

B 8a(l+cosa)+ b (1 - cosa) =0= cosa :b;+8a S5 =- i
Goi BAC =& | 1ypn co: B - 8a vy 32a

2 A

n=—-—

B.C:x +y - (c+n)x+en =0, ,.
A,B,C:x" +y - (c+n)x +en =0, vOl b 4a yibankinh

Phuong trinh duong tron di qua
_|b* - 8a
8ab

duong tron ngoai tiép tam giac 1a

(THPT Minh Chau Hung Yén 2019) Tim tit ci cac gia tri thuc ctia tham s m dé do thi ham s6

=x*- 22 .2 . . , , R LA
yEXT-2mixTem+4 c6 ba diém cuc tri tao thanh ba dinh ciia mét tam giac déu?

(THPT Quang Trung Péng Pa Ha N§i 2019) Tim 7 dé dd thi ham sé ¥ =% ~ 2% +1 53
diém cuc tri 1ap thanh mQt tam gidc vudng can.

(Toan Hoc Tudi Tré S6 5) Tim tit ca cac gia tri ™ sao cho dd thi ham sb
y=x"+(m+1)x" - 2m- 1

120°
(CHUYEN DPHSPHN - 2018) Goi A, B, C 1a cic diém cuc tri cia d6 thi ham sb

c6 ba diém cuc tri 1a ba dinh ciia mdt tam giac c6 mot goc bang

y=x"= 25 %3 Ty ban kinh duong tron ndi tiép tam giac 4BC
(Lién Trwong - Nghé An -2018) Tim gid tri cia tham s6 7 dé do thi ham so

y — e i’ 2 3 . . A .y TN ’ M
y ="+ 2max - c6 ba diém cyec tri tao thanh mot tam giac c6 dién tich bang 42 .

(THPT Triéu Thi Trinh - 2018) Cho ham sé: ¥ =% 27 +1° +1 0 m 48 43 thi ham sb
¢6 3 diém cyc tri 1ap thanh tam giac c6 mot goc bang 120

=3x" 4+2x +ex

Hay tim tat ca cia tham s6 € dé ham s6 - c6 dung ba diém cuc tri

Dang 8. Tim m dé ham so0 bac 2 trén bac 1 ¢6 cuc tri théa man yéu cau bai toan

x* - mx
1' =

(PHQG Ha Noi - 2020) Tim tham s6 ™M dé hamsb I- x ¢4 cuc dai va cuc tiéu
b= = 2mx +m+2
(THPT Nam Truc - Nam Dinh - 2018) Tim tham s 7 dé ham s6 2x=2m ¢hcye

dai va cuc ti€u



Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Dang 9. Bai toan cuc tri ham s0 chira diu tri tuyét dobi

. . A o s ,(V:“.r‘ z A 0 R .
Bai toan: Do thi ham so - fx) c0 bao nhiéu di€ém cuc tri

(Ap dung dinh nghia). 1 (x)
}'r =)= '“{"'} :D(I)
F1x) =0(2)

Sd nghiém cua @ chinh 14 s6 giao diém cta do thi ¥ =f(x) va truc hoanh :0. Con sd nghi¢m

. (2),. . . o1 fyv=~Fflx A o sele 2) o x x 2 A2 74
cua ) 1a s0 cuc tri ctia ham so J(x) , dua vao do thi suy ra ( ) Vay tong s0 nghiém boi 1¢

@ . @)

cua “va chinh Ia so6 cuc tri can tim.

(Cum Lién Truwomg Hai Phong 2019) Tim s6 cac gid tri nguyén ctia tham s6 ™ dé d6 thi ham sb
y= |.1"' - 2mx” +2mt +m- 12

c6 bay dieém cuyc tri

v =|x" - 2mx” + 2m - ]|

(THPT Lwong Thé Vinh Ha Ngi 2019) Cho ham s6 - v6i ™ 1a tham s

. K ez, - ~ 5 -2;2| 21 s A 2~ . .2 .
thuc. Tim s6 gia tri nguyén trong khoang [ ] clia 7 @& ham s6 di cho c6 3 diém cuc tri

. . . ¥ =|xt +ax - 8x
(M3 103 - 2022) C6 bao nhiéu gia tri nguyén dm ctia tham s6 ¢ dé ham s6 | co

dung 3 diém cuc trj?
(Chuyén Phan Bji Chau — Nghé An 2022) C6 bao nhiéu sé nguyén ¢ thudc doan [-20:20] gq0
cho ham s ¥ = 2x*+2+ava - dx+5 o cuc dai?

Dang 10. S6 diém cuec tri cia ham hop khong chira ddu GTTD
y=f&)

Bai toan: Cho ham sé (Pé c6 thé cho bang ham, do thi, bang bién thién cia

TACONACY ). Tim s6 diém cuc tri ciia ham s y=f) trong d6 # 1a mot ham sb d6i voi X
Ta thuc hién phuong phap tuong tw xét s diém cuec trj ciia ham s6 = ()
Bue 1. Tinh dao ham * =/ @)

. u'=0

* Fu)=0

Budc 2. Giai phuong trinh
/ 5 '
Bude 3.Tim s0 nghiém don va boi 1¢ hodc cac diém ma y khong xéc dinh.

Két luin

(THPT L& Vin Thinh Bic Ninh 2019) Cho ham sé » =/ ) yae dinh trén i va ham s

y=14x) v =/ 3),

¢06 d0 thi nhu hinh vé. Tim s6 diém cuc tri cia ham s0



yA
2
2 l &
0 L
Céu 41. (Chuyén Lé Quy Pon Quang Tri 2019) Cho ham s £ c6 dao ham 1a f (x). Db thi cua
ham s6 =/ () nhu hinh v& bén. Tinh sd diém cuc tri cia ham sb y=/ (") trén khoang
(-45:15)
y
0

= /(x) y =)

Cau 42. (Chuyén Thoai Ngoc HAu 2018) Cho ham sé * . Db thi ham s6 - nhu hinh vé

sau.

Ily

c g(x) =f'(.1':) ) .z )
sO g : ¢6 bao nhiéu diém cuc tri?

Ham
Cau 43. (Mi 103 - 2020 Lin 1) Cho ham s6 bac bén / (*) ¢ bang bién thién nhu sau:

x —00 —1 0 1 +00
I(x) - 0 + 0 — 0o+

f(@) +OO\1 /3\1/00

(x) =x'[f (x- DF

Tim s6 diém cuc tri ciia ham sd £



v =f(x)

Céu 44. (Sé Ha Tinh 2022) Cho ham s - 12 ham s6 da thire bac bdn va co bang bién thién nhu

, g(x) =2 [_;"(2_1'+i)l ’

hinh bén. Tim s0 diém cuc tri cia ham so

X - -1 0 1 o
f'tx) - o + 0 - 0 -
Jx)

oS N\L

Dang 11. S6 diém cue tri ciia ham hgp chira ddu GTTD
. g (r):|j[u(r)] +h (q

Bai toan tim cuc tri ciia ham so

)=/ [u(x)] +h(x)

Bwoc 1. Tim cuc tri cia ham so

Bude 2. St dung phuong phap bién d6i d6 thi ham s tri tuyét ddi dé tim s cuc tri cta ham s6

g(x)

7 =1

Cau 45. Cho 13 ham sb bac bon théa man In2 Ham s J (x) c6 bang bién thién nhu sau:

T | —oo —1 1 —+0o0

+00
f'(z) -
\—4 7 \oo

f(-x)- +2—

In2

g(x)=

Ham so

¢6 bao nhiéu di€ém cuc tri?

Cau 46. (Chuyén Lé Hong Phong - Nam Binh - 2021) Cho ham 67 ) dao ham &) Jien tuc trén
R va c6 bang bién thién £ nhu sau:

X |- -2 -1 0 +o0

£ 1

. g(x)=f (|.".'3‘)- 3|.".'|'

Tim s6 diém cuc ti€u cua ham so

CAu 47. (Cum Ninh Binh — 2021) Cho ham s6 ~ =/ ()

. 2(x) :_,f"(.r: - —1|1|:|
0

lién tuc, xac dinh trén R va c6 d6 thi nhu hinh

vé. Ham s ¢6 bao nhiéu di€ém cuc tri?

10
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.'II'II
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Céu 48. (S& Quing Binh - 2021) Cho ham s6 | () =a% *hx +ertl (@ 20) (o 0o ce @boc

lim f(x)=-o . :

hoa man @ +b+c>2019 4 -'-'-“'f . Tim s0 diém cuc tri cia ham so
y=lgG- 2019) g () =£(x)- 2020

(x) f(-3)=0 déng

Cau49. (Sé Nam Pinh - 2021) Cho ham s6 - =70 ¢ dao ham lien tue wén R va

thoi c6 bang xét du dao ham nhu sau:

£ g(.‘r):‘ﬁ (-"+|j' - 6(x+ I): - 3_{(— xt-dxT-4x7 -2

Ham so 1 ¢6 bao nhiéu dieém cuc tri?

Ciu50. (THPT Huong Son - Ha Tinh - 2022) Cho ham s * =/ ¥

YA G e .
¢6 bao nhiéu di€ém cuc tri?

¢4 dd thi nhu hinhh vé. Ham sd

Ty AR
B Y B0

, P — . , glx)= f'(r{' )- X . »
Cau 51. (Sé Bac Giang 2022) Biét rang f(0)=0 . Hé1 ham s6 £l ‘ ‘ c6 bao nhiéu diém cuc
dai?

i

CAu52. (Sé Vinh Phitc 2022) Cho ham sé ~ =/ O ien tuc trén R va ¢ bang xét déu 7 G b sau

11



x —00 —1

+ o0 — 0

f'(z)
L 2(x) :_}'"(_1"" - 3|.T| - —'1)
0

Tim s6 diém cuc tri ctia ham s
. 1

S(0) ==

2, ham so

Céu 53. (S& Thai Nguyén 2022) Cho ham sb da thic bac bén ¥ =/ (%) thoa man
J %) ¢6 b thi nhw hinh vé.

I

x .
-Xx

a(x) :‘18_;"‘ -2

Tim s6 diém cuc tri ctia ham sd
Dang 12. Tim m dé ham s6 f(u) khong chira ddu GTTD théa min diéu kién cho trwdc
2018) Cho ham s6 ) ¢ dao ham
Sy

y 2_,""‘.

Ciu54. (THPT Ham Roéng - Thanh Héa
x ‘
¥ 44 ¢ 6 diém

) =5 (- - 15) , e
1 () = (- a) 13 I”).Timtéphqpcécgiétricﬁaadéhémsf)

cuc tri
Cau 5. (S Vinh Phiic - 2021) Cho ham s6 7 @) gig /') 4 pam béc 3. C6 db thi nhu hinh vé sau

- , o) =7 () +mx + 202
C6 bao nhiéu gia tri nguyén mE[ 1!],10] de ham so g(0) =/ () +mr+2021 c6 dung 1 cyec tri?
) = ) =43 (- x
y=fG) c6 dao ham S =Gea3y (s JV(’)’i eR,

Céu 56. (S6 Hwng Yén 2022) Cho ham s
y :_,f"(.r: - f]x+m) L
co 5 diém cuc

Co bao nhiéu gia tri nguyén duong ctia tham so /7% dé ham so -

tri?
12



Cau 57.

Cau 58.

Cau 59.

Cau 60.

Cau 61.

Cau 62.

Cau 63.

(THPT Ddng L - Ha Tinh 2022) Cho ham s§ * =/ )

ham nhu sau:

xac dinh trén R , va c0 bang xét dao

gm:_;-\' J;\' 1+ J,T ‘

()

Tim tat ca cac gia tri cua tham s6 /77 dé ham so " ¢0 it nhat 4

diém cuec tri.

(THPT Phan Chau Trinh - Pa Ning 2022) Cho ham s
F(x)=x"-x, xeR

c6 dao ham

. C6 bao nhiéu gia tri nguyén ctia tham sé 7 thudc doan [_ 10;1 0} dé ham

v = - mx +(m- 2)x+1)

A

c6 dung 8 cuc tri?
o ) =(x- 17 (5 - 2x), ¥x €R
(S& Nam Dinh 2023) Cho ham s ¥ =/ () ¢6 dgo ham 7 ) =0~ (7= 20). WreR o

. 2(x) :_,f"(r'-‘ -3x + m]

gia tri tham so0 ”* dé ham so co 8 diém cuec tri

Dang 13. Tim m dé ham sé f(u) chira ddu GTTPD théa min diéu kién cho truéc

y=rl ree) = - @)= o). xT i

(M4 102 - 2021 Lan 1) Cho ham s c6 dao ham

‘A s . A A A A g[x) = f[|x3 +ﬁx|+m) A
bao nhiéu gia tri nguyén duong cua tham s6 M @é ham so co it nhat 3
diém cuc tri?

(Chuyén Bic Giang - Lan 4 - 2019) Cho ham sd y=f0x) c6 dao ham

FG) == 2) (x- I)(.r: - 2(m+1)x+m’ -

1 .
) , "rER . C6 bao nhiéu gia tri nguyén cua ” dé
ham sé ()= (H) ¢6 5 diém cuc tri?

(Chuyén Long An - 2021) Cho ham s /() lién tyc trén R va co bang bién thién dudi day

-0 -1 0 2 +m

Sx) - 0 + 0 - 0 +

) o - P IO =|_}'"|:f:|.ﬁ.'— 5))+ 3D2|+m|
C6 bao nhi€u gia tri nguyén cuia tham s6 ”* d€ ham s6 | |

dai?

¢6 3 diém cuc

¥ :[_,f"(.r: +2x )l '

(Pai hoc Hong Pirc 2022) Cho ham da thic c6 dd thi ct truc OX tai 5 diém
phan biét nhu hinh v&. Hoi ¢6 bao nhiéu gia tri cua tham sé 7 v&i 2022ZmEZ 3¢ ham sb

=f ._:_2 x=1|-2x+ I3
g(x)=f ("~ 2|x-1]-2x m)cé9diémcuctfi?

13
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lF'..__,

I R 3 2 )
Cau64. (S& Nam Dinh 2023) Cho ham 6 ¥ =/(¥)=ac +be +a +detela #0) 5, o4

Y =F(1+2X) (6 43 thi nhu hinh vé sau:

F'(1+ 2z)

.1\_/”

/|

diém cuc tri?

x X cg(x) =f\|x +5x|+m
C6 bao nhiéu gia tri nguyén duong ctia tham s6 /7 d¢ ham so6 g(x) =f (| | )

O it nhét 5
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