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BO GIAO DUC VADPAOTAO  KY THI TRUNG HQC PHO THONG QUOC GIA NAM 2017

PE THI CHINH THUC Bai thi: TOAN \
(Dé thi ¢6 06 trang) Thoi gian lam bai: 90 phut, khéng ké thoi gian phdt dé
Ho, t8n thi Sinh: ....coo.cooovoiviiiveece e Mai dé thi 101
SEDAO dAND: ...
Cau 1. Cho phuong trinh 4* + 2**! — 3 = 0.Khi ditt = 2%, ta duoc phuong trinh nao duéi day ?
A.2t? -3 =0. B.t2+t-3=0. C.4t—-3=0. D.t?2+2t-3=0.
Cau 2. Tim nguyén ham cia ham s f(x) = cos3x.
. sin3x
A. | cos3xdx = 3sin3x + C. B. | cos3xdx = 3 +C
sin3x
C. | cos3xdx = — 3 +C. D. | cos3xdx = sin3x + C.

Cau 3. Sb phirc nao duéi day 1a s6 thuan ao ?
A.z=-2+3i. B.z = 3i. C.z=-2. D.z=+3+1i.
Ciu 4. Cho ham s6 y = f(x) ¢6 bang bién thién nhu sau

X |—oc -1 0 1 “+oc
¥ -0 4+ 0 - 0 4+
+00 +oo
3
’ \ / \\ /
0 0
Ménh dé nao dué6i dy sai ?

A. Ham s6 c6 ba diém cuc tri. B. Ham s0 c¢6 gia tri cuc dai bang 3.
C. Ham s6 c6 gid tri cuc dai bang 0. D. Ham s6 ¢6 hai diém cuc tiéu.

Cau 5. Puong cong & hinh bén 13 d6 thi cia mot trong bén ham sé dudi

d4ay. Ham s @6 12 ham sé nao ? y
Ay=-x3+x*-1 \ /
B.y=x*—x?-1

Cy=x3—x?-1 0 X
D.y=-x*+x*-1

Ciu 6. Cho a 14 s6 thyc duong khéac 1. Tinh I = log - a.

1
A.I=E. B.1=0. C.I=-2 D.I=2.
Cau 7. Cho hai s phiic z; =5 —7ivaz, = 2+ 3i. Tim s phtic z = z; + 2, .
Az=7-4i. B.z=2+5i. C.z=-2+5i. D.z=3-10i.

Ciu 8. Cho ham s6 y = x® + 3x + 2. Ménh & nao dudi day dung ?
‘A. Ham s ddng bién trén khoang (—oo; 0) va nghich bién trén khoang (0 + ).
B. Ham s6 nghich bién trén khoang (—oo; + o).
C. Ham sb ddng bién trén khoang (—oo; + o).
D. Ham s6 nghich bién trén khoang (—oo; 0) va ddng bién trén khoang (0; + ).
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BO GIAO DUC VAPAOTAO  KY THI TRUNG HQC PHO THONG QUOC GIA NAM 2017

PE THI CHINH THUC Bai thi: TOAN ‘
(Dé thi ¢6 06 trang) Thoi gian lam bai: 90 phit, khéng ké thoi gian phat dé
Ho, ten thi SR ..o..oooieceeee e Ma dé thi 104
Sobao danh: ..o

Ciu 1. Cho ham s6 y = f(x) c6 bang xét ddu dao ham nhu sau

x l—oo -2 0 2 +o00

Ménh dé nao duéi day dung ?
A. Ham s6 dong bién trén khoang (—2; 0).
B. Ham s6 ddng bién trén khoang (—oo; 0).
C. Ham sb nghich bién trén khoang (0; 2).
D. Ham s6 nghich bién trén khoang ( — o0; — 2).

Ciu 2. Trong khong gian véi hé toa d6 Oxyz, cho mit ciu (S):x2+ (v + 2)? + (z-2)*=s.
Tinh ban kinh R cia (S).

A.R=8. B.R=4. C.R=2V2. D.R = 64.
Ciu 3. Trong khong gian v6i hé toa dd Oxyz, cho hai diém A(1;1;0) va B(0; 1;2). Vecto nao
duéi day 1a mot vecto chi phuong ctia dudng thing AB ?

AD=(-102). B7Z=(122). Cd=(-112). D.a=(-10 -2).

CAu 4. Cho sb phic z = 2 + i. Tinh |z|.
A lz| =3. B.lz| =5 C.lz| = 2. D.|z| = V5.

Cau 5. Tim nghiém cua phuong trinh log, (x — 5) = 4.

A.x =21 B.x =3. C.x=11 D.x = 13.
Ciu 6. Puong cong 6 hinh bén 14 db thi cia mot trong bon ham s6 dudi day. y

Ham s6 d6 1a ham s6 nao ?

A y=x3—3x+2.
B.y=x*—x%+1
Cy=x*+x?+1
D.y= —x3+3x+2.

A oz 2x+3 x a2 .
Cau7.Hamsboy = 1 ¢0 bao nhiéu diém cuc tri ?
A. 3. B. 0. C.2. D. 1.

Cau 8. Cho a la s thyuc dwong tity y khac 1. Ménh dé nao dudi day dung ?

1 C1 1
log, a 'nga_logZ'

2 a

A.log, a =log,2. B.log,a = D.log, a = —log,2.
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Cau 9. Tim nguyén ham ctia ham sb f(x) = 7*.

, o
A. | 7%dx = 7*In7 + C. B. [ 7%dx = — +C.
In7
7x+1
C. |7%dx=7"""+C. D. | 7¥dx = +C.
x+1
Cau 10. Tim sd phtic z théaman z + 2 — 3i = 3 — 2i.
A.z=1-5i. B.z=1+1. C.z=5-05i. D.z=1-1.
Cau 11. Tim tap x4c dinh D ciahamséy = (x2 —x —2) "
A.D=R. B.D = (0; + ).
C.D=(—o0; —1)U (2; + ). D.D = R\{-1;2}.

Ciau 12. Trong khong gian véi hé toa d6 Oxyz, cho ba diém M(2;3; — 1), N(=1;1;1) va
P(1;m —1;2). Tim m & tam gidc MNP vudng tai N .

A m= —6. B.m=0. C.m= —4 D.m=2
Cau 13. Cho s6 phitc z; = 1 — 2i, z, = — 3 +i. Tim diém biéu dién s phic z = z; + z, trén
mat phéng toa do. :

A.N(4; - 3). B. M(2; —5). C.P(-2;—-1). D.Q(-1;7).

Ciu 14. Cho hinh phing D giéi han béi dudong cong y = /x2 + 1, truc hoanh va cdc dudng
thdng x = 0,x = 1. Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bing

bao nhiéu ?
41 4
A.V=?. B.V =2m. C.V=§. D.V=2.

Cau 15. Trong khong gian véi hé toa 6 Oxyz, cho diém M(1;2;3). Goi M, M, 1an luot 13 hinh
chiéu vuong géc ciia M trén céc truc Ox, Oy. Vecto nao dudi ddy la mot vecto chi phuong cia
duong thang M, M, ?

ATy = (1;2;0). B. U = (1;0;0). C.uy=(—1;2;0). D.7 =(0;2;0).
Ciu 16. Db thi ciia ham s§ y = xZ_— 7 c6 bao nhiéu tiém can ?
A. 0. B. 3. C. 1 D.2.

Ciu 17. Ki hiéu z,, z, 14 hai nghiém phirc ctia phuong trinh z2 + 4 = 0. Goi M, N 1an luot 14 céc

diém biéu dién cua z,, z, trén mit phéng toa d9. Tinh T = OM + ON v6i O 1a géc toa do.
A.T=2V2. " B.T=2 C.T=8. ’ D.T = 4.

Ciu 18. Cho hinh nén c6 ban kinh d4y r = V3 va d¢ dai dudng sinh [ = 4. Tinh dién tich xung

quanh S, cta hinh nén da cho.

A. Sy =127, B. Sy = 4V3m. C.Syq =V39m. D. Sy, = 8V3m.
Cau 19. Tim tét ca céc gia tri thuc ciia tham sb m & phuong trinh 3* = m ¢6 nghiém thuc.
Amz=1. B.m=0. C.m>0. D.m=0.

. o 2 1
C4u 20. Tim gi4 tri nho nhat m cuiaham s6 y = x? + p trén doan [E' 2].

17

Am=. B.m = 10. C.m=5. D.m=3.
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Ciu 21. Cho ham s6 y = 1/2x2 + 1. Ménh & nao dudi day dung ?
A. Ham s6 nghich bién trén khoang (—1;1).
B. Ham s6 ddng bién trén khoang (0; + o).
C. Ham s6 ddng bién trén khoang (—oo0; 0).
D. Ham s6 nghich bién trén khoang (0; + o).
Cau 22. Trong khong gian véi hé toa d§ Oxyz, phuong trinh nao dudi ddy la phuong trinh mét
phing di qua diém M(1;2; — 3) va c6 mét vecto phép tuyén 7 = (1; — 2;3) ?
A.x—2y+3z—12=0. ' B.x—2y—3z+6=0.
C.x=2y+3z+12=0. D.x—2y—-3z—-6=0.
Cau 23. Cho hinh bét dién déu canh a. Goi S 1a téng dién tich tit ca cdc mit ciia hinh bat dién d6.
Ménh dé nao dudi ddy dung ?
A.S = 4V3a?. B. S = V3a?. C.S = 2V/3a?. D.S = 8a?.
Ciu 24. Cho ham s§ y = — x* + 2x? ¢6 dd thi nhu hinh bén. Tim tat yi
ci chc gi4 tri thyc ctia tham sb m dé phuong trinh —x* +2x2=mc6 | 1
bdn nghiém thuc phén biét. 5

A.m>0. _1 O 1 l:
B0<m<l.

C.o<m<1.

D m<1.

I I
2 2

Ciu 25. Cho ff(x)dx =5.Tinh [ = f[f(x) + 2sinx]dx.

o

4

Al=17. B.I=5+—. C.I1=3. D.I=5+m.

]

Ciu 26. Tim tdp x4c dinh D ctid ham s y = log, (x? — 4x + 3).
A.D=(2-V21)u(3;2+2). B.D = (1;3).
C.D=(—;1) U (3; + ). D.D=(—oo;2—\/§)u(2+\/_2-;+oo).
Céu 27. Cho }(héi chép tam gidc déu S.ABC c6 canh dy bing a va canh bén bing 2a. Tinh thé
tich V ctia khoi chép S. ABC.

. VISa® oy Vila® oy Yia® o, VT
. - 12 . . - 12 . . - 6 . . - 4 .

. ' s
Ciu 28. Tim nguyén ham F(x) ctia ham s6 f(x) = sinx + cosx théa man F (E) = 2.

A.F(x) = cosx —sinx + 3. B.F(x) = —cosx +sinx + 3.

C.F(x) = —cosx +sinx — 1. D.F(x) = —cosx + sinx + 1.
Cau 29. Véi moi a, b, x 1a cac sb thuc duong thoa méan log, x = Slog, a + 3log, b, ménh @& nao
dudi ddy dung ?

A.x =3a+5b. B. x = 5a + 3b. C.x=a’+b3, D.x = a®h®.

Céu 30. Cho hinh chép S.ABCD c6 day la hinh chit nhét véi AB = 3a,BC = 4a, SA =12a va
SA vudng géc véi day. Tinh ban kinh R ctia mit cau ngoai tiép hinh chép S.ABCD.
Sa 17a 13a

A.R=7. B.R'—'T. C.R=T. 'D.R=6a.
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Cau 31. Tim gia trj thuc cia tham s m & phuong trinh 9% — 2.3**?1

thue x4, x, théaman x; +x, = 1.

A m=6. B.m= -3 C.m=3. Dm=1
Céu 32. Cho hinh hdp chit nhit ABCD.A'B'C'D" ¢6 AD =8, CD =6, AC' = 12. Tinh dién tich
toan phan S tp cla hinh tru c6 hai dudng tron ddy 1a hai dudng tron ngoai tiép hai hinh chir nhat
ABCDva A'B'C'D'.

+m =0 c¢6 hai nghiém

A.Sy =576m. B. Sy = 10(2V11 + 5)m.
C.Sy = 26m. D. Sy, = 5(4V11 + 5)r.

Cau 33. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(1; —1;2), B(—1;2;3) va
x—1 y-2 z-1

duong thing d: Tim diém M(a;b;c) thuéoc d sao cho

1 1 2
MA? + MB? = 28, bitc < 0.
A M(-1;0; —3).  B.M(2;3;3) CM(1-7 2 pou[-% -1 _Z2
. Y . - » . . 6! 6! 3 . . 6I 6! 3 .
. 1
Ciu 34. Mot vat chuyén dong theo quy luit s = — 3 t3 + 6t% véi t (gidy) 1a khoang thoi gian

tinh tir khi vat bt dAu chuyén dong va s (mét) 1a quang dudng vat di chuyén dugc trong khoang
thoi gian d6. Hoi trong khoang thoi gian 9 gidy, ké tir khi bit dau chuyén dong, van tdc 16n nhét
cua vat dat duogc béng bao nhiéu ?

A. 144 (m/s). B. 36 (m/s). C.243 (m/s). D. 27 (m/s).
Cau 35. Mot nguoi chay trong thoi gian 1 gid, van toc v(km/h) phu thudc thoi

3 s 1 .
gian t(h) c6 d6 thi 1a mdt phan ciia dudng parabol véi dinh I(—?:; 8) va truc d6i ®

xung song song vdi truc tung nhu hinh bén. Tinh quing dudng s nguoi d6 chay
dugc trong khoang thoi gian 45 phut, ké tir khi bit dau chay.

A.s=4,0(km). B.s = 2,3(km).

C.s=4,5(km). D.s = 5,3(km). 0
Ciu 36. Cho sb phic z thoa man |z| =5 va |z+3] = |z+3—10i|. Tim sb phirc
w=z—4+43i.

A.w= —3+8i. B.w=1+3i. Cw=—1+7i. D.w= —4+8i.

Ciu 37. Tim gi4 tri thuc clia tham s6 m & duong thing d: y = (2m — 1)x + 3 + m vudng géc
v6i dudng thang di qua hai diém cuc tri ctia @6 thi ham s§ y = x3 — 3x2 + 1.
A.m=§. B.Tn=z. C.mz—z. D‘m=Z.
Céu 38. Trong khong gian véi hé toa 40 Oxyz, phuong trinh nao dudi ddy 1a phuong trinh mat
cu di qua ba diém M(2;3;3),N(2; —1; —1),P(=2; —1;3) va c6 tdm thudc mit phing
(@):2x+3y—z+2=0.
A x?+y2+22-2x+2y—-2z-10=0. B.x>+y?+2z?>—4x+2y—6z—2=0.
C.x*+y?+2z2+4x-2y+62z+2=0. D.x2+y2+2z2-2x+2y—2z—-2=0.
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Cau 39. Cho khdi lang tru dung ABC.A'B'C' c¢6 diy ABC 1a tam gidc cin voi
AB = AC = a, BAC = 120°, mit phing (AB'C’) tao véi ddy mot géc 60°. Tinh thé tich V cia
khéi lang tru d cho.
. 3a® _ 9a® _ad _3a®

A'V_T' B.V-—8——. C.V—g—. D.V———4—.
Cau 40. Tim tit ca c4c gid tri thuc cta tham s6 m dé ham s6 y = In(x? — 2x + m + 1) c6 tép x4c
dinhla R.

A m=0. B.O<m<3.

C.m< —1hoacm > 0. D.m>0.

mx + 4m
x+m

cta m dé ham sb nghich bién trén cc khoang x4c dinh. Tim s phan tir ctia S.
A.5. B. 4. C. Vo sb. D.3.

Ciu 41. Cho ham s6 y = v6i m 1a tham sb. Goi S 1a tap hop tit ca cac gid tri nguyén

1 , f(x .
Céu 42. Cho F(x) = %z 1a mot nguyén ham cuia ham so 9 Tim nguyén ham cta ham so

f'()nx. |
, Inx 1 , Inx 1
A | f®nxdx= —{—F+55)+C. B. | f'(@)Inxdx = —+— +C.

e | Feomudr= — (221 L) 4 ¢ p. | Feomxdr= 22+ L ¢
| f ()Inxdx = Z 1t . . f(x)nxx—x2 522 .

Ciu 43. Véi cac sé thuc duong x,y tiy y, dat log, x = a,log, y = f. Ménh dé nao dudi day

ding ?
Alo E3—9(-‘5-) B.1 ) _a
.log,, y) =93 Bl. .og27<y) —2+ﬁ.
Vx\° a NN
C. 10g27<7> = 9(5 + ﬂ) . D. 10g27<7> = E -B.

Ciu 44. Cho mit cdu (S) tdm 0, ban kinh R = 3. Mit phing (P) cich 0 mét khoang bang 1 va
cét (S) theo giao tuyén 1a dudng tron (C) ¢6 tim H. Goi T 1a giao diém ciia tia HO véi (S), tinh
thé tich V ctia khdi nén c6 dinh T va day 14 hinh tron (C).
32w 16m

A.V=T. B.V = 16m. C.V=T. D.V = 32m.
Ciu 45. Tim tét ca cdc gid tri thuc cua tham sb m dé @b thi cua ham sé y = x3 — 3mx? + 4m3 ¢
hai diém cuc tri 4 va B sao cho tam gidc OAB c6 dién tich béng 4v6i0la géc toa do.

1 ;
Am= —qg=m=3="-
w"Tn
C.m=1 D.m= 0.

Bm=-1m=1.

Ciu 46. X¢ét cac sb nguyén duong a, b sao cho phuong trinh aln®x+bInx+5=0 c6 hai
nghiém phan biét x,,x, va phuong trinh Slog®x + blogx + a =0 ¢6 hai nghiém phén biét
X3, X4 théa man x;x, > x3x,. Tim gié tri nhd nhét Sy, cia S = 2a + 3b.
A. Spin = 30. B. Sin = 25. C. Spin = 33. D. Spin = 17.
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Ciau47. Trong khéong gian véi hé toa d0  Oxyz cho ba diém
A(=2;0;0),B(0; —2;0) va C(0;0; —2). Goi D 1a diém khac O sao cho DA,DB,DC d6i mot
vudng géc véi nhau va I(a; b; c) 14 tim mit cdu ngoai tiép t&r dién ABCD . Tinh S = a + b + c.

A.S= —4. B.S= -1 C.§= -2 D.S= -3
Ciu 48. Cho ham s y=f(x). DS thi cia ham sé y=f'(x) nhu hinh bén. Dat
g(x) = 2f(x) + (x + 1). Ménh d nao dudi day ding ? iy _ ,:
A g)<gB)<g(-3). R ‘ 2':.:..

B.g(1) <g(—-3)<g03).
C.gB)=g(-3)<g).
D.g(3)=g(-3)>g().

Ciu 49. Trong tit ca cac hinh chép tr giac déu ndi tiép mat cu c6 ban kinh bing 9, tinh thé tich
V cua khoi chop cé thé tich 16n nhat.
A.V =144, B.V =576. C.V =576V2. D.V = 144V6.
Céu 50. Goi S 1a tép hop tat ca céc gia tri thuc cia tham sb m dé ton tai duy nhit s§ phuc z thoa
minz.z=1va |Z—\/§+il = m. Tim s phan tir cia S.
A. 2. B. 4. C. 1. D. 3.
HET
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BO GIAO DUC VABAO TAO  KY THI TRUNG HQC PHO THONG QUOC GIA NAM 2017

DE THI CHINH THUC Bai thi: TOAN ‘
(Dé thi ¢6 06 trang) Thoi gian lam bai: 90 phut, khdng ké thoi gian phat dé
Ho, tén thi SINR: ...oo.coovveeceecee e Mi dé thi 103
SO DA AANNE .o eeeenees
Cau 1. Cho ham s y = (x — 2)(x2 + 1) ¢6 @b thi (€). Ménh d nao dudi day ding ?
A. (€) ct truc hoanh tai hai diém. B. (C) cét truc hoanh tai mot diém.
C. (C) khong cét tryc hoanh. D. (C) cét truc hoanh tai ba diém.

Cau 2. Trong khéng gian véi hé toa &6 Oxyz, cho mit phing (a):x +y + z — 6 = 0. Diém nao
dudi day khéng thude (a) ?
A N2;2;2). B. 0(3;3;0). C.P(1;2;3). D. M(1; —1;1).

Cau 3.Choham s y = f(x) c6 daoham f'(x) = x2 + 1, Vx € R. Ménh dé nao dudi day ding ?
A. Ham s6 nghich bién trén khoang (—o0; 0) .
B. Ham s6 nghich bién trén khoang (1; +o0) .
C. Ham sé nghich bién trén khoang (—1; 1).
D. Ham s6 ddng bién trén khoang (—oo; +0).

1
Ciu 4. Tim nghiém ciia phuong trinh log, . (x + 1) = 5
23
A x=—6. B.x = 6. C.x=4. D.x=7.
Ciu 5. Cho ham s6 y = f(x) c6 bang bién thién nhu sau
X |[—oc -1 2 +0o0
y' + 0 - 0+
4 2
y / \ /
2 _5
Ménh dé nao duéi day dung ?
A. Ham sb c6 bbn diém cuc tri. B. Ham s dat cuc tiéu tai x = 2.
C. Ham sb khong c6 cuc dai. D. Ham sb dat cuc tiéu tai x = —5.

2
A

Ciu 6. Trong khong gian véi hé toa d0 Oxyz, cho midt cau
(S):(x=5)*+ (y — 1)*+ (z + 2)% = 9. Tinh ban kinh R ciia (S).

A.R=3. B.R = 18. C.R=09. D.R = 6.
Cau 7. Cho hai sb phitc z; =1—3i vd z, = —2—>5i. Tim phin 40 b cia s6 phic
Z=Z1_Zz.

A b= -2 B.h=2. C.h=3. D.h= —3.
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Cau 8. Tim nguyén ham ctia ham s f(x) = 2sinx.

A. stinxdx =2cosx+C. B. fZSin xdx = sin’x + C.
C. stin xdx = sin2x + C. D. stin xdx = —2cosx + C.
Céu 9. Cho sb phiic z = 2 — 3i. Tim phén thuc a cta z.
A.a=2. B.a=3. C.a= —-3. D.a= —-2.
. a?
Ciu 10. Cho a 1a s6 thyc duong khac 2. Tinh I = loga <T)
2
AI~1 B.I=2 C.l= ! D.I=-2
. —_ 2 . . -_ . . bl 2 . .A —_ .
Céiu 11. Tim tap nghiém S cta phuong trinh log, (2x + 1) —log,(x — 1) = 1.
A.S = {4}. B. S = {3}. C.S={-2}. D.s={1}.

Ciu 12. Cho tir dién ABCD ¢6 tam gidc BCD vudng tai C, AB vudng géc véi mat phing (BCD),
AB = 5a,BC = 3ava CD = 4a. Tinh ban kinh R ctia mat ciu ngoai tiép tir dién ABCD.

_ 5av2 _ 5aV3 R= 5av2 _ 5aV3
- 3 . . - 3 . . - 2 - . - 2 .
. 3
Cau 13. Cho F(x) 12 mft nguyén ham cia ham so f(x) = e*+ 2x théa man F(0) = 7
Tim F(x).
3 1
A.F(x)=ex+x2+5. B.F(x)=2e"+x2——5.
5 1
C.F(x)zex+x2+-2—. D.F(x)=ex+x2+§.
Céu 14. Tim tat ca cdc s6 thuc x, y sao cho x2 — 1+ yi = — 1 + 2i.
Ax= -—\/i,y=2. B.x=\/§,y=2. C.x=0,y=2 D.x=\/§,y= - 2.
Ciu 15. Tim gi4 tri nho nhét m cta ham s6 y = x* — x% + 13 trén doan [—2; 3].
A _51 B _49 Com=13 D _51
M= m= . .m=13. m=

Céu 16. Cho khéi chop S.ABC c6 SA vudng goc véi day, SA = 4, AB = 6,BC = 10 va CA = 8.
Tinh thé tich V ctia khéi chép S. ABC.

A.V = 40. B.V =192. C.V=32 D.V = 24.
1 1
Ciu 17. Ki hiéu z,, z, 1 hai nghiém phurc cua phuong trinh z2 —z+ 6 = 0. Tinh P = Z—+;—
1 22
AP—-1 BP—1 C.P= ! D.P=6
. - 6- . - 12- . - 6- . - .

1

1 1 . 5
Ciu 18. Cho —_— dx = aln2 + bIn3 véia, b 1a cac s6 nguyén. Ménh d€ nao
x+1 x+2

0
dudi day dung ?
A.a+b=2 B.a—2b=0. C.a+b= -2 D.a+2b=0.
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Cau 19. Trong khong gian véi hé toa d6 Oxyz, cho hai diém A(1; —2; —3), B(—1;4;1) va
x+2_y—2_z+3

duong thing d: . Phuong trinh nao dudi day 1a phuong trinh cda duong

1 -1 2
thing di qua trung diém ciia doan thing AB va song song véi d ?
Ax_y—l_z+1 Bx_y—2__z+2
11 27 1 o-1 2
x y—1 z+1 x—=1 y—-1 z+1
Ci1= T~ D=—="7"7

Cau 20. Trong khong gian véi hé toa d6 Oxyz, cho diém M(3; —1; —2) va mit phing
(2):3x —y + 2z + 4 = 0. Phuong trinh nao duéi ddy 1a phuong trinh mit phing di qua M va
song song véi (a) ?
A3x+y—2z—14=0. B.3x—y+2z+6=0.
C3x—y+2z—6=0. D.3x—y—-2z+6=0.

Cau 21. Cho hinh phing D gi6i han boi duong cong y = e*, truc hoanh va cac dudng thing
x = 0,x = 1. Khdi tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich V bing bao
nhiéu ?

AV_ne2 BV_n(e2+1) Cv_ez—l ' DV_n(ez-—l)

. - 2 . . - 2 . . -_ 2 . . - 2 .
Ciu 22. Cho hai ham sb y = a*, y = b* v6i a, b 12 hai s6 thuc duong yA
khac 1, 14n luot c6 @b thi 1a (C;) va (C,) nhu hinh bén. Ménh @8 nao (Cs) e
dudi day dung ? !
A 0<a<b<l B.0<bhb<l<a.

C.0<a<1<b. D.0O<b<a<l

0 £

Ciu 23. Hinh ling tru tam gidc déu c¢6 bao nhiéu mat phing dbi xting ?

A. 4 mijt phing. B. 1 mit phing. C. 2 mit phéng. D. 3 mit phing.
~ \ .1 N U \ I ax+b L yA

Céu 24. Buong cong ¢ hinh bén 1a dd thi cia ham s6 y = wrd voi

a, b, c,d 1a ¢ac sb thuc. Ménh d& nao duéi day dang ?
A y' <0, Vx # 2. B.y' <0, Vx=# 1. 1

C.y >0, Vx # 2. D.y' >0, Vx # 1.

=Y

O\ 2

Cau 25. Cho hinh tru ¢6 dién tich xung quanh bang 507 va d6 dai dudng sinh bing dudng kinh

cia duong tron ddy. Tinh ban kinh r cta dudng tron ddy.
5V2m

5v2
Ar= 5 B.r=5. C.r=5Vr. D.r:—_T_
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Ciu 26. Trong khong gian v6i hé toa @6 Oxyz, cho hai vecto —3(2; 1;0)va b(—1;0; —2). Tinh
cos(?f, _b)) .

SN 2 >\ 2
A. cos(a,b)—g. B. cos(a,b)-— T

-2\ 2 SN _2
C. cos(a,b) =5z D. cos(a,b) =z

Ciu 27. D6 thi cia ham s6 nao trong cac ham s6 dudi day cd tiém cén dung ?

1 1 1 1
Ay=—. B.y= C.y= . D.y= .
Y= Y i tax+1 T YE 1

A s 1. 2

Ciu 28. Cholog, a =2 valog, b = > Tinh I = 2log, [log3 (3a)] +logi b”.
4
AI—5 B.I=4 C.I=0 DI—3
. - 4 . - - . ‘ . - . . - 2 .
2 53 .
Ciu 29. Rut gon biéu thirc Q = b3: Vb v6i b > 0.
5 4 4

A.Q=Db" B.Q = b5. C.Q=b73. D.Q = b3.
Cau 30. Cho ham sé y = x* — 2x2. Ménh & nao dudi day dung ?

A. Ham sb dong bién trén khoang (—oo; — 2).

B. Ham s nghich bién trén khoang (—o0; — 2).

C. Ham sb dong bién trén khoang (—1;1).

D. Ham s6 nghich bién trén khoang (—1;1).

B mx—2m-—3 . . . o . .

Ciu 31. Cho ham s6 y = =, vam 1a tham s6. Goi S 1a tép hop tat ca céac gia tri
nguyén ciia m dé ham s6 dong bién trén céc khoang x4c dinh. Tim s6 phan tir ctia S .

A.S. B. 4. C. Vb sd. D. 3.

CAu 32. Tim tit ca cac gia trj thyc cta tham sb m @& ham sb y = log(x? — 2x — m + 1) ¢6 tap
xdcdinhlaR.
Amz=0. B.m<O0. C.m<2, D.m>2.

Ciu 33. Trong khong gian véi hé toa 40 Oxyz,cho diém I(1;2;3) va mat phing
(P):2x — 2y — z — 4 = 0. Mt cAu tam [ tiép xtic v6i (P) tai diém H. Tim toa do H.

A H(-1;4;,4). B.H(-3;0; —2).

C.H(3;0;2). D.H(1; —1;0).

Céu 34. Cho khdi chép S.ABCD c6 day 1a hinh vudng canh a, SA vudng goc véi day va khoang
. . . a2 . .
cach tir A dén méat phang (SBC) bang 5 Tinh thé tich V cta khdi chép d cho.
ad V3a® ad

V== B.V =a3. C.V= ) V==,
AV > 9 D.V 3
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Cau 35. Mot vé? chuyén déng trong 4 gid véi van tbe v (km/h) phu thude tllfy} V‘? J
gian t (h) c6 d6 thi ctia van téc nhu hinh bén. Trong khoéang thoi gian 3 gio k& 9

tir khi bit dau chuyén dong, dd thi d6 1a mot phe“m ctia dudng parabol c6 dinh ; \_.
1(2;9) véi truc déi xumg song song vdi truc tung, khodng thoi gian con lai a6 thi
1a mét doan thing song song véi truc hoanh. Tinh quing duong sma vét di
chuyén dugc trong 4 gio do.

IS S S

O 2341
A.s =265 (km). B. s = 28,5 (km). C.s =27 (km). D.s = 24 (km).
x=2+3t
Ciu 36. Trong khong gian véi hé toa 46 Oxyz, cho hai duong thing d:{y= —3+t va
z=4-2t
x—4 y+1 z N N re aAL 1a . \ 2 A <
d" Rt Phuong trinh nao dudi ddy 1a phuong trinh dudng thing thudc mat
phéng chira d va d', ddng thoi cach déu hai dudng thang d6.
x—3 y+2 z-2 x+3 y+2 z+2
3 1 -2 3 1 -2
x+3 y—2 z+2 Dx—3_y—-2_z—2
3 1 - =27 3 1 =2
. o
Cau 37.Cho F(x) = — EE la mét nguyén ham cda ham so —~ Tim nguyén ham cta ham so6
f'()nx.
A | Feomrar =201 L4 B | feomrar =25 1 4
) f)Inxdx = = tos . ) f()Inxdx = pral .
, _Inx 1 , Inx 1
C. f(x)lnxdx—?+ﬁ+C. D. f(x)lnxdx=—;§—+ﬁ+C.
Ciu 38. Cho s6 phirc z thdamén |z + 3| = 5 va |z — 2i| = |z — 2 — 2i| . Tinh |z].
A |z| =17. B. |z| = V17. C. |z| = V10. D. |z| = 10.
Ciu 39. D) thi cia ham s§ y = — x3 4+ 3x2 + 5 ¢6 hai diém cuc tri A va B. Tinh dién tich S cia
tam gidc OAB véi O 1a gbe toa do.
10
A.S5=09. B.S=?. C.S=5. D.S = 10.

Cau 40. Trong khong gian cho tam gidc ABC vuong tai A, AB = a va ACB = 30°. Tinh thé tich V
ctia khéi nén nhan duoc khi quay tam gidc ABC quanh canh AC.

3 V3ra?
\/§;ra . B.V = 3ma3. C.V= ;Ta ) D.V = ma3.

AV =

; 1
Ciu 41. Mot vat chuyén dong theo quy ludt s = — > t3 + 6t2 véi t (gidy) 1a khoang thoi gian
tinh tir khi vat bit diu chuyén dong va s (mét) 1a quing dudng vét di chuyén dwoc trong khoang
thoi gian d6. Hoi trong khoang thoi gian 6 gidy, ké tir khi bit ddu chuyén dong, van tbc 16n nhét
cua vat dat duoc bﬁng bao nhiéu ?
A. 24(m/s). B. 108(m/s). C. 18(m/s). D. 64 (m/s).
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Ciu 42. Tim tit cad cic gid tri thuc cia tham s6 m dé bit phuong trinh
10g§x—210g2x+3m—2<Océnghiémthu’c.

2
Am<1, B.m<§. C.m<0. Dm<1
Ciu 43. Véi moi sb thuc duong a va b thoa man a? + b? = 8ab, ménh d& nao dudi day ding ?
1
A.log(a+b) = E(loga +logh). B.log(a +b) =1+loga+logh.
1 1
C.log(a+b) = 5(1 +loga+logh). D.log(a+b) = 5 +loga+logh.

CAu 44. Xét khdi chop S. ABC c6 day 1a tam giac vudng cén tai 4, SA vudng gbc véi ddy, khoang
cach tir A d@én mat phing (SBC) bing 3. Goi a 1a goc gitta hai mit phing (SBC) va (ABC), tinh
cos o khi thé tich khdi chop S. ABC nho nht.

2
A.cosa—g. B.cosa=?. C.cosa=7. D.cosa—g.

CAu 45. Tim tAt ca cac gi4 tri thuc cua tham sb m dé dd thi cia ham s y = x* — 2mx? c6 ba
diém cyc tri tao thanh mot tam gidc ¢6 dién tich nhé hon 1.

A.m> 0. B.m< 1. C.0<m< V4. D.O<m<1
Céu 46. Cho ham sé y = f(x).Dd thi ciiaham s y = f'(x¥) nhuhinh bén. | p4
Pt g(x) = 2f(x) + x%. Ménh & nao dudi day dung ? ‘- e G e

A gB)<g(-3)<g®). B.g(1) < g3 <g(-3).
C.g1)<g(—3)<yg@3). D.g(-3)<gB)<g).

Ciu 47. Cho hinh nén (N) c6 dudng sinh tao v6i ddy mot goc 60°. Mat phing qua truc ctia (N)
cét (N) duge thiét dién 1a mot tam gidc c6 ban kinh dudng tron ndi tiép bang 1. Tinh thé tich V
ctia khéi nén giéi han bai (N).

A.V=9V3m. B.V =9nm. C.V=3V3m. D.V = 3x.

. z C
Ciu 48. C6 bao nhiéu so phuec z théa man |z + 3i| = V13 va e 12 56 thuén 4o ?

A. V6 s6. B. 2. C.0. D. 1.
CAu 49. Trong khéng gian véi hé toa d6 Oxyz, cho hai diém A(3; —2;6),B(0;1;0) va mat clu
(S):(x—1)*+ (y—2)%+ (z— 3)* = 25. Mit phing (P):ax+by+cz—2=0 diqua 4, B
va cit (S) theo giao tuyén 13 dudng tron c6 ban kinh nhé nhat. Tinh T = a + b + c.

A.T=3. B.T =5. C.T=2. D.T = 4.

, 9t
Ciu 50. Xét ham s6 f(t) = —
9t + m?

v6i m 1a tham sb thuc. Goi S 13 tap hop tt ca céc gié tri cia

m sao cho f(x) + f(y) = 1 v6i moi sb thuc x, y thoa man e**Y < e(x + y) . Tim s6 phin tir ciia
S.
A. 0. B. 1. C. Vo6 sé. D. 2.
HET
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BO GIAO DUC VAPAOTAO  KY THI TRUNG HQC PHO THONG QUOC GIA NAM 2017

DE THI CHINH THUC
(Dé thi c6 06 trang)

Ho, tén thi sinh: ...
Sobaodanh: ...

Cau 1. Cho ham s8 y = f(x) c6 bang bién thién nhu sau

X |—oC

Bai thi: TOAN
Théi gian lam bai: 90 phiit, khong ké thoi gian phat dé

’

'y

A Yy =3Vay., = —2.
Cygp=—2vVay, =2

Cau 2. Tim nguyén ham ciia ham sb f(x) =

dx
AJ 2=—ln|5x 2]+C.

f——SInISx 2|+ C.

x+1

y /
\ 0
Tim gié tri cyc dai y ., va gia tri cuc tiéu y cr cua ham sb da cho.

By, =2vay, =
D.y, =3vay,=0

M3 dé thi 102

0.

1
= —Eln(Sx—2)+C.

D |- Cnjsx—2l+C
. Sx_z—nx .

Céau 3. Ham s6 nao dudi ddy dong bién trén khoang (—oo; + o) ?

A.y=x+3. B.y=x3+x. D.y= —x3—3x.
Cau 4. Sé phuc nao dudi day c6 diém biéu dién trén mit phing toa do 12 v
diém M nhu hinh bén ? M e 1
Az, =2+1. B.z, =1+ 2i. -
C.zz=—2+i. D.z, =1-2i. -2 ol x

Ciu 5. Puong cong & hinh bén 13 dd thi cia mot trong bén ham sé dusi  yi

déay. Ham s6 d6 1a ham so nao ?

Ay=x*—2x?+1.
B.y= —x*+2x%+1.
C.y= —x3+3x*+1.
D.y=x3—-3x2+3.

¢

fo U
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Cﬁu 6. Cho a 14 s6 thuc duong khéc 1. Ménh d& nao duéi diy ding v6i moi sb thuc duong x,y 2

A. loga§=logax—logay. B. loga§=logax+logay.
log x

C. Ioga§ =log,(x — ). D. IOga';C; = loijy'
Cau 7. Trong khéng gian véi hé toa d6 Oxyz, cho diém A(2;2;1). Tinh 6 dai doan thrfmg OA.

A.0A =3, B.0A=09. C. 04 =15. D.0A =5.
Ciau 8. Cho hai sd phitc z; =4 — 3ivaz, =7 + 3i. Timsd phic z = z; — z, .

A.z=11 B.z=3+6i. C.z=—-1-10i. D.z= —-3-61.
Cau 9. Tim nghiém cua phuong trinh log, (1 — x) = 2.

A x= —4. B.x= -3 C.x=3. D.x=5.

Cau 10. Trong khong gian vdi hé toa d6 Oxyz, phuong trinh nao dudi diy 1a phuwong trinh cua
mit phang (0yz) ?

A y=0. B.x=0. Cy—z=0. D.z=0.

Ciu 11. Cho ham s6 y = x3 — 3x2. Ménh d& nao duéi day ding ?
A. Ham s6 nghich bién trén khoang (0; 2). B. Ham s nghich bién trén khoang (2; + ).
C. Ham s6 ddng bién trén khoang (0;2). D. Ham s6 nghich bién trén khoang (—o0; 0).

, Inx
Cau 12. Cho F(x) la m6t nguyén ham cia ham s6 f(x) = - Tinh I = F(e) — F(1).

1 1
Al=e. B.I=-. C.l=-. D.I=1
e 2
. 1
Cau 13. Rit gon bidu thirc P = x3. $/x véix > 0.
AP = x5, B.P =x2. C.P=vx. D.P=ux5.
Ciu 14. Dudng cong & hinh bén 1a @6 thi cia ham sé y = ax* + bx%2 + ¢ v
Vv6i a, b, ¢ 1a céc s6 thuc. Ménh @ nao du6i day dung ?
A. Phuong trinh y' = 0 ¢6 ba nghiém thuc phén biét. \ / .
B. Phuong trinh y’ = 0 ¢4 hai nghiém thyc phan biét. [9) x
C. Phuong trinh y' = 0 v6 nghiém trén tap sé thuc.
D. Phuong trinh y' = 0 ¢6 dung mdt nghiém thuec.
A N L en n . g e z x2 —5x+4
Cau 15. Tim s0 tiém cén ciia d6 thi ham s6 y = -1
A. 3. B. 1. C.0. D. 2.

Ciu 16. Trong khong gian véi hé toa d6 Oxyz, tim tit ca céc gid tri cia m dé phuong trinh
x?+ y?+ 22 — 2x — 2y — 4z + m = 0 1a phuong trinh cia mot mit cau.

A.m>6. B.m=>6. C.mge. D.m<6.
Ciu 17. Ki hiéu z,z, 12 hai nghiém phitc cia phuong trinh 3z2—2z+1=0. Tinh
P =z +|z,|.
A.P=ﬁ. B.P=§. C.P=E. D.P=E.
3 3 3 3

CAu 18. Cho khdi ling tru dmg ABC.A'B'C' ¢6 BB' = a, d4y ABC 13 tam gidc vudng can tai B
va AC = aV/2. Tinh thé tich V ctia khéi lang tru da cho.
5 ad a? a
AV=a". B.V=?. C.V=?. D.V=—

w

5
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Ciu 19. Cho khéi nén ¢6 ban kinh day + = V3 va chidu cao h = 4. Tinh thé tich V cta khéi nén
d3 cho.

167V3
AV = 7;3. B.V = 4. C.V=16m3. D.V = 127.

Cau 20. Cho hinh phing D giéi han béi dudng cong y = V2 + sinx, truc hoanh va cdc dudng
thing x = 0,x = 7. Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang
bao nhiéu ?
AV=2(r+1). B.V=2n(m+1). C.V =2n2. D.V =2m.
2 2

Cau 21. Cho ff(x)dx =2va fg(x)dx = —1.TinhI = f[x+ 2f(x) —3g(x)]dx.

-1 -1 -1
AI—S BI“7 C1—17 Dl—ll
.—2. -_21 ‘_2. '_2-

Ciu 22. Cho mit cdu ban kinh R ngoai tiép mot hinh 14p phuong canh a. Ménh d& nao dudi
day dung ?
V3R 2V3R
A.a=2V3R. B.a=——. C.a=2R. D.a=——.
Ciau 23. Trong khong gian v6i hé toa d9 Oxyz, cho ba diém A(0; —1;3), B(1;0;1) va
€(=1;1;2). Phuong trinh ndo dudi ddy 1a phuong trinh chinh tic ciia duong thang di qua A va
song song véi dudng thing BC ?

x= —12t
AJy=—-1+t. B.x-2y+z=0.

z=3+t

X +1 z-3 x—1 z—-1
C'—_zzyT= 1 D= 1=
Céu 24. Tim gié tri 1on nht M ctia ham s6 y = x* — 2x2 + 3 trén doan [0; V3].
AM=9. B. M = 8V3. C.M=1 D.M=6.

Céu 25. Mat phing (AB'C") chia khéi ling tru ABC . A'B'C' thanh céc khéi da dién nao ?

A. Mot kh(f)i chép tam gide va mot kh(f)i chép ngii gidc.

B. Mot khg‘)i chop tam gidc va mot khoi chop tir gidc.

C. Hai kh(‘,)i chop tam giac.

D. Hai khéi chop tir giac.
Cau 26. Trong khong gian v6i hé toa d§ Oxyz, cho hai diém A(4;0;1) va B(— 2;2;3). Phuong
trinh nao duéi ddy 1a phuong trinh mit phing trung truc ciia doan thing AB ?

A 3x—y—z=0. B.3x+y+z—-6=0.
C3x—y—z+1=0. D.6x—2y—2z—1=0.
Cau 27. Cho séphx’rcz=1—i+i3. Tim phén thuc a va phan 40 b clia z.
A.a=0,b=1. B.a=-2,b=1. C.a=1b=0. D.a=1b= —2.
€4u 28. Tinh dao ham cta ham s6y=log2(2x+1).

1
AY =G Dme BY T @rome ©Y T mrT D.y'=ori1

Céu 29. Cholog, b = 2 valog,c=3.Tinh P = Ioga(b2c3).
A. P =31 B. P =13. C. P = 30. D.P = 108.
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Ciu 30. Tim tdp nghiém S ctia phuong trinh log 5(x — 1) +loga(x + 1) = 1.
2

A.S={2++5}. B.S={2-v52+5}.
. (3413
C.S={3}. D.S= .
Ciu 31. Tim tAt ca cac gid tri thuc ctia tham s6 m @ phuong trinh 4% — 2**! + m = 0 ¢4 hai
nghiém thuc phan biét.
A me (—o;1). B.m € (0; + »). C.me (0;1]. D.me (0;1).

. , . 1
Ciu 32. Tim gi4 trj thuc ctia tham s6 m d€ ham s0 y = 3 x3 — mx? + (m? — 4)x + 3 dat cuc dai

tai x = 3.

Am=1. Bm= -1 C.m=>5. Dm= -7
Ciu33. Trong khong gian voi  hé toa dd  Oxyz cho mit cau

2 2 5 . . . B x—=2 y z-—1

©):x+1D)"+@y-1D"+=+2)°=2 va hai duong thang d: ==

x_y_z-1
A:—l— =1=—7- Phuong trinh nao dudi day 13 phuong trinh ciia mdt méit phang tiép xuc voi
(S), song song voidvaA?

Ax+z+1=0. B.x+y+1=0. Cy+z+3=0. D.x+z—-1=0.

Ciu 34. Trong khong gian véi hé toa d0 Oxyz, cho diém A(1; —2;3) va hai mit phing
(P):x+y+z+1=0, (Q): x—y+z—2=0.Phuong trinh nao dudi day 1a phuong trinh
dudng thing di qua A, song song vé6i (P) va (Q)?

x= -1+t x=1 x=1+12t x=1+t
A<y=2 . B.{y=-2 . Cly= -2 . D.qy=-2.
z= —3—t z=3—2t z=3+2t z=3-—t
Céu 35. Cho ham sb ‘x+m( 12 tham sé thuc) thoa man min y + 16 Ménh dé
. =——7-1(m =—.
au o ham s6 y = ——— a tham so0 thyc) thda méan frluzr]xy 1[1};a2>]<y 3 é €
nao dudi day dung ?
A m<0. B.m> 4. C.o<m<2 D.2<m<4.

CAu 36. Cho khdi chép S.ABCD c6 day 1a hinh chit nhat, AB = a, AD = a\/§, SA vudng gbc voi
day va mat phing (SBC) tao v6i day mot goc 60°. Tinh thé tich V ctia khdi chép S. ABCD.
a® V3a3 ‘
AV=—. B.V=
3 3
Cau 37. Cho x,y 1a cac sb thuc 16n hon 1 thoa min x%+9y?=6xy. Tinh .
1+log,,x+log,,y

2log, , (x + 3y)

1
AM=-. B.M=1 M==. M==.
3 C.M D.M 3

. C.V=a3. D.V = 3a3.
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Cau 38. Mot vat chuyén dong trong 3 gio véi van toe v (km/h) phu thudc thoi 4
gian t(h) c6 do thi 1a mot phan cia duong parabol c6 dinh I(2;9) va truc ddi
xung song song voi truc tung nhu hinh bén. Tinh quing dudng s ma vét di
chuyén dugc trong 3 gir do. 6
A. s = 24,25 (km).
B. s = 26,75 (km).
C.s = 24,75 (km). L,
D. s = 25,25 (km). '

Cau 39. Cho sb phiic z = a + bi (a,b € R)théaminz+2+i=|z|]. TnhS=4a+b.
A.S=4. B.S=2. C.S=-2. D.S= —4.

Ciu 40. Cho F(x) = (x — 1)e* 14 mot nguyén ham ciia ham s§ f(x)e?*. Tim nguyén ham cua
ham s6 f'(x)e?*.

x
e*+C.

A. Jf'(x)ezxdx =(4—-2x)e*+C. B. ff'(x)ez"dx _2-

C ff'(x)ezxdx =(2-x)e*+C. D. ff'(x)ezxdx =(x—2)e*+C.

Ciu 41. Piu nam 2016 ong A thanh lap mot cong ty. Tong sb tién ong A dung de trd luong
cho nhan vién trong nim 2016 1 1 ty dong. Biét ring cir sau mdi nam thi téng sb tién ding
@& tra luong cho nhan vién trong c4 nam d6 ting thém 15% so v6i nim trude. Hoi nim nao
duéi day 1a nim du tién ma tbng sé tién 6ng A ding dé tra luong cho nhan vién trong ca
nam 16n hon 2 ty ddng ?

A.Nim 2023. B. Nam 2022. C.Nam 2021. D. Nam 2020.

Cau 42. Cho ham sb y = f(x) c6 bang bién thién nhu sau

x |—oc -1 3 +oo
v + 0 - o+
5 00
v / \ /
—00 1

Db thi ctia ham s6 y = | (x)| ¢6 bao nhiéu diém cuc trj ?
A. 4. B. 2. C. 3. D. 5.

Ciu 43. Cho tir dién déu ABCD c6 canh bang 3a. Hinh nén (N) ¢6 dinh A va dudng tron day la
duong tron ngoai tiép tam giac BCD . Tinh dién tich xung quanh S xq cua (N).

A. Syq = 6ma®. B. S, = 3V3ma?. C. Syq = 12ma?. D. S,, = 6V3na?.
Céu 44. C6 bao nhiéu sb phtrc z théa man |z + 2 — i| = 2V2 va (z — 1)? 14 s6 thudn 4o ?

A. 0. B. 4. Cc.3 D. 2.
Ciu 45. Tim tat ca cAc gia tri thuc ctia tham s6 m @& dudng thing y = — mx cét dd thi ctia ham
s6 y = x3 — 3x2 — m + 2 tai ba diém phan biét 4, B, C sao cho AB = BC.

A.me (—o0;3). Bme(—ow; —1). Cmeg(—o0; +0). D.me (1; + ).
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CAu 46. Xét cac sb thuc duong a, b théa mén log, =2ab+a+ b —3. Tim gid tri nho

a+b
nhat P, cla P = a + 2b.
2V10-3 3vV10 — 7
A.Ppin = — B. Ppin = —
2710 -1 2V10 -5
C.Ppin = — D. P, = —

Ciu 47. Trong khoéng gian véi hé toa d¢ Oxyz, cho hai diém A(4;6;2),B(2; —2;0) va mit
phing (P):x + vy +z = 0. Xét dudng thing d thay ddi thuéc (P) va di qua B, goi H 1 hinh
chiéu vudng goc ciia A trén d . Biét rang khi d thay ddi thi H thuéc mot duong tron ¢b dinh. Tinh
ban kinh R cua dudng tron do.

A.R=+6. B.R=2. C.R=1. ~ D.R=43.

CAu 48. Cho ham s6 y = f(x). D4 thi ctia ham s6 y = f'(x) nhu hinh bén. Pat
gx)=2f(x)—(x+ 1) Ménh dé nao dudi day dung ?

A.g(=3)>4g(3)>g(1).

B.g(1)>g(=3)>4@3).

C.gB)>g(=-3)>g9D.

D.g(1)>g)>g(-3). A
Ciu 49. Xét khdi tir dién ABCD c6 canh AB = x va céc canh con lai déu bing 2\/_ 3.Tim x @ thé
tich khdi to dién ABCD dat gia tri lon nhét.

A x=6. B. x = V14. C.x=3V2. D.x = 2V3,

Cau 50. Cho mit ciu (S) c6 ban kinh bang 4, hinh tru (H) ¢6 chiéu cao bang 4 va hai dudng tron
day nam trén (S). Goi V, 14 thé tich ctia khéi tru (H) va V, 1a thé tich cia khéi cau (S). Tinh ti

6 ==

Vs

V. 9 v, 1 v, 3 v, 2
At=— B. - =~. Ct=— p.t==
Vv, 16 vV, 3 v, 16 v, 3

Trang 6/6 - Ma d& thi 102



CAu 9. Trong khong gian vé6i hé toa d6 Oxyz, cho mit phing (P):x — 2y + z — 5 = 0. Diém nao
dudi day thude (P) ? v

A.Q(2; —1;5). B. P(0;0; = 5). C.N(-5;0;0). D.M(1;1;6).
Cau 10. Trong khong gian vdi hé toa d6 Oxyz, vecto nao dudi ddy 1a mot vecto phéap tuyén cia
mit phang (Oxy) ?

A7 =(10;0). B. %k = (0;0; 1). C.7 = (0;1;0). D.m=(1;11).
Cau 11. Tinh thé tich V cta khdi tru ¢6 ban kinh déy r = 4 va chidu cao h = 4V2.
A.V=1287. B.V=64V2m. C.V=32m. D.V =32V2m.
A N A on A , N by P e x2_3x_4'
Ciu 12. Tim s tiém can ding cia d6 thi ham s6 y = 216
A.2. B. 3. C. 1. D. 0.

Caul13.Himsd y = ﬁ nghich bién trén khoang nao dudi day ?

A. (0; + ). B.(-1;1). C. (—; + ). D. (—;0).
Cau 14. Cho hinh phing D giéi han bsi duong cong y = V2+cosx, truc hoanh va cic dudng
thing x = 0,x = E. Khdi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bang

2
bao nhiéu ?

AV=rn-1 B.V=(@m—-1m. CV=(@m+Drm. DV=n+1
Ciu 15. V6i a, b 1a cac sb thuc duong tily ¥ va a khdc 1, dat P =log, b® +log,, b®. Ménh dé

nao dudi day ding ?

A.P=09log b. B. P =27log, b. C.P =15log,b. D. P =6log b.
. x—3
Cau 16. Tim tap x4c dinh D clia ham s0 y = log, L
A.D = R\{-2}. B.D = (—0; —2) U [3;+0).
C.D=(-2;3). D.D = (—o0; =2) U (3; +0).
Ciu 17. Tim tap nghiém S ctia bit phuong trinh log? x — 5log, x + 4 > 0.
A. S = (—o0;2] U [16; + ). B.S = [2;16].
C.S=(0;2] U [16; + ). D.S=(—o0;1]U[4; + ).
Céu 18. Hinh hop chit nhat c6 bakich thude d6i mot khac nhau ¢6 bao nhiéu mat phang déi xtmg ?
A. 4 mit phang. B. 3 mét phang. C. 6 mit phang. D. 9 mit phang.

Ciau 19. Trong khong gian voi hé toa d6 Oxyz, phuong trinh nao dudi ddy la phuong trinh mat

x-—1=y+2=z—3?

phéng di qua diém M(3; — 1; 1) va vudng goc véi dudng thing A:

3 -2 1
A.3x—2y+z+12=0. B.3x+2y+z—8=0.
C.3x-2y+z-12=0. D.x—2y+3z+3=0.

CAu 20. Trong khong gian véi hé toa d6 Oxyz, phuong trinh nao dudi day la phuong trinh cia
duong thing di qua diém A(2; 3; 0) va vudng géc véi mit phing (P):x +3y—2z+5=07?

x=143t x=1+t x=1+t x=1+3t
A <{y=3t . B.{y=3t . C.<{y=1+3t. D.<y =3t
z=1-t z=1-—t z=1-t z=1+t
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Ciu 21. Cho khéi chop tir gide déu ¢ canh ddy bing a, canh bén g4p hai 14n canh déy. Tinh thé
tich V ciia khéi chép da cho.

V2a3 V2a3 V1443 V14a3
A V= i B.V= 6 C.V= > D.V= 5

CAu 22. Phuong trinh nao du6i ddy nhén hai s6 phire 1 + V2iva1—+2ilanghiém ?
A.z2+224+43=0. B.z2-2z—-3=0. C.z?-2z+3=0. D.z?+2z-3=0.

CAu 23. Tim gi4 tri nhé nhit m coa ham s6 y = x3 — 7x? 4+ 11x — 2 trén doan [0; 2].
A.m=11 B.m=0. C.m=-2 D.m=3.

1
CAu 24. Tim tip xé4c dinh D ciaham s y = (x — 1)3.
A.D = (—w;1). B.D=(1; +®). C.D=R. D.D = R\{1}.
6

2
Ciu 25. Choff(x)dx =12. Tinh I = ff(3x)dx.
0

0

A l=6. B.I = 36. C.l=2. D.I = 4.
Ciu 26. Tinh ban kinh R cua mit cdu ngoai tiép mét hinh 14p phuong c6 canh b?mg 2a.
3
A.R=\/—;—1. B.R=a. C.R =2V3a. D.R=+3a.
Céu 27. Cho ham sb f(x) théaméan f'(x) = 3 — 5sinx va f(0) = 10. Ménh d nao dusi day
ding ?
A. f(x) =3x+ 5cosx + 5. B. f(x) = 3x + 5cosx + 2.
C. f(x) =3x—5cosx + 2. D. f(x) = 3x — 5cos x + 15.
A \ 2 103 A 18 AA 11 e hA « ax+b . yA
Céu 28. Duodng cong ¢ hinh bén 1a d6 thi cia ham s6 y = par ALl
a, b, c,d 1a cac sb thuc. Ménh d& nao dudi day dung ? L
A.y'>0,VxeER.
B.y'<0,vx€eR. ol 1L >
C.y'>0,Vx# 1L
D.y' <0,Vx#1

Ciu 29. Trong khong gian véi hé toa d6 Oxyz, cho diém
M(1;—2;3). Goi I 1a hinh chiéu vudng goc ctia M trén truc Ox.Phuong trinh nao dudi day la
phuong trinh clia mit cau tam I, ban kinh IM ?
A (x—1D*+y2+22=13. B. (x + 1)* 4+ y2 422 =13,
C.(x—1*+y2 422 =+13. D.(x+1)*+y*+22=17.

Cau 30. Cho sb phic z=1-2i.Diém nio dusi diy 1a diém biéu dién cua sé phirc
w = iz trén mit phing toa d6 ?
A.Q(1;2). B.N(2;1). C.M(1; - 2). D.P(-2;1).

Cau 31. Cho hinh chép tir gic déu S. ABCD c6 cac canh déu biang av'2. Tinh thé tich V ciia khdi
nén ¢6 dinh S va dudng tron ddy 1a dudng tron ndi tiép tir gidc ABCD.
ma3 _ 2ma’ na3 V2na®

AV=—2— B.V= 6 . CV:? D.V= 2 .
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Céu 32. Cho F(x) = x2 1a mot nguyén ham ciia ham sb f(x)e?*. Tim nguyén ham ciia ham sé

f'xe.
A. ff'(x)ezxdx = —x?+2x+C. B. jf'(x)ezxdx = —x?+x+C.

C. jf'(x)ezxdx =2x?-2x+C. D. ff'(x)ezxdx = —2x?+2x+C.

R x+m ( N
Cau 33. Chohamsd y = pr—— (m 1a tham s6 thuc) thoa man r[r21141]1 y = 3. Ménh d¢ nao dudi day
ding ?
Am< —-1. B.3<m< 4. C.m>4. D.1<m<3.

CAu 34. Trong khong gian véi hé toa dd Oxyz, cho diém M(—1;1;3) va hai dudong thing
x—1 y+3 z-1 x+1 vy z

A: T =T T , 4% 1 =3- 53 Phuong trinh nao dudi day 1a phuong trinh
duong thing di qua M, vudng géc voi A va Ad'.
x=-1-t x= —t x=—-1—-t x=—-1-t
Ady=1+t . B.{y=1+¢. C.iy=1-t . D.qy=1+t
z=1+3t z=3+t z=3+t z=3+t

Chu 35. Myt nguoi gii 50 triéu dbng vao mot ngén hang v6i 18 sudt 6%/ nam. Blet rang néu
khong rat tlen ra khéi ngén hang thi cu sau mdi nam s6 tién 14i sé dugc nhép vao gbc dé tinh 1ai
cho nam tié theo. Hoi sau it nhat bao nhiéu ndm ngu'(n d6 nhan dugc s6 tién nhiéu hon 100 triéu
dong bao gdm gbc va 131 ? Gia dinh trong subt thoi gian giri, 13i suat khong dbi va ngudi d6 khong
rit tién ra.

A. 13 nam. B. 14 nam. C. 12 nam. D. 11 nam.
Cau 36. Cho sé phtic z = a + bi (a,b € R) thbaman z+ 1 + 3i — |z|i = 0. Tinh S = a + 3b.
7 7
A S=-. B.S =-5. C.S=5. D.S= —-.
3 3
x=1+3t

Ciu 37. Trong khong gian véi hé toa d6 Oxyz, cho hai duong thing di:{y= —2+t¢,

z=2
x—1 y+2 z . . .
dy: S =17 =3 va mit phang (P):2x + 2y — 3z = 0. Phuong trinh nao dudi day la
phuong trinh mét phing di qua giao diém ctia d; va (P), dbng thoi vubng goc véi dy?
A2x—y+2z+22=0. B.2x—y+2z+13=0.
C.2x—y+2z—13=0. D.2x+y+2z-22=0.
CAu 38. Cho ham 88 y = — x3 — mx? + (4m + 9)x + 5 v6i m 1a tham s6. C6 bao nhiéu gié tri
nguyén ctia m dé ham sb nghich bién trén khoang ( — oo; + o) ?
A.7. B. 4. C. 6. D.5.

Cau 39. Tim gié trj thuc cia tham sb m dé phuong trinh log32 x —mlog, x +2m — 7 = 0 ¢6 hai
nghiém thyc x4, x, théa man x,x, = 81.
Am= —4 B.m=4. C.m=81. D.m = 44.
Cau 40. D) thi ctia ham s6 y = x® — 3x% — 9x + 1 ¢6 hai diém cuc trj A va B. Diém nao dudi
day thudc duong thang AB ?
A.P(1;0). B. M(0; —1). C.N(1; —10). D.Q(—1,10).
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Cau 41. Mot vét chuyén dong trong 3 gid véi van tée v(km/h) phu thudc thoi gian
t(h) c6 dd thi ciia van tbc nhu hinh bén. Trong khoang thoi gian 1 gior ké tir khi bt
dAu chuyén dong, dd thi @6 1a mot phan ctia duong parabol ¢ dinh 1(2;9) va truc
dbi xung song song voi truc tung, khodng thoi gian con lai ad th1 1a mét doan thrflng
song song vdi truc hoanh. Tinh quing dudng s ma vét di chuyén duge trong 3 gid
6 (két qua l1am tron dén hang phan tram).

A.s = 23,25(km). B.s = 21,58(km).
C.s =15,50(km). D.s = 13,83(km).
Ciu 42. Cho logax = 3,logb x =4 vé&ia, b lacac sb thuc lonhon 1. Tinh P = logab X.
AP—7 BP—1 C.P=12 DP--12
. - 12- . -_— 12- . - . . - 7 -

Cau 43. Cho khi chép S.ABCD c6 day 14 hinh vudng canh @, SA vudng géc véi day va SC tao
v6i mit phing (SAB) mot goc 30°. Tinh thé tich V ctia khéi chop da cho.
V6a® V2a3 2a®

V= ) V= : V=== D.V =+/243.
AV 3 B.V 3 C.V 3 a

CAu 44. Cho tir dién déu ABCD c6 canh bing a. Goi M, N 1an lugt 14 trung diém cia céc canh

AB, BC va E 1a diém dbi ximg v6i B qua D . Mit phing (MNE) chia khéi tir dién ABCD thanh hai

khdi da dién, trong d6 khéi da dién chira dinh A ¢6 thé tich V. Tinh V.
_ 7V2a? 11vV2a® _ 13248

AV B.V= c.v by Y2
T 216 T 216 T 216 18

CAu 45. Trong khong gian v6i hé toa d6 Oxyz, cho miat chu (S):x2+y?+z%=09, diém
M(1;1;2) va mat phing (P):x + y + z — 4 = 0. Goi 4 1a duong thing di qua M, thudc (P) va cét
(S) tai hai diém 4, B sao cho AB nhé nhét. Biét rang 4 c6 mét vecto chi phuong 14 Tf(l; a; b),
tinh T =a—b.

AT= -2 B.T=1, C.T=-1. D.T =0.

z , R
2 1a so thuan 4o ?

A. 0. B. V6 sb. C.1. D. 2.

CAu 46. C6 bao nhiéu s phtic z théa man |z — 3i| = 5 va

Y = 3xy+ x + 2y — 4. Tim gi4 tri nhé

Chu 47. Xét cic sd thue duong x, y thoéa man log, m

nhét Py, ciaP = x +y.

9v11 —19 9V11 + 19
A. min = g B.Pmin=T.

18V11 —29 211 -3
C. min:T' D'Pmin=_3—'

CAu 48. Tim tit ca cac gi4 tri thuc cia tham sb m dé dudng thing y = mx — m + 1 cit @ thi ciia
ham s§ y = x3 — 3x% + x + 2 tai ba diém A, B, C phén biét sao cho AB = BC.
A.me€ (—o0;0] U [4;4+00). ‘B.meR.

5
C.me(—z;+oo). . D.me (= 2;4+m).
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CAu 49. Cho ham s y = f(x). P thi cia ham s§ y = f'(x) nhu hinh bén. > L
Piat h(x) = 2f(x) — x2. Ménh d& nao dudi day dung ? R \ EIRIE
A h(4) = h(=2) > h(2). WA SRR
B. h(4) = h(—2) < h(2). B N 72
C.h(2) > h(4) > h( - 2). o . ,
D. h(2) > h(—2) > h(4). - O 24 X,

Cau 50. Cho hinh nén dinh S c6 chiéu cao h = a va ban kinh day r = 2a. Mt phing (P) di qua
S cit duong tron ddy tai A va B sao cho AB = 2v3 a. Tinh khoang c4ch d tir tim cua dudng tron
day dén (P).

V3 V2
Ad=—9 Bd=a. ca=3e D.d=-22
2 3 2
HET
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Huéng dan gidi va dap 4n
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1D 2B 3B 4C 5B 6D 7A 8C 9D 10B
11B 12C 13A 14C 15D 16D 17C 18B 19C 20B
21D 22C 23C 24B 25D 26D 27A 28D 29A 30B
31C 32D 33C 34D 35C 36B 37C 38A 39B 40C
41B 42D 43B 44B 45C 46C 47D 48D 49C 50D
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1D 2A 3B 4C 5D 6A 7A 8D 9B 10B
11A 12C 13C 14A 15D 16D 17B 18D 19B 20B
21C 22D 23C 24D 25B 26A 27D 28B 29B 30A
31D 32C 33A 34D 35B 36C 37B 38C 39D 40C
41C 42C 43B 44C 45A 46A 47A 48D 49C 50A
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1B 2D 3D 4C 5B 6A 7B 8D 9A 10B
11A 12C 13D 14C 15A 16C 17A 18D 19C 20C
21D 22B 23A 24A 25D 26B 27A 28D 29D | 30B
31D 32B 33C 34D 35C 36A 37C 38C 39C 40A
41A 42A 43C 44B 45D | 46B 47D 48D 49A 50D

Pap an ma 104

1C 2C 3A 4D 5A 6A 7B 8C 9B 10B
11D 12B 13C 14A 15C 16D 17D 18B 19C 20D
21B 22C 23C 24C 25A 26C 27B 28D 29D 30C
31C 32B 33C 34B 35C 36D 37B 38B 39A . |40D

41D 42A 43D 44A 45B 46A 47B 48A | 49B 50A
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Huwéng dan giai ciu hay va khé ma dé 101:

x*=3x—4
x*-16

A.2 B. 3 C.1 D.0

Huwéng din

Buwdc 1: Nhép biéu thirc

Eiﬂmlﬂlli[;JE%!HEIB[:]C]CDWMIII!H[:]C]E]
HE —Z¥—d

HE—16

Cau 12: Tim s6 tiém can ding cua d6 thi ham s6 y =

Buéc 2: CALC s6 xap xi nghiém ctia mau

WE@HOLOODLD@DEE WEEOBEMEEEEEE
Hz_sx—d & Math & Hz_zx—d F] Math &
Eo16 mE—16 )
0. 6250000469 - 2999999

Nhu vay ham chi ¢c6 mot tiém can ding x =-4

Ciu13: Hams6 y= nghich bién trén khoang nao dudi day ?

¥ +1
A, (0; +). B. -1 1). C.(-o;+e).  D.(~;0).
Huwéng din
DPé cho nhanh chiing ta duing d/dx
Budc 1: Nhép biéu thirc
&0 (@ E 2@ EW 0@ H O
d 2 Math &
EE[HE+1]|?:=EI

Buwdc 2: Chon gia tri dic treng ctia cac dap an
Xét x=100 xem A v6i C c6 kha nang dung khéng ?
Math &
a2z -
dx | »Z 41 ) I ¥=100
-3, 9992001 25

Xét x=-100
o [ z

B Math &
dx Hz+1]|x=-1nn
3, 9992001 2xat

Bikiptheluc.com Bi kip CASIO cong phé Tric Nghiém Todn Hotline: 0977.543.462




_ DE Chinh Thire 2017 CASIO EXPERT : Nguyén Thé Luc - fb: Ad.theluc — Youtube :MrTheLuc95

Vay khoanh A loai C.

Cau 15: Véi a,b 1a cac s6 thuc duong tlty ¥ va a khéc 1, dat P=log, b’ +log , b° Ménh dé
nao dwdi day dung ?

A. P=9log, b B. P=27log,b C. P=15log,b D. P=6log,b

Huéng din
Biéu thitc ding voi moi a,b d€ ham xéac dinh nén minh sé chon a=2,b=3
(2) () e (©) (3] () e o)

. B Math¥ A . Math A

2+A 3B

2 3
(iog,) (AHE) () C:Z>!ﬂﬁﬂ () FHEI &3 & (B (e () () (23 & [0 () (%) (6] (] ey byp
Fi Math
IDQQ(ESJ +1D'E|ﬁ2 (b
9. 50977R004

o) () (=) (6 e (P () & Wl () (5
C-6109,CE)

0
Cau 23: Tim gid tri m nho nhat cia ham s6 y =x* —7x* +11x—2 trén doan [0; 2] .
A. . m=11 B. m=0 C.m=-2 D.m=3

Hwéng dan
Vao Table nhép biéu thirc
g (@) (i) O &) (o3 (5 @ (e D (@ B D D e I H 21 3

Math

fURI=R5-Ta=+110

Start 0= End 2= Step 0.1=

& Math
[

-0. 963
-0. 012

]
1}
Oal
0.2

|
g
E|
Céc em quan sat cac gia tri trong bang thi thdy x =-2 la nho nhat
6 2
Cau 25: Cho j f(x)dx=12 .tinh I = j F(3x)dx
0 0

A I1=6 B. 1=36 C.I1=2 D. /=4
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Huéng din

6
Céc em chon ham f(x) thod man diéu kién I f(x)dx =12 dau tién la minh chon ham co ban
0
S =x
=]
| Ese

F] Math A

18
Sau d6 thém bét hé s8 @€ ra ding KQ nhu dé (Chia cho KQ tich phén tinh ra réi nhan véi
gia tri tich phan dé cho)
] Math &

'512d

12
f(3x) thi cac em thay x thanh 3x

2 Math &
iz [u"ﬂ
J‘n =SEu
|

Véy khoanh dép an D.
Cau 27: Choham sd f(x) théaman f'(x)=3-5sinx va f(0)=10. Ménh dé nao dudi day
dung? A. f(x)=3x+5cosx+5 B. f(x)=3x+5cosx+2

C. f(x)=3x—-5cosx+2 D. f(x)=3x—-5cosx+15
Huéng dan

Tac6d f(0)=10 nén loai B,C kiém tra dao ham ntta la xong khoanh A
Cau 32: Cho F(x)=x" 1a mot nguyén ham ctia ham s§ f(x)e’*. Tim nguyén ham ctia ham

s f(x)e™

A. If'(x)ézxdxz—x2+2x+C B. J.f'(x)el"dx=—x2+x+C

C. [f(x)edx =25 -2x+C D. j F(x)e¥de=-2x>+2x+C
Huwéng dan
Cac em dung nguyén ham tirng phin
[f00e™ dx=x+C f(0)= 2x = /' ()¢ d =f (x)e* ~ 2] f()e* de=2x-222 +C

e
Cau 33: Cho ham s§ y =+ T (m 1a tham s6 thuc) thoa man min y =3.Ménh dé nao dudi
X— [2:4]

day dung? A.m<-1 B. 3<m=<4 C.m>4 D.1<m<3
‘Huéng dan
Chung ta sé chon m gan dung trong titng doan triedc hét phai xét dap an B,D khi d6 min n6
chi xap xi thoi
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Vo6im=3.5 Véi m=4 Voéi m=5
& Math B Math
H Find ] Fina H Finl

2l . 2l 3.9 gl .

gl o gl y B gl

ge [~ BB

2.5 Sa3
Véy cac em khoanh C
Tw Luan:
, ~1-m’ 241 ,

Tacd y'= mo__ > <0 dodoxe[2;4]—>]l/!inf(x)=3©x=4—>4+m=3:m=5

(x—l)2 (x-1) 4-1

Cau 35: Mot ngudi g 50 triéu dong vao mot ngan hang véi 1ai suat 6%/ nam. Biét rang
néu khéng rut tién ra khoi ngan hang thi ctr sau mbi nim s6 tién 13i sé dugc nhap vao géc
dé tinh 14i cho n&m tiép theo. Héi sau it nhét bao nhiéu ndm nguoi d6 nhan duoc s6 tién
nhiéu hon 100 triéu déng bao gom gdc va 1ai ? Gia dinh trong sudt thoi gian g, 1ai suét
khéng d6i va nguoi d6 khong rit tién ra.

A. 13 ndm. B. 14 nam. C. 12 nam. D. 11 ndm.

Huéng dan

Nhaép biéu thirc r6i CALC cac dap 4n

E]E]lﬂ[:]H!C]EJ[:H:JHIIHIWWIH

Math A

BOC1+0. 0607
EIERERNEd @R
E0C1+0.060°  BOC1+0.06)%
94, 91492792 100, 6098236

Vay khoanh C
Céu 36: Cho s8 phtic z=a+bi,(a,b €R) théaman z+1+3i-|z[i=0 . Tinh S=a+3b
A.s=2 B. S=-5 C.S=5 D.S=-1

3 3
Huéng dan

Céc em duing ki thu4t Newton — Raphson anh da day ¢ phan s6 phttc giai cho nhanh
faong) (2) () (3] () (alc) () (3] (=) () i) (0 (00 (10 () () 6) (=) (o) ) () () O B9
@O
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CMFPLY B Math
oy Fr1+3i-1i14
T

N=

h i
) () (1) B
Lién hoan bang t6i khi két qua khong d6i ta dwoc
CMPLY F] Math A
x=x_ﬁ+1+ai—lxli

x=1+3¢
Cau 37: Trong khong gian véi hé toa dd Oxyz, cho hai dudng thang d,:{y=-2+1 va
z=2
x-1 y+2 =z 2 R . Loaal s
d,: = =TS mat phang (P):2x+2y-3z=0 . Phuong trinh nao dwdi day la phurong
trinh mit phang di qua giao diém caa d, va (P) , d6ng thoi vudng géc voi d, ?
A 2x—y+2z+22=0 B. 2x-y+2z+13=0
C.2x—y+2z-13=0 D. 2x+y+2z-22=0
Huéng din

Cac em tim nhanh giao diém bing Solve
FODEEEIEFREOEHEHE DB E) X @)@l &

201+3R 1202480 F

A= 1

L-R= : 0
M(4,-1,2)>(0):2(x-4) - (y+1D)+2(z=2) =0 < 2x-y+22-13=0
Cau 38: Cho ham s6 y =—x’ —mx” +(4m+9)x+5 vdilam tham s8. Co bao nhiéu gia tri
nguyén cua m d€ham s6 nghich bién trén khoang (- eo; + ) ?
A7 B. 4 C.6 D.5
Huwéng din '
Dang nay cac em dung cong thitc cho nhanh

a>0

b*—3ac<0
=m’ -3(-1)(4m+9)<0—>-9<x<-3 Viykhoanh A
Céu 39: Tim gi4 tri thiec clia tham s8 m d€ phuong trinh log; x—mlog, x+2m—7 =0 c6 hai

a<0

Ham béc 3 déng bién trén R : s
b —3ac<0

nghich bién trén R: {

nghiém thyee x;,x, théa méan xx, =81
A . m=—4 B. m=4 C. m=81 D. m=44
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Huéng dan
Cach 1: Thay titng d4p 4n rdi Solve tim nghiém

s} (3] ® ([ ) & (23 (=) [ 640 () (3] & 10 3 & (B (2) fewd ) (=) (7

Math A

41095080 +2% -1

FEEDEE QEE0EEO
loas(314-Y1o9s(r ans+s
A= 13,34993641 i
L-R= o - 13.534995641
@@@NeU0®®EHA M O]E M ) O

Math &

4+2Y-T7]) = (H-#)

EHEDEEE (i () [ O] &)
| IogsCar=-¥1oa=F @&x

a=_ 9, 2477094 1
L-R= 1] 38
Xét dap an B

NOISIOIO) G K @EE

Math A Math A

“floga(+2v—7  1o9atiy-Tlodz(e | loos(X)==Y10a:b

= 1.34228351 &= 6034492665
[-R= 0 L-R= i
}:FI B Math &
Bl
Vay khoanh dap an A.

Céch 2: Ty luin cic em tuw duy don gidn nhw sau :

x.x, =81 log, (x,x,) =log, x, +log, x, = log, (34) =4=m

Cau 40: D5 thi clla ham s8 y = x* —3x” —9x+1 c6 hai diém cuc tri A va B. Diém nao dudi
déy thudc dwong thang AB?
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A. P(1;0) B. M(0;-1) C. N(1;-10) D. O(-1;10)

Huwéng din

Céc em viét nhanh phurong trinh qua 2 cyc tri bang Casio :

fong (2] () O] (swrr) (23 (=) (3] (e O] (o3 (=) (0] () O] (6 (D B (B) (A (3 () ] (=3
E]@..E]@..@..E]@.@@.

CHPLZ PEa.th ClP:dPl.f 2 M“S CMPL! Math
o 3 2 -5 -5 1
&g =)
CMPLY B Ma.th A

§3 =302 -Gxe1 L2

- f:-Bl
Vay phuong trinh qua 2 cuc trila: y =—-8x—2 Vay khoanh C

Ciu 41: Mot vat chuyén dong trong 3 gio véi van téc v (km/h) phu thude Y
thoi gian ¢ (h) c6 d6 thi cia véan tdc nhw hinh bén. Trong khoang thoi gian 1
gid k& tir khi batdau chuyén dong, d6 thi d6 12 moét phan cia duwong parabol 9| .
c6 dinh 1(2;9) va truc ddi xttng song song voi truc tung, khoang thoi gian :

con lai &6 thi 1a mot doan théng song song véi truc hoanh. Tinh quang
duong s ma vét di chuyén duoc trong 3 gio d6 (két qua lam tron dén hang
phén tram). P

A. s=2325(km) B. s=21,58(km) C.s=15,50(km) D. s=13,83(km) oTIETT

e

Huéng din
Trudc hét cac em can céc dinh dwge phuong trinh ctia van tée trén tirng doan.
Doan tir 0-1 chinh 14 1 phan ctia parabol : y =ax® +bx+c

-b
— =2 _
tacd A(0;4)e®P)=>c=4 vaI(29) ladinh =< 24 :>a=75,b=5,c=4
4a+2b+c=9

1
Viy V=_—5t2+5t+4—>v(l)=§—-1— S=I(_—5t2+5t+4jdt+£(3—l)
4 4 ) 4 4
B Math A

|2 (=252 e50ed) cp

21.550n
'CA4u 42: Cho log, x=3,log, x=4 voi a,b la cac s6 thyclén hon 1. Tinh P =log,, x
A.P=l B. P=i C. P=12 D. P—12
12 12 7
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Huéng din : D& cho nhanh em 18y x=2 khi dé a=32,b=42

1 E.E.Math.l

-g 1)

Oz, 4zt
1z
7

CAu 44: Cho ti¢ dién déu ABCD c6 canh béng a. Goi M, N Ian luot 1a trung diém ctia cac

canh AB, BC va E la diém d6i xttng voi B qua D. Mat phéng (MNE) chia khéi ti¢ dién ABCD

thanh hai khdi da dién, trong d6 khoi da dién chita dinh A ¢6 th€tich V. Tinh V..

N g, WG 13V0a e
216 216 216 18

Huéng dan : Cho a=1

A TV=

Céc em tw duy don gidn nhwsau: V' = Vcsmro =Vaseo = Voor.sw =Vasep = (V;s.BMv - VE.DQP)

N

V pep = ~—
ABCD 12

. 1 X J6
Taco: Ve por = '?:dE-xDQP) Spop Ma A ooy = Apoop) = Dpoanc) = AH = T

Cac em dé dang chitng minh dwgc DQP va BMN 1a tam giic déu quan trong la tinh dién
tich nita 1a xong minh sé xem xét cac ti 1é.

V13

EM =~/ MB* + EB* —2MB.EB.cos 60° = =

MB EM 3 J13

= —sinQED =—.0,5:—— —> QED ~13.9° - EQD =180-120-13.9 =46.1°
sinQED sin MBE 2 2 .

Anbh ghi thi ghi thé thoi nhung thyec t& anh lwu gia tri chinh x4c vao cic phim nhé dé
dam bao két qua chinh xac tuyét doi
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.DQ = ED = = .sinQED=l
sinQED sin EQD sin EQD 3
q'_ O] Math A 1 w R " rﬁ:l Math A
ol A5 L A1E =int
sm‘[—;f-v = ]-rﬁ SInCIS0-120-A1 |
13. 89788625 E]
Tt d6 dwoc:S,,, =M =£ =V por =-1-—\/——6——\/E = @
< 4 36 =3 3 36 324
1 2 2 26 05°3 2
Ve sun ngE—%BMN)‘SB]WV =§dD—->(BMN)'SBMN ZEAH'Ser =§ '3_ 4 =§
B Math A B Math A
4= [ 4z q'ﬁ] 114%
1z 24 3SZE4 216
0.0720201385012 0. 07202013012

Cau 45: Trong khong gian voi hé toa dd Oxyz, cho mitcau (S):x*+y° +z* =9, diém

M(L;1;2) va mat phéng (P):x+y+z—-4=0.Goi A la duong thr?mg di qua M, thudc (P) va

cit (S) tai hai di€m A, B sao cho AB nhé nhét. Biét rang A ¢ mot vecto chi phuong 1a
u(l,a;b), tinh T=a-b

A T=-2 B.T=1 C.T=-1 D.T=0
Huéng dan

Céc em d€'y mot chut thi M (Q)

M3t cu c6 tam O,ban kinh R=3

=2 Q

Goi H 12 hinh chiéu ctia O 1én mit phang (P) tir 6
ta im dwoc toa dd H[4 4 4)

3’373

i = (:31‘?15] , . <R nén (P) cit (5)

+d>,, dodéABnhénhdtkhi d,_, 16n nhatkhi
d6 K tring M hay n6i cach khac HM L AB =>u, = HM,n, |

VCTR

A |

Tacé: HB* = KB* + HK* < r? =(£J

ol

-1
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Viy 1;=(1;—1;O)——>a—b=—]

Céu 46: C6 bao nhiéu s8 phtic z thoa man |z -3i=5 va z 7 la s8 thuén 4o ?
Z —_—

A.0 B. V66 C1 D.2

Huwéng dan

Minh 1am theo cach triu bd goi z=a+bi (a,beR)
|z-3]=5d*+(b-3) =25

z _ a+bi _(a+bi)[(a—4)—bi]_a(a—4)+b2+(a—4)b—abi
z—4 (a—4)+bi (a—4) +b’ (a—4) +b>  (a—4)*+b’
= a(a-4)+b*=0

{az +(b-3) =25©{a2+(b—3)2 =25 _

a*+(b=3) =25 V6
_ = = y = —
=2c1 8 a a \/5

@ —4a+b>=0 4a-6b=16 b 3
HL+L:§:3J =in | 5=+ == E-;jj”“"'_:
= 4 Y= 1.230769231
L-R= 0 L-r= 0

Viay khoanh D.

Cau 47: Xét cac sd thyce duong x,y thdéa man log, 1_?} =3xy+x+2y—-4.Tim gia tri nho
x+2y

nhdt P, cia P=x+y

ap N9 G, e, 18- b p 213
? 9 21 3
1-xy

Huwéng din : Diéu kién

ma x,y>0—>xy<l
x+2y

Dju tién cac em xit I diéu kién xem x va y ¢6 méi lién hé nao khong ?

Budc 1: Nhép biéu thikc

(D B ® (B) D &) [ O () 640 & [ O (3 (2) @w b0 & & (=) [A (3) @i O]
molElmhEhEEEom)

Mat Math A

Loog[ 1555 -3 4-(ERY+5+2Y-40]

Budc 2: SOLVE Y=100 im X
&L DQOEE Sjsare
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e Math, & . Math A
IlID'QE; I‘_ e '_l _[.du;"- Ib' s
%= -0.6h4485049 197
-R= I =01
Cacem duoc quy luatsau: x= _1o7 =—2'100‘3 = _2y=3
301 3.100+1 3y+1

Buwdc 3: Xét P = y—2y =3 vao Table
3y+1
h@]@@@@@

Matl

fiRI=p-222

@@@@@E@@@@@
Ho | Fu
3l 0.5
il 075 :
5 11 T.gsl
1. 211555462

Chung ta sé xét nhd hon hon vi dédp an kha gan nhau khi ma da xac dinh dwoc doan chira
min

DOEELEMNHDESE
ath
H FLi)

5 .

B| D«15 o

1 O0.Bl1.2111

1. 2115355452

Véy céc em khoanh dép an Pml.n=2 1;_351_211 gan nhat

Céu 48: Tim t4t ca cac gi tri thuc clia tham s8 m d€ duong thang y = mx—m+1 cat &6 thi
ciaham s8 y=x"—3x" +x+2 tai ba diém 4,B,C phén biét sao cho AB=BC

A. me(—0;0]U[4;4+0) B. meR C. me(—%ﬁoo) D. m e (=2;+x)
Huéng din
¥ =327 +x+2=mx—m+1< (x=1)(x* - 2x=1-m) =0= B(L;1)
A=24+m>0—->m>-2
AB=BC < (x, —l)2 +(mx, =m)’ =(x, =1)" +(mx, —m)2
< (x —1)2[1+mz]=(x2 —1)2[1+m2]<:>(x] -—1)2 =(x,-1) @x-1=1-x, & x +x,=2

X, +Xx, = 2 N I .
op . - Vay AB=BC véi moi m >-2
Theo Viet : {xlxz =—(m+1) 2y oL m
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Casio cac em xét phuong trinh bac 3:

y=x =3x"+(1-m)x+1+m

R6i xét m=-10 ra 3 nghiém kiém tra xem AB=BC ? r6i xét tiép m =-1.9 xem AB=BC hay
khong.

Cau 49: Choham s6 y = f(x). D6 thi cia ham sd y = f'(x) nhu hmh bén.

D&t h(x)=27(x)—x*. Ménh dé nao duéi day dang? = ¥} ‘
A. h(4) = h(=2) > h(2). : i\1 ;
B. h(4)=h(-2)<h(2). . -/

C. h(2)> h(4) > h(=2). Y B
D. h(2)> h(-2) > h(4). N
Huéng din e

Cac em dao ham d€sinhra f'(x) dé tr d6 ste dung d6 thi y= f'(x)
H(x)=2f"(x)-2x=>H(x)=0< f'(x)=x dya vao do6 thi ta cd:

Xét trén doan [2;4] : x> f'(x) > h'(x) <0 — ham s8
nghich bién nén h(2) > h(4). Gio ta can so h(-2) véi h(4)

h(4)—h(=2) = } h'x)dx = 2'4‘- [f'(x) - x]dx

-]

Véi §,,S, Tan lwot 14 dién tich cdc phan gic’ri han boi 2 d6 thi y = f'(x) va y=x tuong ing

oy ——to

[f(A) Adx+Jf(A)—x]dA]— (S,-S,)

trén cac doan.
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Huwéng din ma 102

Cau 37. Cho x,y 13 céc s6 thuc 16n hon 1 thod man x* +9y” = 6xy Tinh M = 1082 X108, ¥
2log,(x+3y)

A M=1. B. M=1. C. M=,
4 2
Huéng din

D. M=1.
3
Cécemruty theo x: x*+9)° =6xy<3(x—3y)2 =0 x=3y

pm=lriogndyrlog, vy may vd6i y=10 (hodc bat ki y>1) duwgc M=1
2log,(6y) '

Ciu 46. Xét cac s6 thuc duwong a,b thod man log, la_j: =2ab+a+b-3. Tim gié tri nho nhét
P, cua P=a+2b.
A. P, =%. B. P, = 3@—7‘
2 2

Huéng din: C4c em lam twong tu bai ¢ ma 101
T ludn thi cdc em bién d6i nhw sau :

1=ab =2ab+a+b—3<:>__-]_ab = p2abra+b=3

a+b a+b
a+b a+b
la +ali) _ 223_011).2 o 2((1J +C;b) _ 23(1_.;15.) o 2(1_ab).22(]-ab) _ (a+ b).2a+b

Xétham f(7)=12%,1>0 @) =2"+2t2*"In2>0 nén ham déng bién do do
f(2(1-ab))= f(a+b)>2(1-ab)=a+b<> ...
Sau d6 cac em thé vao P con 1 &n rdi dung Table cho nhanh.
Cau 48. Cho ham s8 y = f(x). D6 thi cia ham s6 y = £'(x) nhw hinh bén.
Dit g(x)=2f(x)—(x+1)*. Ménh dé nao dwdi day dung ?

A. g(-3)>g(3)> g(D).

B. g(1)>g(-3)>203).

C. g3)>g(-3)>gM.

D. g1)>g(3)>g(-3).
Huéng din: Twong tw nhuw mi 101
Cau 49. Xét khoi t dién ABCD c6 canh 4B =x va cac canh con lai déu bang 23. Tim x d&
thé tich khéi t& dién ABCD dat gia tri 1on nhat.

A. x=+6. B. x=114. C. x=32. D. x=2.

Huwéng din

log,

Bikiptheluc.com Bi kip CASIG edng phé Tric Nghiém Toin Hotline: 0977.543.462




CASIO EXPERT : Nguyén Thé Luc - fb: Ad.theluc — Youtube :MrTheLuc95

Cac em trau bo 4p dung cdng thirc tinh nhanh V ctia t¢ dién nhu sau:

A

abc 3 3
vV =T\/1—cos‘ a —cos” f—cos’ ¥ +2cosacos fcosy

AB* + AC* - BC? x

cosa = =
2AB.AC 43
AC?* + AD*-CD* 1
cosff = =—
24C.AD 2
AD?*+ AB* -BD*
cos = =
24AD.AB 43

3 X ?
Vo=2x|>—| —=
4 (.4\@}

é'

CALC tirng dap an 1a xong

Dépan A Dap an B Ddpéan C
T[] ()T ()
3.872933346 5. 066228051 5. 196152423
bapanD:
2% (0. 75-[ =)
4855979485
Viay khoanh dap an C.
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Huwéng din ma 103

Céu 44. Xét khéi chop S.ABC c¢6 day la tam gidc vudbng can tai A, SA vudng goc véi day,
khoang cach tir A dén mit phéng (SBC) béng 3. Goi « la gdc gitta hai mit phang (SBC) va
(ABC), tinh cosa khi thé tich khéi chép S.ABC nho nhat.

A. cosa=l B. cosa=£ C. cosa:ﬁ D. cosazz
3 3 - :
Huodng din
) AK 1 SH = 4K = dfl—-)(S/gC);a =SHA
Tacod:
an =Ky Llpe 4B 4 AKV2
sin & 2 \/5 . sina

2

. 1 1 AB
I/SAABC :E'SA‘SAB(“ =§(AHtana) 5

_l 3tana {3\/?__ ]2_ 1 9

6 sina | sina cosa 1-cos” &

B
CALC ting dap an cho nhanh nhé cac em : Khoanh B
bap an A Déap an B
Math & Math A
2 — 2
HL1-#E) HO1-HZ)
20,375 2. 3826855
Pap an C PapanD
C] Math A Math A
— 2 — 2
HL1-KE) Hl1-HZ)

2045004412 24,73
Cau 45. Tim t4t ca cac gia tri thuc ctia tham s6 m d€ d6 thi ham s& y =x* —2mx* ¢6 ba diém
cuee tri tao thanh mot tam gidc cé dién tich nhé hon 1.
A - m>0 ’ B. m<1 C.0<m<3i4 - D.o<m<1
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Huwéng din: Cac em c6 thé 1am tw luén hodc thay cic gia tri m d&c trung cho dép an rdi giai
ra A,B,C xong tinh dién tich xem cé nhé hon 1 hay khéng

C4u 46. Cho ham s0 y= f(x). D6 thi ctia ham s8 y = f'(x) nhw hinh

bén. Ddt g(x) =27*(x)+x*. Ménh dé nao dwdi day dung ? \
A. g(3)<g(-3)<g() N

B. g(1) < g(3) < g(-3) o1 s

~3\ i
C. g <g(-3)<gB) ‘\;;/“y

i

D. g(-3)<g(3) <g()
Huwéng dan: Lam twong tw nhu mi 101
Céu 47. Cho hinh nén(N) c6 dudng sinh tao véi day géc 60°. Mt phang qua truc ctia (N)
cit (N) duoc thiét dién la mot tam gidc ¢ ban kinh dwong tron ndi tiép b??mg 1. Tinh thé
tich V ctia khéi nén gidi han boi (N).

A.V =93z B.V =9z C. V=33 D.V =3z
Huéng din

Céc em dé dang chtng minh dwgc d6 1a tam giac déu

Ta co :r=glan30° =a=23
V%ﬂ(ﬁ)z.(fﬂﬂh

2

z

Céu 48. C6 bao nhiéu s6 phtic z théa man |z +3 =13 va 5 12 58 thuan 4o ?
z+

A. V06 so B. 2 C.o D.1
Huwéng dan: Laim twong tw nhw ma 101
Céu 49. Trong khong gian véi hé toa dd Oxyz, cho hai difm 4(3;-2;6), B(0;1;0) va mit cAu
(8):(x=17 + (y=2) +(z—3) = 25. Mt phang (P):ax+by+cz-2=0 di qua A, B va cit (S)
theo giao tuyén 1a duong tron c¢6 ban kinh nho nhat. Tinh T=a+b+c.

A.T=3 B.T=5 C.r=2 D.T=4
Huéng din
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r= R -d* d

1-5{P)

)= AH < AK =d 1-5(AB)

I-(P

Vay r nhé nhat khi AH=AK hay K la hinh chiéu ctia I
lén (P)

x=3f
Phwong trinh AB{y=1-3¢ tam /(1:2;3)

Cac em tinh khoang cach tir I t6i AB theo cong thirc: d = r
u

wEEHONONEOEEE HEERDEEEHEEEE

“ YeIE " veTE
[ | | ] [ 3 -1 -]

5 ' &
(<) () fye) () (8] (3) (o) (8 (@) O (B (1) ) (9 (BD (0 ) )

VeIE

Ahs(YotAYCER) LA Ans2
2, 236067977 5

IK* =5 (3r-1) +(=3r-1) +(61-3)" =5
Vé mode 1 dung Solve

(3H-1)2+(=35=1 b
= 03393395803

Vay IK =(0;-2;-1) 1a vecto phap tuyén ctia (P) do d6 né cling phwong véi n, = (a;b;c)
Ma Be(P)—>b=2=>a=0,c=1=T=3

!

Cau 50. Xét ham s6 f(f) = voi m 1a tham s6 thye. Goi S 1a tdp hop tat ca cac gia tri

9+ m?
cia m sao cho f(x)+ f(y)=1 Vi moi sd thuee x, y thdoa man ™ <e(x+y). Tim s phén t&
cta S. )
A. 0. B. 1. C. V6 so. D.2.
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Huéng dan

. ¥ >
Dung table dé dang suy r.a:]f i ¢ =& e 2e(x+y)
ef=exox=1

Két hop véi yéu cau désuyra: x+y=1

f(x)+f(y)=1@f(x)+f(1_x)=1c>f(x)=9xix 7 o~

+ 1-x 2
m 97 +m”

Cac em thay x=1 vao giai cho nhanh hodc rtt gon di
9 9= 9* 9 9 m>.9*
X 2 + 1-x 2 = X 2 + 2 ox =l< x 2 = 2 o
Y +m~ 9 +m S +m 9+m" .9 S +m~ 9+m .9
(9 +m*)=9+m’ 9" < m' =9 m=13

Hwéng din ma 104

Cau 46. Xét cac sd nguyén duong 4, b sao cho phwong trinh aln®*x+bInx+5=0 c6 hai
nghiém phén biét x,,x, va phwong trinh 5log® x+blogx+a=0 c6 hai nghiém phéan biét x,,x,
thdéa man xx, > x,x,. Tim gia tri nhé nhét S, clia S=2a+3b.

A. S, =30 B. S, =25 C.s, =33 D.s,. =17

Huéng dan

Diéu kién dé 2 phwong trinh cé nghiém phan biét : 5> —=20a>0— b >+/20a

—b -b
xlxz =elnx,+]nx2 —ed x3x4 =1010gx3+logx4 =10 5
22y —p 1 Inl0 5
xx, >xx, e >10° & —>—hll=>~-<——=a>——=217>a, =35, =8
a 5 a 5 In10

cht y la a,b nguyén duong va S, néntatim a,, b

S, =2a+3b=30

Cau 47. Trong khong gian véi hé toa d§ Oxyz, cho ba diém 4(-2;0;0), B(0;-2;0) va C(0;0;-2).
Goi D la diém khac 0 sao cho DA, DB, DC d6i mét vudng goc véi nhau va I(a;b;c) la tam
mat cdu ngoai tiép tt dién ABCD. Tinh S=a+b+c.

A . S=-4 B. §=-1 C.5==2 D. S=-3
Huéng dan
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Cac em d€'y mot chut thi A,B,C ndm trén Ox, Oy, Oz
nén D thoéa man thi chinh la g6c toa d6 luén khong can

giai hé.

e

s

Tam giac DBA vuéng cdn nén I la trung diém AB do
dé6 1(-1,-1,0)

a+1=0 a=-1
m=%0—c:> b+l1=0h=-1=S=-1

4 - c-0=1 | ec=1 |

Ciu 48. Cho ham s8 y = f(x). D6 thi cia ham s6 y = f'(x) nhu
hinh bén. Pat g(x)=27(x)+(x+1)>. Ménh dé nao duwdi day

dang ? o
A. g()<g(B3)<g(=3) ' \1 P
B. g()<g(-3)<g(3) :_%____6 ] % :
C. g(3)=g(-3) <) Nl
D. ¢(3)=2(-3)> gl /.jl,,w,,\
\

Huwéng din: Twong ty nhw ma 101
Cau 49. Trong tat ca cdc hinh chdp t gidc déu ndi tiép mit cau cd ban kinh bang 9, tinh thé
tich V ctia khoi chdp c6 thé tich 16n nhat.
A V=14 B. V=576 C. V' =5762 D. V' =1446
Huéng dan
E la tdm cta ddy, SE la duong cao ctia chdp
Tt M ké duwong vudng géc SA cat SE tai I thi I 1a tam
clla mit cau

V= 1SE.S4BCD —Lsea amsr~ apsa M 5L
373 ES SA
1 5 2 02
~S4 2, yp2 SEP 4+
—SE=2 _ SE“ + AE _ 2
ST 2R 2R
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SE* +=— ' 2 2 / 2
SE=— 2 o SE*2RSE+Z =0  A'=R-L 5 5E=R+ |R?-L
2R 2 2 2

Math o)
" [0 n Fin)
13 12 A 11 12 B
1y 131 EEREGE 1] 12.1 :
15 14l EREKOR 15 12«81 EERROK
451 . 85367972
*TH2:
1 a* 1 a
=—|R+,|RP—— |a’ == 9+1’92—— a
2 3 2
B
H Fin) ] FiR)
Ig 11 10 11«3
13 12 B 11 Ig B
1y 131 EREOR Ig |2« | 1515 UB
] oy

Céc em dung Table cho nhanh nhé, dau tién la Start 0= End 20= Step 1= sau khi xac dinh
duwgc khoang chira gid tri 16n nhat thi minh xét hep hon Start 11= End 13= Step 0.1=
Cau 50. Goi S 1a tap hop tat ca cac gié tri thuc ctua tham s6 m d€ ton tai duy nhét s6 phic z
thoa man zz =1 Vé\z—\/g+i| =m . Tim s6 phan ti¢ ctia S.

A2 B. 4 C.1 D. 3.
Huéng dan :

z=a+bi (a,beR) z.;=1<:>|Z]=1©a2+b2=1 'z—\[g+i‘=m<3(a—x/§)z+(b+l)2 =m’

B P R ; O déy cac em théy z la giao diém cua durong tron

~_____ thm O(0;0),R =1 véi dwong tron tdm
" I(B;=1),R=m d&ton tai1s6 phitc duy nhét thi-

2 duong tron nay phai tiép xtic véi nhau ma chi

¢6 2 khd nang 1a tiép xtc trong hoac ngoai

Vay khoanh A .

-7 Caunay ding hinh hoc vé nhu vay cho nhanh
et : khong can tinh cy thé mat thoi gian
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BO GIAODUCVADAOTAO  KY THI TRUNG HOC PHO THONG QUOC GIA 2017

DE THI THU NGHIEM Bai thi: TOAN
(D€ thi gom 06 trang) Thoi gian lam bai: 90 phiit, khong ké'thoi gian phit dé
Ho,ténthisinh..................ooiie

Sobaodanh..................oi
Cau 1. Cho ham s8 y=x"~3x ¢ db thi (C). Tim s& giao diém cta (C) va truc hoanh.

A.2. B. 3. C 1. D.o.
CAiu 2. Tim dao ham ctia ham s8 y =log x.
1 In10 1 1
A y'=—. B. y'=—o. C y= . D.y= .
7 x 7 x 7 xIn10 Y 10Inx
Cau 3.Tim tap nghiém S cua bat phurrong trinh 5 -% > 0.
A. S = (I;+0). B. § = (~1;+). C. § = (=2;+). D. S = (~0;-2).
Cau 4. Ki hiéu a, b 14n luot 13 phan thwc va phin o ctia s6 phite 3-24/2i. Tim a, b.
A a=3b=2. B. a=3b=242. C. a=3b=+2. D.a=3b=-22.

Ciu 5. Tinh mddun ctia s phtec z biét z = (4—37i)(1+17).
A. ]z]=25\/§. B. |z|=7\/5. C [z|=5\[2_. D. [zl=\/§.
Ciu 6. Cho ham s8 y = 1‘2% Meénh dé nao dudi day diing ?
x+
A. Ham s8 nghich bién trén khoang(-e;~1).  B. Ham s§ dong bién trén khoang (—oo;-1).

C. Ham s68 déng bién trén khoang (—o;+).D. Ham s8 nghich bién trén khoang (—1;+w).

Céu 7. Cho ham s8y = f(x) ¢6 bang bién el s 0 1 .
thién nhw hinh vé bén. Ménh dé nao dwdi J - 0+
day dung ? +oc

0 -
~, /5
Ay =5. B. yg; =0. RN V. \
\‘\ 1 // \_m

C.n%ny=4. D.mﬂg.xy=5.

Céu 8. Trong khong gian voi hé toa 6 Oxyz, tim toa 6 tdm I va ban kinh R cia mat cAu
(x=17+(y+2) +(z—-4) = 20. _
A. I(-1;2;-4),R=5J2. B. I(-1;2;—4),R=2/5. C. I(1;=2;4), R=20.D. I(1;-2;4),R = 2/5.
Céu 9. Trong khéng gian v6i hé toa d6 Oxyz, phuong trinh nao dudi day la phwong trinh

x=1+2¢
chinh tic cia duong thang < y =3¢
z==2+t
A Xy 222 pox-l y z42 o oxdl y z22 0 px-l y z42
2 3 1 1 3 =2 1 3 =2 2 3 1

Cau 10. Tim nguyén ham ctia ham s8 f)=x +—27.
2
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Ajf(x)dx—x—3—2+C ij(x)dx—fi—lw
' 3 0x ’ 3 0x
3 3
C.[raar=X424c. D.[ fax=+24c.
3 x 3 x
Cau 11. Cho ham s6 y = f(x) c6 bang bién 2o  _a 0 .
thién nhw hinh vé bén. Hoi d6 thi ctia ham | -
58 da cho c6 bao nhiéu duong tiém cén ? ' .
! \\\\.\
A.1. B.3. C.2. D.4. 0
2017 201
Céu 12. Tinh gid trj cta bicu thie P=(7+443) (7-445) .
2016
A. P=1. B. P=7-43. C. P=7+43. D. P=(7+43) .
Cau 13. Cho a la s8 thue duong, a khac1va P=log,. a’. Ménh dé nao dwdi day dung ?
A. P=3. B. P=1. C.P=09. D.P=%.
Cau 14. Ham s6 nao dwdi day dong bién trén khoang (—o03+00)?
A. y=3x"+3x-2. B. y=2x"-5x+1. C. y=x"+3x% D. y=x_:j.
X
Céu 15. Cho ham s6 f(x) = xInx. D6 thi nao dwdi day 1a d6 thi cia ham s& y = f'(x)?
y ) ¥ v Y
/
/
1 // //.J/ A
/i 7 Ve I~
[¢] 1 z O !/1 x I3) ‘1 1 x O x
A. B c. | D.

Cau 16. Tinh thé tich V cia khéi ling tru tam gidc déu cd tat ca cac canh déu bang a.

3 3 3 3
a3 B y-203 cr-28, py-2
6 12 2 4

Cau 17. Trong khong gian véi hé toa dO Oxyz, cho cac diém A4(3;—4;0),B(-1;1;3) va
C(3;1;0). Tim toa d6 diém D trén truc hoanh sao cho 4D = BC.

A. D(=2;0;0) hogic D(~4;0;0). B. D(0;0;0) hodc D(6;0;0).

C. D(6;0;0) hodc D(12;0;0). D. D(0;0;0) hoic D(6;0;0).

Cau 18. Ki hiéu z va z, 1a hai nghiém phtc cua phuwong trinh z*+z+1=0. Tinh

A V=

P=z]2+222+z]zz. .
A. P=1. B. P=2. C. P=-1. D.P=0.
Céu 19. Tinh gié trj nho nhat ciia ham s§ y=3x+— trén khoang (0; ).

Cxt - .
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A.min y=33/9. B. miny="7. C. miny= 33 D. min y=23/9.

(0:90) (0:+0) (0z400) —é— (0cbon)
Cau 20. Hinh da dién trong hinh vé bén c6 bao nhiéu
mat ?

A.6. B.10. C.12. D. 11

Cau 21. Goi S 1a dién tich hinh phang (H) gidi han

thing x=-1,x=2 (nhw hinh vé bén). Dit
0 2

a=[f()dxb=[f(x)d, ménh dé nao dudi day
-1 0

dl’mg ? @]
A.S=b-a. B. S=b+a.
C. S=-b+a. D. S=-b-a.

Céu 22. Tim t4p nghiém § cta phuwong trinh log, (x—1)+log, (x+1)=3.

A S={-3;3}. B. §={4}. C.5={3}. D.§={~10;+10}.
Céu 23. Duong cong trong hinh vé bén la d6 thi cua v
mét ham s6 trong boén ham s& dwge liét ké ¢ bdn
phuwong an A, B, C, D dwéi day.Hoi d6 1a ham s6 nao ?

A y=2x+3. B. =2x—l' ——f// ,
x+1 x+1 o
- — - ~1 JO I
C.y=2}' 2' D. =2JL+1' i r
x—1 x—1

i
{
i
i
|
|

2
Céau 24. Tinh tich phan /= I 2xVx” —1dx bang cach dit u=x*-1, ménh dé nao dudi day
1

dung ?
3 2 3 2

A1 =2[udu. B.1 = [Judu. C.1=[Judu. D.1=%j\/z7du.
0 1 0 1

Céu 25. Trén mt phang toa d9, diém M 1a diém biéu .

dién ctia s8 phitc z (nhu hinh vé bén). Diém nao trong Q E

hinh vé la diém biéu dién cua s6 phitc 2z.

, g -
A.Diém N. B.Diém Q. C.Diém E. D.Diém P. /’\ :
N P
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Céu 26. Cho hinh nén c6 dién tich xung quanh bang 374* va ban kinh dy bang a. Tinh
d6 dai duong sinh I cia hinh nén da cho.

A.l=%. B. I=22a. c.1=%. D./=3a.
fodx I+e
Céu 27. Cho [ c=a+bIn—=, voi a,b la cée 8 hitu ti. Tinh §=a" +°,
v €t
A S=2. B. S=-2. C. §=0. D.S=1.
Cau 28. Tinh thé tich V ctia khéi tru ngoai tiép hinh 14p phuong c6 canh bang a.
3 3 3
Av=22 B. V =d’. crv=22, D.v=22
4 6 2

Cau 29. Trong khdng gian v6i hé toa dd Oxyz, cho mét cau (S) ¢ tdm 7(3;2;-1) va di qua

diém A(2;1;2). Mat phéng nao dudi day tiép xuc véi (S) tai 4?

A. x+y-3z-8=0. B. x—y-3z+3=0. C. x+y+3z-9=0. D.x+y-3z+3=0.

Cau 30. Trong khong gian véi hé toa d6 Oxyz, cho mit phing (P):2x-2y—z+1=0 va
x-1 y+2 z-1

duong thang A R Tinh khoang céch d gitta A va (P).

A.d=§. B.d=§. C.d=§. D.d=2.

3
Ciu 31. Tim tAt ca cac gia tri thuc cia tham s8 m d& ham s6 y=(m—1)x* —2(m-3)x* +1

khong cd cuc dai.
A 1<m<3. B. m<1. C.m=1. D. 1<m<3.

Cau 32. Him s6 y = (x—2)(x* —1) cé d6 thi nhw hinh vé bén. Hinh
nao dudi day 1a do thi caa ham s8 y =|x—2|(x* -1)?

Vo / VAR
WA [
\\_// Dl J T 4] E
Hinh 1 Hinh 2 Hinh 2 Hinh 4
A.Hinh 1. B. Hinh 2. C. Hinh 3. D. Hinh 4.

Ciu 33.Cho a,bla cac s6 thiee duong thoa man a#1,a# Jb, log, b= 3. Tinh P= logﬁ \/E
— Ya

A P=-5+3\3. B. P=-1+13. C.P=-1-43. D. P=-5-33.
Cau 34. Tinh thé tich V ctia phan vat thé€ giéi han bodi hai mit phang x=1 va x=3, biét
rang khi cit vét thé béi mat phang tiy y vudng géc véi truc Ox tai diém c6 hoanh dd
x(1<x<3) thi dugc thiét dién 1a mét hinh chit nhat ¢6 d6 dai hai canh la 3x va +3x-2.
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1247 124

A. 7V =3242415. B.V= C. V= D. V=(32+2\/E)7z.

Cau 35. Hoi phurong trinh 3x” —6x+In(x+1)’ +1=0 ¢4 bao nhiéu nghiém phan biét ?

A 2. B.1. C.3. D. 4.

Cau 36. Cho hinh chép S.ABCD cé day la hinh vudng canh g, SA vudng goc vdi mit day,
SD tao véi mit phéng (SAB) mét goc bang 30°. Tinh thé tich V ctia khdi chép S.4BCD.

3 3 3
A. V=*/lgga : B. V =+3d". C. V=\/g3“ : D. V=‘/§f’ :
2

Cau 37. Trong khéng gian véi hé toa dd Owz cho duong thing
x=1_y+5 z-3

d: 3 ] 2 .Phuwong trinh nao dwdi day la phuong trinh hinh chiéu vudéng goc
ctia d trén mit phang x+3=0 ?
x=-3 x=-3 x=-3 x=-3
A Jy=-5-t. B. Jy==5+t. C.iy=-5+2t. D.qy=—-6-t.
z==3+4¢ z=3+4¢ z=3-t z="T+4t

Cau 38. Cho ham s8 f(x) thoéa man j (x+1) f'(x)dx=10 va 2f(1)—f(0)=2. Tinh
0

1
I= j F(x)dx.
0
A I=-12. B.7=8. C. I=12 D. I=-8.
Céu 39. Hoi c6 bao nhiéu s8 phitc z thoéa méan dong thoi cdc didu kién: |z—i|=5va z* 1asg
thuén 4o ?
A.2. B. 3. C. 4. D. 0.

Cau 40. Cho ham s8 y = 2% ménh dé ndo duéi day ding ?
X

1
A.2y'+xy"=—xi2. B. y'+xy"=;~. C. y'+xy"=—%. D. 2y'+xy"=-x1—2.

Cau 41. Héi c6 bao nhiéu s6 nguyén m dé ham s8 y=(m"-1)x’ +(m—1)x* —x+4nghich
bién trén khoang (—oo;+0)?
A2 B. 1. C.0. D. 3.
Chu 42. Trong khéng gian véi hé toa d6 Oxyz, cho mit phang (P):6x—2y+2z-35=0 va
diém A(-1;3;6). Goi 4' la diém d6i xting véi4 qua (P), tinh OA4'.
A. 04'=326. B. 04'=53. C. 04'=+/46. D. 04'=+/186.
Céu 43. Cho hinh chép t& gidc déu S.ABCD cé canh day bang 3\2a, canh bén bang 5a.
Tinh ban kinh R ctia m&t cdu ngoai tiép hinh chép S.4BCD.

25a

A. R=+[3a. B. R=2a. C. R=-8—. D. R=2a.
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Ciu 44. Cho ham s6 f(x) lién tuc trén R va thod man f(x)+ f(—x)=+2+2cos2x, VxeR.
3z
2

Tinh 7= | f(x)dx.
3z

A.l=-6. B.7=0. CI=-2 D.I=6.

Cau 45. Héi ¢ bao nhiéu gia tri m nguyén trong doan [-2017;2017] d€ phuong trinh
log(mx) = 2log(x+1) c6 nghiém duy nhét ?

A. 2017. B. 4014. C. 2018. D.4015.

Ciu 46. Goi S 1a tap hop tat ca cdc gid tri thuc cua tham sd m d€ d6 thi cia ham s&

1 5 L1 s mes . N N [ R
y= §x3 —mx” +(m2 —l)x ¢6 hai diém cuc trila A va B sao cho A, B nam khac phia va cach

déu duong thang y =5x-9. Tinh t&ng t&t ca cac phan ti ctia S.

A.0. B.6. C. 6. D.3.

Céu 47. Trong khéng gian voi hé toa d6 Oxyz, cho mit phéng (P):x-2y+2z-3=0 va
mit cau (S):x*+)* +22 +2x—4y—2z+5=0. Gia st difm M e(P) va N (S) sao cho vecto
MN cling phuong véi vécto #(1;0;1) va khoang céch gitta M va N 16n nhat. Tinh MN.

A. MN =3, B. MN =1+242. C. MN=32. D. MN =14.

Céau 48. Xét céc s8 phirc z théa méan |z+2—i|+|z—4~7i|=6+/2. Goi m, M Tan luot 1a gia tri
nho nhat, gia tri 16n nhéat cta |z—1+i]. Tinh P=m+ M.

A PB4, B.P=5_\/_E_+72_@‘ C PosBai D_P=5\/542,\/ﬁ.

Cau 49. Cho mat cau tdm O, ban kinh R. Xét mat phéng (P) thay doi cit mit cau theo giao
tuyén 1a duong tron (C). Hinh nén (N) ¢6 dinh S ndm trén mit cau, c6 day 1a duong tron
(C) va c6 chiéu cao la h (h>R). Tinh h d€ thé tich khéi nén dwoc tao nén béi (N) c6 gid tri
16n nhat.

4R 3R

A.h=+3R. B.h=+2R. C.h=-3—. D.h=7.

Cau 50. Cho khéi t¢ dién c6 thé tich bang V. Goi V' la thé tich ctia khdi da dién c6 cac

9 \ 7 o« A7 k) 7 2 A r oA ~ ’ 2 A V
dinh la cac trung diém ctia cac canh cua khoi tit dién da cho, tinh ti s6 7

Al

1 r
v o2

BV V'o2
14

. .?—"3‘.

p. Y-
v

EN
oo |
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Full tuyét ki Casio Ha Guc bé Minh Hoa Lan 3
CAiu 1: Cho ham s8 y=x*—3x ¢6 d6 thi (C) . Tim giao diém ctia (C) va truc hoanh.
A2 B.3 C.1 D.0
Huéng dan:
Cac em vao giai phuwong trinh bac 3 trong may tinh
e 5@ DEO0EEHEEOEE

B Math¥ [F: Math¥Wai Math A

hi= hz= hE=

] -3 I
Vay khoanh dap an B.

Ciu 2: Tinh dao ham ctia ham s6 y=logx

1 In10 1 1
A y=—. B. y'=——. C y= . !
Y x Y x xIn10

Huéng din

Céc em xét hiéu dao ham tai X voi cac dap an
(587 (3 (og) () O3 DD O [ D] & (=) 3 (0 @ (i O
Math
. 1
AC1090AN ) o =R

@@@ Math &
B C10aCKI Y s b
-0. 05657055151

N6 khéng bang 0 minh sang d4p 4n khac, khong can bdm CALC nira nhé, bim (=] ludn
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Math & ] Math & Math A

. 1 i ’ _ = LA _
Vs mrrrrod w1090 b G tl0ated )b
-1.5B8dxgl= | gent o
Vay khoanh dap an C
Céu 3.Tim tdp nghiém S ctia bat phuwong trinh 5 —% >0.
A. S =(l;+0). B. S =(=1;+0). C. S = (=2;+0). D. S = (—o0;-2).
Huwéng dan

Cé4c em nhép biéu thic roi CALC tirng dép 4n

5H+1_%

Xét cac gia tri dac trung ting dap an

X =10 (Pép 4n D) X =10 (Dép 4n AB,C)  X=-19 (P4p 4n D)
WEO0E D= wWE=EODEE
1 B Math & 1 Math & 1 Math A
Al _1 #+l_1 Wel_1
5% - 5T - T |
-0. 199999428 48528124, 8 0, 03492378362
Ciu 4. Ki hiéu a, b 1an lwot 1 phan thiee va phan do ctia s phitc 3-2+2i. Tim g, b.
A. a=3b=2. B.a=3b=2y2. C.a=3;p=+2. D.a=3p=-22.

Huwéng dan: D

Ciu 5. Tinh mdédun cua s8 phtec z biét z = (4-31)(1+1).
A. |zl=25\/—2_. B. |z|=7\/§. C.|z|=5x/§. D. |z|=\[2_.

Huéng dan

|z| = ’z‘ nén cac em bam thang ludén
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CMPLY ath A

g (2 e (@ EHEE U OOBHEOE
| C4-31 ) C1+i0 |

A2

x-=2

T Ménh dé nao dwdi day dung ?

Chu 6. Cho ham s6 y ==
x+
A. Ham s6 nghich bién trén khoang (—oe;—1). B. Ham s6 d6ng bién trén khoang (—eo;-1).
C. Ham s6 dong bién trén khoang (—o;+00). D. Ham s8 nghich bién trén khoang
(—1;400).

Huéng dan

Ham s6 khong xac dinh tai x=-1 loai C.

[F] Math &
o[ 2
dx L o#x+1 I r=-10
0. 023705705704

Vay khoanh B
Cau 7. Cho ham s8 y = f(x) c6 bang bién ol 0 L .
thién nhw hinh vé bén. Ménh dé nao dudi v - 0 + 0 -
day dung ? Foo /1—,\
Ay =5. B. y. =0. Y \ / .
C'H}Riny=4- D.mlgxy=5. g . —o¢

Huéng dan: khoanh A

Cau 8. Trong khong gian véi hé toa d0 Oxyz, tim toa 6 tam I va ban kinh R ctia mat
cAu (x—1)*+(y+2)* +(z—4)* =20.

A. I(-1;2;-4),R=5v2. B. I(-1;2;—4),R=2/5. C. I(1;-2;4),R=20.D. I(1;-2;4),R =2+/5.
Huwéng dan: Khoanh D

Céu 9. Trong khong gian véi hé toa d6 Oxyz, phuong trinh nao dudi day la phuong
x=1+2¢

trinh chinh tic ctia dwong thang < y =37
z=-2+t
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A x+1=X z—2. B. x—1=1_2+2‘ C'x+1=y 2—2. D.x—-l
3 1 3 2 1 3 =2 2

Z-Z+2
3 1

Huéng din: Khoanh D

Cau 10. Tim nguyén ham ctia ham s8 f(x)=x" +.%__
2

X 2 ¥ 1
A [ fdr="2-24C, B[ far=X-2ec
C.If(x)dx=%+;2€-+c. D-ff(X)dX=f3—+—)1;+C.

Hwéng dan

Xét hiéu dao ham cac d4p 4n véi biéu thirc can tinh
EHEEENENBOE®EHEEZ@E ) ® W ) e (= (A [
@@

Math A

(52 2 )

W @D@E

F ] Math A
A[E_E] ([
dxl 3 H |x=>=’.

0
Bing 0 hay x4p xi 12 d4p 4n ding 4n dé€ kiém tra.
Céau 11. Cho ham s6 y= f(x) c6 bang bién x L
thién nhu hinh vé bén. Héi d6 thi cta Y
ham s8 da cho c6 bao nhiéu duwong tiém
can?

A.1. B.3. C.2. D.4
Huéng din

Tiém can dung x=-2,x=0 Tiém can ngang y=0

Cau 12. Tinh gia tri cta biéu thitc P= (7 4 \/?:)20]7 (7_4 \/5)30.6‘
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2016

A. P=1. B. P=7-44/3. C. P=7+4/3. D. P=(7+4J§)

Hudéng dan

Cac em bidm triec tiép y nhw vy sé khong ra dwgc cic em bim thanh :

P=[(7+4\/§)(7—4\/§)T°]6.(7+4J§)

(C7+443) (7-443 08
T+S

Ciu 13. Cho a la sd thuc duwong, a khaclva P= log,- a’. Ménh dé nao dwdi day dung

?
A. P=3, B. P=1. C.P=9, D.P=%.
Hwéng dan
Chon ga=2
elm[mle 0 50 (@ @ 0 ® 6 [ 0 @ ©
ﬂ_." B Hath & 3 B Math A
2+A 1o gﬁiﬁ ]
2 9
Vay khoanh dap an C.
Céu 14. Ham s6 nao dudi day dbng‘bié'n trén khoang (—oo;+)?
A. y=3x"+3x-2. B. y=2x’—5x+1. C. y=x"+3x" D. y=i+f.
Huwéng dan ’

Cac em c6 thé dung Table hodc nhdm nhanh y=3x’+3x-2—-y'=9x*+3>0

Cau 15. Cho ham s8 f(x) = xInx. D6 thi nao dwdi day la d6 thi cia ham s& y = f(x)?
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Y I/ ¥ ¥ | y
L /I o “x\
/ T / T
el ‘ 1 & o1 A a 4] 1 x &) = Ed
/
A. B. / C. D.
Hwéng din
(e () few O] () @ 0) 07 ®@E @@=
d ] Math A M _ th ERRnRﬁ Math- d <] Math A
T LAINCAID o = - T CAINCADY] oy
CAC] rCcancel
C41Ck1iE0L0 1

Tai 0 khéng xac dinh, tai x=1,y=1 nén khoanh C

Cau 16. Tinh thé tich V ctia khéi ling try tam gidc déu c6 tat ca cac canh déu béng a.

3 3 5 R
A-V=ag/§4 BV=-C-1—1-\2/—§ C.V:a;/g‘ D.V:a;/g.
Huwéng dan

2 3
Nh&m nhanh: V =2 f.a=af

Cau 17. Trong khong gian v6i hé toa dd Oxyz, cho cac diém 4(3;—4;0), B(-1;1;3) va
C(3;1;0). Tim toa 6 diém D trén truc hoanh sao cho 4D =BC.

A. D(=2;0;0) hodc D(~4;0;0). B. D(0;0;0) hodc D(=6;0;0).
C. D(6;0;0) hodac D(12;0;0). D. D(0;0;0) hoac D(6;0;0).
Hwéng din

Thiét 14p nhanh phwong trinh trén may : (A—E’»)2 +(4)2 +(0)2 —(42 +32)
CALCradapéanD

Cau 18. Ki hiéu z, va z, 12 hai nghiém phtic ctia phwong trinh z* +z+1=0. Tinh
P=z'+z+zz,.

A. P=1. B. P=2. C.P=-1. D.P=0.
Huéng dan
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Vao giai phuwong trinh bac2: g (5] B E O EHEE
Luu nghiém X1 vao X : X2 vao Y : (=) (s Red #) Roi [ong (2)

<] Math¥ F] MathWh CMPL.“' B Math A
! - o
AL= e R+ 4Ry
L5, L AF
z7Z z Z I

Chu 19. Tinh gi4 tri nho nhét cia ham s6 y=3x+—+ trén khoang (0;+00).
=

. 33
A.min y=33/9. B. =7 = . min y =23/9.
iy =3 i =3 D piny =23
Hwéng dan

‘Dung Table : Start 0= End 9= Step 0.5=
i DEENEEDOmNFEEC0EE0UHEE

H FiHa 5
3 |
uoos mré:’ 39
B 2TTTTTTTE b. 240251489
Vay khoanh dap an A

Cau 20. Hinh da dién trong hinh vé bén cé bao
nhiéu mat ?

A.6. B.10. C.12. D.11. ! ‘

Hwéng dan : DEm xong khoanh D

Céu 21. Goi S 1a dién tich hinh phang (H) giéi han
bdi cac duong y = f(x), truc hoanh va hai duong
thang x=-1, x=2 (nhw hinh v& bén). D4t

y = fr)

0 2
a=[ f(x)dx,b= [ f(x)dx, ménh dé nao dudi day
-1 0

duang ?
A.S=b-a. B. S=b+a.
C. S=-b+a. D. S=-b-
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Huwéng dan: Pap an A.

Cau 22. Tim tdp nghiém S cta phuwong trinh log, (x—1)+log, (x+1)=3.
A S={-33}. B. S={4}. C.5={3}. D. 5 ={~V10:;10}.

Huwéng dan:
Cac em nhap phwong trinh vao may :

EIZEEIENEHIDEEDHDSEHE
4.1+]09zCh+10-d

=EE L@ E B E

|Fi Math ) B Math & Math &
Math ERROR lo9z0k-11+109-0F 109:(x-12+10920F
CAC]l :Cancel

[41LkIIGEOLD 0. 9063305956 O
Véay khoanh dép an C
Cau 23. Duong cong trong hinh vé bén 1a d6 thi ctia Y

mot ham s& trong bdn ham s6 duoc liét ké ¢ bon |
phuong an A, B, C, D duwdi day.Hoi d6 1a ham s6 /

nao ? "
2x+3 2x-1 . T
==, B.y= . -1 Jo B
x+1 x+1 |
2x-2 2x+1 |
C y= . D.y= . |
x—1 x-1 |

Hwéng din: Dya vao tiém cin ding => A,B, dua
vao giao Oy =>B

2 .
Cau 24. Tinh tich phan 7= j2xdx2 ~1dx bang cach dit u = x* 1, ménh dé nao dudi day
1

dang ?
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3 2 3 2
A1 =2[udu. B.J = [udu. C.1= [udu D.7 = [udu
0 1 0 1
Hwéng din

Tinh tich phén r6i so vdi gia tri & cdc ddp an

| 2n T |2 o
3. 464101615 3. 464101615

Cau 25. Trén mit phang toa d9, diém M 1a diém .
biéu dién ctia s8 phitc z (nhw hinh vé bén). Diém
ndo trong hinh vé 1a diém biéu dién ctia s8 phire 2z.

0 -
A.Diém N. B.Diém 0. C.Piém E. D.Diém P. /I\p
N

Huéng din: Chon C

Cau 26. Cho hinh nén c¢6 dién tich xung quanh bing 37za* va ban kinh ddy bang a.
Tinh d6 dai dwong sinh I ctia hinh nén da cho.

A. l_lgé B. I=2\2a. C.I=

Huéng dan: S, =nrl—>1=3a

D. I=3a

N‘w

I -
Cau 27. Cho j%=a+bm1;;—e, V6i a,b 14 céc s8 hitu t. Tinh S =4’ +5°.
o€ .
A. S=2 B. §=-2. C. §=0. D. S=1
Huwéng din
Tinh tich phan lru vao A
Math &
1 4 "
= =
JD graronth
0. 373355433
A= a+b1nl—;—e b=t 1+ thay vao S=d’+b’ = Dép an giai ra xem a,b dep khong
11’]—'

2
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i O @) (o3 (B[O E) [0 (©) B w0 @ 0] (B 0 3 6 60 @ 2 & D ®

Nhap vao may:
[Fi Math &
= A= =
" 2

n=_ -0, 410502725

EEHIERISIE

Math A

L] =5=) |

0

Tuong tu véi cac dap an khac cudi cung la C:

Math &

RUEIY

= 1
L-R= 0

Vay khoanh dép an C.

Céc em c6 thé dung Table néu thich : Start -4=, End 4=, Step 0.5=

B Math
l:"l—;“:
In[32E)r

Vay a=1,b=-1-5=0->C

B Math
n Fix)

Ia
11
12 -1.B0E

-1

Cau 28. Tinh thé tich V ctia khéi tru ngoai tip hinh lap phwong cé canh bang a.

3 3 3
A v=22 B. V=nd. cv=22, D.v=22,
4 6 2
Huéng dan:
h=a 2
V& hinh nhanh : a -w:ﬁ.(i] a—D
= 2

\2
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Cau 29. Trong khong gian véi hé toa d6 Oxyz, cho médt cau (S) cd tdm 1(3;2;-1) va di
qua diém A4(2;1;2). Mat phémg nao dwdi day tiép xtic véi (S) tai 4?

A. x+y-3z-8=0. B. x—y-3z+3=0. C. x+y+3z-9=0. D.x+y-3z+3=0.
Huéng dan:

=I1A=411

O day chung ta ding diéu kién tiép xtc : ) omp)

Déap an A Dép anB DapanC
' IMath‘ L e i) ﬂ?lﬂ—'lmath‘ L L) J.-I:'E -’lmath‘
S+E=5(-11-5 = N
e 414145 414149
di+i4+e 71 411
I 11 11
Déap an D:
B Hath &
[ 5+E-—3(—11+5]
f1+1+47
M1
Vay khoanh dép an D.
CAu 30. Trong khéng gian v6i hé toa dd Oxyz, cho mit phang (P):2x—2y—z+1=0 va
duong thing A ;"T*]JT”JT‘]. Tinh khoang cach d giita A va (P).
A d=1, B.d=2. C.d=2. D.d=2,
3 3 3
Huwéng dan

6 day A va (P) song song v6inhau nén mdi ¢ khoang cach va né bang khoang cach
tir 1 diém trén d t6i (P) do @6 tacd:

Math &
| Zxl—2x—Z2—14+1|
Jad+d+1

Vay khoanh dép an D.
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Céu 31. Tim t4t ca cac gid tri thiee ctia tham s6 m d€ ham s& y=(m—1)x* —2(m—3)x> +1
khong c6 cuc dai.
A.1<m<3. B. m<1. C.m=1. D. 1<m<3.

Huwéng dan:

Céc em kiém tra nhanh b%mg meo nhu sau :

m=10—y=9x* —14x*+1 cacem &€y ab trai d&u 12 cd 3 cuc tri r6i v6i y=ax* +bx’ +c
m=-10 -y =-11x* +26x" +1 twong tw nén chung ta loai dwoc B,C

Xét m=1-y=4x"+1— Dung nén chiing ta khoanh A.

C4u 32. Ham s6 y=(x-2)(x*—1) ¢6 d6 thi nhu hinh vé bén.
Hinh nao duéi day la d6 thi cia ham s6 y=|x—2|(x*-1)?

ud

i
Hinh 2 Hinh 3

Hinh 1

A.Hinh 1. B. Hinh 2. C. Hinh 3.
Hudéng dan

y=|x—2|(x2—l)$0—)-l£xsl—>A

Céu 33.Choa,bla céc s6 thye dwong thoa man a¢1,a¢\/3,loga b=+3. Tinh P= log \/E
“\Na

A. P=-5+33. B. P=—1++3. C.P=-1-3. D. P=-5-3/3.
Huwéng dan

Cac em chon a=2-bh=2"

(2] () fed) () @) (3 (&) (B (o) (D ()
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F] Math & B Math A& Math &

2R EJE'}B lﬂgqlg iy
2 3. 321997055
Véay khoanh dap an C
Cau 34. Tinh thé tich V ctia phan vt thé giéi han bdi hai mit phang x=1 va x=3, biét
rang khi ct vat the béi mat phang tiy ¥ vudng goc véi truc Ox tai diém cé hoanh dé x
(1=<x<3) thi duoc thiét dién la mét hinh ch nhat ¢6 d6 dai hai canh la 3x va v3x* -2.

A. V=32+215. B. =247 C. V=%. D. V=(32+2JE);z.

~

J
Huwéng dan

3
Vx) = '[S(x) dx bdm may ta dwoc C.
1

B Math &
D e
[ZanfEE—2
41, 33333533
Cau 35. Hoi phwrong trinh 3x* —6x+In(x+1)’ +1=0 cd bao nhiéu nghiém phén biét ?
A 2. B. 1. C.3. D. 4.

Huwéng dan
Dung Table : Start -0.99= End 9= Step 0.5=

EOIBEEEmIEREmOEDDEE®HD
fURI=ACR+107+11

HOoLEENENE0HEE
F Math B Math @ Math
1| -f.ss 3l o |ge i g| T.si| Sohi
2| -0.43| 4,355 a0 (Bt 1 2.l
3l 0.01)0.9403 sl 1.0} 1-1.E58 Bl 2.5116,B1898
-87. 75427243 -1 209709519 2. 39335354914

Ham d6i d&u 3 Ian la c6 3 nghiém phén biét.
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Cau 36. Cho hinh chép S.ABCD c6 ddy la hinh vudng canh a, SA vudng goc voi mat
déy, SD tao véi mit phang (SAB) mot géc bang 30°. Tinh thé tich V ctia khéi chép
S.ABCD.

3 3 3
A. Vz‘/g" . B. V=34 C. V=\/g” . D. V:‘ﬁ" .
18 3 3
Huéng dan:

Cau nay kha don gian cac em vé hinh va xac dinh dwoc gécla ASD =30’

3
=V= %‘SA.SABCD = %.AD cot30°.a> = #
Cau 37. Trong khéng gian véi hé toa d6 Oxyz, cho dwong thang d “\T_l = y—+15 = 223.

Phuong trinh nao dudi day la phwong trinh hinh chiéu vuéng gbc ctia d trén mat
phang x+3=0?

x=-3 x=-3 x=-3 x=-3
A {y=-5-1. B. {y=-5+1. C. Jy=-5+2¢. D.qiy=-6-t.

z==-3+4¢ z=3+4¢ z=3—-t¢ z=T7+4t
Huéng dan

. x=1+2¢
d:x;=y_+5=2_—3:> y=—5—t

2 - 4

z=3+4¢

Céc em tim giao ctia d va x+3=0 thi diém nay cling thudc d' 1a hinh chiéu cua d
x+3=0—(1+21)+3=0—1=-2— H(-3,-3,-5) em thay toa d6 diém nay vao cic ddp 4n
xem no thudc ddp annao ? .

x=-3
Duy nhét chi c6 ddp an D thoa méan {y=—6-r=-3—>1=-3
z=T7+41=T+4(-3)=-5
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Cau 38. Cho ham s6 f(x) thoa man j (x+1)f'(x)dx =10 va 27(1)— £(0)=2. Tinh

I= j F(x)dx.

A I=-12. B.I=8. C. I=12. D. 71=-8.
Huéng dan

Minh ¢4 2 dir kién nén sé tim ham 2 &n thdéa méan 2 diéu kién trén : Gid st f(x)=ax+b

1)-f(0)=2. [2(a+b)-b=2 e =34
2f(1)-f(0)=2 (a+b) 20-b=2 |b= 203

3
=10 |%+a=10 a0 W=7
0 2 a=-—

1 = x2
I(x+1)adx=10 a.—+ax
0 2 3

Vay khoanh d4p an D.

Cau 39. Hoi 6 bao nhiéu s8 phttc z thoa man dong thoi cac diéu kién: |z—-i|=5va 2*
la s6 thuan 4o ?

A.2. B. 3. C. 4 D.0.

Huéng dan

{a2+(b—1)2 =25 :{a2+(b—1)2 =25_){a2+(a—1)2 =25

a* —b* +2abi =0 a=1b#0 a*+(a+1)* =25
Y= Bty tam Do g B My Yam B Mava
4 -3 3 -4
Vay khoanh dap an C

Chu 40. Cho ham s8 y=""% ménh dé nao dudi day diing ?
X

’ " 1 ! ” 1 ’ " 1 ’ ” ]
A2y +xy === B. y'+xy == C. y+xy === D. 2y +xy ==

Huoéng dan:
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Céc em st dung cach tinh dao ham cép 2 béng Casio nhu sau:

y'= AAi Tinh— (J((X))|1 x (f( ))I* oo — D Suy ra: f”(X)_—C—-)A

0.001

Ap dung vao bai :
(1) (=) (&) () et O) ) @ el ) & & (1 (0 ey el (o

IZ‘I [1|"I|'r'-:|J|x 1o b

FS
-1, 01302585093
@ e 0 (-] (0] (0] (0] (1 (o) et (sin)

(Ao

dx
-0, 01302569041
--@Bg@m@@@m

L0

0. 0001
1. 60515637 8x0"

Nhuw vay la ta vira tinh dao ham cdp 2 ctia ham y= Inx tai X=10 dang lwuvao A
X

Bay gio xét hiéu cac dap an, xét dap an A:

QeaEENENO@E I HOEHEH Q@@ BHE G
@O 0OE

Céc em &n thém [ xem nd cd vé 0 hay khong 1a duoc.

e ]Ix—iub Y [J£UEuq|x o
-1, 88079872 8wE 7 geg®n*
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Céu 41. Hoi ¢6 bao nhiéu s6 nguyén m d€ ham s6 y = (m* -1)x’ +(m—1)x* —x+4nghich
bién trén khoang (—o0;+w0)?

A2 B.1. C.0. D. 3.

Huéng din

Céu nay cdc em lam tay thoi: y'=3(m’-1)x’+2(m-1)x-1
y'=0—>A'=(m-1)* +3m’-1) =4m’ -2m-2

. . on  lmr-1<0 -1
P& ham nghich bién (—eo;+00) thi A'<0 —>7§ms1—>m=0,m=1—>A

Dé cho chic cac em cti kiém tra lai.

Céu 42. Trong khong gian véi hé toa d6 Oxz, cho mit phang (P):6x—2y+z-35=0 va
diém A(-1;3;6). Goi 4' la diém d6i xirng véi4 qua (P), tinh 04"

A. 04'=326. B. 04'=5\3. C. 04'=+/46. D. 04'=4/186.
Huéng din

Tim nhanh hinh chiéu H ctia A 1én (P) két hop tham s& hda va giai phirong trinh tim

tham s6 ludn : 6(-1+61)—2(3-2¢)+(6+1)—35=0

EOEOEHEEFHIIEFJZOAEHZEIDOBOE® & IO
B 6 E &Y E

qt—1+e.;~:3—§t3—”§"'fi»
[-R= 0

H(5,1,7) 13 trung diém ctia AA’ nén A'(11,-1,8)—»0A =186

Céu 43. Cho hinh chép t& gidc déu S.ABCD c6 canh ddy bang 3v2a, canh bén bang 5a.
Tinh ban kinh R ctia mit ciu ngoai tiép hinh chép S.4BCD.
A. R=+3a. B. R=+2a. C. R=-2%. D. R=2a.

Huéng dan:
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Cau nay kha don gian cac em vé hinh ra:

ASIM ~ ASHB
SI SM SM.SB
— == Sl=
SH SB SH
R} Math A
2. 55
I 5L 355 =5
=

Cau 44. Cho ham s8 f(x) lién tuc trén R va thoda man f(x)+ f(-x)=~/2+2cos2x, Vx e R.

3r
2

Tinh 7= [ f(x)dx.
3z
2

A.T=-6. B.7
Huwéng dan

C.I=-2. D.1=6.

I
e

Gid sir f(x) 1a ham chin — f(x) = f(—x) = Y2202

2
E Math ‘ T de i—'—'—' " M_a%hl ‘.‘
L JE+ECOS R -
_zm , E b

Véay khoanh D

M4y tinh cdc em tinh sé hoi lau khoang 2-3 phat trong thoi gian d6 cac em ctt 4€ day

chuyén xuéng lam cau khéc.

Cau 45. Hoi c6 bao nhiéu gi4 tri m nguyén trong doan [-2017;2017] d€ phuong trinh
log(mx) = 2log(x+1) cd nghiém duy nh4t ?

A. 2017. B. 4014. C. 2018. D. 4015.

Huwéng din

mx >0

Piéu kién: {
x>-1
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log(mx) =2log(x+1) < log(mx) =log(x +1)* © mx=(x+1)* ©m=2+ x+l = f(x)
x
Chiing ta sé khao sat ham trén 2 khoang (-1;0) va (0;+)

*Xét (-1;0) voi Start -0,99= End -0,01= Step 0,05=

Math B Math Math
" THY n Fi) n FiHY
11 -0.898 - 1| -0.E5}-0.138 19| -0.08|=
g| -0.84| -3-a3 Bl -O.BY|- 20| -0.04 [ .
3l -0.B31-0.013 g1 -D0.559 1M _ gl
-0, 00010101 e 0 -0. 2549152542 -&5.04

Gi4 tri ham gidm dan tit 0 t61 —0 = me (0,+w) két hop v6i [-2017;2017] thi m 6 2017
gid trj tir -1 t6i 2017

*Xét (0;+) v6i Start 0.0001= End 29= Step 1=

. B Math B Math
" X by F (i) " F i
Il 1.al bk | |64 =] 21
2| 1.0001 y 2| l-0001 =] =:1130, 035
3ig. 0001 4.5 dl2. 0001 Y. 5 3o R
1000z, 0001 d . Qo000 S0.035314168

NGO di tir +o0 — 4 —+0 vay d€ phuirong trinh ¢6 nghiém duy nhat thi m=4

Vay tong hop 2 treong hop thi ta c6 2018 gia tri cia m

Ngoai ra cic em c6 thé khao sat ham bang cach 1ap bang bién thién.

Cau 46. Goi S la tap hop tat ca cac gia trj thuee ctia tham s m dé€ d6 thi cia ham s6
y= %x3 —mx® +(m2 —l)x ¢6 hai diém cuc tri 1a A va B sao cho A, B nam khac phia va

cach déu duong thing y=5x—9. Tinh t8ng t4t c cdc phan ti ctia S.
A0 B.6. C. -6. D. 3.
Huwéng din

A,B luén d8i xting v6i nhau qua diém udn 1én 2 di€ém nay d6i xing véi nhau qua
duong thang y=5x—9. thi diém udn sé thudc duong nay
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3
y"'=2x-2m— U(m,m?—m) thay vao duong thang ta duoc:

3 3
o sm-9¢ _5m+9=0
3 3

Theo Vi-etbac3: xl+x2+x3=——b=0—+A
a

Céu 47. Trong khéng gian véi hé toa d0 Oxyz, cho midt phang (P):x—2y+2z-3=0 va
mat cau (S):x* +)° +2° +2x—4y—2z+5=0. Gia stt di€ém M e(P) va N e(S) sao cho vecto
MN cung phuong véi vécto #(1;0;1) va khoang cach gitta M va N 1én nhat. Tinh MN.
A. MN=3. B. MN=1+22. C. MN=32. D. MN =14.

Huéng dan

Do goéc NMH khéng ddi nén MN 16n nhét khi
NH 16n nhit = N & vi tri nhw hinh vé.

NH=r+d,_,=1+2=3

M H ® cos]\//I_I\Ef:,Cos(z-t,zﬂz)’=i—>MN=——Iy—Ii——3\/§

\/5 cos MNH -

Cau 48. Xét cac s6 phtic z thoa man |z+2—i+|z—4—7i=6v2. Goi m,M lan lwot la gid tri
nho nhét, gia tri 16n nhat cta [z-1+4. Tinh P=m+ M.

A PG +E. B,P:ii—'tzg—@. C. P=5E+ T, D.P=5\/_l2r—‘/—_7—i.

Huéng dan:

*Cach 1: Tk dap an cac em c6 nhén théy
Min c6 kha ning 1 52—‘/5,@,5& Max c6 thé 1a \/7_31/-?

Y twong 1a tir

z-1+i=4 ching ta rat ra b roi thé vao phwong trinh trén Solve xem cé

ton tai a khéng voi z=a+bi

. 52
2

Gia stt m=""=—(a-1) +(+1)* =125 b=1/12.5-(a-1) -1 thay vio
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2 2
k+2~ﬂ+k—4—74=6J§49Ja+2y+(125—(a—D2—2)+-ka—4f+(125—(a—02—8)—6J§
<] Math

I(}i+?)2+l412 51 E
L R= I
52

VAy c6 ton tai s6 phitc z d€ min la m = — Chi y khi xét Max

Ta co

>—~= >~ rasé thirs§ M=-—= xem cé ton tai s6 phitc nao khong ?

NERE: V3

Céc em st chiat chd 12.5 thanh 73:3 thoi.

] Math M

= r ']2 E'-'E_
RER ey T A T

LR— 0
V73 73

Nhu vay ton tai s6 phttc 46 M = 5o viy M=+73 1a ding

h

3

-0 D:l

O day anh da tht giai truc tiép M =+/73 nhung may khéng tinh duoc ra x cé thé né &
dang Bat déang thitc nén mdi bi Can’t Solve nhu vay ( kinh nghiém )

*Cach 2: Tie gia thuyét |z+2—4+|z—4-7i] =642.

Cho Y thay d6i roi gidira X voi z=X+Yi

Math |F§ Math B Math

JUR+2IE0Y-102 b X402+ 0Y-T03 -0 0Z+0Y-T0% -6/2

Solve
Y 01 2 3 i 5 6 7 8
X Can't -1 0 1 2 3 i Can’t

2 bén xung quanh 1a n6 v6 nghiém chi c¢6 viing tir 2 téi 7 thdi: cac em thay quy luét la
Y-X=3->y=x+3
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Do d6 |z—1+i|=1/(x~1)* +(x+4)* dung Table : Start -2= End 5= Step 0.25=

[ 2
" F i " Fii
gl -T.75 23| ' 3.5|7.505E
3l -1.5 : | 3.75
ul -1.25/3.553] 25 il g
Sk DESSIIO05 S« 54400353745

Xap xi dap an B nhé cac em.

Cau 49. Cho mit cau tam O, ban kinh R. Xét mit phang (P) thay d6i cit mt cau theo
giao tuyén 1a dwong tron (C). Hinh nén (N) c6 dinh S ndm trén mét cau, cé day la
duong tron (C) va cé chiéu cao la i (7> R). Tinh h d€ thé tich khdi ndn dwoc tao nén
bdi (N) ¢ gia tri 16n nhét.

4R 3R

A.h=-3R. B.h=+2R. c.h=7. D.i1=7.

Huwéng dan:
" 4 Cacem thiétlap nhanh phuong trinh tinh thé tich nén.Chon R=1

SH=h=R+IH=IH=h-1 Ban kinh AH =+IA>-IH =1 (h-1)’

i

>V =.;.z[1—(h-1)2].h CALC tirng dap 4n

CEEE® CEDE® WEEEEH
W-i-1Z)  R-cx-DE)  Rl-eDE)
0. B038475773 1. 171572875 1. (155
mm@@ﬁ Math &
4(1-Ci-192)
1105

Nhin vao két qua 1a minh khoanh C.

C4u 50. Cho khéi t® dién c6 thé tich bf?mg V. Goi V' la thé tich ctia khéi da dién cé cac

dinh la cac trung diém ctia cac canh ctia khoi t dién da cho, tinh ti s§ %
A1 g .1 cr.2 p. X3
V2 V 4 V 3 V 8
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1%

AMNK

v

BMNG =V_ =V

C.HNP D.PNK

Vi _AM AN AK _V
V.ABC AB AC AD 8

1 1%
V- (VA.BCD Vi VB.MNQ + VCAHNP + VD.PNK ) =V- 4"8' V= "E
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Céc ki thuit Casio va dang toan co ban cin nim
L.CALC - Tinh nhanh gi4 tri bi€u thitc véi gia tri cic bién cho trudce
Tinh n&ng nay cht yéu dé€ thtr d4p 4n, tinh gidi han ... khi dap an da chiza san két qua
chi viéc thtr vi du nhw thit nghiém ctia phuong trinh, bat phwong trinh ¢6 rat nhiéu vi
du cac em tham khao 6 phia dudi nhé.

II. SOLVE - Do nghiém ctia phwong trinh mét an bat ki
Vi du em muén tim nghiém ctia phitong trinh f(x)=0 thi em chi viéc nhdp f(x) vao
mdy & hé COMP r6i bdm (=) d€luu phwong trinh lai (khéng can bdm =0 )

Sau d6 bam d& may do nghiém, néu ra nghiém x4u thi em Iuu vao A
roi day lén d€ tim phuong trinh ¢l va ddy sang trdi stta thanh
f(x):(X=A) r6i lai xét 1dp lai nhw Iic dau d€ tim nghiém th 2, th 3 ...

Vi du 1: Tim tich tt ca cac nghiém cua phuong trinh 43°0%7) 4 g 4ros009) _ 13 gHions
A. 100. B. 10. C. 1. i
10
Hwéng din
Math & Math [F] LMath
13.5[10?;;] —IEKEIH"--F 4}.;31[:"‘3‘-;1':":!:": .~'+|;I} quEIDELIDDH 'J'”:‘
h= 10 »= 0.1
L-R= 0 L-R= 1]

Luu y: Solve do Ma-Log cuc 1au néu khéng dung Table tim khoang nghiém
triedic,con né giai phuong trinh vo ti kha 1a nhanh, cdc em nén luu y digu nay &
tranh mat thoi gian doi nd, trong lac doi thi c6 thé 161 mdy khac ra lam bai khéc.
III. Table - Skill linh hoat itng dung nhiéu
Kho ma cé thé liét ké hét ing dung ctiané chu yéu la manh vé do tim ngoai chirc
néng chinh 1a Max — Min , mét d6 thi thu nho ti d6 ting dung sang cwec tri, teong giao

IV. Cac dang toan co ban va két hop cac ki thuat
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Xin luu y, vi day 1a cudn sach luyén 8-9-10 nén cac ki thuat co ban nay anh chi rat gon
lai mdi dang 1-2 vi du thay vi day dt nhiéu vi du va cd nhiéu bai tap tw luyén nhu
Tuyét Ki Casio 2018 ver1.0

TuyétKi 1: Sw bién thién

Vi du 1.1: Tim tdp hop tdt ca cic giac tri thwc cua tham s& m d€ ham s&
y=x"+mx’ —x+m nghich bién trén khoang (1;2).

A. (—oo ~%) B. (~o0i-1). C. [-1;+0). D. (-w;-ﬂ}.

4
Huwéng din
Diuing d/dx : tinh ning tinh dao ham tai 1 diém ctia ham 1 bién.

6 E 0D 0E S0 EmE® D0 0
R YRR QY )

Ta sé xét cac gia tri ddc trung cta cadc dép an : Pap an C tinh tai X=10

m@m@@ Math &
(5 yyE -;-+~rJ|rf
4755

100

Ta sé loai duoc C va xét tiép s khac biét A,B,D

COEE00E COEE0MEE WEHDDEAE

Math & Math A B Math &

(4342 w+v‘l| b LR, -l L (33 +yRZ - b
_19s i3 _171
1Eu:| z S0

Vay khoanh dép an D.
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Tuyét Ki 2: Giai nhanh dang toan vé Max-Min, Cwc Trj

Vi du 1: Cho ham s f(x) =x+m+—ii (vOi m, n 14 chc tham s6 thuc). Tim m, n d€ ham
X+

s6 dat cyee dai tai x=-2 va f(-2)=-2.

A. Khéng ton tai gia tri ctia m, n. B. m=-1;n=1.
C. m=n=1. D. m=n=-2.
Huwéng dan

Cac em thay ting gid tri m,n vao ham réi dung Table :

bap an B:
E@@@@?E}d]t@@@@@lﬂ
atl ath
. 1 " F ()
fl.x:|=:?'i—1+m g -a:g -
E -IIE -|-|-5
Dép 4n C: Stra rdi cacem an (=] E) (=) =)
ﬁi Math s F ‘ Math
) ] 4]
fl:u:{:l#{*'l"'};;_'_i 5 'E:g o 5
Bl -1.5 -ga5

-Z
Thay n6 théa man dung yéu cau la ciec dai ludn vay déap an diang la C

Vi du 2: Cho ham s8 y=3sinx-4sin’x. Gia tri 16n nhét ctia ham sd trén khoang
T T N

-=;= | bang:

( 2’ 2) ang
A. -1. B. 3. C 1 D.7.

Huéng din
Cht y @€ ché d) goc ¢ Radian: @
Vao Mode 7 : Start "% End % va Step 1a % (day 1a budc nhay mic dinh cho liong

giac.)
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} . I?! . Math “ "L':Ili Hath
flH1=35inCx1-45%  ofn.6in|glid
9i0. 5235
101018531 0. 1071
Vay khoanh dép én C

*Lwu y vé cach chon Step :
+Chi dung bang F(X) d€ tinh dwoc 30 gid tri: @ (5]

+Néu nguoi ta khong cho khoang ham s6 thwong la da thike cdc em dé& Start -9= End
9= Step 1=

Mudn khao sat ki thi Start -4= End 4= Step 0.5

Trong doan nho cho s&n thi dé Step 1a 0.1 hoic 0,25
+Ham lwgng giac khong ndi gi dén khoang cac em d€ Start —z= End 7= Step —1% =

Tuyét Ki 3: Giai nhanh dang toan vé Tiém Can

Nax?=1+3x2+2 .,
— " 7 1A

Vi du 1: S§ duong tiém cin dung va tiém cidn ngang ctia d6 thi y= =
A.2. ~ B.3, C. 4. D. 1.
Hwéng dan
Nhép biéu thirc nhw dé bai :
FREI@mIEEDCEHIEDDE DM DE S m D
JanZ—1 430242

Ly |

*Tim tiém cdn ding: Thurong la nghiém ctia mau nén ta sé tinh gidi han bang cach

18y gia tri xap xi nghiém d6

Vidy x=1—-CALC X =1.0000001

Bikiptheluc.com Bi kip CASIC cong pha Tric Nghiém Todn Hotline: 0977.543.462
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UL OOOOODE OO0 DDODOME

) 7] Math A Math
JarZ 1 4+3x2 +Z Math ERROR
HE=H [AC]  :Cancel
Bra20516, 59 C41Ck]1:Eoto

Véy chi c6 mot tiém can ding la x=1

*Tiém can ngang: Ta sé tinh gidi han tai 10°(+e0) va —10°(—c0)

by DI EE I =FO0OIEE
Math A F] Math A
JanZ -1 +352 42 4HE—1 +3RE+E
HE—n -5
4. 00onns 2.999939

Vay 1a c6 thém mot duong tiém cdn ngang y=3
Tuyét Ki 4: Giai nhanh Twong Giao

Li thuyét chung 1a khi gia tri ham d6i ddu 4m sang dwong hay dwong sang 4m ltc nay
ham sé phai di qua s8 0 tize 1a ¢ 1 nghiém 1é, qua nghiém chén thi dau cia ham khéng
déi

Vidu 1: Tim t&p hop tat ca cac gia tri thiee m d€ phwong trinh sau ¢6 nghiém thudc

doan |:O,' 1] D+ =mOC+ 1)

w

Am=>1 B.m<1 C.0<m<1 D.0<m<=

I

Huéng dan:
*Cach 1: C6 lap duroc m thi dung cach nay nhanh hon

BHxt+x

4 +x=mpC+1) > m="——
x*+1)

=f(x)—> Min . <m< Maxf(x)

Table : Start 0= End 1=Step 0.1 =
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] Math 2 Math Math
Y 3 L H Finy
O ki V.Y [ * o 1D {n.aw}ﬂ?ﬁ
Geen? g pilm TR
o Sad
*Cach 2: thir tiing gia tri dédc trung cac dap an va quan sat do6i dau
Papan A: m=10 khéng thay sy d6i dau
Math u FH Math
APV 2 *
fURI=AR-CLOO K= o] 7 0|grld
El D.21-10.5E
-10. 09
bédpanB: m=-10 khong thdy su d6i ddu
Math u Fl:'-F Math
FR=-100052 0 o “nalibiin
Bl 0. :
16.5
bép an C: m=1 khong thdy sy d6i dau
Math : . Fi:-' Math
fURI=4-(130%%k1» g "o.)-D.ems
u 0. 318
-0, 7T
Vay khoanh dap 4n D, cdc em thit m=0.5 ma xem
] Math u X Math
_ . S 43
FU=C0LE)(HE+p o Poal-at
Bl D.5ImMiE
0. 03375
Tuyét Ki 5: Him s6 Mii - Log
Vi dy 1: Tinh dao ham ctia ham s§ 1 (x)=In(¢> +1).
1 X 282;{ er er
A. f(x)=—— B. f(x)==— C. f'(x)=——- D. f'(x)=——"
f(x) 62x+1 f(x) er_l_l f(x) 62x+1 f(x) 2(62x+1)

Huéng dan
Nhip biéu thirc dao ham réi xét hiéu véi cac dap 4n
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FEODFEDDIEICHEDIDNC@EmINCEEDNOEmm @
@ Math A Math &
L InCeZ 5100 410, omro]

m@@ [Fi Math A
S (1nle® +1)]] b

1.9999999594
Tuwong tw xét B,C,D
S nle+10)),b lInle2®+1)].b = In(e2 +1])|,b
1.999909196 9.079316154 1 g™ 1, 4939999997
Vay khoanh dap an C
Vi du 2: Tim t4t ca céc gia tri cia m d&ham s8 y=2"""" dong bién trén [1,2].
A. m>l. B. mzl. C. m=>-1. D. m>-8.
3 3
Hwéng din
Lam twong ty nhw phan sy bién thién
EE@EE E=E0E OEO0EREE
E%[Eﬁﬁ-xiwx]llb %[Eﬁﬁ—xiwx]'f E-ﬂi[gxﬁ—xiwx]llb
-0, 0201917667 0.1512117539 1.713808028
Vay khoanh dép én C

Tuyét Ki 6: Rit gon, biéu dién mii-log

Vi du 1: Cho a, b la cac sd thiee dwong khéc 1 va thoéa man log,5=3. Tinh gia tri cia

3
=

biéu thitc T=log ;
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A T=1. B. T=4. C.T=—%. D. T=—4.
Huéng dan
Cac em chon a=2—>b=a"
Math & ] i Math A - F] Math &
2+ 23 4p log [ 35
JEL A
& o A 1

a

Vi du 2: Tinh gid tri cta biéu thic P=log, (a‘°b2)+log JZ( \/zjﬂog{,b-b'z ( voi
O<a#1;0<b=l1).
A. P=2. B. P=1. C. P=43. D. P=42.

Huéng din

V@& ban chét no chi 1a bai toan rat gon tuy nhién két qua khong phu thudc a,b nén cac
em chon a,b théa man diéu kién la dwoc.

Math & Math A B Math &
Ly}

24 3+B 109,z (A1BZ]+1ck
2 3 1

Tuyét Ki 7: Phwong trinh, bt phwong trinh Mi-Log

1 L3 )
Vi du 1: Biét phwong trinh 9%-2 2 =2 2-3*" ¢6 nghiém la a. Tinh gia tri bieu thirc

1
P=a+-log, 2.
2 g%

A P=1. B. P=1-log,2. C. P=1. D. P=1—llog92.
2 H 2 2
Huwéng dan
Cac em nhip phuwong trinh vao may

@...@EJ@@...@E]@@EI-@@
BH_L5§+D 5 [:2”"C+1.r
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cAc) (=)

] Math &

Vi du 2: Tim tip nghiém S ctia bat phwong trinh 2* (IIJX

A. §=(2+x). B. §=(-=;0). C. §=(0;+00). D. S =(-o0;+00).
Huwéng dan

Ctt gdp BPT la cdc em nhép nguyén lai r6i CALC ting gia tri dédc trung cua dap an
thoi

PE@mIE0eHO0ENCHE®NHED® w0

Math

21 {g)”

D= =00 E @B

e Math A _ Math & E? Math A

NN e CO VI e )
R11.2421417 1.31901963 0. 5358867313

Vay khoanh dap an C.

Tuyét Ki 8: Tim nhanh nguyén ham

Vi duy 1: Tim gié tri cia m d€ham s& F(x)=m’x’ +(3m+2)x’ —4x+3 1a mot nguyén ham
ctiaham s8 f(x)=3x"+10x—4.

A . m=2. B. m=41. C. m=-1. D. m=1.
Huwéng dan:

Céc em xét dao ham F(x) tai 10 16i trir di 7 (10) CACL xem gid tri m nao cho KQ béng

i) (5+0) (23 () () 68 (o3 (0 (O (3) () (60 () (20 0 (o) 00 (23 (=) (@)
mﬂﬂ@@@ﬂ@@ﬂ@mnmmm@mma@m
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Fi Math & Math &

(YZRT 40314200 - (32 +108-4)1

T

@2E000E WE0EE =6
B 7] Math A B Math A Math &
SR 0ar20r LTI YRS (31420
S60 -120 I
Vay khoanh dap an D

Tuyét Ki 9: Nguyén Ham Nang Cao

Xem phién bai tap nguyén ham

Tuyét Ki 10: PT s8 phitc bac 1

Xem phén bai tap s6 phtc

Tuyét Ki 11: PT s6 phitc bac 2

Dang hé s6 thyc thi vao EQN, ho s6 phttc diing nhanh biéu thitc sau d€ tinh can :
JA = \/‘Z[zgg—rz(i) xem thém phén s8 phtrc

Tuyét Ki 12: PT s8 phirc bac bat ki

Xem thém thuét todan Newton — Raphton phan s& phtrc

Tuyét Ki 13: Ung dung Casio giii nhanh Oxyz

Xem File Update tai : http://bikiptheluc.com/sach
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Phin bai khé 16p 11 nay anh sé cap nhét chti yéu 6 file online kém sach, theo kip xu hudéng
& cac dé thi thir trén toan qudc va xu huéng thi ndm nay cdc em chiu khé theo dai nhé, con
ndm nay nhitng bai phan loai chtt yéu nam & kién thizc 16p 12 nén trong séch c6 gan nhuw
day du cac dang kho toan 12, anh sé cap nhét thém 6 file online nita.

Luwong Giac

Cau 1: Tim m d€ phuong trinh sau c6 nghiém m= w la:
2cosx—sinx+4
A2<m<- B.0< m<1 C.2<m<0 D. 2<ms
Huéng dan

+2si . ia . [ N
= SOSXHASINXH3 oy g nghiém khi Min,, <m<Max,, Cécem dung Table
2cosx—sinx+4 ’ ;

Pling quén d€ hé Radian : @

Math

_EEiniRl+3
f':}::""—sini:*:nd

Start -7= End 7= Step %: (Tit Gx) : [ g ® B (1))

Math ] Math
g0} | EHEE FL SI-EHDHU Pl
21|2. 0843 |IMEE: B[ =T B33 | Pl
1.955177652 0. 131941 7&08
Do d6 cic em khoanh D.

Céu 2: Cho 0<a< % thoa man sina ++2 sin(%—a) =+2.Khi d6 tan(a +—Z—) c6 gia tri bang:

Al 9+42 B, —9+42 c. 9-42 D. _9+4\2
7 CT 7 7
Huéng dan

Céc em nhap phurong trinh hé hé comp : sinX++2 sin(%—X )-2

Bikipthelhic.com Bi kip CASIO céng pha Tric Nghiém Toan Hotline: 0977.543.462
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Math

SinE I+ C1nf—"h

m m E] E:] Math A ] Math A
S1NLHE I+ 81nL¢ b tan[ﬁ ] o4l
A= 1.230959417 7
L-F= 0 -2, 093836321 2. 093836321

Céc em luu y minh phai khoi daula 1, néu cac em khoi dau la 0 sé ra thém nghiém X=0 luc
nay thi phai xét % dé& tim nghiém khac.
Céau 3: Tim t4t ca cac gia tri cta tham s6 m dé& phuwong trinh cos2x—2cosx+m+2=0 ¢
nghiém?

A. -5<m=<-0,5 B. m>-1 C. m<-5 D. 0,5sm<5
Huéng din
Lam twong ti nhu vi du trén cac em khoanh A.
Cau 4: Trong khoang (0;27), phuong trinh sin® x+3sinxcosx—4cos’x=0 ¢4 bao nhiéu
nghiém :

Al B.3 C4 D.2

Hwéng din
Cac em dung Table :
@-....@@..-.---B@.--.-

Math

Fe)=4do0sC X0

Start 0= End 27 = Step %:

[F] Math [F] Math
alo. Baas| EI% gl 1. Soea| L]
ol 02 3523 | 1 1. 5701
gl 1.0uil 1.0u8 ] gl 1. 8325 | -0. 08U
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F(HII

]

19i4.7123
20{u. 9141
2115. 2358

0 -0, Dod?‘?ﬁ-dguud

nocs

Cac em quan sat thdy c6 2 vi tri br?mg 0, 2 vi tri gia tri ham d6i dau tir dwong sang dm (hodc
nguoc lai) do d6 phuong trinh c6 4 nghiém.

b —(14+3)tanx+3-1=0. Goi x;x, l4n luot la nghiém 4m Ién
Cos™ X
nhét va nghiém dwong nho nhét cia phwong trinh. Tinh gid tri cta bi€u thire S =3x +8x, .

Cau 5: Cho phuong trinh

A s=-Z B.s=% C. 5=0. D. §=-27
4 12 12
Huwéng dan

Cac em lai diing Table nhw tredc nhung Start —z= End 7= Step 112 =

F] [Fl Math A
_a'gep| FH Baze| Bk ax-2 0944+8=0. T
: | |
Bl-1. BHE S.4EY] 1Ml 1. l'.IlI'll
0343595102 '.-'&.-3'5‘81!5‘?4 0
Vay khoanh déap an C

Cau 6: Tinh téng cac nghiém thudc doan [0;20177] ctia phwong trinh sin4x =sin 2x+2sinx.

A. 20351537 B, 122078937 C. 152591097

3 3

D. 30522257.

Hwéng dan
sin4x = sin2x+2sin x <> 2sin 2x.cos2x =sin 2x +2sin x

< (2cosx.cos2x—cosx—1)sinx =0 <:>(4cos3 x—3'cosx-1)sinx=0

) x=kr—>0<k<2017
sinx=0

o 2017 1008 1008 5 '

o 1| x="-+k27 > 0<k<1008 = § = Zk+2( +2k]++2(—§+2kj
COSX =——
2

x=_§—ﬂ+k27r—>lﬁk$1008
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LINL S 180a _Mg" A - Math &
= CHI+ Z [E4b 2ANS
x=0 i _'-I;':l:l._' =
A0ESITT. 667 19907893
Viy khoanh dap an B.

Cau 7: Goi M, m Ian lweot 14 gié tri 16n nhat va gid tri nhé nhét cia ham s6
y=8sin® x+3cos2x . Tinh P=2M—n’’

A.P=1 B. P=2 C.P=112 D. P=130
Huwéng dan
Cac em dung Table :
< Math VB Math

B|-1.B32 T 12 -UHEEI Fris

Bl 11225 |l ial o

Bl-1.30B1 Y.HBEB I4l0.2E1M13. 1338

A \ A, cos2x |sin2x|—cos3x ., - Ao g1
CAu 8: Cho ham s§ f(x) = ————— va g(x) =—————— ménh dé nao sau day dung

1+sin”3x 2+tan” x

A.f(x) 1é va g(x) chdn B. f(X),g(x) chdn C. f(x) chin va gx) 1é D. f(x),g(x) 1é
Huwéng dan

Cacem CALC tai x=1,x=-1 néulaham chin f(x)=7(-x) conhaml1é f(x)=-/f(-x)
BEEOe0EGHAMEMID@MEIOE wWEEE

Math A& Math &
Cos (2R COS [ZH)

1+5iniE#12 1+sin(Es £

-0, 4080211537 -0. 4030211537

Tuong tie voi g(x) nhé cdcem

T8 Hop — Nhi Thikc
Céu 1. Cho khai trién (1+2x)" (3+4x+4x2)2 =a,+ax+ax’ +..+a,x . Hé s§ a, bang:
A. 2441424 B. 482496 C. 209674 D. Két qua khac

Huwéng dan
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(1+25)" (34 4w+ 4x7) =(1+22)"" (1+2x)° +2]2 = (1+2%)"[(1+2x)’ 140142 +4]

Céc em xét khai trién (1+2x)*,(1+2x)”,(1+2x)° trong cudn co ban anh da huéng dan rat ki

phén tim hé s8 trong khai trién nay roi, cic em ép dung duoc

d * ol Eibhal il o * ol Bl il o P sl il
1 B “FII:.-IPEE |-1b 1 B .EEPEIE'I |-1nB 1 ] .EEEH I10B
B 11439286 I8 B 11013761 -1 Bl - 11 15360 I+
12zioz E21E8 15440
Cac em cong lai : 192192+4.59136+4.13440
Céu 2: Trong khai trién (\3=4/5)*c6 bao nhiéu s6 hang httu ti
A.32 B. 64 C.16 D. 48
Huwéng dan
Xét khai trién :
(\/3:_{‘/5)‘24 — C]k24.30.5(]24—k).50.25k
- 0.5124-k) e N:> 62—.0-5k:> ria Vay c6124:4+1=32s8
0.25ke N k:4
2 22
Cau 3: S8 hang c6 liiy thita ctia x va y bang nhau trong khai trién (\/; —%) la s6 hang thit
X
may.
A7 B.6 C.5 D.8
Huéng din

N
(f -—zlj =CE(=2)F x™P P 398 35e0.5022-k) -% =k—>k=6—>4

Ix
Cau 4: K&t qua (b,c) ctia viée gieo con stc sic can ddi va dong chat hai lan, trong d6 b 1a s8
chdm xudt hién trong lan gieo dau, c 14 s& chdm xuét hién ¢ lan gieo thit hai, duwoc thay vao
phuong trinh bac hai x* +bx+c¢=0. Tinh xac sudt dé phuong trinh c6 nghiém.

19 1

B. — C.

1) 17
" 36 18

" 36

N | =
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Cau 5: Trén c4c canh AB, BC, CD, DA cua hinh vuéng ABCD I4n luot 18y 1,2,3,4 diém phéan
biét ( khong trung véi cac dinh ctia hinh vuéng). Hoi tit 10 diém d6 c6 thé lap dwoc bao
nhiéu t giac?

A. 209. B. 210. C.178. D. 202.

Huwéng dan
Téng kha nang xay ra : C;, chung ra sé xét cac TH khong
A B

tao dwoc ti gidc roi triv di

TH1: 4 diém cung thudc 1 canh : 1

[

D C
TH2: 3 diém ciing thudc 1 canh, 1 diém con lai di ddng: C;.6+C;.7

Viy s6 ti gidc dung dwocla ¢, —(1+C}.6+C;.7)=178

Cau 6: Nghiém ctia phwong trinh C +C;. Te 2C!=01a

x+ 2 -2

A. x=8 B. x=5 C. x=7 D. x=6
Hudéng dan: Cac em nhap biéu thikc rdi CALC
Céu 7. Tim hé s6 cua x* trong khai trién cta (x3 -%] (x > 0) biét réng 7 1a s& ty nhién thoa
x %
man A>+C'7' +CI =92,

A. 820 B.1120 C. 560 D. 1792
Bwéc 1: Timn A +C' +C7* =92 dung Table

froog) (7] (e (0] (s (X) (2 () () O] (&) (55 (O3 () ) (5 (1 O3 () (aewd) O ) () (D (o)
DEEOEEE

FLXI=HP2HRC (K10
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EE

Math Math F] Math

start? End? Step?
1 19 1

Math
]

o’

25

mm.J

1
B
g

Céach nay cac em chi can nhép cho ding d& mit cong khai trién.

Buwérc 2: Tim hé s6 cla x* twong tw nhw VD truéce
EOAN
Theo cdng thirc khai trién Cj (x*)** (—2) khai trién nay c6 2 phéan : phin hé s§ C}(-2)" va phan
X
] k
sé mi (x*)** (—2]
X
Céc em thay X =10,k =x dé thay d4i gia tri cia k nhé

8 (7
(8] ) (2 (r) ) (%) (3 (=) (@) OJ (=3 (aew) )

Math

FUR)=a0(~2)

| BH0HE0BEENNEXUEON® M0 E]

Math

alX)=10% 5 (b a(i)=d x[ 25"
| = @ Gl
| start? ©  End?  ©  Stewy
1 o 1
D -
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Math
] Fin) GLHY
Y 3 - | 1109
5 y 1110000
B 51 ~-1182 O. !
1120

C4p S6 Cong - C4p S6 Nhan

A | > 7
Ciu 1: Tim x biét — +x+x’ +...+x"+...=—2— va |x|<1

N

Huéng din

r A ~ by oA 1 n 9
Céc em thdy day con thiéu x* =1 = —+x’ +x+x" +...+x =2
x

© 20

Cacem xéttong: > ¥* =% & day cac em chi can xét » ¥¥ zg vi Y ~0,|¥]<1
X=-1 X=-1

Céac em nhép vao mdy

(D) () () 50 (&) () ) © H D @ (2) (@]

Math

zo
= (")
r=-1
WREEEE WHEEREE WEOEEEE
() = (%) s ()
4,499399543 77 4.5 = 2,28
Vay khoanh dap an D.

Cau 2: Tinh tong S(n)=1.1+22M4.......... +2007.2007!. Khi d6 cong thikc ctia S(n)=
A.2007! B. 2008! C.2008!-1 D.2007!-1
Hwéng din: Cac em xét S(7)=1.1%...+7.7!

Math & Math &

i =1 :I
401319 I

Bikiptheluc.com Bi kip CASIO cbng phd Tric Nghiém Todn Hotline: 0977.543.462




 Casio 11 CASIO EXPERT : Nguyén Thé Lirc - fb: Ad.theluc — Youtube :MrTheLuc95

Vay khoanh dap 4n C
Cau 3: Cho tdng S(n)=1>+2* +...+n". Khi d6 cong thikc ctia S(n) 1a

450 =20H ) gy 001 g nOEe) g,y Cne)
Huéng din
Xét $(10)

3@01':?‘(23 " dorioet Jﬁt%xm"’ihfb

- 385 365

Viy cac em khoanh A

Giéi Han - Pao Ham

xt—x+2x

Cau 4: Khi tinh giéi han lim
X 3—4|x]

ta duwoc két qua la mot phén s6 t6i gian dang
%,an,beZ,b;ﬁO.Tiﬂh a+bh?

A. a+b=5 B. a+b=-1 C.a+b=-3 D.a+b=7
Huéng dan
Cac em nhap biéu thirc r6i CALC tai X =-10° tri tuyét d6i cac em bam [HFT)

JRE % +2%

S-d | %l
0. 2500000625

=%—>a+b=5—>A

B Math &

o | Q

Céu 5: Cho ham s y = xsinx. Két luan nao sau day ding:
A, xy"-2(y'+sinx)+xy=0 B. xy"+2(y'-sinx)+xy=0

C. xp"-2(y'-sinx)+xy =0 D. xp"-2(y'-sinx)—xy =0
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Huéng dan

Chuing ta sé tinh dao ham cdp 1 va cdp 2 tai X =2

B Math & Math A

S RsinCRI b WEINCE)) L o+
0. 07700375573

S s ) pesb €)Y 2es. qong 2B
0. 07673865541
B...ﬁ Math & . . I{:' Math &
BB 251nC2+Y
-2, BE0983255 1. 818594854

Vay la dao ham cép 1 lwu vao A, cdp 2 luu vao C, y cac em luu vao Y, xét hiéu cac dap an
. . i Math &
20-20A-51NC2) 1+E
-0e0* 0, es™
Duy nhat ¢ dap an C két qua xap xi 0, nén cac em khoanh C

Cau 6: Dao hAm ciaham s6 y = (4x3 —2x? —5x)(x2 - 7x)

A. y'=20x" —120x° +27x> + 70x B. y'=20x"-120x’ —27x* - 70x
C. y'=20x* —=120x* =27x* +70 D. y'=20x* —120x> —27x* + 70x
Huéng dan

Céc em tinh dao ham tai X=10 r6i xét hiéu véi cac dap an
Math A

(43 —o¥E-EX D
B340

Dap an A
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. Math A Fi Math :
10K 2054 -1208% +27550
10 o400
Vay khoanh dap an A.
Cau 7: Hinh vuéng 6 canh bang 1, nguoi ta ndi trung p \\
diém cac canh lién tiép d€ dwoc mot hinh vuéng néi lai ,_,,/ ——
tiép tuc lam nhu thé d6i voi hinh vudng mdi (nhw hinh FEVERNEN
bén) Tong dién tich cac hinh vuéng lién tiép d6 bang AN N Ay
NIV
3 \\\ .
A.8 B.4 C.2 D. = .
: V%
Hwéng dan

Iam@hmhm@gﬂmzwcmhwminféi—mm&m3w@uJJJ5m&mnm

NG N5
1 1 2(n-1)
giam i ta c6 ham tinh dién tich hinh thit n1a )= [EJ =0.5"" vay
Minh tinh 10 hinh dau tién thdi, tit hinh 11 dién tich né cling khd bé rdi cdng vao ciing
khéng thay d8i nhiéu 1dm
F]
(0,571

1. 995046575

Math &
!

Lt
=
=1

Céu 8: Biét lim 233431 & 063 @ 13 han 5816 gian. Tinh tong a+b .
2n"+n-1 b
A.5. B. 6. C.4 D.3,
Huéng dan

+1 o , .
14243+...4n= n(n2 ) sau d6 CALC biéu thitc tai X =10°

Math A

HIK+L) L2
FHE 4u-1

0. 250000125
Véay khoanh A.
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Cau 9: Cho [(4x—3)\/2x+1]' =27 Tinh A=m-n?

o [ el

Huwéng dan

Ciu 10: Cho(3_2x } N @b g,

.Tinh E=—
Vax—1) (4x—1)V4x-1 b

A. E=-1. B. F=4. C. E=-16. D. E=—4.
Huwéng din

Céc em xét X=100

Véx-1

Nhaép biéu thize 161 CALC X= 100

Math &

[ S=EX
el | PR
-404

100a—b=—-404 —>a=—4,b=4— A

ax—bz( e )l(4x-1)ﬁ3c71

Céu 11: Cho [(2¢* ~3)4x | = “;i/‘_b .Tinh P=ab?
X

A. P=30. B. P=-30. C. P=10. D. P=-10’

Huwéng din: Cac em lam twong tw nhu vi du trén, khoanh A

.Tinh S=a+b+c?

2 ! 2 _
Ciu 12: Cho (2x 3x+5) _ax bx+c

(x-3)
A.s=18. B.s=o0. C.s=10. D.s=s.
Huéng dan:

x-3
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Nhitng dang nay cac em tinh dao ham tai X=100 vi khi cac em tinh tai X=100 n¢ sé hién ra
cac hé sd ciia ham bac 2 vi du nhw

B Math A

THE 434
20304

2 Lo = '
23S ) @ obAe g [BESIHS) gy
x=3 (x-3) x=3

FAEE QM O@AEEEN ) FEFHEOEOERE® I D X
Qe EE0REE

_ B Math &
jL[EHI—3K+5J b
o= s |

15804

=a.100° —=5.100+ ¢ =18804 - a=2,c =4 c4c em nhin ra dwgc ngay a va ¢, d&€ tim dwocb thi ta
sé mo tir 20— 12 =8 do dé

B Math A

ZHE-120+4

Cau 13: Cho tam gidc ABC vudng can tai A
c6 AB =1 cm. Dyng hinh vuéng AMNP c6
cdc dinh M, N, P lan luot la trung diém céc
canh AB, BC, CA ctia tam giac; tiép tuc
dung hinh vuéng PM|N\R v6i M;N;; B Tan
luot la trung di€m cua cac doan PN, NC,
CP... Qua trinh ctt tiép tuc nhw vdy mai
mai (nhw hinh vé). Tinh téng dién tich tat
ca cac hinh vuéng thu dwogc.

A. icmz. B. icm2. C. —1—cm2. D. lcmz.
3 16 2 3

Bikiptheluc.com Bi kip CASIO cong phd Tric Nghiém Toan * Hotline: 0977.543.462




CASIQ EXPERT : Nguyén Thé Lue - fb: Ad.theluc — Youtube :MrTheLuc95

Tuwong tw nhw bai hinh vudéng trude, cac em can xay dung dwoc ham tinh dién tich, & day
ta thdy canh ctia hinh vuéng mdi lan c bé di 1 ntra nén S(x)=(0.5)"

cu B Math &
= [0.55%)
=1

IIRCERR

Céc em xét 20 hinh d4u théi 1a dwoc rdi, ta khoanh D.
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Ham so

sin® x—3sin? x cos x + (1 - m)sin x.cos? X +cos® x

Cau 1: Timm d€ ham sd y = nghich bién

cos® x
trén khoang (OZ—)

A. 2<mx1 B. m>1 C.m<=2 D.m>0
Huwéng dan:

Dau tién chung ta phai dung Radian : @

va thay m=Y

Sau d6 st dung di(bieu_thuc)|
X X=..,
Céc em chon x=0.1 r6i CALC Y=m=10

Vay dap an B hodc D cé kha ning dting vi dting véi m=10 d€ cho chic chin thi em tinh
tai m=0, m=-10 thi thdy gia trj dwong nén loai A va C

oE00E o E0E WEEOOE
Math & <] Math A F] Math &

i[sinr.mS—Ssirb _-:l__sin[ﬁﬁ—Ssilb _-_:i_sfir'ur.:>=:il3—35i|'b
o ox o

-9, 665166717 0. 4325037466 1053317421
Xét tiép tai m=0.1 ta duwoc: () E) O (I D =)

R B Math A
;:i__sinmﬁ—asirb
ox

0.331497042
Vay cac em khoanh dap an B.

CAiu 2: Cho céc s6 thuc x,y thoa man x? +2xy+3y? =4. Gi4 tri 16n nhat ctia biéu thikc
P=(x- y)2 la:

A. maxP=8. B. max P =12. C. maxP=16. D. maxP=4.
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Huéng dan:

Chay cdirutray: x* +2xy+3)y° =4.

A=y?—(By*—4)=4-2y*20>—2< y<2

x=-yt4-2y* vao Table: F(X)=(—2y—\/4—2y2 )Z;G(X)=(—2y+\/4v—2y2 )2

] Math Math
" FiHY | GLR) " Frid) | ain)
13 | 0. 3u3| 1l =l.U| B.336
g la2 i | 1. BODI 2| -l=2)1.8001 455
15 l.U4l8.50391 E.336 3 -110.3U431111.E5R
11.95934252 11.95954252
Vay khoanh B

Cau 3: Biét duong thang y= (3m—1)x+6m+3 cit d6 thi y=x’-3x*+1 tai ba diém phan
biét sao cho c6 mot giao diém cach déu hai giao diém con lai. Khi d6 m thudc khoang
nao dudi day:

A. (-1,0) B. (0:1) C. (1;%) D. @;z]

Huéng dan
CAu nay cic em nén vé hinh ra s& d& dinh hinh bai todn hon thi giao di€m ¢ gitra la
trung diém cta 2 diém con lai, nén chi can ap dung vi-et bac3lara:

X +x,+x=0

(3m-1)x+6m+3=x"-3x"+1-> X +x, —>x,=1
=x
2 2

Thay vao phwong trinh réi giai tim m ta duwoc :

FH-1)+6K+3=]1-2b
-0 393333333

Véay khoanh dap an A.
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guyén Thé Luc - fb: Ad-

. CAS10 EXPERT : N
35 4+ 3mx+m—1. Biét rang hinh phéng giol han boi dd thi ham
Ox va phan nim dudi truc OX bang

Cau 4: Cho ham 8 -
truc Ox cO dién tich phan nam phia frén truc

58 va
nhau. Gié tri caamla:
A2 .2 ct D2
3 4 5 5
Huong dan
thay :

Céac em v& phac &5 thi dang bac 312 sé
+Cach 1: Thay m © timg dap an roi giai
¢ 3 sau do xet tich phan

phuong trinh ba:

sau : 5 Foodx =0

i biing nhau nhumg trai ddu

Céc em nén dung 2 may, mot may d&

giai nghiém, mot may 46 tinh tich phan

Hy x, latrun &iém caa 2 diém con lai do &6 x, =1 txon te
y X2 ) 2 &

*Cach 2: Cacem nhan th
phuong trinh fim m

nhu bai frudc thay vao gial dwoc:

‘B Math &

S R
ir= i
Vay khoanh déap 4n B.

y=2x +3(m-1)x’ +6(m—-2)x+3 nghich bién

CAu 5: Tim tat ca gia tri cia m € ham s0

trén Khoang c0 46 dailonhon 3.
A. m>6. B. m=9. C.m<0hoe‘_1c m>6.D.m<0.
Huéng dan

Tacd ¥y =6x +6(m—1)x+6(m—2).
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Ham s6 nghich bién trén khoang c6 d6 dai lén hon 3 khi va chi khi

m>6

Iz_m_(‘l)l>3©|3—m|>3©{3_m>3 [m<0
3—-m<-3

Ciu 6: Biét rf”ang tap tit ca cac gid tri thuc cia tham s6 m d€ ham so
y=—31-x3—(m—-l)xz—(m—B)x+2017m dong bién trén cac khoang (-3;-1) va (0;3) la doan
T=[a;p]. Tinh & +b°.

A. a2 +b* =13. B. a* +5* =8. C. &*+b* =10. D. @ +b* =5.
Huéng din
TXD: D=R, y'=x*-2(m-1)x—(m-3) < x> +2x+32m(2x+1)
* Ham s8 da cho dong bién trén khoang (0;3) < »'20, Vxe(0;3)

X +2x+3

>m, Vxe(0;3) > min f(x)2m.
2x+1

F] Math
] FH)
O« '1?

l.25

u
g5
B

2.0118

*Ham s§ dong bién trén khoang (-3;-1) < »'20, Vxe(-3;-1)

X2 +2x+3

<m, Vxe(-3;-1) > max f(x)<m.
2x+1 ( )
7] Math

n F ¥
-EII
-2
'll!

-1.003
-1

Do 36 me[-1;2]= a* +b* =5.
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Cau 7: Cho ham s8 y_i? 6 db thi (C). Tim toa d6 diém M c6 hoanh d6 duong
thudc (C) sao cho téng khoang cach tir M dén hai tiém can nho nhat.

A. M(O;—l)‘ B. M(2;2). C. M(l;—3). D. M(4;3).
Hwéng dan

+Loai B vi 1am gia tri ham khong xac dinh, loai A vi hoanh d6 khong dwong bay gio
con 2 diém M thi cac em tinh khoang cach t6i 2 tiém cin

D6 thi (C) c6 tiém canngangla 4,: y=1<>y—-1=0 tiém can dingla d,:x=2<x—-2=0

X, +2 L . TN " Cea a1y
al ZJ e(C),(x, # 2%, >0), ta c6 tdng khoang cach tir M dén hai tiém can la

Goi M(

xo—

d=d(M,dl)+d(M,d‘2)=‘z—°“_i_%—1 +[x, -2
0

ERIENE) g @E
F] Math A Math A F] Math &
B2 |+ln-2 B2 |+lm-zl | EEE-p|+]x-2]
5 | 4
Véy khoanh C.
Céu 8: Tim tAt ca gié trj clia m d& gid tri nhé nhét cia ham s& f(x)=2‘i”’l—‘1 trén doan
x+
[;2] béng 1.
A . m=1. B. m=2. C. m=3. D. m=0.
Huwéng din

Céc em thay ting gid tri m 6 cac dép an vao roi Table, start 1=, end 2=, step 0.1=

B Math
[

]

|
I« 1| 1-0UTB
E| l.211.0809
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Dé dang khoanh dugc dép 4n A.

" \ A~ 1 A, 2 .’ . k] A? . N ~ 7
Cau 9: Choham s6 y=—x’—mx* —x+m+1. Tim tét ca gia tri ciia m d€ d6 thi ham s8 c6 2
3

diém cuctrila 4(x,;y,).B(x;;;) thoaman xj +x; =2.

A. m=0. B. m=+l. C. m=13. - D.m=2.
Huéng din

Céc em c6 thé 1am theo kiéu tw luén roi két hop véi Solve d€ tim nhanh m, cach don
gian hon 1a cac em thay ting gia tri ciia m vao giai phirong trinh bac 2 cia may tinh
roi xem 2 nghiém c6 thoa man khong.

Cau 10: Tim c4c gié tri thyc cua tham s8 m d€ phuwong trinhV2—x ++v/1+x =Vm+x-x* ¢6
hai nghiém phan biét. '
A.me[S;%ﬂ. B. me[5:6]. C.me(S;%ju{@. D.me[S;?Ju{@.

Huwéng din
Céc dang toén tirong giao nhu thé nay thi cac em ctt diing Table ma chién thoi, dau
tién ta xét %5 > 24—3 ma B c6 con A,D,C khong c6 véi Start -1=, End 2= Step 0.2= do

diéu kién cua phuwong trinh

] Math .. Math . B Math
T_IEE.5 4. - : H . o [l
fia)=4 it L I Bl [ -awea
il -0.5)0.0278 W_ 0.2l-0.0

13
-0, 236451 14609 . 5851394 52 d
Th&y ham d6i ddu 2 Ian 1a yén tdm cé 2 nghiém phan biét nhé, vay khoanh B

V1—x-2x*
\/;+1 '

Cau 11: Goi M va m lan luot 1a gié tri 16n nh&t va nho nh4t cia ham s8 y =
Khi d6 gia tri cia M —m la:
A -2 B. -1. c1. D. 2.

Huéng din: Duing Table chu y diéu kién 0<x <1 d€ chon start end

Bikiptheluc.com Bi kip CASIO cong pha Tric Nghiém Todn Hotline: 0977.543.462
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" - ? Math " Fix Math
| i 10| "0.9|-0,Ef
2 O. | | 0. 11055 11 I
3l  n.2l0.5627 iz
1 -
Vay khoanh D.

Cau 12: Céc gia tri cua tham s6 m d€ ham s§ y =mx® —3mx* —3x+2 nghich bién trén R
va do thi ctia n6 khong cé tiép tuyén song song vodi truc hoanh la

A, —1<m<0, B. -1<m=<0, C. -1<=m<0, D. -1<m=<0,
Huwéng dan:

O day ho cho s&n khoang nghich bién rbi nén chung ta khéng can tht d/dx ma & day
d6 thi khéng c6 tiép tuyén song song véi truc hoanh tirc 1a khdng ton tai m d€ y'=0

Ta sé thay m=0,m=-1 y'=0vao giai phuong trinh xem c¢ ton tai x hay khong?

k2 B Mah _3:;.:2+E.K+3 Math
A= -0.414213062
L-R= 0

LY
Vay khoanh dap an D, do m=-1 t6n tai x d€ y'=0

mx+1

Cau 13: Cho ham s6 f(x)= . Gi4 tri 16n nht ctia ham s§ trén [1;2] béng -2. Khi 6

xX—m
gid tri m bf?mg
A.m=3. B. m=1. C. m=4. "‘D.m=2.

Céc em thay tirng gia tri cia m vao r6i Table

7 A . \ A )x-5 [ ogeA A N \ M
Cau 14: Tim m dé do6 thi ham s6 y=(m;)# o tiém can ngang la duong thang
X—m
y=1. .
A m=2. B. m:%. C. m=0. D. m=1.
Huéng dan
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Cacemnhép:
() (T [ ) () (3 OJ (e O] (=) (3] (fowd) o0 © (2] (e O (=) (o) )

Math

[M4+1)#-=5%
ZH-1

OE@E0O0XIEE w@20EEE

Math A

B Math A
(411 A-5Y (411 H5-5Y
ff.'i"-’.—".’ ZE=Y
1.4999365 1. 749995337
LEE WEE
F] Math A Math A
[(v4+11 5-=5% [v+1 ) x-5Y
Za=Y4 1 ZH=4
H 0. 999993
Vay cac em khoanh D

Ciu 15: Goi M va m Ian lwot la giad tri 16n nhét va gid tri nho nhéat cua ham s6
2
x“=x+1

> - Khi d9 tich m.M béang bao nhiéu?
x +x+1

AL B. 3. 10
3

Huwéng dan: Table Start -9=, End 9-, step 1=

Math

B
" FLn) " FiHl
1] -B 1 1}
q -1 I 1[I
1] 1} ] I2 gl 0. UgBs
a0
Véy khoanh D.

Cau 16: Cho ham s6 y=x*—mx*+2m—-1 ¢ d6 thila (C,). Tim tat ca cac gid tri cia m d€
(C,)co ba diém cuc tri cing véi g6c toa do tao thanh bon dinh ctia mét hinh thoi.
A. m=1+2 hoac m=-1+2.

Bikiptheluc.com

B. Khong c6 gia tri m.
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C. m=4+2 hodc m=4-2. D. m=2++2 hodc m=2-2.
Huéng din: Anh cho thém d& cac em rén tay
Xét ham sd y=x4—mx2+2m—1:>y'=4x3—27nx=2x(2x2—m)
x=0=>y=2m-1

Khi m>0:y'=0= I 2
x== §m:y=—%+2m—l

2 2
Ta c6 ba diém cuec trila 4(0;2m-1),B =(\/%;—-’%—+2m—lJ,C=(—\/%7;—%+2n1—1J va
2
tam gidc 4BC can tai 4. D& OBAC 1a hinh thoi khi H =£0;—m7+2m—lj la trung diém

m=2—\/5
m=2+\/§

~ \ A , m2 2m-1
BC cling la trung diém ctia O4. Suy ra _T+2m_l ==

Cau 17: Db thi ctia cdc ham s6 y=x>+x>-3x—2 vi y=x"—x—1 cit nhau tai 3 diém
phén biét M,N,P. Tim ban kinh R ctia duong tron di qua 3 diém M, N, P.

A R=1. B. R=2. C.R=2. D.R=2.
2 2
Huéng dan:
x=-1
Phuong trinh hoanh d giao diém: x +x* -3x-2=x"-x-1 <| 11./5.
x=
2

Toa 3 giao di€ém M(—l;l),N(#;OJ,P[#;O].

Goi I'1a tim duong tron ngoai tiép AMNP.

1
Ta c6 I thudc dwong trung triec cia NP =1 (5’ y].
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2 2
Lai ¢ IM=IN:>(%) +(y—1)2=[§J +yoy=1. :Rlez%.

Cau 18: Choham sd y=

¢4 @6 thi (C). Lap phuong trinh duong thang (d) di qua

x-1
diém M (0;-2) va cat (C) tai hai diém phan biét 4,B sao cho M la trung diém ctia 4B.
A. (d):y=-x-2. B.(d):y=-2x-2. C. (d):y=-3x-2. D. (d):y=—4x-2.

Huéng dan

Ta sé tim nhanh Giao diém ctia (C) va (d) bang Solve chit quy déng lén giai phuong
trinh bac 2 ngai 1dm

*Dép dn A: Nghiém xau kha néng 1a sai roi sang dap an c6 nghiém dep xét truedc

..-:."{+1 Math ._};;._.1‘_[._}::_!:{.] Math
-2 W= -3,302775638
L-R= 1]
*Pép an B: *Péap an C
e Gt P M e S S
W= -1.366025404 W= -0.767591879
L-R= 0 L-R= 1
DapanD
s maym "™ gelon eovan By LSS -dE-2T]
s g W 23]+ (¥+0.5) X Ak
L-R= 1 L-R= 0

Vay dap an D thoa man r6i

Cau 19: Cho ham s6 y=f(x) c6 dao ham
f'(x) trén R va d6 thi ctia ham s6 f'(x) cit
truc hoanh tai diém a,b,c,d (hinh sau).
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Chon khéng dinh dang trong cac khrfmg dinh sau:

A. f(a)> £ (B)> f(c)> f(d). \ /
B. /(a)>£(c)> 7 (d)>£(b). \_ a\ /

C. f(c)> f(a)> f(d)> f(b). 5 \"-(\v/j/ \\ / I
D. 7(c)> 1 (a)>/(b)>7(d). \\/

Huwéng din: Cac em tham khao vi du phan tich phan

Do béng thuwdc cho dé 4=0.2,b=1.1,c=2.5,d=4.1

Ham £'(x) = (x=0.2)(x-1.1)(x—2.5)(x—4.1)

Luuy lanéu x —+o ma y - —othi ta phai thém d&u “-“ vao f'(x) phan tich phan
cling c6 vi du twong ti do. ‘

f0)= fa)+ [ F'(x)dx £©) = fa)+ | £ x)dx f(d) = fa)+ [ £(x)dx

F] Math A Math & 7| Math A

roeno-n [Po-na-te [2 oo 20
-0, 7303945 0. 8577735 -3, 5953945
Vay f(c)>f(a)>f(b)>f(d)
ax’ +x—1

Céu 20: Choham s6 y= 6 db thi (C) (a,b 1a cac hing s8 duong, ab=4 ).

4x* +bx+9
Biét réng (C) c6 tiém can ngang y=c va c6 ding 1 tiém can ding. Tinh tdng

T =3a+b-24c
A . T=1. B. T=4. C.T=17. D. 7=11.

Huéng dan: limy=%.Tiémcénngang y=c:%=c.

X—to0
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(C) c6 mdt tiém can dumg nén phwong trinh 4x” +bx+9=0 c6 nghiém kép.

A=0b"-144=0b=112. W b>0:>b=12:a:§:>c:é.Véy T=11.

Cau 21: T4t ca cac gia tri thye ciia tham s8 m d€ham s6 y =2x* +3(m—-1)x* +6(m—2)x+2017

nghich bién trén khoang (a;b) sao cho b-a>3 1a

A.m>6. B. m=9. C. m<0. D. [m<0.
m>6
Huwéng din
Chon m=10 xem A, D dung khong

*Cach 1: Dung Table + dao ham tay

- <] Math u F ﬂ-':lla Math " F (H? Math
frn)=pn=+hdx+43 | Bl 3| cam
4 =1 -3b 1 -1 iE
o
Doan nghich bién né kéo dai tit -8 dén -1 nén thira sttc 16n hon 3 nhé
Tuong tie xét m=-10 xem m<0 dung khong?
Cich 2: Nhip ca ham vao Table réi quan sit sw ting gidm
ﬂMath " F [}' Math " E (H:IIB Math
T(RI=2x%+2T52+0r o ¥ | it ol ol g
sl -6l 2ak3 I ol e
Z315 1994

Vay ta cling duoc két qua trong tu.

Cau 22: Cho ham s8 y=f(x)=ax’ +bx’ +cx+d . Biét f(x+1)=x"+3x"+3x+2. Hay xéc
dinh bidu thite f(x). |

A. f(x)=x"+3x"+3x+1. B. f(x)=x’+1.
C. f(x)=x3+3x2. D. f(x)=x3+3x+2.
Huéng dan

Minh coi t=x+1=100—->x=99
Céc em nhép biéu thie r6i CALC 99=
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WIAINZ D
1000001

bay chinhla f(x+1)=f(99+1)=100>+1=(x+1)> +1=# +1= £(t)

Céu 23: Gia st d6 thi (C) cia ham s8 f(x)=ax’ +bx”* +cx+d c6 hai diém cuec tri &
M(-17),N(5;-7) . Goi x,,x,,x, 1a hoanh d¢ giao diém cta (C) vdi truc hoanh. Khi &6
X, + X, +x, b?mg ?

Huwéng dan: f‘(x)=3ax3+2bx2+c—>_3—2: —1+5—>7=6=xl+x2+x3

Cau 24: Gid tri m ctia ham 8 f(x) =m(1++1+x)-x c0 gid tri 16n nhét trén doan [0;3]

béng 2 1a
A2 B.\3 C1 D.3
Huéng dan

Thay tlng gid tri cia m vao roi ngam Table : start 0=, End 3=, Step 0.25=

[F] Math Math
HEIE BETIES A S B <5
B 0.25| |.HBEH
3 051 1."12841

Cau 25:Tap gia tri claham s6 y=x+1+vx*+1 la:
A. (—oo;l:l B. [1;+oo) C. (0,‘ +oo) D. (1,'+00)
Huwéng din

Céc em vao Table: Start -100=, End 100=, Step 10=

B Math \ .--.-E Math , F H:llﬂ Math
-‘I.rl - J + 2+ - L]
frRI=a+l+{n=+1l s 138 [V. onss 5?’ 1 0 | TS
3 -B0Ol 1. 00BE gg

1. 004999575 201 . 0049999
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Vay khoanh d4p 4n D, cac em cd thé giai thém y=x+1+x’+1=1 xem c6 ton tai x hay

Kkhong hodc danh gi4 don gian x+vx* +1 > x+vx? 2x+x]20
g g g

Céu 26: Cho m,n khéng dong thoi bang 0. Tim diéu kién ctia m,n d€ ham s&

y =msinx-ncosx—3x nghich bién trén R
Amd+n®>9 B.m®+n*<9 C.m=2,n=1 D.m?*+1n* <9
Huéng dan

Dang bién thién trén mét khoang rong R nhur thé nay thi cdc em nén thay cdc gia tri
d3c trung ctia tham s6 roi dung Table

Xétddp an A : m=5,n=1 vdiStart -10, End 10=,

<] Math B Math Math
fixI=hsintsi-cor  TrRI=405(x)-34 5| Fom
" L B 0N
g =61 18. U3b

16.251158475

Chung ta thdy né khéng giam déu do d6 dap an A bi loai

Xétdapan C: m=2,n=1

Math
n Fris)
| -10
e -g 1HG
3 -B122. |BB
27 .. 055859329

Céac em thdy né gidm déu nén c6 thoa man nhung xem da du chwa bang cach kiém tra
cac dap an khac

B. m®+n*<9->m=-10,n=1 D.m?+n*<9—>m=-2,n=2
Math F] Math
| g 1] T El g B EE(EEE
£ -3 I:EE*?EE i -1| 20,
il -Bl3u.p3s sl -B :
SZ.032351511 15. 52052545

Vay khoanh D vi dép 4n D giam déu con B thi téng
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CAiu 27: Cho ham s8 f(x)=x"+ax* +bx+c . Néu phuwong trinh f(x)=0 cd ba
nghiém phén biét thi phuong trinh 2£(x).f"(x)=(f'(x))* c6 bao nhiéu nghiém?

A3 B.1 C.2 D.4
Huéng din
Giai nhanh cacem chon 2=c=0,b=-1->x’-x=0—>x=0,x=%1

Sau d6 Solve phwong trinh : 2(x*~x)(6x) = (3x*~1)*

233 (pi-(3np  L20%3-x) (Ex)-(zp ©Tan’t Solve T
= -1 4e7AR9E05 %= 1LARTAR9ETR racy  scamcel
L-k= 0 L-R= 0 c4lCel:zEoto
Véay khoanh dap an C

Céu 28 : Cho ham s6 y = f(x) =x’-3x% —=3x+4 . Goi m la s6 nghiém thuc ctia phuong
trinh \/f(f(x)—2)-2 =3-f(x) . Khéng dinh nao sau day ding?

A.m=7 B. m=4 C.m=6 D. m=9
Huwéng din

t<1

béatt=f(x)-2—=f()-2=1-t <
E=109 1o {t3—3t2—3t+2=1+t2—2t

B Math¥ MathW i . Math &

h1= hz= ha=
4. 181943336 0. 4064206546 -0.5883639907

Loai di X1 con X2 va X3 Lru vao A,B
Vao giai phuong trinh bac 3 : xét y=f(x)=x’-3x" -3x+4=A+2
Math¥ , Math¥a Math A
1= hz= 5=
3. 690162648 0.395435314 -1. 090597962

y=f(x)=x-3x"-3x+4=B+2
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Math¥ Math¥h B Math &
AL= Az A3=
2. 630012815 0. 586256291 -1. 216269105

Vay khoanh dap an C
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Mii -Logarit

2
Cau 1: Gid tri nho nhéat ctia P =(log,b*)’ +6(log & %] véi a,b la cac sd thuc thay doi
théa man Vb >a>1

A.30 B.40 C.50 D.60
Huéng dan:
Dung Table: cho a=1.1 chay tir 1.1 +0.01 tdi 3 step 0.1=

v (7] (O feeT) (D (D @ & [ 33 &3 & O &) 2 & (B (6) (O (eeD (B) (=) @) 03I
QOUDeeEREmNNOEDHDEO®E &

B Math

f(ﬁ)=[1091_iixii é

[F] Math
F i)

B3, | B
S50. 254214352
Vay khoanh D

Cau 2: Xét céc s8 thuc a,b théa man a>b>1 . Biét rang bidu thite P= ) ! +, }logﬂ %
Ogﬂb a
dat gid tri 16n nhatkhi b=4* . Khang dinh nao sau day dtng ?

A.ke(2;3) B. ke(%ﬂ) C. ke(-10) D. ke(O;%)

Huéng dan

Chon b=1.1 sau d6 dung Table kiém tra xem b bang bao nhiéu ham dat gia tri 16n
nhat

oo (7) (B (D @ (a0 (3 (0 (D () 0 & @) 0 & & (B ) (e [ ) ® B
)@@ A

Sart 1.1= End 3= Step 0.1=
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F] Math
n [
2 I« 2 3
El le3f2aIBIE
Ll l-Ul2a | 258
2. 213555254

Vay b=1.2 thi ham gin dat gia tri 16n nhat

Do d6: k=log, b=log ,1.1=0.523— D

2
Cau 3: Gi4 tri nho nhéat ctia x P = (log,b*)’ +6[10g & %J véi a,b la cc s8 thye thay ddi
— Nda

thoa man \/Z >a>1
A.30 B.40 C.50 D.60
Huwéng dan: Dung Table: cho a=1.1 chay tir 1.1 +0.01 t6i 3 step 0.1=

8 (D (O DO DS EE I E® ) (2 ® H (6 [k () (@ @8 0]
CHNOODeEEWEHIN@CEIHNHDE®E® &

Math

fCxX=[1og,, (X% é

Fi Math
H FiH)
=22
32 | H
.Uz |E8. UIB _
0. 25421452

Vay khoanh D

3]0gx2 2

1
N S 2
Cau 4: [Chuyén KHTN Lan 5] : Cho f(x)= {xl Hoesr g +1] -1 .Gia tri cua

f(f(2017)) bing ?
A.2000 B. 1500 C. 2017 D.1017
Huwéng dan:
Budc 1: Nhdap Ham y xi nhu tac gia cho
Bude 2: (g @ (@ @D E
Buwde 3: =
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1 Math &
14— =

LT EloBg Ry
L*i 4050 ey
2017

Cau 5: Cho 0<x<y<1 dit m=—> (m Y _jp = ].Ménhd”énéosaudéydﬁng?
y=x\ 1-y 1-x

A.m=4 B.m<1 C.m>4 D.m<2
Huwéng dan: Bikiptheluc.com
Céacem dung Table : cho x=0.1,y=X

B0CEDNEHNODeEOHEEI®EHEER e E M
Slujniniciaeinjoiaicinng

Math

f(R =t In[ <}

LDOODE OLBBEE QOO

Math B Math B Math

atart? End? atep?
0.11 0.99 n.1

Ta duwoc bang gia tri sau:

F)] Math [F] Math
] DA " FL¥)
| Oa 11 (N 5] DO«51|5.USEE
2| DO.2!|7.85293 Bl OaEl
3l 0.31i6.E528 1l 011 L
10, 54534504 5. 053350204
Véy khoanh C
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Cau 6: Phurong trinh 2017°" =sinx ++2-cos’x ¢6 bao nhiéu nghiém thurc trong
[-57;20177]

A. V6 nghiém B. 2017 C.2022 D.2023
Huéng dan
Céc em vao Table dé€ tim nghiém ctia phwong trinh trén :

g (7] (2] (0 (1 (7] (3 (sin) () (3] ) & (= i) (r) O O (=) () (2] (& eey) (ip) 3

HESE I e |

Chting ta chi nén dung f(x) thdi bang cach : ®EO

Start -r= End -z = Step %=

Hath F] Math B Math
n i " F () n FLH)
11-3. IUI 1 11]1-0.523|-0.585 Ui 2. 81781
2|-2.819|~-0. 634 Ig|-0.261 |- 25i3« I4I5 1
3l-2.6171-0.595 13 [ 2b

Nghiém ctia phwong trinh c6 dang: x =kr €[-57;20177]—2023

Ciu 7 [Chuyén Thai Nguyénl: Goi a,b,c la ba s8 thuc khéac 0 thay d6i va thoa man
diéu dién 3° =5’ =15~ . Tim gid tri nho nhat ctia biéu thitc P=a’+b* +c* —4(a+b+c)

A.-3-log.3 B.—4 C.-2-\3 D.-2-log,5
b=alog.3
3"=5"=15‘”—>{ @1%85°  U30 Table ta duwoc:
c=-alog, 3
Math
" | Fid)
IB laB|=
1M lsB :
IB I« =381
-S. 5144453
' Vay khoanh B
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Cau 8 [So GD Hai Phong]: Cho cac sd thuc duwong x,y thdéa man

yZ

log(x+2y)=logx+logy . Tim gia tri nho nhat cta biéu thic P= Vet gim

5

1 8
A.e? B.e C.ed D.e?
Huéng din:

Bién dai ti : log(x+2y)=logx+logy—>x+2y=xy—>y=L2
X—

Table : Start 2.1=, End 9=, Step 0.5=

a ] Math Math F] Math A

__ﬁi_-__ " H!. Fiy) %

+:>=:2h2 - e A £ -
fial=le ] 4. 974030452 4, 955032424

Cau9: Cho f(x)=an (x+ x2+1)+bsinx+6 Vi abeR . Biftring f(log(loge))=2 . Tinh
gia tri cia f(log(In10))

A.10 B.2 C4 D8
Huwéng dan

Chung ta chi ¢ mot phuong trinh duy nhat f(log(loge)) =2 ma cé téi24navab do
d6 ta sé chon 1 &n a gia tri tuy y don gian la a=1 r6i giai phuwong trinh tim b, d& .
phuong trinh don gian thi ta lvu log(loge) — A

lngtlngtﬁfl-}ﬁm ’
-0. 3622156887
1n(A+\/A2+1)+4

sinA

f(A)=1n(A+\/A2+1)+bsinA+6=2—>b=—

Céc em rit ra nhu thé nay cho dé hiéu hon Solve
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Math A . B Mat.]h A Math &
CmET anh, T [tz 1 ) - Thd e s
DnlsefiZ+] ) -3y () -AMAEECALSy (Lt aingi)+

el HOONEE

InlwefiZey 1 -10ly
10

Cau 10: V4i x,y,z,t 1a cdc s8 ty nhién d6i mét nguyén t6 cing nhau thoa man
X100 2+ 108,63+ 21085, 7=1 . Tinh gia tri cia biéu thitc P=x"+y +z'

A. 3130 B. 28 C.58 D. 57
Huwéng dan:

x10g s 2+ Y108, 34210855 7 =1 < 108,14 27 +108 3" +10g,, 77 =t
©logy,, (237" )=t < 27377 = 2016
*t=1 cacem bam (2) (0) (3] (6] &) () (22

Math A
2016
25 n 3= T
Ta dwoc x=5,y=2,z=1,t=1 théa man la s6 nguyén t&
Math &
5:2 +01 +1 i
27
Cau 11: Cho x, y 1a céc sd thye dwong thoa log, x =log, y =log, (HTy) Tinh ti s6 £
y
A Z=4 B. Z=3. C. Z=s. D. Z=2
y y Yy y
Huoéng dan
logg x
log9x=log6y—>y=6'°g°’=>10g9x=]0g4[x+2 ]

Chiing ta ding SOLVE dé giai tim X
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) Math & _1|:|g I:H:leathl qu l}".] lug M::ﬂ.l.l\
Logs(0-log [y 42822220, 1000 00l 2
L-R= N

Ti s8 can tim 1a
:r. ] Math A
"

TERTES)

2

Cau12:Chohamsd f(x)=

\
» 2) ERINEWE )
! f(2015) f(2015-+f 2015 i 2015 i 2015

A. 2014. B. 2015. C. 1008. D. 1007.
Huéng din
Str dung c6ng thizc tinh nhanh gia tri trung binh ctia ham trén mot doan

I b
fx)= -b—l— j f(xdx nhén voi s6 lwong cac s6 hang nita la ra téng
_a "

Math A Math A ' Math A

saie U] B e 4,
2 e Il: — -Diib .:ﬁiz 5 %gig'zniisj
ﬁn‘d 1 ) T=ElzoiE 1007

Cau 13: Cho g,beR thoa man cac diéu kién a*+5* >1 va log . .(a+b)>1. Gid tri 16n
nhat ctia biéu thirc P=2a+4b-3 la

1 1
A. V10. B. —. C. =410. D. 2410.
V10 2

Huwéng dan

log . . (a+b)21

AR Sa+bzd®+b
a +b">1

Céc em bién d6i diéu kién mot chit ta dwoc {

Cécemldy a=1-b25*—>0<b<1 cac em vao Table Start 0= End 1= Step 0.1=

fORI=0+4K-13

" F LRy
0.5

o
11
12

ot
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Cau 14: Cho hai s8 thiee 4,6 théaméan a>0, 0<b<2. Tim gié tri nhé nhét P, cua biéu

thire p=—(20)_ 2 +20"
(-0 2

9 7 13

A p, =2 B.P, =_. c.p, =2 D. P, =4.
4 4 4
Huéng dan
Casio: Cac em chon a=1 roi dung Table , Start 0.01= End 1.99= Step 0.1=
[ :x: ? Math " F “.'? Math 1 3 B Math A&
VRN = 247 ]
== +==F 0| 0.E ==
Fei. (Z-R1Z . En g D.q) |BMT 4
g D.8113.3785 .
5. 261764505 3.2h

Tw Ludn: Tacéd: P=

GG
(20) L2 \b Lab .Détt:(%) (1>1).

(22— 2 ([ %) _]JZ 2

. t t+2 £ =32 +1-3
Khi d6: P=g(t)= ——=(t>1) g (t)=———F—.,g'(1)=0=1=3.
g(?) 2 (r>1) g'(r) 21y g'(1)
Bang bién thién:
X | —x 1 3 +

+2

!
\
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Cau 15: Cho cac s6 thuc x, y, z, ¢, a, b, ¢ théa man ln_lenTyzyzlm va xy=z7.
a C
Tinh gid tri P=a+b-2c bang
A. 4 B. % C. 2. D. 2.
Huéng dan:
In2 xy Inz
Casio: Chon x=y=2,a=b=2—>t=e? ,z=,|F,c=—
t Int
NF Math & . B Math & Math &
1niz) - i 1+ (E)
Z —z *B 1R LA

*H
1. 414213562 12 1

Vay P=a+b-2c=2+2-2.1=2

Ty Luan:
Q=—19—X=E=lnt:>a=m—x=h1,x;b=m—y=ln,y;c:ln—zzln,z
a b c Int Int Int

2.2
P=a+b-2c=In,x+In,y-2In,z=1n, (ﬂszln, (Z_f—j=2_
z z

Cau 16: Tim m d€ phuwong trinh min(1-x)-Inx=m cé nghiém x e (0;1)

A. me(0;+w). B. me(Le). C.m e.(—oo;O). D. me(—w;-1).
Hwéng dan
Céch 1: Céc em 6 1ap m= Tllnx‘)"l - f(x) 101 xét ham bing Table
n(1-x)-
F] Math Math
i Fif " 0

19 0.91 11 DOa0O1 2

20 IJ-EE| : 2| D.D06|2.6484

2l 3 D.1111.916

oe0® 54, 537 4.559347215

Vay cac em khoanh dap an B
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Céch 2: Thay tirng gié tri m r6i quan sat d6i dau

Xét m=-10
. X Math__ . . F] . Ma_th ) Math
fli::":J:‘lDlﬂ'l].‘}:.”’ f[:?\.:]="'k.?'-::|-L‘1U) 12 E-EE |E:¥:ﬁ5
FIWE
2120351205

Chting ta khong thay sy d6i dau nao ca do dé loai C, D twong tir véi m =10 loai A
Cau 17: Tim tdp hop tdt ca cac gid tri thuc cta tham s6 m d€ phuong trinh
4 +(1-3m)2* +2m* —=m=0 c6 nghiém.
A (0;+00) B.(—2;0) C.[0;+oo) D. (—;0]
Huwéng dan

Céc em c6 th€lam tu luén xét Delta hodc thay ting gia tri m déc trung cho dap an roi
Table start -9 = End 9= Step 1=

m=0 m=10
Math Math
H FIyl H
B -g|0.3125 13 -
| -1 1y y -18
10 1] - 15 5 286

=

Vay khoanh A, do tai m=0 ham khéng d6i ddu, con m=10 d6i ddu

Céu 18: Tim tét ca cac gia tri cia m d€ phwong trinh (7—3\/3 )X +m(7+3\/§ )x- =2

c6 dung hai nghiém phan biét.

1
—=<m=<0
A.m<i. B.OSm<-—1—. C. —1<mSL. D. 2
16 16 2 16 1
m=-—
16
Huéng din

Chung ta ciing dung Table, 2 nghiém phéan biét thi d6i d4u 2 Ian,

Start -4=, End 4=, Step 0.5=
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Véi m =% Khéng thay sw d6i d&u

Math B Math
- q H FiHd
fOI=45g ] (7350 [0 05| Rl
2 l.5120. 263
« 1ASEESS1 55
V6i m=-10 cling khong d6i ddu
Math Math
v [
frnd=a"+(-1000» 3 e
11 =131
- [ S
Vay loai C,D,A cu6i cung chon B
ay +1

Céau 20: Cho log,12=x, log,,24=y va log,,168= , trong d6 a,b,c la cac s6
bxy +cx
nguyén. Tinh gid tri biéu thitc S=a+2b+3c.
A. S=4. B. §=19. C. s=10. D. §=15.
Huéng dan : log, 12 =x,log,, 24 =y — xy =log, 24

log,168 log,24+1 axy+1

log,, 168 = Sa=1

log, 54 N log, 54 - bxy +cx

Ta c6: log, 54 =blog, 24+clog, 12 > c = log, 54—blog, 24

log,12
(Nhap thoi, di thi vao Table ludn)
Dung Table : Start -9=, End 9=, Step 1=
(541 251 k| Foo
n:--a—'.- d L
= -5
IR ool S
B -l B. 21

Vay a=1,b=-5,c=8—->5=15
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Ciu 21: Tim t&t cd cac gia tri thuc cta tham s6 m d€ phueong trinh

4log; x —2log, x +3—m=0c6 nghiém thudc doan [%;4} .

A. me[2;3] B. me[2;6] C.me [%1 i1 5} D.me {% ;9} .

Huéng dan

O day duing C6 14p m xét ham cho nhanh A

Math u 2 Mzth u E 'H Math
TCRI=H10a,C50%-r | s : B 1a5|2a0
g| DO.M5{uU.0023 1 g -
3 1 E| _ Bl 2.2512.0288
()
Vay khoanh dap an B.
In?x

Cau 22: Biét réng gia tri 16n nhat ctia ham s8 y=-——= trén doan [;¢’] 1a M =", trong
e
dé m, n 14 cdc s tr nhién. Tinh S=m*+2#.
A. §=135. B. §=24. C. §=22. D. §=32.

Huéng din

Table Ian 1: Tim Max

Math
n F i)
B B
4| Tih 19
B B 10,5405
0. 540933044

Table Iin 2: 0.541~ M == —0.541¢" = m Tim n nguyén dwong d&€ m nguyén duong
e

F] Math
FLh)

Ly

i0, B6E
3. PR P4TIEE

Vay n=2,m=4->5=32
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Céau 23: Cho »>1 1a mét sd nguyén. Gia tri cua biéu thic ! ! t !
log, n! . log, n! log, n!
bing
A. 0. B. n C. nl. D. 1.
Huéng dan
Cac em chon n=4 xem ra KQ bao nhiéu?
B Math &
i , b
logzid !l " logsiy
1
Vay khoanh D.
Chu 24: N&u log, (log, x)= log, (log, x) thi (log, x)* bang
A. 3. B. 3.3. C. 27. D. %

Huéng dan
Cac em Solve théi

1095 ( o9t i) =1k 712
:L:=; 35.550445?3 o8z (8)

Math A

27
Cau 25: Cho hai s6 thuc duong x,y thoa man 2*+2” =4. Tim gi4 tri Ién nh4t P cda
biéu thitc P= (2x2 +y)(2y2 +x)+9xy .

A. Pm=2—27‘ B. P =I8. C. P, =27. D.P_=12.

Huwéng din
2742’ =4 p=log, (4—2*)—>P=[2x2 +log, (4—2")][210g22 (4—2")+x:|+9x10g2 (4-27)

Nhap vao Table : Star 0.1= End 2= Step 0.1=

<] Math " FI:I-' Math
Z i T
fo2x%+loaz(r o "ol
N 1. 151

Cau 26: Trong hé thap phén, s8 2016”7 ¢6 bao nhiéu chit s6.
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A. 2017 B. 2018 C. 6666 D. 6665
Huwéng din
Pé xem N ¢6 bao nhiéu chit s6 em chi cin 14y phan nguyén ctia logN+1 1a dwoc
B M A
201710ac20163+1
BEEE. 157395
Vay khoanh dap an C.

Céu 27: Cho hai s8 thiee dwong x,y thay ddi thoa man hé thirc 3+1n

x-;y+1 9xy —3x—3y.

Tim gia tri nho nh4t m cua biéu thirc P=xy.

A. m=1. B. m=o0. C. m—f%. D. m=

0=

Huéng din

Y twéng: Céc em xét P = xy = {A,B,C,D} r6i thé y theo x vao phwong trinh trén xem c6
ton tai x théa man hay khéng? Néu c6 1a ding con khong la sai
Gi4 tri m chting ta thay bang Y trong mdy tinh con y = Y

x

Nhap vao may :

B @ [ @ @ O @ E @@ 6 @ @ O 3 0@ E) & 0 =)
O E @ & 5 G @ O & G X E s (0 @ @ O)

.T. ] . Math Math
Ar=+1 i ,
|3+1n[———§i, J—[-srr 1—]—[9'1*—3:-:—3::%]
ERol) DB E () ) @) B (= @A OEREEE
Math B Math [F] Math
d+1r1L J |9k can’t solve Can’t Solwe
CACI] tCancel CAC] 1Cancel

L—H= 0 celCeizcoto C41Cr1:E0t0
@A OOBEEEE
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B Hath
Can®t Eolwe

CAC] :Cancel
C4ICkI:GEOLO
Vay khoanh dap an A la gia tri nho nhat

Céu 28: Cho x,y,z la 3 58 thirc khac 0 thoa man 2°=5" =10~ gia tri cia biéu thirc
A=xy+yz+zx bing?

A.3 B.0 C.1 D.2
Huéng din

Gidsu: 2"=5"=107=2—>x=1(A),y =log, 2(B), z=-log,, 2(C)

AE+BC+CH

Math A

0

Cau 29 [Chuyén Vinh Ian 4]:: Tim tat ca cac gia tri clia tham s8 m dé phwong trinh
log, E =m c6 nghiém

4" +1 )
A.m<0 B. -1<m<1 C. m<-1D. -1<m<0

Hwdéng dan : Table Start 0.1= End 10= Step 0.5=

}C: Math u FI:}' ” 5 Math B
= 471 18| "B.E| -I-a5 . !
fLad 1':'92[4}4...1] ] - L e |
Eﬂ ] nb 3 Il | -l]- E!E
=000, 0z - 3. 853002372
Vay khoanh dap an A.
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Nguyén Ham - Tich Phin Hay & Khé

Céu 1: Biét ,[_3}‘1?'9'61" 3111%--2— trong d6 a,b nguyén duong va 2 12 phén s6 t6i
X 6x

gian. Hay tinh ab

A.ab=-5 B.ab=% C.ab=12

D.ab=6
Huéng dan:
1 ‘-.:H. 1 B '. Math & -L _5- Math & 4}{:3 = Math &
07E renagdatA ES[ 5] 4
0, 02971285402 E]

12

Cosx

Cau 2: Cho 0<a<z Va_"xtanxdx m . Tinh j( j-dx theoavam

A.I=qgtana-2m B.I=-d*tana+m C.I=d*tana-2m D.I=-ad*tana—-m

Huéng dan:

T ;s / [N
Chon a= 3 sau dé cac em xét hiéu

F] Math A

T_:_SXtar‘lliKJdH-}ﬁ ?[ﬁ]zdwa B_[[%]Etan[%]_b
0. 5074708032

I
Céu 3: [Chuyén DHSP - Iin 3] : Gidi phuong trinh [ (1 log, )dr =2log, > (4nx)

A. x=1 B.xe{;4} C.xe(0;+) D. xe{;2}

Huwéng din

Trong mdy tinh thi mac dinh x 14 bién nén cac em sé stra lai la t thanh X va x thanh Y
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EHOEHEIZ®ERFENeU®@REeEHRERIZ®E

Math

D
[F}
) dx-2109z( 5

S

wWHLEOQE

|2 (-10ma0r) deb
i

Véy dap an C dung
Céu 4[Chuyén Vinh -3]: Choham s6 y=f(x) théaman f'(x)=(x+1)e* .Vé
If(x)dx:(ax+b)ex +¢,Voi a,b,c la cac h§ng s0. Khi dé:

A. a+b=2. B. a+b=3. C. a+b=0. D. a+b=1.
Huwéng dan:

Tacd f(x)=(cx+d).e’ nén dé dang ta cé thé tim ¢,d nhw sau :

[ F®dx=£(0)- f(-100)= f(O)=d | f'(x)dx=f(0)~ f(~100)= f(1)=(c+d)e

~100 -100

F] Math A& F] Math A <] Math A

Emom”:’ﬁxdﬁ Iiigniﬁ+1iﬁﬁdxfb 4 oo e  thive

Vay f(x)=x.e" Tuong tit vdi cach tu duy trén tinh a+b nhu sau :
F] Math 4
| T
0e0’0”
Véy khoanh C.
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10x* = 7x+2

V2x-1

Ciu 5: Néu f(x)=(ax’+bx+c)v2x—1 1a mét nguyén ham ctia ham sd g(x) =
trén khoang (%;m] thi a+b+c c6 gia trila?

A3 B.0 C4 D.2

Huwéng din

Chung ta d€ y mot chut : f(1) =a+b+c f (%) =0

1
Do do6: J g(x)dx=a+b+c tuy nhién g(x) khong xac dinh x=0.5 do d6 ta phai xét
0.5

x=0.5+Ax d&lam cho tich phan van xac dinh

1
= _[ g(xMx=a+b+c cac em bdm vao may nhuw sau :
0.5+Ax

B Math A

Ji 10HE -
0.5+10-5  JZA-

1.998585785
Vay minh khoanh dép anla D.2

Ciu 6: Ham s8 f(x)=(3x+2)" ¢ métnguyén ham 1a F(x)=ax’+bx* +cx+d thdoa man
F(-1)=5 khi d6 a+b+c+d bang?

A5 B.13 C.19 - D .20
Huéng din

Déy nhw bai trwde: f(l)=a+b+c+d

j.(3x+2)2dx=(a+b+c+d)—f(—1):>u+b+c+d=f(~1)+j(3x+2)2dx

-1
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Cau 7: Biét F(x)=(ax+b).e" la nguyén ham ctia ham s6 y=(2x+3).* . Khi d6 a+b la
A.2 B.3 C.4 D.5
Huwéng dan
Y tudng giai nhanh ¢ day vin nhu trude: F(1)=(a+b)e ~ F(-100)=(ax+b)e™® =0
1

= j' (2x+3)e" dx=F(1)-F(100) ~ (a+b)e > a+b = I (2x+3)e*dx:e

- =100 -100

G (O metnre [T (20 met
3

Véay khoanh B

Cau 8: Biét F(x)=(ax’ +bx+c)e’ la mdt nguyén ham ctia ham s6 f(x)=x>¢* . Tinh a,b,c
A.a=1b=2,c=-2 B.a=2b=1l,c=-2 C.a=-2b=2c=1 D.a=lb=-2,c=2

Huwéng din

Cac em lam treong ty nhw bai trén :

Math &

M
1 e S

3 .
Cau9: Biét ring [ > """ gy~ 47 b+ cIn2(a,b,cc Q) Tinhténg S=a+b+c

AN =N

S x
A.S=1 B.s=8 352 ps-7Z
24 24 24
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Huwéng dan:

Cacem phai tach ra 1 chut :

T n T

2 cos® x+sinx 2( cos® x 2 cos® x 7

j - dx:J‘ +1|dx= I dx+=—>a==
x sinx z\ sinx ﬁ sinx 3

6 6 6

T
b+cln2=A-=
Céc em tién hanh tinh tich phan va vao giai hé phiong trinh 3 ,

b+c={ABCD]}- 3
B Math A Math¥ Math A
mZoos (01 34sin,  AS Y=
b2l Sinx)

1.365344752 -0.375 1
Viy khanh dap an C

+2)"O]7

Cau 10: Tinh tich phan J. (x T dx.

2 20 201 2 202 21
30]8_2 18 320]8_220]8 3 7 2 018 3 00_2200

. — . D. ———
2018 4036 4034 2017 4040

Huéng dan: Khi tich phan nay dtng véi s6 mi 16n thi cé nghia né ¢ quy luat va
ding v6i s6 mit nho hon tir d6 cac em tinh s6 mii nho hon va tim ra nhanh quy luat
roi loai trir chon dép an dung nhat.

FEO@MIEDIFIMECmIEHGEHDOD® @

?-Ii +21‘-’
OEOE WEEE WEEE
Math & F] Math & Math &
z f.>’+“?‘2l z w+*3‘-’ J‘E (2
Ji d 5 1 ®¥+ ez 1z J1 RYHE Txrez O £E
El & =

Bikiptheluc.com Bi kip CASIO cong pha Triiec Nghiém Toin Hotline: 0977.543.462




CASTO EXPERT : Nguyén Thé Luc - fb: Ad.theluc — Youtube :MrTheLuc95

Dé y chut cdc em thdy Tirla 3" -2 - 4,B,Mau 2(Y+1)—B
Véy khoanh B.

Cau 11: Tim tat ca cdc gid tri thiee cia tham s& a d€ b4t phuong trinh sau day nghiém

dang véi moi gid tri thye ctia x: J'Gt+2(a+l)]dt >-1

0

A, ae[—%;—-ﬂ. B. ae[O;l]. C. ae[—2;—l]. D. a<0.

Huéng dan

Dang nay giai tay cho chuin nhé: lt+2 a+1 dt:lt2+2 a+1)t
gnay g Yy > 4

0

X x2
=—+2(a+1)x>-1
0 4

:xz+8(a+1)x+420—>A‘=16(a+1)2—4309-_5335115_71—)/&

a

6
Cau 12: Cho Isin” XCOoS Xdx = Tim gia tri cian
0

1
128(n+1)
A.n=5 B.n=4 C.n=3 D.n=6
Huéng dan

Cac em chi can thay n=Y r6i CALC tirng dép én |
Math M Math

o SINCAYYeosE » A o8- Tmmrory

—
h|H

tEEE
M E} Math A

T . . .
Jusmlih:l“’cnsu{b
0

Véy khoanh ddp an D, Khi Calc thi mdy héi X cadc em &n = d€ bo qua, hoi Y thi nhap
dap an vao.
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T

Céu 13: Cho f(x) la ham s6 lién tuc trén R v?aj F(x)dx=2017. Tinh 1= jcos 2x.f(sin 2x)dx .

A 72207, B. 1=—2O2—17. C. 1=2017. D. /=2

2 ’ 2017 °

Huéng dan:

Nhiing treong hop ho cho 1 dit kién nhw thé nay cac em chi viéc chon mét ham
thdéa man la dugc, ta sé chon ham cobanla f(x)=x roi stta d€ ham thdéa man thuong
12 nhan thém hing s8 r6i b4m biéu thikc can tinh

f(x)=4034x —> cos(2x) f(sin 2x) = cos(2x).(4034sin 2x)

B Math A F ] Math &

[ et . | £ o012 la '3'33'12?'“}*22311:
z 2017 25

Cau 14: Gia suj =aln5+bIn3+cIn2. Tinh gid tri biéu thitc S=-2a+b+3c”.

x —-X
A.s=22. : B. 5=3. C. 5=0. D. s=6.
Huéng din:
Math A&
5
Hz_ dn"- FI

0. 1823215565

A=aIn5+bIn3+cIn2 —»e”* =53°.2°
B Math &
Eﬁ

|k

5232 = —g— =235" >a=-1,b=c=1 Vay khoanh D

Cau 15: Cho f(x)= Jz_(z x+1+5), biét F(x) 1a mot nguyén ham ctia ham s& / (x)
thoa F(0)=6. Tinh F[ )
A B B. 126 c. 1B D. 127

. ]6 . . 16 . . 16 . . —16_.
Hudng dan
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Math &
+ [N [ s
ot o oy 20
125
15
Cau 16: Cho ham s6 y = f(x) lién tuc trén R va théa man f(x)+ f(-x)=xVxeR.
1
Tinh 7= [ (x)dx.
-1

A 1=2.
3

w |

Huwéng din:

F(3)+7(=x)=+" > Chon f()="" ¢ day minh Iy ham chén d& £(x)= ()

x2

—>f(X)=7

Math &
1 =2
J‘—i-i_d'y': i
5

0
Cau17: Tim a<0 && f 3% _937 dz>0

A -1<a<0 B. a<~1. C.a<-3. D. a=-3.
Huéng dan:

Thay a=Y r6i CALC cac gid tri dédc trung ctia ting dap 4n nhé
Math A

[Stzrxa0

EE0O0E WEEOE
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D B Math & Math &
e D f_"'.'-\'."'" —
G LETE -2 L,lid ER_2m3T (b
1586736472 0
Vay khoanh B.

Cau 18: Cho ham s8 y=f(x) ¢6 d6 thi y = f"(x) cit truc Ox tai ba diém c6 hoanh dd
a<b<c nhuw hinh vé. Ménh dé nao dudi day la
dung:

|
A. f(c)>f(a)>f(b)

S

% ‘.

1 o

B. f(¢)>/(b)>f(a) \ &

VA

C. f(a)>f(b)> f(c) é\\: 7 <
D. f(b)> f(a)> f(c)

Huwéng dan :

Chung ta dng nghiém ciia f'(x) »a=x, =-0.8,b=x,=0.3,c=x,=2.6
P&y lakhi x &m thi y dwong do d6 f'(x) = —(x+0.8)(x—0.3)(x—2.6)

b c
Tacé: fb)=f@)+[f')  fl©)=fl@)+[f(x)ax

%2 —xen By |20 ~Cre0. B0
-0, 632225 3. 9904
Vay ching ta khoanh dép an A.

Cau 19: Cho ham 58 f(x) lién tyc trén R va f(2)=16, [} f(x)dv=4 . Tinh 1= x.f'(2x)dx

A 13 B.12

C. 20 D.7
Huwéng dan:

Bikiptheluc.com
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Cac em don gian héa nhu sau: minh ¢6 2 dit kién f(2)=16, I:f(x) dx =4 minh sé chon
ham bic nhét vi n6 ¢ 2 4n r6i tim ra ham thoa man ca 2 diéu kién trén
f(2)=16 2a+b=16

j(m bydx 4 2 o2 L4 ™ VRO gidi phuong trinh bac nhit
- 20
0

Math¥ F] Math A

14 -12
- f(X)=14x-12 > f'(x) =14 - f'(2x) =14
Sau d6 chi viéc bAm may dung biéu thitc can tinh
7 Math &

2140y

7

T

. P
Cau 20: Cho ham s6 f(x) lién tuc trén R va cac tich phan J Sf(tanx)dx=4 va
. 0

1.2 1
j%:z.Tmhﬁchphén I=[f(x)dx
0 x 0

A.6 B.2 C.3 D.1
Huéng din
an : D3 : ‘ AC)
Ty Luan:Pat t=tanx —»I[ (tan x)dx = =£ =£ﬁd"
I jf @) 4 I ( )dx 6 Vay khoanh dap an A
x”+1

0
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Cau 21: Biét !x—ﬂdx aIn|x=1|+b.In|x-2|+C vdi a,beZ. Tinh gia tri ctia bi€u

1)(2-x)

thitc a+5.
A. a+b=1. B. a+b=5. C. a+b=-1. D. a+b=-5.

Huéng din :
Céc em thay cén 4 va 5 (chon khodng can khong chita gid tri lam cho ham khong xac
aln 4 +bIn 3. A

3 2

dinh) r6i tinh luu vao A thay s6 giai hé :
a+b={A,B,C,D}

5 i B Math & - Math¥ - [F] Math &
L ey b # !
-0.6410311°7794 2 A

Vay khoanh C.
Cau 22: Cho ham s8 f(x) xdc dinh trén doan [-1,2] théa man f(0)=1 va
72 (x).f'(x)=1+2x+3x". Gia tr nho nhét va gia tri 16n nhat cia ham s6 f(x) trén doan
[-1;2] 1a:

A. mmf(x) \/‘maxf() 340 B.Xrer[l_xl;zlf() 2maxf(x) Y40.

xe[-122] -122]

C. min f(x) =32, max 1 (x)=343. D. min (x) =32, max 1 (x)=¥43.

Huéng din giai.

Xét Ifz(x).f'(x)dx=J.(l+2x+3x2)dx:>@=x+x2+x3+C ( C 1ahang s6)

Do £(0)=1nén c%.vay F(x) =332 +3x° +3x+1v6i x€[-1;2]. Khoanh C
Math [F] Math
n 4 1] FLH)
| =1 : 12 I8
ia.' -E."IS -IJ:!EE :3 g ]
T, 25992105 3. SO339506
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22016
Cau 23: Tich phéan 7/ =I 9;+1
e

i)

dx co gia tri la:
22018 220]7 220]8

A. 0. . . C. . D. .
2017 2017 2018

Huéng din

Ct¢ ding véi s6 mii 16n lan6 cé quy luat 1ap di lap lai nén ta sé thr cac s6 bé d€ thdy

quy luat
F] Math &
2 w10
_2eF ™ zpas
11

2n+l
uy luatla:
Q y e n+1

Cau24: Giastr I = —am +b V6i a,b 1a s6 nguyén. Khi 46 gid tri a-b 1
\/-_'_\/— guy g

A. -17. B. 5. C. -5. D. 17.
Huéng din

Céc em giai hé nhw cac bai truwdce :

JE\.’.’I. 'x: Eth A ::‘::= Math¥ 'T'= Math &
L
8. beT209552 b. 000000001 11

Céu 25: Cho s6 phtc z=m—2+(m2—l)i v6i meR. Goi (C) la tap hop cac diém biéu
dién s6 phitc z trong mit phing toa d6. Tinh dién tich hinh phang giéi han boi (C) va
Ox.

Al B. 2. c 32 p. %
3 3 3
Huwéng dan
Goi M(x;),(x;y €R) la diém biéu dién s8 phtec z.
, |x=m-2 m=x+2 x=—
Ta co: , & R O)NOx =
y=m"-1 y=(x+2)"-1 xX=-

Bikiptheluc.com B kip CASIO cong phd Tric Nghiém To4n Hotline: 0977.543.462
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b
C4u 26: Vi a,b 1a cac tham sd thye. Gid tri tich phan j(3x2 +2ax+1)dx bf?mg
0

A. 36> +2ab. B. b*+b*a+b. C.»°+b. D. a+2.
Huéng din
Chon b=1, a=2

F] Math &

|Lranzequetyoe  17+1%x241
4 4

Math &

A N - , o) \
Céu 27: Cho ham s6 y = f(x) lién tuc trén R thoa manj 7 dx=4 va
RN

/2 3 .

J. f (sinx)cos xdx =2. Tich phén 7= If(x)dxbéng

0 0

A . I1=2. B. I=6. C.71=4. D. I=10.

Huéng din
l Qf(.\[_;) 3 3

Dit t=x > dr=——dx = [ Lax=2{f()dt=4— [ f(1)dt =2.
24/x ! Jx ! “ ! )

/2 1

bat t:sinx;xe[—%;%}:dt:cosdx:) Jf(sinx)cosxdx=_‘.f(t)dr=2.
0 0

3

1=jf(x)dx=jf(x)dx+if(x)dx=2+2=4.

0 0

] 4
Cau 28: D€ ham s8 f(x)=asinzx+b théa man f(1)=2 Véjf(x)dx=4 thi a,b nhan gia
0

tri:
A. a=mb=0. B. a=nb=2. C.a=2r,b=2. D. a=2x,b=3.

Huéng dan

Céc em thay a,b & cac dép an vao tinh f(1)=2—B,C

) B Math A l: :I Math & Math &
+2 1 + I R
msinml+d Znsiniml+2 J,:,L]I51r|lin}'{)+2lll:l>
2 2 4
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D. P=-5.

b —dx aln5+bIn3; a,b Q. Tinh P=ab
+4x+3
B. P=-6. C. P=—4.

Cau 29: Gia s j

A. P=8.
Huwéng dan
Cach 1:
Tinh tich phan lwu vao A r6i tién hanh e” 1én
R Math & Math &
Bl psy €

£5

=7

Z
JD R e
-0.07656104114
roi st dung dap én ab ={A,B,CD} rdi solve

Do 36 dwoc 5°.3° -a=2,b=-3—>B

Cach 2 cicemrutbtheoa:
A-alnb

In3

A=aln5+bIn3 b=
Math &

LA=K1RE) | -
e YT

() @) (E) &
B
2

AR TS
a
*. Néu F(x)=(mx+n)e’ (mneR) 1a mdt nguyén
D. 6.

L-R=
Cau 30: Cho ham s6 f(x)=(2x-3)
ham caa f(x) thi hiéu m-n bing
A. 7 B. 3. C. 1.
Huwéng din: cau nay céc em giai nhanh nhu cic vi du trwde
=)
. -1
100
F] Math & F] Math A
L} . b ‘H .,
N et A e
-7

Math &

béy: f(-l)=(-m+n)e’ 5> n-m= j'f(x)dx e
|l ap t2h-mreR ey 42%-30e%dret

Hotline: 0977.543.462
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CAu 31: Cho d6 thi ham s8 y = f'(x) nhw hinh v&, trong céc gié tri £(0), f(1), f(2), f(3) sO

nao co gia tri 1on nhat

A. 1(0)
1.0k p
05| . Ve B. f(1)
{ 5, < - {;, .
—0s| ] \”’%\ ) .«”ﬂj ’ C. f(2)
B NS
’ D. £(3)
Huwéng din

O day cac em nhan dang duoc né la dang d6 thi ctia ham chira ddu gia tri tuyét déi va
cu th€laham y=f'(x)=|x-2-1 Tt dd tacd:

fO)= fO)+] F6)dx= fO)+05  f(2)= fO)+] f'x)dx = £(0)+0

£(3)= f(0) +T f'(x)dx = f(0)-0.5 Vay khoanh B

5
Chu 32: Tinh tich phan 1= [*2"dx
0

A.1=(2**-1)In16 B.I=2625_1 C.zm‘1 p. 2t
In16 In2 16

Huéng dan : Khoanh dap an B

[ 2ot gy ey

0. 360673702 0. 36073 TE02
2 - d Math A [ 24- :] Math A
DEJKEH (k4 LVt ¥

ITET:Y
23636, TodE8 2ab36. 75485
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Ciu 33: Biét Jz'e*'(2x+e")dx=a.e“+b.e2+c v6i a, b, ¢ lacacs6 hitu ty. Tinh S=a+b+c.
o
A. §=2. B. S=-4. C. S=-2. D. s=4.
Huéng dan
Xétdap an A: S=a+b+c=2—>c=2-a-b

2+A-ae*+a

A=ae'+be*+c=ae' +bhe’ +(2—a-b)—>b= >

e ~1
N B Mah & B Math
[Zextonse anen  FrFEaztetsn
43.57718721
Sau d6 xem cac gia trj dep, khéng dep thi cdc em thay s& -2 thanh cac s6 khéac & cac dép an

iy o | Fom |
TOOFSEITE 8 o0
[} I1-2a 184

Véy khoanh dap an D.

Cau 34 : C6 bao nhiéu s6 nguyén dwong » sao cho nlnn—jln xdx co gia tri khong vuot
1

qua 2017?
A. 2017. B. 2018. C. 4034. D. 4036.

Hlf('rng dan:

Céc em thay n=Y r6i nhap vao may CALC ting ddp an nhé

RO0OEEE

Yincr-| 7 Incrace
2017
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Cau 35: Cho biét j'ln(9—x2)dx=aln5+bln2+c, v6i a,b,c la cdc s6 nguyén. Tinh
]
S =|al|+|p|+|d] .
A. §=34. B. S=13. C. §=18. D. §=26.
Huwéng dan

Dang nay cac em tinh tich phan roi e” 1én r6i c6 thé dung Table do khong thi thay Ian

luot ting s&
:2 Math A . _:2 Math &
1.383306479 £d
BOREE 1@ =
3125 Math A 64 ] Math &
55 26

Vay: e* =52"¢ —»e* e =52" 5>c=-2,a=5b=—6—>5=13

s
2 A4 a2
Cau 36: Tinh tich phan I 4x4+—x13dx=%( 3+b+c;r)+4 véiab,clacacsd
] x*+

nguyén. Khi d6 biéu thitc a+b?+c* c6 gia tri béng:
A.20 B. 241 C.196 D.48
Hwéng dan

Luu tich phan vao A réi tinh biéu thitc a3 +b+cx

__§_ _d;::-‘-i :;:Eh_‘ . ___E Math &
; = (A-4)+5B
-3, 172046243 -40. 57122027

O day a,b,c 1a cdc s6 nguyén nén cac em c6 thé yén tam chon c réi vao Table do

Bikiptheluc.com Bi kip CASIO céng phé Tric Nghiém To#n Hotline: 0977.543.462
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|'1 Math u FI'}‘? Math
I'l" M u _II'I '
L I R

B =|5l=-16.5"1

Tuy nhién theo théi quen minh thuong dé tir -9 d&n 9 va step 1a 1 s& khong ra duoge vi
a=b=-16 nén cac em can cin trong khi gia trj bi€u thitc to thi a,b,c cling to theo.

Cau 37: C6 bao nhiéu s6 a e (0;207) sao cho J'sin5 xsin2xdx = %
0

A. 20. B. 19. C.9. D. 10.

Huwéng dan :

Ta tinh mét s treong hop déc biét va dwoc a =£2[—

—r Math &
la " sintd)®sin
£
7

Chung ta thdy ham tuan hoan véi chu ki 27 : sin® (x+27)sin(2x+27) = sin® xsin 2x
Céc em c6 thé xem tuan hoan véi chu ki 7 khong bing céch tinh a= §+ b

Math A
J JPT LT

a SinCx)I®s5i

Vay : a =§+k27r €(0;207) > k=0,1,.,9 Vay c6 10 gi tri

Céu 38: C6 bao nhiéu gi tri cua a trong doan [ } théa man I sinx _.-2
' 4’ ¢ 1+3cosx x 3
A 2. B. 1. C. 4. D. 3.
Huéng dan

Bikipthelue.com  Bi kip CASIO cong pha Tric Nehitm Toan ~ Hotline: 0977.543.462
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Chiing ta lai thie mot vai gia tri a dep thay c6 treong hop nay dugc con da phan 16i do
lam c4i mau biéu thizc trong dau tich phan khéng xac dinh

Math A

J-THE Simis)
0 1+FcosHE]
0. BEEEEEEEET

Céu 39: C6 bao nhiéu gia tri nguyén thudc [0;2017) ctia m d& j' cos( > jdx %0

A.16 B.8 C.1008 D.1009
Huéng dan
[Ceos(Z)ax  [ic s[%—] [Zcos(22) o
0 0.6366197724 1
Joos(Z)ax  [Goos(Bax  [Zoos(Z)ex
-0, 6366197724 1 0.e366197724

Ctz 56 chén 1a gi4 tri tich phan ra &m do d6 ta sé khoanh 1008.
Cau 40[Chuyén Lam Son Thanh Héa I4n 3]: Cho ham s8 y = f(x) thoa méan
F9.f'(x)=3x" +6x* Biét f(0)=2 Tinh f*(2)

A. f2(2)=144 B. f*(2)=100 C. f*(2)=64 D. f(2)=81

Huéng dan
Trong sach ¢6 hwéng din réi d6 nhé :

J #0000 =] fa(f09) ==L+
- jf(x).f‘(x)dx = f_(z);—fz(o) - f(2)= 2j.f(X).f'(x)dx+f2(o)

B|Z (a5 +en ey CORT+62N0xed 22 (AHS 46N chip
100
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Cau 41: Goi F(x) =(ax’+bx"+ox+d)e” 1a mdt nguyén ham ctia ham s6
f(x)=(2x3+9x2—2x+5)e’ Tinh a* +b* +* +d°

A. 244 B.247 C.245 D.246
Hwéng dan
100
[ £69dx=F(100)~F(~100) ~ F(100) = (a100° + b100 + 100+ d) ™™
-100
100

=2a100° +b100° +c.100+d = [ f(x)dx:e™®

-100

100 . “.2' Math:‘ = z MathWa = " E’ Math A&
ol 2T eopE o ZRTHEN B:f:+13 135 +8%+3% +4
2029213 2029213 246

Cau 42[Chuyén Vinh lan 4]:: Gid sit ham s6 y = f(x) lién tuc, nhan gi4 tri dwong
trén kKhodng (0;+) va thoaman f(1)=1, f(x)= f'(x)¥3x+1,¥x >0 . Ménh d& nao sau

day dang?
A.l<f(5)<2 B.4< f(5)<5 C.2<f(5)<3 D.3< f(5)<4
Hwéng dan:

T S A P 5_1.1£6)
Taco: _1[\/3x+ldx—.!. 0 dx—ln|f(x)|‘1—ln’f(1)

Math & ﬁ 1 Math A
1 gf
Ji JER+1 tx+h 4 -
5 3. T93EETE0R

Vay khoanh dap an D

Céc em vui vong truy cip vao http://bikiptheluc.com/sach d€ cip nhat thém cac ki

nang va bai tap moi

Chi mua sach gdc cia Nguyén Thé Luc - https://www.facebook.com/Ad.theluc thi

moéi duge cdp nhit nira cudn con lai va hé tro téi Iic thi va hoc khoéa LiveStream 7
ngay cudi dinh hwdng cac dang bai thi.

Bikiptheluc.com - Luyenthipro.vn - 0977.543.462

Pia chi: S6 5 ngd 4C ding Vin Ngit, Déng Da, Ha Noi
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S6 Phitc
I.C4c dang toan lién quan t6i tinh todn s phirc

Cau 1: [Chuyén Bién Hoa — Ha Nam]Cho ba s& phtic z,z,,z, thoa man diéu kién

|z|=|z.|=|z5| =1 va z+z,+2,=0 . Tinh A=z +2,+2’
Al B.0 C.-1 D. 1+i
Huéng dan
Chon : zl=l+—§i,22=1—[§i,zs=—1
2 2 2

Bam may ta duoc:

CMPLY %
(0.5+ 1] +[ 0.
0

Math &

Cau 2: Cho s8 phttc z,w khéc 0 sao cho |z—w|=2|z|=|w|. Phan thuc cta s8 phtec u ==
w

Huéng dan
Bai nay cd 4 bién ma c6 2 phirong trinh tir 6 suy ra la chung lién hé véi nhau theo 1
mdi quan hé chit khong phaila 1 s8 cu thé.
Chon z=1-[1-w|=|w|=2 ta c6 phuong trinh nhap luén vao mdy :
2
(l—X) +(4-x")=4

Math CMPLY B Math A CMPLY, |F: Math A

J 1 "
— ] 0. 5+4d4-0, 5
L'I.E 0. 5+4d-0, 52 i - 1_1 :
Pe -

Bikiptheluc.com Bi kip CASIO c6ng pha Tréc Nghiém Todn Hotline: 0977.543.462
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Vay khoanh dép an D.
Cau 3.Cho cac s8 phtc z théa man || =5. Biét réng tap hop cac diém biéu dién clia cac
sO phitc w=(3+4i)z-3i la mot duong tron. Tinh ban kinh r ctia dwong tron doé.
A r=A5. B. r=5. C. r=+/10. D. r=25.
Huwéng din:

Céc em bién d6i don gian nhw sau: w=(3+4i)z—3i < w+3i = (3+4i)z 14y module 2 v€ ta
duoc : Jw+3i|=|3+4i|z|=25 vay tap hop bi€u dién w 1a duong tron tim (0;-3) va ban
kinh la 25

1

Cau 4: Néu s6 phitc z#3 thoa man |z|=3 thi phan thuc cta bang:
-z
1 1
A = B. - C.6 D.3
3 6
Huwéng dan

O day bai toan diing v6i moi s& z#3 thod man |z|=3 nén cac em chi can chon mét s§

z bat ki thdéa mén la dwoc ching ta chon 1a 3i

CMPLZ Math A
S=35i _:L N l i
& gl
Vay khoanh dép 4n B

Cau 5: Goi (C) 12 dudng tap hop cac diém biéu dién cho s6 phitc z thoa diéu kién
|z+1]=|z-24 Tinh dién tich hinh phrfmg duoc gidi han bai (C) truc hoanh va duong

thang x=-1
B B.D c D. 2
16 16 16 16

Huwéng din
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Céc em CACL nhanh ra duong thang : |z+1 —|z—24’

(Céc em xem giai thich & Cau 2 Max-Min phia dudi)

CACL 0= CALCi= CALC 1=
CMEK [F] M?;h i CMﬂI’. F] Ma:t:'h A Chﬁ.ﬁ&' Mat.:.h A
L 12-18-20 1% el 13- 10-20 1% Dl 2= 1%-21 0%
-3 1 -1

Vay phuong trinh la: 2x+4y-3=0—>y= —%x+% tim giao diém ctia d6 thi ham s6 véi

truc tung (cac em nén vé hinh ra)

Math &

|75 1-0. 550, 5

z5
1&
Vay khoanh d4p 4n D.
Cau 6: Néu hai s8 phtic z,,z, thod man |z |=|z,|=1 va z.z, #1 thi s§ phitc w=1—2% c6
phén ao
A.béng 1 B. bang -1 C.bang 0 D.16n hon 1
Huéng din:

Lam twong tw nhw cau 1 thi cdc em chon z, =1,z, =i khong thich cac em cé thé chon :

1,-1,—% j— Tt —
2 2
CMPLY Math A
1+i
1+4i
1
Vay khoanh dap an A.

Bikiptheluc.com Bi kip CASIO céng ph4 Tric Nghiém Toin Hotline: 0977.543.462




CASIO EXPERT : Nguyén Thé Lyc - fb: Ad.theluc — Youtube :MrTheLuc95

Cau 7: Cho hai s8 phtic z,, z, théaman |z,|=|z,|=1. Khi d6 |z, +z, *+|z,-z[" bang
A 2. B. 4. C. 1. D.o.
Huwéng dan
Tuong tenhuevidu trén: z =1,z, =i
CNE.H F] -?ll-dath A
| 1+1 [“+]1-i]
4
Céu 8: Néu z la sd phtrc thue sy va thoa man l% 6 phan thie bang 4 thi médun ctia
Z|—Z
sO phtic z la:
A ld=2 B. |g=1 C. =4 D. |o|=—
4 8 16

Huwéng dan

—=4+i©lz[—z=—l—

Céc em chon bira 1 s6 phitc ¢6 phan thyec 12 4 rdi im z: E o
Z|—Z +1

Dén day em c6 thé€ goi z=a+bi rdi tién hanh giai phwong trinh hoic dung Newton-
Raphson (anh bdm vai Ian = r6i 18y sdp si thoi xem thém & phan phuong trinh phtrc)

CMPLE, B a4 Math¥a CHPLY Math A
n, 1 1,
=J‘:-—T'— | kA I

-0. 1102940504+» 0. 1249995407

V4

Cau 9: Cho s6 phttc z#0 sao cho z khdng phai 1a s6 thyc va w = T la 8 thue.
z
Tih L AL B. C.2 D. 1
1+|z|' 5 2 3
Huéng dan:
Chon: w= =1—>2"+1-2=0

1+ 22
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Math¥

"
::'-.1=

+31

MIH

Cacem an dé€ Iwu vao X xong vao luén 2

M CMPLY B Math A
%1
1+1x1= 1
Z
Vay khoanh dép én B

I1. Phuong trinh s8 phitc

Cau 1. Cho s8 phtre z théa man 11z'° +10iz° +10iz—11=0. Tinh modun ctia s& phirc
Alz=10 B.z]=1 Clg=11 D.|z|=

Huéng din

Dé cho nhanh thi cic em thay X thanh Ans ludn, thuat todn Newton-Raphson kha don

J05)=f04)

P néu coi x, langhiém thi f(x,)=0
2 1

gidn xudt phat tlr: f'(x)=
Do d6 x, —x, _Zfka) ) Sx, =X —&2 khi nhap vao may thi cdc em ¢d 2 cach
) 1)

fX) _f(Ans)
X=X- hoac Ans— dé giam 1 phép ¢an di
F%0 7 (hne gam I PRep s

> nhw 12 1 86 cu thé nao dé con z 1a bién cic em nén dua

phuong trinh vé dang da thtre r6i méi 4p dung va CACL 1+i bang ti khi két qua
khéng d6i thi d6 chinh 1a nghiém. Trong nhiéu treong hop dé€ tiét kiém thoi gian ta
chi b4m bang téi khi né khong con thay déi nhiéu niva la 1dy lubén gén ding.

Ung dung cho bai nay : vao CMPLX
FHEEOEHMEDOD®HD O E b= e H 0 0] Ed by =)
C][JCDC]E]CJI.@ﬂE]C)IIC]E]C]II@ﬂIIC)IIE]C]E]

CHPLY, B Math &

P Ans? +10iAnsS—1
+90iAnSo 41041
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(] (B &g (Z) t6i khi két qua khong thay d6i

CHMPLY, TD Math_ & I ICMPL:’, Math &
liansiY+i10d BN
5 = F
ANng 110AnsT +
0. BE2TTEE393+0, » 1
Cau 2. Cho céc s8 phttc z, #0,z, #0 thoa man didu kién 2+ = i Tinh gié tri
4 5 Ztr
biéu thiee P=|2|+2
Y INEA
AP-L BpP-i Cre2  Dp2
;) 2
Huéng dan:

Céac em chon z, =i cac em s& dung thuét toan Newton — Raphson dé& nghiém z,

Theo cong thizc: X=X —%% nhap vao may tinh nhu sau:

@
&
o
HE
0
@
=
i
M=
=k
od
HO
m &
=0
1=
K
i
Hm
H
gm
B

+_.....__..
HKE R+ EL
(1 () &g (=) t6i khi két qua khong thay déi

CMPLE, _ B . Math &

A=A i

THE (M) E
1-1

Vay duoc z, =1-i thay vao tinh P 1a xong :
CHPLY Math A

H
= |+
il

I
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Hoiic céc em c6 thé quy dbng lén duoc pherong trinh : ix® —2x—2i =0 rdi giai sé dé hon.
Cau 3: Tim md dun ctia s8 phitc z biét z—4=(1+i)|z|-(4+3z)i

A |z|=4 B. |7|=1 C. !z!% D. |¢]=
Huwéng din:

Cacemduwara z= W kiém tra Ian luot cac dép an
+3i

y@@@@@@@@@

d-di+ (14118
1+3d

Sau d6 CALC luan luwot ting dép an, dap an nao cho KQ nhu nhap vao la dung

@aE Cw D= 2=
q_qimril;?:l. 1+ ' Math & q_uiMf'l;ﬁl L‘l'E 1 Math & CMPLY, Math A
— 1+:1 | 1+51 | == 4‘1”:311“ 1%
4410 ZE
E = 2

Cau 4: Xét s8 phtrc z#0 thoa man zy3z.z+1=|z|(2+6iz) . Ménh dé nao dung ?

A Lojg<d B. Z<|z|<2 C. 1qjg<1 D. |z|<1
4 3 3 2 2 4
Huéng dan
Cach 1: Ty luan
Cécem d€y chut: zz=|zf = z,3|zf +1 =|z](2+6iz):z(1 Blof +1 -6i|z|)=z|z|
L I N B N R
\/3|z| +1- 61|z| |J3|z| +1-6ilz] \/3]z| +1)+36]2f ol
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Véay khoanh A.

Céch 2: Dung Newton Raphton

, o ‘ X3[X[" +1-2|x]-6i|x|X
Chung ta coi z 1a bién va nhdp phuwong trinh : X=X~

I +1-6i]x]

CALC 1+ bdm = t6i khi két qua khong déi

CHPLY ] Math A CHPLY Math A CMPLY, F] Math &

:}‘"? -I\::=::';:_:”‘:-J.3|H|'ﬂ+1 —Z-i} I:;{I
0, 1530461525 2 )
+0, 230765923411 0.1538461525+0, » 0. 2778501001
Cau 5: Cho sd phttc z#0 thdéa man 5_(13:;1)2 =|2[ . S8 phtic w =2—96iz c6 module 14 :
1

A.9 B.\26 C.\J6 D.5
Huéng din : |
Quy d6ng rdi nhap biéu thizc vao méy
m@ﬂy@@@@m@@
i%-(3i+11Coniac
-10100.0401-101»

- Ta dwoc -10100.0401-10199.9901i khi d6 phéan thwe va do c6 biéu thire

N6 gidng nhu viéc cac em thay z=x+yi tuy nhién & day ta thay x=100,y=0.01
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10100.0401=100%+100+0.4+0.1*=x* +x+4y+ y* =0 o x—5y=0
10199.9901 =100 +2.100—0.0099 =100 +2.100—(0.01-0.01*) =x*+2x+ y* = y=0
Ta ¢ phuong trinh : (5y)* +5y+4y+ y* =0—>y=—%—>x=—§
CHMPLA Math &
Z5 . [__-45 -2 s I
| FR T 2-51.]
126
*Dung Newton — Raphson
Bién doi Ei—gw —|2f khong dé z dudi mAu :
+1
ZZBRZ_ 1 - @i 1)z =(141)2f
1+i
[Z|2 2 2 2
o iz-Bit 1) =(1+i)|z] <z’ —(1+i)|7] z-Bi+1z[ =0
z
CALC 1+i=...
CMPLY B Math A . CMPLE B M A MRl B Math &
i1 %2 I—rmistat A=A —b |26y
sv_ 1440 1 %121 L4 45 Zin-1 o L
- +1 .' "
i -22-0. 346153846 75

Twong tw cac em c6 thé luyén vi du sau :
Cho sd phtec z thoéa man (3-41) z—l-qi| =8 . Trén mit phang toa 9, khoang cach tir gbc
z

toa d6 dén diém biéu dién s6 phirc z thudc tap nao ?

) st b ol

Dap s6: |¢=2
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Cau 6: [Chuyén Lé Quy D6n Quéng Tri] Cho sd phittc w va hai s6 thuee a,b. Biét
z, =wW+2i Va z, =2w-3 va hai nghiém phtic cia phwong trinh z* +az+b=0 . Tinh

T=|z,|+|z)|
AT-nT BT 2B 5
Huéng dan: Dé y don gian théi nghiém phwong trinh bac 2 hé s6 thyc: z=ntmi

:>zl+zz=2n=3w+2i—3—>3b+2=0—>b=%2 (w=a-+bi)

=z, -z =2mi=w—2i—3—>a—3=0—>u=3:>w=3—gi—>z =3+—4fi;z =3—éi
2 1 3 1 3 2
4EL [F] 4 Math &
|3-31[+|3+5i
ZJ5T
3

Ap dung twong t:

Cho s8 phttc w va hai s8 thuc a, b. Biét rdng 2w-+i va 3w—>5 1a hai nghiém ctia phwong
trinh z* +az+b5=0. Tim phén thuwec ctia s6 phitc w.

A 2. B. 3. C. 4. D.5.
Cau 7: Cho hai s6 phtic z,z, thoa man phuong trinh |2z—1|=[2+iz] va|z —z,|=1 . Tinh
gia tri biéu thirc 0=

P

BQ=\/§ CQ= DQ:Z

ol

Huwéng dan:

Cac em lam twong tw z;;z, la 2 nghiém ctia cing mot phwong trinh bac 2 nén :z=a+bi

(treong hop hé s6 thue méi duge nhé, hé s6 phitc khéng duoc)

Do d6 |z, - z,|=[2bi|=1-b =% ching ta chi chon 1 gié tri b thoi cho d& bi lap
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V3

Bay gio thé vao [2z-i|=[2+iz| > (20)" = (@*+15") >a=—~

1.
=1

51 Vay 0=13

Véay 2nghiémla z= g +

Céu 8. Cho s8 thuc g, b, ¢ sao cho phwong trinh z° +az* +bz+c=0 nhdn z=1+i va z=2
lam nghiém cua phuong trinh. Khi dé tong gid tria+b+cla
A.-2. B.-4. C.2. D.4.
Huwéng din:
DEvy chut cicem thdy: f(z)=z"+az’ +bz+c— f(I)=1+a+b+c

Cau nay cac em phai tw duy nhanh : khi phutong trinh bac 2 cé nghiém z=1+i titcla
sé c6 nghiém z=1-i vy ta cd ham f(z)=(z-2)(z—1-i)(z-1+i) cadcemthay z=1 vaola
tinh dwoc a+b+c+1

CMPU:'. - Math A
CA-2ICR-1-10Ck-F
-1
T désuyra: a+b+c=-2
X N . N NIO e e
Cau 9: Cho s8 phttc z thod man (1+2i)|z|==——-2+i . Ménh dé nao dudi day dung?
z
A 2<d<2 B2 C. || <= D. Lopg<2
2 2 2 2

Huéng dan:
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Céc em dung Newton - Raphson : Luu y 1a dung d€ z dwdi mau vi né khé hoi tu, cac
em quy dong lén thanh phurong trinh méi

J1io

(1+2i)fz|= =2+ [ (1+2i)[+2-i]z=\10=0

ERIEEERIE

CMPLY B Math & CMPLY Math & CMPLX Math &

*I:-;|+2-y;~=:—q'1n:n. =y M SRR [ 5]

1 N

i) IEl+2-1 (14240 |
0.9486552931-0. » 1
Cau 10: Cho s8 phtrc z thoa man (3—i)(z+1)+(2—i)(2+3i)=l—i . Tinh mé dun caa s&
phtc W=;.—;§
A. @ B. g C. —z*f_z D. —”5@

Huwéng dan

Day la dang phwrong trinh bac nhat ctia s§ phtic cdc em nhép y lai phwong trinh :

(A-i0CH+1I+(0o1p  ACORJACK)I+3i0~( b 40143190 11 ]

D@OOHOO0E E

A Math &

(3-1)CH+1 I+(To1 b
BO005-19894i

Chung ta dugc hé phwrong trinh :
{ 50005 = 50.000 +5 =5a+5 {5a+5=0

— =>a=-1,b=-8—>2z=-1-8
19894 =20.000-100-6=2a-b-6 2a-b=6

CHPLY &
i—-(—-1-5i)
140(-1-54i1)

Math A

{GE

(=
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Vay khoanh dap an B

CAu 11: Trén tép s6 phitc, goi z,,z, 1a hai nghiém cua phuong trinh z*+2z+4i-2=0

Tinh gi4 tri
bicu thie p=2lHEL
4+|z|z,]

Huéng din:

Bai nay dé nhung chti yéu anh mudn huéng dan cach tinh nhanh cin béc 2 ctia s§
phite

Tinh A' r6itinh ranghiém : z, =1-i;z, =-3+i

CMPLY Math A CMPLA [Eh] Math & . 1_‘.CP1PL¥_ . —-.'E'I'J. IMath A
-(di- ar3
1-04i-20+R BRI A+ 1131 [—544 |
. . - 410 +34E
J-di - 2-i z
Véy khoanh dap an B

II1. Max-Min module sé phitc

Cau 1: V6i hai s8 phitc z va z, thoa man z, +z, =8+6i va |z, —z|=2. Tim gia tri I6n

nhat cia P=|z|+|z,|

A. P=5+35. B. P=226. C. P=46. D. P=34+32.
Huéng din
Cach 1: Tyg Ludn
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bit 04=|;|.0B=

(véi O 1a gbc toa

“n

d9, 4,B la diém biéu dién cua z,,z, ).

Dung hinh binh hanh 04CB, khi d6 ta ¢6
AB=|z,—z,|=2,0C =z, +5|=10,0M =5

// 7

o

Theo dinh ly duwong trung tuyén ta c6
, 2(04’+0B*)-4B
M~ = 2

Ta c6 |z,|+|z,| < ‘/2(121 i +|22]2) =2026=P, =226

*Cach 2: Casio lam nhanh

= 04> +0B> =52 = |z [ +|z,[ =52

2,42, =8+60 -z, =(8+6))—z, > |2z —(8+60)|=2—>(2a-8)’+(2b-6)" =4
Cac em cho b r6i gidi phurong trinh tim a
b=0,b=1 can’t solve,

b=2—z =4+2i b=3->z =3+3i b=4->z =4+4i

ath

2077+ (V-6
k= 0

Math

zx—aaf+c5v-anf§ Solve for X

Math

-
rs

-R= I 4

=
Mg

MPLY CHMPLY Math A ) F Math A

I B P T sy %]+ B+6i-%]
10, 1289902 10, 07359258 10, 1289902

Céc két qua nay déu xap xi va nhé hon dép an B

EE CMPLY at
10, 19803303
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Céu 2: Cho s6 phtic z thoa man |z-2-34=1. Gid tri l1én nhat cta |E+1+ z‘| la:

A 13+2 B. 4 C.6 D. V13+1
Hwéng din
O day cac em st dung Iy thuyét sau:
|z—z,|=R thi tp hop céc diém biéu dién z 1a dwong tron cd tim z, =a, +b,i - 1(a,;b,)

[z =R+|z |
max o

[ =R
min

chung ta sé ttng dung giai nhanh nhu sau :

z

0

vaban kinh la R, khi 46 {

o141 =@+ 17+ -1 =fp+1-4

Dit: w=z+1-i bai toan trd thanh : |w-3-2i|=1.Hoi |w| =? ap dung ludn cong thirc

ta dwoc :

[w|max =1+32+22 =1+413

Cau 3: Tim gid tri nho nhat ciia |2| , biét ring z thoa mén diéu kién 4*_3" 2-1|=1
A2 B. \3 C.0 D.-1
Huéng dan:
Céc em dua vé dang chuan nhu o trén :
4+2,iz-1‘=1©[(1+31)z-1|=1© e — =L,:>|z[ [ S
1-1 1+31 [1+31| min |1+31] 1+3i
Véy khoanh dap én C

Céu 4: Cho s8 phtic z thda man: |2* - 22+ =|(z—1+27)(z+3i-1)| . Tim gié tri nho nhét

cia mbédun s6 phitc w, voi w=z-2+2i

Bikiptheluc.com Bi kip CASIO cong pha Tric Nghiém Todn Hotline: 0977.543.462




CASIO EXPERT : Nguyén Thé Luc - fb: Ad.theluc — Youtube :MrTheLuc95

Al |lw

== B. |w[ =2 C. |w| =1 D. |w|

min 2 min min

-1
2

min
Huéng dan:

Céc em vao giai phuong trinh bdc 2z* -2z+5=0 ta dwoc:
F] Math¥ F] MathVa

A1= e
1+2i 1-2i
Do dé:
lz-1+2i]=0—>z=1-2i > w=-1->|w|=1
|z—1-2i]=|z+3i-1 (¥
Ta da biét (*) c6 dang dwdng thang: ax+by+c=0 do d6 cdc em CALC nhanh nhu sau :

|22—2z+5[=j(z-1+2i)(z+3i—1)|©[

Nhép biéu thtec : |z-1-2i —|z+3i -1’

CMPLY F] Math &

I5-1-21 | S| 5+3ip

*CACL 0=tcla z=0>a=b=0—->c=-5
*CACL i=titcla z=i—a=0;b=1>b+c=-15—>b=-10

*CACL 1=ticla z=1—>a=1b=0—>a+c=-5>a=0
CMPLY ] Math A CMPLY F] Math A CMPLY Math A
-1 E . B - 12 - -2 -
|H=1-21 [“=|%+3ib  |%-1-26 1= 8+2QF  |85-1-24 | == 5+34k
-5 -15 -5

Vay ta c6 phrrong trinh dwong : -10y-5=0<y=-05->z=4-0.5 > w=(a—2)+1.5i
2 , 9.9 3 ja ~ \ .
|w| =(a-2) b ing o] = > Vay tong két 2 trudng hop ta c6 | =1

Cau 5: Cho s6 phttc z thdéa man: |z-3|+|z+3|=10 . Gid tri 1én nh4t va gia tri nho nhat

cta |z| Ian luot la:
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A.10va4 B.5va4 C.4va3 D.5va3

Huéng dan:

Day la dang ctia phuong trinh Elip véi c=3,a=5—>b=4nén |z| =a=5

me=b=4

Tuy nhién thi khéng phai em nao ciing tu duy dwoc nhu vy, néu di thi ching ta sé
thtt dép an nhu sau :

Bay gio min chi ¢é thé€la 3 hodc 4 ; xét truong hop 3 xem ¢6 ton tai s& phirc nao khong

o =x*+y7 =9 |z—3[+|z+3|=10—>\/(x—3)2+(9—x2)+\/(x+3)2+(9—x2)—10=O

Dung SOLVE & h¢ COMP

F] Math
Can’t Zolwe

CAC] 1Cancel
C4aJCeliEot0

Vay loai dwgc dap an C,D tiép tuc tht véi max la 10 thi chi viéc thay 9 thanh 100

< Math
Can*t Zolwe
[AC] :Cancel
C4JCeliGoto

Vay loai dap an A va cu6i cung chon B.

Nhuw vay khi xét bai toan max-min ta dya vao dép an, chon gia tri nhé nhat va lén
nhat & cdc ddp dn d€ thit xem ¢ ton tai s6 phirc nao thoa man hay khong, néu cé thi
dap an d6 cé kha nang dung con khong la loai

Céu 6: Trong cac sd phtic z thoa diéu kién |z—2-44 =|z-2i| . Diém biéu dién cho s&
phttc z c6 médun nhé nhét cé toa do la :

A. (2;2) B. (-2-2) C. (-2) D. (-2;2)

Huéng din:
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Em nao ranh c6 thé viét phuwong trinh dudng tir diéu kién roi bién ludn phuong trinh
béc hai, con di thi d& cho nhanh cac em chi viéc kiém tra liéu diém dé cé thoa man
diéu kién trén hay chua ?

“Nhap heé thike r6i CACL s8 phtic tirong tng vi du (2;,2) -z =2+2i

CMP! F Math CMPLY 7] Math CMPL! ] Math &

|%-2-4i |- [3-2il 2421 |3-2-4i |- [%-2i |
1 0
Viy dép éan A théa mén, cac em c6 thé xét B,C,D d€ kiém chiing.
Cau 7: Cho s6 phttc z thda |z/>2 . Tim tich ctia gia tri 16n nhat va nho nhét caa biéu

thtec P= Zti

z

A. B.1 C.2 D.

~ =
~lw

Huwéng dan:

Céu nay chiing ta &p dung BDT vecto sau : |z,|-|z,] <|z, +z,| <|z|+|z,|

P=—Z—ﬂ=1+ —1- <P<1+ <1 1sP<1+1
z z z z [z| B
Taco|z|>2—>|‘32 =>1- 1 <1- |1|SP<1+HSI+ VaykhoanhdapanD
Z
*Mét s6 dang khac

Céau 1: Ki hiéu z,; z,; z, 1a ba nghiém cta phuwong trinh phttc z° +22° +z—4=0. Tinh gia
tri cia biéu thitc 7=|z|+|z,|+|z|-

A.T=4. B. T=4+45. C. T=45. D. r=s.
Huéng din

Cac em vao giai phwong trinh bac 3
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Math¥ MathWi Math &

H1= Hz= ha=
| -3+1.3226756561  -3-1.322875656

D€ luu nghiém X2 vao X cdc em bam R O] hién nhu thé nay la duwoc

stored to w

Sau d6 luu nghiém X3 vao Y sau d6 phai vao hé CMPLX khong duoc sang hé
COMPL khoéng la mat phén ao

fiong) (2)

CMPLY F] Math A

[ 11+1%]+1]
3

b

z—

Cau 2: Cho phuong trinh . =1(a,beR,zeC) c6 2 nghiém z =1+i/3 va z, . Tim
z

sd nguyén dwong n nhé nhét sao cho (i] la mét s6 thuee dwong,.
zZ
A . n=2 B. n=4 C.n=6 D. n=3
" Huéng dan:

Céc em ¢4 thé 1am theo ti ludn 1a thé z rdi giai tim a,b nhung d€ don gian hon thi ta
lam nhu sau :

. . 1+i\/§ "
z =1+z\/§—>z =1—1\/§—>
' ’ (L4J§]

CMPLY. Math A
[1+iﬁ§]3
1-idF
1
Véy khoanh dap an D.
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Cau 3: Cho cac s8 phirc zw thoa man |z+2-2i=|z -4, w=iz+1. Gid tri nho nhat

cua [wl la
A. %ﬁ B. 2. C. % D. 2.2.

Huéng din: C4c em CALC nhanh ra phwong trinh :

CALC 0= CALC 1= CALCi=

CMPLY & Math A CMPLY, Math A CMFLY, Math A
., .12 - [ - = - ] - ':-: -
[a+2=24 1 == 8-dib | K+2-21 | <= 8-4ib | 5+2-24 | = - | ®-4ib
-5 -4 -4
Ta ¢6 phuong trinh : 4x+4y-8=0&x+y=2->y=2-x

w=iz+1=i0+yi)+1=1-y+xi > [w|=(1-y)* + 2% =(1+x)? +x* =26 + 2x+1

| ox=Zsh =
min 2 min

1

2

Cau 4: Goi z,, z, 1a 2nghiém ctia phuwong trinh z* +z+1=0. Tinh gi trj P=z>"7 +2,27.

.Vay khoanh dap an C

A. P=1. B. P=-1. C. P=0. D. P=2.
Huwéng dan :

5

Chung ta giai ra 2 nghiém ctia phuong trinh 1a : z, = _?1 1731' nhitng dang nhw thé
nay thi no ldp lai theo chu ki vdy c4c em luu 2 nghiém vao X,Y
M CHMPLY MathVa M CMPLY B Math A CMPLY Math A

::.;:1 +-.|;1 W +-.|.-2 -;:3 +'.|.-3
-1 -1

]
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M CHMPLY 2 Math & CMPL/ Math A W CMPLY. Math &
::.:4 +'.|d'4 }55 +'|I -..l '?;:'E' +'|II'E'
-1 -1 2
O day thi thay vi tinh 2017 thi cac em tinh tai 17 vi 2017 =2000+17 , 2000 chia hét cho
4, théng thuomg cac bai toan nhu vay s6 phirc thuong lap lai véi chu ki 1 4 giong nhuw
lwong giac vay

CMPLZ 7] Math A

:;.: 17 + 17
-1
Véy khoanh dap B.
Cau 5: Cho s8 phitc z=a+bi(a,bcR) thoa man diéu kién |2 +4|=2|z| . Dit

P=8(b*-a’)-12 . Ménh dé ndo dudi déy ding ?

P=(4-2)  B.pP=(f-4)  CP=(d-4) D.P=(f -2}
Huéng din
O bai toan nay chi véi dieu kién |2* +4| = 2|z|ta khong thé giai ra duoc diéu kién cy the
do d6 ta s& chon b=+/3 —> z=a+i\/3 va tién hanh giai phwong trinh trinh im a

22 + 4| =2]7] > |¢# + 31+ 24Bai + 4 = 2Ja+ i3] > (4 1) +124° - 4(a" +3) =0

2

<—>(a2+1)2+10u2—11=0—{f =l L 4152=1+i35D

a =-11

Ngoai ra cac em cé thé chon b=2—z=a+2i

|22 + 4] =2]2| > | + 4 + 4ai-+ 4 = 2]+ 21| > a* +160° -4 (a* +4) =0
M 4 E Math :| M CMPLY Math & M CMPLY ] Math &
::';: +]_E|':.II 4- +4 ‘_ + - 2_1?‘ —_ '2 — -:|_ . +t>
forIed A e (i 12-2)" ald-nE)-12- L

R= 0 0

[

Bikiptheluc.com Bi kip CASIO coéng pha Tric Nghiém Toan Hotline: 0977.543.462




CASTQ EXPERT : Nguyén Thé Luyc - fb: Ad.theluc — Youtube :MrTheLuc95

Cau 6: Tinh tich modun ctia t4t ca céc cac s6 phitc z thoa man [2z-1|= l£+1+i

, déng
thoi diém bidu dién cua z trén mat phang toa d6 thudc duong tron cé tam I(1;1) ban
kinh R=+5

Huéng din
Nhap biéu thirc CALC 100+0,01i
- et & o @ w4
|2%-11%-|Condatr  |2%-11%-]Condace
29399, 0203
N6 sé phanra216p:

Lop x : 29399 =30000-600—1=3x —6x—1

Lopy : .0203=.02+.0003 =2y + 31>

Vay [2z-1/=[z+1+1= 3" +3y* - 6x+2y-1=0

Bay gid két hop véi phuong trinh : (x~1) +(y—1)" =5 nhéan 3 vao trdi trit phwong
trinh trén 1a ra méi quan hé x va y :

Céc em nhép vao may : 3[(x~1)2 +(y-1) -5]—(398 +3y* —6x+2y-1)
CALC: X=100;Y =001

30H-112430Y-1)%p
-5.08

Vay —(8+8y)=0—>y=-15x=0,x=2->M=145=15

Cau 7[Dé Minh Hoa 3]. Xét c4c s6 phtic z théa man |z+2—i|+|z—4-7i|=6v2. Goi m,M
lan Iwot 1a gia tri nho nhét, gid tri 16n nhét ctia |z—1+i. TiInh P=m+ M.

A P=JB+47. B.P:M. C. P=syi+ . D.p=@.
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Huéng dan:

*Céch 1: Ttr d4p an cac em c6 nhan thdy
Min ¢6 kha nang la —= 5\/— ,13,5\2 Max c6 thé 1a \/%,@

Y twéng 1a tir |z—1+i =4 ching ta rat ra b roi thé vao phwong trinh trén Solve xem c6

ton tai a khdng véi z=a+bi

Gia swr m=¥——>(a—1)2+(b+1)2 =125b=\[125-(a-1) -1 thay vao

|z+2—i|+|z—4—7i|=6\/_2‘—->\/ a+2)2+( 12.5-(a—1)" -2)2 +\/(51—4)’+(,/12.5—(a—1)2 —8)2 -632

iax+snf+tild 5-b
L-R= M

Vay ¢6 ton tai s6 phitc z d€ min la m = 532/—_% Chu y khi xét Max
Ta co

73 > —= > ~~= rasé thir s6 M =-—7~ xem c6 ton tai sO phitc nao khong ?

S N

Céc em st chtit chd 12.5 thanh 73:3 théi.

2 Math B Math

*:IE'I'[-II?E-Z-E—(?:_IP }::=::'::+.-'_J.] +lni%.&%&5

d
L-R= 0
V73 73

Nhu vay ton tai s6 phitc d€ M == >X2 vay M=+73 la dung

N

O déy anh da thir giai truc tip M =473 nhung may khéng tinh dwoc rax cé théné &
dang Bat déng thitc nén mai bi Can’t Solve nhu vay ( kinh nghiém )
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*Cach 2: Tir gia thuyét |z+2—+|z-4-7i| = 6+2.

Cho Y thay d6i r6i gidira X véi z=X+Yi

B Math [F] Math ] Math

JER+20Z4 (=102 - CH-Z+0y=-T0F oy 4Z40y-TI2 [T

Solve
Y 1 2 3 4 5 6 7 8
X Can’t -1 0 1 2 3 4 Can’t

2 bén xung quanh la n6 vd nghiém chi cé vlung tir 2 téi 7 thoi: cac em thdy quy luét la
Y-X=3->y=x+3

Do d6 |z-1+i|=1/(x=1)* +(x+4)* duing Table : Start -2= End 5= Step 0.25=
g 1%

Math
" F i)
=115 23 3.5117. 9056

- =la5 3 g2y .15

=1.8513.5531 25 yim:

T« 535533908 S. 5440035745
Xap xi dép 4n B nhé cacem.

2
b Fiu)

g
3
1]

Cau 8[Dé Minh hoa I4n 2]: Cho s6 phtic z thod man (1+2i)|z] =@—2+i .Ménh dé
z

nao dudi day dung?

A. 3<|z|<2 B. |7>2 C. |z[<—l~ D.l<|z[<§
2 2 2 2

Huwéng dan:

Céc em dung Newton - Raphson : Luu y 1a dung dé€ z dwdi mau vi né khé héi tu, cac
em quy dong lén thanh phwong trinh maéi

(1+2i)|z|=@—2+i<:>[(1+2i)|z]+2—ilz—\/1_0=0

D HEE
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CMPLY F] Math & CHPLZ Math & CMPLY, Math A

N C L i1+EiE | e
0. 3426822951-0. ¢ 1

Ciu 9[Chuyén Lam Son Thanh Héa l4n 3]: Cho s8 phttc z=a+bi(a,be R;a=0,b> 0)

Dit da thite f(x)=ax* +bx—2 Biét f(-1)<0, f(%) < ‘15 Tim gid tri 16n nhat ctia |2
A. Max|z|=2\/§ B.Max|z| =3\/5 C. Max|z| =5 D.Maxlz] =2\/g

Huéng din

f-D=a-b-250-asb+2  f( Lo, B 20 5 B e
16 4 4 16 4 4
|z|2—az+b2 (b+2)2+b2 Table be[o,z]
B Math " F(H:IIE Math
FERI=CR+2IE+E l.g

20
gl
22

Ciu 10: Cho |z,|=3)|z,|=4,|z,~2,|=+/37 tim phin thyc ctia A

ZZ
A2 B. -3 c?3 D.-3
2 2 8 8
Huwéng din

Chon zl=3i—>{ . —(16-y*)+(y-3) =37

z Ma.tEh A - EMPLV. Math & ___RMF‘LK F Math &
[16-%%) +|::;': a) —] Je—d —Zi
Y= -g 16-4 -2i -
L-R= 0 ML

Ap dung twong tw: Cho z, z, 1a cic s8 phitc thda man |z|=|z|=2 va |z —z|=+2. Tinh

1 1
—Z; +=Z,)|.
3

3

P=

Cau 11: Cho s8 phttc z thoa man diéu kién |z-1|= V2 . Tim gi4 tri 1én nhat caa

=|z+i]+|z-2-1
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A. maxT =82 B. maxT =4 C. maxT =42 D. maxT =8

Hwéng dan

e=1|=Z = (x-1) 422 =25 y= 2~ (z-1)
Tl +fz=2-i= ¥+ (1) +\(x=2) + (-1’

=\/x2+(l+m)z+\/(x—2)2+(_]+\/2—_'(x—_152‘)2

Bay gi0 cdc em trau bo dung Table: Ctt d€ khoang rong Start -9=, End 9= Step 1=

" . Math FI‘H Math
| -1 IEI'A% 1 I |3. 6855
10 o 1 g g
il 113. 6955 13 3
ERRDO ERROR

Khi duoc nhu thé nay cac em lai bé nho khoang lai : Start -1=, End 3= step 0.25=

Math
Er F Ll
E -0.25
Bl D.2513.8743

Céu 12: Cho s8 phitc z thoa man |z-1|=2w= (1+\/§i)z +2 Tap hop diém biéu dién 8
phttc w 1a dudng tron, tinh ban kinh dwong tron do
A.R=3 B. R=2 C.R=4 D. R=5
Huwéng dan
Pat u=z-1—-z=u+1
w=(1431) (1) + 20 w0 (3+-/31) = (1 Bi Ju— (3431 )| = 1431 = 4
Véay ban kinh duong tron can tim la 4

Céu 13: Cho s phirc zthéa man |z-3|=2|z| va Max |z~1+2i|=a+bv2 . Tinh a+b
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A4 B.42 C3 D

[ESHITN

Huéng dan

=?

max

|z—3|=2|z|—>(x+1)2+y2 =45|z+1=2 Dit: u=z-1+2i > [u+2-2i|=2 - |u

Cac em 8p cong thite da o6 trong séch i =R+z,| =2+2\2 >a+b=4
Céu 14: Cho s8 phttc z=a+bi(a,beR);a’ +b* >0 thoa man

(1—1‘)|z|2 +(2+2i) 2% +22(z+1) =0 .Tim gia tri chia biéu thirc F =

S S

A F=

Wl

B.F=—L C.P=—5D.F=3
5 5

Huéng dan

*Dung Newton — Raphson

foog (2 (i) OO0 () (eag) (i) 00 (=) (B (O D) (B @6 O3 (s ) (el 0 & (23 (B (D
OFE @D EIE @ 0w O A w0 # B¢ O)® 2] @6 0 A
@ RO @] OB 2 6
CMPLY [F] EMath - CMPLA ] Math
o C1=d ) IBIZ+0, JZ4iz4Ri I HE 42N
h=A =iz izizit+drezi '
@ D =HEE =) Lién tuc
CMPLY ] Math A CMPLE @, Math A CMPLY Math A
n R=y [ B s I"} <
-0, 3333333333 SR 5e9 3
-0, BREEEERRARL 5 ol S

Cécem d€ 1+i nd hoi tu vé 0 thi phai CALC th??mg khéc di nhé

Cau 15: Cho s8 phitc z théa man phuong trinh 5z° =(i+4)|z|+2(i-4) Tinh ||

A.[z[=1 B.|z|=x/§ C. lz[=2 D. |z|=\/5_>
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Huoéng din : Dung Newton-Raphson

CHPLY_ B Math & CMPLY, B Math A& cmpw.a B Math A
e SET—i4d) [F) a4 IR =2 (i-d) v BRI - Ui 44 |3
A= s ez A= T
0. e723829728+0, »

CMFLY B Math A& ’

1

Cau 16[Chuyén Vinh Ian 4]:: Cho s phitc z thda man z khéng phai 13 s6 thwe va

w=—"— la 5§ thuc. Gi4 tri 16n nh4t clia biéu thirc M=|z+1-1 1a:
+z
A.2 B.2\2 CA\2 D.8
Hwéng dan
Cac em can phét hién ra tinh chit cla z tr w= 5 z = 13 6 thue
+z
w=——5=12"-242=0 w=—"3=2-527"-2+4=0
24z 2+z
F] Math¥ B Math¥
A1= A=
1,47, 1,451
zTz 1 Ft g 1
Ddc diém chungla: [z|= 2
CHPLY Fi Math A CMPLY F] Math A
|0.5+4L5 | |0, 2544255 |

2 2
bit: z+1—i=u—>|u—1+i|=\/5—>[u[max =22
Cau 17[SGD TP HCM Cum 6]: Cho s& phirc z,z,, z, théa man
|2]V2 =|5|v2 =|z, ~2,| =642 . Tim gi4 tri nho nh4t ctia biéu thirc P =|g|+|z-z,|+|z- 2z,

A.6y2+2  B.3J2443  C.6y2+43 D.%\/2+\/§

Hwéng dan
]le\/i=[21’\/5=lzl —z2|=6\/5—>z1 =6,z, =61
P =|z|+|z—6|+|z—6i
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2

Cacemchon z=x+i—P=v1 +1+(x-6) +1+x*+5

Sau d6 cac emvéoTable Start -9= End 9= Step 1=
M.‘th 2 Math Math
2 = " F i)
FO={1+8Z +{1+ (0 TORI=EIZ +0F 4 g0 © o\oiee)
2 2l 11a14y
11. 81225259
Xdp xi dap &n C
Math &

B2+

11.5911099

L]
C6 thé em s& héi anh sao anh khong chon s8 khac & ddy em van c6 thé chon
z=x+2i,x+3i.. n6 cling ra x4p xi vi & dy chiing ta chi can l4y gan ding,

Biét bieu thwucs

z+§+2i .
2

z+§—2i
2

Cau 18 : Cho s6 phirc z thoa man
|z—2-4i|+|z-4-6i| dat gia tri nho nhittai z=a+bi (a,beR).Tinh P=a-4b

A P2 B.P=3B cp-1Dp-2
272 272
Huéng din
s P L3 . f
Nhéap vao mdy z+E—2i |z +2i roi CALC 100+0.01i
CMPLY B Math &
|9+2. 524 | %= [ 4p
203,92

203.92=(200+3)+(1-0.08) =2x+4 -8y - x=4y -2

=|z—2—4i|+|z—4—6i|=\/(4y—4)2+(y-—4)z +\/(4y—6)2+(y—6)2

Math

Fiy)
u-
nH

|
1.5 IE. unB
15. 205855552

]

y=1l->x=2—->P=-
Hotline: 0977.543.462
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Céu 19: Cho s6 phitc z théa min }z—2+2z“ =2 %z +%E—i . Tim gié tri nho nhat cta
P=|z-3|
AP =5 B.P, =3 C.P, =2 D. P, =3
Hwdéng dan:
2
Nhap ’z—;+2i’2—4§z+%z—i roi CALC 100+0.01i
CMPLY, Math AH
|%-Condarxi+2i |k
-159999, 34

Ching ta dugc 159999.84 =(160000~1)+(1-0.16) = (163 —1)+(1-16y) - y = 2*

P=|z-3/=\(x~3) +2* Table: Start-4= End 4= Step 0.5=

F] Math
7 F i)
10 «5
11 | B
12 l«512. 1041
e ZHE0STRTT

Con Update nhiéu bai hay 1am c4c em nhé vao phan Update kém sach dimg c6 ludi
nhé M
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Hinh Oxyz

Phan ki thuat Casio Oxyz cic em xem tai : http://bikiptheluc.com/sach
Cau 1: Trong khong gian véi hé toa do Oxyz, cho di€ém 4(1;2;-3) va mit phang
(P):2x+2y-z+9=0. Duong thang di qua A va ¢6 vecto chi phrrong u=(3;4;-4) cat
(P) tai B. Diém M thay ddi trong (P) sao cho M luén nhin doan AB dudi mot goc
90°. Khi d6 dai MB I6n nhat, dwong thang MB di qua diém nao trong cac diém sau?

A. J(-3:2;7). B. H(-2;-1:3). C. K(3;0315). D. 1(-1;-2;3).
Huwéng dan:

Tim nhanh cac dit kién nhw sau :

B Hath
X143t §E1+3}213+2(2+4:?&’.)b
(@):1 y=2+4t »B=(d)(Q)=(-2,-21) e %' |
z=-3-4t

AB? = AM* + BM* nén BM 16n nhat khi AM ngan nhat hay M 14 hinh chiéu ctia A 1én (P)
ttr d6 c6 tim dwoc M(-3,-2,—1) Nhin 4 dédp én khoanh D vi y, =y, =-2

Math &
20 1HZRI+2 24280
= -2
L-F= I

Ciu 2: Trong khong gian v6i hé toa d6 Oxyz, cho mét cau
(8):x*+)* +2* —2x+4y—4z+7=0. Tim toa d6 di€m M trén mat cau (S) sao cho khoang

cach tir M dén truc Ox 13 16n nhat.

A. M(0;-3;2). B. M(2-2;3). C. M(;-11). D. M(1;-3;3).
P Huéng dan giai
N Mit cau (S) ¢6 tdm I(L-22) va ban kinh la

R=A1+22+2°-7=42.
]

" (Ox)
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Goi A la hinh chiéu ctia 7(1;-2;2) 1én Ox nén H (1;0;0).

d(I,0x)=1IH =\|(-2)" +2* =2y2>R nén khoing cich tt M dén truc Or la 1ém
<:>ﬂ=£=i5-—=l va IM, IH ngroc huwéng (xem hinh)
IH IH 22 2
x,—1=0

@ﬁ?=—%ﬁ = +2=—%.2 < M(1;-3;3)>D
1
z,-2= —5(—2)

Huéng dan gidi nhanh : Dau tién ki€ém tra M thudc mit cau thi ca 4 diém déu thudc
Goi M(a,b,c) c6 hinh chiéu 1én Ox la H(a,0,0) khoang cdch M t&i Ox 1a MH =+b* +¢?
chting ra kiém tra thi thdy M (1;-3; 3) cho KQ 16n nhat
Céu 3: Trong khong gian véi hé toa 40 Oxyz cho hai di€ém 4(6;-3;4), B(a;b;c). Goi
M, N, P lan luot 12 giao diém clia dwong thang 4B véi cdc mit phang toa d6 (Oxy),
(Oxz) va (Oyz). Biét rz‘“mg M, N, P ndm trén doan 4B sao cho AM =MN = NP=PB, khi
do gid tri cta tdng a+b+c la:

A.11. B. -11. C.17. D. -17.
Huéng dan
Me(Oy)=>M(x,;3,,;0)  Ne(Oxz)= N(x;0;z,) Pe(Oyz)= P(O;yP;zp)

Ttr gia thiét 4AM =MN =NP=PB suy ra m:%@:0—4=%(c—4)<:>c=—12
AB= N la trung diém 4B :>yN=yA—J2ryB¢:>O=?<:b=3

ﬁ=%AB:—6=%(a—6)©a=—2 Vay a+b+c=-11.

Cau 3: Trong khong gian v6i hé toa d6 Oxyz, cho mit cau
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(8):(x=2) +(y=1) +(z=1)" =9 va M(x,;¥0:2,)€(S) sao cho A=x,+2y,+2z, dat gia tri
nhé nhét. Khi d6 x, +y, +z, bang
A. 2. B. -1. C. -2. D.1.

Huéng dan

Tachd: A=x,+2y,+2z, < X, +2y,+22,—A=0 nén M e(P):x+2y+2z—-A=0,do d6 diém

M la diém chung ctia mét cau (S) véi mat phéng (P).
Mit cdu (S) c6 tam 1(2;1;1) vaban kinh R=3.

Ton tai diém M khi va chikhi d(7,(P))<Re—=
Do d6, véi M thudc mit cau () thi A=x,+2y,+2z,>-3.

Déu dang thitc xay ra khi M 1a tiép diém ctia (P):x+2y+2z+3=0 v6i (S) hay M la

Xo+2y,+22,+3=0 t=-1

) A A X, =2+t x, =1
hinh chiéu ctia 7 1én (P). Suy ra M(x,;y,z,) thoa: {* =
yy=1+2t yp=-1
ZO=1+2f Zoz—l

Viy =>x,+y,+z,=—1—B.
Cau 4: Trong khong gian véi hé toa dd Oxyz, cho ba di€ém 4(3;1,0), B(0;-1;0), C(0,0,—6)
. Néu tam gidc A'B'C’ thda man hé thitc 4’4+ BB+C'C=0 thi toa d6 trong tdm ctia tam
giacdola

A. (10;-2). B. (2;,-3;0). C. (3;-20). D. (3;-21).
Huéng dan
Tacé: A4 +BB+CC'=0 (1) < (4G +GG+Gd)+(BG +GG+GB)+(C'G'+GG+GC)=0.
@(@2+@+5@)+(E+ﬁ+6@7)+35’—5=6 (2)

Néu G, G' theo thi ti Ian luot la trong tdm tam gidc 4BC, A'B'C' nghia la
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Tém lai (1) 1a hé thitc cin va du dé€ hai tam gidc 4BC, A'B'C' ¢6 cing trong tam.
Ta c6 toa d cua G la: G=(1;0;-2). Vay khoanh A.

Céu 5: Trong khéng gian véi hé toa d6 Owz, cho diém M(2;1;1) va mit phang
(a):x+y+z-4=0 va mat cau (S):x*+)*+z*—6x—6y—82+18=0. Phrong trinh duong
théng A di qua M vanam trong (a) cit mit cAu (S) theo mét doan théng c6 dd dai
nho nhat la:

A. = —_2 == B.

x-2 x=2

1 -1

C x-2 y-1_z-1 D x-2 y-1_ z-1
T 1 T

Hwéng dan

Mt cau (S) c6 tdm 1(3;3;4) va cd ban kinh R=4.

M =\(3-2) +(3-1) +(4-1) =T4<R

= M nim trong mét cau (), nén moi duodng théng A qua M déu cit mit cau (S) tai
hai di€ém 4, B phén biét. D€ 4B nho nhét thi khoang cach tir 7 dén A 16n nhét,
khoang cach nay lén nhat khi 77 L A. '

- A uln o
Goi VTCP ctia A 13  ta cé:{ C(“):{i’ % ==, M |=(5-21)
A LM ul M
Duong théng A qua M(Z;l;l) va c6 VICP §=(l;—2;1) la —=—=T.

Cach khac: 4,7, =0 = chi c6 dép 4n A théa.
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Cau 6: Trong khong gian véi hé toa dd Oxyz, cho dudng thang d: =

phing («) chita dudng thing d sao cho khoang cach tir O dén (o) dat gid tri 16n

x—4 y-5 z _ .
== == mat
2 3
nhét. Khi d6 goc gitta mat phang () va truc Ox 1a ¢ théa man:

1 1 2 1
A. sinp=—=. B. sinp=—. C.singp=—=. D. sing=—.
N =5 Y735 N

Huwéng dan
DPuodng thing d 6 VTCP u =(1;2;3)
Goi H la hinh chiéu cua O 1én 4, K la hinh chiéu cta O 1én (a) ta cé:

d(0,(a))=OK <OH = d(0,()) 16n nhat bang OH khi K = H.Khi d6 () chtta d va
nhan n=0H 1lam VIPT.  Hed= H(4+55+21;31)= OH = (4+1;5+21;31)

Vi OH Ld=OHu=04+1+2(5+2t)+33t=0141+14=01=-1 = H(33;-3),
OH =(3;3;-3).

IO 7 ] 3 !
Truc Ox c6 VICP i=(1;0;0) smgo=ﬂ

i-|5|=\/i_\/32+32+(—3)2 B

Cau 7: Trong khong gian véi hé toa dd Oxyz, cho diém 4(1;-1;3) va hai dudng thang

]:xT—4=y7+2=z__—21/ 2-:x;2=—y£;—1=ZT_1.Vié't phuong trinh duwong thang 4 di qua
diém 4, vudng géc véi duong théng d, va cit duong thang d,.
A g Xyl z=3 B. g Xty _z=3
4 1 4 2 1 3
C d{_—_l_y_-l—l:Z_—?}‘ D d:x—1=y+1=z—3
2 -1 -1 -2 2 3
Huéng din

Giastt dnd, =M = M(2+t;-1-t;1+1) AM =(1+t;—1;t=2) d, c6 VICP u, =(1;4;-2).
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dLld < AMu =0 1+1-41-2(1-2)=0-51+5=0o1=1 = AM =(23-1;-1).

Puong thing d di qua 4(L-1;3) ¢6 VICP 4M =(2;-1;-1) c6 phwong trinh la:

Cau 8 : Trong khong gian véi hé toa d0 Oxyz, cho bon diém 4(6;0;6), B(8;—4;-2),
C(0,0;6), D(L:1;5). Goi M (a;b;c) 1a diém trén dudng thing CD sao cho chu vi tam giéc
MAB nho nhat. Khi d6 a—b+3c c6 gia tri bing

A. 24. B. 0. C. 10. D. 26.
Huéng dan
xX=
CD=(1;1;-1) Duong thing CD ¢6 phuong trinh: {y =1
z=6-t

M eCD nén M(t;1;6-1).Ta cé chu vi AMAB bﬁng: MA+MB+ AB. Do d6 chu vi nho nhat
khi va chi khi P= M4+ MB nhé nhat.

MA=\37 121436 =[3(1-2) +24 , chon u=(B3(1-2);246)

MB =3 24 +144 = [3(1-4) +96, chon v=(~V3(1-4);446)

Ta c6: u+v=(23:6¥6) va P=[u +|]2[u+3]=[(25) +(6V6) =2457
VB(-2) 26 _ 8

D&u “=" xay ra khi vakhi u, v cinghuéng & —=——L =2 o1 =2,

—3(1-4) 46 3

Suy ra: M@;%;?) Vay a-b+3c=10.

Cau 9: Trong khong gian véi hé truc toa d6 Oxz, cho méat cAu(S):x*+(y—4)’ +2° =5

.Tim toa d6 diém 4 thudc truc Oy, biét rr?mg ba mit phfxng phan biét qua A ¢6 cac
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vecto phép tuyén lan luot la cac vecto don vi ctia cac tryc toa do cit mit cau theo thiét
dién la ba hinh tron c6 tong dién tich 1a 11z

A(0;2;0) A(0;0;0) A(0;6;0) A4(0;2;0)
"1 4(0,6,0) "1 4(0:8,0) "1 4(0,0;0) "1 4(0,8,0)
Huwéng din
M3t cau (S)cd tm I(0;4;0) ban kinh R=+/5
(a):x=0
Goi A(0;a;0).Ba mit phing theo gia thiét di qua 4cd pt lan luotla (a,):z=0
(&):y—a=0

Vi d(I;0)=d(I;e,) =0nén mit cau (S)cat ();(a,) theo giao tuyén la dwong tron 16n c6
ban kinh R =+/5.Dién tich hai hinh tron d6 1a S, +5, =27R* =107

Suy ra mdt cau (S) cit (a,) theo giao tuyén 1a 1 dudng tron c6 dién tich twong tng
S,=m

Bén kinh duong tron d6 1&: r,=2=1 d(l,a,)=|4-a|=IH Tacé:

Va

s s a=2_[4(0;2;0)
IH* +1} =R = IH =|4—d|=2—

a=6 A(0;6;0)

Cau 10: Cho hinh chép S.4BCD c6 A(1;0,0), B(-1;1;-2),C(-2;0~3),D(0;~1;-1).Goi H la
trung diém CD , SH 1 (4BCD). Biét khdi chdp cé thé tich bang 4. Ki hiéu toa d6 cua
diém S 1a S(xy;¥52),%, >0.Tim x,

A. x,=1. B. x,=2. C. x,=3. D. x,=4.

Huéng din

Ta cé AB = (=2:1;-2), AC = (=3;0;—-3), AD = (L;=1;—1) [TB, A—CJ = (-3;0;3),[2:,@] =(=3;0;3)

S s = Ssc +Sucp = %‘[ZB,Z&]} + %‘[%,E]‘ = %\/(—3)2 102430+ % JE3P+07 43 =342
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H(_i;—%;—zj Duong cao SH di qua H vanhén [Z&’,R‘J lam VTCP nén cé phuong
x=-1-3¢
trinh y=—% SeSH:S(—1—3t;—-;—;—2—3t)

z==-2+3¢

DK: —1-3t> 01 <—% = SH = [(5317 + (=31 =3[f|\2

V=§SH.SABCD:SH= V34 o5 3|r|\/§=2\/§:>t=—§:>S(l;—%;0j

SABCD 3 \/5

Cau 11: Trong khéng gian vé6i hé toa do Oxyz, cho mit phang (P):x+2y+2z-1=0,
diém 4(2;1;5). Mat phang (Q) song song véi (P), (Q) Ccat cac tia Ox,0y I4n lwot tai cac
diém B,C sao cho tam gidc 4BC cé dién tich bé”mg 55 . Khi d6 phuong trinh nao dwdi
déy la phuong trinh ctia mit phang (Q)?

A. (0):x+2y+2z-4=0. B. (0):x+2y+2z-6=0.
C. (0):x+2y+2z-3=0. D. (Q):x+2y+2z-2=0.
Huwéng dan

(P) song song véi (Q), nén mit phang (0):x+2y+2z-c=0, (c=1).
Giao diém ctia (Q)va tia 0x1a B(c;0;0). Giao diém cua (Q)va tia 0yla C(O;%;OJ;c >0
AB =(c-2;-1;-5); BC = (—c;E;OJ, [ZE,F@] =(5—C;56;£—26].
2 2 2
Dién tich tam gidc 4BC bang 5v/5 nén

a5 oy (-5 s
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Cau 12: Trong khong gian voi hé toa dd Oxz, mit phing (P):ax+by+cz+d =0 (voi
@ +b*+c*>0) di qua hai diém B(1;0;2),C(-1;-1;0) va cach 4(2;53) mét khoang lén

nhét. Khi d6 gié tri cia biéu thite F = Z*; 1a
+
3 2 3
1. B. =. C. -=. D. -=.
A 4 7 2
Huéng din
x=1-2¢
BC =(-2;-1;-2). Phuong trinh duong thang BC:{y=—t
z=2-2t

Goi I1a hinh chiéu vudng gbc ctia 4 trén BC, H 1a hinh chiéu vudéng goc cua 4 trén
mit phang (P). '

Ta c6 AH =d(4,(P))<4l. Do d6 AH dat gié trj 16n nhét khi H =1, khi d6 mit phing
(P)qua I va vudng goc voi Al.

I e BC=I(1-26;-1;2-21), Al =(1+26;5+1;1+21)

Al L BC < AIBC=0&—2-4t-5-1-2-4t=0&1=-1.

Mat ph:fmg (P)qua 1(3;1;4) c6 mot vecto phap tuyén la Al = (-1;4;-1).

Phuwrong trinh mit phang (P):x—4y+z-3=0 Vay F= Z:; =—%.

Cau 13: Trong khong gian véi hé toa d6 Oxyz, cho hai diém 4(1;1;0), B(-1;0;1) va difm

M thay d8i trén dudng théng d:f:y—‘llﬁT‘l. Gi4 tri nho nhét ctia bidu thic
T=MA+MB la

A. 4. B. 2\2. C. 6. D. 3.
Huéng dan
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x=t
Phuong trinh tham s8 ctia duong thang d:{y=1-1.
z=1+t

Do Med=M(t;1-1;1+1).
Khi d6 MA=(1-1;t;~1-1)= MA=3"*+2 va MB=(~1-1;-1+1,~1)= MB=~31+2.

Do vy T=MA+MB=23*+2>2J2.Suy ta T,

min

=242 khi r=0= M(0;1;1).

Cau 14: Trong khong gian vdi hé toa d6 Oxyz cho ba diém 4(0;1;1); B(1;1;0); C(1,0;1) va
mit phang (P):x+y-z-1=0. Diém M thudc (P) sao cho Md=MB=MC. Thé tich khoi
chép M.A4BC la

AL B.
6

D.

M| —
O | —
W | =

Huéng din
Goi difm M(x;y:z) .
Vi diém M thudc (P) sao cho M4 =MB=MC nén

Me(P) x+y—-z-1=0
MA=MB < {x*+(y-1+(z-1"=(x-1)"+(y-1)*+2°
MA=MC |x*+(y-1’+(z-1)=(x=1+y*+(z-1)
x+y-z-1=0 x=1
<3x—z=0 Sqy=1=> ML
x—y=0 z=1

e G0N R0 g
MC = (0;1;0) = M4, ME | MC = -1 6 6

Cau 15: Trong khong gian vi hé toa do Oxyz . Viét phuong trinh mét phéng (P) di qua
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diém M (1; 2;3) va cit cac truc Ox, Oy, Oz an lrot tai ba di€m 4, B, C khéc véi gbc

toa dd O sao cho biéu thitc —+ ! —+—— €0 gia tri nhé nhét.
04~ OB° 0OC*

A. (P):x+2y+3z-11=0. B. (P):x+2y+3z-14=0.
C. (P):x+2y+;—14=0. D. (P):x+y+z-6=0.
Huéng dan

Cach 1:

. . o1 1 1 1 1

Goi OH L (4BC) tai H.Tacd: —+—+—s=—352—7.
04~ OB- OC* OH" OM

Déu “=" xay ra khi va chi khi =M.

Do dé: [L+ L j -1 ki (P) di qua diém M(123) 6 VIPT

o4 O0B*> ocC’ oM?
OM =(1;2;3)
Vay (P) c6 phuong trinh: (P):x+2y+3z-14=0.
Cach 2:

Gia st 4(a;0;0), B(0;5;0), C(0;0;¢) voi abc#0.
Phuong trinh doan chén cia mit phéng (P) 1a £+%+£ =1.
a c

Vi (P) di qua diém M (1; 2; 3) nén ta c6 phirong trinh l+%+-3-=1 (1).
a c

1 1 1 1 1 1
Tacd: —+—F+—F=>5+5+75-
04" OB OC° a b ¢

Theo b4t ddng thizc Bunhiakopxki ta cé: 1,23 14(%+i+—12-] .

a b c a b c
suy ra i,+—1;+i,2£,dé{u "="xay rakhi a=2b=3c (2).
a b =14
a=14
Tt (1) va (2) suyra b=7 .
14
c=—
3

Vay phuong trinh mat phang (P) can tim la: x+2y+3z-14=0.
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Cau 16: Trong khéng gian Oxz, goi (C) la dudng tron giao tuyén ctia mit phang
(P):3x+2y+3z=0 vamit cdu (S):x*+)*+2z*-2x-2y—4z=0. Phuong trinh ciia mit cau
chtta duong tron (C) va di qua diém 4(1;2;-1) la

A X+ +22 +5x—4y—-7z=0. B. X+ )"+ 27 +4x+2y+2z=0.

C. X*+y" +22=5x—4y-7z=0. D. ¥ +y*+2°=Tx—z=0.
Huwéng din
Cach 1:

Phuong trinh mét cau (S,) qua giao tuyén cila mét phang (P):3x+2y+3z=0va mét
cau (8):x*+)y*+z°-2x-2y—4z=0 c6 dang: x> +y* +2z> - 2x-2y—4z+m(3x+2y+3z)=0

o +y +22+(3m=-2)x+(2m—-2) y+(3m—-4)z=0.
Ma A(l;2;—1)e(Sl):lz+22+(—l)2+(3m—2).1+(2m—2).2+(3m—4)(—1)=O<:>m=—1.
Véy phuong trinh mét cdu (S,): x> +)* + 2> -5x—4y-7z=0.

, . 3x+2y+3z=0
Cach 2: Phuong trinh (C):5 , ,
X +y +z°-2x-2y-4z=0

Ta céd O(O;O;O),K(—I;O;l),B(O;—E;i e(C).
13713
Phwong trinh mét cau (S,):x* +y* +2z° —2ax-2by—2cz+d =0 di qua cac diém O,K, B, 4

:>a=—,b=2,c=%.Véy (8,):x*+y* +2° —5x—4y—-Tz=0.

Phéan Oxyz nay cac em xem ¢ File Update sé c6 nhiéu ki thuat Casio hon, do thoi gian
kha gap anh chwa viét duoc nhiéu cac em chiu khé xem trén file Update nhé.
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Luyén Hinh Hoc Khong Gian Hay va Khé
Cau 1: Cho hinh chép S.ABC ¢6 4B=a, AC=2a, BAC=60°, SA L (ABC) va SA= a\3.Béan
kinh R ctia mit cAu ngoai tiép hinh chép S.4BC bang

a55 a7

A R=—H—. B. R=—. C. R=
6 2

D R:"‘/l_1

a\/10
5

Huwéng dan.

Ta c6 BC =+ AB* + AC*~2A4B.AC.cos A=a3 .

Goi O 14 tAm dudng tron ngoai tiép A4BC va A L(4BC) tai O.

Trong mat phéng (84,A), duwong trung triec ctia S4 cit A tail.Ta cd11a tAm mit cau
ngoai tiép hinh chép SABC . Goi r 1a ban kinh dwong tron ngoai ti€p A4BC, ta c6
r=A40 . Ap dung dinh ly sin trong A4BC ta c6

2 2
?C =2r:>AO=r=a:>R2=r2+&=ﬁ-:R=ﬂ.
sin 4 4 4 2

Cau 2: Cho hinh chép S.4BCD cé ddy la hinh chit nhdt, 4B=2a, BC=a, hinh chiéu

N

cha S 1én (4BCD) 1a trung diém H ctia4D, SH =§. Dién tich mét cdu ngoai tiép

hinh chép S.4BCD béng bao nhiéu?

2 2 3 2
A dra . B. 167a . C. dra . D. 167a .
3 9 3 3
Huwéng dan
R//.,_—\ = = 2 2
N Taco: HD=<, S4=SD=\SH" + HD* = %_+a7="'

Goi Ola tdm hinh chit nhat 4BCD. Dyng duong thﬁng
A qua O va vudng géc mit phang (4BCD). Suy ra A la
truc duodng tron ngoai tiép hinh chit nhat ABCD.
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Tam giac S4D déu canh b‘énga .

Goi G 1a trong tAm tam gidc S4D . Dung truc duong tron ngoai tiép tam gidc SAD cat A

o5

tai 1. Suy ra /la tim mat cau ngoai tiép khdi chop S.4BCD. SG = —SH =—

2

2
IG=HO=a. R=IS=+IG*+SG* = a2+%=2‘fa.vay S=4ﬂ2=4n[23ﬁ] _Lona”

3

Céu 3: Cho hinh chép S.4BCcé day la tam gidc déu canh bang 1, S4 vudng goc véi
déy, goc gitta mat bén SBC va ddy bang 60°. Dién tich mit cau ngoai tiép hinh chép
S.4BC bang bao nhiéu?
3
437r B 437 C 437 D 4ra .

A — . . . . .
4 36 12 16

Ta cé: AM =

G la tAm duong tron ngoai tiép tam giac ABC. Dung
duong thang A qua G va vudng gbc mat phang (4BC).

Suy ra A la truc dwong tron ngoai tiép hinh chép S.4BC.

Goi J 1a trung diém S4. Trong mit phang x4c dinh béi hai dwong thang S4 va A ké
duong thang trung truc ciia doan S4 cat A tai 7. 7 1a tAm mat cAu ngoai tiép khai
chép S.4BC.

((SBC),(4BC)) = SMA=60°.

Tam giadc SAM vudng tai 4: tanSAM——SA:SA—ﬁx/g:i. =343
AM 2 2 2 4
AIAGvudng tai J:R=I4=\IG* + AG* = J4* + AG = %+§ =%
G a4 12 BT
144 127
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Ciu 4 Cho ling tru déu ABC.A'B'C' canh ddy bang a. Khoang cach tr tim O cua
AABC dén (4'BC) la % Thé tich khéi ling tru déu 4BC.A'B'C' la
3a°\2 32’3 C 322 2B

. = .

4

A. . B. D.

16 16

Goi O la tdm, N la trung diém BC, M la hinh
chiéu cia 4 1én 4'N . Khi dé ta c6

d(O,(A’BC))=%:> AM =%.

Trong A4AA'N vudng nén ta co

1,+ 1,= 1,W:A’A=a\ﬁ
AA”  AN®  AM- 8

azxfga §=3a3\/§

4 8 16

!
suy 1a Ve spe = Spapc-A4'=

Chu 5: Hinh tru c6 ban kinh bang a. Goi 4B, CD la hai duong kinh cta hai d4y sao
cho AB 1 CD. Thé tich khéi tru d6 bang bao nhiéu khi 4BCD la ti¢ dién déu.

A. %na3\/5. B. na3\/§. C. 2. D. %nasx/g.

Huwéng dan

Vi ABCD 1a tit dién déu nén chiéu cao cta hinh tru #=00'
Ta c6: 4A0=a; A0 =\AC*—O0'C* =a\3. Suy ra:
00 =NOA* - 40* =a\2 .

Vay ¥V =nR’h=na’\2.
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Céu 6: Cho hinh chop S.4BC c6 ddy ABC la tam gidc vudng tai 4, 4B = a3,AC =a, tam
gidc SBC 1a tam gidc vudng can tai dinh § va ndm trong mat phing vudng goc véi
mét phéng (4BC). Tinh khoang c4ch gitta hai duong théng SB va AC.

N B, 21 C. #

. . D.
7 7

2a\/i
a—

Huwéng dan
Vé BD//AC = ABCD la hinh chit nhét
= d(AC;SB)=d(AC;(SBD))=d(C;(SBD)) (1)

Dé thdy, H 1a trung diém ctia BC (2)

Tix (1) va (2) = d(C:(SBD))=2d(H;(SBD)) (3)
Goi E la trung di€ém ctia BD va K la hinh chiéu cua H lén SE.

Khi d6 HK =d(H;(SBD)) (4)

Tir (1), (3) va (4) = d(AC;SB)=2HK (5) . Mit khéc, SH:%BC:a va HE:%AB:%

2
Trong tam giac vudng SHE, c6 ! > = 1 =+ 1 - =l,+ 2 =i7
HK* SH®* HE* & \a3) 3d°

2a\/ﬁ

a2l 6) T (5), (6) = d(AC;SB)= =

7

= HK =

Cau 7: Cho hinh chép S.4BCD c6 ddy 4BCD la hinh vudng canh a, hinh chiéu ctia S

1én mit phang (4BCD) trung vdi trong tAm clia tam gidc 4BD. Mt bén (S4B) tao véi
ddy mot géc 60°. Tinh theo a khoang cach tir C dén mit phang (S4B).

A B B. 42, c o D. 2.

6 3 2 2

Huéng dan
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V& HK L 4B (1).

Do SH 1 (4BCD) = SH 1 4B (2).

Tir (1) va (2) = 4B L(SHK) = ABLSK (3)

Tir (1) va (3) = ((S4B);(4BCD))=(KS;KH )= SKH =60°

Dé thdy AKAH ~ AOAB(g-g)

KH _AH _ .. _AHOB
OB~ 4B AB

2a\/5 a\/i
372

AH=ZAO=— =—
° (5)  Tu(4)va(s) :KHz%.

(4)

Do 3

OB:a;/E;AB=a

Vi AHKS vubng tai H = SH:KH.tanSKH=§~tan60°=———

&ile

, 1 l a , &
Do d6 Vs ysep = ESH‘SABCD = 5'7‘3_‘0_ = m (6)

Mt kKhac ¥y juep = Ve = 2%d(C;(SAB)).SSAB = d(C3(S4B)) =__._3'2V e (7)

S4B
2 2 2
Trong d6 S,,, = %AB.SK = %AB.\/HKZ +SH? = %a. /(g] +(%j -2 ()
D

& & a3
-

3

T (6), (7) va (8) = d(C;(S4B))= :

N w

&

Cau 8: Cho hinh chép S.4BC c6 S4.1(ABC),SA=2a. Biét tam gidc ABC can tai 4 c6
BC=2a\2, cos ACB= % tinh dién tich mjt cau ngoai tiép hinh chép S.4BC.

2 2
A. S=6SZ" . B. S=137d". C. S=97Z" ) D. S=4zd*.
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Huéng din

Goi M la trung diém doan BC.

cosACB=%=%:>AC=3a\/5:> AM =4a = 8, ;. = 4a*\2

Goi tdm va ban kinh dwong tron ngoai tiép A4BC 1a I, r.

Goi tim va ban kinh mat cau ngoai tiép hinh chép la 0, R.

ABBCCA _9a _
ASupe 4

Tacod: r= IA.

> 2
Tacd: R=OI* +14* = [%] +r? =a\{19_7 Véy Smc=4ﬂR2=97Za .

Cau 9: Cho hinh chép S.4BC, tam gidc 4BC vudng tai dinh 4, 4B =1(cm), AC =3 (cm).
Tam gidc SAB,SAC Tin luot vubng tai B va C. Khoang cach tir C d&n mit phang

(54B) bang —\—/2-_3-(0111). Dién tich mit cau ngoai tiép hinh chép S.4BC bing

A. —5::—[-(5';112). B. 207r(cm2). C. Sfﬂ(cmz). ~ D. Sn(cmz).

Huéng dan

Goi I la trung diém cua S4 =I4=IB=IC=1IS =1 la
tdm m4t cau ngoai tiép hinh chép S.4BC.

Goi E,H lan luot la trung diém ctia BC, 4B
Tacd: ABL AC=FI 1 AB,AB 1 SB=IH 1 AB
= 4B L (IHE)= (S4B) L (IHE)

Ké EK L IH = EK 1 (SAB)
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d(C.,(s4B)) 3

:EK=d(E,(SAB))=—2——= 2

Do AIBC cantai I =IE 1 BC
Ma IE L AB = IE 1 (ABC)=IE L EH

Xét AIHE vudng tai E :%=%+%:%=—1—7— 12=16 44
EK® EH® IE IE-~ EK° EH 3 3

= IE? =%:1€2 =IE*+EC? =% =8, =47R* =57
Ciu 10: Cho ling tru ding ABCA'B'C'cé day la tam gidc vudng can dinh 4,
AB=AC=a, A4 =a2.Dién tich mat cidu ngoai tiép tit dién 4'BB'Cla

2
47;41 . B. 4r4°. C. 1274%. D. 4374

A,

Huéng din
M3t cdu ngoai tiép tit dién 4'BB'C cling la mat cau ngoai tiép lang tru dung 4BC.4A'B'C'

Goi 7, I'lan lwot 14 trung diém ctia BC va B'C'. Do tam gidc ABC vudng can dinh 4

nén trung di€ém Octia II'la tim mat cau ngoai tiép lang tru dung ABC.A'B'C'.

Béan kinh mit cAu la R= %x/BCz +C'C? = —;-\/2612 +24* =a. Dién tich mit cau la 4za°.

Céu 11: Cho hinh chdp S.4BC c6 day ABC la tam giac déu canh a, mat bén S4B la tam
gidc déu va nim trong mit phing vudéng géc véi mit phang ddy. Tinh thé tich caa
khdi cau ngoai tiép hinh chép da cho.

JNELCRIES e (Y c. 4ma3 D. 374

18 54 27 3

Huwéng dan gidi
Goi M la trung diém 4B, G, K lan lwot 1a trong tam tam gidc 4BC, SAB.
Ta co:
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(S4B) L (4BC)
(S4B)(A4BC)= AB} = SM L (4BC)
SM 1 4B

Dung 9, d' I4n luot 13 truc dudng tron ngoai tiép tam gidc

ABC, SAB suyra d L(4BC) tai G, d' L (S4B) tai K.

Goi I=dnd' suyra IS=I4=IB=IC, nén I la tdm ctia mat B

cau () ngoai ti€p hinh chép va cé ban kinh 1a IS. Ta c6 GMKT la hinh chit nhat
1o _afl gy 2af5_ofs

=>KI=GM=-"2="0 K=
32 6, 32 3

Do d6 IS =+/SK?* + KI* =a‘£§ . Vay Vs) =§,,R3

B 5a°\15

54
Cau 12: M6t hinh tru ¢6 hai ddy la hai hinh tron tam O, 0’ va c6é ban kinh r=5.
Khoang cach gitta hai ddy 1a 00’ =6. Goi () la mit phang qua trung diém ctia doan

00', cét hai day cua hinh tru va tao véi duong théng 00" mot goéc 45°. Tinh dién tich
S ctia thiét dién tao v4i mat phéng (a) vahinh tru.

A. S=242. B. §=36. C. §=36\2. D. S=48/2.
Huwéng dan
Ta ¢6: Thiét dién la hinh binh hanh 4BCD
nhéin 7 lam tam.
Goi £ la trung diém ctia 4B . Ta c6: OE L 4B
Goi OH LIE tai H . Suy ra: OH 1(a) nén
OIE=45" 3 [E L AB. Suy ra:

OE=10=3, IE=3\2 , AB=24E =8,

Vay S=S 0 =4S, = 4%.JE.AB =232.8=48\2
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Céu 13: Cho hinh lang tru ding ABC.A'B'C' ¢c6 4B=1,AC=2, BAC=120°. Gia st D la
trung diém ctia canh CC' va BDA' = 90°.Thé tich ctia khéi lang tru 4BC.A'B'C’' bang

A. T3, B. VI3, c. V5. D. 335,

2

x B o
Huoéng dan

BC® = AB® + AC? —2AB.AC.cos BAC=7 = BC=+/7.

2 2
Dat 44 =h = BD2=%+7,A’BZ=h2+1,A’D2=%+4.

Do tam gidc BDA' vudng tai D nén A'B>=BD* + A'D* = h=25.
Suy ra V =+/15.

Cau 14: Cho khéi chdp S.4BC b SA=2a,SB =3a,SC =4a, ASB=SAC=90° va BSC=120".
Khoang cach tlr diém C dén mit phang (S4B) bang

A. 2a\2. B. aV2. C. 20;/5. D. 3aV2.

Hwéng din
Trén cac canh S4,8B,SC Ian luwot 14y

M.N,P sao cho SM =S8N =SP=a.Ta cé:
MP=a, MN = aN2,NP = a3 . Suy ra AMNP
vudng tai M. Ha SH vudng goc véi mp
(MNP) thi H la trung diém cua PN ma:
2 2

a
SH =5 = Vs anp TR

Samvp =

Voo _SM SN SP_ 1

Mit khac:  —SM47F - = Vs pcp =20° V2. Swec = 34’

S.ABCD

SA SB SC 24
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A 3
Vay: d(C,(S4B))= Vsupco _ M =2a\2.

2
ASAB 3a

Cau 15: Cho hinh chép S.4BCD c¢é ABCD la hinh thoi canh a,S4=SB=SC=a. Thé tich
1én nhét ctia khéi chép S.4BCD 1a

3 3 3 3
A3 B. L. c.L. D. <.
8 2 8 4

Huwéng din

Ké SH 1 (A4BCD) tai H = H 1a tam dudng tron ngoai tiép A4BC .Ma A4BC cén tai B
va AC L BD= H € BD. Goi O la giao diém AC va BD.

Ta cé: OB* = 4B* —O4* =a* —(S4* - SO* ) = SO = SO = OB = 0D = ASBD vudng tai S.

= SH.BD=SBSD=V = %SH.SABCD = %SH.%AC.BD = %SB.SD.AC = éa.A C.SD

Lai c6 SD=+/BD*-SB*> =\/BD*—a* .

Ma AC=204=2JAB* 0B =2, fal—Bf _ 42’ —BD".

=7= %“-\/4& “BD*\BD - < % (4a” - BD’ );(BDZ -d’)

a3
4.

Céu 16: Cho hinh tru cé cdc day la hai hinh tron tim O va O', ban kinh day bang
chidu cao va bang 4cm. Trén duong tron déy tam O 1dy diém 4, trén duong tron day
tim O' 1dy di€m B', sao cho AB=4+3em. Thé tich khi tt dién 4BOO' 1a

A. gcm3. B. 32cnm’. C. 64cnr’. D. %cm3.

J

Huwéng dan
Tam gidc 040 vudng can tai 0 =0'4=4/2.

Tam gidc O'4B c6 AB*>=0'B*+0'4’

= AO0'4Bvubng tai 0' = OB L A0’
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Lai c6 00' LOB = O'B 1(040').
Tam gidc 040" vudng can tai O = S,,,, =8(cm’)

1

' 32
:VB.OAO’zg'OB'SAOAO'z 4_8=_(cm3)

1

3 3

Cau 17: Cho hinh chép S.4BCD c¢6 day 1a hinh vuéng canh a, mat bén S4B la tam giac
déu, mit bén SCD la tam gidc vudng can dinh §. Thé tich khdi chép S.4BCD la

3 3
A Y32 B, 30
6 12
3 3
c = p. 3¢
6 4
Huéng dan

Goi M, N lan lugt 1a trung diém caa 4B,CD .Do
AB L (MN;SM)=> AB L (SMN)

B

Ta c6 (SMN) L (ABCD) nén hinh chiéu H cua S 1én mp. (4BCD) thugc MN.

2 2
SM=“—2@, SN=%, MN=a. SM2+SN2=(G—\2/-§-J +(§) =a® = MN® nén tam giac SMN
vudng tai S.
a\/g a
av3 a \
SH.MN = SM.SN = sH =SSN _ 2 2 =f4—*/§ V=§-SH.SABCD =%¥.g2 ="1‘2/5
a

Cau 18: C4t hinh nén dinh S béi mit phang di qua truc ta duge mdt tam giac vudng
can c6 canh huyén bing av2. Goi BC 1a day cung cia dudng tron ddy hinh nén sao
cho mit phing (SBC) tao véi mit phang ddy mot goc 60°. Tinh dién tich tam giéc SBC
a’\3 a a’\2

2
B.s=%. C.S= _aN2
3 3 2 3

A . S=

Huéng dan
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Dung OM 1 BC (M la trung diém ctia BC).

Vi BC LSO nén BC L SM, tir d6 ta cd

[(SBC);ddy |=[SM,0M]=SMO =60°. f?; \
/ ;,:“3\‘“\
Vi So=11J_—“~[~ nén sir=—32__av6. / fs{‘\‘\i\
2 sin60° 3 y AN
2 !/f E \"‘ ~\‘ \‘\
4 _ 2 _ 2 _ 2 a\/g -_i j’:”’—”*? \:‘7‘,‘*%‘\
Vay CM =SC*-SM* = |a {—3 J =5 A L_,‘;;:_;:___,‘_) )

VAy S = SM Bc_%“}/_ 2"3‘/_ ""3‘5.

Cau 19: Cho khdi nén dinh O, chiéu cao 1a h. Mot khoi nén khac ¢6 dinh 13 tim 7 cua
day va day la mot thiét dién song song vdi ddy cua hinh nén da cho. D€ thé tich cua
khéinén dinh 7 16n nhét thi chiéu cao ctia khéi nén nay bang bao nhiéu?

AL B. 1.
2 3
h
¢35 p. 5. %
3 3

Huwéng din

Goi x 1a chiéu cao can tim. R, Ian lwot 14 chiéu cao ctia khéi nén 16n va bé. Khi dé
r h—x R (h - x)

= =>r= . Thé tich khéinén dinh 7 1a
R h h

Vl[m]

Caucm ,,RZ (h=x+h- x+2x) 47rR2h
61 27 81

K - x) 2x

3 h 6h2
D&u déang thirc xay ra khi h—x=2x@x=-§.

Cau 20: M6t hinh tru cé dudng kinh ddy béang chiéu cao va ndi tiép trong mit cau ban
kinh R. Dién tich xung quanh ctia hinh try bing:
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A. 47R*. B. 27R>. C. 2\27R*. D. \27R*.
Hwéng dan
Goi & la chiéu cao ctia hinh tru thi ban kinh day ctia hinh

tru la ﬁ.
2

Goi 0,0' 1a tdm ctia hai ddy hinh tru thi tdm 7 cia mat cau

la trung diém cua OO0’ hay 10 = g

Ta c6 hinh tru néi tiép mdt cau nén
2
210* =R? :>2f’4—=R2 =h=R\2.

S, = 27r.ﬁ.h =27R>.
2

Céu 21: Cho hinh chdép S.4BCD cé day la hinh thang vudng tai 4 va B, 4B=BC=a,
AD=2a, SA1(ABCD) va SA=a2.Goi E 1 trung diém ctia 4D. Ké EK 1 SD tai K. Ban
kinh mét cau di qua sau diém S, 4,B,C,E,K bf?mg:

A. la. B. a. C. ﬁa. D. ﬁa.
2 2 2
Hwéng dan
., |BCLAB
Ta co: = BC 1(84B)= BC L SB
BC 154

T gidc ABCE la hinh binh hanh

= AB//CE=>CE 1 AD Ma CE 1 S4 = CE 1(S4D)

A e e

=CE 1 SD ma EK 1 SD=SD 1 (CEK)=SK LCK

Suy ra cac diém 4,B,E,K cung nhin hai diém §,C dudi

mot gbc vudng nén 6 diém S, 4,B,C,E,K cung thudc
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mat cadu duong kinh SC.

2 2 2 2
Bén kinh mit cau: R=%= Vs4 ;AC = V2a 2+2a

Cau 22: Mot qua bong ban va mot chiéc chén hinh tru cé cung chiéu cao. Nguoi ta dat
qua béng 1én chiéc chén thdy phan & ngoai ctia qua béng c6 chiéu cao bang % chiéu
cao ctia nd. Goi ¥, ¥, Ian lwot 1a thé tich ctia qua béng va chiéc chén, khi do:

A. 9, =8V,. B. 3V, =2,. C. 167, =9V,. D. 27V, =8V,.
Huéng din

Goi 7 1a ban kinh qua béng, r, 1a ban kinh chiéc chén, # 1a chiéu cao chiéc chén.

~

1

Theo gia thiét ta c6 h=2r, =1 =2h va 00'=

2 2
Ta c6 rj:(%) —(%) =%h2.

N e v a4 o 4 (RY 1
Thé tich cta qua bong la V]=§m~1 =375 =-g/2'h

v |
ENGIN

va thé tich cia chén nuéc 13 ¥, = B = mih = %ﬂhﬁ N 'f/V" -8
’ 2

Cau 23: Cho hinh chdép S.4BC c6é ddy 4BC la tam giac déu canh a, mét bén (S4B) la
tam gidc déu va ndm trong mit phing vuéng géc véi ddy. Tinh theo a dién tich xung

quanh mét cau ngoai tiép hinh chdp S.4BC.

A 5ma? B Sra* na 5ma’
A e T TR

Huwéng din

Do mit phang (S4B) vudng géc (4BC) véi theo giao tuyén 4B.
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Dung SH L AB= SH 1 (4BC). Goi G,,G, lan luot la trong
tdm ctia AABC va ASAB.

Dung duong thang d, di qua G, va vuéng gdc véi (4BC),
dung duong thang d, di qua G, va vudng gdc véi (S4B).
Goi d, cit d, tai I.Khi d6 I 1a thm mét cau ngoai tiép

chép S.4BC vabankinhla R=SI.

a\/§ a 1 a\/§

Ta ¢ SH=—:>SG,=35H= va G,] =HG =-HC="".
2 3 NG 3

5ra”

Ay 2 > avN15 (.
Khi &6 R=SI=/SG; +G,I* = c .Véy S, =4zR* =

Céu 24: Cho ntra dudng tron dudng kinh 4B=2R va diém C thay d6i trén nira duong
tron d6, ddt a=C4B va goi H 1a hinh chiéu vuéng goéc ciia C lén 4B. Tim a sao cho
thé tich vat thé tron xoay tao thanh khi quay tam gidc 4CH quanh truc 4B dat gia tri
16n nhat.
A. a=60°. B. a=45°. C. arctani. D. a=30°.
NG

Huéng din
AC = AB. cosa=2R.cosa CH = AC.sina=2R.cos a.sin; AH = AC.cosa =2R.cos’ &

Thé tich vat thé tron xoay tao thanh khi quay tam gidc ACH quanh truc 4Bla

V=%AH.7ZCH2=§R3.cos4a.sin2a. bt r=cos’ a (0<7<1) :V:%Ratz(l—t)

8 8

==Ras(2-2)5 =R (ﬂ’—z-"—”

3

2

Cau 25: Ngudi ta bd 5 qua béng ban cung kich thude vao mét chiéc hop hinh tru cd

3
] Vay ¥ 16n nht khi t=§ Khi @ = arctan =

d4y bang hinh tron tron 16n ctia qua béng ban va chiéu cao bang 5 fAn dwong kinh
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clia qua béng ban. Goi S, 1a tong dién tich ctia 5 qua béng ban, S, 1a dién tich xung

quanh cuta hinh tru. Ti s6 —:—‘ lIa:

2

A. 2. B.

w | o
0
o

t\)_lw

Hwéng dan
Goi ban kinh ctia qua béng ban la R (R >0)

Ta c6 chiéu cao h cta hinh tru bang 5 Ian dwong kinh ctia qua béng ban nghia I :
h=52R=10R Khidd: S, =5.47.R* =207k’

Va S, =27Rh=27R10R=207R*> . Vay: % =1.

2

Cau 26 : 56 mat ddi xting ctia hinh t dién déu 12 bao nhiéu?
A. 1. B. 4. C.6. D. 8.

Hinh t& dién déu c6 6 mét d6i xting (Hinh vé).
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Cau 27: Cho hinh l4p phwong 4BCD.A'B'C'D' ¢6 canh bang a. Khang dinh nao sau day

la sai?
A. Hinh l4p phuong 4ABCD.4A'B'C'D' c6 mét tam ddi xung.

B. Hinh lap phuong ABCD.A'B'C'D' ¢6 dién tich toan phéan la 6a”.

C. Hinh 14p phuwong cé 8 mat déi xing.

3

D. Thé tich ctia tt dién 4'4BC bang %

Huéng dan

Hinh 14p phwong c6 9 mat ddi xiing (Hinh ve).

L . .
| | |
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>
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1
1
i
t

Céu 28: Cho hinh ch6p S.4BC c6 ddy la tam gidc déu canh bang 1, S4 vuéng goc véi
déy, géc gitta mit bén SBC va ddy bang 60°. Dién tich mat cau ngoai tiép hinh chép

S.ABC bf?mg bao nhiéu?

Bz B. 87 c. B
48 36 4

Hwéng dan
Goi H, M lan lwot la trung di€ém BC, S4;

G la trong tam A4BC.

Ta cd [ (SBC),(4BC) |=(sH, 4H ) = StA = 60°

NS

AABC &éu, canh bang 1 :AH=7:SA=AHtan6O°=%

Bén kinh mat cau ngoai tiép hinh chép

: 2 2 2 2
R2=1A2=1G2+AGZ=(ﬁ) +(2AHJ =(§] L] -2

2 3 4 B 48
B_47

Dién tich mét cAu S =4zR*=4zx- .
48 12

Céu 29: Cho hinh chdp S.4BCD cé ddy 1a hinh ch nhit, 4B=2a, BC =a, hinh chiéu

a\3

cua S lén (4BCD) la trung diém H cua 4D, SH == Dién tich mdt cau ngoai tiép

hinh chép S.4BCD bing bao nhiéu?

167a* 167a* C 47a

A. . B. . .
3 9 3

Huwéng dan

437
12
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Goi I' 1a tAm duong tron ngoai tiép AS4D
O la tdm dwong tron ngoai ti€p 4BCD
I 1a tAm m3t cAu ngoai tiép hinh chép S.4BCD

Tacbd SD=S4=+SH>+AH* =a = ASAD déu

3114=g£a=.£a
329773
o R= =T +IT =T+ HO* =22
NG

2
Vay S=47R* = 1674

Cau 30: Cho tam gidc ABC déu canh a va ndi tiép trong duong tron tdim O, 4D la
duong kinh clia dwong tron tam O. Thé tich ctia khéi tron xoay sinh ra khi cho phéan
t6 dam (hinh vé bén) quay quanh duong thang 4D béng

A

Huéng din

Khi quay tam gidc 4BC quanh truc 4D dugc khdinén c6 thé tich la:

1 (a)z'gx_/—i= a3

2

N=17r.r2.h =171'.HC2.AH =—7.
3 3 3 2 24

Khi quay duong tron tim O quanh truc 4D dwoc khéi cau c6 thé tich 1a:
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14 =i7z.R3 =—71.40° =
3 3

Thé tich khoi tron xoay can tim: ¥ - N =

4

fﬂ{&j _ e

3 3 27

23\/3:7ra3
216
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Toan Ung Dung
Cau 1: Mot vat thé bf?mg gd c6 dang khdi tru voi ban kinh day bé“mg 10(cm). C3t khéi
try boi mot mit phdng cé giao tuyén véi ddy 1a mot duwong kinh cta ddy va tao voi
déy gbc 45°. Thé tich ctia khéi g bé 1a

Chon hé truc toa d6 nhw hinh vé.Khi d6 khuc ch) bé c6 day la nira hinh tron c6 phuwong

trinh: y=4100-x", x[-10,10]
Mdt mot mit phing cit vudng géc véi truc Ox tai diém c6 hoanh d6 x, x €[-10,10]
cht khiic gd bé theo thiét dién c6 dién tich1a §(x) (xem hinh).

Dé thiy NP=y va MN = NPtan45° =y =+100-x" .

Bikiptheluc.com Bi kip CASIO cong pha Triie Nghiém Todn Hotline: 0977.543.462




- CASIC EXPERT : Nguyén Thé Luc - {h: Ad.theluc — Youtube :MrTheLuc95

Suyra S(x =lMN.PN=l 100 - x?
y 2 2

Khi d6 the R TaT: ? 1 2\ 4. 2000,
1doﬂwtmhkhucgobeh:V=js(gdx=5j(um-x)dx: (enr*).
-10 -10

C&@ﬂﬁtgﬁnmmh:V=§R%ma

Cau 2: S8 luwong ctia mot loai vi khudn sau 7 (gid) dwoc xap xi béi déng thitc
0(r)=0, "™, trong d6 Q, 1a s8 lwong vi khuan ban dau. Néu s8 lwong vi khuén ban
dau 14 5000 con thi sau bao nhiéu gid, s& lwong vi khuan cé 100.000 con?

A. 20. B. 24. C. 15,36. D. 3,55.

Huwéng dan

Tt gia thiét ta suy ra O(r)=5000.e""". D& s8 lwong vi khuén 1a 100.000 con thi

Math A

5000€°: 1957~ 10C
A= 15.36272961
L-k= 0

Cau 3: D€ lam m6t méang x8i nudc, tir mot tAm ton kich thude 0,9mx3m nguoi ta gap tam
ton d6 nhw hinh vé dwdi. Biét mit cat ciia méng x3i (bi cit boi mat phing song song
voi hai médt ddy) 1a mot hinh thang can va mang x6i la mét hinh ldng tru cé chiéu cao
bang chidu dai ctia tAm ton. Hoi x(m)béng bao nhiéu thi thé tich méng x&i 16n nhat ?

x
3m xm
0,9m 0,3m
3m 0,3m 0,3m
(a) TAm ton (b) Méng x8i (c) Mt cat
A. x=0,5m. B. x=0,65m. C. x=0,4m. D. x=0,6m.
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Huwéng din

Goi h 1a chiéu cao cta lang tru

Vi chiéu cao ling tru bing chidu dai tdm t6n nén thé tich mang x8i 16n nhat khi dién
tich hinh thang can (mat cit) 16n nhat

N2

Ta c6 S=%(x+0,3) BC=x_0’3(x>O,3):>h= (0,3)2—(1_—%—3—)—
. (x-0,3)°
bK: (0,3) -2 > 0;(0,3<x<0,9) B C
4

1 2 2
S=—(x+0,3)4/4.(0,3) —(x-0,3

S (703)4.(0.3) = (x-03) —

CALC cac dap an

Math & F Math A B Math &

0. 250A+0.300d=0E 0, 2504+0.3004=0r  0,2504+0,3044=0F

0.1131570:5 0.1157431823 0. 105531392
bap anD.

0. 2500+0,3044=0F

0.1169134295
Cau 4: M6t xe buyt ctia hang xe A c6 stic chira t6i da la 50 hanh khach. Néu mét chuyén

2
xe buyt chd x hanh khach thi gi4 tién cho m&i hanh khach 1a 20 (3-:_0] (nghin dong).

Khang dinh dung la:
A. Mot chuyén xe buyt thu dugc s tién nhigu nhat bang 3.200.000 (dong).

B. Mot chuyén xe buyt thu dwoc s6 tién nhiéu nhat khi ¢6 45 hanh khach.

C. M6t chuyén xe buyt thu dwoc s6 tién nhiéu nhét bang 2.700.000 (d6ng).
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D. M6t chuyén xe buyt thu dwgce s6 tién nhiéu nhat khi c6 50 hanh khach.
Huwéng dan

SG tién ctia chuyén xe buyt ché x hanh khéch la

2

f(x)=20x.(3—4—i)j_ (0<x<50)

Table: 214n 114n chay tir 1 t6i 29, 1 I4n chay tir 29 t6i 50

Math F] " “Math
ag " - FLH2 1" " - FLi)
=t | Ellhihl 12 ug 0
=] 13 Ui13198.5
Z240149,50 SEQ0

Vay: mét chuyén xe buyt thu dwoc loi nhuin cao nhat bf?mg: 3.200.000 (d6ng)

Cau 5: Mot khdi da c6 hinh 1a mét khéi cau 6 ban kinh R, nguoi tho tho thu cong my
nghé can cit va got vién da d6 thanh mét vién d4 canh c6 hinh dang 1a mét khéi tru.
Tinh thé tich 16n nhat c6 thé cua vién d4 canh sau khi di hoan thién.

3 3 3 3
A 4\/§ﬂR B. 4\/§7rR C. 4\/§ﬂR D. 3\/§HR
3 9 6 12
Hwéng dan

Gia st 2x 1a chiéu cao hinh tru (0<x<R) (xem hinh v&)
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Bén kinh ctia khéi tru 1a » =+R> —x* . Thé tich khéi tru la: V = z(R* — x*)2x.

RS3

Xét ham s8 V(x) = m(R> —x*)2x, 0<x <R, c6 V'(x)=2n(R*-3x")=0 = x= .

3
Bang bién thién:
X
0 A3 R
3
V'(x) + 0 -
V(x) R T~
7l 9 A

Dua vao BBT, ta thay thé tich khoi tru 16n nhét khi chiéu cao cta khéi tru la
2R3, _4zR'\B
30 9

Cau 6: Mot san choi cho tré em hinh chit nhat ¢ chiéu dai 100 va chiéu rong la 60m
ngudi ta 1am mdt con duong nam trong san (nhw hinh veé). Biét rang vién ngoai va
vién trong clia con duodng 1a hai duong elip, Elip ctia duong vién ngoai cd truc 16n va
truc bé I4n lwot song song v6i cdc canh hinh chit nhat va chiéu rong cia mdt duong la
2m. Kinh phi cho méi m* 1am dudng 600.000 déng. Tinh téng s3 tién lam con duong
dé. (S6 tién duoc lam tron dén hang nghin).
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100m
— B

60m [ )

A. 293904000. B. 283904000. C. 293804000. D. 283604000.
Huéng dan
Xét hé truc toa do Oxy dat gbc toa d6 O vao tdm ctia hinh Elip.

2
Phuong trinh Elip ctia dudng vién ngoai ctia con duong 1a (E,): =

2
W+3%7=1Ph\én do

thi cia (E,) ndm phia trén truc hoanh ¢ phuong trinh y =30 l—% = f,(x).

2
. X

Phwrong trinh Elip ctia dwong vién trong ctia con duong la (E, ): pre

2
+—y—2 =1.Phan d6
28

thi caa (E,) nam phia trén truc hoanh cé phwong trinh y =28 1—4’5—8~2 =f,(x).

Goi S, 1a dién tich ctia (E,) va bing hai Ian dién tich phan hinh phéng gi¢i han boi
truc hoanh va d6 thi ham s& y = f;(x). Goi S, la dién tich cua (E,) va bang hai Ian dién
tich phén hinh phéng giéi han béi truc hoanh va d6 thi ham s8 y= £, (x).

Goi § la dién tich con dwong. Khi d6

xZ

50 48 2
S=58-8,=2 [ 30,[1-Zdx—2 | 28, 1-——dx.
SRR 500 T4 48

Tinh tich phan I = 211) 1—§-dx,(a,b eR").
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Dat x=asint,(~-§—£ts%):dxzacostdt.

A A T T
Doi can x=—a:>t=—5;x=a:>t=—2—-.

k4 b4

3 3 3
Khi d6 1=2 [ b\1=sin’ r.acosrdr=2ab [ cos’ 1t = ab [ (1+cos2r)dr
z L -z

2 2

IR

=ab(t+&22tj =abrx.

NN

Do d6 §=5 -5, =50.307—48.287=1567 .
Vay t8ng s8 tién 1am con dudng d6 1a 600000.5 = 600000.1567 ~ 294053000 (d6ng).

Giai nhanh: Nhé nhanh c6ng thize tinh dién tich Elip 1a S =7ab trte 16n cho bé cho
nhanh

Cau 7: Sy ting trudng ctia loai vi khuén tuan theo cong thirc §=4e”, trong d6 4 1a s6
luong vi khudn ban dau, » 1 ti 16 ting truong (r>0), 1 la thoi gian tang truong (tinh
theo don vi 14 gid). Biét s§ vi khuén ban d4u 12 100 con va sau 5 gio c6 300 con. Thoi
gian d€ vi khuén ting gdp d6i s6 ban dau gan dung nhat véi két qua nao trong cac ket
qua sau day.

A.3 gid 20 phat.  B.3 gio 9 phut.  C. 3 gio 40 phat. D. 3 gid 2 phut.

Hudng dan giai

Tacd: 300=100" < e 5’=3<35r=1n3<:>r=¥ Goi thoi gian can tim 1a ¢.

5.In2
In

Theo yéu cau bai toan, ta cd : 200=100e" < e" =2 o rt=In2< 1= ~3,15(h)

Vay 7= 3 gio 9 phut
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Cau 8: Mot ngon hai dang dwoc dat tai vi tri 4 trén mit bién cach bo bién mét khoang
AB =5km. Trén bo bién cé mot cai kho & cach B 7 km. Nguoi canh hai dang c6 thé
cheo do dén diém M trén bo bién vdi van tdc 4km/h 16i di bd dén C véi van toe
6km/h. Vi tri cia di€m M cdch B mot khoang bang bao nhiéu d& ngudi d6 di dén kho
C it ton thoi gian nhat.

A. 0 km. B. 7 km. C. 2J5km. D. 52 km.

Huéng dan

Dat BM=x,tacd AM =\x*+25,BC=7-x

g . ) be au k
Thoi gian d& ngudi canh hai ding s
2 _ .
ditit AdénCla XX ¥2  T-x n — c
4 6
2
Xét ham s6 f(x)= x4+25+—7—6—x,(0s)c§7)

CALC céc dép 4n = BM =245 (km).

Cau 9: Mot soi day kim loai dai 0,9m dwoc cit thanh hai doan. Poan tht nhat dwoc
udn thanh tam gidc déu, doan thir hai dwoc udn thanh hinh chit nhit ¢ chiéu dai gap
d6i chiéu rong. Tim d6 dai canh ctia tam giac déu (tinh theo don vi ¢m) sao cho tong
dién tich ctia tam giac va hinh chit nhat 1a nho nhét. ,

60 60 30 D, _240

A. i . ) )
2- 3+2 1+3 J3+8

B.

o

Huwéng dan

Goi a,b lan luot 1a d dai canh tam gidc déu va chiéu rong hinh chit nhat.

Khi d6 3a+6b=90(cm)=b= 302_a(cm).

a3

§=8,+S_ =T+2b2

2 2 (2+443)a*=120a+1800
=a\/§+2(302a) =( ) . _
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D& § nho nhat thi f(a)=(2++3)a’~120a+1800 nho nhét voi a e (0;30).

7'(a)=2(2++3)a-120, f'(a)=0 = a= (0;30).

60
2+\/§

Ta cé 7(0)=1800, f(30)=9003, f(%]=3600\/3_ ~5400.

N 60
Nén min /(a)= f(EIJ?) =3600~/3 —5400.

60

2+J§

Cau 10: Trong t&t ca cac hinh nén néi tiép trong hinh cau cd thé tich béng 367, tim ban
kinh r ctia hinh nén ¢6 dién tich xung quanh 16n nhét.
3 32

A.r:—z—. B.r=7. C.r=2\/§. D. r=3.

Vay a= thi § nho nhat.

Huéng dan giai
Goi ban kinh va thé tich ctia hinh cau la R va 7,
Theo gia thiét V. =367 < gﬂR3 =36r < R=3
Dién tich xung quanh ctia hinhnén la S, = zr.S4=zrNSH* +r* (1) Ma

{SH=SI+IH=R+IH=3+IH

= SH=3+9-r2(2
IH =J14* = HA* =R* =1 =977 @

Bikiptheluc.com Bi kip CASIO cong phi Tric Nghiém Toin Hotline: 0977.543.462




C4SIO EXPERT : Nguyén Thé Luwc - fb: Ad.theluc - Youtube :MrTheLuc95

Te(1)va2) = S, =7xr. (3+\/9—r2 >2+r2

Cacem CALC ting ddp an —»C

Cau 12: Cho mét dong ho cat nhu hinh bén duwdi (gom 2
hinh nén chung dinh ghép lai), trong dé duwong sinh bat
ky ctia hinh nén tao véi day mét géc 60°nhu hinh bén.
Biét rang chiéu cao ctia déng hod 1a 30cm va tdng thé tich
ctia d6ng ho 1a 1000 cnr®. Hoi néu cho day lwong cat vao
phén trén thi khi chay hét xudng dwdi, khi d6 ti 1& thé
tich lwong cat chiém chd va thé tich phan phia duwdi 1a
bao nhiéu ?

1 1

1 1
.— . B.-. C. —. D. —.
33 8 64 27

Huéng dan

. Khi d6: thé

Goi bk, r,r' (h > % = 15) Tan lwot 1a chiéu cao, ban kinh ctia hinh nén phia dwdi va
e ~ 2 A A ’ h h ' 2
phia trén cua dong ho. Ta co: r = =—=;h=30-Ir' =—
tan 60° \/§

tich ctia dong ho:

2 2

1 5, 1 1 h 30-h
V==rnrht-nar'h==n|| — | h+| —=— | (30-h) |=10007
7S 3((@) Sl )J .
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0
SOLVE = & h=20=K=10
h=10(<15)

e LV (HY 1
Do 2 hinh nén déng dangnén —+=| — | == .
v, h 8
Cau 13: Trong mat phéng véi hé truc toa d§ Oxy, cho tam gidc O4B vudng & 4thudc
truc hoanh, difm B ndm trong goc phan tu thit nhat va OB=2017, 4A0B=aq, (0 <a< —Z—j

Khi quay tam gidc 0O4B quanh truc Ox ta dwoc mot khéi nén tron xoay. Thé tich cua
khéinén d6 16n nhat khi:

A. sina:iéi. B. cosa:?. C. cosa=%. D. sina:%.
Huwéng dan
B
2017
(o] A

Khi xoay tam gidc O4B quanh truc Ox tao thanh hinh nén c6 dwong cao la
0A4=2017.cosa va ban kinh.ddy 1a 4B=O0B.sina=2017.sincx.

Thé tich khdi nén bang: ¥ = %’”’ABZ'OA = %ﬂ(2017.sin a)’2017.cosa

= %7[20173. sin® a.cosa

J
Xét ham sd& f(t):(l—tz)t V6i t=cosx;r €(0;1) do ae(O;%).
Ta co: f'(t)=-31"+1

Ta c6 bang bién thién:
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t| —oo 0 ? 1 +00
1'(t) + 0 -
f()

Vay thé tich khéi nén Ién nhat khi cosa = ﬁ hay sina =1-cos’ @ = ? .
J

Cau 14: Cho hinh

chdép S.4BCD c6 day ABCD la hinh vudng canh a, $4 vudng goc v6i

mit phang ddy va géc gitta SC véi mit phing (S4B) bang 30°. Goi M 1a diém di dong

trén canh CD va

H 13 hinh chiéu vudng géc clia § trén duong thang BM. Khi diém

M di ddng trén canh CD thi thé tich ctia khéi chdp S.4BH dat gia trj 16n nhat bang:

3
a

A SN2

6

a3

\/5.

2

a2

12

D.

3
B. "—3[2- C.

Géc gitta SC va (SBC) 1a CSB = CSB =30°

Ta cé

tan CSB =%§-:> SB =a3;54=~/SB> - AB> = a2

bét CM =x,(0<x<a)= DM =a-x,

Ta co

= BM L(SAH)= BM L1 AH

Taco Sy = %BC.CM =

{BM 1 SH
1

BM 1S4
1 1
EAD'DM=EG‘(a_x);SABM =S =Sae =Sy =—

Eax’ SADM
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Ta cé SABM=%AH.BM:AH=%;BH= AB* —AH* = -
a +x a +x°

Thé tich cta khéi chép S.4BHla

1 1.1 1 a ax 2 x
V=284S,, =~SA—BHAH = —a\2.———.———=""0a" ——— (*
3 ABH 3 2 6 a2+x2 1‘a2+x2 6 a-+x‘ ()

Xét ham s8 1 (x)=—

a +x

x e[0;a]

29

22
Ta cb f'(x)=(az—+—);?;f'(x)=0:x=a
a*+x

Trén doan [0;a] ta c6 f'(x)=0,Vx €[0;a]

2

Vay gid trilénnhatctia V tai x=a =V, =— T
Céch 2: Tix () V = V2 = zsﬁa“i=*/_a D&u= khi:x=a.
6 a +x 6 2a 12

Cach 3: Dé thdy Hnhin 4B dwdi géc vudng nén Vg, 16n nhat khi S, 16n nhat khi
va chi khi H =0 (tdm ctia hinh vuéng )< x=a. Tt d6 c6 két qua.

Cau 15: Mt bac néng dan vira ban mdt con trau duoc s tién la 20.000.000 (d6ng). Do
chua can dung dén s6 tién nén bac ndng dan mang toan b s6 tién d6 di g tiet kiem
ngan hang loai ky han 6 thang vdi lai suét kép 1a 8,5% mot ndm. Hoi sau 5 ndam 8
thang bac nong dan nhan dwoc bao nhiéu tién ca vén 1an lai (Iam tron dén hang don
vi)? Biét réng bac néng dan d6 khong rut von ciing nhu 1ai trong tat ca cac dinh ki
triedc va néu rut trede thoi han thi ngén hang tra 1ai suét theo loai khong ki han véi lai
suat 0,01% mdt ngay (1 thang tinh 30 ngay).

A. 31.802.750(ddng). B. 31.803.311(dong). C. 32.833.110(ddng). D. 33.083.311(d6ng)

Huéng din

Mot ki han 6 thang c6 1ai sudt 1a ! ;A’

=4,25%/ky
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@ 0 24 +0oC

() e 0 _

flz) / -

Vay gia tri 16n nhat cua ham s6 f(x) dat duoc tai x=2,4(m).

Cau 17: Cho hinh chép S.ABC c6 ddy 4BC la tam giac vubng cén tai B voi
AB=BC=a\[3, gbc SAB=SCB=90° va khoang cach tir 4 dén mit phang (SBC) bang

a2 . Tinh dién tich mit cau ngoai tiép hinh chép S.4BC.
A. 1674°. B. 87a*. C. 1274°. D. 27a*.

Huéng din

Goi D 13 hinh chiéu vudng gbc cua S trén (4BC). Ta cd: AB L S4,4B L SD=> AB L (SAD)
= AB 1 AD. Twong tu CB L (SCD)=>BC L DC. Suy ra ABCD la hinh vudng

Goi H 13 hinh chiéu ctia D trén SC = DH L (SBC) = d(A,(SBC) =d(D,(SBC) = DH = a2

1 1 1

SO sH® DC? = SD=a6.

Ap dung hé thizc lvong trong tam gidc SCD, ta ¢6

Goi I 1a trung diém SB ta c6 I4=IB=I1C=IS nén I la tim mat ciu ngoai ti€p hinh chép
SABC. Suy ra ban kinh mt cau 1a =% _ay3. Dién tich mit cau ngoai tiép hinh
chép S.ABC la S=4nr* =12za"

Cau 18: Mot vat chuyén dong vdi van tdc 10m/s thi ting t6c véi gia téc duoc tinh theo
thoi gian 7 1a a(7)=3+7". Tinh quang duong vat di dwoc trong khoang 10s k& tir khi
bat dau tang tdc.

3400 4300 130 m

A —m. B. —m. C
3 3 3

D. 130m.

Huéng dan
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Ta cé v(r)=Iq(t)dt:j(3t+t2)dt=%+§+C.

Do v(0)=10 nén C=10.
Vay quang dwong vat di chuyén trong 10s ké tit khi chuyén dong la:

0 3 4 "
(110 kg0 | = B (m)
212 3

1 Wt P £ ]
J.v(t)dz‘=J'(—+—+10}dt=[—+—+101j
2 3 2 12 ,

0 0

Ciu 19: Phan khéng gian bén trong cta chai nwdc ngot ¢ hinh dang nhw hinh bén.
Biét ban kinh day b.:?lng R=5cm, ban kinh c8 r=2cm, AB=3cm, BC =6cm, CD=16cm. Thé tich
phin khéng gian bén trong ctia chai nwéc ngot d6 bang:

rB, A. 495n(cm’). B. 46271(4:7773) .

362 C. 4907t(cm”). D. 4127r(cm3).

Thé tich khoi tru ¢6 dwong cao CD: V] = 7R*CD = 4007r(cm3 )
Thé tich khéi tru ¢ duong cao AB: V, =nr* 4B = ]2;r(cm3).

M

e

C F
Ta co M£=Q=§:>MB=4
MB BE 2

A? ’ A L o~ ” 2
Thé tich phan gidi han gitta BC: 7, =§(R’.MC—1~2.MB) = 787r(cm3).
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Suy ra: V=V, +V, +V, =4907r(cm3). Chon C

Cau 20: Khi cit mit cau S(0, R) boi mot mat kinh, ta dwoc hai nira mdt ciu va hinh

tron 16n cua mat kinh d6 goi la mat day cua mdi nita mit cau. Mot hinh tru goi la ndi

ti€p nira mét cau §(O0, R) néu mdt ddy cta hinh tru ndm trong ddy ctia nira mét cau,

con duong tron day kia l1a giao tuyén cua hinh try voéi nita mat cau. Biét R =1, tinh ban

kinh day r va chiéu cao / cua hinh tru ndi tiép nira mat cau (0, R) dé€ khéi tru ¢o

thé tich 16n nhat.

.

Huwéng din

C. r=£,h=—\/—§‘. D. r=£, h=-—\/E
3 3 3 3

Hinh tru ndi tiép ntra mit cu, nén theo gia thiét duong tron day trén cé tdm O' ¢6 hinh

chidu cia O xudng mit day (O'). Suy ra hinh tru va nita mét cau ciing chung truc déi

xing va tdm ctia day dwdi hinh try tring véi tam O ctia nita mét cau.Ta cd: #* +r* =R’

(0<h<R=1)=r'=1-K

The tich khéi tru la: ¥ =mr*h=z(1-h")h =) = f(h)=r(1-3h")=0eh=">

B3

3
0 = 1
’ 3
f(h) + 0 -
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0 0

f(h)

Vay: j\({c}z})‘ V= 2”9\/5 (dvtt) khi r= g va h= %

Cau 21: Ban A ¢6 m6t doan day dai 20m. Ban chia doan day thanh hai phan. Phan dau
udn thanh mot tam gidc déu. Phan con lai udn thanh mét hinh vuong. Héi d6 dai
phan dau bang bao nhiéu d¢ téng dién tich hai hinh trén 1a nhé nhat?

40 180 120 60

Huwéng dan

Ban A chia soi déy thanh hai phéan c6 d6 dai x(m) va 20-x(m), 0<x<20
(nhw hinh vé).

Phin d4u uén thanh tam gidc déu c6 canh g( m), dién tich

DES

3) 74 36

S:
R

20-x

Phén con lai uén thanh hinh vudng cé canh

s, {204_36}2(’”2)

(m), dién tich
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B

Tong dién tich hai hinh nhoé nhdt khi f(x)= 36

o

khoang (0;20).

180

43+9°

_x\/§_20—x_0

Tacéd: f'(x) 3 2

S x=

Bang bién thién:

20—
4

X

2
) nho nhét trén

180
4349

20

0

\/

180

43+9°

Duwa vao bang bién thién ta dwoc x=

Cau 22: Mot ngon hai dang dat o vi tri 4 cach bo 5km,
trén bo bién ¢ mot kho hang 6 vi tri C cach B moét
khoang 7km. Nguoi canh hai ddng cé thé cheo thuyén
tt 4 dén M trén bo bién v6i van tdc 4km/h roi di bd tix
M dén C véi van tdc 6km/h. Xac dinh d6 dai doan BM
dé€nguoi d6 di tir 4 dén C nhanh nhét.

A. 32 kom. B. —7—km.

3 C. 2/5km.

Goi BM =x (km), 0<x<7.Khi d6: AM =+/25+x" va MC=7-x

km.

N
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[2 _ _n 2
Theo dé bai ta co: f(x)=—~x +25 +u f'(x)=——3x N2> +x
4 6 425+

>0 x>0
Cho f'(x)=0©2\/m=3xc> x7 & o x=2/5
x =20 x=ir2\/g

Khi d6: f(O):%, f(7)=—‘/;z va f(2\/§)=14]—2\/§

14-5
o

1

Cau 23: Nguoi ta mudn thiét k&€ mot bé ca bing
kinh khong c6 ndp véi thé tich 72dm’ va chitu 0

cao 1a 3dm. Mot vach ngén (cing bang kinh) &

Vay min 7'(x)=7(2V5)=

.~ 1 o e o ad
gitta, chia b€ cd thanh hai ngin, vdi cac kich "

thuwdc a, b (don vi dm) nhw hinh vé.
Tinh a, b d&€ bé c4 t6n it nguyén liéu nhét (tinh S bam

ca tdm kinh & gitra), coi bé day cac tim kinh nhue
nhau va khéng anh hwong dén thé tich cua bé.

A. a=-4, b=+]24. B. a=3,b6=8. C.a=3/2, b=4/2. D. a=4, b=6.

Huéng dan

Co: V=72<:3,ab=72®a=£b4- @
B& ca ton it nguyén liéu nhat nghia la dién tich toan phan nho nhat.
216

Ta c6 dién tich toan phan ctia bé cé 1a: S, =3.3a+ab+2.b3= - +6b+24

(Pén day cac em CALC cac dap 4n dwgce rdi)
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Ap dung bat dang thize Cési: S, = %6 +6b+2422 }—2%.617 +24=96

D#u bang xay ra khi va chi khi: ¥=6b<:>b=6(b>0) LT (1), tasuy ra: a=4.

Cau 24: Mot cai tuc 18n son nuwede ¢d dang moét hinh tru. 23 cem

Puong kinh ctia duong tron day la 5em, chiéu dai lan la
23c¢m (hinh bén). Sau khi lan tron 15 vong thi truc lan 3

50711';&:, o

tao nén sin phang mét dién dién tich 1a 3

A. 172571 cm?. B. 34507 cni”.
C. 17257 enm”. D. 862,57 cm’.
Huwéng din

Dién tich xung quanh ctia mat tru la S, =27RI =27.5.23 =2307em’ .
Sau khi 1in 15 vong thi dién tich phan son dwoc 1a: S =2307.15=34507zcm’.
Cau 25: Nha Van héa Thanh nién ctia thanh phd X mudn trang
tri dén day led gan cdng d€ dén xuan Dinh Dau 2017 nén da
nho ban Na dén gitp. Ban giam d6c Nha Van héa Thanh nién
chi cho ban Na biét chd chuén bi trang tri d ¢6 hai tru dén cao
&p ma kém dit cd dinh ¢ vi tri 4 va B c6 d6 cao lan luot 1a

10m va 30m, khoang céch gitta hai tru den 24m va cling yéu

cAu ban Na chon mot cdi chét & vi tri M trén madt dat nam 4 M

gitta hai chan tru dén d€ gidng den day Led ndi dén hai dinh
C va D cua tru dén (nhu hinh vé). Hoi ban Na phai dét chot o
vi tri cach tru den B trén mit dat la bao nhiéu d€ téng do dai
ctia hai s¢i day den led ngén nhat.
A. 20m. B. 6m. C. 18m. D. 12m.
Huéng din

Goi E la diém d6i xing cua C qua 4B. 30
Goi M =DE 4B, khi d6 ban Na dit ch6t & vi tri C

M thi tong d6 dai hai soi day dén led ngén nhat. L"j
Y
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ma MB+MA=AB=24,suy ra MA=6 va MB=18.
Cau 26: SO lueong ctia mot loai vi khuédn trong phong thi nghiém dwgce tinh theo cong
thitc S()=4e", trong d6 A la s6 lwong vi khuan ban dau, S(r) 1a s6 lwong vi khuén cé
sau ¢ ( phut), rla ty 1é ting treong (r>0), ¢ ( tinh theo phut) 1a thoi gian ting tredng.
Biét réng s& luong vi khuan ban d4u c6 500 con va sau 5 gid ¢ 1500 con. Hoi sao bao
1au, k€ tir Iac bt d4u, s6 lwong vi khuan dat 121500 con?

A. 35 (gid). B. 45 (gid). C. 25 (gid). D. 15 (gid).

Huéng dan
Taco 4=1500, 5 gid = 300 phut.

Sau 5gi0, s6 vi khudn la $(300)=500-¢"" =1500=>r = In300

Goi 1, ( phut) 1a khoang thoi gian, k& tir Itic bat dau, s8 lwong vi khuan dat 121500 con.
Ta ¢ 121500=500-¢™

. _In243 3001243
0 2 In3

=1500 (phut) = 25 ( gid).

Cau 27: Mot ddm vi trung tai ngay thiz 7 cd s6 lwgng N(z), biét rang N'(r) = Z_O%Q va ltc
, +

dau dam vi tring c6 300000 con. Sau 10 ngay, dam vi trung c6 khoang bao nhiéu con?
A. 302542 con. B. 322542 con. C. 312542 con. D. 332542 con.

Huwéng dan

Ta c6 N(1)= [ N'()dt =_[;Z@-29dt =7000In |7+2|+C
+

Do N(0)=300000 = C =300000—70001n2

Khi d6 N(10)=70001n12+300000—7000In2 =312542. Chon C
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Modt khéi cAu ¢6 ban kinh 1a 5(dm), ngwoi ta cit bo hai phén cua khéi cau bﬁmg hai mat
phang song song cling vudng goc duong kinh va cach tam mét khoang 3(dm) dé lam

mot chiée lu dung nude (nhw hinh vé). Tinh thé tich ma chiéc lu chita dwoc.

-

A. %ﬂ(dnf) B. ?ﬂ(dma) C. 417z(dm3) D. 13277(dm3)

Huéng dan

Trén hé truc toa d6 Oxy, xét dudng tron (C):(x-5)° +)* =25. Ta thdy néu cho nita trén
truc Ox cta (C) quay quanh truc Ox ta dwoc méat cau ban kinh bang 5. Néu cho hinh
phing (H) gi6i han boi nita trén truc Ox cta (C), truc Ox, hai dudng thang
x=0, x=2 quay xung quanh truc Ox ta s& dugc khéi tron xoay chinh 1a phan cat di
cua khéi cu trong dé bai.

Ta cd (x=5)°+)* =25 y=+25—(x=5)°

= Nuta trén truc Ox ctia (C) c6 phwong trinh y=1/25-(x~5)* =V10x—x’

= Thé tich vat thé tron xoay khi cho (H) quay quanh Ox la:

2 3\
14 =ﬂj(10x—x2)dx=ﬂ(5x2—%]

0

0

Thé tich khéi cau la: V, = 35" = 227

Thé tich can tim: ¥V =¥, -2V, =%’5—2.527” =1327(dm’)
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Cach 2: Hai phan cit di ¢4 thé tich bang nhau, mdi phin 12 mot chom cau cé thé tich
R 5
27
Vi=r|(R —x*)dx=nm|(25-x")dx ===
=] (e 5 )ae= 2

Vay thé tich ctia chidclula 7 =7, 2%, = gﬂ.sa _z%ﬂ = 1327

Cau 28: Mot céi ly c6 dang hinh nén duoc rét nede vao véi chiéu w
7 M 2 PN N 7 s A . ’ [N

cao muc nuwdc bang 3 chiéu cao hinh nén. Hoéi néu bich kinh miéng

ly r6i up nguoc ly xubng thi ty s& chiéu cao muc nuwde va chiéu cao

hinh nén x&p xi bang bao nhiéu?

A.0,33. B.O0,1l. C. 0,21. D. 0,08

Huéng dan

Goi chiéu cao va ban kinh dudng tron ddy caa cdi ly Tan lwot1a 7 va R.

Khi @€ cdc theo chiéu xudi thi lwong nwdc trong cdc 1a hinh nén cé chidu
N 1 \ \ (A . 2h _, 2R
cao va ban kinh duong tron ddy Ian lwgt la 5 va-

z A g7 7 \ \ A Py a 7 A 1
Do dé thé tich lwong nwde trong binh 1a % = Phén khéng chira nudc chiém 2—3 V.

Khi up nguoc ly lai thi phén thé tich nwde trong ly khong d6i va ltic d6 phan khong
chtta nudc 1a hinh nén va ta goi /' va R' Ian luot 1a chiéu cao va ban kinh dwong tron
day ctia phan hinh nén khéng chita nueéc d4.

Al 1

. R UL PPN : A . c gy 19
Ta co i i va phén thé tich hinh nén khéng chira nwdc 1a 57 4

h
[ N3 ' 3
3h—.ﬂR'2=£.ﬁ.ﬂR2C}[£) 1 r_ 19.
3 27 3 h 27 h 3

Do d6 ty 1€ chiéu cao ctia phan chita nuéce va chiéu cao cua cai ly trong trieong hop tp

o 3-319

nguoc ly L"al——h—z 3
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*Téng Két:

Nhu véy la da dén trang cudi cudn bi kip, tuy nhién phan con lai van con tiép tuc

cap nhat d€ cac em rén luyén nhé 1a phai cham cay nhé
Nhé vao http://bikiptheluc.com/sach d€ cap nhat cdc ki ndng va bai tap tw luyén moi.

Hi vong cudn sach nay sé gitip cac em tién bo hon nhiéu so véi lic nhan né va diéu
quan trong hon 12 né gitip em d6 vao treong minh thich, anh chi mong mudn nhu vay

Ja da cam thay tr hao vé em 14m rdi ! C8 géng 1én em nhé !!!
Cam on cac em da ludn tin twong va ting ho anh .
Casio Expert : Nguyén Thé Luc

Ha Néi, 19/10/2017
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