Bai 5. Phuong trinh lugng giac
Thoi gian lam bai: 40 phit (Khéng ké thoi gian giao dé)

Ho tén thi Sinh: ...ecicviiinneicnneicnneicnsnicssnissssnssssansssssnessnes
SO DAO AANNS cevereeeereeeereeeeeeesesessesessesesessesessssenesseseasasensaseses
PHAN E. CAU HOI TRA LOI NGAN

coslx+30 )+1=0
Cau 1. Tim nghiém phuong trinh lugng giéc: (x )

Loi giai
Loi giai
, l:cus,(.r+ 30 }+I =0 = cns(_w 30 ):— 1
Ta co:
= x+30 =180 +k300 (k) = x =150 +£360 (ke Z).

Vay phuong trinh c¢6 nghiém la: x =150 +k300 (k€ Z) .

N

EDS(TS - .r):— _—
Cau 2. Tim nghiém phuong trinh lugng giéc: 2
Loi giai
Loi giai
.}
I:DS,('J"S - .r:l =- £ﬁ I:DS(?S - r) =cos 135
Ta co: 2
5 - v =135 +} p— -k
- 75 - x =135 + k360 (keZ) o X o0 - £360 (ke )
75 - x=-135 +k360 x =210 - 360

x=-00 - k360 ;x =210 - k300 (keZ)

| 2.'..'— i‘ :E
]

3

Vay phuong trinh c6 nghiém:

tan
Cau 3. Tim nghiém phuong trinh lugng giéc:
Loi giai
Loi giai

' | ﬁ ' T | T

I;an‘ 2x- —‘ = tan‘ 2y —| =
0| 3 | 0| B

r=L+klked
Vay phuong trinh c6 nghiém la: 6 2 .

3

tan (3x- 30 ) =-
Cau 4. Tim nghiém phuong trinh lugng giéc:

Loi giai
Loi giai

t~J|

NE)

tan(3x- 30 ) =- X2 & tan (3x- 30" ) =tan (- 30")
Ta co: 3

< 3x- 30 =-30 +kl80 = x =k060 (ke Z).

Vay phuong trinh ¢6 nghiém 1a: ¥ =F00 .k €Z,
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Jg tan - =3
Cau 5. Tim nghiém phuong trinh lugng giéc: 2 .
Loi giai
Loi giai

ﬁtan'T—'T =3 I:an'T—'T: J = t,:zu'J'T—I:tan£
Ta co: 2 2 2 3
: 3
o X T iirke) = x ==+2%(ke 2).
2 3 3
2
x =—+2k(keZ)
Vay phuong trinh c¢6 nghiém la: 3 .
Cau 6. Tim nghiém phuong trinh lugng giac cot3x =cot(7 - x) ;
Loi giai
Loi giai
sin3x #0 x #k T
, = 3 (kJIed)
sin(.r- x) =0 v %1- L1
Diéu kién: ' e

cotdx =cot(m- x)e= Jx=g-x+kmlked)= x :%-ﬁk%l{kEZ}

Ta co:
Két hop v6i diéu kién suy ra nghiém phuong trinh la:
=+ kT =L 4 k(€ ).

4 2

cnt‘ x- l‘ :—JBT
Cau 7. Tim nghiém phuong trinh lugng giac ' 5
Loi giai
Loi giai

' T ' T [T
u:nt| x- _‘ :—ﬁm cnt‘ x- _‘ :cnt‘ - _‘
Ta co: 5] | 5 . 0]

= - T _. f...,q-m[,q-gz}ﬁ X :i+k,r|[kEZ}.
5 0 30

x =2 +ia(keZ)
Vay phuong trinh c¢6 nghiém la: 0 .

| 1] .
sin| 2x- — | +sinx =0
Cau 8. Tim nghiém phuong trinh lugng giac

Loi giai

Loi giai
.| | | 1 : | |
sinf 2x- — | +sinxy =0« 51n| x-—|=-sinx <= 51n‘ 2x- —| =sin(- x)
| 3) | 3] | 3)
1 2T
2x- EZ_ x+k2T x Zaﬂt—
= : (ked)= (ked).
2x- 3 =T+x+k2T x=—+T+k2T

1 2T 1
x=—+k—:.x :§+,T+,f:lﬂ[ke Z)

Vay phuong trinh c6 nghiém la: 9 3

Cau 9. Tim nghiém phuong trinh lugng giac SIn(.T - x) - cosx = D;
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Loi giai

Loi giai
. . . T
sin(T- x)- cosx =0+ sin{.7- x) =cosx < sin(.T- x) ZEII]‘ 5
T
T—'L:T—'L-HL'ET TEE
= = (ke F) = T (ked)
T ¥ =—- kT
T-‘L—T-I[?-.T]I'H!LET 4

x =2 ka(keZ)
Vay phuong trinh c¢6 nghiém la: - .
Cau 10. Tim nghiém phuong trinh lugng giac tan 3x =cotx
Loi gigi

Loi giai
cosdx =0 x ;-tf + I T
. = 0 JkJIeZD)
sinx =0
| x =T

bicu kién: *

T '
tan3x =cotx = tan3x :I;an‘ 5 X

Ta co:

o= x+ka(keZ) o x=L+kL(keZ) ‘
2 § 4 (thoa man diéu kién).
r=L+klked
Vay phuong trinh c¢6 nghiém la: 8 4 )
sin xsin
Cau 11. Tim nghiém phuong trinh lugng giac
Loi gidi
Loi giai

.r-i‘:cl
I8

sinx =0

. . T _ .
sinxsin| x- —| =0 = | | T
| 18 | 51n‘.~r—— =0

18
x=kT r=kT
A T (ked) = T (ke d)
x- E =kT x :E-H!ffT

x =kmix =~ +ka(ke Z)
Vay phuong trinh c6 nghi¢m la: 18 .

Cau 12. Tim nghiém phuong trinh luong giac V3sin3x- cos3x =2 :

Loi giai
Loi giai
Tac @ =V3.b=-1= Jai +b =2

Chia hai vé phuong trinh cho 2, ta duoc:

3. 1 . T LT
— s8N 3x- —Ccos3xy =] = sIn3xcos—- cos3ysin— =|
3 2 f f

Trang 3/19



<:>sin(3x—£]:l o3x-Z=C i konked)
6 5 B

2r 2r
Sx=—+k—(keg).
9 3 (keg)
. 3
=4k L ke
Vay phuong trinh c6 nghié¢m la: 9 3 .

Cau 13. Tim nghiém phuong trinh lugng giac tan x +2cotx =3,
Loi giai

Loi giai
. x #
sinx =0 x #kT
= T (k,le Z)
cosx =0 x :.t? +lT
Diéu kién: ' ' =
Phuong trinh twrong duong
. tan x =1
tan x +2 -3=0=tan" x- Itanx+2 =0 = ;
tan x tan x =2

x =L s ka(ke ) ‘
voi tanx =1 gh; - 4 (thoa man diéu kién).

voi tanx =2 ¢pi ¥ ~LIYET(REZ) o4 e didu kien).

x =L tkmix ~L,1+ka(keZ)
Vay phuong trinh c¢6 nghiém la:
CAu 14. Tim nghiém phuong trinh lugng gidc 2 sin” x- 3sinx +1=0 ;
Loi gidi

Loi giai
5in x =1
2sin’ x- 3sinx+1=0<= | _ 1
sinx =—
Ta co <.
T
, r=—+k2r(keZ)
Vi sinx =1 3 2
T
I xy=—+k2T
siny =— = 0 (ke d)
2 s
x=—+k27
Véi 0

Vay phuong trinh c¢6 nghiém la:

T T 5T
X=—+ k2T x =—+ k27, x =——+k2a(k e F).
2 0 i

Cau 15. Tim nghiém phuong trinh lugng gidc sin2x- cosx- 2sinx+1=0
Loi giai

Loi giai

Phuong trinh d3 cho < 2sinxcosx- cosx- 2sinx+1=0
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= cosx(2sinx- 1)- (2sinx- 1) =0
< (cosx- 1){2sinx-1) =0

cosx-1=0 cosx =l
= . = ) I
2sinx-1=0 sInx =—
2
. — " 1
Vi C0S X =l = x=k2x(k EZ};
=L 4k
. 1 . . T B
sinx =5 = SlNx =sln— = 5, (ked)
- © |x=2Tarar
Véi 0
¥ =R x =X k2mx =28tk €Z)
Vay phuong trinh ¢6 nghiém la: 0 0
CAu 16. Tim nghiém phuong trinh lugng giac V3sinx- cosx =0,
Loi gidi
Loi giai

Tace: @ =30 =-1= ng.

Vay phuong trinh twong duong:

3. 1 . T T o |
—snx- —cosy =0 = smxcos—-cosxsin—=0= smn|x-—|=0
2 2 0 4] | o |

o - %:A—J[kez}ﬂ x :% +ka(kEZ).

x =L+ ka(ke Z)
Vay phuong trinh ¢6 nghiém la: 0
Cau 17. Tim nghiém phuong trinh lugng giac €0§ 2x - 3cosx+2 =0,
Loi gidi

Loi giai
, cos2x-3cosx+2=0<= (Eccrs: x- I]— Jcosx+2=0
Ta co:
cosx =l x =kt
= 2cos x- 3cosx+1=0<= | = T (ke Z).
COSx =— x=+—+k2T
2 3

x =k2mx =+ + k2a(kE Z)
Vay phuong trinh c6 nghiém la: 3

Cau 18. Tim nghiém phuong trinh lugng gidc sin7x sinx —51”5" sin3x

Loi giai
Lo giai

. . . . 1 |

51N 7xsinx =sin 3xs5mM3x <= —(cos0x- cos8x) =—(cos2x- cos8x)

Ta co: 2 2

!’T

X =K—

Ox =2x+ k27T 2

= C0s0x =cos 2y = (kef)= (ke F).
Ox=-2x+k271 T

Vay phuong trinh c6 nghiém la: -
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Cau 19. Tim nghiém phuong trinh lugng giac sin’ x- sin 2x+7cos” x =3
Loi giai

Loi giai

Ta c6: Sin° x = sin2x+7cos’ x =3 ¢ sin’ x- 2sin xcosx +7cos” x =3

Trudng hop 1: cosx =0= sin®x =1,
cosx =0

Thay sSIX =1 s, phuong trinh: 1 =3 (sai), suy ra €08 X =0 khong thoa man.
. 2 tan® x- 2tanx +7 =3(1 +tan’ x
Trudng hop 2: €08X #0  chia hai vé phuong trinh cho €08™ ¥ ta dugc: ! ! ( )
. tanx =l x il + kT
< -2tan" x- 2tanx+4 =0« = 4 (ke Z).
tanx=-2
x == L1+kT

x =T skmix ~ L1+k1(keZ)
Vay phuong trinh c¢6 nghiém la: '
Céu 20. Tim tat ca cac gia tri thuc ctia tham sb 7 dé phuong trinh sinx- m =l ¢g nghiém.
Loi giai
Loi giai
Tacé: Sinx- m=l= sinx =m+1
Diéu kién dé phuong trinh c6 nghiém la: - | =m+1 =l = -2 =m =0
Vay - 2=m =0 thoa méin dé bai.
Cau 21. Mot vat M duge gin vao dau 16 xo va dao dong quanh vi tri can bang ! , biét rang O 1a hinh chiéu
vudng goc cua I' trén truc OX | toa 30 diém M trén OX taj thoi diém ! (gidy) la dai lugng $ (don vi: €m)

o 7
s =8, 08In ‘ SE+?‘
dugc tinh boi cong thic \ <)
a) Tim khoang cach tur vat dén vi tri can ban tai thoi diém ? =3 giay.
8 g gidy

(b) Thoi diém nao trong khoang 2 gidy dau tién thi * =4, 3cm ?

(Céc két qua gan dung trong bai dugc 1am tron dén hang phan trim)

s 1 i
LT I
e g |
I I
o '
T

- M

HHR

g o Ad o D e
Tra 104: a) 3,65¢cm b)r, =0,05s:1, =1, 4451, ~==EI.I35; t, =0,92s5:1, ~==|.'J".§-

Loi giai
s :S.Gsin‘ S.3+§‘ =3,05(cm)
a) Khi =3 thi - o .
Vay vat cach vi tri cAn bang mot khoang xap xi 3,65¢cm
B S.GSII]‘8F+;‘:4.3=¥ 51I]‘SF+;‘:?
b) Khi & =43 thi L2 L2 2
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at +% :%H{EJ t == ;ihffi
- - (keZ) = 24 dpem,
St +£ _2T +E2T t - +A—£
20 24 4
- = ' == . = = Y ==
Vi te(0;2) nén 6 5 gid tri t thod mén la: t =0,05s:t, =144 5.1, =0, |35; t, =0,92s:1, I.I'?s.

sin ‘ 2+l ‘ +5sin x =0
Cau 22. Tim nghiém phuong trinh lugng giac 3
Loi giai
Loi giai

| .
2x +—‘ =-snx
3

sin| 2x +§‘ +siny =0 = sIn

T
2x+—=-x+k271

o T ,
< 51n‘ 2.r+§‘ =sin(-x) = 3
' ' 1‘(’4‘%:;{4‘.‘(4‘1![3;(
]
3‘r:—€+ﬁ:2'r T—-%-I-A;—I
= L hEL
2T 2r
x =—+ k2 x=——+ k27
3 3
' 3T | ' |
l:crs‘ x- _|+|:crs‘ .r+_‘ =0
Cau 23. Tim nghiém phuong trinh lugng giac \ 4 \ 3 ;
Loi giai
Loi giai
' T ' | ' | ' Fa
EDS‘ x- —‘ +|:|:rs| r+—‘ =0 = EDS‘ x- —‘ == EDS‘ r+—‘
| 4 | 3 | 4 | | 3

' 3T (27
= cos|x- —|=cos| —-x
| 4 | 3 |

o

= CO05| X= — | =CO5(T= —=X
. 4 . 3 o)

dr 2w v 2
T-—ZT-T+REI '}T—T:—‘i‘ﬁLET I?T
= 3 5 = = X :?+k:{,ﬁ:53
T 2T T 2
X- — =- +x+k2T Ox =—+k27(VL)
4 12
. 2T
sln| x- ‘—cnsh =0

Cau 24. Tim nghiém phuong trinh lugng giac \ / ;
Loi gidi
Loi giai
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. 27 | . 2
sin| x- —‘— cos2xr =0+ smn| x- — | =cos2
o X
. LI Ty 2 P
, 2T . 3 2
= sn| - T‘ =sIn 2x|e ,
| | 2T T
xX-= __._T— _+'}T+.A.HI'T
3 2
2r T Tx k2w
3x- —:?HJ,T rTe—
o - 'i 3 kez
2r 7 T
-x- —=—+k21 x == - k27
3 2 B

cos| 2x- i‘ +5in‘ 3.1'+£‘ =
Cau 25. Tim nghiém phuong trinh lugng giac 4) \ 3)
Loi giai

Loi giai
' T | bl ' Tl .| fr
cos| 2x- —‘ =- 51N 2_r+_‘ = cos| 2x- —‘ =smn| - 2x- —‘
| 4| | 3 | 4 | | 3
Tl . | | T |
= cos| 2x- —| =s1n| - 2x- —‘ = cos| 2x- —‘ :cns[ —+ 2+
4 | | 3] | 4 | | 2 3
T 5r
. ) 5 _ "'.r—z +2v+ k27
T T
= cos| 2x- I :cns[—+2r =] GS
| . | _ g T
0 2x- L =2 ovsk2n
4 0
137
Ox = 27(VL)
12 Ta LT
= - = x =- 48 he L
T 2
4y =- +k2T
' | s '
tan 3.~r+_| +tan| —- x| =0
Cau 26. Tim nghiém phuong trinh lugng gidc \ 0 \ / ;
Loi giai
Loi giai
' ) (T '
tan 3.‘r+_‘ +tan| —- x| =0
. o .
T T [ T mr
Ix+—F_+mT X E—+
a2 6 2
= JneE £
I'T I'T I'T
—= X :.t?+m,T X F= —=mT
Pidu kién '3 2
' T I ' bl T '
PT = tan 3r+_‘:—tan[——r 3_r+_‘ :tan[—_+_r
| 6 | 3 | | 3 ,
-7
- X :T +.I!frT..I!sz
-T
) . r=——+km. kel
Keét hop vai dicu kién ta suy ra phuong trinh c6 mdt ho nghiém 2

' | (T
tan .r——‘—u:u:rt‘—+.r =0
f 3

Cau 27. Tim nghiém phuong trinh lugng giac \ - \ ! :
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Loi giai

Loi giai
I I 2T
x- E :.t? +m.T X :.ET + mT -
- = ox2_+mrmeZ
T T 3
—+x EWMT x#E- _+mr
Pidu kién 3
[ T [T ' ' T T ' T kT
PT = tan‘ x- _‘ :EDI‘ —+r|= I;an| x- _‘ :tan| —-x|l=ma=—+ N =y
| 0 L3 _ | o 0 _ ] 2
T
x=—+kT kEL

Két hop voéi diéu kién ta duge 0

' T | T |
cnt‘ 2.1-4-_‘ +tan‘ —-x| =0
Cau 28. Tim nghiém phuong trinh lugng gidc 4 4
Loi giai
Lo giai
' T | T ' | T ' ' T
l:crt‘ 2_1-+—‘ +tan‘ —-x| =0= tan‘ —= x| == I:Dt‘ 2_1-+—‘
| 4 4 , | 4 , | 4 |
(T ' | (T s |
= tan‘ —-x :cnt‘ -2x- —‘ = I;an‘ —- X :Lan‘ —+3.‘r+—‘
| 4 _ | 4 | | 4 _ | 2 4 |
T T T T kr
= -y =—+2y+—+ T x = - =yl
4 2 4 6 3
Cau 29. Tim nghiém phuong trinh luong giac 4sin”x- 1=0.
Loi giai
Loi giai
2 =2 s k27
- - 1 1-cos2x | 1
dein”x-1=0= s1n" x :1 = — :1 = C0s 2y :? =
2 2 T
2x=-—+k21
T
r=—+5&T
o 0 kEZ
T
X == _+.#I.-r-lr
0

cos” 2x :sin:‘ X ‘
Cau 30. Tim nghiém phuong trinh lugng giac \ 3
Loi giai
Loi giai

=l . ] ( HT .
cos” 2x :51n" T+E‘

' 27|
|- c05| 2y 4+ ‘
|+ cosdx | 3
— =
2 2
( 21
= |+cosdx =1- cos| 2x+ —
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' 27 |
= cns‘ 3“‘?‘ =- cosdx

' 21 |
= cns‘ EI‘FT‘ =cos(.7- 4x)

T k2x
X =—4—
- 18 3 FezZ
St
x=—- kT
]
Cau 31. Tim nghiém phuong trinh lugng giac |cos2x|=1 ;
Loi giai
Loi giai
. l+cosdx kr
|cos2x|=l=cos” 2x =l — —— =l = cosdx =l = dxr=k2r = x = ——k€Z
cos| Z- | =2
2 2

Cau 32. Tim nghiém phuong trinh luong giac
Loi gidi

Loi giai
n 8 .. 3 . .5 3 1-cosdy 3 1
Cos| ——x |=— &|sinx|=— sin“x=—> ——=—Scos2x=——
2 4 2 4 2
-
2x = “; +k2T =L vk
= '} = ke L
2T T
1x =~ T-H!J,T x=- —+kT

Cau 33. Tim nghiém phuong trinh lugng giac 2 sin2x cos2x =0,
Loi giai
Loi giai

kT

2sin2y cos2yr =0 = sindx =0= dx=k7= x=— ke F
CAu 34. Tim nghiém phuong trinh lugng giac cos” x =sin” x ;
Loi giai
Loi giai
kr

cos"y=sIm r=cos x-S yx=0=cos2yx=0= 2y =—+fT7= x=—+—
2 4 2 keZ
, .

Céu 35. Tim nghiém phuong trinh lugng gidc 3sinx =4sin’x ;
Loi gidi
Loi giai

3sinx =4sin’ x & 3sinx- 4sin’ x =0« sin3x =0 < 3x =k7 & x :%,ﬁ:ez

CAu 36. Tim nghiém phuong trinh lugng giac €0sx =1+4 cos” x ;
Loi gidi

Loi gidi

cosx =l+4cos’x = 4cos’x- 3cosx=-1< cosdxr=-1le< 3x=r+k27
T k2x

o x=—+

heZ
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Céu 37. Tim nghiém phuong trinh lugng giac SINx +Cosx =2 :

Loi giai
Loi giai

: | | | | b/ S 4
sinx +cosx =2 = stm‘ I+Z‘ :ﬁﬁ SII]‘ r+z‘ == I+I:?+HI =X :f.,.;;g;_;{gz
| . | . 4 '

Céau 38. Tim nghiém phuong trinh lugng giac sin”x - cos” x+1 =0,

Loi giai
Loi giai

sin® x- cos* x+1 =0+ (sin’ x- cos® x)(sin® x + cos’ x) =-1

= sin‘x-cos'x=-lecos2x=le Ix=k2re x=km.keZ

Sin” x+cos” x-

Cau 39. Tim nghiém phuong trinh lugng giac
Loi giai
Loi giai
sin” x +cos’ x- L
2

i

NE)

Cau 40. Tim nghiém phuong trinh luong giac 2
Loi giai
Loi giai

NE)

i S T
x+— :E'H!fl'r x =—+k2T
0 Y
= = A=
A " T
o R x=- —+k2T
0 3 2

Cau 41. Tim nghiém phuong trinh lugng giac
Loi giai
Loi giai

Ta dua phuong trinh di cho vé dang phuong trinh co ban sau:

cos 2x ++f3sin2x =3 cosx- sinx

3

| N 1. '
= —C0s2x+—sSIN2y =——C0sx- —SINx <= COS
2 2 2 2
T T T
2x- —=x+—+k27 x=—+k2T
3 f 2 )
=] =] 5 =y
T T T 2
x- —=-(x+—)+k27 x=—+k
3 f 18 3

Cau 42. Tim nghiém phuong trinh lugng gidc cos’ x +cosx =0 :

Loi giai
Loi gidi

I ] 2l I ] ]
=0e= |- —sin" 2x=— = s 2x =|
2 3

. T T kx
= 05" 2x =0 = cos2x =0 = 2x :?H:,T = x :Z+

1 .
COSx - —sinx
2

1 . 1 T . T 1 ' |
— CDSY- —SiN ¥ =— & COS— -COSX- SiN— Siny = < cos| x+—| =cos
¥ 3 2 f f 2 | f

cos2x+

T ' |
2x- — | =cos| x+—
3 | Wl

b | =

a

3

3cosx- sin X
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T
. cos x =0 x =—+hkT
cos” x+cosy =0 = cosx(cosxy+1) =0 = = 2 N =y

cosx == |
x=T+k27

Cau 43. Tim nghiém phuong trinh luong gidc 2 sin’ x- 3sinx +1 =0,
Loi gidi

Loi giai

2sin’ x- 3sinx+1 =0« 2sin” x- 2sinx- (sinx- 1) =0

< 2sinx(sinx-1)- (sinx- 1) =0« (sinx- 1)(2sinx- 1) =0

T
x=—+kT
. 2
sinx =l
!'T
= , | = |x=—=+k2T.kEL
mnx:; ¥
= ST
x=—+k2T
0

Cau 44. Tim nghiém phuong trinh lugng giac tan® x+(y/3- Dtanx- 3 =0
Loi gidi
Loi giai

tan® x +(+f3- I)tan x- /3 =0 (1.

( fT
tan x :;._‘ x ¢?+A—,T‘
Pat \ < -

Phuong trinh (1) tr& thanh: HB-De-B=0s =1 1=
t =l= tanx =1 = tan x =tan T o x :£+k,T._A-EZ
Vi 4 4
t :—J?:c- tan x :I;an‘ - i‘ﬁ x=- £+ﬁ:,T._kEZ
Véi L3 3
So v6i diéu kién phuong trinh nhan ca hai nghiém.

x=Z + k1, x =- il +hkm kel
Vay nghiém cta phuong trinh: 4 3 .

=cotx+3

5

Cau 45. Tim nghiém phuong trinh lugng giac sin” x
Loi giai
Loi giai

=cotx+3 (1)

3

sin” x

(1). Didu kién sinx #0 = x k1

1< 1+cot’ x =cotx+3 < cot’ x- cotx- 2=0 (19

Pjt ! =¢0LX  Phyong trinh (1')tré thanh: ¢ = 1= 2 =0t =-1" 1 =2
t=-1l=cotx=-1= x =- £+k,T,kEZ

Vi 4

V(rjl t=2e=cotx =2 x :Q'I-}'{,T.J![Ez (Vél tan ¢ =2)

¥x=- —+kTm.x = +iTr kef
Vay nghiém cta phuong trinh:
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‘ l:crti— IH CD[£+|‘ =0
Cau 46. Tim nghiém phuong trinh lugng giac * 3 M 2 ]
Loi giai

Loi giai

‘cmi-chmiH‘:D (1)
R | R

. X ?.‘l.'
s1n§ir:+ Eiﬁ,r ¢ k3T
_ = k€D
Sil]%i[} %ikfr rERe
biéu kién: * = L=
cot—- 1=0 cot = =1 £:£+ﬁr X :3;?4-!:3,?
me| 3 s 3 o] 4 = (ke Z)
cot+1=0 cot— =- 1 i:-£+ﬂr v =- —+k2T
2 2 2 4 2
So v&i diéu kién cac nghiém nay théa man.
=T ektx = Lekan(keD)
Vay phuong trinh c6 nghi¢m: 4 2 .

tan(x- 30 2x- 150 ) =0
Cau 47. Tim nghiém phuong trinh lugng giac n (1 )EDE( X ) :

Loi giai
Loi giai
tan (- 30 )cos(2x- 150 ) =0 (1)

S l:l:rs(.'r— 30 ) =0 = x-30 290 +k180 = x #120 +k180 (ke Z)
Piéu kién: .

x- 30° =k180"° x =30 + k180°
2x- 150" =00" + k360" = | x=120"+ K180" , (ke Z)
2x- 150" =- 00" + k360° x =30 + k180°

— tan(x- 30°) =0

@ cos{ 2x- 15U”}:Dﬁ

So vé6i didu kién nghiem ¥ =120 +£180  (joai).
x =30 +K180,(k€Z)

(3tanx++f3)(2sinx-1) =0,

Vay phuong trinh c6 nghiém:

Cau 48. Tim nghiém phuong trinh lugng giac
Loi giai

Loi giai

(3tanx++3)2sinx-1)=0 (1)

T
. cosx #0 &= x #—+kr,(keZ)
bicu kién 2

1——5’T+kr
t > | ° |
_ _ anx =- —
(1) & 3I‘;:?n.1 +‘E_D¢ 3 o _1-:£+ﬁ;2,7._|[kEZ}
2sinx- 1=0 .1 0
sin x =5 5

x=—+k27
0

So v&i diéu kién cac nghiém nay théa man.
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. z 1 [ g ’

Vi tap céc gia tri ] o ] la tap con cua tap cac gia tri * 0 ] )
St T
X = +ka,x =—+k2r,(ked)
Vay phuong trinh c6 c4c nghiém: 0 0
' il
Cos E.TEDI‘ x- —| =0

Cau 49. Tim nghiém phuong trinh lugng giac
Loi giai
Loi giai

' |
cos2x -ED[‘ x- —‘ =0 (1)

4
sin| x- £| =0 = x- T T = x i£+,f:,r.[_ke )
Pidu kién 4 4 4

cos 2y =0 2x :£+ kT X :£+ E
. 2 4 2
f_]} =1 ( T = =1
cut‘ x- —‘ =0 I T kg
| 4 X —=—+ L7 r=—+ kT
2 4
it
. x=—+hkr kel
So voi diéu kién nghiém 4 thoa man.

Cau 50. Trong mon cau 16ng, khi phat cau, ngudi choi can danh cau qua khoéi ludi sang phia san doi phuong va
khong dugc dé cho cau roi ngoai bién.

Trong mat phéng toa do Oxy , chon diém c6 toa do ©; Yo ) 1a diém xuAt phat thi phuong trinh quy dao cua cau

g X
%+ tan{er) -x + 3,
COS™ o

.II =
2 a0

16ng khi ro1 khoi mat vot la: 0 ; trong do:

9,8m/s* ):

- g 1a gia tdc trong truong (thudng dugc chon 1a
- @ 13 gbc phat cau (so voi phuong ngang ctia mit dat);
BACHFY van tdc ban dau cua ciu;
- Yoa khoang cach tur vi tri phat cAu dén mat dat.
Pay 1a mot ham sb bac hai nén qui dao chuyén dong cta cau 16ng 1a mot parabol.
Mot ngudi choi cau 16ng dang dimg khoang cach tir vi tri nguoi nay dén vi tri cdu roi cham dét (tam bay xa) 1a
6,68m . Quan sat hinh bén dudi, hoi ngudi choi da phat cau goc khoang bao nhiéu do so v6i mit dat? ( biét cau
roi mat vot ¢ do cao 0,7m so voi mat dat va van tde xuat phat ctia caula 8m/s , bd qua strc can cua gi6 va xem
quy dao cua cau luon nam trong mat phang phang dang).

Y a

ol

N

P ﬂg— +tan(a).x+ y,
2.v,.c08" a

0,7m

> X

diém cham dit
Loi giai
Loi giai
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N 7 i
- — {8 A X xov, =8m/s \ ~ , A
Véi & 9,8m/s , van toc ban dau ° , phuong trinh quy dao cua cau:
= '.'l.':
¥ :%+ tan(er) -x + p,
2y cos

Khoang cach tir vi tri ngudi nay dén vi tri cau roi cham dét (tim bay xa) 1a 6,68m ;nghiala * =6,68m

-9 8 6, :
Ta co: M+ tan(ex) {6,68)+0,7 =0
128 «cos™ e
-9.8 (6,068) ,

= %(I +tan” ﬁ)+ tan(er) {6,068)+0,7 =0
tan or =1,378 o =54,04

—r —r
tan or =0,570 o =29,97

Vay ngudi choi dd phat cau mot goc gan 54° hodc gan 30 50 véi mat dat.
Céu 51. Mot vé tinh bay quanh Trai Dt theo mot quy dao hinh Elip (nhu hinh v&):
Vé tinh

h =100

Po cao h (tinh béng kilomet) ctia v¢ tinh so voi bé mit Trai Dat duoc xac dinh boi cong thuc
fT

h =550 +450 -cos —¢ . , .
50 Trong @6 ! 14 thoi gian tinh bang phut ké tir lac vé tinh bay vao quy dao. Nguoi ta can

thue hién mot thi nghiém khoa hoc khi vé tinh cach mat dat 25047 Trong khodng 60 phut dau tién ké tir lac vé

tinh bay vao quy dao, hay tim thoi diém dé cé thé thuc hién thi nghiém do ?

Loi gidi
Loi giai
T T 2
550+ 450 cos—¢ =250 = cos —f == —
Ta c6 phuong trinh: 50 50 3
fT
g 9
so! ~hI3tkT ¢ =36,61+ K100
=1, = 36,61+k100°F %
%;Q:—E.BH:E,T £ == 30,014

Vay trong khoang 60 phut dau tién ké tir I vé tinh bay vao quy dao, tai thoi diém £ ~36,61 (phiit) thi ta c6 thé
thuc hién thi nghiém do.

in4x 180 - 3x)=0
Cau 52. Tim nghiém phuong trinh lugng giac sindxr + cos ( ) .

Loi giai
Loi giai
sindx +cos(180 - 3x) =0
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< sindxy- cosdyr =0 < sindx =sin ('EJE}' - 3.~r)¢ 4r =90 ) B'TTHGD keZ)
dx =180 - 90 +3x+ k3060

90 " 360
e | T TN T (ke
x =90 +k360

2cos2x-8cosx+7 =
Cau 53. Tim nghiém phuong trinh lugng giac
Loi giai
Loi giai

COSx |

2cos2x-8cosx+7 =
COsx

T
. cosx 0= x #_—+ka(ke £)
bicu kién: 2
& 2(2cos’ x- 1)cos x- 8cos® x+7cosx =1 = 4cos’ x- 8cos’ x+5cosx- 1=0

T =kT

cosxy =l cosxy =]
I'T

= TS X :E-H!:l'r (ked)

Cosxy = COS X :ccrs'?

b | =

i
X = — +.#I.- EfT
3

-
tan x +cotx =- —
Cau 54. Tim nghiém phuong trinh lugng giac

Loi giai

5in x

Loi1 giai

2 |

tan x +cotx =- — ‘ x #Fh—

sl 2
sinx  CcOSx 2 1 2 1
— +— == — =] - == — = COSy =- —
cosy  sinx 5in x Cos xsinxy sinx 2

¥ )

= CcoSx :cns“}iﬁ x :i“}i-i-klﬂ[ke Z).

cotx +sin x| 1+ tan x tan | =4
Cau 55. Tim nghiém phuong trinh lugng giac \ 4)
Loi giai
Loi giai

o x|
cotx+sinx| l+tanx -tamE =4

. X
. sinx #0,cosx #0,c058 — =0
bicu kién: 2
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COsx CDS + sin x 51I] 5

osx
— +sinx 2 < =4
) "
sl x COS X COS
2
!’T
cosx  sin 1 1 = 12 th
X x . 2
= —+ =4 — =4 esnlx=—< (ke d).
SNy COSX 51N X COS X 2 ST

Cau 56. Tim nghiém phuong trinh lugng giac V3sin’ x- sin xcosx =0,

Loi giai
Loi gidi
J3sin’ x- sinxcosx =0 < sinx(yf3sin x- cosx) =0
x =k
= sinx(\3tanx-1)=0 = T (ke
P = . +kr

Cau 57. Tim nghiém phuong trinh lugng giac sinZx :"E sinfx +.7) + cos( 2x +.7) .

Loi giai
Lo giai
sin2x —«f_sm (x+m)+cos(2x+7) = J_sm‘ Ix+ ‘ ».,-"_SII] (x+.1)
T iT
2x+—=x+a+k2r X :THL,,T
= 4 (kEZ) = (kEZ).
T T 2T
2x+—=-x+k27 r=- —+Fk
4 12 3
4cos’ il : 51n x+3sin’ Al =3
Cau 58. Tim nghiém phuong trinh lugng gic 2 2 2
Loi giai
Loi giai
4cos” —+ I 51n x +3sin’ % =3
cos’ X =0
Truong hop 1: 2 khong théa phuong trinh.
cos’ = %0 . cos® = #0
Trudng hop 2: 2| chia hai vé cta phuong trinh cho 2 taduoc:

4+I;an£+3l;an ——3| l+tan” —‘
2 2 |

= %4-;-,1(;; €Z) = x = Z+k2a(keD).

X
= fan—=-1l<
2

ba | =

Cau 59. Tim nghiém phuong trinh lugng giac €08 x €OX Sx =c0s Zx Cos4x
Loi gidi
Loi giai
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COSy COS5xy =cos 2y -cosdy = cosOx+cosdy =cosOx+cos2y <= cosdy =cos2y

dx =2x +k27T x =k
= (keZ) = 1(ked).
4x =-2x+k2T x=k=

Cau 60. Tim nghiém phuong trinh lugng giac 2€08x €08 2x =l +c0s 2x +cos3x
Loi gidi

Loi gidi

2cosxy €cos2x =l+cos2x+cos3x

< cosx+cos3xy =l+2cos’x- l+cos3x < 2cos” x- cosx =0

T
cosxy =0 X :T+ﬁ:;{
= | = - (ke ).
Cosxy =— T
) X :i§+ﬁ:lr

tan(2x+30 )+tan20 =0
Cau 61. Tim nghiém phuong trinh lugng giac (2: ) .

Loi gidi
Loi giai
Ditu kign: 2¥+30 #90 +KI80 (k€ Z) = x %30 +k90 (k€Z)
= tan(2x+30 ) =tan (- 20 ) & 2x+30 =-20 +4180 (k€2Z)
& x=-25 +k90 (k€ Z).

CAu 62. Tim nghiém phuong trinh lugng gidc €05 2%~ sin” 2x =sin 2x - cos 2x
Loi giai

Loi giai

cos’ 2x- sin’ 2x =sin2x- cos 2x

X
cos— =0
Truonghop 1: 2, khong théa phuong trinh.

cos = #0 ) cos’ = #0
Truong hop2: 2, chia hai vé ctia phuong trinh cho 2 tadugc

I- tan® ¥ =tan x(1+tan® x)- (1+tan’ x) = tanx =1 = x =- §+}'{,TI[J!:E Z).

Cau 63. Tim nghiém phuong trinh lugng giac 3 tanx- Zcotx- 3 =0
Loi giai

Lo giai
‘ x 2L+ ka(keZ)
bicu kién: 2
T
tanx =l x :ZHL-,T
Stan“x- 2- 3tanx =0 = - & L (ke Z).
tanx=— -2
5 x :arctan‘ ?‘ +k1

2T
cot 3x =tan—
5

Cau 64. Tim nghiém phuong trinh lugng gidc
Loi gidi
Loi giai
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o
il ‘ o =" sirkeD o x=" +k" (keZ)
. 10 0 3

| T
cot 3x :l:l.'_'ll| -
| 2

1 _\E(cns - sinx)
Cau 65. Tim nghiém phuong trinh lugng giac tanx+cot2x cotx- |
Loi giai
Loi giai
T
v =k —
5
< (k€D
. x=—+kT
bicu kién:
sinx =0 v =ka(L)
= sin2x :\Es,in X e b = 2 (ke )
COSx :£ X :igﬂiu,r

Cau 66. Tim " dé cac phuong trinh luong giac sau c6 nghiém: 2 sin3x =m- 1
Loi gidi

Loi giai
. . -
2sin3x =m- 1< sindx = 5
m-1 o
. -1= 5 =l=-1=m=3
biéu kién c6 nghiém: =

Céu 67. Tim " dé cac phuong trinh luong giac sau c¢6 nghiém: 3sin” x+sin2x- meos® x =0
Loi gidi

Lai giai

3sin” x +sin2x- mcos” x =0 = (m- l)cosx =3m+2

Trudng hop 1: ™ =108 =2 (1oa5),

dm+2
m #=l,cosx =

Trudng hop 2: m-1
Im+2

=le (3m-2Y-(m-1)y =0= gim <.

m- 1

A \ A s \ s 7 ’ s A e
Ciu 68. Tim " dé cac phuong trinh lugng gidc sau c6 nghiém: 7 tanx+2 =m
Loi gidi
Loi giai

-7
m-2
mtanx+2 =m = tanx =

m
Didu kién c6 nghiém: 7 #0 |
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