SANG TAC PE GIUA HQC Ki I1 LOP 11
THEO MA TRAN CUA BGD

I. PHAN TRAC NGHIEM

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Cau 6.

[NB] Trong cac khang dinh sau, khang dinh nao dung ?

A limv, =0 . lim(v, +a)=0 limv =a . lim(v, -a)=0
. néu : . =% néu :

B
limv, =0 . lim(v, - a) =0 limv =a . lim(v, +a)=0

C. n néu . D. n néeu .

[ NB] Cho imt, =4 limv, =-1 yp, g Bm@,-v,)p o

A. 3. B. -4, C. "9, D.O.

[ NB] Trong cac két qua sau, két qua nao sai ?

Néu limu, =a vi limv, =b thi

o u, a
lim— =—
B. n

lim(u, v, ) =ab

A lim(u, +v,)=a+ b

c limlu,-v)=a-b D

[NB] Trong cac khang dinh sau, khang dinh nao ding ?

con ) : ~ C o1 A ~
A. Ta noi day so @) c6 giGi han = khi "~ *+© pgu “r 6 thé 16n hon mét s6 dwong bat
ki, ké tir mot s6 hang nao do tré di.

AR (7 Lo . ~
B. Ta noi diy so @,) c6 gidi han +© khi 1= +% pgy
tuy y, ké tit mot s6 hang nao do tra di.

R U L : ~ s A ~
C. Ta n6i day s6 (u,) c6 gidi han +9 khi M= *+© ngu “» 6 thé 16n hon mét s6 duwong bat
ki, ké tir mot s6 hang nao dé tré di.

un

c6 thé nho hon mét s6 dwong bé

I (/F R : ~ A 12 A ~
D. Ta néi day so (,) c6 gi6i han +%© khi 1= +% ngu Un ¢ thé nhé hon mot s6 dwong bat
ki, ké tr mot s6 hang nao dé tré di.

[NB] Trong cac khang dinh sau, khang dinh nao sai ?

limg" =0,¥geR o .
A. . B. limc =¢ y4i C 1a hing s6.

1 (-1)
lim — =0 lim =0
C. n vai k nguyén duong . D. n
[ NB] Trong céac két qua sau, két qua nao dang ?
T lim 2 =0
A. Ney MU, =@ gy MV, =50 g5 =



. u
| | lim—=2 =+
~ limu =g limv, =0 .v >0 .. . . v
B. Néu n , n va n vGimoi N thi n .
limu =a . . lim.‘fu =ja
n thi @ =0 v3 " J_

~ limu =+w | limv =a . limuv =+x
D. Néu n va n thi nn )

~ U =0 . . s
C.Néu vGimoi 1 va

u
. . _ lim—=*
Cau7. [NB]Cho imu, =-2 limv,=0 03 v, >0 1046 Vi ping
A. -2, B. -, c.0. D. +©,
x+2019
m—
Cau8. [NB]Tinh **' x+2020
2019 2021 2018 2020
A, 2020 B. 2022 C. 2019 D. 2021
limg(x)=3 limh(x)=10 lim [ h(x)- g (x)]
Cau9. [NB]Cho =2 , w2 . Tinh .

A. 7. B. 7. c. - 13, D. 13,
(3x-8 khix =2

)= 2 . lim f (x)
Cau 10. [NB] Cho ham s6 420 Khix<2 o JRT0O
A. 0. B.-2. c.8. D. - 14,
lim f(x)=L;limg(x)=M
Cau 11. [NB] Cho * ,vai LM €R Chon khang dinh sai.
A lim | f(x)- g(x)] =L- M 5 lim | f (0).g(x)] =L.M
jm T2 _L (0)+g(x)
frs Y3 lim x)+glx) =L+M
c. r9) M D'Hm[f 90 .
Cau 12. [NB] Cho X 1a mot s6 nguyén duong. Chon ménh dé sai.
. 8
lim x** =+ lim x* =- lim — =0 lim 8x" =+=
A. - . B. - .oCorx D. *
y=f&)

Cau 13. [NB] Hinh vé sau la d6 thi cia mot ham so6

lim f(x), [iir_n]_ f G, lim f (), lim f (x)

a1y

. Hay quan sat do thi va cho biét

lan lugt c6 gia tri bang:



Ll "—————y—_—l————
I
} —_—
e g
I
I
I
r=—11
I
I
A. ];+c>o;—ao;1- B. % +o0;1;1 C. L1 +o0;- o0 D. +ao;—c>o;];1.

Cau 14. [NB] Cho ham so f ) xac dinh trén khoang K chita . Ham s6 f (x) lién tuc tai X =4 néu

hm (x) = 1m (x) =+
LG gi6i han hitu han khi X @ g, im | f .

lim f(x)=f (a) lim f(x)= lim f(x)=a
C. = . D. «
x* +1
fO) =

Cau 15. [NB] Ham s6 X" = 5x- 6 lién tyc trén khodng nao sau day?

A GO p. - 16), c. L) p. :6)
Cau 16. [NB] Néu duong thang 9 cat mat phang chiéu (P tai diém A thi hinh chiéu cta @ s&la

A.Piém A. B. Trung v&i phwong chiéu.

C. Pudng thing di qua A. D. Puong thing di qua A hodc chinh A.

Cau 17. [NB] Trong cac khang dinh sau, khang dinh nao sai?
A. Néu gia cua ba vecto 9, b, ¢ citnhau tirng doi mot thi ba vecto dé6 dong phang.
B. Néu trong ba vecto 9, b, ¢ 6 mdt vecta O thi ba vecto dé dong phang.

C. Néu gia cta ba vecto 49, b c cung song song v&i mot mat phang thi ba vecto d6 dong
phang.

D. Néu trong ba vecto 9, b € ¢6 hai vecto cung phuong thi ba vecto d6 dong phang.

Cau 18. [NB] Cho hinh hop ABCD.ABCD’ Chon ding thic ding.

A. DB =DA+DD'+DC | B. AC'=AC+AB+AD
c. DB =DA+DD +DC_ p. AC =AB+AB' +AD
Cau 19. [NB] Cho hai duwong thing a, blﬁn luwgt c6 véc to chi phuong 1a ¥V . Ménh dé nao sau day sai?
A.Néu a Lb thj uv =0 B.Néu uv =0hj a Lb,
cos(a,b) = | cos(a,b) = Ly
juF e
D. .

Cau 20. [NB] Ménh dé nao sau day dang?



Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

A. Hai duong thang cung vudng goc véi mot dudng thang thi song song véi nhau.
B. Hai duong thang cung vuéng géc véi mot dudng thang thi vudng goéc vdi nhau.

C. Mot duong thang vudng goc voi mdt trong hai duwong thang vudng goc véi nhau thi song

song vGi duong thang con lai.

D. Mot duong thang vuong géc véi mot trong hai duong thang song song thi vudng goc véi

duwong thang con lai.

. ou, -7
(u,) . limu, =7 im0 s
[TH] Cho day s6 ' "/ ¢6 "™ = * Tinh gi6i han U= 2
S 14
A. 7. B. 7. c. 15,
[TH] Tinh gia tri ctia biéu thic:
1 1 1 1 [ 1 1 1 1 |
A=| S+ o+ +. ‘ I+ —+ _+ 4.+ —+.....
'3 9 27 3 2 4 8 2"
4 2
A. 3. B. L. C. 3.
(2n° +1)" (2n +3)"
u, =
[TH] Gi6i han cta day s6 (u1,) voi 2n* +2 la:
15
A 2. B. 4. c. 2,
] Iy’ 2x' |
lim | 3 —1_2f+1‘
[TH] Tinh giGi han sau: L 3X r.
1
A. -®, B. +0, c. 4
. =X +2x-5
lim ———
[TH] Két qua cia*""* X +2X  bang:
-9
A. 8. B. -, C. +o,
lim («ﬂ'x*—ax+5+x):5
[TH] Cho*~ v6i A€R Gia tri ctia 9 1a;
A. 6 B. - 10 c. 10
[TH] Ham sé nao dwogc cho duwdi day lién tuc trén tap s6 thue R?
_x+1 _x-1 _x-1
A.- x-1, B. X+l c.” a1,
3 khix=-1
4
+
fx)= xz X khi x =-1;x #0
X+ X
1 khix =0

[TH] Ham so
A X =0;x =1

C. Moi diém trir X =" 1,

lién tuc tai
B. Moi diém X€R.
D. Moi diém trir X =0,

| u

Q| =




Ca

Cau 30. [TH] Cho ham s6

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

II. PHAN TU LUAN

u 29. [TH] Cho ham so

x*-

y=fx)=1x-2
o khi x =2

khi x =2

Khang dinh nao sau day ding vé tinh lién tuc cua ham s6 da cho?

A. Ham s6 lién tuc trén R .

(-02) . (2;+)
va

B. Ham s0 lién tuc trén cac khoang , gian doan tai X =2,

(-oz4) . (4+x)
va

C. Ham s6 lién tuc trén cac khoang , gian doan tai X =4,

(-;5) . (5;+»)
va

D. Ham s6 lién tuc trén cac khoang , gian doan tai X =5,

‘-a khix<l

J}['
y=fk)= 3 khix=l

Vi gia tri ndo ctia tham s6 thwe @ thi ham s6 da cho lién tuc trén R ?
A.a=-2, B. a =1, C.a=4, D. a =3,

[TH] Cho hinh 1ap phuong ABCD.A'B'C'D' M, N5, 1446t 1 trung diém cia AB va BB',
Goéc giita hai vectd MN va A'C' bing.

A. 0%, B. 60°. c. 90%, D. 30°,

[TH] Cho hinh 14p phuong ABCD.A'B'C'D' Goi M N 1an lwgt 1a trung diém cia BC va
A'D'. Géc gitta hai duong thing MN v3 B'C 13,

A. 90" B. 45", Cc. 30", D. 60°

[TH] Cho t& giac ABCD ¢4 HBC =€pA :gnn, AB =DC  Ggj M,N.E,F 13, lwot 1a trung
diém caa AB:CD:AD, BC pigy AC LBD  Ggc gitta MN va EF bing

A. 90°. B. 30°. C. 60°. D. 45°.

[TH] Cho hinh hop ABCD.EFGH  Goi I 13 tam hinh binh hanh ABFE v3 K 13 tdm hinh
binh hanh BCGF | Trong cac khing dinh sau, khing dinh nao ding?

A. BD AK | GF @png phing. B. BD | IK | GF dpng phing.
C. BD, EK | GF dpng phing. D. BD | IK | GC dpng phing.
[TH] Cho t¢ dién ABCD  Goi M va P Ian lugt 12 trung diém cia AB va CD pg AB=b
AC =c  AD =d Khing dinh nao sau diy ding?
MP=(c+d-b) MP=2(d +b- c)
A. 2 . B. 2 .
MP :i(fﬂb—d) MP :1(c+d+b)
C 2 . D. 2 .



lim| 9"~ 2.3" - 3"+ﬁ
Caul. [VD] Tinh ' :

Cau 2. [VD] Cho t¢ dien ABCD | trén canh AB,CD lay diém P, Q sao cho AP =4PB,CD ZSCQ.

Chting minh AP>BC, PQ dong phang.

I T -
,mJa,x 3- 36x-5

li —
Cau3a. [VD]Tinh =~ X - X -x+l

Cau 3b. [VDC]

3 3 B
1. Cho phuong trinh: x" cos’ x + m(xcos x- 1)(xcosx +2) —D.

Ching minh phwong trinh luén c6 nghiém véi moi M.

 (m?- m+2021)x° - (2m? - 2m +4040) x> - 4x +m’- m +2021 =0
2. Cho phuong trinh: .

Chitng minh phuong trinh c¢6 3 nghiém phan biét véi moi gia tri cia tham s M.

Hét




1B | 2D | 3B | 4C 5A | 6C 7B | 8D | 9A | 10A | 11C | 12B | 13B | 14C | 15B

16D | 17A | 18A | 19D | 20D | 21D | 22B | 23C | 24A | 25B | 26C | 27C | 28B | 29B | 30A

31B | 32D | 33A | 34B | 35A

LOT GIAI
I. PHAN TRAC NGHIEM
Cau 1. [NB] Trong cac khang dinh sau, khang dinh nao ding ?

limv, =0 . lim(v, +a)=0 limv, =a . lim(v, - a)=0
A. n neu . B. n neu i
limv, =0 . lim(v,- a)=0 limv, =a . lim(v, +a)=0
C. n neu . D. m neu .
Loi giai

FB tdc gia: Pham Thuiy Hién
Yéu cau can dat: Nhan biét dugc khai niém gidi han cua day so
Theo dinh nghia gi6i han hitu han ctia day so6 :
limv, =a . lim(v, -a)=0
n néu
Cau2. [NB]Cho Mt =4 limv, =-1 pp. 45 imu,-v,)
A. 3. B. -4. C."9. D.S.
Loi giai
FB tdc gia: Nguyen Viét
Yéu cau can dat: Nhan biét dugc dinh 1y vé gi¢i han hitu han.

Ta cg. Im, - v,)=4- (- 1) =5
a co: n :

Cau 3. [ NB] Trong cac két qua sau, két qua nao sai ?

limu, =a _, limv, =b .

Néu
lim= =2
A lim(u, +v, ) =a +b. B. " b
c liml, -v)=a-b p lim(u,v,)=ab
Léi giai

FB tdc gia: Nguyen Viét

Yéu cau can dat: Nhan biét dugc dinh 1i vé gigi han hitu han

lim— ==
Theo dinh 1y v& gi6i han hitu han, ta c6: b (néu b #0),
Cau4. [NB] Trong cac khang dinh sau, khang dinh nao ding ?
(u,)

A. Tanéi diy s6 * "’ c6 gidi han - khi "= *+® ngu “n c6 thé 16n hon mot s6 duong bat
ki, ké tir mot s6 hang nao do tré di.

un

s o ) . ~
B. Ta ndi day s6 (u,) c6 gidi han +© khi 1= +% pgy
tuy y, ké tr mot s6 hang nao do tré di.

c6 thé nho hon mot s6 dwong bé




Cau 5.

Cau 6.

Cau 7.

P P . ~ P A ~
C. Ta néi day so w,) c6 gi6i han + khi "= +%© ngu Y ¢6 thé 16n hon mot s6 dwong bat
ki, ké tir mot s6 hang nao do tré di.
pooan ) . ~ s A ~
D. Ta néi day s6 @) c6 giGi han +% khi 1= +9 pgy Un ¢6 thé nho hon mot s6 dwong bat
ki, ké tir mot s6 hang nao do tré di.
Lai giai
FB tdc gia: Pham Thuiy Hién
Yéu cau can dat: Nhan biét duwgc dinh nghia day s6 dan tdi vo cuc.
Theo dinh nghia gigi han vo cuc:
PR (] Lo . ~ sz A
Ta noi day s6 ( ”) c6 giGi han +© khi = +% péy Y2 <6 thé 16n hon mot s6

dwong bat ki, ké tir mot s6 hang nao do tra di.
[NB] Trong cac khang dinh sau, khang dinh nao sai ?

limg" =0,YgeR .
g =7 B. limc =¢ ygi € 13 hing s6.
1)
limik =0 lim( ) =0
C. n v6i k nguyén duong . D. n

Loi giai
FB tdc gia: Pham Thiiy Hién
Yéu cau can dat: Nhan biét dugc mot s6 gidi han dac biét.
limg" =0 _x |q|<1

Ta co néu

[ NB] Trong céc két qua sau, két qua nao ding ?

.V
. r lim— =0
imu =a . limv =400 ..

n va n thi u

n

A. Néu

. u

lim—=2 =+

.~ limu =a limv =0 .v >0 .. . . V

B. Néu n , n va n vGimoi M thi n .

limu =a . . lim,/u =+Ja
n thi @ =0 v3 n J_

~ limu =+» | limv =a . limuv =+x
D. Néu n va n thi nin )

~ou =0 . . <
C.Néu » vGimoi 1 va

Léi giai
FB tdc gia: Nguyen Viét

Yéu cau can dat: Nhan biét dugc dinh ly vé gidi han vo cuce va gidi han hitu han.

. u
I r lim = =0
. limu =a . limv =40 .
Néu n va n thi Vn
. u
1 l 0 lim -2 =+m
~ limuy, =a >0 limv =0 _.v > £ . N Vv
Néu n , n va n vGi moi 1 thi n
Néu limu, =+ vi limv, =a=0 thi limu,v, =+00.
. u
lim =

[ NB] Cho mu, =-2 limv, =0 o v, >0 146 Va bang
A. ©, B. -, c.0. D. +0,



Loi giai
FB tdc gia: Nguyen Vieét

Yéu cau can dat: Nhan biét dugc dinh ly vé gidi han vo cuc.

—_— y lim== =- o
Taco THH, = 2<0 limv, =0 va 'n” 0 nén theo dinh ly vé gi¢i han vo cyc ta c6 Va
X+ 2019
im———
Cau8. [NB]Tinh ' Xx+2020
2019 2021 2018 2020
A. 2020 B. 2022 Cc. 2019 D. 2021

Lai giai
FB tdc gia: Lam Tt
Yéu cau can dat: nhan biét dugc gidi han hitu han ctia ham s6 tai mot diém.
im X +2019 :1+ 2019 :EDED
Taco: ' x+2020 1+2020 2021

hmg(x) =3 lim h(x) =10 lim | h(x)- g(x)]
Cau9. |[NB]Cho #* . Tinh *2
A7, B.'7. c. - 13, D. 13,
Li giai

FB tdc gia: Lam Tu
Yéu cau can dat: nhan biét dugc hiéu cta hai gidi han (dinh ly vé gigi han hitu han)
lim [ h(x)- g (x))] _llmh(x) lim g (x)=10-3=7

Co «2
f( 3x-8  khix =2
s . lim (x)
Cau 10. [NB] Cho him s5 x*+2x khix<2 o Hmf
A. 0, B. -2, c. 8. D. - 14,
Loi giai

FB tdc gia: Lam Tu
Yéu cau can dat: nhan biét dugc gidi han trai ctia ham s6.

Ilmf(x)—hm(x +2x) =27 +2.2 B

Ta co: +—2
lim f(x)=L:lim g(x)=
Cau 11. [NB] Cho *~ W e ,vai LM €Rhon khang dinh sai.
jlt{l[f(x) g()| =L- M . xlll{l[f()f) g(x)] =LM
fx) L

lim | f C)+g(x)] =L+M

Cxx.g(x} M D.

Loi giai
FB: Pham Hitu Pdo
Yéu cau can dat: nam chac cac quy tac tinh gi¢i han

Khing dinh C chi ding khi M #0



Cau 12. [NB] Cho k 13 mot s6 nguyén dwong. Chon ménh dé sai.

. 8
lim x** =+ lim x* =- o« lim — =0 lim 8x" =+
A, e . B, = 1 C. "X . D. s

Loi giai
FB: Pham Hitu Pdo
Yéu cau can dat: nam chac cac gidi han vo cuc va gigi han 0
_ lim x* =lim x*" =+x
Khi K 13 s6 chin tic 1a kK c6 dang K =2m h +-= x-
y=f&x)

Cau 13. [NB] Hinh v€ sau la d6 thi cia mot ham s6

lim f(x), lim fCo),lim fCo), lim f(x)

x—=1{-1] x—={-1] N— -

. Hay quan sat do thi va cho biét

lan lwgt c6 gia tri bang:

Y Y
|
|
|
|
|

S R S
I
i —_—
e "y
|
|
|

r=—11
|
|
A.];+ao;—m;1. B. - oo +o0; 1; 1 C.];];+m;—m D. +m;—c=o;];1.
Loi giai

FB: Pham Hitu Pdo
Yéu cau can dat: nam chac kién thitc vé gigi han 1 bén va gidi han tai vo cuc

Cau 14. [NB] Cho ham s6 f () xac dinh trén khoang K chita @. Ham s6 f () lién tuc tai X =4 néu

lim f(x)=lim f (x) =+=
LS gi6i han hitu han khi X @ g, im [ im f .

B lim f () =f (a]’l. D, lim f(x) =lim f(x) =a

Loi giai
FB tdc gia: Nguyén Van
Yéu cau can dat: Nhan biét dugc khai niém ham s6 lién tuc tai mot diém; dinh nghia ham so
lién tuc trén mot khodng

f(x)

oL W)L " R . N . sy =
Cho ham s6 f () xac dinh trén khodng K chita . Ham so lién tuc tai X =9 néu

lim f () =f (a)



Cau 15.

Cau 16.

Cau 17.

Cau 18.

fl=_"*1

[NB] Ham so x'-5x-6 lién tuc trén khodng nao sau day?
A (- 6;1)' Bl (- ];6). C. (-1 +oo)' D. (- 00;6).
Loi giai

FB tdc gia: Nguyen Van
Yéu cau can dat: Nhan biét dugc khai niém ham s6 lién tuc tai mot diém; dinh nghia ham s6
lién tuc trén mot khoang

—ei!_1-gl
xp. D=RI[-16].

(- o5 - 1);(- 1;6); (6; +0)

Ham s0 lién tuc trén cac khoang: .

(—],'6).

Vi vay ham s6 lién tuc trén khoang

[NB] Néu duong thang 9 cat mat phang chiéu (P) tai diém A thi hinh chiéu caa @ sé&1a

A.DPiém A. B. Triing véi phuong chiéu.

C. buong thing di qua A. D. Puong thing di qua A hodc chinh A,
Loi giai

FB tdc gia: Lé Xudn Quang
Yéu cau can dat: Nhan biét dugc khai niém phép chiéu song song.
Néu phuong chidu song song hodc tring véi duwong thing @ thi hinh chiéu la diém A.

Néu phurong chiéu khong song song hoac khong trung vai duong thang @ thi hinh chiéu la
dwong thing di qua diém A.

[NB] Trong cac khang dinh sau, khang dinh nao sai?
A. Néu gid cta ba vecto @, D | € ¢4t nhau titng d6i mét thi ba vecto d6 dong phéng.
B. Néu trong ba vecto 9, b, ¢ 6 mdtvecto O thi ba vecto dé dong phang.
C. Néu gia cta ba vecto 49, b c cung song song v&i mot mat phang thi ba vecto d6 dong
phang.
D. Néu trong ba vecto 9, b € ¢6 hai vecto cung phuong thi ba vecto dé6 dong phang.
Loi giai

Tdc gia: Ho Hitu Tinh
Yéu cau can dat: Nhan biét dwgc khai niém ba vecto trong khong gian dong phang
Duva vao khai niém ba vecto dong phang.

[NB] Cho hinh hép ABCD.ABCD"  Chon ding thitc diing.
A. DB'=DA+DD+DC B. AC' =AC+AB+AD
c. DB =DA+DD +DC p. AC =AB+AB +AD
Loi giai
Tdc gia: Ho6 Hitu Tinh
Yéu cau can dat: Chi ra dugc quy tac hinh hop dé cong vecto trong khong gian



Cau 19.

Cau 20.

Cau 21.

A D

Theo quy tic hinh hop ta c6 PB' =DA+DD +DC

[NB] Cho hai dudng thing a blﬁn lwgt c6 véc to chi phwong 1a *>Y . Ménh deé nao sau day sai?
A.Néu @ LD thj uv =0, B. Néu UV =0¢hj a Lb,
cos.ab}—||||| Cnsab} ||||
Loi giai

FB tdc gia: Truwong Huyén
Yéu cau can dat: Nhan biét khai niém tich vo huwéng cua hai véc to trong khong gian

u.v|

cos(a,b) =
. . o o ul.fv
Goc gitta 2 duong thang trong khong gian ludn la goc nhon hodc vuong nén | | | | .
[NB] Ménh dé nao sau day dang?
A. Hai duong thang cung vudng goc véi mot dwong thang thi song song vdi nhau.
B. Hai dwong thang cung vuong goc véi mot duong thang thi vuéng géc véi nhau.
C. Mot duong thang vudng géc véi mot trong hai dwong thang vudng goc véi nhau thi song
song vGi dudng thang con lai.
D. Mot dwong thang vuong goc véi mot trong hai duong thang song song thi vudng goc vai
dwong thang con lai.
Loi giai

FB tdc gia: Truong Huyén

Yéu cau can dat: Nhan biét dugc khai niém va diéu kién vuong goc giita hai duong thang

Puong thang A, c6 véc to chi phuong U1
Puong thang B> 6 véc to chi phuong U2
Puong thang d ¢6 véc to chi phuwong v

A, _ kg,uzcmgﬁmm v, =0= dLA,

dLA v.u, =0

Su,- 7
u,- 5

lim

[TH] Cho day s6 ") ¢6 ™% =7 Tinh gigi han



Cau22.

Cau 23.

14

~ | w

Loi giai

Yéu cau can dat: Tim dugc mét s6 gidi han don gian.
Su-7 57-7 7

m = —
7u-5 77-5 11

Ta co
[TH] Tinh gia tri ctia biéu thitc:
1 1 1 1 H 1 1 1 1
e T S I+ —+—+—+. +—+
3 9 27 3" I 4 8 2"
4 2
A 3. B. 1. c.3
Loi giai

c. 15,

i
—_
—

FB tdc gia: Triét Nguyen

FB tac gia: Trang Anh

Yéu cau can dat: Hoc sinh tinh dugc tong mot cdp s6 nhan lui vé han don gian.

u
S =1
Ap dung cong thitc cap s6 nhan lui vé han: 1-q a3 co:
1
11 1 1 3 1
LSttt — == _—_
3 9 27 3 12
Xét 3
5, :1+l+l+l+.. +i+ ...... :L:Z
B 2.'| 1_1
Xét 2
1 1 1 1 H 1 1 1 1
= 24+ 4. 1+ 4+ + 4.+
Khide: '3 9 27 7 3 | 4 2’
(2n +1)" (2n +3)"
[TH] Gi6i han ctia diy s6 () o 2n* +2 la:
15
A. 2. B. 4. c. 2",
Yéu cau can dat: Tim dugc mét s6 gidi han don gian.
Ta co:
, (2 +1) (2n+3)"
limu, =lim —
2 +2
n”?+1¢n'” +3QU ?+1¢§ BE-'—U
i n'g’ ng i neg & n@
B 286 B 2
n”?-l'-nug 2+n”

=5.5, =—.2 =1

D 218
FB tdc gia: Triét Nguyen

ZZI?



3’ 2x
lim 1 2% +1
Cau 24 . [TH] Tinh gidi han sau: x- ',
1 3
A. -, B. +©. c. 4 D. 4.
Loi giai

FB tdc gia: Trang Anh

Yéu cau can dat: Hoc sinh biét cach tinh giéi han dén v6 cuc

3x* 2x° 3x* (2x* +1)- 2x° (4x- 1) o =2x% 2%+ 3y
= =11mm =11m
el dx-1 20 +1) == (4x-1)(2x° +1) =+ (4x- D(2x* +1)
Ta co:
x4—2+2+32‘ x—2+2+;‘
=lim lx xl. =1i 1 X 1' == o
x*4-‘2+2‘ 4-‘2+2‘
X | X | X X |
. =X +2x-5
lim ——
Cau25. [TH]Kétquacia®* X +2X bing:
-9 1
A. 8. B. -, C. +x, D. 8.
Ldi giai

FB tdc gia: Suyt Dia
Yéu cau can dat: Hoc sinh hiéu dwgc gigi han mot bén dé tir d6 biét duwgce khi nao ra % hay =~ ©.
. =X +2x-5
lim —— =
Taco: *% X +2x

=

lim (-x3+2x- 5):-1

-
. ]in}_ (xz + Ex) =0

X— -2 = x<-2= x" +2x :x(x+2):rﬂ

Vi
lim («i'xz - ax +6 +x):5
Cau26. [TH] Cho*~-~ voi A€R  Gia trj caa a 1a:
A. 6 B. - 10 c. 10 D. -6

Loi giai
FB tdc gia: Suyt Dia
Yéu cau can dat: Hoc sinh nhan biét dwgc thé nao la dang = ®© va cach khi dang vo

dinh do.
2 _ 2 )
lim (m_H) lim (m+x)(m x)
Tacé: K- Jx-ax+6-x



Cau 27.

Cau 28.

. X'-ax+6-x°
=lim
= ¥ - ax+6- x

-a+?)
x| -a+ ‘
=lim ' X,
- X 1_a+5+1
XX
-a+ a
[ 1- 9+ 2 41
X X
E:Erﬁ'ﬂ:].[l

Theo dé bai, ta lai c6: 2
[TH] Ham s& nao dwoc cho dwdi day lién tuc trén tap s6 thue R?
x+1 _x-1 _x-1 x+1

A7 x1 .. x+l, c.’ X+l p.” x-1,

Loi giai
FB tdc gia: Hoang Trang
Yéu cau can dat: Xét dugc tinh lién tuc ctia ham s6 trén 1 khoang, trén tap xac dinh.
_x+1

nrs xR aea e RV =1
Phuong an A ham so X 6 tap xac dinh la nén ham s6 gian doan tai X =1.

x-1
Y=t oan e RA- =
Phuong 4n Bhamss X1 cotdpxdcdinhla = 'l 7 nén ham s8 gian doan tai X =~ L.

_x+1

y [ 4l
Phuong 4n D ham s6 X" -1 ¢4 tap xé4c dinh 1a R\ 4, nén ham s6 gian doan tai X =L

x-1
Y ==
Phuong 4n C ham sé X" +1 13 ham phan thitc hitu ti c6 tap xac dinh 1a R nén né lién tuc
tren R.

3 khix=-1
X'+ x
fx)=1{= khi x #-1; x 20
X+ X
. . 1 khix =0 N )

[TH] Ham so lién tuc tai
A, X =0x=1 B. Moi diém X€R
C. Moi diém trir X =-1, D. Moi diém triv X =0,

Loi giai
FB tdc gid:Lé Xudn Quang

Yéu cau can dat: Giai thich dwgc tinh lién tuc tai mot diém cua ham so.

Ham s6 7 =f ) c6 TXP: D =R

D& thay ham s6 =1 lién tuc trén médi khoang (- ;- 1),(- 1,0) vi (o; +00).



-1,

e Xéttai X T " taco:

. Coxt+x x(x+D)(x* - x+1)
,,h.n.l. f(ﬂ _!1_r1_1| X +X —h x(x+1)

=lim (x*- x+1)=3=f(-1).

—~ hams6 7 = () lién tuc tai X =- 1.

e Xéttai X =0 taco:

im £ GO = ax o xO+D(x- x+1)
im f (x) =lim =lim
i f =0yt x  x0 x(x+1)

=lim(x’ - x+1) =1 = (0).

— ham s6 y=rt) lién tuc tai X =0,
(o
khi x =2
y=f)={x-2
) khi x =2

. 29. [TH] Cho ham s6
Cau

Khang dinh nao sau day ding vé tinh lién tuc cua ham s6 da cho?

A. Ham s6 lién tuc trén R.

(-02) . (2;+)
va

B. Ham s6 lién tuc trén cac khoang , gian doan tai X =2,

(-o0;4) | (4+)
va

C. Ham s6 lién tuc trén cac khoang , gian doan tai X =4,

(-;5) . (5:+ )
va

D. Ham s6 lién tuc trén cac khoang , gian doan tai X =5

Loi giai
FB tdc gia: Hoang Trang
Yéu cau can dat: Xét dugc tinh lién tuc ctia ham s6 trén 1 khoang, trén tap xac dinh.
x'-4

y =
, ham s6 X= 2 13 ham phan thitc hitu ti x4c dinh nén

Trén céac khoang (- ;2) va (2;+ )

lién tuc.
Xét ham so tai X =2:

e 2XMx-2)
lim =li

I;'l[nl.f(X) :IJ.rl[n..Z. x— 2 N- 2 x

2—
X -4 _ m(x+2)=4
2 -2

-
f(2)=5

vi lim f (x) = f (2)

nén ham s6 gidn doan tai X =2,

(¥’ -a khix<l
y=fI=1" " ies
Cau 30. [TH] Cho ham s6 bx=L4,

Vi gia tri ndo ctia tham s6 thie 9 thi ham s6 da cho lién tuc trén R ?



Cau 31.

A.a=-2 B.a=1, C.a=4, D. @ =3,

Loi giai
FB tdc gia: Hoang Trang
Yéu cau can dat: Xét dugc tinh lién tuc ctia ham s6 trén 1 khoang, trén tap xac dinh.

(- o551)

, = 2 - Y b e ~ oA
Trén khodng >/, hams6 Y =% 7 @ ]a ham da thiic nén lién tyc.

(1;+ )

Trén khoang ,ham s6 ¥ =3 1a ham da thic nén lién tuc.
Xét ham s6 tai X =1:

lim f () =lim (' - a)=1- a

lim f (x) =lim (3) =3

f@=3

& lim () =lim f () =fQ) _

Ham s6 lién tuc trén R khi ham s6 lién tuc tai X =1 a=-2
[TH] Cho hinh 1ap phwong ABCD.A'B'C'D" M, N 5, ¢ 1 trung diém caa AB va BB’
Géc giita hai vecto MN va A'C' bang,
A0, B. 60° c. 90°, D. 30",
Loi giai
FB tdc gia: Nguyén Hitu Hoc
Yéu cau can dat: Xac dinh dugc goc gitta hai duwong thang trong khong gian

- C
M~
4 o
- ; _
“ g
B PP .C;
A’ e |
*MN g |
2 = (Mn,AC) :[ EAB-,AC‘ _fag:
A'C'=AC | |

Ta co
Tam giac AB'C 13 tam giac déu nén EAB' =60 .

Viy (MN,A'C')=60 |



Cau 32.

Cau 33.

[TH] Cho hinh 1ap phuong ABCD.A'B'C'D' Goi M N 1ap 1yt 13 trung diém cia BC va
A'D" Géc giita hai dwong thing MN va B'C 13,
A. 90" B. 45°. C. 307, D. 60°
Loi giai
FB tdc gia: Nguyén Hitu Hoc
Yéu cau can dat: Xac dinh dugc goc gitta hai duwong thang trong khong gian

B M C
A
D .
Bt o
" w* L.‘-:-‘:':‘-. -------------------------------
A! = N = D."

Ta c6 MN/CD"= g4c giita hai duong thing MN va B'C bing gc giita hai duong thing
CD' vy B'C_

Tam gidc B'CD" 13 tam giac déu nén suy ra goc giit hai dwong thing €D va B'C bing 60 .
Vay géc giita hai duong thing MN va B'C bang 60

[TH] Cho tt gidc ABCD ¢ HBC =EDA=90° AB=DC _Goi M.N.E.F |3, 1yt 1a trung
diém ciia AB:CD-AD. BC s ACLBD  Ggc gitta MN v3 EF bing

A. 90° B. 30° C. 60°. D. 45"

Loi giai
FB tdc gia: Do Thanh Tiing
Yéu cau can dat: St dung tich v6 huéng

E
A D
M N
B : c

Ta co:

—+
MN =2(AD +BC) - X
12 — MN.EF =—(AD +BC).(AB+ DC)
EF :E(AB +DC) 4



Cau 34.

— —_

= MN.EF :i(ﬂD.ﬂB +AD.DC +BC.AB + BC.DC)

%AB.BC =0
. |AD.DC =0
d

(Do 4BC =BpA =90")
M

-

= MN.EF :E(AD.AB +BC.DC)

. MNEF :i(|AD|.|AB|.c05(BAD)+|EC|.|DC|.C05(ECD))
. MNEF :%(|AD|.|AB|.CDS(EAD)+|BC|.|DC|.CDS(IBD - Bap))

Do AC L BD pan dé chiing minh AB =AD DC =CB ps10 16 thie Iwgng trong tam giac
vuong

-

— MN.EF :i(|AD|.|AB|.c05(BAD)— |Bc|.|ﬂc|.cas(ﬁw)) 0

= MN L EF Chon A.

[TH] Cho hinh hgp ABCD.EFGH  Goj I 13 tam hinh binh hanh ABFE v3 K 13 tdm hinh
binh hanh BCGF | Trong cac khing dinh sau, khing dinh nao ding?

A. BD AK | GF @dsng phéng. B. BD, IK, GF dong phéng.

C. BD, EK | GF dpng phing. D. BD | IK | GC dpng phing.
Loi giai

FB tdc gia: Nguyén Thanh Trung
Yéu cau can dat: Giai thich dugc sy dong phang cua ba vecto cho trude.

L c

(IK//((ABCD)
GFJ//(ABCD)

+v; | BD=(ABCD) = IK,GF,BD dong phang.



Cau 35.

+ Cac bd vécto ¢ cau D khong thé c6 gia cung song song v6i mot mat phang. Do do
chiing khong thé dong phang.

[TH] Cho t¢ dién ABCD  Goi M va P Ian luot 13 trung diém caa AB va CD pgt AB=b
AC =c, AD =d Khang dinh nio sau day ding? -
MP :1(.:: +b-c )
B. 2. .
MP :%(; +d+ b)

MP :é(;%d - IE})

MP :l(;-l"b - d)
. 2 . D.

Loi giai
FB tdc gia: Nguyén Thanh Trung

Yéu cau can dat: Thue hién duwge phép cong, trir vecto, nhan vecto, su bang nhau cda hai vecto
trong khong gian

mp =X (Mc +MD)
Ta co:

:%(AC‘— AM +AD- AM)Z%(EH‘I - 2AM)

—

:%(r::-d : AB):%(E +d-b)

II. PHAN TU LUAN

Cau 1.

|im[\z‘9"- 23 - 3”2%21
[VD] Tinh ' y

Loi giai
FB tdc gia: Tran Manh Nguyén

Yéu cau can dat: Van dung dugc cac khai niém gidi han, dinh ly, gidi han dac biét vao tinh hudng cu thé.



, 1) —= )i 1
||mlﬂf‘9"-2.3“-3"+2T21_‘ —im(yo'- 2.3 3”)+I|m2021

i 9239 1

Jo-234+3 2021

2.3 1
+

2021

=lim

3‘“[ 1- — +1

Cau 2. [VD] Cho t¢ dién ABCD | tr¢n canh AB,CD lay diém P, Q sao cho AP =4PB,CD =5CQ .
Chitng minh 20> BC PQ gang phang.
Loi giai
Tdc gia :Nhan Tri
AD =AP+PQ+QD (1) A
BC =BP+PQ+QC
= 4BC =4BP +4PQ +4QC  (2)

(1),(2)= AD+4BC =5PQ P

-

= PQ :é;u:} +%BC‘ Q

= AD, BC,PQ dong phang.

- 2o 3 -
“m.ja,x 3- 36x-5

Cau3a. [VD]Tinh

3 2
X -x-x+1

0 e3>

FB tdc gia: Duong Hoang Tu
Phdn bién lgi: Pham Ngoc Chdu
Yéu cau can dat: Nam virng k¥ thuat tinh gigi han ham s6 cung véi k§ nang bién doi.
- 13- fBx- ~ 2. 2fre-
o Nax-3- f6x-5 lim Jax-3- 3f6x-5

li = .
—1 oy - x - x+1 =l (x- 1)2 (x+1)

Ta céd
Pit t =x-1= x =t+1 Khi d6

I Jax-3- Y6x-5 _l,mJ4r+1-%!5r+1 i Var+1- (2t+1) f6r+1- (2t +1)

1m =1 =im
=1 (x- 1 (x+1) =0 2(+2) =0 (t+2) t*(t +2)




CoAr+1- (4 - 4
lim : =lim =-1.
L0t (t+2) 0 (r+2) «J'4r:+1+(2r+1}‘

Yer+1- Qr+1) -8t-12

lim =lim

B0 (e+2) M:'lir+2}l--3'f(£€rt+1}|2 +Qe+1)Y6c+ 1+ (2 +1) )

- 2.

I T -
“mJa,;; 32 JJ6x-5 _
Vay “*t A - X7 - x+l

Cau 3b. [ VDC]

-1+2 =1

3 3 B
1. Cho phuong trinh: x" cos’ x+m(xcosx- 1)(xcosx+2) _[I.

Chitng minh phuwong trinh ludn c¢é nghiém véi moi M.,
Loi giai
FB tdc gia: Giang Lé Van
Phdn bién lgi: Pham Ngoc Chdu
Yéu cau can dat: Nam vitng dugc tinh chat lién tuc ctia ham s6 dé ching minh phuong c6

nghiém.

f (x)=xcosx-1 R |
* Xét cO tap xac dinh la = va lién tuc trén

Cé f0)=-1<0 va fl-x)=x- 1>0

I, €C-m0): f(4)=0 L. 15 X cosx =1

Vay Ttc
Q(X):XCDSX'FE R I
* Xét co tap xac dinh la = va lién tuc trén

cé g(0)=2>0 vy 90r)=-7+2<0

I, €(0;7):g(x,)=0 3 X2 CO5X, == 2

Vay Tic |

F(x)=x"cos’ x+m(xcosx- 1) xcosx +2) R |
* Xét c6 tap xac dinh la = va lién tuc trén

 F(x)=1"+m0 =150 , F(x,)=(-2) +Om=-8<0 . 3, elx;x):F(x,)=0
Co va nen .

F(x)

A s =0, . A
Vay phuong trinh luén c6 nghiém v&i moi gia tri M.

~ (m*- m+2021)x* - (2m® - 2m +4040)x* - 4x+m>- m +2021 =0
2. Cho phuong trinh: .



Chiing minh phwong trinh co 3 nghiém phan biét v&i moi gia tri cha tham s6 M.
Loi giai
FB tdc gia: Giang Lé Van
Phdn bién lgi: Pham Ngoc Chdu

Yéu cau can dat: Van dung duoc dinh 1i gid tri trung gian va két hgp vdi tinh nang bang gia tri

ctia may tinh Casio dé tim cac khodng ma phuwong trinh c6 nghiém.

f(x) =(m* - m+2021)x* - (2m? - 2m +4040)x* - 4x +m* - m+2021
* Xét co tap xac

R .
dinhla = wvalién tuc trén

Ta co:
1|° 8069

f(-1)=-2m" +2m- 4035 _'2["} _‘ <0, vm

_{m_l‘* 8083 0 vim
f(O)=m'-m+2021 | 2|
f)=-2<o0, ¥m

_{m_ 1|, 8083 >0, ¥m
f()=m*-m+2021 | ™ 3] *

Do d6:

« FEDfO)=<0 . Fxe-10): f(x)=0

Suy ra phuong trinh f)=0 c6 it nhat mot nghiém thudc (-1,0)

« FOLfM==<0 . I eD):flx)=0

(0;1)

Suy ra phuwong trinh fGd=0 6 it nhat mot nghiém thudc

L) =0 . FeW:2): f(x)=0

(1;2)

Suy ra phwong trinh fG=0 6 it nhat mot nghiém thudc

(-10) (0;1) (1 2) b f(x)=

Vi ba khoang rdi nhau d6i mot nén phuwong trin c6 it nhat ba

nghiém trén R .



m*- m+2021>0, ¥m . &)
nen

. . xX) .. A LA « R
Mat khac, vi la mot da thitc bac ba nén phuwong trinh

f(x)=0

chi c6 t6i da ba nghiém trén R .

1A . x)=0_ . A LA LiAr g s ez . "
Két luan: Phuong trinh f () lu6n c6 ba nghiém phan biét véi moi gia tri cia tham s6 ™M .

Hét




