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@. TOm tat kién thuc

®. Puong thang song song mat phang

© Cho dudng thang a va mat phang (P). Khi d6 c6 thé xay ra mét trong ba
truong hop sau:

@ Truong hgp 1: a va (P) cé tir hai di€m chung phan biét trg 1én (Hinh 2a ), suy
ra moi diém thudc a déu thudc (P), ta néi a nam trong (P), ki hiéu aC(P).

@ Truong hgp 2: a va (P) cé mbt diém chung duy nhat A (Hinh 2b), ta néi a cat
(P) tai A, ki hiéu an(P)=A.

@ Truong hgp 3: a va (P) khéng cé di€ém chung nao (Hinh 2c¢ ), ta néi a song
song véi (P), ki hiéu a/i(P).

\a d
S K '4\.\ oy
a) b) c)

2 Pudng thang a song song vdi mat phang (P) néu ching khdng c6 diém chung.
®. Diéu kién dé€ mot duong thang song song véi 1 mat phang

¢ Pinh ly ©:

()

o Né&u dudng thang ¢ khong nam trong mat phang va 4 song song VGi

dudng thdng 4’ nam trong @iy song song Vi (),
d 2 (a)
dlld" = d|/(a)
d'c(a)

% Vay

d

©. Tinh chat co ban cua duong thang va mat phang song song
¢ Dinh ly @:

(a) (»)

% Cho dudng thang ¢ song song véi mat phang 7. Néu méat phéng di qua
d va cat @ theo giao tuyén d' thi 'l
d||(a)
d () = d'||d
(a)n(p)=d
@ Vay

—|




“ Hé qua 1:
Cho dudng thang a song song véi mat phang (P). Néu qua diém M thudc (P)
ta vé dudng thang b song song vdi a thi b phai nam trong (P).

(¥
h
M
Jl'.‘
“ Hé qua 2:

Né&u hai mat phang phan biét cung song song vdi mét dgdng thang thi giao
tuyén cda chidng (néu cé) cling song song vdi duong thang dé.

@ Dinh ly ©:
@ Néu a va b la hai dudng thang chéo nhau thi qua a cé duy nhat mot mat
phang song song v4i dudng thang b
]

b’ L~ /
/-f
P 2] J_,’{

®. Phan dang toan co ban

‘Dang ®: Chitng minh duong thang song song véi mat phang
r=Cac vi du minh hoa

. ABCD G ., ABD _, I BC
Cau 1: Cho tir dién .Go1  la trong tdm cuia tam gidc ,diém nam trén canh

BI =2IC o . IG . . (4CD)
sao cho . Chtrng minh rang duong thang song song v&i mat phang

Loi giai



E . 4D E€BG  BE 3
Goi  la trung diém . Taco va ;

BI 2 BI _BG _

)
BI =2IC BC 3 BC BE 3
Vi nén . Do d@o )

1G//CE CEc(ACD)

IG/ (ACD)
Suy ra . Ma nén .

. ABCD  ABEF : ;
Cau 2: Cho hai hinh binh hanh va khong cung nam trong mét mat phang.

0 0 S . ABCD  ABEF
a) Goi va lan lugt la giao diém hai duong chéo ciia moi hinh binh hanh va .
. . 00 . (ADF) (BCE)
Chtrng minh rang dudng thang song song voi cdc mdt phang va .
M.N _  ABF  ABC o
b) Goi lan lugt 1a trong tdm ctia hai tam gidc va . Chtirng minh rang duong
,  MN _ , (ACF)
thang song song v4&1 mdt phang

Loi giai

Hinh 22



A

00 BDF 00 |/DF DF c(4DF) 00 | [(ADF)
a) Do la dudng trung binh cua tam giac nén . Ma nén .

00 //(BCE)
Tuong tu ta co .

s . . AB _ M.N ‘ o . ABF _ ABC
b) Goi la trung di€ém cua . Vi lan lugt 1a trong tdm cua hai tam gidc va

Moy W
) ) IeFM . IF 3 e
nen ta co: va va

1
3

IM _IN _1

JF CIC 3 MN //FC
Do dé .Suy ra .

FC c(ACF) MN [ I{ACF)
Ma nén .

S.ABCD ABCD . . M AD
Cau 3: Cho hinh choép co day 1a hinh binh hanh. Lay diém  trén canh

AD =3AM G,N | SAB,ABC
sao cho . Goi lan luot 1a trong tdm clia cac tam giac

. . MN,NG . (SCD).(S4C)
Chtng minh rang hai dudong thang lan lugt song song véi cac mat phang

Hinh 23

. ] \ . < R 5 . \ r AC \ BD
Goi la giao diém cua hai duong chéo va .

BN 2

N ~ 4BC Bl 3
Do latrong tam tam giac nén .

BN 1 AM 1 AM _BN

BD 3 4D 3 AD  BD
Suy ra , ma nén .




MN //AB MN//CD CD < (S5CD) MN [ [(§CD)

Do dé hay . Ma nén
H . AB G,N SAB,ABC
Goi  la trung diém cua . Vi lan lugt la trong tdm cua tam giac nén ta co:
HeSG _ HS 3 HC 3 HS HC GN //SC SC = (S4C)
va va . Do dé suy ra . Ma
GN //(SAC)
nén .

‘Dang ©: Xac dinh giao tuyén ctGa hai mat phang
=Cac vi du minh hoa

S.ABCD ABCD S4 ,
Cau 1: Cho hinh chop co day 12 hinh binh hanh. Trén canh lay diém

(P) : M o ., AD SC o
Goi la mdt phdng qua  va song song v&i hai duong thang va . Xéc dinh giao

, . (P  (S54D).(SCD)
tuyén cuia mat phang vO1 cac mat phang .

Loi gidi

Hinh 24

P M AD AD c (54D) P) .
Vi mét phang diqua  vasong song voi , ma nén cat mat phang

(S4D) _ . P M _AD
theo giao tuyén diqua  va song song vdi

ol , P SD ] , (P ., (P
Goi la giao diém cua duong thang  v6i ,khido  thudc mat phang . Mét phang

I sC SC = (SCD) P, . (SCD) ,
diqua vasongsongvéi ,ma nén cat mat phang theo giao tuyén

a 1 e
diqua vasong song véi



S.ABCD ABCD M.N
Cau 2: Cho hinh chop co day 1a hinh binh hanh. Goi lan luot 1a trung

7 CD, SB , _ (S4B)  (CDN)
diém cua . X4c dinh giao tuyén cta hai mat phang va .

Hinh 55
., (S4B) p S4 NP//AB  AB//CD NP//CD
Trong mat phang ,lay  thudc sao cho . Vi nén . Hai
~ (S4B)  (CDN) 9 N . ~ AB,CD
mat phang va co diém chungla  va lan lugt chtra hai duong thang
NP

song song voi nhau nén giao tuyén ctia hai mit phing d6 1a dudng thang

©. Dang toan ren luyén

‘Dang ®: Cau trac nghiém nhiéu phuong an lua chon

Cau 1: Cho hinh chép S4BCD  Goi M va Nlan lugt 13 trung diém clda S4va SC.
Khang dinh nao sau day dung?
A, MV 1/(4BCD) g, MN// (S4B)

c. MN/I (scp) _

p. MN// (SBC) _
Loi giai

Chon A



MN g o  sac  wmn//4c  Acl(4BcD)
la duong trung binh cua tam giac nén ma

b MmN //(ABCD)

Cau 2: Tim khang dinh dang trong cac khang dinh sau.
A. Néu mot duding thang song song véi mot mat phang thi né song song véi
moét dudng thang nao dé nam trong mat phang dé.
B. N&u hai mat phang cung song song vdi mat phang th ba thi chiing song song
véi nhau.
C. Néu ba mat phang phan biét d6i mot cat nhau theo ba giao tuyén thi ba
giao tuyén dé phai dong quy.
D. Trong khéng gian, hai dudng thang cung vuéng géc véi dudng thang thi
ba thi hai dudng thang d6 song song véi nhau.

Loi giai

Chon A

A. bung.
B. Sai vi hai mat phang cé thé trung nhau.
C. Sai vi ba giao tuyén c6 thé song song hoac tring nhau.
D. Sai hai dudng thang dé c6 thé trung nhau hoac chéo nhau hodac cat
nhau.

Cau 3: Cho hinh chép t& giac S-4BCD  Goi M va N lan lugt la trung diém clia $4 va
SC . Khang dinh nao sau day dang?

A MN (A BCD)_ g, MN ..-'_.-"(545}_
c. MNII (SCDJ. p. MN .:-'.:-'(53(:).
Loi giai

Chon A




 MN . _ASAC MN// AC
Ta cé: la dudng trung binh cua nén

My e(48cD) €D c(4BCD)
Ma ,
MN I/ (ABCD)
Nén

Cau 4: Cho tir dién 4BCD  Goi G 13 trong tdm cda tam giac 48D, ¢ thudc canh
4B sao cho 49 =298 P |3 trung diém cta CB. Khdng dinh ndo sau day

dung?
A, PO (BCD) g. GO ..-..-(BCD)_
c. PO (.{CD). o QE(GDP).
Loi giai
Chon B
AG _40 2 oo,
T = G0/ MB =(BCD) , 6 /1 (cp)
Ta co:

Cau 5: Cho tir dién 4BCD | G |3 trong tAm tam gidc 4BD. Trén doan BC |3y diém
M sao cho MB =2MC  Kh3ng dinh nao sau day ding ?
(4cD) (4BD)

(ACB)_ (BCD) _

A. MG song song B. MG song song

D. MG song song

C. MG song song
Loi gidi

Chon A



MG//CD MG/I(4CD)
Vi nén
Cau 6: Cho hinh chép S-ABCD gay ABCD |3 hinh chirnhattam O. Goi M |3 trung diém
cua 9C . Mat phang () (o)
hinh chép S-4BCD 3 mp(a))y ping gi?

qua M va ““’song song vé6i S4va BD . Thiét dién cla

A. hinh tam giéc. B. hinh binh hanh.

C. hinh ch{r nhat. D. hinh ngi giac
Loi giai

Chon A

Cau 7: Cho hinh chép S-4BCD ¢4 ABCD |3 hinh thang can day 16n 4D, M:N 1an |ugt
la hai trung diém cla 48 va CD, (P) 13 mat phang qua MN va cat mat bén
(SBC) theo mot giao tuyén. Thiét dién cla (P) va hinh chép la

A. Hinh binh hanh. B. Hinh thang.
C. Hinh ch{t nhat. D. Hinh vuéng.
Loi giai
Chon B
S
A D

Cé MN // BC nén MN // (SBC)
Do dé (P) cat (SBC) theo giao tuyén PQ song song MN.
Vay thiét dién la hinh thang MNPQ.

Cau 8: Cho ti dién 48CD | giém I nam trong tam gidc 48C, mat phang (o) di qua

I va song song véi 48:CD  Thiét dién cla td dién 4BCD va mat phéng

() 3
A. hinh ch(r nhat. B. hinh vudng.



C. hinh binh hanh. D. tam giac.
Loi giai
Chon C

v

1e(a)n(4BC)
) = (@)n(4BC) =ON /| AB
(4BC) () // AB

Xét trong ta co: , VO
[€0ON:0€ AC:N € BC

oela)n(4pc)
B = (a)n(4DC) =00/ cD
(4DC) (a)// CcD Qe AD
Xét trong ta cé: , VO
(v ela)n(BDC)
B = (e)n(BDC)=NPI/ CD
, (BDC) , (a)// CD  perp
Xét trong ta co: , VOI
() n(4BD) =PQ /! AB
Suy ra
(ON /| QP || AB
‘0Q/l NP/ CD ONPQ
Ta cé: nén thiét dién tao thanh la hinh binh hanh

Cau 9: Cho tir dién 4BCD | M |3 diém nam trong tam gidc 4BC, mp(a)qua M v3

song song vGi 48 va CD, Thiét dién cia 4BCD cat béi mp(a)lé:
A. Tam gid. B. Hinh ch(r nhat.
C. Hinh vudng. D. Hinh binh hanh.

Loi gidi

Chon D



c
H
B
() n(4BC) =I1H || 4B
H(a)n(4DB)=GF || 4B
() (ADC)=FI
Me(a) (@) /4B, (a)/ icp | (a)n(BDC)=GH
Do nén
H =) ap =
2 GHIF
Ma nén [a hinh binh hanh.

Cau 10: Cho t& dién 4BCD Goi M 13 trong tam cda ABCya N3 diém nam trén
canh 4D sao cho 4N =2ND.Khj d6 ta cé

A. MNCét BD . B. M.-a'-'r.-"'.-"'(BCD).
c. MN/ICD D. 4AC c4t BD.

Loi giai
Chon B

E . BC
Goi la trung diém

AM _ AN

AED , AE AD
Trong , CO

= MN//ED= MN//(BCD)

2
3



Cau 11: Cho hinh chép t& gidc S-ABCD  Goi M va N |an luct |a trung diém cta S8 v
a BD. Khang dinh nao sau day dung? Ménh dé nao sau day dang?
A, MNI(SAC). g. M~ I/ (sAB).

c. MN /I(SBC). p. MN/ (54D).

Loi giai

Chon D

Ve MN \ \ \ 2 .7 SBD imr;!;! SD
Ta co la duong trung binh cua tam giac . Suy ra:

SD1 (S4D) MN /| (SAD).
Ma nén suy ra:

Cau 12: Cho hinh chép S-4BCD ¢6 day 1a hinh binh hanh. Goi M:V-7-Q 13n |uot 13

trung diém cac canh 48, CD, SD ya S4_ Chon khang dinh sai trong cac
khang dinh dudi day.

A, PN11(SBC) g, MO// (SBC)

c. Po/ ..-'(s.mJ_ p. MN// (5.451).
Loi giai

Chon C

PQ c (54D) PQ//(84D)

nén khang dinh la sai.

Cau 13: Cho tl& dién 4BCD | Goi Giva C21an luot |a trong tdm cac tam gidc BCDva
ACD



Chon khang dinh sai?

A, GG.//(4BD) g, GiG.//(4BC)
7
GG, =—A4B
c. BG 4G,y CDdéng qui. D. = 3
Loi gidi
Chon D

G G . o _BcD _ 4cp _ BG AG, ¢p
va lan lugt la trong tam cac tam giac va nén
N . . M Y M Y 2 CD

déng quitai vGi  la trung diém

GG,//AB G,G,//(4BD)  G,G,II(4ABC)
Vi nén va

GG, MG, _

L 66, =Lus
AB  MB 3= ' ' 3

Lai cé

Cau 14: Cho hinh chép S-4BCD c§ day 4BCD |3 hinh binh hanh. M 13 mot diém

thudc doan SB. Mat phang (4DM) cat hinh chép S-4BCD theo thiét dién la
A. Hinh thang. B. Hinh ch(r nhat.
C. Hinh binh hanh. D. Tam giac.

Loi giai

Chon A



D/ C
BC ||AD (4bM)  (SBC)

Do nén mat phang va c6 giao tuyén la dudng thang
MG _BC
song song Vvdi
, AMGD

Thiét dién la hinh thang .
Cau 15: Cho hinh chép S4BC ¢ £ F 1an luot 1a trung diém canh 458- BC 3 giém

00 ¢ OO
SG =—SC , ]

G théda man 2 . Thiét dién cla hinh chép S-4BC khi cat boi mat

phang (£rG) la hinh nao duéi day?

A. Tam giac.

B. Hinh binh hanh.

C. Hinh thang chi c6 mét cap canh song song.
D. Hinh thoi.

Loi giai

Chon B
EF ABC, EF//ac (1)
Ta cé la duong trung binh trong tam gidac suy ra



(EFG)Nn(s4C) =
EF c(EFG)
b=
AC c(54C)
EF//AC (EFG)n(s4C)=Gx//FE//AC
Gx NSA=|H| H s4 HGliAc  (2)
Goi , suy ra la trung diém va
ao0 4000
SG _:5 c, G sc Grlise  (3)
Ta co suy ra la trung diém cla va .
HE SAB, HE | /SR (4)
Ta co la dudng trung binh trong tam giac suy ra
(1.(2).(3).(4) FGHE
Tu suy ra thiét dién la hinh binh hanh

Cau 16: Cho hinh chép $-4BCD ¢ day 4BCD |3 hinh thang, AD /I BC 4D =3BC
M, N |an luot 1a trung diém 4B, CD G |3 trong tdm ASAD Mat phang
(GMN) ¢4t hinh chop S-ABCD theo thiét dién I3

A. Hinh binh hanh. B. AGMN
C. ASMN D. Ngii gic.

Loi giai
Chon A

(GMN)// AD (GMN)  (s4D) PO
Tacod nén giao tuyén cla va la dudng thang
G | o AD MNPO
qua Vva song song VOi , thiét dién la ta giac va Vi cung song
AD MNP (1)
song VGi nén :
_ BC =a ... A4AD=3a  MN =2a
bat khi doé nén .
PO 2
G SAD 1D 3= PO =2a MN =P0 (2)
Vi latrong tam tam giac nén . Vay :
(D) (2) MNPQ

TU  va suy ra, la hinh binh hanh.



Cau 17: Cho tir dién 4BCDva diém M thay d6i trén canh AB (M khéng trung véi
cac dinh). Thiét dién cula t( dién tao bdi mat phang qua M, song song Vdi
hai dudng thang AC va BD luén la

A. mé6t tam gid.

B. mét ngl gia.

C. mot t giac cd hai duong chéo vudng goc nhau. )

D. mot t& gidc c6 hai dudng chéo cat nhau tai trung diém moi duong.
Loi gidi

Chon D

. . . AC , BC N _MN 5 .
Tu M dung dudng thang song song , Cat tai  thi chla trong mat phang
can tim.

\ s Bp , 4p O MO
Tu M dung duong thang song song , cat tai  thi chla trong mat phang can
tim.

Vay mat phang qua M, song song vdi hai duding thang AC va BD chinh |a mat phang
(MNQO)
TU N dung dudng thang song song , cat tai thi
MNPQ,
Thiét dién la t giac t(r gidc nay cé hai cap canh doi song song nén la hinh
binh hanh.
(4D // BC)

Cau 18: Cho hinh chép S-4BCD gy 4ABCD |a hinh thang

di€m cua 4B . Mat phang (P) di qua M va song song Vi 4. BC 4t hinh
chép S-ABCD theo thiét dién la hinh gi?

, goi M |a trung

A. Ngi giac. B. Hinh binh hanh.
C. Tam giac. D. Hinh thang.
Loi gidi

Chon D



(s4B) . M sS4 _ SB F
Trong , ké duong thang qua song song V@i Cat tai

(SBC) rd \ 2 F e BC < SC . E
Trong , ké dudng thang qua  song song vai cat tai
(scp) M _BC <D
Trong , ké dudng thang qua song song V@i cat tai
. A A 2 \ 7 S'ABCD < 2. 19 2 (P) A\ \
Suy ra thiét dién cua hinh chép cat bdi mat phang la hinh

FENM . FE MN . L. BC
thang Vi C (cung song song Vai ).

Cau 19: Cho t(r dién ABCD:AB =CD ‘M3t phdng ()
song véi AB:CD cat t& dién da cho theo thiét dién 13

O~

A. Hinh thoi. B. Hinh ch(t nhat.
C. Hinh vuoénag. D. Hinh tam giac.

Loi giai
Chon A

AC

Goi M la trung di€ém cla
AB /() |

(4BC)o4B = (4BO)n(a)=MN/ AB
Me(4Bc)nla)

e N \ v 2 BC
vai la trung diém cua

qua trung diém cua 4C va song



cD /!l (ex) w
(bec)>cp = (DBC)n () =NP/ICD
vel(psc)n(a)

Y& \ T 2 BD
véi  la trung diém cua
AB !/ () l
(4BD)> 4B = (4BD)N(a) =PO// AB
Pe(4BD)n(a) AD
vGi  la trung diém cla
(4cp)na) =m0/ CD
Tuong tu co
, , () MNPQ
Thiét dién cua t& dién cat bai la hinh binh hanh do
MN [ TPO.MQ T INP
. AB=CD= MN =NP ) o . . MNPQ
Mat khac (theo tinh chat duong trung binh). Vay la

hinh thoi.

Cau 20: Cho hinh chép S-4BCD 6 day 4BCD |3 hinh thang 2/ Goi 1.7 1an luot

3 trung diém cla céc canh 4P2-8C 3 G 13 trong tdm tam gidc S4B | Biét thiét

dién cla hinh ch6p cat bdi mat phang
dinh nao sao day dung?

(LJG)

la hinh binh hanh. Hdi khang

-
-

AB =—CD
3

AR :lCD AB :iCD
3 2 AB =3CD
A. . B. . C. :
Loi giai
Chon C
(v6)n(s48) =G| /4B U
Vi ta c6 Vi

ABCD

(7G)N(S4B) =Gx | /AB//1J
. Goi

la duong trung binh cda hinh thang

E=GxnSA.F =Gx N 8B

(vG)n(s4ap) =1 (wG)n(4Bcp) =11 (G)n(SBC) =JF

’ ’



(LJG) LJFE = 1J =EF (1)
Suy ra thiét dién va hinh chép la hinh binh hanh

3 2
SAB = §5G =—GH = EF =—AB(2)
G 3 3

vi la trong tam tam giac
_ABHCD (3

. 2 NN . . ABCD
va vi la dudng trung binh cua hinh thang

o

AB+CD
=

.
“ap="PTY
W@ 73 2 4A4B =3AB+3CD = AB =3CD
T . va

Cau 21: Cho tir dién 4BCD vgi M.N |30 |uot 13 trong tam cac tam gidc 48D, ACD
Xét céc khangdinh sau:
(1):MN I/ (ABC) (1): MmN/ (BCD)
(a1 ): N1 (ACD) (1) MmN 1/(4BD)
Cac ménh dé dung la:
A D@ o (H),(m)_ C. (mn).(v) 5 (D.Ur)

Loi gidi
Chon D
A
. C
I K
D
LK ] BD,DC
Goi lan luot la trung diém cua
un
- bung
MWK
IK c(BcD) = MmN //(BCD)
ax |\ MN #(BCD)
Xét tam giac
@)
- bung
[MN TIK vV [/ BC
== N { o
[IK// BC MN & (4BC) MN //(4BC)

va do dé



Me(4BD), Ne(4cD) (), (i)
Cé do dé: - Sai:.
Cau 22: Cho hinh chép S-ABCD ¢4 day 4BCD |3 hinh binh hanh tdm ©, goi 7 13
trung diém canh SC. Ménh dé nao sau day sai?
A. 10 // (SAB )_

g. 10/ (s.m}.

C. Mat phang
mp(fBD]ﬁmp(SAC)ZFG

(UBD) 4t hinh chép S-ABCD theo mét thiét dién 13 t& giac.

D.
Loi gidi
Chon D
S
/
4 D
o
B¢ C
10 SAC 10/ S4 = 10//(54B) 10 /i (S4C)
la duong trung binh tam gidac nén ,

Do dd A, B dudng.

1€SC 0 =4c ngp = UBDIN(SAC) =IO
' nén D dulng.

Cau 23: Cho hinh chép S-4BCD ggy 4BCD |3 hinh binh hanh. Goi M [a diém bat ki

trén canh SC . Khi d6 mét phang (ABM)song song Vi
A. BD, B. 4C, c. 5C, D. (D,
Loi giai

Chon D




'AB c (ABM)

cD ¢ (4BM)

CDI/ AB CD //(ABM)
Ta cé: . Tu do suy ra

Cau 24: Cho ti dién 4BCD  Goi M, N |an luot 1a trong tdm cla cdc tam giac 4BC
, ABD Nhimng khang dinh nao sau la ding?

(1): mn 1/ (BCD), (2): mnv 1/ (4CD). (3): mw // (4BD) _

A Dy ® g @Dy ® O @ b ocnics D gong.
Loi gidi

Chon C

1 . . BC BD
Goi , lanluot la trung diém , .

AM _AN _2
1 Al 3 = MN/U = MN/IIIcD o MN/(BCD)  MN//(4cD)
Ta co va

Cau 25: Cho t& dién 4BCD | goi GGz 13n luot a trong tdm cac tam gidc BCDya
ACD . Ménh dé nao sau day sai?

A, G.G.//(4BD)
g. G.G.//(4BC)
2
GG, == 4B
C. -3

BG. 4G, vy cpdsng quy.

D. Ba dudng thang
Loi giai

Chon C



. M \ [ ? CD A \ 2 BG]’ J.IGE \ CD n . M
Goi  la trung diém cua nén ba dudng thang va déng quy tai
mat khac:

MG, MG, | GG, 1
MB  MA 3 GG, //AB 4B 3
, suy ra va :
1

GG, /(4BD) GG, /(4c) 02 =348

Vay , va
Cau 26: Cho tirdién 4BCD piém M thudc doan 4C (M khéac 4, M khac €). Mt

phang () di qua M song song v4i 4B va 4D, Thiét dién cla () véi tu

dién 4BCD |3 hinh gi?

A. Hinh tam giac. B. Hinh binh hanh.
C. Hinh vuodng. D. Hinh ch(r nhat.

Loi giai
Chon A

(«)iaB |

AB =(4BC)| = (@)n(4BC)=MN  yN/4B  NeBC
Ta cé Voi va :

(a)iap |

AD =(4DC)| = (@) (UDC)=MP  ypuD  PecD
Ta cé VOi va :



() (BCD) =NP

, () ABCD MNP
Do dé thiét dién cua véi tir dién la hinh tam giac

Cau 27: Cho hinh chép tt gidc S-ABCD ¢ ddy ABCDI3 hinh binh hanh tdm O, I 13

(P)

trung diém cda SO. Thiét dién cla hinh chép cat bdi mp ™’ qua / va song

song BD, va SCla

A. Luc giac. B. Ngi giac.
C. Hinh binh hanh. D. T giéc.
Loi giai
Chon A
7 MQ// BD QP//SC pN//BD MN//SC E =FIn54
Qua - dung , Va : , . Goi

(4BcD)n(P)=NP, (SBC)N(P)=NM,
Ta co:

(s4B)n(P)=MF,(s4D)n(P)=E0, (scD)n(P)=0P
Vay thiét dién la ngl giac.

Cau 28: Cho tir dién ABCD. Piém M thubdc doan 4C (M khac A M khacC). Mat

phang (@) gi qua M song song végi 4B va D, cat g dién da cho theo giao
tuyén la
A. Hinh vuéng. B. Hinh binh hanh.
C. Hinh ch(r nhat. D. Tam giac.
Loi giai
Chon B

Ta cé



AB|| () 1

AB — (ABC) = (ABC)n(a) =MN || AB (N € BC).
.-we(am(ABC}[
+)
CD| (ex) 1
CD = (BCD) = (BCD) n(a) =NP||CD (PEBD).
.-w-‘e(am(ﬂf:ﬂ}[
+)
AB||(ex) 1
AB = (ABD) = (ABD)N(a) =PQ| AB (Q € AD).
PEI{Q}H(ABD}[
+)
MNPO
Theo cach dung thi thiét dién la hinh binh hanh.

Cau 29: Cho hinh chép S-4BCD  ddy 4BCD |3 hinh vudng canh bang ¢. Diém M trén

AM :.T(U"-'.T "-:HJE) (P) a M (P)| 54

canh 4C thdéa man . Mat phang qu

(P)|| BD (P)>BD
(P)

hoac . Gia tri ¥ théda man diéu kién nao dé thiét dién cla

va hinh chép S-4BCD |3 ngli giac.

0<x<aﬁ ' 2
A. )

ﬂﬁ =X {ﬂ\E
c. 2 .

Loi giai

Chon B




(P) S.ABCD M 4,C

Dung thiét dién cla va hinh chép ,taconéu nam gilra
0,C 0
thi thié€t dién la t& gidc, nam gilta hoac trung véi  thi thiét dién la
a2
D<x<
X 2

tam giac, nén gia tri cAn tim cda 13
Cau 30: Cho hinh chép S-4BCD c4 day 4BCD |3 hinh bmh hanh. Biém M théa man
MA =3MB. M3t phdng (P )qua M va song song v6i SC, BD . Ménh dé nao sau
day didng?
(P)
A. cat hinh chép theo thiét dién 1a mét ngl gia.
(P)
B. cat hinh chép theo thiét dién la mét tam gid.

c. (Pt hinh chép theo thidt didn I3 mét ti gié.

(r)
D. khong cat hinh chop.

Loi giai

Chon A

(4B¢D) ] M BD  BC.CD, c4
Trong , ké duong thang qua  va song song vdi cat tai
K, N, I

(scp) . N SC . SDp
Trong , ké dudng thang qua va song song vdéi cat  tai

(sce) ] K . SC _ SB_Q
Trong , ké duong thang qua va song song V@i cat tai .

(sac) I _SC s
Trong , ké dudng thang qua va song song vdéi cat tai

, KNPRQ
Thiét dién la ngl giac

R



Cau 31: Cho trdién 4BCD  Goi H la mot diém nam trong tam gidc 48C, (@) 13

mat phang di qua H song song véi 48 va €D, Ménh dé nao sau day dung

vé thiét dién cta (@ va ta dién?

A. Thiét dién la hinh vudng. B. Thiét dién la hinh thang ca

C. Thiét dién la hinh binh hanh. D. Thiét dién la
Loi giai

n.
hinh ch(r nhat.

Chon C

(o)
ABC) cat theo giao tuyén MN di qua H va song song véi AB (
Me AC NeERC
)

. (@) _ B y PEBD
(BCD) cat theo giao tuyén NP song song véi CD ( )

() Qe AD
(ACD) cat theo giao tuyén MQ song song véi CD ( )

. ()
(ABD) cat theo giao tuyén PQ song song véi AB

C6 MQ//NP (vi cung song song CD)
C6 MN//PQ (vi cung song song AB)
Vay thiét dién la hinh binh hanh MNPQ

‘Dang ®: Cau trac nghiém duang, sai

Caul. Cho mit phing (P) va hai duong thang song song ¢ va b . Cac ménh dé sau diing hay sai?

Ménh dé bung | Sai

C6 v6 s6 mit phing chira dudng thing ¢ ma khong chira dudng thing b

Néu mit phing (P) song song v&i dudng thang @ thi mit phing (P) cling song

song v&i duong thang 2 .

Néu mit phing (P) cit duong thang @ thi mit phang (P) ciing cit duong thang
b




Néu mit phang (P) chtra duong thang @ thi mit phang (P) cling chtra duong
thang 0.

Cau2. Cho hinh chop S-4BCD ¢6 day ABCD 13 hinh binh hanh tim ©. Goi MV 1in luot 12 trung
diém cac canh 4B va CD | P 13 trung diém canh S4 . Khi d6:

Céc ménh dé sau dung hay sai?

Ménh dé bung | Sai

a) | MN//(SBC)

b | MN//S4D)

)
©) | SB ¢t voi mit phing (MNP)
d | SC it vei mit phang (MNP)
)

Cau 3. Cho hai hinh binh hanh 4BCD vy ABEF khong cung nam trong mot mit phang va co tim

AM =X 4E

lan luot 12 O va Or. Goi M,N 14n luot 13 hai diém trén cac canh AE,BD sao cho 3 ,
BN =1BD ‘
3 . Khi d6: Cac ménh dé sau dung hay sai?
Ménh dé Piing | Sai
a) | 00 song song voi mit phang (4DF)
b | oo cit mat phang (BCE)
)
¢c)| BN _2
BD 3
d | un song song voi mit phang (CDFE)
)

Cau4. Cho tirdién 4BCD Giasae M thudc doan thang BC . Mit phang () qua M song song
véi AB va CD Khi d6: Cac ménh dé sau dung hay sai?
Ménh dé Dung | Sai

D) | Giao tuyén ctia mit phing (@) v6i miat phang (4BC) 14 duong thang di qua M

va song song véi 4B

Giao tuyén ctia mit phing () v6i miat phang (BCD) 1a duong thang di qua M

va song song véi €D




9 | Giao tuyén ctia mit phang () v6i miat phang (4BD) 1a duong thang di qua NV va

song song v4i 4B

Hinh tao béi cac giao tuyén ciia mit phang (@) v&i cdc mat cua tur dién (ta goi la

)| thibt dién) 12 hinh thang

Cau 5. Cho hinh chop S-4BCD ¢ gay ABCD 13 hinh binh hanh, diém M di dong trén canh 4D .

Mot mit phang (a) qua M va song song véi hai dudng thang CD, 54 , cat BC,SC va SD 1an luot tai
N.P.Q Knidé: Cac ménh dé sau dung hay sai?
Ménh dé Piing | Sai

2) Giao tuyén clia mat phang (@) v6i mat phang (4BCD) 1a duong thang di qua M

va song song véi 4D

Giao tuyén ctia mat phing (a) v6i mat phang (SAD) 1a duong thang di qua M va

song song voi 54

9| g giac MNPQ 13 hinh thang c6 hai day 1a MN va PQ .

d | Goi IF=MONNP xyiq6 1 thudc duong thing di qua S va song song véi 4B

Cau 6. Cho hinh chop S.ABCD day ABCD 13 hinh binh hanh. Goi LJ lan luot 1a trong tdm cla

tam giac S4B va SCDE.F 1an luot 13 trung diém cua 4B va €D Khi d6: Cac ménh dé sau ding

hay sai?
Ménh dé Piing | Sai

W[ s 2

SF 3
b | IJ//{ABCD)
)
©) | BC song song vGi mit phang (SAD).(SEF)
d | BC c4t mit phing (AL))
)

Cau7. Cho hinh chop ti gise déu S-ABCD ¢4 canh day bing 2M 13 mot diém thuoe canh 4 sao
SM _2
cho S4 3 Mot mit phing (@) g qua M song song véi AB va AD | cit cac mit cua hinh chop

theo hinh 12 mét tr giac. Khi d6: Cac ménh dé sau dang hay sai?

Ménh dé bung | Sai




2) | Giao tuyén ctia mit phang () v6i miat phang (S4B) 1a duong thang di qua M va

song song v4i 4B
b | Giao tuyén ctia mit phang (@) v6i mit phang (S4D) 1a duong thang di qua M va
) song song voi SD
¢ | SM 1

S4 3

4| Mat phing (@) g qua M song song vi 4B va AD | cit cac mat ciia hinh chop
) 16

theo hinh 1a mot tir giac c6 dién tich bang 9

Cau8. Cho hinh chép S-ABCD ¢4 day ABCD 13 hinh binh hanh. Lay diém M trén canh 4D sao

cho 4D =3AM  Goi G.N theo thr tu 1a trong tdm cac tam giac

SAB,ABC gy qo:

Cac ménh dé sau dung hay sai?

Ménh dé Dung | Sai
D | Giao tuyén ctia hai mit phang (S4B) va (5€D) 15 duong thing di qua § va song
song voi AC,BD
b | DV _I
) DB 3
) | MN song song voi mit phing (SCD)
d | NG ¢t vei mit phang (84C)
)
Cau9. Cho hinh chop S-4BC  Goj L7 1an lugt 1 trung diém cua 4B va BC . Goi .K 13n luot

1a trong tim ctia ASAB va ASBC  Khi do:

Cac ménh dé sau dung hay sai?

Ménh dé Piing | Sai
a) | AC//(SL)
b | HK cit IJ
)
¢) | HK//(584C)
d | Giao tuyén cta (BHK) va (4BC) 15 duong thang di qua B va song song voi AC
)

Cau 10. Cho hinh chép S-ABCD ¢4 day ABCD 14 hinh chit nhat. Goi C 14 trong tam tam giac 540

va E 1a diém trén canh DPC sao cho PC =3PE. T 13 trung didm 4D . Khi do:




Cac ménh dé sau dung hay sai?

Ménh dé Dung | Sai
(S4B)

a) | Ol song song véi mit phing

b | OI song song voi mit phang (5CD)

)

©) | IE song song véi 4C
d | GE//(SBC)

)

LOI GIAI

Caul. Cho mit phang (P) va hai dudng thing song song ¢ va . M&i khing dinh sau dung hay sai?
a) C6 vo s6 mit phing chira dudng thing ¢ ma khong chira dudng thing b

(P) a (P) b

b) Néu mat phing song song voi duong thing  thi mit phiang cling song song voi duong thang

, , P , a , P , , b
¢) Néu mat phang cat duong thang  thi mat phang cling cat duong thang

, . P . a , P b
d) Néu médt phang chura duong thang  thi mdt phang cling chira duong thang

Loi giai

a) bung b) Sai ¢) Pung d) Sai

a) C6 v sb mit phing chira duong thing ¢ ma khong chira dudng thang o

(P) (P)

2 e » 2 a 2 2
Khang dinh b sai vi néu mat phang song song vo1 duong thang  thi mat phang co the song
., b
song hodc chtra duong thang
Khing dinh ¢ ding.
q , , . a , b ab
Khang dinhh d sai. C6 v6 sO mat phang chira duong thang  ma khong chira duong thang  ( la

hai dudng thing song song).

Cau2. Cho hinh chop S-ABCD ¢4 day ABCD 13 hinh binh hanh tam ©. Goi >V 14n luot 14 trung
diém cac canh 4B va CD | P 13 trung diém canh S4 . Khi d6:

MN / /(SBC)
a)



MN | (§AD)

b)
SB . (MNP)
C) cat voi mat phang
Yol . (MNP)
d) cat voi mat phang
Loi giai
a) Dung b) Ding ¢) Sai d) Sai

MN [ [(SBC), MN [ /(SAD)
a) b) Ching minh :

MN ABCD MN //BC BC c(SBC)= MN//(SBC)
Vi la duong trung binh cua hinh binh hanh nén , ma

MN TAD, AD —(SAD) = MN//(SAD)
Tuong tu:

SB | [(MNF),5C | /(MNF)
¢) d) Chiing minh :

MP SAB SB//MP MP c (MNP) SB[ /(MNP)
Ta co la duong trung binh ctia tam giac nén , ma nén .

orP S4C sc//opP OP c(MNP) SC/ (MNP)
Tuong tu: la duong trung binh cua tam giac nén , ma nén .

Cau 3. Cho hai hinh binh hanh 4BCD vj ABEF khong cliing ndm trong mot mdt phang va c6 tim

AM =L 4E
3

2

lan luot 1a O va 0'. Goi M,N 1an luot 14 hai diém trén cac canh AE,BD sao cho

BN =LBD
3 .Khidé:



a) 00 song song véi mt phang (APF)

b) 00 cit mit phiang (BCE)

BN 2

¢) BD 3

MN ~ (CDFE)
d) song song vo1 mat phang

Loi giai

a) buang b) Sai ¢) Sai d) DPung

00 , (4DF)  (BCE) 00
a) b) Chung minh song song v&i mdt phang va : Taco la dudng trung binh

BDF 00 |IDF DF < (4DF) 00 | I(ADF)

cla tam giac nén , ma suy ra

00 ACE OO /ICE  CE <(BCE)
Tuong tu, la duong trung binh cta tam giac nén , ma suy ra

00 [/(BCE)

MN ~ (CDFE)
¢) d) Ching minh song song vo1 mat phang :

~ (4BCD) [ =AN N CD
Trong mat phang , go1 .

l
AB//CD Al BD 3
Do nén

AM _1 _ AN _AM _
AE 3 Al AE _ IE =(CDFE) MN | [(CDFE)

Mait khac: , ma , suy ra



Caud. Cho tirdien 4BCD Giasir M thudc doan thang BC . Mit phang (@) qua M song song

véi 4B va €D Khi do:

a) Giao tuyén ciia mit phiang (@) v6i mit phang (4BC) 14 dudng thing di qua M va song song v6i 4B
b) Giao tuyén ciia mit phing (@) v6i mit phiang (BCD) 1a duong thang di qua M va song song voi CD
¢) Giao tuyén cia mit phiang (@) v6i mit phang (4BD) 1a duong thing di qua N va song song véi 48

d) Hinh tao boi cac giao tuyén cua mat phéng () véi cac mat cua tr dién (ta goi 1a thiét dién) 1a hinh thang

Loi gidi
a) Dung b) Ding ¢) Pung d) Sai
(a)// AB ) () ~ (4BC) i
Vi nén giao tuyén cua mat phang v6oi mat phang la duong thang di qua va
4B, 4c 0O
song song voi va cat tai
(a)//CD ’ () ~ (BCD) i
Vi nén giao tuyén cuia mat phang v6i mét phang la duong thang di qua va
CcD , BD N
song song voi va cat tai
(a)// AB ) - () . (4BD) , N
Vi nén giao tuyén ciia mat phang .vOi mat phang la duong thang di qua  va
_AB , AD P
song song voi va cat tai .
MNIPQ!ICD,MQ!/PN//AB
Ta co
, , (@ ,
Vay hinh tao boi cac giao tuyén cua mat phang véi cac madt cua tr dién (ta goi 1a thiét dién) 1a hinh

MNPQ
binh hanh




Cau 5. Cho hinh chop S-4BCD ¢4 gay ABCD 13 hinh binh hanh, diém M di dong trén canh 4D .

CD’SA, it BC,S5C va SD 1an luot tai

Mot mit phang () qua M va song song v6i hai dudng thang c
N.P.Q gni do:

, . (@) . (4BCD) , M AD
a) Giao tuyén cia mat phang v61 mat phang la duong thang di qua va song song voi

, , . (0 . (84D) : M SA4
b) Giao tuyén ciia mat phang v6i méit phang la duong thang di qua va song song vdi

MNPQ MN PO
c¢) Tu giac 1a hinh thang c6 hai day la va .

[ =MQn NP I ) S AB
b) Goi .Khid6 thudc duong thang di qua  va song song vdi

Loi giai

a) Sai b) Piling ¢) Pung d) Sai

MNPQ
a) b) ¢) Tt giac 1a hinh gi?

'MN =(e) 1 (ABCD)

Tacotl |CD/ /(cx) = (a) N (ABCD) =MN/ /CD.(1)
'CD = (ABCD)
'MQ =(e) n (SAD)
Toong Bt | SA/ /() = (@) (SAD) =MQ//SA:;
| SA = (SAD)
'PQ =(x) " (SCD)
CD/ (e) = ()N (SCD) =PQ//CD(2)

CD = (SCD)



MNPQ MN PO
Tu (1) va (2) suy ra tir giac 1a hinh thang c6 hai day la va .

(SAD) N(SBC)
d) Xét

(S €(SAD) N (SBC)
AD//BC = (SAD) N (SBC) =Sx

| AD < (SAD), BC < (SBC)
Ta co:

Sx S  Sx//AD//BC
(voi qua va ).
. |[re NP,NP c(SBC)
Vi = J€(SAD) N(SBC).
|1 € MO,MQ < (SAD)

JESIY Sx
Suy ra (voi c0O dinh).

Cau 6. Cho hinh chop S.ABCD day ABCD 13 hinh binh hanh. Goi 1,J lan luot 1a trong tam cua

tam giac S4B va SCDEF 13, luot 1a trung diém cua 4B va CD  Khi do:
S/ 2

a) SF 3
IJ 1 (ABCD)
b)
BC _ (S4D).(SEF)
b) song song voi mat phang
BC o (4Y)
d) cat mat phang
Loi giai
a) bung b) Piling ¢) Pung d) Sai
1,J SAB  SCD
a) b) Do lan lugt 1a trong tam cua tam giac va nén

s 855 2 .. . o
— =—=—= IJ//EF ma EF c(ABCD)= IJ//|ABCD).
SE SF 3



BC/!/AD, AD =(SAD)= BC/!/(54D)

c)d) Vi
EF ABCD
Vi la duong trung binh ctia hinh binh hanh nén
BC/|/EF,EF c(SEF)= BC//(SEF). [J//EF,EF | /BC= BC//lJ

Ta co: ma

IJc(ALT)= BC//(ALT)

Cau7. Cho hinh chop tir giac déu S-ABCD ¢4 canh day bang LM 12 mot diém thude canh 4 sao
SM 2

cho S4 3 Mot mit phang (@) g qua M song song véi AB va AD | cit cac mit cua hinh chop

theo hinh 1a mét tir gidc. Khi do:

a) Giao tuyén ciia mit phang (@) v6i mit phang (S4B) 1a duong thang di qua M va song song voi 4B

b) Giao tuyén ctia mit phang (@) v6i miat phang ($4D) 1a duong thang di qua M va song song voi SD
SM 1

c) S4 3

d) Mit phang (@) di qua M song song véi AB va AD | cit cac mit cua hinh chop theo hinh 1a mot tr
16
giac o dién tich bang 9

Loi giai

a) buang b) Sai ¢) Sai d) Ding




v

Vi {ME{SAB}H{G‘]' = (SAB) N () =MN vouMN [/ AB,N € SB;

(«)/ /AB, AB = (SAB)
‘M e(SAD) N (a) o
()] JADAD < (saD) ~ PAD)N (@) =MQGUMQ//AD,Q€ SD.

BC//AD/!IMQ BC tia),MQ C(a) BC//(a)
Vi va nén .

‘N €(SBC) N (ar)

N = (SBC)N (ct) =NP -
| (a)//BC,BC =(SBC) NP//BC,PE SC

Khi d6, ta co: (véi ).

M,N,P,Q
Noi cac dinh ta dugc mat tur giac.

MN!/ABMQ/!/AD,NP//BC,PQ/!/CD
Ta co: nén theo dinh li Thalés, ta co:

SM SN _SP _SQ MN NP _PQ MQ 2
SA SB SC SD AB BC CD AD 3

MN =NP =PQ =MQ =
Suy ra (day hinh ctia chop 1a hinh vuéng canh 2).

4 16

MNPQO
Dé thay la mot hinh vudng c6 canh bang  nén c6 dién tich bang (don vi di¢n tich).
Cau 8. Cho hinh chop S-ABCD ¢4 day ABCD 13 hinh binh hanh. Lay diém M trén canh 4D sao

cho AD =3AM  Goi G,N theo thur ty 1a trong tdm cac tam giac SAB.ABC . Khi do:

) ~ (84B)  (SCD) i S AC,BD
a) Giao tuyén cua hai mit phang va la duong thang diqua  va song song vdi



DN 1

DB 3

b)

MN ~ (SCD)
c) song song v&i mdt phang

NG . (84C)
d) cat voi mdt phang

Loi gidi
a) Sai b) Sai ¢) Pung d) Sai

'S €(S4B) N(SCD)
a) Taco: {AB//CD = (SAB) N(SCD) =Sx
| AB — (SAB),CD c (SCD)

Sx S  Sx//AB//CD
(voi qua va ).

. MN _ . (SCD)
¢) Chirng minh song song vo1 mat phang :
(0] ABCD
Goi  la tam hinh binh hanh
2 21 1
BN =—BO == —BD =—BD
N AABC 3 32 3
Vi  latrong tam cua nén
] 7
AD =3AM = DM _2
DA 3

Mat khac, ta co:




-
_ ADB DA DB 3  MN//AB= MN//CD
Xét tam gidc , ta co: nén ,

CD c(SCD)= MN//(S5CD)
ma .

NG (54C)
d) Chiing minh song song :

P , AB SPC
Goi  la trung diém . Tam giac co:

PG _PN _|

PS  PC 3 ,
(tinh chat trong tam)

= NG//SC,SC < (SAC)= NG//(SAC)

Cau 9. Cho hinh chop S-4BC  Goi L,J 1an luot 14 trung diém cua 4B va BC | Goi H.K 130 luot

1a trong tim ctia ASAB vy ASBC  Khi do:

AC/(SLT)
a) .

HK | LU
b) cat

HK [ /(§4C)
c) .

. , (BHK)  (A4BC) 7 B AC
d) Giao tuyén cua va la duong thang di qua  va song song vdi
Loi giai

a) buang b) Sai ¢) Pung d) Ding




J
B
J AABC y/lac
a) Vi la duong trung binh nén .
(AC/!/1Ld
IF = (SIT) = AC//(SLF)
| AC ¢ (SL7)
Ta co:
SH SK
— =—=2(H,K
HI KJ ‘ AS4B  ASAC)
b) Ta co lan luot 1a trong tam va .
= HK//IJ
(HK //AC | HE M IT, ACTILT)
AC = (SAC) = HK | /(54C)
|HK ¢ (SAC)
Lai co
(HK [/ AC
HK = (BHK)
AC < (ABC)
| BE(BHK) N (ABC)
c) Tacod
. , (BHK)  (4BC) ., Bx B AC  HK
Viy giao tuyén cua va la duong thang diqua vasong song voi va .

Cau 10. Cho hinh chop S.ABCD ¢ day ABCD 13 hinh chit nhat. Goi G 1a trong tam tam giac SAD
va E 1a diém trén canh DC sao cho PC =3DET 13 trung didm 4D . Khi dé:

o)} . (84B)
a) song song v&1 mat phang



ol (SCD)

b) song song voi mit phang
IE AC
c) song song voi
GE/ (SBC)
d)
Loi gidi
a) Dung b) Piling ¢) Sai d) Ping
'OI ¢ (SAB), AB (SAB
{ E( ). ( ]':, ol (s4B)
ol 45
a) Tacod
(01 ¢ (5CD),CD =(SCD
{ E( ). ( ]':’ ol (scp)
oI cp
Tuong tu,
DI _1 1 _DE
DA 2 3 DC IE AC ABCD
b) Vi nén  khong song song vdi . Trong hinh chir nhat , 801
P=IENBC
= P =[EN(SBC)
q BC,G SBC
Goi  la trung diém cua la trong tam tam giac

-

_ . 5 _ )
SG _85G GG _< _ ) = GG="KI==CDh=CE
SK ST KI 3 Gd| Ki| CE 3 3

Khi do , suy ra va




G GEC CG|| CE= Cd| (SBC)
Do do tir gidc 1a hinh binh hanh, suy ra

‘Dang ©: Cau trac nghiém tra 16i ngan
~4BCD  M.N y AB 4D
Cau 1: Cho tir dién . Goi lan lugt 14 trung diém cua va

. MN//(BCD)
Chung minh rang .

Hinh 7

M,N i AB,AD MN ABD
Vi lan luot 1a trung diém cua nén la dudng trung binh ctia tam giac

MN //BD BD c(BCD) MN | [( BCD)

Suy ra .Ma nén
~4BCD G G, _ _ ABD  ACD
Cau 2: Cho tir dién .Go1  va lan luot 1a trong tdm ctia hai tam gidc va
GG, . (4BC) (BCD)
Ching minh song song voi cac mdt phang va .
Loi giai
r/‘,f"‘\
/ir/ I‘ \“
A8 T
/11 N\
/ / 1 N
f'/ /‘/ l G \.
/b
WA SRR
~--""| -
) ;. ‘\\\! /’;’
Hinh 1
M N DB,DC

Goi lan luot 1a trung diém cua



MN DBC MN //BC

Ta co la duong trung binh cua tam giac , suy ra
AG, _A4G, _2

 AMN AM AN 3

Trong tam giac ,taco .
AMN GG,/ IMN GG,/ IMN|/BC
Theo dinh 1i Thalés ddo trong tam giac ,tacod . Suy ra , suy ra
GG, . (4BC)  (BCD)
song song vOi cdc mat phang va .
. ABCD  ABEF ‘ 7
Cau 3: Cho hai hinh binh hanh va khong cung nam trong mot mat phang c6 tdm
‘ o 0
lan lwotla  va
00 , (4DF)  (BCE)

a) Chung minh song song voi cdc mat phang va .

am =24 av =Lup
3 3

M,N | 7 AF,AD
b) Goi lan luot 1a hai diém thudc hai canh sao cho ,
MN ! /{DCEF)
Chtrng minh
Loi gidi
II x.‘\m - /)" ;i'\-\“ N,
| N et~ A
~ 7’ i - N
I " # ] | - N
< A
,-'['\ ) ‘-‘-\'\f. __!u ///,
& ’.‘."’ e ¢/ N o
D™ C
Hinh 2
00 //DF | ICE 00 . . (ADF)  (BCE)
a) Ta co , suy ra song song voi cdc mat phang va .
AM _AN
AF  AD MN /| /DF MN | /(DCEF)

b) Ta co , suy ra , suy ra



S.ABCD () .
Cau 4: Cho hinh chop c6 day 1a hinh binh hanh. Goi la mat phang di qua trung

L M AB . BD _S4 . .,
diem  ciacanh |, songsong vdi va . Tim giao tuyén ciia mdt phang v&i cac

mat cua hinh chop.

Loi giai
S
/N\E-7 N
£ s\t s
e\ // o
/Y M
D L_/_\\,‘;E ____________ . ,\> (
-~/ \ -
o ’/ ] \ ’/f’
PARRY / \\ ’//
\ N\
N,P,R ) AD,SD,SB . (84B) o d
Got lan lugt 1a trung diém cua . Trong mat phang vé duong thang

S di/dB//cD MR , 4 LPl | sc 0O

diqua va cat tai cat tai

()N (ABCD) =MN (P)n (SAD) =NP,(ct) n(SCD) =PO
Suy ra: ,

b

()M (SBC) =0R,(ax) N(SAB) =MR

_ ABCD G H . _ ABC  ACD
Cau 5: Cho tr dién .Goi  va lan luot la trong tam cua hai tam giac va .

. GH//(BCD)
Chung minh rang



)

(o8]

EF ) BC,CD G ABC

Goi lan luogt 1a trung diém cua céc canh . Vi latrong tdm cua tam gidc , nén

AG 2
AGE | AE 3

thang hang va
AH 2 AG _aH
AHF AF 3 AE 4 ,
Tuong tu co thang hang va . Do do . Theo dinh 1i Thalés ddo, suy ra
 AEF  GH//EF GH / [(BCD)

tam giac co , Vi vay .

CAu 6: Mot thm bang hinh chir nhat dugc dat dya vao tudng nhu trong Hinh 4.18.

Hinh 4.18

Hay giai thich vi sao mép trén cua tdm bang song song véi mat dat, mép dudi cua tdm bang

song song vo1 mat tudong.

Lo giai



a

]
N
&

Hinh 4. 54 |
(P ©) a _ b
Goi la mat tuong va la mat bang. Goi  1a mép dudi cia bang va  la mép trén thi nam
(P) allb all(P) _
trong . Vi bang c6 dang hinh chir nhat nén ,do do , tuc 1a mép dudi cua bang song

song véi mat tudng. Giai thich twong tu suy ra mép trén ciia bang song song voi mit dat.

Cau 7: Dé dung day phoi quan 4o, bac Viét lap hai thanh sat thang dimg c6 chiéu dai bang

nhau trén mit dat va cing day ndi hai dau con lai cta hai thanh sit (H.4.19).

Hinh 4.19
Khi d6, day phoi c6 song song v6i mat dat khong? Giai thich vi sao.

Lo giai

Hinh 4.55



A, B M,N
Goi hai dau cua hai thanh sat trén mat dat la va hai dau tuong tng con lai la thi

AM | /BN AM =BN ABNM MN //AB )
va , suy ra 1a hinh binh hanh. Vi vay va do d6 day phoi

, , M.,N ) , 4B
(no1 hai di€ém ) song song voi mat dat (chira duong thang ).

ABCD "1'{1 ‘?\'F'! P'J Q N . ;4.8, f}.D
Cau 8: Cho tr dién . Goi lan lugt 1a trung di€m cua cac canh ,

BC,CD ‘ , , (4PQ)  (CMN)
. Chirng minh rang giao tuyén cua hai médt phang va song song voi

, BD
duong thing

MN ABD MN //BD MN < (CMN)
Vi la duong trung binh cta tam giac nén , ma nén
BD//(CMN) PQ BCD PQ//BD PO c(APQ)
. Vi la dudng trung binh cta tam giac nén , ma
BD/ /[(APQ)
nén .
, BC) 1 AP  MC ., (4CD)y g
Trong mat phang ,go1 la giao diém cua va ; trong mdt phang , 01
o A9 N U , . . (4PQ)  (CMN)
la giao diém cua va .Khi d6, Ia giao tuyén cua hai mat phang va .
BD/ /{CMN) BD//(APQ) J//BD
Ma va nén .
S.ABCD ABCD M,N,P
Cau 9: Cho hinh chop c6 day 1a hinh binh hanh. Goi lan lugt 1a trung
AB.CD, 5S4

diém cua cac canh



. sC . . (MNP)
a) Chirng minh rang song song vo1 mat phang

) ~ (MNP)  (SCD)
b) Xac dinh giao tuyén cua hai mat phang va .

Loi giai

Hinh 56

ol AC  MN I . AC PI
a) Goi la giao diém cua Vo1 . Taco 1atrung di€m cua nén la dudng trung

SAC PI//SC PI = (MNP) S5C /T (MNP)
binh ctia tam giac , suy ra , ma nén .

. (MNP) (SCD) . N . .
b) Hai mat phang va cd diém chung la  va lan luot chira hai duong thang

PI,SC . ., (MNP) (SCD) ,
song song vo1 nhau nén giao tuyén cua hai mat phang va la duong thang

d N e
diqua  vasong song vdi

Cau 10: Trong cac khong gian hep, ngudi ta thuong thiét ké ta dung quan 4o cé canh cira truot.

T nay bao gdm khoang tu, canh ctra trugt va hai dudng ray trugt cho mép trén va mép dudi canh

ctra (Hinh 25 . Biét ring canh cira truot c6 dang hinh chit nhat va c6 thé kéo trugt binh thudng,
khi 6 ban Minh néi: "Puong ray trugt & mép trén cira song song véi mit day cia ti quan 40"

Em hay cho biét phét biéu ctia ban Minh dung hay sai? Vi sao?

Hinh 25



Loi gidi
Phét biéu ctia ban Minh 13 ding. Vi canh ctra 13 hinh chit nhat va c6 thé kéo truot binh thudng
nén dudng ray trén va dudng ray dudi ciia canh cira song song v6i nhau. Pudng ray dudi c thé
xem la dudng thang thudc mit day cia ti. Vi vay duong ray trugt & mép trén canh cira song
song véi mat day cia ti quan 4o.
A ~4BCcD  1.J . _ ABC ACD
Cau 11: Cho tir dién . Goi lan lugt 1a trong tam cua hai tam giac , .

. WJ/NABCD)
Chtrng minh rang

M,N i BC,CD
Goi lan lugt 14 trung diém cua

Hinh 8
MN _ BCD MN //BD
Suy ra la duong trung binh cua tam giac . Suy ra (1)
AL _AJ 2
1,J . ABC _ ACD AM AN 3
Mat khac, lan luogt 14 trong tm cua tam gidc va nén .
_ _ AMN J//MN
Theo dinh 1i Thalés ddo trong tam giac ,tacd .(2)
LJ//BD
Tu (1) va (2) suy ra
BD c (BCD) L7 I(BCD)
Ma nén .
S.ABCD ABCD M :
Cau 12: Cho hinh chop c6 day 1a hinh binh hanh. Goi 14 diém chuyén dong
SC(M C).(P) AM BD

trén canh khac 12 mat phang chira dudng thang va song song v&i



: , (P L . M ,
Chung minh rang mat phang ludn di qua mot duong thang c6 dinh khi diém chuyén

SC
dong trén canh

Hinh 57

. (P ,  AM _BD (P) , (4BCD) _
Mait phang chtra duong thang va song song v&i nén cat theo giao

,d o A . BD ABCD , ,
tuyén diqua  vasong song voi . Vi hinh binh hanh c0 dinh nén duong thang

, (ABCD)
cO dinh trong

M 7 SC . (P . . d
Vay khi  chuyén dong trén canh thi mat phang ludn ludn di qua duong thang  co dinh.

 S.ABCD E P 54 (P)
Cau 13: Cho hinh chop tir giac va la mot diém bat ki thudc canh . Goi la

. E . SB,SD M,N q
mat phang qua  va song song vdi hai duong thang . Goi lan luot 1a giao diém

(P) AB, AD
cua va cac canh

EM //SB . EN//SD

a) Chimg minh rang va
., MN , BC.CD : ,
b) Gia str duong thang cat cac duong thang . Xac dinh giao tuyén cia mat phang

(P) _ (SBO).(5CD)
va cac mat phang .



Hinh 4.52

. (S4B) . sB N0 T 7
a) Mat phang chtra duong thang song song voi nén giao tuyén cua hai mit phang

SB EM | /SB EN//SD
do6 song song vé1  , suy ra . Tuong tu co .

F.G ) . MN . BC.CD
b) Goi lan luot 1a giao diém cua dudong thang va hai duong thang . Trong mat

,  (SBC) q F . SB 9 _ :
phang , v& duong thang qua  va song song voi thi duong thang do 1a giao tuyén cua

P . (SBO) . (SCD) . G
mat phing va mat phang . Trong mat phang , v€ duong thang qua  va song
SD 7 o (P _ (SCD)
song voi thi duong thang do 1a giao tuyén cia mat phang va mat phang
S.ABCD G )
Cau 14: Cho hinh chop c6 day 1a hinh binh hanh. Goi  1a trong tdm cua tam giac
SAD, M B DC DC =3DM
la diém trén doan sao cho .

. MG//ASBC)
Ching minh rang

N ) AD MG < {5‘1{3‘”
Goi  la trung diém cua . Taco .



, (4BCD)  E=mnnBC
Trong mat phang , g0l .

SE(SNM)N(SBC) femn  MN c(SMN) pepc  BC =(SBC)
Ta co ; va ; va .

(SMN') N (SBC) =SE

Suy ra
MN _MD | MN 1
.. AMNDesAMEC ME MC 2 NE 3
D¢ thay , suy ra , suy ra (1)
GN 1
SV 3 G SAD)
Mait khac, ( latrong tdm cua tam giac .(2)
GN MN
SN NE
Tu (1) va (2) suy ra .
_ ~ SNE MG | |SE
Theo dinh 1i Thales ddo trong tam giac ,tacod .
SE = (SBC) MG/ /(SBC)
Ma nén .
~4BCD  M,N o _ AB  CD
Cau 15: Cho tir dién . Goi lan lwot 1a hai diém thudc hai canh va . bat
(@) , MN BC . ) (@)
la mat phang qua va song song voi . Tim giao tuyén ctua vGi1 cac mat cua tir
_ ABCD
dién
B D

Hinh 12



BC c(BCD).Ne(a)n(BCD) (a)//BC

Ta co: ;
(&) N(BCD) =Nx Nx//BC
Suy ra , VOl
, By  p Nx  BD
Trong mat phang , g0l la giao diém cua va .

NP =(ct) n{BCD)
Suy ra )

BC c(ABC):; M €(a)N(ABC) (a)!/BC
Ta co ; .

()N (ABC) =My My//BC
Suy ra Vol

CMBO) 0 My uc
Trong mat phang , g0l la giao diém cua va .

MO =(ex) N(ABC)
Suy ra

_ (a)n(A4BD) =MP;(a)n (ACD) =ON
Tu do, dé thay: :

S.ABCD ABCD G
Cau 16: Cho hinh chop co day 1a mot hinh binh hanh. Goi 14 trong tam cua

1
AM =—AD
_ S4B.1 y AB M A 3
tam giac la trung di€ém cua va la diém thudc canh sao cho

. AB , CI N _
Duong thang di qua  va song song véi cait  tai . Chung minh:

NG / (SCD) MG / (SCD)
a) ; b) :

Loi giai



/ \ N
// Ly \\
If \ \ b
/ ,t, \ \‘\
/ | \\ N
/ |/
/\;"Z_;’.__v...!‘._)fz.\»\.-,.uum._._._.....\.d./C'
UNJ G4 \ o
Fo. 2 TN Lo/
"‘E____—'-\-‘- ______ /[
P
Hinh 3

N MN  BC
a) Goi  la giao diém cua va .
MN //AB NF//BI ~ FeMN [€A4B)
Ta co , suy ra (vi , .
NI _BF _1
_ CIB  NF//BI _ ClI BC 3
Trong tam giac co , nén theo dinh i Thalées ta co: .
Gr _t
S4B G SI 3
Trong tam giac ,tacd latrong tdm nén .
GI NI 1
. SsiC SICI 3 NG//SC
Trong tam giac ,tacod , suy ra (dinh 1i Thales dao).
NG / (SDC)
Do d6 .
, (4BCD) o MI  DC
b) Trong mat phang ,gol la giao diém cua va .
MI IN 1
_0CI  MN//OC or IC 3 .
Trong tam giac co , suy ra (theo dinh li Thalgs).
IG 1
= (G
s1 3 ~ S84B)
Ma la trong tdm cuia tam giac
Ml IG 1
sor Ol SI 3 MG//SO
co , suy ra (dinh 1i Thales dao).

Do d0, trong tam gidc



MG/ (SDC)

Do d6
S.ABCD ABCD M,N

Cau 17: Cho hinh chop co day 1a hinh binh hanh. Goi lan lugt 1a trung

: CD,P v A
di€ém cua hai canh va la trung di€ém caa . Chiing minh:

MN ~ (SBC)  (S4D)
a) song song vo1 cac mat phang va ;

SB ~ (MNP)
b) song song voi ;

SC (MNP)
c) song song voi

GG _ _ ABC  SBC
d)Goi va  theo tht ty 1a trong tdm cua hai tam giac va .
GG, (s4D).
Chtrng minh song song voi
Loi giai
\--;, ‘\:‘-\‘
\__ : I '|‘ \;.\.\\
BC =(SBC)  MN//BC MN [ /(SBC). AD =(SAD)  ypNn//4D
a) Ta co va , suy ra va ,
MN //(§4D)
suy ra .
SAB PM SB//MP SB//(MNP)

b) Trong tam giac , €O la duong trung binh, suy ra , suy ra



(S4B) d S _d//AB E MP

¢) Trong mit phang vé duong thang diqua va .Goi  la giao diém cua
d MBSE SE//MB SE =MB SE //CN SE =CN
va ,taco 13 hinh binh hanh, suy ra va , suy ra va
SC//NE NE c(MNP) SC//(MNP)
, suy ra . Talai co , suy ra .
., (SBC) g o SG,  pC
d) Trong mat phang ,gol la giao diém cua va .
16, _16, _1
. SI4 14 IS 3 _ GG,//S4
Trong tam giac ,tacod , theo dinh 1i Thalés ddo suy ra ,
G,G, / [(S4D)
suy ra
S.ABCD ABCD (AB//CD)  E P
Cau 18: Cho hinh chop co day 1a hinh thang .Goi  1a mdt diém bat ki
(P) : E o ., A4AB _SC
thudc canh . Goi la mdt phdng qua  va song song vdi hai duong thang va
. , (P . (840) ,
a) Xac dinh giao tuyén cia mat phang va mat phang , tr do tim mot diém chung ctia
(P ~ (4BCD)
mat phing va mat phang
) (P . (4BCD)
b) Xac dinh giao tuyén cia mat phang va mat phang
S (P _
¢) Xac dinh giao tuyén cuia mat phang va cac mat con lai ciia hinh chop.
Loi giai

Hinh 4.53



. (840) ., SC , . (P , ,
a) Mat phang chtra duong thang song song voi mat phang nén giao tuyén cua

o (s40)  (P) SC - (s40),
hai mat phang va song song voi . Do d6, trong mat phang ve€ duong
 EF/ISC(FEAC)  gp , (P) (s40) | F
thang thi la giao tuyén cua hai mat phang va .biém 1a

i (P . (4BCD)
diém chung cia mat phang va mat phang

. (4BCD) . MN F _AB
b) Trong méat phang , v€ duong thang qua  vasong song voi

(MEAD,NEBC) yN , (P) ~ (4BCD)
thi la giao tuyén cua va mat phang

~(84B) ~ EG/I/AB(GESB)  EG ,

¢) Trong mat phang , v€ duong thang thi la giao tuyén cua hai mat

~(P)  (S4B) , (P) EG,MN,EM,GN
phang va . Cac giao tuyén cua va cac mat cua hinh chop la

S.ABCD AB =a CD =2a
Cau 19: Cho hinh chop c6 day la hinh thang, day nhé , day lon . Goi
7 SC _ BE//(SAD)
la trung diém cia . Chlirng minh rang

Loi giai

Cach 1:

Hinh 9

F . SD EF . scp
Goi  latrung diém cua . la dudng trung binh cua tam giac

EF ZLCD
EF//CD 2
Suy ra va

AB :l cD
AB//CD 2 EF//AB EF =AB ABEF
Ma va . Do do, va hay 1a hinh binh hanh.



BE//AF AF = (54D) BE/ /(§4D)
Suy ra . Ma . Vay .

Cach 2:

Hinh 10

Fo o, BC AD
Goi  la giao diém cua va .

AB :l cD
AB//CD 2 AB _ CDF
Taco va , suy ra la duong trung binh cua tam giac

r B \ A 5 FC
Do d6 1atrung di€m cua

BE _ SCF BE/ISF
Suy ra la duong trung binh cta tam giac hay .

SF < (SAD) BE/ (84AD)
Ma nén .
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