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PHAN A. CAU HOI

DANG 1. NHAN DANG PHUONG TRiNH DPUONG TRON

1 . - A 2 \ X +y' -2 +2)x+ '+ -0=0,
Caul. Tim tat ca cac gia tri cia tham so ” dé phuong trinh ) G +2)x +dmy +19m - 6 C}la
phuong trinh dudng tron.
A l<m<2. B. M<-2 hogec m>-1

C.M<-2 hoge m>1_p, m<l hogc m>2,

Cau 2. Trong mit phing Oxy , phuong trinh nao sau day la phuong trinh cua duong tron?

A X +2)7-dx-8y+1=0 B. X ) -dx+06y-12=0



Cau 3.

Cau 6.

Cau7.

Cau 9.

Cau 10.

Cau 11.

Cau 12.

C. x4y - 2x-8y+20 =0 D. 4x" +17 - 10x- 6y -2 =0

Phuong trinh nao sau day la phuong trinh ctia dudong tron?

A, 2x* + 37 - bx-6y- 8 =0 B. 42y - dx- 8y- 12 =0

C. ¥4y’ - 2x- 8y +18 :U' D. 2" +2y7 - dx+06yp- 12 :D.

(Cum lién truong Hai Phong-1.1-2019) Phuong trinh nao sau day la phuong trinh ctia mot duong

tron?
A x4y - dxy+2x+8y- 3=0 B X +2y - 4x+5y- 1=0

C Ayt 14x+2y+2018=0 D ¥ Hy- dx+5y+2=0

(THPT Quynh Luu- Nghé An- 2019) Cho phuong trinh

= + -: - 2 - - 2 1 - = A “ A 5 R N \ 5 N \
x ) mx = 40m-2)y+6-m=0(l ) pidu kien cua m aé M 1a phuong trinh ctia duong tron.

m<l m =1
A, m=2 B. lm>2 c.l<m<2, p. [m=2

DANG 2. TIM TOA BO TAM, BAN KiINH PUONG TRON

(C):x’ +y +4x+06y-12=0

Trong mit phing 9%, duong tron o tam la.

N I(-2;-3)_ B 1(2;3)' c. 1(4;6)' D. I(-4;-6)_
DPuong tron ¥ 457 = 10y-24 =0 (6 pan kinh bang bao nhiéu?

A4 B. 7. c. 1. D. V29
Xée dinh tim va bdn kinh cia duong tron (€2 F+1) +(y-2) =0.

A Tam L5 g inh R =3 B. Tam 7 C 52" pan kinh R =9,
c.1am 192 pan ki R =3 p. Tam 762 ban kinh & =9,

(PE THI THU PONG PAU-VINH PHUC LAN 01 - 2018 — 2019) Tim toa d6 tim / va ban kinh

Pyt =2 4] =
R cua duong tron (C); X4y - Ix+4y+1=0

“1:2)R = .9):R =2 “1:2)R = -1)R =
A JCE2R=4 o r(-2R=2 L 1CLR2R=VS (2R =4
: (- 27 +(y+3) =
Trong mat phang Oxy , cho duong tron (€G- 27 +(y+3) g.Du’(‘mg tron c6 tdm va ban kinh
la
- = ‘- = - = = i =
A [23).R=9 p [@-3).r=3 L 1(32).R=3 [ 1(23). R=3

. A ¥ . :_
Tim toa o tim { va tinh ban kinh R cua dudng tron (€): G+2) +(y-5) _g.
A [C25).R=81. g I(-5,R=9. o I(%-5,R=3  p I(-%5).R=3.

o2 A e —
Duong tron (€):x" 4y~ 2x44y-3=0 c6 tam | ban kinh R 1a

A.f(-l.iﬁ)._ﬁ.:wﬁ. B.f(—I;EJ,R:EwE. C.f(l;-ﬁ),szﬁ. D_I(I;—E),Rzﬁﬁ.



Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

DANG 3. VIET PHUONG TRINH DPUONG TRON
Dang 3.1 Khi biét tim va ban kinh

Phuong trinh dudng tron c6 tAm 10:2) va ban kinh R =3 13
A X4y - 2x-4y-20=0 B A+ 2x+4y+20=0
C o4y +2x+4y- 20=0 D ¥yt 2x- 4y 420 =0
Puong tron tim | (- 1;2), ban kinh R =3 c6 phuong trinh 1

AL XY H2xHdy-4=0
B ¥y - 2x-4y-4=0
C. Xy #2x-4y-4=0
D. x4y 2x+dy-4 =0

(THPT NGUYEN TRAI-THANH HOA - Lan 1.Nim 2018&2019) Phuong trinh no sau day 1a

phuong trinh ctia dudng tron tam 1G-1 2), ban kinh bang 39
1Y +2Y = 2 (A _
A G- 1) +(y+2) =9 B. Gr+1) +(p+2) =9
¥ e _ 2 Ay _
C. (x-1) +(y-2) —9. D. Cc+1) +(p-2) —9.

Dang 3.2 Khi biét cac diém di qua

A1) B(G:3)

Duong tron (© di qua hai diém va c6 tdm ! thudc truc hoanh ¢6 phuong trinh 1a

A (x+4) +7 =10 5 G- 4 457 =10

C. (e-4Y +57° :Jﬁt D. (c+4) +)7 :Jﬁ.

(KSNLGV - THUAN THANH 2 - BAC NINH NAM 2018 - 2019) Trong mit phing v6i hé toa do
OxXY tim toa do tam ! cua duong tron di qua ba diém A(0;4), 3(2;4), C(2;0).

A 1D, p. 7(0:0), c. 1), p, 110

A(L:- 1), B(3:2), c(5:-5)

Cho tam gidc 4B C o . Toa d6 tam duodng tron ngoai tiép tam giac

ABC 13
[ﬂ;-ﬁw [ﬂ;ﬁ] 4T 13] [-ﬂ;ﬁw
A, 10 10,. B. 10 10 . c.' 1o 10 . D. 10 10,.
Trong mit phing @Y | duong tron di qua ba diém A(l;z), B(S;Z), C(t:-3) c6 phuong trinh 1a.
Al x4yt +25x+19y- 49 =0 B. 207 4y - O+ -3 =0
C. - x4 y- | :E}_ D. 4y oy | :U.

, - > .
Lap phuong trinh duong tron di qua hai diém A4(3:0).8(0:2) va ¢6 tam thudc duong thing

d:x+y=0



Cau 21.

Cau 22.

Cau 23.

Cau 24.

| 1 13 ' ' 1" _13
‘1—— +‘1+— = ‘_1'+— +|1+— =

7 B b 2 i 7 2

A, & \ i < B.! ) \ ¥4 <
' L™ I 13 1 1" _13
‘1-; +‘1—; :T "l.‘i‘— +‘1—; :T
c.. = = - D.. = “! -

§\
3

Cho tam giac 4BC biét

thang BC c¢6 phuong trinh * +
ABC9

A (c+1Y +(y+1) =20

5

G { —

1(3:2) 3 lan luot 14 truc tim va trong tdm cua tam giac, duong
.

'} e .,
<y- D. Tim phuong trinh dudng tron ngoai tiép tam giac

B. Ge-2Y +(p+4) =20
C. (- 1) +(f1'+3): =I‘
D. (- 1) +(p-3) 225.

(Néng Céng - Thanh Héa - Lan 1 - 1819) Trong mit phing toa d6 @, cho tam gidc 4BC co

G(- ];3). Goi K.M.N lan luot 1a trung diém cia AH-AB.AC Ty
phuong trinh duong tron ngoai tiép tam giac 458 C bibt duong tron ngoai tiép tam giac KMN 13
(C):x* +1" +4x-4y-17=0

truc tam | trong tAm

(x-1) +(y-5) =100

>

(x+1Y +(y- 5) =100

&

(- 1) +(y +5) =100

0

D. Gc+1) +(p+5) =100

(THPT TRIEU THI TRINH - LAN 1 - 2018) Trong mit phing toa d6 @Y, cho tam giac
ABC ¢4 truc tam 0, Goi M 1a trung diém cua B C; N P lan lugt 1a chan duong cao ké tur B va
1) 25

(T):(.T-I):-%‘: yeo| =2

C. Puong tron di qua ba diém M | N P ¢6 phuong trinh 1a
Phuong trinh dudng tron ngoai tiép tam giac 48C 1a;

A G #(ra2) =25 p * +(-1) =25

2 _1¥ — LAY . 2 _ .
c.* +(y-1) =50 o (e-2) +(p+1) =25
Dang 3.3 Str dung diéu kién tiép xuc

(THPT Céong Hién - Lan 1 - 2018-2019) Trong mit phing toa 46 %%, phuong trinh cia duong

\ oA \ A A \ A L A 2 c+y-2=0 ,,
tron co tam la goc toa do O va tlep xuc v6i duong thang A: - ty-2=04,

AJ. +1-_ B". +1 ='\I"E

{1- 1y +{1- 1y —J_

p. (x- 1 +(y- 1) =2



Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

(Oxy)

(Trwong THPT Chuyén Lam Son 2018-2019) Trong mit phang toa do , cho duong tron

($) 6 tam / ndm trén duong thing ¥ = ¥, ban kinh & =3 va tiép xuc véi cac truc toa do. Lap
phuong trinh cua (S), biét hoanh d6 tam / 1a s dwong.

A [.r—3]:+(_1‘- 3Y 29. B. [.‘r—3]2+[_1*+3]: :9.

C. (x-3Y-(y-3) =9 D. (x+3) +(p+3) =9

Mot dudng tron c6 tam ~ G4 tiép xic voi duong thing A3 #4710 =0 1t pan kinh duong

tron bang bao nhiéu?

5 3
A3 B.>. C.3. D. 5.
. : , 3x+4y- ) =
Trong hé truc toa @ @, cho diém 1D va duong thang (d):3x+4y-2 D. Duong tron tim

I va tiép xtc v6i dudng thang () c6 phuong trinh
4 G 1Y +(y-1) =5 p G- 1Y +(y-1) =25

2 » 1
G- 1Y +(-1) =1 p G- 1) +(y- 1) :g.

C.
(LUONG TAI 2 BAC NINH LAN 1-2018-2019) Trén hé truc toa @ 9, cho duong tron (€)
co tam 1(-3:2) va mot tiép tuyén ctia n c¢6 phuong trinh 1a Jr+dy-9=0 yig phuong trinh cta

duong tron (),

- i 1Y =2 1Y 21 F =2
A (x+3) +(y-2) =2 B. (x-3) +(y+2) =2
L = . - _ ] = A 7 —
C. (x-3) +(p-2) =4 D. (x+3) +(y-2) 4.
Trén miat phing toa do @, cho cac diém 4(:0) v 3(0;4). Puong tron ndi tiép tam giac

OA4B ¢ phuong trinh
NER B ¥ty - 4x+4=0

C x3+_:|,:2 =2 D (.T' I):"‘(J." I): =1

(LAN 01_VINH YEN_VINH PHUC_2019) Cho hai diém A3 ;0), B(0:4)
tam giac OA4B ¢4 phuong trinh la

A xt 4yt =l B x4y - 2= 2y 41 =0

. Duong tron noi tiep

C. X+ - 0x-8y+25=0 p. X+ =2

DANG 4. TUONG GIAO CUA PUONG THANG VA PUONG TRON
Dang 4.1. Phuong trinh tiép tuyén

Puong tron +y - 1=0 tiép xtc voi duong thing nao trong cac duong thang dudi day?
A Ix-4y+5=0 B. x+»y =0

C. Ix+4y-1=0 p. X+y-1=0



Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Duodng tron nao sau day ti€p xuc véi truc Ox:
A x4+ - 10x =0 B Xy -5=0

C X+ }': - 10x-2y+1=0 D Xt + J.': +0x+5y+9=0

Oxy (C):x*+3 - 2x-4p+3 =0

Trong mat phéng v6i hé toa do , cho duong tron . Viét phuong

trinh tiép tuyén ¢ cua dudng tron (©) pidt tiép tuyén d6 song song v&i duong thang
A:3x+4y+1=0

A 3x 44y +52- 11 =0 3x+4y- 52 +11 =0
g, x+4y+35y2-11=0 ’3_1-+4}-- 5V2-11=0
C. 3x+4y+52- 11 :D’ 3x+4y+52+11=0
p. 3r+4y-5J2+11 :U: 3x+4y-52-11=0

X+ - 2x-dy- 4= . - ,
Cho duong tron (C):x" 4y 2x- 4y~ 40 va diém AQ; 5). buong thang nao trong cac duong
thang dudi day 1a tiép tuyén cta dudng tron © tai diém 4.

A V-5=0 B V+5=0 C X*+y-5=0 p. X-y-5=0

(€):x" +y7- 4 =0 A(- 1;2). Puong thiang nao trong cac dudng thing

dudi day di qua 4 va 1a tiép tuyén cua duong tron (C)?
A, 4x-3y+10=0 B, 0x+y+4=0 c. 3x+4y+10=0 j 3x-4y+11=0

Cho duong tron va diém

(l‘:):(.‘t‘- |): +(f1'— 4): =4

Trong mit phang Oxy , cho duong tron . Phuong trinh tiép tuyén véi
duong tron (©) song song v6i duong thang Atdr-3y+2=0,
4x-3y+18=0 4x-3p+18=0
A. . B. :
C. 4x-3y+18 =0:4x- 3y-2 :U_ D. 4x-3y-18=0:4x- 3y +2 :Cl.
, , , - 2, , —
S6 tiep tuyén chung cia 2  duong tron (©):x” +)7- 244y +1 =0 va
(C):x" +y" +6x-8p+20=0 _,
la
A. L B.2. C. 4. D. 3.

(THI HK1 LOP 11 THPT VIET TRI 2018 - 2019) Viét phuong trinh tiép tuyén cta dudng tron
(€):lx=2) +(y+4)y :35, biét tiép tuyén vudng goc voi duong thing d:3x- 4y+5=0
AL dx+3y+29 :CI' B. 4x +3y+29 =0 hodic dx+3y- 21 :CI_

C. 4x-3y+5=0 holic 4x-3y-45=0 D. dx+3y+5=0 hoiic 4dx+3y+3 :U.

(PE KT NANG LUC GV THUAN THANH 1 BAC NINH 2018-2019) Trong mit phing toa d6
Oxy, cho duong tron (C)c() phuong trinh™ * ~ 20+2y-3=0 1y didm A(l;l)ké dugc bao
nhiéu tiép tuyén dén duong tron © ’

A. 1. B. 2. C. v0 s0. D. 0.
Trong mit phang OXy  cho duodng tron (©):G- 1) +(y-4) =4 Phuong trinh tiép tuyén véi

Aidx-3y+2=0

duong tron (C), biét tiép tuyén d6 song song voi dudng thing la

6



A, 4x-3y+18 =0 vy " dx=3y-2=0 B. 4x-3y+18=0 va 3x-3y-2=0
. -4x-3y+18 :Dvé 4x-3y-2=0 D. -4x+3y-18 :Uvé -4x-3y-2=0

-3;-2)

2 P N .
, cho diém (-3; va duong tron

C

(€): G- 3) +(p- 4) =36

Oxy Tu

Cau 41. Trén mat phéng toa do
diém P ké céc tiép tuyén PM va PN t5i duong tron (C), v6i M| N 1a cac tiép diém. Phuong
trinh duong thing MN 1a
A, X+y+1=0 B, ¥~ y-1=0 C. X" y+1=0 p, Xx+y-1=0

Caud42. Trong mat phiang véi hé toa d Oxy . cho diém M (-3:1)

(C)x 4y - 2x-0y+06=0 T,

va duong tron
.Goi 1, T 13 cac tiép diém cua cac tiép tuyén ké tir M dén (C). Tinh

khoang céch tir O dén dudng thing LT

A S, B.\B. C.\/g. D. 2V2

Dang 4.2 Bai toan tuong giao

Oxy (Cl),(Cl)

Cau 43. Trong mat ph'fmg vo1 hé truc toa do , cho hai duong tron c6 phuong trinh lan luot 1a

(r+1)"+(y+2)" =9va (x-2) +(¥- 2)" =4 gpine dinh ndo dudi day 1a sai?
oo tam 152D G ban b & =3
@) ... 1,(22)

cO tam

va bén kinh B2 =2
(c).(c,)
(c).(c,)

A. Duong tron
B. Duong tron
C. Hai duong tron khong c¢6 diém chung.

D. Hai duong tron tiép xdc voi nhau.

Ciu 44. Tim giao diém 2 duong tron (C):xT+y7 - 4=0 4 (G):x7+y" - dx-dy+4 =0.
2:2) . (-2:-2) (0;2) . (0;-2) (2;0) . (-2;0) (2;0) . (0;2).
A. va . B. va . C. va . D. va

(©):(x-1) +3° =4

Oxy , cho hai duong tron va

Cau45. Trong mit phing véi hé truc
(€):(x-4) +(3-3) =lo
thang AB
A, X+y-2=0 B, ¥~y +2.=0 C x+y+2 =0 p. X-y-2=0

(©):(x- 1) +(yp-1) =25

cit nhau tai hai diém phan biét 4 va B . Lap phuong trinh dudng

Ix-4y-19 =0

Céu 46. Cho duodng thing A va duong tron . Biét duong thang

A cat (© tai hai diém phan biét 4 va B, khi d6 d¢ dai doan thang 4B 1a
A. 6. B.3. C. 4. D. 8.

Cc) ... 1@G-1)

Céu 47. Trong mat phing toa do Oxy cho duong tron co tam
thing (d): 3x- 4y +8 =0
AB .
A.AB =8 B. AB =4 c.AB =3. D.AB =6

ban kinh R =5 Biét ring duong

cit duong tron ©) tai hai diém phan biét A.B . Tinh d6 dai doan théng



Cau 48.

Cau 49.

Cau 50.

Cau 51.

Cau 52.

Cau 53.

Cau 54.

Oxy, ¢ho duong tron (© c6 phuong trinh

Trong mat phéng v6i hé truc toa dod

(-2 +(p+2) =4 d:3x+4y+7=0 Goi

va dudng thing 4.8 13 cac giao diém cuia duong

thang d voi duong tron (C) Tinh d6 dai day cung 4B .
A AB =3 B. AB =25, c. 4B =23 D. AB =4,

, , : e L T —
Trong mit phiing véi hé toa 6 O . cho diém D duong tron (€)% +7 - 2x- 4y +3=0

Viét phuong trinh tong quat cua dudng thing d qua 4 va cit dudng tron (© tai hai diém B,
C sao cho BC :2\5.
AL dix+2y-5 ZCI- B. d:x-2y-5 ZD' C. d:x+2y+5 :I:I' D. dix-2y+5 ZCI.

Trong mat phéng vo1 hé truc toa do Oxy , cho hai duong tron (C' ), (Cl) c6 phuong trinh lan luot 1a
(D)7 +(p+2)" =9va(x-2) +(y- 2) =4 g4 phuong trinh duong thang dd g qua gbc toa
d6 va tao v6i duong thang ndi tAm cua hai duong tron mot goc bang 45"
A dix=Ty=0p - d:Tx+y=0 B, d ix+Ty=0 - d:Tx+y=0
c. dix+Ty=0y 5. d:Tx-y=0 p, d:x-Ty=0p = d:Tx-y=0
(KSCL LAN 1 CHUYEN LAM SON - THANH HOA _2018-2019) Trong mit phing toa do
) . , Iyt p- 5= . .
OXy cho diém 1(;2) va duong thang (@):2x+y-5=0. Biét rang c6 hai diém M,, M, thudc
() sao cho M1 =1M; =10, Tdng cac hoanh do ciia M, G Mo gy
7 14
A S B. 5 c. 2 D. 5.
(NGO GIA TU LAN 1_2018-2019) Trong hé toa do 9% cho dudng tron (© c6 phuong trinh:
Ay - Axk 2y - 15 =00y a0, (C), duong thing 9 di qua M (;-3) cit (C)tai 4, B. Bibt tam
gidgc TAB ¢o dién tich 1a 8- Phuong trinh duong thing ¢ 1a: * +by+e =0y bt
A. 8. B. 2. C. 6. p. L.
(KSCL LAN 1 CHUYEN LAM SON - THANH HOA_2018-2019) Trong mit phing 9% cho
tam giac 458 C ¢6 dinh A(5:5) , truc tam HEE 13), duong tron ngoai tiép tam giac c6 phwong trinh
C(a;b)

X 417 =50 pig toa do dinh ,v6i <0 Téng @ +b bang
A. -8, B. 8. C.0. D. -6,

(Néng Céng - Thanh Héa - Lan 1 - 1819) Trong mit phing @, cho ABC n3i tiép duong tron

tam @ 2), diém D 1a chan dudng phan gidc ngoai ciia gbc Bac Puong thang 4D cit duong
(- 2; 2)

tron ngoai tiép AABC tai diém tht hai 1a M (khac A). Biét diém J la tdim duodng tron ngoai

tiép A4CD v phuong trinh duong thing CM 1a: ¥+~ 2 =0 Tim tdng hoanh d¢ cta cic dinh
4. B, C tiia tam giac ABC

2 2 3 s
A 3. B. 5. C. 5. D. 5.



Céu 55. Trong mat phing toa do Oxy , cho hai dudng thing (D):x+3y+8=0 ; {D d} 3x- 4y+10=0 va
diém A(-2:1) . Puong tron c6 tam 7(a:h) thudc dudng thang (D) ,di qua 4 va tiép xtc v6i dudng
thang (B9 .Tinh @ +b.

A -4 B. 4. C. 2. D. -2,

Céiu 56. Trong mit phang véi hé toa do Oxy , cho dudng thing d:3x-4y-1=0 va diém 1(- 2). Goi

(©)

13 duong tron c6 tam I va cit duong thang d tai hai diém A va B sao cho tam giac IAB c6 dién

tich béng 4. Phuong trinh duong tron (©) la
A (x- 1) +(_1.'+2): = B (x- |)3+(_1.+2): —10

(.‘l.'-l):+(_1'+3): =5 (.1'—I):+(_1'+2): :|f_‘l.

C. .D.

DANG 5. CAU HOI MIN-MAX

oyt e Y- dy- 4= \ : .
Céau 57. Cho dudng tron (f'j)' X 4y - 2x-4y-4=0 va diém M(Z,l)_ Day cung cua © di qua diém M
c6 do dai ngan nhat la

A 6. B V7. c. W7 p. 27

A(0:-3), B(41)

Cau 58. Trong mit phing toa do Oxy, cho hai diém va diém M thay d6i thugc duong tron

(€)ix” +(y- 1) =4 Goi Foin 13 gid tri nho nhit ciia bidu thic P =MA+2MB  Khi d6 ta c6

Fuin thue khoang nao dudi day?
A (7,7;8,1).‘ B. (7,3;7,7).. C. (8,3-,8,5)._ D. (8.1:8,3).
(C)x+17- 2x-4y+3=0

Oxy . Tim toa do

Cau 59. Trong mat phrfmg voi hé toa do
sk MO 3,)

A M(2;3).

, cho dudng tron

©)

sao cho T=X+Y dat gia tri 16n nhét.
c. M(z;l)_ D. M(O;3).

nam trén dudng tron
g M (1)

Oxy (C)x + 1 +8x-0y+10 :U. Tinh do

Céu 60. Trong mit phing , cho diém M nam trén dudng tron
dai nho nhét cia OM ?
A3 B. L. C.>. D.2.
©) G-1Y +(p-1) =4

Cau 61. Goi ! la tAm cta dudng tron . SO cac gia tri nguyén ciia ™ dé duong

e =0 - . Q) A ., T
x+y-m=0 o4 quong tron ©) tai hai diém phan biét 4> & sao cho tam gidc I4B c6 dién

thang ,
tich 16n nhat 1a
AL, B. 3. C.2. D. 0.

(C):x’ 4+ - 2x+4y+1=0

Cau 62. Diém nam trén duong tron c6 khoang cach ngan nhét dén duong thing

dix- y+3=0 co toa do M (a;b). Khing dinh nao sau diy diang?
A N2a=-b B.a=-b, c.V2a=b D.a=b



Cau 63.

Cau 64.

Cau 65.

Cau 66.

Caul.

Cau 2.

Cau 3.

Cho tam gidc 4BC ¢6 trung diém cua BC 1a M(3;2)

2262
Gl —i—|. -2
BHELC

, trong tAm va tAm dudng tron ngoai tiép tam

giac lan luot 1a . Tim toa d6 dinh €, biét C ¢6 hoanh d¢ 1én hon 2.

A €O g CG:D c C2) p. €G:-2)
(THPT Yén My Hung Yén lin 1 - 2019) Trong mit phiang toa do Oxy’ cho dudng tron
. i S M L ) . , <
(C):ia™+ 57 - 2x- 4y~ 2520 va diém M(2:1) . Day cung cua ©) diqua M c6 do dai ngan nhat
la:
A2V B. 162 C.8v2, p. W7,
(Truong THPT Chuyén Lam Son_2018-2019) Cho cac s thyc a,b.c.d thay d6i, luén thoa méin
= i -2 C = ‘ ) = - r 3 - i
(a- 17+ (G- 27 =1, 4o 3d- 2320 G rf nho nhit cta biéu thae © =@~ ) - d) .
A, ~min =28 . B. Pmin =3 . C. })min :4 D. JF::nin =16 .
, A= 1Y +(v-2) = ,
Trong mat phang toa do Oxy. cho dudng tron (©): G- 1) +(y-2) =4 va cac duong thang

d mx+y-m-1=0, d,:x-my+m-1=0

di:d; o0 (C) i 2 diém phan biét sao cho 4 diém dé Iap thanh 1 ti gide c6 dién tich 16n nhit, Khi do
tong cua tat ca cac gia tri tham so m la:
A. 0. B. 1. C.3. D.2.

" Tim céc gid tri ciia tham s6 m dé moi duong thang

PHAN B. LOI GIAI THAM KHAO

DANG 1. NHAN DANG PHUONG TRINH DPUONG TRON
Chon D

x4y - 20m+2)x+4my +19m- 6 =0 (1)
Ta co

=g=m+2:b=-2mic =19m- 0.
M i ; S a +b-c>0
Phuong trinh la phuong trinh dudng tron
= Sm’ - 15m+10>0 = m<1 po5 m>2
Chon B
9 1 2 4 2 J
De¢ 1a phuong trinh duong tron thi diéu kién can 1a hé so cia * fvaY phai bang nhau nén loai
duoc dap an A va D.
4y - 2x-8y+20=0e (x-1) +(p- 4Y +3 =0 v

Ta co: oly.
232 A 17 = 7Y . T
Taco: ™ ** 4x+0y-12=0 (x-2) +(y+3) =25 la phuong trinh duong tron tam
1273) i inh R =5
Chon D

2 R JEEEL ¥ . y — CN R .
X" +y - 2ax- 2by+c =0 3y phuong trinh ctia mét duong tron khi va chi khi

Biét rang
a+b-c>0

. . 2 .
Ta thay phuong trinh trong phuong 4n 4 va B ¢6 hé so cua X’ , 7V khong bang nhau nén day
khong phai 1a phuong trinh dudng tron.

10



Cau7.

Cau 8.
Cau 9.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

V6i phuong 4n € ¢ a’+b’-c=1416-18<0 gy day khong phai 1a phuong trinh duong tron.

Vay ta chon dép 4n D.

Chon D

Phuong an A: ¢6 tich ™ nén khong phai 1a phuong trinh duong tron.

Phuong 4n B: ¢ hé s6 bac hai khong bang nhau nén khong phai la phuong trinh dudng tron.

2 .: _ B A, - — - . 2 ) 2 —
Phuong an C: ta c6 +17- 14x+2y+2018=0U (x- 7) +(v+1) +1968=0
%>V nén ciing khong phai phuong trinh dudng tron.
Con lai, chon D.

Chon B

2 2 ) . - , _ _
4y = 2mx=4lm=2)y+0- m=0(1) b om0 trinh cita duong tron khi va chi Khi

. - . m =<1
(m) + [E(m— 2)] -(6-m)>0= 5m - 15m+10>0 =
=2

DANG 2. TIM TOA PO TAM, BAN KiNH PUONG TRON
Chon A

LAY . ? _nsg
Ta c6 phuong trinh duong tron la: (r+2) +(y+3) =25 .

Vay tam duong tron la: 1(-2- 3).
Chon B
2 4o 10y- 24 = : R=0° +5 - (-24) =7
Puong tron * T 10y-24 =0 ¢4 tam I(O’S),bénkinh J ’ (-24) .
Chgn A
Chon B
. R:.,“:+—2-'-|:E
() co6 tam 7(1; 2),bé1nkinh -2y .
Chon B
Puong tron ) cotam 7 %73 va ban kinh R =3,
Chgon D
Theo bai ra ta c¢6 toa d0 tam 1(=2:5) y3 ban kinh R =3
Chon D
- R=yI'+(-2)- (-3) =f8 =22
tam L0 D) e i JE+G2Y - (3) =8 V2

DANG 3. VIET PHUONG TRINH DPUONG TRON
Dang 3.1 Khi biét tim va ban kinh
Chon A

1(1;2) (x- 1) +(y-2) =5°

Phuong trinh dudng tron ¢6 tam va ban kinh R =3 1a
e x - 2x+l+y -4y +4 =25 = x4y - 2x-4y- 20=0
Chon C

Puong  tron  tdm I(-1, 2), ban  kinh R =3 c6  phuong  trinh

Gr+1) (- 2 =9 7+ +2x- 4y- 4=0
Chon D

1(-1;2) G+ 4 (- 2) =9

Phuong trinh dudng tron tdm va ban kinh & =3 Ja:

11

khéng ton tai
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Dang 3.2 Khi biét cac diém di qua
Cau16. ChonB

Goi [OE ppp —ppr = (- x) +1 =(5-x) +3 o 2 204141 =27 - 10x+2549

: R=14=J(1- 4 +1* =10
© x =4 vay tam dudng tron la 1(4,0) va ban kinh (-4) "'r_.

Phuong trinh duong tron (©) c6 dang (x-4) + ' =1 [}‘

Caul7. ChonC

, C ot et e Yy 4 TRy =
Gia sir phuong trinh duong tron di qua 3 diem 4.8.C ¢ dang (€):x™ +)7 +2ax+2by+c =0
Thay toa do 3 diém A(0;4), 8(2;4), €(2:0) ta duoc:
8h+c=-16 a=-1
da+8h+c=-20e b=-2= (C):x’ +y" - 2x- 4y =0
da+c=-4 c =0

Vay © 6 tam 752D s pan kinh R =5

Cau 18. Chgn A

Goi 1(x; ) 1a tam dudng tron ngoai tiép tam giac ABC
(4r =B |(x-1)Y +(+1) =(x-3) +(1—"f} dx+6y =11 "'Z%
AP =cr? ’(14) +(p#1) =(x- 5) +(1+5) (Bx-8y=48 | _ 13
Ta co: i 1o

Cau19. ChonC

Phuong trinh duong tron cé dang x4yt - Jax- 2by+e =0 . Puong tron nay qua 4,B.C hen
(144- 2a- 4b+c =0 “:3|
25+4-10a- 4b+c =0« b =- 5
1+9-2a+06b+c =0 L
. c=-1
Vay phuong trinh duong tron cAn tim 1a * *2 ~ Ox+y-1=0
Cau 20. Chgn A
AB:0) B(0;2) d:x+y=0
Goi I 1a tam duong tron vay (i) i red
1 [[' 11 J
I - S Y = X =— —i- —
IAE :]BE — (3_ ‘l) +'|. =X +(2 +1)- — 'tl.‘l-+g :41-4.4 2,Vé,y 2 2 .
=4 o (4] 5
' == = la ban kinh dudng tron.
‘ 13
X=-— +‘f1'+—‘ =—
2] | 2 2

Phuong trinh dudng tron can 1ap 1a:
Cau2l. ChonD

12



x -3:3'5-3‘
213 )
M 5000 3(8 X, =
— 1 - =" _-2 =
= HI=2HG |- 2233 {y! =3

(Do d6 ta c6 thé chon dap an D luén ma khong can tinh ban kinh).
*) Goi M 1 trung diém caa BC = IM LBC = IM:2x- y+1=0

(2x- y=-1 x =0

= =

M=IMnBc |x+Iy=1 y=1= Mm(0;1)
X, :B_E
- ’ 3

; . v =5

L Loy ,]'I_; = | :3‘ §_ | ‘ = { A _

Lal Cé: Jl"’.‘lfA :31'1’.1—6 | 3 | J;A _6 '

Suy ra: ban kinh dudng tron ngoai tiép tam giac 4BC 13 R =14 =5

, 1Y - 3) =2
Viy phuong trinh dudng tron ngoai tiép tam giac 48C 1a G- 1) +(p-3) =25 .

Cau22. Chgn A

A

Goi £ 1a trung diém B C, J latam dudng tron ngoai tiép AABC
MK || BH KN ||CH

ME || AC NE || AB

Taco \BALAC = yx | M (1), CH L AB = KN LNE(2)

T ®,2)

= KMEN 13 ttr giac noi tiép duong tron dudng kinh KE

13



Cau 24.

Cau 25.

Duong tron (C):x+)" +dx-4y-17=0 co tam 1(-2:2) ban kinh 7 =3 =1 3 trung diém

KE

KHEJ 13 hinh binh hanh = ! 1a trung diém JH

O O O O o ° o
3 .-_‘|,'J+2 :3(-[4.2) X, -
—_
Ta co: M =3IG v,-2=33-2) y, =5 = J(I;S).

Bén kinh duong tron ngoai tiép AABC 13 & =J4 =2IK =1r =10
5) =100

Phuong trinh dudng tron ngoai tiép AABC 13- (x-1) +(y-
A

B M C
Cau 23.
Taco M 1atrung diém cia BC; N | P lan luot 1a chan dudong cao ké tir B va €. Puodng tron di qua
badiém M | N | P 1a duong tron Euler. Do d6 dudng tron ngoai tiép tam gidc 4BC chinh 13 anh
ctia dwong tron Euler qua phép vi tw tim 14 Oty s§ kK =2
Goi I va I’ 1an luot 1a thm duong tron ngoai tiép tam giac MNP va tam giac ABC
Goi R va R’ 14n luot 1a ban kinh duong tron ngoai tiép tam gidc MNP va tam giac 4BC .

1

I1;- —

Taco

oI’ =20 (2: -
va do dé or =201=1Q; I).
q
R==—= R =5
Mt khac 2

- 2Y #(y+1) =25
Véy phuong trinh duong tron ngoai tiép tam giac ABC 13 (=20 + (1) =28 .
Nhan xét: D& bai nay rat kho d6i véi hoc sinh néu khong biét ¢én dudng tron Euler.

Dang 3.3 Str dung diéu kién tiép xtic
Chgn A

\ ), .. S Y STy e o
Duong tron ( )co tam O, ban kinh R tiép xac voi A nén co:

R :a’(G:&.):H: 2
=7 2

Phuong trinh dudng tron (C): x“+y =2

Chon B

14



Cau 26.

Cau 27.

Cau 28.

Cau 29.

Cau 30.

==X = .f[a:a:- aj

Do tam / nim trén dudng thing - , didu kién @ >0

Duong tron (5 ¢6 ban kinh & =3 va tiép xuc voi cac truc toa do nén:
d(10x)=d (I;0v) =3 = |4.1| =3= a=3n)" a=-30)= 1(3-3)
Viy phuong trinh (5):(x-3) +(y+3) :9.
Chgn C
1(3:4) e xite véi dudng thing &35 +4v =10 =0
s o 1(34)
chinh la khoang céch tir tam té1 duong thang
_P3+44-10) 15 _;

Duong tron tdm nén ban kinh duong tron

Adx+4y-10 20.

R=d(ra)="0 12
Ta co: V3 4 3
Chon C

) . (d) R:d(f(f):w =I

Duong tron tam / va tiép xuc v4i dudng thang co ban kinh VI 44
Vay dudng tron c6 phuong trinh 1a: G- 1) +(-1) =1 ,
Chon D
Vidu(‘m‘(c),Af(ﬁ;?)‘A.; PR A .

g tron c6 tam va mot tiép tuyén cua n6 1a duong thang A c6 phuong trinh

|3.|{— 3)+4.2- '?J|
R =d(I,A) = 1=

1a 3 *4 = 9=0 pap ban kinh cia duong tron 1a V3 44

r ] 22Y =
Vay phuong trinh dudng tron 1a: (x+3) +(y-2) =4

Chon D

0 1 2 3

4(3:0) va B(0:4) nam trong goc phan tu thir nhit nén tam giac 0AB cling nim trong

I(a,b) thi @>0.b>0

Vi cac diém
goc phan tu thir nhat. Do vdy goi tAm dudng tron ndi tiép 1a

Theo d& ra ta ¢6: d(f.f{h'):d(f;t}_r):d(f.ifiﬂ).

x y
— 4+ :]_
Phuong trinh theo doan chin ctua AB la: 3 4 hay 4.1'}+ 3y-12=0
|ﬂ| :|h| |ﬂ| :|,ﬁ| a=h=10
Ta-12=5a = {|a=06()

|4ﬂ +3p - |3| :5|ﬂ|

A , Ta-12=-5a a =|
Do vay ta co: '

(x-1) +(y- 1y =I.

Vay phuong trinh dudng tron can tim la:
Chon B

15



Cau 31.

Cau 32.

Cau 33.

= = =5
Ta c6 4 =3, OB =4, AR =5.

Goi I(x;31) 1a tim duong tron noi tiép tam giac OAB.

Tir hé thire 4810+ OB.14+OAIE =0 (Cpyno minh) ta duoc
'1_ _AB.x, +OBx +0Ax, _ 43 _
’ |I - - q -
AB+ OB+ 04 S+4+3 = I(1:1)
; _AB.v,+0OB.y +04Ay, 34 - '
AB + OB + 04 5+4+3

Mat khéc tam giac OAB vuong tai O v6i 7 14 ban kinh dudng tron noi tiép tam giac thi
1

s ,0408 4y _
T, TOA+OB+AB 3+4+5
3

2 (5-P 1an lugt 14 dién tich va nira chu vi tam giac).

Vay phuong trinh dudng tron ndi tiép tam giac 4B 1a (x= 1) +(y-1) =

x+y - 2x-2y+1=0.

hay

DANG 4. TUONG GIAO CUA DPUONG THANG VA BPUONG TRON
Dang 4.1. Phuong trinh tiép tuyén
Chon A

K4yt a1=0 0 000:0),R =1

co ta .
Piéu kién dé dwong thang tiép xiic véi dwong tron la khodng cdch tir tam t6i dwong thang bang
ban kinh.

Xét dap an A:

A3x-4y+5=0= d(o,a):w =1=R= A

V3 44 tiép xtic véi dudng tron,
Chon D
Dudng tron (C)tiép xuc voi truc Ox khi d(1,0x) =R véi I va R 1an luot 13 tm va ban kinh
cua duong tron (C)
* Puong tron: & *¥1 10w =0 (=57 +y7 =25 o0 TG0) k=S
d(LOx) :0. Suy ra: d(1,0x)#R . Vay (© khéng tiép xuc véi truc Ox.

= khong phai 1a phuong trinh duong tron.

s Xét phuong trinh dwong tron: * YT > =06 1(0:0) va R :\/g, d(LOx) :0.

. :f(J,DxJ?eR_ . (0)

Suy r Vay khéng tiép xuc véi truc Ox.

& Xét phuong trinh duwong tron: © T T 10x-2y+1=04 1G:1) vaR :5,d(l.0x):1.

. cf(},DxJ#ﬁ'. . (O

B3| Ln

Suy r Vay khong tiép xtic véi truc Ox.
) s 5
EINE _ f{-S;-— R== d(10x)=
® X¢ét phuong trinh duong tron: +y +0x+5y+9=0 co 2) va 2
Suy ra: d(1,0x)=R . Vay (C)tiép xuc voi truc Ox
Chon B
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Cau 34.

Cau 35.

Cau 36.

Cau 37.

(€):x+y - 2x-4y+3=0e (x- 1) +(y-2) =2.

71 =(1:2)

Do dé dudng tron cb tim va bén kinh R =2

Do 4 song song v6i dudng thing A nén ¢ c6 phuong trinh 13 x+4y+k :U, (k ;ﬁl).

11+ K] l+k=5v2  [k=5J2-11
i) =k o L 5 o k| =sfT o
' r‘ 2

—
3 +4 I+k=-52  |k=-5J2-11
3x+4y+542-11=0 3x+4y-542-11=0

Ta co

Vay c6 hai phuong trinh tiép tuyén can tim la

Chon A B
@ . 112)= 14=(0;3)
Duong tron coO tam .

Goi 9 1a tiép tuyén ctia (C)u tai diém 4, khi d6 9 di qua 4 va nhan vecto 14 1a mot VTPT.

Chon mot VTPT cia @ 13 ™ :(031).

Vay phuong trinh duong thing 9 1a V'~ > =0,

Chon A
Puong tron © c6 tam 1a gbc toa do 0(0:0) va co ban kinh R =2,

> -1:2) : = 2)= 2 2
Hodué’ngthéng A qua A( I-_a-)-ﬂ(.".‘f‘l)"‘h(_l ._.) D,Vé’i a +h -'f—'D

|n- 2h
I el R | )

‘ , | = 3 1 - - “h :4 2 h:
bicu kién tiép xuc d(O;A) =R hay Jat+b e (a ¥ (a + )

- i :[:}
= Jg” +4abh =0 =
3a =-4b
A:y-2=0

Vé6i @ =0 chon & =1 taco ™ - .

5 Az :4(x+1)- 3(y- 2) =0 4x- 3y+10=0
A(-1;2)
ta loai C.va D. Tinh khoang cach tir tim cua dudng tron dén duong thang thi chi c6 phuong an

A. thoa.
Chon C

Véi 3a :'45, chon @ =4 va b=-3 tac

Nhin xét: Thyc ra bai nay khi thay toa d6 diém vao cac dudng thang & cic phuong an thi

(©):CGe- 1Y +(y-a)Y =4 , . 1(1:4)
C m

Dudng tron 6 ta vabankinh R =2,

Goi 4 1a tiép tuyén cta
didx- 3y +m=00m=2)

[4.1- 34 +m| _
47 +(-3)
m =18

m ==

Vi d//A nen duong thing
= d(1:(d)=R =
d 1a tiép tuyén cua

ﬁ|m—8|=|0ﬁ[ 5
“ (thoa mén diéu kién)
, p N A= , — (A= N
Vay c6 2 tiép tuyen can tim : dx-3y+18=04x-3y-2=0 .
Chon C

. .2 o YA — =
(C):x +3 2x+4y+]1 =0 6 tAm I(la 2) ban kinh R =2

1y, 2 2 . e M — -3 "
(CD):x" +y" +6x- 8y +20 =0 cétémf( 3;4) ban kinh R _\/§_

Duong tron
Duong tron
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Cau 38.

Cau 39.

Cau 40.

Cau 41.

m =213

Vay "> R+R' nén 2 dudng tron khong cé diém chung suy ra 2 duong tron c6 4 tiép tuyén
chung.

Chon B

Duong tron (€)= 2P +(y+4) =25 6 tam 1(2;_4), ban kinh K =3
d:3x- 4y+5=0

Puong thing A vudng goc voi duong thiang
4x+3y+c =0

c6 phuong trinh dang:

[4243.(-4) +¢| __

A 1a tidp tuyén cia duong tron (©) khi va chi khi: A =R e 4743
c-4=25 [c=29

T —r
c-4=-25

-=|c-—4|:25-= N
c=-2

, , \ A - C 0 —
. Vay co hai tiép tuyén can tim la: 4x +3y+29 =0 va
4x+3y- 21 =0

Chon D

© c6 tdm 1Q:- l)bén kinh R:\f|:+ (-17- (-3) =5

(C)‘

Vi 14 =2 < Rpén A nam bén trong (C).Vi vay khong ké duoc tiép tuyén nao toi duong tron
Chon B

Puong tron (C G+ G-y =4 L T4 i kinh R =2
Goi 4 1a tiép tuyén cta (C).
didx- 3y+m=00m =2)

Vi d//A nén duong thing
o d(n@)=r = H34m]

(©) 47 +(-3)

m =18

m ==

d 1a tiép tuyén cta

ﬂ|m-5|:|[:}ﬁ[ 5
“(théa man diéu kién)

P , \ A= , — A N,
Veflycc')2tiéptuyéncéntim:_h 3y +18 =0:4x- 3) .,—D.

Chon D

j\ N

-2 N

. Ca \ \ , . 1(3:4
Goi / 1a tam cua dudng tron, ta c6 toa do tAm ( )
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Theo d& ra ta co tir giac IMPN 13 hinh vuong, nén duong thing MN nhan 1P =(-6;-6) lam

(%))

VTPT, ddng thoi duong thing MN di qua trung diém K ciia /P . Vay phuong trinh dudng

thing MN: 1.(x-0)+1.(y-1)=0 hay ¥*+¥-1=0.
Cau42. ChonC
.2 2 M A _ _1¥ S S
+(C)..1 +37=2x-0y+6 =0 (x-1) +(y-3) _4suyra(C)cétémI(l;3)ve‘1R=2

M(-3:1) AGc+3)+B(y- |):0'

+ Phuong trinh duong thang d g qua c6 phuong trinh:

d 1 tiép tuyén véi duomg tron khi va chi khi ¢ (1:d)=R

|4 +3B+34- B| A =0

=2 < 34" +448 =0<
34 =-48

@):y=1
7, (1;1)

= ta ¢6 phuong trinh: VA + B

+Véi 4=0 chon B =1, phuong trinh tiép tuyén thir nhét 1a

A = X e 2x- ] = / ,
Thé ¥ =1 vao (C):ix" 47 - 2x- 0y +0 D,taduqctiépdiémlél
— AR =1 , , . - 15 =

+V6i 34 =-4B chon 4=-48 —~, phuong trinh ti€p tuyén thir hai 1a (d,):-dx+3y-15=0

C oAl s ) . R
r[xes|le@  Goe| Easoaf g logf 22
Tiép diém 3 nén 3 - 5 | 55
s M x- - 1)= 2r+yp-3=
+ Phuong trinh duong thang N7:2(x- D+1(y-1)=0 = 2x+y- 3 U.
-3
+ Khoang cach tir O dén duong thing I 1y 27 +1° “E
Dang 4.2 Bai toan tuong giao
Cau43. ChonD
Ta thay duong tron (Cl)cé tam 1(-1-2) va ban kinh R =3 . Puong tron (C2) co tam L (2:2)
s RO=2
va ban kinh "2 .

Khi dé: 5=R +R, =I]1, :Jf_2+|}' +(2+42) =5=(C) va (c,)
Caud44. ChonD
Giao diém 2 dudng tron 1a nghiém cua hé phwong trinh sau:
’ Xty -4=0 , ,

) ) c::
Ty - dx- 4y +4 =0

tiép xuc nhau.

x+y =4 x4y =4

p=]

4x +4y =8

x4y =2

.]'I =

{T: +y° =4 ((2- ) +)* =4 {EJ': - 4y =0 { x
— — - - — —
iy

x=2-y {
x

,.
al
(]

X

—

¥ x=2-y

1
=N

Vay giao diém 2 duong tron la: (Z;O)Vé (0:2).

Cau45. Chon A




Cau 46.

Cau 47.

(- 1) +y' =4
(x-4Y +(y-3) =16

X “‘,1':
Cach 1: Xéthé ' '

y=2-x

[ —] L —]
F4(2- x)-2x-3=0

BJ_I+J_

‘3+J_ |-J“

Suy ra

© o6 1 o(1; 0) (C) 0'(43) = oa'

Nén duong thing 4B qua 4 va nhan n(1;1)

_3+J’F'+I 1- J7 |
2 2

0 tam

Phuong trinh:

(C):(x-1) +)° =4

Cach 2: Gia su hai duong tron

X+

va (€):(x-4) +(y-3) =16

F e 2x-3=0
-8x-0y+9=0

_3+ﬁ .
— 2 _._-1
347

i

177

-

I+ﬁ

2

=(3:3)

1a vécto phép tuyén.

=0 x+y-2=0

.Chon 4.

cit nhau tai

hai diém phan biét A va B khi d6 toa do cia 4 va thoa man hé phuong trinh:

[ X +y° - 2x-3=0
-8x-0y+9=0

bx+0y-12=0<= x+y-

(x-1) +° =4
(- 4) +(p-3) =106

X+

Liy O trr @) ta duoc:
diém A va B

Chon A
A3x-4y-19=0=y :31—_ E(”
Tir 4 4
Thé ® va (C) taduoc
23
(1-|T+‘—1-_ —25
4
.:I
25 , 85 145 !
=y - —x+—=0 29
16 8 16 x =<2
T R A0:-4).
2 2 (2 2
X, :£=r}'H =-_= B £ -2
+) 3 5 5 5
29 2]
AB = ——I‘ +‘—;+4‘ =6
Do dai doan thang L5 2 )

Chgn A

20
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Cau 48.

Cau 49.

Cau 50.

Goi H 1a trung diém cta doan thing AB . Taco /H LAB va
3.1 4.¢ D +§| .

J3+G4)y

IH =d(I:AB) =

Chon C
Puong tron © 6am 7@ an kinh & =2,
[3.2+4.(-2)+7|
d(r,d)= - = =l<R=2 (C)
'J3' +47 nén 4 cht tai hai di€ém phan biét.

(C)_

Goi A, B 13 cac giao diém ctia dudng thang d ysi duong tron

AB =2fR* - d° (1.d) =23

Chgn A
Puong tron 6 tam L 2 va ban kinh & =V +27-3 =42

Theo gia thiét dudng thang d g qua 4 va cat dudng tron (© tai hai diém B, C sao cho
BC =24/2

Vi BC =242 =2R pgp BC 13 duong kinh cua duong tron (C)suy ra duong thang d di qua tam
1(1;2)

Ll

U, :}:4 =(2:-1)= ;r_J =(1;2)

2 . v =(1:2 2
Vay duong thang d g qua AG1) va c6 VTPT (1:2) nén phuong trinh tong quat cua
1Ge-3)+2(y-1)=0 < x+2y-5=0

Ta chon:

duong thing @ la:
Chon A

Toa d6 tam Y cua dudng tron (Cl )1;31: 1, (- - 2).
Toa d6 tam b cia duong tron @ )lé: LG 2).

. 11, (3:4)

Ta cod . Got d.d 13 lwot 1a duong thang ndi tim cua hai duong tron di cho va dudng
[H) uu

thang cn 1ap. Chon mét vecto phap tuyén ciia duong thing 9 la: n, (4 3). Goi ' (a:b) ,

a”+b" #013 mot vecto phap tuyén ctia duong thing @

21



Cau 51.

Cau 52.

3 0 my 2 da- 3b 3
i1 Lol )L et
Theo dé = = "!]I‘?’- +4'- .'l!ﬂ- +'IFJ'- = .
a=7h=0
< Ta - 48ab- 7 =0 = 1
a=-—h=0
7
|
a =- —h #0 N ad Tv =0
Véi 7 ,chon # ==7= a =l Phyong trinh dwong thang ¢ * ¥~ 'V =Y,

Vi @ =7b #0_chon b =1= @ =7  phuong trinh duong thang ¢ 7%+ =0,

Chon B
(1ar =iv, =+f10 ﬂ ﬂ
| ' J_ﬂ M M, e(C):(x-1) +(p-2) =10,
1(1;2)
Y . —
Mt khac, MM thuge (@):2x+y- 5=0 nén ta co toado M1, Mo 13 nghiém cta hé
f(.‘r- 1Y +(y-2) =10 (1)
2x+y-5=0 (2)
x =0
5x°- 14y =0 = 14.
2 1 ==2 r=—
(e y ==2x+35, thay vao (D) ta co 5
X, X, 1A M M,= x +x, :[}+E:E_
Goi ~" 7? lan luot la hoanh d6 cua ! va 5 5
Chon B

©) 6 am 7@ D g kinn R =245.

|
Sy =—h.AB =8 = h.AB =16.

Dit h=d(l, .43)_ Ta

R =h*+22 =20

Mat khac:
(h=4 [h=2
S ] {AB =4" | AB =8
uyra: | -
vid diqua ™G3 en 1-3b4+c=0= 3b-c=1= c=3h- 1
. - - %3
b gl b+:_~|:|u h+3.l':: I|:|I+“hJ L bed
Véi J1+b° N R (P

22



. :2:|2- bc| :|2- b+3b- | :|I+Eb| R I S

Vi J+0 i+r e 4
Caus53. ChonD

A

E
Goi K 14 chan duong cao ha tir 4 cta tam giac 4BC | goi E 1a diém dbi xtng v6i H qua K suy

ra £ thudc dudng tron ngoai tiép tam giac 4B C (Tinh chat nay da hoc ¢ cap 2).

[NIN]E) [NINTE)

Taco AH =(- 6;8’\', chon 4% :(3;'4),

{x =5+3t
Phuong trinh dudng thing 4H qua 4 & dang tham sé '~ =5- 4
K € AH suy ra toa d6 diém K c6 dang K(5+36:5- 4)

H va E d6i xtmg nhau qua K suy ratoa dd £ theo ! 1a E(11+06r;-3- 8)
Ec(C) = (1+6a) +(-3-8) =50

= 5t°+9r+4 =0
t =-1
= -4
t =—
5
s vt =1, EG) (oqivi £ =)
- 31 17
t= 4 E[—;— K[E:ﬂw
5 Vi 5 ’ 5 5 J 5 5]
Phuong trinh dudng thang BC g Mac =M :(4;3)Vé qua diém K ¢ phuong trinh tham sé
(13
x=—+4¢ _ :
5 13 41
, =cesc= C‘ _+4-:.;_+3;‘
=iy 5 5 .
5

23



celc) = E+4£| +‘ﬂ+3£‘ =50
|5 | I .
= 2565 + 70+ 24 =0

t=-Z=c@:7)= (kT™)

| ba

=12
=212 c(-7:1)
5

. Cla:b)=c(-7:1)= a+b=-6
Vay )
Cau54. Chon A

N
-

Ta co:

()
Ty V- @) suy ra BAC =BCM s Bov =Bpa+Une, Bac =Hear + Yuce

Bav =Rur =Bac (do 4D 1a dudng phan giac ngoai 4 )
tur do suy ra
€p4 =Hcm ,do doMC 13 tiép tuyén cua dudng tron ngoai tiép tam gidc ACD ¢4 tam Y nén
JC LMC Hay C 1a hinh chiéu cta 7 1én duong théng M

Puong thang qua J va vudng goc voi CM ¢4 phuong trinh:

(x+2)-(y-2)=0= x- py+4=0

X+ vy :2 f.‘l.':-l
: = = Cc(-1;3)
4 {1 =3 '

e =-

Toa do diém € 1a nghiém cua h¢:

}}(- 4:0)

nén c6 phuong trinh: X +1=0.
a =l

AC 13 duong thing qua Cva vuong goc voi

4 =IC" = 9+(a-2) =9+1 =
. A AR 4 o A(‘ 1; ﬂ‘) . a =3
Do d6 toa do diém 4 c6 dang . Taco .

Vi 4 #C nén AG1; 1).

MGm: 2-m)

Toa do diém M ¢o dang .Tacéd

. . a . m=-1
IM=ICP e (m-2) +m* =10 m*-2m-3=0= 3
m=

Vi M #C nén Mr(_?); - 1).

U’L}j' (-1:3)

BC 13 duong thang qua Cva vudng goc vai nén c¢6 phuong trinh:

- (x+1)+3(y-3)=0= x-3p+10 =0

24



Cau 55.

Cau 56.

Cau 57.

h =3
B =1c" = (3b- 12 +(b- 2Y =10 = , 23
Toa d6 diém B ¢o dang BGb-10; b). Ta cod 5,
7
B E_'ﬁ
Vi B #C nén

5 3

19 9
, 1,B,Cp TS TS
Vay tong hoanh do cua cac dinh > 2>~ 1a 5

Chon D

Vil (D) epa+36+8=00 a=-§- 3

ﬂr“;qufrf f J{-E- ﬂ}3+{|- ll';}: {”

Vi duong tron di qua 4 va tiép xtic voi dudng thing (DCD nén: 4
g Ba- 4b+10] _ ‘\
A

AV
Thay @ =- 8- 3b vao (1) ta co:

|3{- 8- 3b)- 4b+lt}|_
< =

U | 14- 135 =54105 +34b +37

U (- 14- 13p) =25(105° +34b+37)

U 815* +486b+729=00 b=- 3

véib=-3Ua=1,

atbh=-2

Chon A

A

Jb 2+8435) +(1- b)

Ta co:
IH =d(1:d) =2

1 25, 2.
S, s =——IH.AB= AR =—"218 = =4 = AH =2

ALAS -

2 IH
= R=IA=NAH >+ H* =22 +2* =22
= (): G- 1) +(y+2) =8

DANG 5. CAU HOI MIN-MAX
Chon D

25



Cau 58.

Cau 59.

-2 0 2 4

A

(C): - 2x-4y-4=0e (C):(x- 1) +(y-2) =9 1(:2). R =3

Ta co
vi IM =2 <3=R

nén co tam

Goi d 1a duong thing di qua M cét dudng tron (© tai cac diém 4, B.Goi 7 1a trung diém cua
AB  Ta cé:

Ta co: AB =24J =R - 177 22R* - Im* =202 =27

Chon. D.

NJ

-

A

Puong tron () (=17 =206 tam 10D g kinh R =2
IA =IB =4> R ngn 4B nim ngoai dudng tron.

Goi N 1a giao diém cua IA va dudng tron (©
| 0 0o
) , IP=—IN= [FP=—Jd= P .
Trén doan IN 14y diém P sao cho 2 4 trung voi goc toa do.
MA IM IN

MAM ~AIMP= — =—— =—— =2 = M4 =2MF
Ta cd MP P IP )
Dodg F =MA+2MB =2MP +2MB 22PB= F, =2FB =W17= F_ €(818.3)
Chon. D.

Chon A
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O O
L

(C):¢ +y - 2x- 4y+3=0 ©) 4 iam .'(1-2)) R=v2
(©):(x- 1Y +(y-2)"- 2=0

Suy ra .

co T=%*Y =(x,- 1)+(y, - 2)4‘3‘

L (@D).((x, - D;(y,- 2)).

Ap dung bét ding thizc B. C. S cho 2 bo sb
2
06 - D+, - 2)|£J2[(Xo- D) +(y,- 2 2 o Co- U+ 27 =2
= -2=(x -D+(y,- 2) =2= 1=(x - 1)+(y,- 2)+3<5= 1=<T =<5
(- 1) =(y,- 2)
(x-1) +(y,-2) =2

Dau dang thuc xay ra khi | .
x,-1=1 X, =2,¥,=3T =5
= =
=(x,-10 =1 |x-1=-1 |x =0y, =1T=1

vay MaxT =5 yp; % =2¥ =3,
Cau 60. ChonD

(©) 1(-4:3)

Duong tron c6 tAm , ban kinh R =3
B {x =-4
Ta co Or =(-4:3) suy ra phuong trinh duong thing O 1a y=3
[yl .
OIn(@=1M] 102 45 %57 oia M 13 nghiem he
8 2
i i E :_ E :_
¥4y 48x- 6y +16 =0 [25¢% - 506 +16 =0 53? 55
xr=-% = {x =4 e ly=—" Iy =_
3 3 5 5
|y =3t |y =3t 2 6
= y =—
5 5
Cam aa
.-w,‘ - 3_“.:§ M ‘ %;E|
Suy ra 55 53
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Cau 61.

Cau 62.

(327 (24 2
OM, = ‘ - | | — :S,D.-H: = ‘ =2 = OM_ . =O0M, =7
Ta co R )
Cach 2
Pudng tron (©) c6 tAm I(_4;3),ba’m kinh & =v4 +37-10 =3

Phuong trinh dudng thang O/ di qua 0(0:0) cé vtpt n(3:4) la:

3Ix+4y :0.
Toa do M =o1n(c) la nghiém cuia h¢:
' 32 8
x=- 5 x=- 5
?3.1'+4J1' =0 = 24

(x* 4y +8x- 6y +16=0 =

(32)° (247
oM, :J = +‘ = oM,
Ta co VLS =8,

Chon C

oM . =2

% min

‘ dix+y-m=0
A B

Goi: @ x+y=m =0 o0 (O TED e dn(C) g st ini dos
2-

0=d(I:d)<2+ r:rg—’”|e.:3<—»3- 22 <m<2+202(%)

V2

I . 2 2
S,z =——JAUB.sIn AIB =—.R".5In AIB =—.R~

A

Xét AIAB co: 2
Déu “=" xay ra khi: SINAIB =1 = AIB=90"= AB =22

b | =
b | =

2- m| m =0 (TM)
= d (I:d) =2 ol 2

' J_ JE J_ m=4 (TM)
Chon C

Puong tron (© co tm 1(L- 2), bén kinh R =2

Goi A 1a duong thang qua I va vudng goc voi - Khi d6, diém M can tim 13 mot trong hai giao

©)

diém cua A va

Ta c6 phuong trinh Aix+y+l=
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Cau 63.

-

x+y+1=0 y=-x-1
- ‘( ) +(p+2) =4
”.'r :I+\E
(y=-x-1 (y=-x-1 ||y=-2-42
{z(x- Y =4 L— S [N
1 :—E+\E
B(1+42:- 2- V2)= d(B.d)=2+32

o xTy - 2x 4yl =0
Xéthé:

Véi
v c(1- V2:- 2442) = d(C,d)=-2+32 <d (B.d)
o1
M(1- VZ- 2442)= a =1- VZ:b =- 2442 =42 (1- V2) =424
a .
Chl_(.l)_ll_lB [NINIEN)
vi G4 =-2GM pgp A 13 anh cua diém M qua phép vi tu

Cau 64.

tam G | tisd -2, suyra ‘4(-4;-2).

Puong tron ngoai tiép 4BC ¢o tam [, ban kinh
1Y) =Y =25

R :Mui5 c6 phuong trinh (x-3)+(y-2) -

. IM =(2:4) y
CO .

uuy

Ta
Puong thing BC di qua M va nhén vecto IM 1am vecto
phap tuyén, phuong trinh BC la:
1(x-3)+2(y-2)=0e x+2y-7 =0

piém C 1a giao diém cua duong thing BC va duong tron

(7:R) nén toa d0 diém € 1a  nghiém cia hé  phuong trinh:

(-3 +(p-2Y =25 [x=Ly=3
—

x+2y-7=0 x =35,y =l

c(s1)

Doi chicu diéu kién d¢ bai ta c6 toa do diem
Chon D

+) (©) co tim 1(1;2), ban kinh R =30

+) 4B 1a day cung cua © di qua M
+) Ta co ABmin = AB L IM
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That vay, gia st €D 1a day cung qua M va khong vudng goc véi IM
Goi K 1a hinh chiéu cta { 1én CD ta cé:

AB =2AM =214 - M2 =23R? - 2

CD =2KD :EJFDE— KD? :E\;‘[RE— IK*
Do tam gidc /MK vuéng tai K nén IM > IK
vay CD > 4B

o Tace ™ =J@- 17 +0-2)F =2
MA =R - M2 =30-2 =28 =27

= AB =2MA=4[T
Cau 65. Chon D

: : 1Y +(p-2) =

Xét tap hop diém M(a;b) thoa man (a-1y +(-2) =1 thi M thudc duong tron tam
I(1;2);R =1
Xét diém V(© d)théa man 4c- 3d- 23=0 (hi N thudc dudng thang c6 phuong trinh
4x-3y-23=0

4-0-23

) df_f.‘d}:g:S}RZI . )
Ta thay 5 . Do d6 duong thang khong cat duong tron.
¥

Pudng thing qua  vudng goc voi @ tai L va citduong tron & 1> K (K & gita T va L)
V& tiép tuyén tai K cat MN tai P

Co KL <PN <MN _, KL=d (1,d)- R

Do d6 MN ngén nhat khi MV =KL

Tu day ta suy ra P=la-cy +(b-d) =MN* bé nhat khi va chi khi

MN =d(1;d)= R =5-1=4 a0 ois tri nho nht Tmn =10
Cau 66. Chon A

1(1;2
(C]{ (;.,)
Ta co R=2
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M(1;1)

X A \ N \ M « g R A g M \ \ C \
Ta de thay duong thang d va d, cat nhau tai diém c0 dinh nam trong dudng tron va

d, L dz. Goi 4.8 la giao diém cua d, va (C), ¢.D la giao diém cua d, va (C) H.K 13n luot 1a

. A ~ d .d
hinh chiéu cua 7 trén “! va

Khi d6
S e :_I}—AB.CD =24H.CK ZEJR:— [d (1.4, )]:.JR: - [d (1.4, )]:

:zJﬂf - : J4 - m’ =7 J(g]_m? ¥ 3)(3"”: +4) Eihnz +3+3m° +4 _

m +1 m +1 m- +1 m- +1

2

7

Do d6 MaX Susco =7 khi m = Khi d6 téng cac gia tri cia ™ bang 0.
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