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PHAN A. CAU HOI
DANG 1. TICH VO HUONG

Caul. Cho hai vecto " =(2:- ]), v =(_3"4). Tich “V 13
A, 1L B. - 10. C. 5. D. - 2.

a=(2;5) . b=(-31)
va

Cau 2. Trong h¢ truc toa do Oxy , cho . Khi do, gia tri cua ab béng

A. "5, B. . c. 13, D. -1
Cau3.  Cho A(O;3);B(4;O);C(-2;-5).Tinh AB.BC
A. 16, B. Y. C.- 10, D. -9.

Ciud. (HKI XUAN PHUONG - HN) Trong mit phing toa do 9%V, cho hai vecto ¥ =13/ va
V=272 piph uy,
A, uv=-4 B. uv =4 C. uv =2 D. uv=-2

Oxy po 4 =i+3j.V =(2;-1)

Cau 5. Trong h¢ toa do . Tinh biéu thurc toa do cua V.

A uv=-1 B. uv =1, c. " =-3), D. uv =52
| | |
Cau6.  Cho hai vécto @ va b qéu khac vécto 0, th%ng dinh nao sau dy dung?
a.b :‘a . b‘ B a.b :‘a . b|.cns(a._b)
I T O T Trrong g oy
ab =la.b .CDS(&._ b) a.b :|a .|b .Sill(a._:‘:r)
C. . D. .
Cau7. Cho tam gidc déu 4BC ¢4 canh bang 449 Tich vo hudng cua hai vecto 4B va AC 13
A. 84" B. 8¢, c. 83a, D. 83a,



Cau 8.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

(KSNLGV - THUAN THANH 2 - BAC NINH NAM 2018 - 2019) Cho hinh vuéng 4BCD ¢¢

[NIN| Ny NN}

canh ¢ Tinh 4B8.4D o
0 0 2
uuu uuu uuu uuu AB.AD =—— LoD uu

A, AB.AD =0 B. AB.AD =a_ C. 2 p. AB.AD =a*

—_———

—_—————

I . 1 2 2 2
Ll — i ab =—\la+h| - |a| - b
o b st as=zlesef |l )
Cho tam giac 4BC ¢o 4 =90" B =60" y3 4B =a Khido AC-CB bing
A.-2a B. 24" C.3a D. -3a’,
Cho tam giac ABC qéu canh_hbél_qhg . Tinh tich v huéng AB.BC o
0 od o md . e o om 2 I od e
YT e pTY eI ABBC =L AB.BC =2
A. 2 . B 2 . C 2, D. 2

Cho tam giac 48 c vuong tai 4 ¢6 AB =a:AC =a\3 va AM 13 trung tuyén. Tinh tich v6 huéng

uug uuuu

BAAM
a @
2 B. a’. C. -a. D. 2 ‘
A.
Cho hinh binh hanh ABCD | vgi AB =2 AD =1 BAD =60" Tich vo huéng 4B.4D bing
1 1
A. -1, B. 1. c. 2. D. 2.
Cho hinh binh hanh ABCD | vi AB =2 AD =1 BAD =60" Tich vo huéng BA-BC bing
1 1
A. -1 B.2 C.-1. D. 2.
Cho hinh binh hanh 4BCD y4i AB =2 AD =1 BaD =60" Do dai dudng chéo 4C bang
7
A5 B. V7. C. 5. D. 2.

Cho hinh binh hanh 4BCD | vi AB =2 AD=1_BAD =60" Do dai duong chéo BD bang
A V3 B. V5. C. 5. D. 3.

|ﬂ| =x, |b| =y

2| =c o )
a,b va | va @a+b+3c =0 Tinh

Cho cac véc to va € thoa man cac di€u kién

A=ab+bc+ca

Ix*-z0 4y Jz2-x-y 3y -x -2z 3z x4y

4 2
D. -
NN ETETE

Cho A4BC géy; AB =6 yva M 13 trung diém cua BC . Tich v6 huéng 4B-MA bang

A=
A.

b | !
=

b

@)

b | b

2



Cau 19.

Cau 20.

Cau 21.

Cau 22.

Cau 23.

Cau 24.

Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

A. - 18, B. 27, C. 18, D. - 27,

[N]N]N NI NN}

Cho tam giac ABC vuong tai B, BC =av3 Tiph AC.CB
-d’\3 a3
A 3a® B. 2 | c. 2 . p. -3’
, a‘:z, bl=y3 (a.b)=30° a+b
Cho hai vecto @ va D Biét va . Tinh ‘ ‘

a NI B. V13, c. V12, p. V14,

—AD = -9

Cho hinh thang 4BCD vuong tai 4 va D;AB =AD =a,CD =2a. gy 45 tich vo hudng
AC.BD bing

3a’ -a’

A -4 B.O. c. 2. D. 2

(THI HK1 LOP 11 THPT VIET TRI 2018 - 2019) Cho tam gisc 4BC vuéng tai 4 co
AB =a;BC =1a . Tinh tich v6 huéng BABC o

(0 000 2 (0 000 2
T . BABC :G_ LUy uou . BABC :ﬂ ﬁ

A. BABC =a” B. 2 C. BABC =2a" D. 2

Cho tam gidc ABC vudng tai 4 c6 4B =4 Két qua BA-BC bing
A. 16, B. 0. c. W2 D. 4.

Cho tam giac 48C vuong tai 4 co B =30°,4C =2 Goi M 1a trung diém ciia BC . Tinh gia tri
ctia biéu thire ” =AM .BM
A. P=-2, B. P =23 C.P=2, p. P =23,

Cho hinh binh hanh ABCD ¢o 4B =2a.AD =3a. 54D =60 . biém K thuoc 4D théa mén
AK =-2DK  Tinh tich v6 huéng BK.AC
A.3a B. 64" c. 0, D. @,
Cho tam giac ABC c6 AB=5, AC=8, BC=7 thi 4B-AC pang:
A. -20. B. 40. C. 10. D. 20.

CIEE)LhEPP chir nhat ABCD ¢ 4B =8, 4D :5. Tich 4B.BD o
A, ABBD =62 B. AB.BD =- 64 c. AB.BD =-62 D. ABBD =64

DANG 2. XAC PINH GOC CUA HAI VECTO

ab=-

. b im0 in A : o hai 3 b bid G|'|b|
Cho hai vecto @ va U khac V. Xac dinh goc ¢ giira hai vecto ¢ va U biét .
A, @ =90" B. @ =0" c. a=45" p. @ =180"

Tam giac ABC ¢4 A(l;?_)’ 3(0;4), C(B;l). Goc Bac cua tam giac ABC gan voi gia tri nao
dudi day?
A. 907 B. 36°52" c. 143°7" p. 53°7"



b

a.bh =- |a

Céau 30. Cho hai vécto % b khéc vécto-khong théa man . Khi d6 goc giira hai vecto % b bang:
a; b)=45" :b) =0’ :b)=180" ;b)) =90’
5 lh)=35 . (4:0)=0" ¢ (ao)=1s0 o (ab)=s0”

Cau3l. (CHUYEN THAI BINH LAN 1 2018-2019) Cho hai vécto “? théa man:
o) =4[p|=3]a- b|=4 o
. Goi & 1a gbc gitra hai vécto “*~ . Chon phat bicu dang.

1
0 a0 cosa =—
A, a=060" B. @ =30" C. 3. D.

3
cosa =~
8
CaAu32. Cho hai vecto ¢ =(4:3) va b =(];7). Sb do goc & giita hai vecto @ va b bang
A4 B. 90", c. 60", D. 30,
Ciau 33.  Trong mit phing voi hé toa do Oxy cho ¢ =2 5), b=(3-7)
b .
A, @ =607 B. @ =120° C. a =45 p. @ =135"

. Tinh goc ¢ giira hai vécto ¢ va

Oxy, cho ¢ =(2:1) va b =(3:-6)

Ciu 34. Trén mit phang toa do . Goc gitra hai vecto 4 va b bang

A0 B. 90 C. 180" D. 60"
' a.h :%|— ﬂ|.|h| . . .
Cau35. Cho hai vecto @ ;) khac vecto O thoa man < . Khi d6 goc gitra hai vecto ¢ b 1a
A. 607 B. 120", C. 150", D. 30",

Cau 36. Cho véc to a (i;- 2). Vi gid tri ndo ctia Y thi véc to b=(y) tao voi vécto 4 mat goc 45

y=-1 y =1
A Y=Y, B. V=9 C. L’:'g. p. V=1

al b| =2 . P u,- = - .
Cau 37. Cho hai vecto ¢, b sao cho ‘ ‘ —\E, I I va hai véc to ¥ —a"'b, y=2a-b vuong goc voi
nhau. Tinh goc gitra hai véc to ¢ va b
A, 1207 B. 60°. C. 90" D. 30°.
DANG 3. UNG DUNG TiCH VO HUONG CHUNG MINH VUONG GOC

Cau38. Tim x dé hai vecto @ =(%2) va 0 =(2:-3) ¢ gia vusng goc véi nhau.
A.3. B. 0. C. 3. D.2.

Cau 39. Trong mit phang toa do Oxy , cho hai vecto u=(3;4) va ' =(- 8;6). Khang dinh nao dung?
A U=V B. % vudng goc voi V.
4= "
C. . D. ¥ va V cung phuong.

Oxy A(1:2),8(-3:1).

Ciau 40. Trong mit phang , cho hai diém Tim toa dd diém C trén truc O sa0 cho tam

giac ABC vuong tai 4.

. c(e;o)' . C(0;6). _ C(- 6;0)_ . c(o;—é).

A B C D



Cau 41.

Cau 42.

Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49.

Cau 50.

- 17 : 5.7
Cho tam giac ABC ¢4 A 12),8(0:3),C(5:- 2)

tam giac ABC
A (03), g, (03 c. 3:0), p. (30)

" Tim toa d6 chan duong cao ha tir dinh A cua

Cho tam gidc 48C ¢4 A 1,0),8(40).c(0;m). m iD. Goi G la trong tdm cua tam giac
ABC  Xac dinh m dé tam giac GAB vuong tai G,

A m==6 B. m =56 c. m=36. p, m=5/6.

Cho tam gide 4BC ¢ A(;- 1), B(3;-3),c(6:0). Din tich DABC 13

A. 6. B. 62 C. 12. D.9.
B(-1:3) . c@;1)
va

Trong mit phing @Y, cho hai diém . Tim toa d¢ diém 4 sao cho tam giac
ABC yyuong can tai 4.
i(n- L 4100 - A0~ -
5, A(0:0) hoic (2:-4) g, 400:0) hodic A(2:4)
A . T A . _n.
c. 400:0) hoiic A(G-2:-4) p. 4(0:0) hoiic 4(-2:4)

A(0:4),B(3:4).c(3; 0).

Tim bén kinh dudng tron di qua ba diém
5 0
A. 2. B. 2 . C.o. D. 3.
Trong mat phéng toa do (Oxy) cho tam giac ABC ¢4 A(I;O); B(-1 l); CGs:- 1). Toa d0 truc tam
H cta tam giac 4BC1a
-1 - _Re T _"- .
s HG1-9) g H(8-27) c HG25) p, HG:14)
Trong mit phang v6i hé truc toa do Oxy . ¢ho tam giagc 4BC ¢4 A= 11, B(1:3) oy trong tim 1a
)
G|-2;= 7
3) Tim toa do didm M trén tia @Y sao cho tam gidc MBC vuong tai M |
A M (0;- 3). B. M(O;B). C. M(0;4)' b M (0;-4).
Trén h¢ truc toa do xOy’ cho tam giac 4B8C ¢o A(4;3), 3(2;7), c(-3;- S).Toa do chan duong
cao ké tir dinh 4 xubng canh BC la
A 4, g 14 c. 4 p. D
Cho tam giac 48 C déu canh @. Lay M,N,P 13n luot ndm trén ba canh BC.CA.AB g4 cho
BM =2MC,AC =3AN. AP =x.x>0 Ty x 4& AM vuong goc véi NP
Sa a 4a Ta
X =— X =— X =— X =—
A 12, B. 2. c. 5. D. 12,
. . - -1:2 -
Trong mit phing toa do @ cho tam gisc 4BC. Bidt AG:-1.8(- 1.2) va 1(:-1) 1a trong tAm
tam giac ABC. Truc tim H clia tam gic ABC ¢4 toa do (a:b). Tinh @ *3b.
2
a+3b==. a+3b =- i
A. 3 B. 3 C. a+3b=l1. p. a+3b=-2.



Cau 51. | Cho hinh thang vuéng 4BCD ¢4 duong cao 48 =2a ¢3¢ canh day AD =a vy BC =32 Goi

[NIN]N{N) [W]N|N]

M 13 diém trén doan 4C sao cho 4M =kAC Tim k ¢& BM LCD
4 3 1 2
A. 9. B. 7. C. 3. D. 5.

Cau52. (THPT Phan Bdi Chau - KTHK 1-17-18) Trong mit phang toa do Oxy , cho tam giac 4BC ¢o

A4(-3,0), 8G; D)Vé C(2;6). Goi #(a:b) la toa d truc tim tam giac da cho. Tinh @ 6b .
A, a+6b =5 B. a+6b =6 C.a+6b =7 D. a+6b =8
7 q TTTTRTT TR
Cau 53. Cho hai diém B-C phan biét. Tap hop nhiing diém M théa man CM.CE =CM |5 .

A. Puong tron duong kinh BC, B. Duong tr(‘)n(B; BC).

(c: CB).

C. buong tron D. Mot duong khac.

Cau 54. Cho ba diém 4,8,C phan biét. Tap hop nhiing diém M ma CM.CB =CACB 13 .
A. Puong tron dudng kinh 48
B. Pudng thing di qua 4 va vudng goc véiBC .
C. Duong thing di qua B va vudng goc vai 4C .
D. Puodng thang di qua € va vuong goc véi 4B .

[NN]N} [N]N[N]

Cau55. Cho tam giac ABC  diém J thoa man 4K =3KJ , 1 1a trung diém cua canh 48 diém K thoa

min KA+KB+2KC =0
UL a[uin} LILIL LLiu LILILLI
. N  (3MK + 4K ).(MA+ MB +20MC) =0
Mot diém M thay d6i nhung luén théa mén .
Tap hop diém M 1a duong nao trong cac dudng sau.
A. Puodng tron duong kinh &/ . B. Duong tron duong kinh /K .

C. Duodng tron duong kinh JK D. Buong trung truc doan JK
DANG 4. MOT SO BAI TOAN LIEN QUAN DEN DQ DAI VECTO

uuu uuu

5 =(6:2 AB
Cau 56. Trong mat phang toa do (Oxy ), cho AB =(6; ) Tinh ?
W[[n) Ly
A, [AB| =210 B. 1151720 C. AB =410 p. 48 =210
Ciu57.  Cho haiditm <50 vy B33 1h 46 dai doan thing 4B
A, AB =13 B. AB =32 C. AB =4 D. AB =5
(NIN[N} [N[NIN)
_ 204 - OB
Cau 58. Cho tam %iéc OAB vuong can tai 0, canh 04 =4 Tinh .
LIl [ i N[N u[u
204- OB| =4 204- OB| =2
A. . B. .
LIl ajn g H[uln]
o, poa- o8|=12 p, [204- 0B =45

Cau 59. Cho hinh thang vuéng 4BCD vudng tﬁ‘uiuA’ D, 4B //CD; AB =2a, AD =DC =a_ O 13 trung

diém cua 4D . Do dai vecto tong OB +OC bang
a 3a

A 2. B 2. C.a. p. 3a.



Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

Cau 67.

Oxy

Trong mat phéng toa do cho hai diém 4G:2) ; B(-1; l). Piém M thudc truc Oy thdéa man

tam giac MAB can tai M . Khi d6 do dai doan OM bﬁng

3 3 1 7
A 2. B. 2. C. 2. D. 2.
Cho 4BC u canh 24 véi A_/{ 1a trung diém BC . K_.héng dinh nao ding?
0mo, g3 ol 4.3 LILILIL
uuu _LIIJLLI | M| = AM =—— AM :ﬂ\ﬁ
A. MB=MC, B. 2 C. 2 : :
AB+CD|=?
Cho hinh thang 4BCD ¢4 hai day 45 =2a, CD =6a thi | |
A. -4a. B. 8¢ C. 2a, D. 4a.
uuu uuu
2AB+ AC
Cho tam gi4c vudng can 48 C v6i 4B =4C =a Khj d6 bang
A a3 B. av5 C.>a, D. 2a.
Trong h¢ toa do Oxy, cho bén diém A(z;l), B(2;- 1), C(-2:- 3), D(-2:- 1). Xét ba ménh dé:
(1) 4BCD 1, ook thoi.
(ir) ABCD la hinh binh hanh.

() AC 4 pp g M (0= 1)

Chon khang dinh dung
A. Chi () ding. B. Chi {n) ding.

c.chi U0 3 WD oo D. Ci ba déu diing.

Trong mit phang toa do Oxy , cho A4BC ¢4 A(- 1;4),3(2;5),C(_ 2;?). Hoi toa do diém / tam
dudng tron ngoai tiép ABC 13 cap sb nao?

A (-2;6). B. (0;6)‘ c. (0;12). D. (2;6).

D 2 v T = = 25 <R .
Trong mat phang toa do Oxy cho cac diém 10 l?);E( 1L } Tim toa o diém c thuoc tia
BA sao cho BC =13.
14--7 -8:-2
A c(-14; J]'. B. Cc(-8; 3).
C(-14:-27) , C(-8;-23) c(14;27) , C(8:23)
C. va . D. va .
(THPT NONG CONG - THANH HOA LAN 1_2018-2019) Cho tam gidgc 4BC vuéng tai 4,
(000 000 42
AM .BC =—
BC :“‘E, M 1a trung diém cua BC va c6 2 Tinh canh AB,AC.

A, AB =a.AC :aﬁ_ p. AB=a,AC=a
c. 4B —arf2. AC =a ) AB —arf2. AC :a\.-’i.



Oxy MG . AG@:0)  B(0:b)

Ciu 68. Trong mit phing toa do cho diém (voi & b 1a cac sb

thue khong 4m) 13 hai diém sao cho tam giac MA4B vuong tai M va c6 dién tich nho nhét. Tinh gia
tri cta biéu thue 7 =a” +b"
A. T =10 B.T=9, c.T=5 p. T =17,

PHAN B. LOI GIAI THAM KHAO
DANG 1. TICH VO HUONG
Caul. ChonB
(v =(2-1) ==
- ' = uy =2.(-3)+(-1)4 =-10
|y =(-3:4)
Véi

Cau2. ChonD
cab=2.(-3)+51=-1
Taco .

Cau3. ChonD

Uy

. AB =(4;-3) BC =(-6;- 5)
Ta co

Vay 4B.BC =4.(-6)+(-3).(-5)=-9
Ciud. ChonB

Theo gia thiét ta co u=(1:3) va'y =(-2; 2)‘
Khi d =1.(-2)+32=4
Caus. Chon A

Ta c6 ! =i+3j=>u =(1:3)

y =17 1Y =-
Vay uv=12+3(-1= I.

Cau6. ChonB
Theo dinh nghia tich vd hudng cia hai vécto.
Cau7. ChonA
UL LI 1

Ul uul A(H[H]

L _ o2

1o o AB-AC =|48]. AC‘CDS(AB,AC) —dadacoseer —ada->=8a
Cau8. Chon A i

Vi 4BCD 13 hinh vuéng nén 48 L CD do g6 AB.AD =0
Cau9. ChonC

.ff:[ Pplcos(a,6)|" = "ol cos? (a,b

a6 =||a|-[p|-cos(a.b)|" =[a] - |5[ -cos*(a )néncm

Cau10. ChonD
D



Goi D 1a diém déi xang v6i 4 qua C,

[NINTRRNININ] UL uuu =a«f3.2a.| - £ :'?’ﬂ:
Khi d6: AC.CB =CD.CB =CD.CB.cos 150" < )
Caull. ChonD
i md ood, mod 00g ood L&
AB.BC :‘AB“BC|c05(AE,BC) —aa.cos120° =- L
Ta co 2
Cau12. ChonD
A
B
M C
. AM :E
Ta c6 tam giac ABC vuong tai 4 vacoé AM 14 trung tuyén nén 2,
2 + 2 2 + 2

Tam gidc AMB ¢y AB =BM =AM =a ngn 1a tam gidc déu. Suy ra goc Whap =60° )
00 ool ood ool od o [ o0m T2
BAAM =- ABAM =- ‘AB‘.‘AM‘.CDSHB AM) =- a.a.cos 60° =- L

Ta c6 2

Cau13. Chon B

A B
|1 [ | [ ]

cos(A4B:4D) =AB.AD.cos BAD =2.1.cos60° =1

Ul uug

AB.AD =

uuin

AEB

uuu

AD

Cau14. ChonC

A B

Theo gid thiét: B4D =60° = HBC =120"
LI JJ% UL LU TITRRITT

BABC =|BA|.|BC|.cos(BA4: BC) = 4B.BC.cos4BC =2.1.c0s120° =- 1

Cau15. ChonB



A B
Ta co:

LLIL Ly L LU 5 LU 5 Udd 5 Ly uug . . .
AC =AB+AD= AC =AB +AD +24BAD & AC’ =2 +1'+2.1= AC =T

Cau16. Chon A

A B
WU oUW LU uud o, U, WUl U uuy L
BD =BA+BC= BD =BA +BC +2BABC<= BD' =2"+1"+2.(-1)

= BD =3
Caul7. ChonB
a+b+3c=0=a+b+c=-2c

= q +b +c +24=4c
= (ﬂ +|'IJ‘+E'): :(- Er:):

Str dung tinh chét binh phuong v6 hudng bang binh phuwong d6 dai ta co:

Xy e +24 =4 = 4 Xy
2 . Vay chon dép &n B.
Cau18. ChonD
A
B~ M -C
(W Ay N[N(N]
(4B, AM ) =BAm =30°

Ta co .
00 0 oof oo mod, oood ond ood
AB.MA =- AB.AM =- |AE|.|A.-W|.CGS(AB,A.-W) =- ﬁ.i.ms}ﬂ“’ =-27

Cau19. ChonD

10



B C
W0 000 po0, 000, 000 (O

CB ] ]
AC.CB :‘AE‘.‘CE‘.CDS(AC._ CB)=- AC.CB.cos UcB =- AC.CB.=2 =- BC? =-34°
Ta co AC

Ciu20. ChenB__
2

(‘a +bp =a® +b* +2ab =a* +b* +2‘a‘.‘b|.ms(n,b]

Ta C(')_:H ,

= (|g +b‘)1 =4 +3+2.24f3.cos30" =13 = ‘a+b
Cau 21. Chgn A

5

A (H[H] Ll LLIL LIl [N[H] A(NN]
N[N N B ]

Ta oo AC.BD —(up+Dc)(4D- 48) =(4D+248)(4D- 4B)
a Co: .
—AD’ - 248" =-a’.

Ly Jug

=AD" - 2AB* - AD AR

A
p ¢ C
H
Cau 22.
Chon A
Ve AH _BC,HEBC.
UL Juud Uug udd

C6 BABC =BH.BC =BH.BC =BA" =a (theo tinh chat tich vo hudng va phép chiéu).
Cau 23. Chgn A
s 1m 0o

AB 4
BABC)=Ugc EDE(EA.EC) —cosdpc="2 =
Vi ( ) nén BC BC,
00 000 000, 0oo (M 0O

BABC :|BA|.|BC|.|:DS(BA.EC) —ABBC. Y =44 =10
Do do BC

Cau 24.
Chon A

A 30°

11



Cau 25.

Cau 26.

Cau 27.

Cau 28.

Cau 29.

Ta co:
AC "
BC=—"—_ =4 AB =AC.cot30° =23: BM =2
sin 30
LLILL 5 dug ol N
= BM =4; AB.BM =23.2.cosl50) =-0 = p=-2 — Chon A
Chon D
B
(0]
A K D
0m M - 000
BE == AB+— A vwu L L
Ta ¢6 . AC =AB+AD
00 000 0D »000 000 @0 5 q0ooom
BK.AC =[- AB+—AD) AR+ AD) =- AB" +—AD" - —ARAD
Khi d6 3 3 3
0 000 . 2, . s
BE AC =-4a +§.9ﬂ' - EEG.?’H.C‘G.’:GD =a
ChonD
100 000 2 52 92
cos (4B, AC) _F+y-7T 1
2.5.8 2
00 0m (00 00O I
AB.AC =AB.AC.cos( 4B, AC) =5.8.-=20
Chon B
A B
D C

UL Ul udud
P =AM._BM =(A4B+ BM).

L |y W W
BM =AB.BM +BM

[NIN]N} [NIN]N}

Gia st E 1a diém d6i xtmg véi 4 qua B taco 4B =BE

Xét AABD ¢4 BD =JAB + AD’ :JS_Q

Xét AABD ¢4

C‘G.’EQBD :AB = 8

md mi [ood, ood

E_Esuyra
ood ood (-
AB.BD :‘AB‘.‘BD‘.EM(AB; BD):S.JS_EJ.‘ FSQ —- 64

(00 OO0

]

Ta co
DANG 2. XAC PINH GOC CUA HAI VECTO
Chon D
ab :‘ﬂ‘.‘h‘.CDSt’I .ab=-
Ta co: .Ma
Chgng mu| N}
. AB =(- 1:2); 4C =(2:- 1)
Ta co .

cos EAC :—ﬂ—ﬁ— —

uug duag

-4

4G _-2-2
|AB|.|AC|_J§.J§_ 5

= Bac =143°7"

12

CG.E(AB;BD) —cosBBE =- cosUBD =-

nén €0s =-1 Quyra, & =180"

8
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Cau 30.

Cau 31.

Cau 32.

Cau 33.

Cau 34.

Cau 35.

Cau 36.

Cau 37.

Chon C
b = o} ¢
|ab _—| |.|b||:|:rs(a._b) = cns(a.j ."J) =-le (ﬁ'.f h)=|80':'
Taco: :
Chon D
Taco

—_———

la- b|=40 (a- b) =160 a*- 2ab +b> =16

U 4- 243.cosa+3 =160 cns::f:g

Chgn A

CoSa = 4.1+3.7 _ 25 _ 1
Ta co | ||b| 'J4 +3 'Jl +7 25\/5 \/5 nén ¢ :450.
Chon D

23+5.0-7 - .
l:r:rs.z:f—i”rJ 7) ——I=va2135.

ol p| VE+2540+29 2

Tacod
Chon B

N ab o 23+1.(Ge6) .
CDS(ﬂ!b)_W_J3:+|:_J33+(_(]): =0= (a._b) =90
Chon A
Tacod ‘a‘ :‘- a‘.

A

vay @4 el plees(a) =5l = eos(ep)=5 = (0) o0
Chon D

ah _ 3-2y
Ens(a !:r) | ||b| .J'_\{9+1

Ta co:
- -7y 3
CDS(H__!J) :3—“‘1_‘ :#
Goc gifta hai véc to @ va b bing 45 suyra “G'“g oo (l)
(6- 4y =0
(D= Jo0+10)° =6- 4y = o .
: : 90+10y° =(6- 4y)
<3
= Y _2 =y =- |
-8y-9=0
Chgn C
Vi hai véc to X =a+b |V =2a-b vuong goc V0’1 nhau nén
(a+6).(a-b)=0  , 2 b rab=0" |b‘ ‘ Hb| cos(a,b) =0

= 2($3) - 2 +32.cos(ap) =0 = cns(a._b):ﬂm (a,b) =90°

13



DANG 3. UNG DUNG TiCH VO HUONG CHUNG MINH VUONG GOC

Cau38. Chon A
Vecto ¢ =(032) y3 0 =(2:-3) 4 gid vudng goc véi nhau = @b =0= 2x- 0 =0 x =3
Vay * =3,

Cau39. ChonB

Ta cb: uv =3.(-8)+4.06 :D.Do do, ulv

Cau40. ChonB
ceoy e C0;y)
AB=(-4:-1) 4C =(-1;y- 2)

5

PIB #0,
= E.Ef £0.
, AB LAC _ "% e _ L
Badiém 4, B, C tao thanh mot tam giac vuong tai - & AB.AC =0 y=6.
Viy C(0;6).
Cau4l. Chon A
A
B C

, AB =(1:1): AC =(6:- 4): BC =(5:- 5).
a co

T

Sdd ddd

—1.541.(-5)= : NI
AB.BC =15+ 1.(-5)=0 o) (am gidgc ABC vuong tai B

B(0;3).

Nhan thiy rang

Vay chan duong cao ha tir dinh A cua tam gidc 4BC tring voi dinh

u=1;2) . v=04m:2m- 2)
va

Oxy .Tim ™ @8 vecto

Caul3. Trong mat phéng vo1 hé toa do , cho hai vecto

U vuong goc voi V.

]’M:l m:—l
A. 2. B 2, ¢.m=1_  p,m=1 ChonA

I 1

ulve uv=0= 4m+2.2m-2)=0= 8m-4=0< m=—.

Hai vecto 2

Cau42. ChonB

1;E
3

G
Goi G 1a trong tdm cua tam giac 48 C, suy ra

14



md v 000 |
GA :‘ 22 GE:[};-E
Ta cod 3 \ 3 .
i 00l o

. GAGE == -0+ —=0= m =13.J0
Dé tam giac GAB vuong tai G thi 9
Cau43. Chon A

wuu [Nl u}

4B =(2;-2) BC =(3;3)

Ta Cé ‘ uuy Jduu
Ta thdy 48-BC =0 pep tam giac ABC vuong tai B.
1,000, 000
S ssc :_‘43 BC‘ =— ?J_ 3V2 =6
Vay

Cau44. Chon B
Tim toa d6 diém 4 sao cho tam gidc 4BC vudng cin tai 4.

(AB =AC 'A?* — 4
(x;y) ﬁhﬂ ac "4 o
Goi Alxsy . Tam giac 4BC vuoéng can tai T AB.AC=0
(-1- x) +(3- 1)' =(3- x) +(1- ,1'): (2x =y {Er =y
c:: 1 c:: ) ) c::
(-1- x)B-x)+ (G- y)U- y)=0 x4y - 2x- 4y =0 x* = 2x =0
(2x =y
x=0, y=0
= dlr=0 = B
[ r=2 y=4
x=2 ’
Viy A(0;0) hoiic A(2;:4)

Cau45. Chon A

Tinh duge 8 =3,BC =4 (; AC =5, Suy ra AB8° +BC* =AC” pen tam gige ABC vuong tai B.

R :l.—IC =

Vay ban kinh duong tron ngoai tiép 2
Cau46. Chon B

| Ln

PN ANy NINTH]

o |AH LBC _ |#fi BE D(I)

v BH _AC
Goi H(xy) 1a tryc tim ctia tam giac 48C | (BH.AC =0
Ta co:
=(x-1;y) BC =(6;- 2) BH =(x+1L,y-1) AC =(4;- 1)
0(c-1)-2.y=0 ox-2y =6 _ |x=
1) = J |ox - 2y =06 x=-8
D= L4640 16-D=0 = 51255 = 12y
Suy ra: - - .
Viy H(-8;-27)

Cau47. Chon A

15



Tacd G latrong tim A4BC

1. +x. :
=T o [ =B D=0
= 3 = L g 7] R | g = ~
R VR | Ye =3y, - ¥, Vs Y. =3.2-1-3=-2
S
= C(-6:-2)
, MeOy= M (0:m)
Taco
Goi ! 1a trung diém ctia doan BC ta co:
T, _ s s X, =- E _ .
! 2 ! ) 51
= = < = j‘ - _;_‘
L 27 n
1, :JI|ll= e ¥, :I_ -
o 2 I 2
Ta co
m 5 .

P— —m-

H(E A [N{HTH] IM :‘
BM =(-1:m-3) cM =(6:m+2) CB =(7;5) | 2

|
2

0007 00cd Gn- 3)0m +2)- 6 =0
BM.CM =0
000 o00 = 1 | 1] 3
IM.CB =0 5| m- ;| +?_? =0
AMBC vuong can tai M khi: L ==
m -m-12 =0
= m=-3
m=-3 = M(0:-3)
Cau48. ChonC
Goi D(x:y) 1a chan dudng cao ké tir 4 xuéng canh BC taco AD-BC =03 D B C théng
hang

AD =(x- 41y-3) BC=(-5-15) BD=(x-233-7) . ..
Ma ; ; nén ta co6 hé
‘[1—- 4+3(y-3)=0 {le

3(x-2)- y+7=0

y =4
Cau49. Chon A

16



[[H[N]

AB =b -~

(0 . a
— bl =lel =q  P.c =a.a.cos60” =—
bat AC C,tacc')H H va 2
mn  0m  oom » 000 5 |
AM =AB+BM =b+=BC =b+=(c- b)=—(p+2¢)
Ta co 3 3 3
m 00 00 gm0 L0 .
PN =AN- AP=—AC- 2~ AB =- p+—c =—(-3xb+ac)
3 a a 3 3a
uud udd

. AM LPN e AM.PN =0 < (b+2c)(- 3xb+ac) =0
Theo yéu cau bai toan ta cod

—_————

= - 3.‘rb: +a(b.4:')— If].'r(!:r.c)+ Eac: =0 -3xa’ +i—3— Ixa® +2a =0

_Sa
12
Cau50. Chon A

- X

B —| C
Gia st C ey gy H iy,

X, +x,+x,

. Co11a trong tam tam giac ABC nén ta co

=X, r

3 ! x. =1
Yitystye _ |y =4
-3 = C(1;-4)
Ta o AH =0, - 31y, #1):BC =(2;- 0)
BH =(x, +Ly, - 2): AC =(-2;-3)

H 13 trye thm tam giac 4BC nén

000 md , 1o
A?’.Bﬁ' =0 E(_‘r” -3)- ﬁ(-]'lf.l' +1)=0 Xy = 3
ooo o = =
BH.AC=0 |-2(,+D-3(y,-2)=0 8
Yo =7 =
9
GZE;b:—gﬂ S:E
= 3 9 3

Caus51. ChonD

Chon hé truc toa @ nhu hinh v€ sao cho géc toa dd trung véi diém B, diém 4 thudc truc Oy va
diém € thudc truc Ox

17



Cau 52.

Cau 53.

Cau 54.

D
A
E
} + by )-
B C X
Theo bai ra ta co B(0:0), A(0:2), C(3:0), D(1:2)
{ x =3
Khi d6 1€ =2 phyong trinh tham sé ciia dthang 4C 1a 1V =2-
Goi MeAC = M(3t:2- 2;}. Ta c6 BM =(3t:2- 2t) va DC :[2;-2].
M0 0m 2 6 6
BM.DC == ti-4+4t =l = t =— = M —,'.—]
pé BM L DC 1y 5 15 35 )
mid (g -4) 5
av = 52 | = ant = AC =(3:-2)= Ac =13
Khi do S5 5oy AE TS =N
LA V52 2
vi AM =kAC gy AM,AC yng chidy Ac 513 s
Ch(.)ng_l uuu L uuy
, AH =(a+3:p) BC =(-1:6) BH =(a- 3:b) AC =(5;6)
Taco R , R .
SUUL Luu 0 a=2
AH.BC = - _
{AHJ_BC o lfFEE =Y | [rarob =3 o 55
Vi H 1a trye tam A4BC nén BH 1 AC BH.AC =0 |Sa+0h =13 6
= a+6b =T
Chon A

T L 2 LUug dog UL 2 Ly
CM.CB=CM < CM.CB- CM =0< CM.MB =0
Tap hop diém M 13 duong tron duong kinh BC .
Chon B

TTTTTIT U ud | NN Ny N(HTN] LILL Udd A[N[N N} uuuy Jd

LILLT o LU
CM.CB=CA.CE+= CM.CB- CACB =0« (CM’ - C4 }.CB =0« AM.CE =0

Tap hop diém M 13 duong thang di qua 4 va vudng goc véi BC.
A

Cau 55.
Chon C

18



a4 i Sd4 Sddd i NN i

Ta cé: MA+MB +2MC =4MK + KA+ KB + 2KC =4MK

A H]N) Juug

i} ood
by o AK __(AJF-I-AC') AB-I-AC b
L]]y diém J thoa min AK =3KJ  Ta ¢ 2 ma AK
000 o0 M0 400 (00 o ]II
Al = AK +RJ ZAK +—AK =— AK =— AB+—AC
3 3 3 3 )
00 00 000 000 ~o0O0DO OO0 2000 o000 o000
Bf=AJ- AB =—AB+—AC- AB =- —AB+—AC =—BC
0m - 00
BJ =—BC
Suy ra J la diém cb dinh ndm trén doan thang BC xac dinh boi hé thirc 3

H[N]N] uie |N]N]

Ta cé IMK + AK =3MK +3KJ =3MJ

N[A[uN] (NN} [N} n|u[u} a[H[N} Wl Jud

Nhu vy
Tir d6 suy ra diém M thudc duong tron dudng kinh /K .

(3w:+.4;:)(m+w&+*rwc) —0 e (3M7).(4MK) =0 = MIMK =0

[N NN}

=3KJ pén

Vi 7, K 1a cac diém c6 dinh nén diém M 1uon thude mot duong tron duong kinh JK 13 duong tron

¢6 dinh (dpem). o ) ) . )
DANG 4. MOT SO BAI TOAN LIEN QUAN DEN PQ DAI VECTO

Cau56. Chon A

[u]

|AB| =67 +22 =/30 =2,/10

Caus57. ChonD

4B =\(-3- 1F +(3- 0F =5

Cau58. ChonD

D

G01 D 1a ¢iém ddi xing cua 0 qua A.
LU Uy [N

|ZDA DB| _|DD DB| _|BD| —BD =+JOB? +0D? =/& + # =4[5

Ciu59. ChonD

0 C

o

A B
NN
=201

LILIL LiL

Goi ! 1a trung diém cua BC = OB +0C =20

19



Cau 60.

Cau 61.

Cau 62.

Cau 63.

Cau 64.

Cau 65.

Cau 66.

AB+CD 3a

= (N =
Xét hlJI}lJl thang ABCD ¢4 OI 13 duong trung binh 2 2
los+ GC‘ =3a
Vay
Chon B

Piém M thuoc truc O~ M (0; y).

Ta c¢6 tam gidc MAB  can tai M = MA=MB Jl- +2-y) :J(_ D +0-y)

3 3
o p=— OM =—
o 4-4y=1-2y 7 2 Vay 2
Chon D
Eﬂ"\)‘@ _H'J:
— A
Do dai duong cao AM trqurj% tam giac déu canh 24 la: 2
s Khine dinh dane 13 1] =03
Vay khang dinh ding la
Chon D
[ u[ujn} _1-
AB +CD|=CD- AB =4a
Hai vecto 4B va €D nguoc huéng nhau nén .
Chon B
('}J_IJ JJJ ('} ) N
_— AB+AC| AB) +4AB.AC+AC =448 + AC? (i 4B L AC= AB4c =0,
. . . T
=4ag” +a =5a = 2AB+ AC Zay@
Ch(')nl_(le_ uuu NN
1B =(0:-2)  DC =(0:-2) Ac =(-4-4)
Ta co

Suyra 4B AC khéng cing phuong va 48 =DC |
Nén ABCD |3 hinh binh hanh. Vay ménh dé (II) dung.

Suy ra AC cat BD taj trung diém mdi duong va diém d6 c6 toa do * M =(0;-1) , suy ra (III) dung.
-2 =l-2| =2 = 2

Taco ),suyra =t |_ AD =(-4;-2) ,suyra 4D =J20 ,nén AB #4D suyra

ABCD khong 1 hinh thoi. Ménh d& (I) sai.

Chon B

Ta co:

4B =(3:1)= 4B =410
AC =(- 1:3)= 4c =10
BC =(-4:2)= BC =20

Nhan thay AB® + AC* =BC” 3 AB=AC ngn AMBC |3 am giac vudng can tai 4, suy ra tim

I 13 trung diém canh huyén BC . vay ! (0;6).
Chon B
Gia sir C(xc Ve ) Theo baira ta cé € thudc tia B4 nén BC; BA cung hudng.

20



Cau 68.

42
x.- +11 :}l.+u5 _

 BC=(#1Ly.+25) BA=028) . 5o =gy k>0) T 73 3
Voi ’ )
o 8x-212  2x.-53
@ 8x.-12y.-212=0" Ye T 5 T XT3
H BC :Jﬁ = -J(.T,_. +11) +(J'L' +25) :Jﬁ = (-Tr +11) +(}l' +25) =13 (2)

Thé () vao (2) ta duoc:

s [ 2w, - |’ o[ 2w #22) :
(.1'L.+||)'+‘ ‘1353+25 :IBﬁ(n—l.+ll)'+|“T‘ =|3¢§(rl.+||} =13

5 X == |4
=1 ('TI.'+I |:I_ =0 = [Tl
x. =8
_2(-14)- 53 _

_ — , _]'I|_' -
Véi f¢ T 14 thé vao (1 ta duoc: 3
= + = =
P = 14+11 :_3 :_I{ 0
Khi d6 12 124 (loai).
- _2(-8)-53 _
Vi ¢ =8 thévao D ta duoc: 3
-8+11 3 1
k= = ==
Khi d6 12 124 (thoa man).
C(-8;-23)

-27

-23

Vay

Cau 67.
Chon A
& AH L BC.H EBC.

C6 HIM 13 hinh chiéu ciia AM lén BC.
oo L2
TENIRTET LuUL uud AMBC =—
AM BC =HM.BC 2 BC=a\3

a3

ws  HMBC =% HM =22

Suy ra HM cung chidu BC va 2, 6
_aB a3 _af3

Co BH =BM - HM 2 6 3

Co AB> =BH.BC =a° = AB =a 3 AC =a\2

Vay 4B =a v AC :ﬂﬁ_

Chgn A

SN N}

o MA=(a-3:- 1), MmB =(-3:b

Suy ra

Tac - ). MAB 13 tam giac vudng tai M khi va chi khi

21
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MUY

MAMB =0 = -3(a-3)-(b- 1) =0 b=10- 3a (*)
10

0<a=<—
Vi @ 20,5 20 suy ra 3 ()
I l > > 3, 3 > 3
Suis =5 MAMB :EJ(a -3 + 1,9+ (b~ 1) :E(a- - Ga+|0)=§(ﬂ— 3) =
: 3
minS,, =5 o () . _
Do d6 2 dat duoc khi @ =3 (théa man diéu kién ), khi d6 b=l

vay T =a* +b* =10,

22

=

b | s
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