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Cau 91: Cho tam gidc 4BC c6 G 1a trong tam. Goi D 1a diém dé6i xtng cia B qua G.M 1”




a trung diém ctaBC . Hay biéu dién cac vécto:
a) CD,AD theO AB,AC b) MD theo AB,AC

\. Loi gidi :

uuuy [W]N]N]}

Cau 92: Cho hinh binh hanh 48CD Goi M 1a trung diém ctia canh BC. Hay biéu thj
AM theo hai vecto 4B va 4D

\. Loi gidi :

Cau 93: Cho tam gidc 4BC ¢ hai dudong trung tuyén BN.CP Hay biéu dién céac vecto
AB.BC.CA

[Ty W [ W}

theo cac vecto BN, CP.

\. Loi giai :




Cau 94: Cho tam gidc 4BC . Trén cic duong thing BCAC 4B 14y luot 18y cic diém
MSN,P [W NN NN} oL (NN

sodin L T = g PG gy, AR AT

\. Loi gidi :

Cau 95: Cho tam gidc 48C ¢é trung tuyén 4AM . Goi I 1a trung diém cta 4M va K 1a

1
. AK =—AC
diém trén canh 4C sao cho 3
a) Tinh B! theo BA,BC

uud uug
(W]N]N)

b) Tinh BK theo B4:BC 7

¢) Chimg minh %7K thdng hang?.

\. Loi gidi :




ﬁ«g

Cau 96: Cho tam giac 48C . Goi D.E tuong Ung la trung diém ctia BC, €4 Hay biéu thi cac

[ I 1N Iy W W |

AB.BC,C4 theo hai vecto 4D va BE

Loi giai

vecto

Do P-E theo thtr tw 1a trung di€m cla BC.CA nan

A

B C

0m 1
DE =- éAB(l)

[S]N N

BC =2BD =2DC.(2)

Theo quy tac ba diém ta cé

[S]N N} [S]NIN} [S]NIN} [S]N |}

AB =AD+ DE + EB(3)



uuug MmN}

BC =2BD =2AD- 248(4)

0 m0 000 000 00
CA:DA—DC:—AD—;BC(S)

0 00 (D0 000 00 »000 500
AB =AD- —AB- BE = AB =— AD- —BE
T (1) va (3) suy ra 2 3 3
00 000 ;o000 o000y o000 4000
BC =2AD- 2| Z4AD- ZBE| == AD+_BE
Tir (3) va (4) suy ra 3 303 3
I OO (000 00y 4000 o000
CA = AD- ‘ —_AD+ — BE‘ =- —AD - _BE
Tir (4) va (5) suy ra 303 3

44

Cau 97: Cho hinh binh hanh 4BCD  pat AB =a,AD =b .Goi O 1a trong tam cua tam giac

LILH_I LILILI
a,b

AG,CG

theo hai vecto
Loi giai

ABC  Bjgu thi céc vecto

M 5000 5 100 000 00 o0 00,

4G == am ==.—(4B+4c)=—(4B+ 4B+ BC)=—(2a +b)
Ta co 3 32 3 3

M 500 1m 0 00 00

cG=2cn =21 (c4 +CB) ——(CB +B4+CB) =(-26- a)
Ta c6 312 3

Cau 98: Cho tam giac 4BC, trén canh 4BC 15y M sao cho BM =3CM | trgn doan 4AM 1ay
N sao cho 24N =5MN G 13 trong tam tam giac 48C .

uuug uug uug uuu

AM ; BN AB; AC

a) Phan tich cac vecto qua cac vecto

uuu [NININ)

b) Phéan tich céc vecto qua cac vecto G4 va GB

Loi giai.
0D 300 00 000
BM ==—BC AN =— AM 4
a) Theo gia thiét 4 va 7

Suy ra:




D0 0N 00M 000 000
AM =AB+BM =ARB +ZBC

mi 000 oo qo000 sodd
=AB +Z{AL”- ARB) :EAB +1AC

0 00 0od 0l s0000 OO0 4¢q000 s0O00 73M0 5000
BN =BA+ AN =- AB+_—AM =- AB +—[—AB+—AC‘ = —AB+—AC
7 714 4 . 28 28

b) Vi G 1a trong tam tam gidc 4BC nén GA+GB+GC =0
Suy ra GC =- GA- GB |
0ma
MN =-
Ta co

[ J0 o, 3,00 00 0O, jO00 000
—- E(GB - GA)- El[— GA- GB- GA) =504 +-GB

aood 0on 000
AM =-

oo oo
GC- GA)

000 5000 3
GB- GA)- —
14

2 |
Z|—AB+ZAC| =- —(
714 4 . 14

~1| b3

Cau 99: Cho AA%C. Goil,/ 1a hai diém duoc xac dinh béi [4 =218, 3JA+2JB =0

uuuy

a) Tinh Utheo 4B va AC

. ., U t tam G chat idc AABC
b) Chirng minh rang duong thang qua trong tam = cua tam glac

Loi giai.
m W ,0m
IJ=-2AB+—AC
a) Ta c6 3
M  s00 4000 0 00
G =-—-AB+-AC IJ =—1G
b) 3 3 . Suyra 5 . Suy ra ¥ qua trong tam C cua tam giac
AABC

uuuuy

Cau 100:Cho ABC pigm M trén canh BC sao cho MB =2MC  Hay phan tich 4M theo hai

uuu [N]N]N]

vec to ¥ =48, v=4C,

Loi giai.
M M0 00 000 o000 000 5,000 OO0 4
AM =AB+BM =AB+=BC =AB+=(4C- 4B)
Ta cé 3 3
o0 - 00
——AB+=AC
3 3




Cau 101:Cho tam giac 4BC | Cac diém D.E thudc canh BC thoa A

méan BD =DE =EC  Gj3 st 4B =a, AC =b  Bjgu dién

Ly |N]N] SN M|N]N] NN

céc vecto BCBDBEADAE 0 a.b
¥ BT 2 C
Loi giai
BC :EJJ3+11JE =-a+h
i i
-a+
gp =BC _~a*b
]]:]? or 3
'} 2
BE == fc —Z(-a+b)
i o oo coth da+
AD =AB +BD =a+ atb :“”lh
o ood JJ‘J a+?
AE =AB+BE =a+= ( a+p)=2t2
Cau 102:Cho hinh binh hanh 4BCD  pat AB =a,AD =b . Goi T
BD,M - - 2
O 1a giao diém cua 4C va la trung di€m cua 5
CD.G la trong tamu CI}E tJaJrJr} glacJ OBC (Hinh 46). i M
Biéu thi céc vecto AC,A0,AM,AG,CG theo hai vecto B c
a,b Hinh 46
Loi giai
Theo quy tac hinh binh hanh ta c6: AC =48+ AD =a+b
o0 ¢ 0oo im 000 ¢~ 1~
we | AO|==| AC| A0 =—AC =—a +—b
Vi 40 cung huéng véi 4C va 2 nén 2 2 2 Vi M 1atrung
00 ¢ 0W 000 et i
AM :;{AC+AD} :;(a +h+h) =5a +h

diém caa €D nén 2 . Vi G 1a trong tam ctla

00 000 000 O -1 5
AG =—(AO+ AB+ AC) =— ‘ =4 +;b +ta+(a+h)| =—a +;b.
tam giac OBC nén 3 3fz 2 o 2
00 000 000 4§-=—=—= I 1
CG=AG- AC=—a+—b-(a+b)=- —a- —b.
o 2 O 2
Cau 103:Cho A4BC pat a =4B b=AC y
a) Hiy dung cac diém M, N thdéa maén M
oooo - 000
A;‘/f _—AB (NN} (NN
3 CN =2BC
’ Uy [N[N[N} [EINNH] B - N
c

b) Hay phan tich CM , AN  MN theo céc vec to
a b



Loi giai.
oo 4000 |
AM =— AB AM =—AB
a) Vi 3 nén M thudc canh 48 va 3

[NIN{H] (W] NN}

Vi CN =2BC pgn N thuoc tia BC va CN =28C

o0 0m 0mo 00 4000
CM =CAd+ AM =- AC +§AB :Eﬂ - h

b) Ta co6
LI H[u[h]| LI H[u[n]| H[uln]| [u LI a[u
vy AN =AB+BN =AB+3BC =AB+ 3(4C- AB)=-2a+3b
a )
I 0m 0m 7
MN =MA+ AN =- —a- 2a+3b=- —a+3b
Tuong tu 3 3
Cau 104:Goi G 13 trong tam cta A4BC . Hay biéu dién 4B, GC, BC, CAtheo a =G4,
b =GB
Loi giai.
Ta c6 AB =GB- GA=b-a_ 4
Vi GA+GB+GC =0= GC =-GA- GB =-a- b
LLiL LiL W|N|N) G
Ta cy BC =GC-GB =-a-b-b=—a-2h c

UL H[u[h]| m[u|n
yy CA=GA- GC =a- (-a- b)=2a+b
a .

Cau 105:Cho ABC pigm M trung diém 4B va N 1a mét diém trén canh 4Csao cho

:\f =INC Goi Kla trung diém MN . Phan tich vec to 4K theo cac vecto 4B va
AC
Léi giai.
0 ¢ ,00d ool ((p000 »000yy 00 OO
K :;(AM +AN) :_[ SAB+ZAC | =2 4B+ AC
Ta co = “L e /

Gis THU  THUAT

[N]NIN)

Cau 106:Cho ABC  Goi M, N, P lan luot 1a trung diém cta BC, CA, AB. Phan tich 4B theo

hai vecto BN 1a CP
00 4000 500 om 4000 o0
AB =—EBEN- —CF AR =- — BN +—CF
A. 3 3 B. 3 3
om 4000 00 om 2000 4 0@
AB =- —BN- =CP AB =- ZBN- —CP
C. 3 3 D. 3 3

Loi giai



Pap an C

UL ujun} A(NINH} (JJJ i NINN} uuL auin}

LIl

AB =AM + MB =3GM +(GB - GM ) =2GM +GB
i mi mi ool mi 400 o0

=GB +GC +GB =2GB+GC == ZBN- ZCF

Cau 107:Cho hinh binh hanh ABCD ¢ E, N 1an luot 1a trung diém ctia BC, AE. Tim céc sé p va

S|N]N] H|N]N]

DN =pAB +gAC

q sao cho
5 3 42 42 5.3
A P 4».q 1 B. P 3-"@' 3 C P 3-‘? 3 D. F4 4-‘? 4
Loi giai
Pap an D
0 00 00 O 00 000 OO 000 OO, sO00 5000
DN =DA+ AN =CB +— AE =AB - AC +1(AE +AC) = AB- L AC
5 3
PEpa=g
Vay

Cau 108:Trén duong thang chita canh BC clia tam gidc 48C 14y mot diém M sao cho

MB =3MC  Khi d6 d&dng thirc nao sau day dung?
mn g0 500

AM =- —AB+—-AC LU ug uw
A. 2 2 B. AM =2AB+ AC
Moo ¢ 00 000
Ly Ly L AM :—(AB +AC}
C. AM =AB- AC D. 2
Loi giai
Chon A
A
M C I "B

Goi ! 1a trung diém caa BC . Khi d6 € 1a trung diém ctia MI . Ta cé:

Jmo oo (00 000 10 100 | 000 Om (00 (0 500
AM + Al =2AC = AM =- Al +2AC =- ?I[AE + AC)+2AC =- ;AB +;fiC



Cau 109:Cho tam giac 4BC pigt 4B =8.4C=9.BC =11 G4 M 13 trung diém BC va N 1a

diém trén doan 4C sao cho 4V =¥ (0<x<9) ya thic nao sau day ding?
0ml 0 000 ool . py0@0 0O
MN :‘ —= AC+— AB MN :| —- ;‘ CA +;BA
A. 2 9] B. 9 2] 2
ml (. (00 00 ml (. (00 00
MN :‘ '—+; AC- ;AB MN :| ‘fif- —AB
C. 9 2 2 D. 9
Loi giai
Chon D

B

0 00 000 L0004 000 D00 (. |
MN =AN - AH’—aAC- —(AB+ AC) = ‘9 5

Ta co: .

Cau 110:Cho tam gidc 48C . Goi O 1a trong tAm va  1a diém d6i xtng véi B qua C . Trong
cac khdng dinh sau, khang dinh nao dang?

M o000 000 0m (000 000

AH =— AC- —AB AH =— AC- — AR
A. 3 3 B. 3 3

M »000 000 M »000 400

AH =—— AC+—ARB AH == AB- —AC
C. 3 3 D. 3 3

Loi giai

Chon A
A
H
B r M f C

Goi M-1 14n luot 1a trung diém cta BC va 4C.
Ta thdy 47CG 13 hinh binh hanh nén
I0 W0 00 00 0000 000 00 5,0 00, 00T
AH +AG =AC & AH+ZAM =AC & AH+ . ;(AE+.4C) AC

ai i ., [0 L0 (OO
= AH =AC- —(A5+Ac)=r AH =7AC- 2 4B



Cau 111:Cho tam gidc 4BC c6 trong tam G . Goi cac diém P-£-F 1an luot 1a trung diém ciia

cac canh BC-C4 vy 4B Trong cac khadng dinh sau, khdng dinh nao ddng?
W 00 (00 0 @m0 00 (00 OO 3000 300
AG =—AE+—AF AG =— AE +— AF AG =— AE+—AF

A. 2 2 B. 3 3 C. 2 2 D

M 5000 5000
AG =2 AE+ZAF

Loi giai

Chon D

B D C

500
AG ZEAD =

mo 00 5000 000
—(4B+4C) :—('*AF+ '}.45) =S AE+TAF

L.u'l|t~.?
t-J|—

Ta co:

000 000
BD :—BC
Cau 112:Cho tam gidc 4BC . Goi D 1a diém sao cho 3 va I 1a trung di€ém cta canh
0ooo - o 000
AM =— AC. uu o
AD | M 13 d@iém thoa man 5 Vecto Bl duoc phan tich theo hai vecto B4

va BC . Hay chon khang dinh dung trong cac khang dinh sau?
00 00 W 00 00

Bl =—BA+-BC Bl =—BA+—-BC
A. 2 3 . B. 2 2

m 00 400 0 00 00

Bf =—BA+—-BC Bl =——BA+—EBC
C. 2 4 D. 4 6

Loi giai
Chon A
A
M
1
B D C

Ta cé: I 1a trung dié’m ctia canh 4D nén

a0 00 0 0 4 0O
BI ——(BA+BD __‘ BA+_BC‘ ——BA+§BC

Cau 113:Cho tam gidc 48C . Goi M 1a trung diém cta 4B, N 1a diém thuéc 4C sao cho

(N]N]N] [N]N[N]

CN =2NA K 1a trung diém ctia MN . Ménh dé nao sau day la ding?



m @m0 00 0 @0 00

AK =— AB +—AC. AK =— AB+—AC.
A. 4 0 B. 2 3
m0 (MO0 000 0m q000 =000
AKX =— AB +—AC. AK =— AR+ — AC.
C. 4 3 D. 2 3
Loi giai
Chon A
A
N
My
B C

0 (00 OO0 M1 000 000
AM =—AB CN =2NA= AN =—AC
Ta c6 M 13 trung diém 4B nén 2 3
m 000 0O, (000 4000
AK :;(AM' +AN) =, AB+-AC.

7

Do do
Cau 114:Cho t& giac 4BCD | O 13 giao di€m cta hai duwong chéo 4C va BD . Goi G theo thi

uuuy

tw 1a trong tAm cta tam gidc OA4B va OCD  Khi dé GG  bang:

M0 0o M 0o 00 00
L(4c + BD) 2(4c +BD) 3(Cic+BD) L(Cic+BD)

A2 . B. 3 . C. . D. 3 .

Loi giai
Chon D

B
c
A N V
D

m1 4,000 000 OO
GG =-(Go+Gc+Gp)

Vi G 1a trong tam ctia tam gidc OCD nén 3 (1)
Vi G 1a trong tdm cla tam gidc O4B nén: GO +GA+GB =0= GO =- GA- GB (2)
[maa 000 MO 000 0ooo o o

GG = (-GA- GB+GC+GD)= —(AC+BD)
T (1) va (2) suy ra: 3

Cau 115:Cho tam gidc 4BC véi phan gidc trong 4D . Bigt 4B =5, BC =6 CA=7 Khi d6

AD bang:
oo Q00 O0d 100 00a 0o 0o 00a
3.43 +1AC 1.43' ifif lAB +ifif ifiB- lAC
Al 12 pn2T R a2 p12ln



Loi giai

Chon C

W

B° 13 °C

Vi 4D 1a phan giac trong cta tam gidc 48C nén:
000 000
BD _AB 5 _ ©h 3 pe
DC o AC T 7
00 000 s, 000 OO0
& AD- AB :?(AC— AD)

m 00 s 0
= AD =— A48+ — AC
2
Cau 116:Cho 4D va BE 13 hai phan giac trong cla tam giac 48C . Bigt 4B =4, BC =5 vy

CA4 =6 Khi d6 DE bang:

SO0 2000 00 <0 00 A0 I ol
SC4-3CB 3C4-2CB 9¢a-3¢B 3¢4-2¢B
A9 5. B.5 9 . ¢S5 5 . p.5 5,

Loi giai

Chon A
A
E
B° D' °C
Ch  AC o6 ch 0
- = = =

AD 13 phan gidc trong cta tam gidc 4BC nén DB AB 4 CD+DB 0+4

cp 6 00 30O
=]

22 cp=2caB
CB 10 50
(00 0m
E:E:‘ CE :ECA
Tuwong tu: €4 9 9

I 00 D0 00 300
DE =CE- CD =2CA- 2CB
Vay 9 5.
Cau 117:Cho hinh binh hanh 4BCD, Goi KL 1an lwot 1a trung didm BCCD. Bist
AK =a, AL =b pig, qign B4BC theo 0
im 4 o 000 7 4 (M I 2 [0 | 4
BAd=—a+—bBC =-—_a+—-b BAd = —a+—b,BC=- —a+—"b
AL 303 303 B. 303 303



0m | > [0 | 4 1 4 o O 2 4
BA —=- Eﬂ- Eb-'ﬁc =- gﬂ +§b BA=- —a+—h BC = —a+—-h

Pap an D

N[N H] uuu

LIl
BC =2BK =2(BA+

uug u [ANH] uuu

AK)=2BA+2a < 2BA- BC =-2a

NI NIH]

LI u|N]
cp=2D =2(r4+

uuu NI NIH] (A NH] (W N[H]

AD)=2BC - 2b = BA- 2BC =-2b

i o A _.4..2,
Eﬁfi- Bg =-2a - 3 3
- i im 5

BA-2BC =-2b BC =- :ﬂ‘"—b
3 3

Tw do6 ta c6 hé phuong trinh:

Cau 118:Cho AMBC ¢6 trong tam G . Goi / 1a diém trén BC sao cho 2C7 =3BI v3 J 13 diém

trén BC kéo dai sao cho 3/B =2JC Tinh 4G theo 4l va 4/
im 500 00 0o 3500 ¢ 000
AG =—Af- —AJ AG =— Al - — AT

A 16 16 B 16
0m 500 ¢ OO0 0m 3500 ¢ 000
AG =— AT+ —AJ AG ="— AT+ —AJ

C. 16 16 D. 48 16

Loi giai

Papan B

I B 1 M C
Goi M la trung diém BC:

00 0000 000 0
AG =— AM =

m m I m, 00 300 »000
5 T Al) e

m
AB+AC)2IC =-31B = 2(4C- a1)=-3(4B- Al =2 4B+ AC

00 5000 000
= AJ ZEAB_ EAC

Tuwong tu:



300 H-00 0@ (0 500 300 (500 300

EAB"‘?AC =Af AB :gfif+—.ﬁi.f i —Af+§.ﬁi.f
300 »ml of T jod 55 g]ﬁ:AG_E a5 o
—AB- —AC =A4AJ AC=—Al- — AT —Al- —
o 6 16 16~ 16
Ta co hé:
10 0
L ey
48 16

|NN N} SN

Cau 119:Cho AMBC pigdm M nam trén duong thdng BC sao cho nBM =mBC (n,m iﬂ). Phan

uug g
[N]NIN]E}

tich vecto AM theo 48-4C

m] g 00 0O M0, 00, OO

AM = AB+ AC AM = AB+ AC
A. nm+n m+n B. m+n m+n

m , 0o, 0O my , 00, OO

AM = AB + AC AM = AB + AC
C. m+n m+n D. m+n m+Hn

Loi giai
Pap an D
UuL Uy LUy Uy H{HN| Uy
nBM =mBC = n(AM - 4AB)=m(4C- AMr)
oof mi oo ool o, ood L, OO
= (m+n)AM =nAB+mAC < AM = AB+ AC
m+n m+n
oon 000
i , BD =—BC [N
Cau 120:Cho ABC  Tren BC 14y diém D sao cho 3 . Khi d6 phan tich 4D theo cac

vecto 4B va AC |

M 000 4000 M (000 5000

AD =— AB+—AC AD =—AB +—AC
A. 3 3 B. 3 3

M 00 500 Ml 5000 000

AD =AB+—AC AD =— AB- —AC
C. 3 D. 3 3

Loi giai
Pap an A
A

B D C

0 00 000 0 (00 ml 00 OO0, »000 o000
AD =AB+BD =AB+_BC =4B +§(.4::- AB):EAB +3AC

Mudn d6i thay thi c& day thoi.
Mudn déi théi quen, phai thay hanh dong.



Muén day khé khan, phai thoi dé 16i.
Dirng dé 16i cho thay khi ban hoc dd, ban cé thé tim thay khac phit hop ma

Tai liéu duoc chia sé boi Website VnTeach.Com

https://www.vnteach.com
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