MUC LUC

ZBAI (J. HE THUC LUQNG TRONG TAM GIAC......crerrerereererrersessssessessesssessessessessss 2

®. Tém tit kién thirc

(®. Phin dang toan co ban

‘Dang @: Ung dung dinh ly cosin trong tam gidc va gidi tam gidc......... 3
*Dang ®: Ung dung dinh ly sin trong tam giac va giai tam giac............ 6

©. Dang to4n rén luyén
+Dang ®: Cau tréc nghiém nhiéu phuong an lua chon..........coeevvvveennnnen, 7
*Dang @: Cau trac Nghiém dUNng, Sai.....cccoeiviiiiiiiiiiiciee e 38

*Dang ©: Cau trac Nnghiém tra 10i NgaAN.........oooiiiiiiiiiieeeeeeeee e, 52



IH Tom tat kién thuc

/

@ Ngam Thap Rua tu b, chi véi nhitng dung cu don gian, dé chuén bi, ta cling c6
thé xac dinh dugc khodng cach tur vi tri ta ding téi Thap Rua. Em cé biét vi sao?

Coé hay khéng, mét kidu dinh i
Pythagaore cho tam gise luy y7

®. Dinh ly Cosin

& Cho tam giac 4BC ¢ BC =a.AC=b 5 AB=c Tac6
@ a =b +c - 2bccos A.
o b =c+a - 2cacosB.
© ¢ =a +b’ - 2abcosC.
A
7
B a (G

& Hé qua: Ap dung dé tinh géc

b +c*-a’
cos A =——M
) 2bc
c+a -k
cos B =——m8
) 2ea
a +bh*-¢°
cosl =————,
) 2ab

®. Pinh ly sin:
@ Tam gidc ABC véi BC=a,CA=b,AB=c va R la ban kinh duong tron ngoai tiép,

a b c

= = =2R
sind  sinB  sinC

N




7o 1

W

©. Cong thuc tinh dién tich tam giac

&

" Cho tam gidc ABC ¢6

e

h.h R 13 d6 dai dudng cao lan lugt tuong tng véi cac canh BC. CA AB,

(<]

R la ban kinh dudng tron ngoai ti€p tam giac;

@ r |la ban kinh duong tron ndi ti€p tam giac
_a+b+tc
© 2 |a ntra chu vi tam giéc;

© 5 |a dién tich tam giac. Khi dé ta co:
A

h

o

_abe
© 4R
@ S=pr

by :,.flnlrn- alln-hWn-¢)
_

®. Phan dang toan co ban

‘Dang ©: Ung dung dinh ly cosin trong tam giac va giai tam giac.
=Cac vi du minh hoa
Cau 1: Cho tam gidc ABC c6 A = 72°, B = 83°, BC = 18. Tinh dd dai cac canh AC,
AB va ban kinh R clla duong tron ngoai ti€p tam giac do.
Loi gidi

bata = BC, b = AC, c = AB.



Tac6:a=18,C =180°-(72° + 83°) = 1 25°.

Ap dung dinh Ii sin, ta c6 —— = b__ [ 7% cC_ _
p aung di ! sin A sin B sinC
2. | 4_53 -
B
Suy ra' Hinh 7 ‘
asinB 18.sin83°
AC=b= sinA ~ sin72° 18.8;
asinC 18.sin25°
AB=c= sinA ~ sin72° =8
a 18
T 2.sinA” 2.sin72° 9.5.
A _asc o R=po  BSSMC=S g
Cau 2: Cho tam giac (H.3.9) co va . Tinh d6 dai canh

Hinh 3.9

Loi giai

A . Ve A . LV4 ABC
Ap dung Pinh |i c6sin cho tam giac

BC® =AB* + AC* - 2AB.AC.cos 120"

=57 +87- 2.5.8.‘ - 2| =129

!
2
BC =129

Vay

ABC AB =5, AC =8 y =45°
Cau 3: Cho tam giac cod va . Tinh d6 dai cac canh va d6

I6n cdc gbc con lai cha tam gidc.
Loi giai

Ap dung dinh ly cosin:

I:-J|‘:ﬂ

BC® =AB” + AC* - 2AB.AC.cos 45" =5 +8° - 2.5.8.¥% =g89- 402



= BC =+/80- 4042

Ap dung dinh ly cosin :

dec-p (89-4042)e 5 -8

= ~-0,0202= B =919
2ac 2(89- 4042).5

cosf =

& ~180° - 45" - 91°9'26,83" ~43°50'33,17"

. ., ABC BC=a=6cm AC =b=Tecm AB=c=5cm _
Cau 4: Cho tam giac cO cac canh , , . Tinh
cos B

Loi giai
a+c-b 0 +5-T 1
Ccos g = = -
2ac 2.0.5 5
Theo hé qua cla dinh ly cbsin ta cé:
. . ABC AB=3 AC=5 _BC=6 _ _ cosd
Cau 5: Cho tam giac co ; va . Gia tri cua bang
Loi giai
AB*+ AC* - BC® 3 +5-06° 1
cosd = = ==
2.AB.AC 2.3.5 15
Ta cé

N L4 ABC 7/ A N\ \ AB :2 BC :3 CA :4 e 7
Cau 6: Cho tam giac Cc6 d6 dai ba canh la , , . Tinh goc
ABC

Loi giai
cos 1BC _BAT+BC* - AC

] _ i _ ., i 2.BABC
Ap dung dinh ly cosin trong tam giac ta cé:

42 92 _ 42 L _
= Cos QEC :ﬁ :_?’I :_I
2.2.3 12 4



~ Hpc =104729°
Suy ra goc :

‘Dang ©: Ung dung dinh ly sin trong tam giac va giai tam giac.
=Cac vi du minh hoa
Cau 7: Cho tam gidc ABC c6 A = 72°, B = 83°, BC = 18. Tinh d6 dai cac canh AC,
AB va ban kinh R clla dudng tron ngoai ti€p tam giac do.
Loi gidi
Pbata =BC, b = AC, c = AB.

Tacé:a=18,C = 180° - (72° + 83°) = 25°.

a b c
Ap dung dinh [i sin, ta c6 sind = sinB = sinC J = 2.
Suy ra: I’?zz
asinB  18sin83 |
AC=Db= sind = sin77 =~ 18,8: i £ 18 {

asinC 18sin25
AB=c= sind = sin77 =g

a 18
R = 2sind = 2sin7Z =~ 9 5,

ABC  b=8.c=5 B =80

Cau 8: Cho tam giac cé va . Tinh s6 do cac gdc, ban kinh

duong tron ngoai ti€p va do dai canh con lai clia tam giac.

Loi giai
4 . Ve . . 7 ABC Ve
Ap dung Dinh li sin cho tam giac ta co:
.2l g a1 0
. | SinC :I:.S].l]B :u.smaﬂ ~0.62
: = IL =2R = b 8
sinB  smC R = h _ .8 —4.06
2sinB  2.5in80°
ABC  c=14  A=00,B =40".
Cau 9: Giai tam giac , biét va
Loi giai

€ =180" - (% + B) =180° - (60" +40°) =80".
Ta cé



a b 14

) o  sin60°  sin40°  sin80"
Ap dung Dinh li sin ta cé:

a :I4.I51n f:u.f,}' ~12.3L: b = I4.I51n %D' ~9.14,
sin 80" sin 80"
Suy ra

ABC  b=32c=45 =87
Cau 10: Giai tam giac , biét va
Loi gidi

4 . Ve A . L4 ABC 7/
Ap dung Binh li c6sin cho tam giac , ta co:

a’ =b" +c” - 2bc.cos 4 =327 +45° - 2.32.45.c0s87" =2898,27

a =53.84
Suy ra

~ . Ve . .7 ABC 7/
Ap dung Dinh li sin cho tam giac , ta co:

53,84 _ 32
sin87"  sinB

¥ oy a )
sing =-23M87 0 59 = B ~36%"
53.84

Suy ra

& =180° - (4 +8)=180° - (36°9'+87°) =56°51".
Tacd

©. Dang toan rén luyén
‘Dang ©: Cau trac nghiém nhiéu phuong an lua chon

AABC  a=4 c¢=5 B =150 ABC
Cau 1: Cho cod , ) . Tinh dién tich tam giac
S =10 S =103 S =5 S =53
A. . B. . C. . D. .
Loi giai

Chon C



h) :lm"sin B :1.4.5 sin 150"
ABC 2 2 =5
Dién tich tam giac la
N AABC Ve a =2 b =6 E’ :]-350 A Ve 2 LV4 \
Cau 2: Cho co ; ; . Dién tich cua tam giac la
62 32 43 4
A. : B. : C. . D. .
Loi giai
Chon B
s :i—absin C :I;.E.G.sin 135° =32
Tacéd. )
X 4BC H=60" b=10 c=20 . ABC
Cau 3: Cho tam giac co , , . Dién tich tam giac bang
703 603 503 403
A. . B. . C. . D. .
Loi giai
Chon C
Sy se :%h.n'.singl :l—.ID.ED.s,in 60° =503
Ta cé ) )
i AABC  a=2 b=6 E=153 o
Cau 4: Cho co , , . Dién tich cua tam giac la
4 62 W2 W2
A. . B. : C. : D. .
Loi giai
Chon C
S, e :la.h.s,inf_" zl—.ﬁ.ﬁ.Silnl35" =32
Ta cé 2 2 :
N e 7 N N > \ 10 11 7 " A Ve >
Cau 5: Tam giac c6 do6 dai ba canh lanlugtla , , c¢o6 dién tich bang:
15V2 3042 5043 253

A. . B. . C. : D.



Loi giai
Chon B

_9+10+11
=

P =15

NU'a chu vi cia tam giac da cho la

5 ZJp(p- 9)(p-10)(p-11) Z?&D»JE
Dién tich cda tam giac da cho la

4 .. B o . s Ar 4A
Cau 6: Khodng cach tr dén  khdng thé do truc tiép dugc vi phai qua mot dam

. N 4 B .
lay. Ngudi ta xac dinh dugc moét diém  ma tu dé cé thé nhin dugc  va  dudi

60° C4 =200(m) CB =180(m) 4B
mot géc . Biét ) . Khodng céch bang bao nhiéu?
168(m) 228(m) 20491(m) 112(m)
A. . B. . C. . D.
Loi giai
Chon C
C
A B

AB® —CA* + CH - 2CACB.cos60° =36400 = AB =20491(m)

4 . B o N A
Cau 7: Khodng cach tr dén  khdéng thé do truc tiép dugc vi phai di qua mot

> > N\ yd . A T C \ \ 7/ 7 2 N A \ B Y&
dam lay. Nguoi ta xac dinh mot diéEm  ma tu dé c6 thé nhin dugc  va  dudi

o 24" CA=250m CB=120m , ., AB >
mot goc . Biét rang , . Khoang cach bang bao nhiéu?
A. 255m B. 166m C. 298m D. 266m

Loi giai



) —JAc? 2.9 25
Ta c4: AB JAC? +BC* - 24C.BC.cos Hep ~2 Sm-

4 . C . g . N
Cau 8: Khodng cach tr dén  khdng thé do truc tiép vi phai qua moét dam lay

A . . L e ar o B 2 , ., AB  12km

nén ngudi ta lam nhu sau. Xac dinh mot diém  cé khoang cach la va do

o Hep=37 . 4Cc . . BC _  5km
duogc géc . Hay tinh khoang cach biét rang bang :

AC =1T7km AC =12km AC =15,6km AC =20km
A. : B. . C. . D.
Loi giai
Chon C
B
12&m Siom

Ap dung dinh If Césin ta c6:

AB* =AC* +BC* - 2AC.BC.cos HcB
= 144 =AC* +25- 10AC.cos 3T

= AC' - 10AC.cos37 - 119 =0

AC =5c0837" +4/25¢c08> 37" +119 =~15,6(n)

=

AC =5c0s37" - Jf25c0s° 37 +119 ~-7.6(7)

AC =15,6km
Vay



N 100”1 2 7 B N A Ve
Cau 9: Trén ngon doi c6 moét cai thap cao (hinh vé). Binh thap  va chan thap
n N " A2 A 2 Py "o e Ve Ve 7 S 300 N 600 Y&l
lan luot nhin diém & chan dbéi dudi cac goc tuong ung bang va so VOi

. AH N
phuong thang ding. Tinh chiéu cao clia ngon doi

6[}” h-

7=

60m 50m 55m 45m
A. . B. . C. . D. .
Loi giai
Chon B
, Uer =120° ; Hpe =30° = Bac =30° ABC
TU gid thiét suy ra: . Do d¢6, tam giac can tai
C

= AC =BC =100

. AH . .
510 QCH =— = AH =AC.sn30 =50m
C AC

Trong tam giac vudng

ABC a=5b=Hc=7 A
Cau 10: Cho tam giac c6 ba canh . Tinh c6sin géc¢
3 2 33 1o
7 21 42
A, . B. . C. : D.
Loi giai

Chon A

5
Ap dung dinh If césin trong tam giac ta cé 2be 7.



R _ ABC  AB=5 BC=7 AC=8 A
Cau 11: Cho tam giac co ; ; . S6 dogdéc bang

45° 90° 60° 30°
A. : B. : C. : D. :

Loi giai
Chon C

AC* +AB - BC® _§ +5 -7

cos 4 = L A =60
- 2AB.AC 285 2
Tu do suy ra
i AABC  AB=4 AC=6 H=1200 i
Cau 12: Cho co ; ; . D6 dai canh BC la
Ji9 W19 2419 27
A. . B. : C. : D. .

Loi gidi
Chon C
BC* =AB  + AC" - 2.AB.AC.cos A

Ap dung Binh Ii Césin ta cé:

= BC =+/4> +6°- 2.4.6.c05120° =2:f19

4BC B =060",4B =10,BC =6 C
Cau 13: Cho tam giac co . Tinh d6 dai canh
A, 219 B. 02 C. 14, D. 76,
Loi giai

Chon A

Ta c6 AC® =AB® + BC* - 2AB.BC.cos B =76 = AC =219

X  ABC  B=135" 4B=J2 _ BC=3 AC
Cau 14: Cho tam giac co , va . D6 dai canh bang?
2
J5 J17 5 4

A. : B. . C. . D.



Loi giai
Chon B

. , ) AC® = AR + BC” - 2. AB.BC.cosB =2+9- 3_@_3_,:05'35-:. —17
Theo dinh ly cosin:

= AC :Jﬁ
ABC B =135°,BC =3,4B=\2 AC
Cau 15: Tam giac cé . Tinh canh
J5 2,25 5 J17
A. : B. . C. . D.
Loi giai
Chon D
A
B C

x . 7 . L4 ABC 7/
Ap dung dinh ly cosin trong tam giac , ta co:

AC* =AB* +BC* - 2AB.BC .cos B =2 +9- 2.2 3.cos135" =17

AC =17
Suy ra _
ABC 4B =9,BC =8,HBC =60° AC
Cau 16: Cho tam giac co . Tinh d6 dai doan
Vi VT3 V217 g
A. : B. _ C. . D.
Loi giai

Chon B



AC® =AB® +BC*- 24B.BC.cosHBC =8* +9°- 2.9.8.1— =73 = AC =73
Ta cé: )
ABC BC =a =6em AC =b=T7cm AB =c =5cm
Cau 17: Cho tam giac cb cac canh ) ) . Tinh
cos B
cos B :l cos B :E
5 35
A. B
cos B :L cosB =i
15 7
C D.
Loi giai
Chon A
a +ct-b" 6 +5 -7
cosf = = ——
i 2ac 2.0.5 5
Ta co:
A . ABC  a=8 c=3 B=60° b .
Cau 18: Tam giac co , , . D6 dai canh  bang bao nhiéu?
J6l 49 Jo7 7
A. . B. . C. . D. .
Loi giai
Chon D
b*> =a” +¢” - 2accos B =8 +3° - 2.83¢cos00" =49 = p =7
AABC ~ BC =12, 4C =15 e =60° AB
Cau 19: Cho co , gbc . Khi d6 d6 dai canh la:

AB =67 AB =37 AB =621 AB =321
A. . B. C. . D. )



Loi gidi
Chon D
Theo dinh Ii cosin ta cé: AB° =BC” + AC”- 2BC.AC.cosC =127 +15° - 2.12.15.cos60° =189

= AB =321

4pc H =120°

Cau 20: Tam giac co thi cau nao sau day dung
a’ =b* +c° +3bc a’ =b* +c’ - be
A. . B.
a’ =b* +¢’ - 3bc a’ =b* +c’ +be
C. : D.
Loi giai
Chon D

_a’ =b"+c” - 2ab.cos A =b” +¢” - 2ab.cos120° =b" +c” +ab
Ta co

Cau 21: Cho tam giac 4BC 6 @ =4, b=3, C=60" Tinh d6 dai canh °.

A. c=5, B. ¢ =13,
C. C :\/25+12\/§ . D. ¢ :13
Loi gidi

Chon B

Theo dinh |i cOsin ta co:

c? =a® +b* - 2abcos C =4% +3% - 2.43.cos60° =13 _

vay ¢ =V13
i  ABC  a=5 b=3 ¢=5 __  _  Bac
Cau 22: Tam giac Co: ; ; . S6 do cua goc la

A 000 g H=300 g H=as o p H =900
Loi giai
Chon A



2 2 _ 2 2 +52 _ 2
cos A :bﬂ—ﬂﬁ cos A4 :! :i = cos A -::I—: U > 60°
Ta 6 2bc 235 10 2
4gc 4 =120
Cau 23: Tam giac cé thi cau nao sau day ddng?
a =b" +c’ - be a’ =h" +c° - 3bc
A. ) B.
a’ =h" +c” +hc a’ =b* +c +3be
DI
Loi giai
Chon C

_a =b"+c” - 2ab.cos A =b" +¢” - 2ab.cos120° =b7 + ¢ +ab
Ta co

Cau 24: Cho tam giac 4BC ¢ ba canh 9=, 2=6, ¢ =7 Tinh cosin géc 4.

5 2 55 10
A. 7. B. 21, C. 42, D. 7.
Loi gidi
Chon A
B +ct-a* 62 +7*-5% 5
cosA = = =—
Ta cd 2bc 2.6.7 7
R ) o C  ABC | & =a’+b’+ab
Cau 25: Tinh goc  cua tam giac biét .

C =150°. C =120°. C =60°. C =30°.
A. B. C. D.

Loi giai
Chon B

ABC _¢"=a +b - 2ab.cosC
, ta co
Ap dung dinh i c6-sin cho tam giac

> > -]
- =a-+h +ab

Mat khéac theo gid thiét



. . 7 7 7 I 0
e =a +b +ab=a +b - 2abcosC = L'DSJ::; = C =120°

Do dé ta dugc

ABC  AB=3a AC =4a A=60"

Cau 26: Cho tam giac co ) ) . Khi d6 d6 dai canh bang
a37
a\37 2 5a a13
A. . B. . C. . D. .
Loi giai
Chon D
Theo dinh ly cosin, ta cé
. X 1
S S ZJQG' +16a” - 2.3a.4a.—
BC =JAB* + AC*- 2.4B.AC.cos A 2 =a\13
ABC  a=4 b=3€ =00’ .
Cau 27: Cho tam giéc cé . Tinh d6 dai canh .
c :\/E c =13
A. . B. .
¢ = c={25+12B
C. . D. .
Loi gidi
Chon A
Theo dinh ly césin:
> =a® + b - 2ab.cos € =47 +3° - 3.4.3.'; =13= ¢ =13
ABC AB =2cm AC =lem 4 =60°
Cau 28: Trong tam giac cé ) ) . Khi d6 d6 dai canh
BC
la
A, V5em B. lem C. 2em, p. 3em,
Loi giai

Chon D



Ta cé BC® =AB* + AC* - 2ABAC.cos A = BC* =2° +1°- 2.2.1.cos 60° = BC* =3

Vay BC Zﬁcm.

ABC AB =5,BC =7,CA=8 A4
Cau 29: Cho tam giac cod . S6 do géc  bang
45° 90° 60° 30°
A. . B. : C. . D. .
Loi giai
Chon C
cos Bac =28 +AC - BC _1_ gc =60
) 2AB.AC 2
Ta co:
X A 60°
Vay s6 do goc  bang
A ., 4BC  BC=I0  A4=30" R | . N
Cau 30: Cho tam giac co va goc . Ban kinh  cua duong tron
o . ABC
ngoai tiép tam giac bang
&
NG 5 103 10
A. : B. . C. . D. .
Loi giai
Chon D
'R = ‘.EC _ .m.. _ IE}.
’ | - 4BC , sind  sin30 (IE):> R =10
Ap dung dinh ly sin trong tam giac ta co :

. a oo . v R
Cau 31: Tam giac déu canh ndi tiép trong dudng tron ban kinh  bang

a3 a3 a2 a3
2 3 3 4
A. . B. . C. : D.
Loi giai

Chon B



2 2 ﬂ-.ﬁ ﬂﬁ
R=—h=—. =
Ve Ve \ \ . . A .7 N a 3 3 2 3
Ban kinh duong tron ngoai tiép tam giac déu canh
h,
A _ABC . A4=30"  B=45" _ h
Cau 32: Cho tam giac €O goc , 9OC Tinh
hy _1 h_ 1 h_p h N2
h, 2 h, 22 h, h, 2
A B. . C D
Loi giai
Chon C
S :,I}_”-"rh Zl—b.f’r,: = h—“ZE
Ta cé < < b a

sind sinB a sind sin30°

1
a _ b _ b_sinB_sin4s =d:§=\ﬁ

Theo dinh ly sin co: 2
h b
VA h, a J_
ay
ABC  AB=5:%=30:%=70. BC
Cau 33: Cho tam giac cé D06 dai cla canh cé gia tri
gan nhat vdi gia tri nao duéi day
5,2. 2,5. 2,6. 9,8.
A. . B. . C. . D.
Loi gidi
Chon B
& =180 - (%+3)=s0.
Ta cé
' ‘.EC _ TéiB © BC :ABIsmA :5'.5“]30 25,
Sintg cg sind  sinC sinC sin 80

Ap dung dinh I

BC =2,5.
Vay :



ABC AB =6 2sin 4 =3sin B =4sinC

Cau 34: Tinh chu vi tam giac biét rang va
106. 26. 13, 5426.
Al . B. . CI . Dl
Loi giai
Chon B
AB:AC:??’G :‘IAC:?AC:S
sinc s # sin B sin B
Ta cod
?C:%C:? ?C :_]‘S = B =12
sin A4 sm B sin A ; EiI] A

Va

_  C=AB+BC+CA =206
Chu vi tam giac .

4gc  Bac =60, Upc =45", pc =Jom AC
Cau 35: Cho tam giac co . Tinh d6 dai canh ?
AC =4m AC =2 m AC=2m AC =1m
A. . B. . C. . D.
Loi giai

Chon C

Ap dung dinh ly ham sé sin ta cé:

.:EC _ ,I»QC o AC :BC:.SII]E :Jals.an:S -
sind  sInf sin A sin 60

N L4 ABC Ve BC :3a \ Ve Ve \ \ . " A
Cau 36: Cho tam giac nhon coé va ban kinh duong tron ngoai tiép tam

.7 ABC \ R :an e n 7/
giac la . Tinh s6 do goc

A =45 A=30° A4 =60° A =120°
AI Ll BI . CI Ll DI
Loi gidi

Chon C



BC . BC 3a 3

: =JR=s5m4d=—-= =
) ABC sin 4 2R Eaﬁ 2
Ap dung dinh ly sin trong tam giac ,tacéd
4=60° _ ABC
Suy ra (do tam giac nhon).
aqpe AB =54 =40 B =60° BC
Cau 37: Cho cé . D0 dai gan nhat véi két qud nao?
3,1 3,7 3,5 3,8.
A, B. : C. : D.
Loi giai
Chon A
E =180° - (40° +60°) =80°.
x . 7 . \ AABC
Ap dung dinh ly sin vao ;
:{B = ‘.BC = BC = ',-IB sind =— ) —.sin 40" =3,26.
sinC  sin A sinC sin 80
i 4BC _ BC=10 _  H=3° . i _
Cau 38: Cho tam giac co va goc . Ban kinh dudng tron ngoai
- . ABC
tiép tam giac bang
R0
R =103 R =10 NE) R =5
A. . B. : C. : D. .
Loi giai
Chon B
BC _op R = ‘F’f': = ,'U _ =10
.. ABC o sinA 2sin4 25130
Trong tac giac ta co suy ra
N .7 ABC Ve BC =3a \ Ve Ve \ \ . " A
Cau 39: Cho tam giac nhon co va ban kinh dudng tron ngoai tiép tam
_ ABC _ R =a\3 ) . A
giac la . Tinh s6 do goc
A =45° A =30° A =60° A =120°
A : B. . C. : D. :



Loi giai

Chon C

. ABC sin A 2 2a+3
Ap dung dinh ly sin trong tam giac ,tacod

A=60° _ A4BC
Suy ra (do tam giac nhon).

i AABC ~ BC=a BAC=1200 o _ ABC
Cau 40: Cho co , . Ban kinh duong tron ngoai tiép la

_a~3 a a\/_

3
R = R =
3

Chon D

2R = : 5C = R :I__ d :ﬂﬁ
in sin BAC 2 sinl20° 3

S
Theo dinh ly trong tam giac ta cé

ABC 2asin B =b\3 ] A
Cau 41: Cho tam giéc nhon thda man . Tinh s6 do géc

90° 30° 60° 45°
A. . B. . C. . D. .

Chon C

2asin B :hﬁﬁ 2hsin A :bﬁﬁ sin 4 =

NE)
_asinB =bsinA4 ?
Co nén

- A=60°
Vay .

aBe  B=45", B =30°, 4C =2 4B
Cau 42: Cho co . D6 dai canh la



Chon A

Ap dung dinh Iy sin cho A4BC ta c6

1
n
: y i ane 2.
148 _ flcif_" = AR :AC'I.SII]C' 2“'.5“]3? _ _3
sinC  sin B sin B sin45 \E
2
A L ABC  BC=10 o 4=30" R
Cau 43: Cho tam giac co va goc . Ban kinh Ccua duong tron
. . A 7 ABC >
ngoai tiép tam giac bang
R=10
R=5 R =1043 R =10 NG
A. . B. . C. . D. :
Loi giai
Chon C
Iﬂ =R = R = ﬂ = II:I - =10
. sin A 2sin4  2.s1n30
Ta co
i AABC  BC=6 _ _ Bac=30" \ \ o
Cau 44: Cho co va goc . Ban kinh duong tron ngoai tiép
AABC |
bang
23 3 12 6
A. : B. . C. . D.
Loi giai
Chon D
Theo dinh |i sin trong tam giac ta cé:
.L'.' =2R = BC —2R= R = BC = 0 =i
sinA sin A4 2sin4  2sin30°
ABC BC =53em, Bac =30 ]
Cau 45: Cho tam giac co . Ban kinh duong tron ngoai tiép

_ ABC
tam giac bang



Sem 10cm 5\3em 3 o
AI L] BI . cl . DI .
Loi giai
Chon A
q
BC =2Re®* R=—— =5
) _ o _ sin Bac 2.5in 30
Ap dung dinh ly sin ta cé
5 4 3
R ., ABC  sind4 sinB sinC _ a=10 _ . L
Cau 46: Cho tam giac co va . Tinh chu vi tam giac do.
24. 36. 22. 12.
Al Bl Cl Dl
Loi giai
Chon A
5 4 3 10 8 0 a 8 0
- = - = - L —] - = - = - L —] - = - = -
o snAd smB sinC  sind sinf smC  snA4 smB  sinC
Ta co
b=8,c=6

Theo dinh ly sin trong tam giac ta tinh dugc

_ o atbh+c=24
Chu vi tam giac la

. ., ABC . . . _ b+c=2a . . o
Cau 47: Cho tam giac thdéa man hé thuc . Ménh dé nao sau day la
dung?

A, cosB+cosC =2cos 4 B, sinB+sinC =2sin 4
: . |
sinfB+s5nC =—sin 4 ) i
C. 2 i D. sinf+cosC =2s1n 4
Loi gidi
Chon B
b+c =2a = 2RsinB+2RsinC =2.2Rsin 4 < sin B+sinC =2sin 4
ABC AB =5,4=30",B=T70 BC
Cau 48: Cho tam giac co . DO dai clia canh c6 gia tri

gan nhat véi gia tri nao duéi day



2,5 2,6 9,8 5,2

A B. C D
Loi giai
Chon A
A=30",B=70" = C =80°
Ta cé
BC _ AB _ BC:AB.EinA :S.SinBD ~2.54
o _sind  sinC sinC sin 80
Theo dinh li sin ta cé
ABC AB =3, BC =5 - BM =13
Cau 49: Cho tam giac co va db dai duong trung tuyén
Ve N N AC
. Tinh d6 dai
2
AT B. 4. C.2. p. V10,
Loi giai
A
3 M
B C

Theo céng thic tinh d6é dai duong trung tuyén;ta cé:

., _BA*+BC' AC’ > ¥ +5  ACT _
BM == = o (JI3) = - S=ac=4

. . 4BC  Bac=e® ~BC=V3 _
Cau 50: Cho tam giac cO goc va canh . Tinh ban kinh cua
\ \ . L4 .7 ABC
duong tron ngoai tiép tam giac
A. R=4, B. R =1, C. R=2, D. R=3,
Loi giai
BC =R = R = BC :J?: =1
sin A4 2sin 4 ﬁ

Ta co:



Cau 51: Trong mat phang, cho tam gidc 4BC ¢ AC=4cm g4c Y=60" B =45

D6 dai canh BC |3

A. V6. B. 2+2V3
c. 2¥3-2, D. V6.
Loi gidi
P P
& BC =—=— =24J0
BC _ AC 2
_sind sinB 2
Ta cé
X 3 CH=es'12r B=34%4' up-117. _  ac
Cau 52: Tam giac ABC c6 , , Tinh ?
A. 68. B. 168. C. 118. D. 200.
Loi giai

Ta c6: Trong tam giac 4BC: H+B+E =180" = € =180" - 68”12~ 34%44' =77"4"

a b c AC _ 4B c—ABsinB _| 17.sin34"44"

M3t khac sind smB smC  sinB sinC sinC sin 77°4"
ABC  a=0,b=8,¢c=10. S
Cau 53: Cho cé Dién tich  cua tam giac trén la:
A. 48. B. 24. C. 12. D. 30.
Loi gidi
_a +h+c

. s . p=
Ta cd: Nlra chu vi A4BC; 2

S=plp- alp-b)p-c) =12(12- 6)(12- 8)(12- 10) =24

Ap dung céng thic Hé-réng:
AABC a =4,c =5,B =150".

Cau 54: Cho céd Dién tich cua tam giac la:
A. 5V3. B. 5. C. 10. D. 1043,
Loi gidi
I D e
Ta cb: Saapc —EH.C.EJEIB —E.-“i_ﬁ.ﬁmlﬁ[i =5.
X _ ABC _ 4B=2 BC=3 _ Hpc=60" _ o
Cau 55: Cho tam giac . Biét ; va . Tinh chu vi va dién

, . ABC
tich tam giac



A 5+VTyy 2, B. 5+V7va 2
33 3
c. Vvy 2 D. 5+V19y3 2.
Loi giai
A
1
K a °c

 AC? =AB® +BC’ - 2. AB.BC.cosHBC =4+9- 2.2.3.c0s00° =13- 6 =7
Ta co: :

Suy ra 4€ =7,

Chu vi tam gidc 4BC |3 AB+AC+ BC :3+3+ﬁ_

2.3sin60° zﬁ

I .
S, s Z;AB.BC.sm Upc = .

Dién tich tam giac 48C |3 2
Cau 56: Trong khi khai quat mot ngéi mo c¢6, cadc nha khao ¢6 hoc da tim dugc

b | —

mot chiéc dia c6 hinh tron bj v8, cadc nha khdo c6 muén khoi phuc lai hinh dang
chiéc dia nay. D€ xac dinh ban kinh cla chiéc dia, cadc nha khdo c¢6 lay 3 diém trén

, , , AB=43  BC =37
chiéc dia va tién hanh do dac thu dugc két qua nhu hinh vé ( cm;

CA =15 , ‘
cm; cm). Ban kinh cua chiéc dia nay bang

A. >74m  B.6,0lcm. C.5,85cm. D.4,57cm.
Loi giai
c e RO N L R . o ., ABC
Ban kinh  cua chiéc dia bang ban kinh dudng tron ngoai tiép tam giac

_AB+BC+CA _4,3+3,7+7,5 3l

, o agc P 2 2 )
Nua chu vi cua tam giac la: cm.




se S 4B)p- BOYp- CA) =5.2

Dién tich tam giac la: cm?.
AB.BC.CA AB.BC.CA
s="0 s g=l T a5 T3
. 4R 45
Ma cm.

Cau 57: Gid s CD = h la chiéu cao cua thap trong dé C la chan thap. Chon hai
diém A, B trén mat dat sao cho ba diém A, B, C thang hang. Ta do dugc AB =

E4p =63" BBD =48"

24m, ; . Chiéu cao h cua khéi thap gan vdéi gia tri nao sau day?
A. 61,4 m. B. 18,5 m. C. 60 m. D. 18 m.
Loi giai

A 24m

BAD =63 = BAD =117 = UpB =180°- (117" +48° ) =15"

Ta cé
AB____BD _ . _ABsin Bap
) _ o y _sin Ups  sinB4D sin 4ps
Ap dung dinh ly sin trong tam giac ABD ta cé:
sinBBD :%:- CD =BD.sin€BD
Tam giac BCD vudng tai C nén c6:
w w oy w i w F i
cD :AB.sm EAD.sm Esp :“—Lsm I.I? .:ﬁ,m 48 —61.4m

R sin 4D sinls
Vay

n A . 7 7 7 A Y&l 7 lom AN 2 Y& 7 )
Cau 58: MOt ngudi quan sat dung cach mot cai thap , nhin thang cai thap dudi

55° )
mot goc va dugc phan tich nhu trong hinh. Tinh chiéu cao cua thap.



A. 67m B. 24m, C. lém, D. 12m,

n
45"
% D T
< Om >
Loi giai
Chon D
hy, by . ’ 45°,10"
Goi lan luot la d6 dai canh doi dién goc
h, =10m
( do tam giac vudng can).
h, =10.tan 10" =1, 76m
h=h+h =11,76m
N AY A 2 Ve A CD :Sonl N\ N " .2 A \ B
Cau 59: Tu mot dinh thap chiéu cao , hguoi ta nhin hai diém  va
A o ~ e 7 7 72{212’ \ 34c26’ i A’ B’D 2 \ Ve
trén mat dat duai cac goc va . Ba diém thang hang. Tinh
. ) AB
khoang cach
A. 7lm B. 91m C. 79m D. 40m
Loi giai
Chon B
C,
80m
B
D A
AB =BD- AD =CD.cotE€BD- CD.cot EAD ~91m
. e A B < AN O
Cau 60: Tu haivitri va cua mot toa nha, nguai ta quan sat dinh  cua ngon

N R AB =70m . AC . . i
nui. Biét rang dd cao , phuong nhin tao vGi phuong nam ngang géc



30° . BC ) . 15730 o )
, phuong nhin tao vGi phuong nam ngang goéc (tham khao hinh vé).

Ngon nui dé cé dd cao so véi mat dat gan nhat vai gia tri nao sau day?

C

Chon D

o _ ABC  CAB=60" ABC =105"30¢ = AB=T70.
Tu gia thiét, ta suy ra tam giac co , va

B+ B+E=180"0 €=180"- (M+H)=180"- 165°30¢=14"30¢

Khi dé
AC _ AB AC _ 0
o _sinB  sinC sin105’30¢  sin14°30¢
Theo dinh li sin, ta co hay
; 0
ac = 109105 30¢ 269 4m
) sinl4°30¢
Do do
C ] ACH CH
Goi la khodng cachtr dén mat dat. Tam gidc vudng cé canh doi dién
AC 2694
CH=—=""=1347m
30 2 2
véi gbc nén
135m

Vay ngon nui cao khodang

A B C
Cau 61: Tu haivitri va cla mét toa nha, ngudi ta quan sat dinh  clda ngon

ral . A > N AB S 70m \ AC /.. >
nui. Biét rang do6 cao bang , phuong nhin tao véi phuong nam ngang

o 30° . BC . . 157307 .
goéc . Phuong nhin tao v&i phuong nam ngang goc . Khi do chiéu cao

cla ngon nui so véi mat dat (lam tron dén hang don vi) bang



15°30"

135m 133m 136m 134m
A. . B. . C. . D. .

Chon A

Bk =84 =30°:B4c =60°  Bic =150° - Bix =150°
Ta co: ;

Bod =Bor =180° - Bk - Bic =14°30°

AB BC _ AB.sin Bac

= = B =
ABC sinBcA  sin BAC sin BcA

Trong tam giac ta cé:

CK =BCsin B = ABsin BacsinEBk

_ BCK sin B4
Trong tam giac ta co:

AB.sin BAC.sinBBK
CH =CK +KH =CK + AB == sin + AB ~135m

sin BcA

Vay duong cao khéi chép la:

A, B C
Cau 62: Tu hai vi tri cla mot toa nha, ngudi ta quan sat dinh  cla moét

.. A . g ,
ngon nui. Biét rang la diém nam phia chan cua toa nha tiép xuc véi mat dat,

AB
la di€m nam trén néc cda toa nha, phuong vubng gbc vGi mat dat, khoang

4B (m) . AC N \ 30
cach la 70 , phuong nhin tao vGi phuong nam ngang mot géc ,

BC ) 15°30°
phuong nhin tao véi phuong nam ngang mot géc . Héi ngon nui d6 cao

bao nhiéu mét so véi mat dat (lam tron dén hang phan tram)?

A. 143,7(m). B. 134,7(m). C. 77,77(m). D. 126,21(m).



Loi giai

Chon B
B
70m
A
CH o.M . .. B CH _
Goi la hinh chiéu cua  trén mat dat, la hinh chiéu cua trén . Chiéu
2 el \ h :CH Ve - A . A 4 2 ) V4 \
Cao cua ngon nui la . Xét diéu kién trong thuc té dinh nui cao hon noc toa
Lo P70 oM .. C H
nha thi va nam gitra hai diém va .
AACH H., BAH =30° = h = AH tan 30°
vuong tai (1)
ABCM M., BBM =15°30"= CM =BM tan(15°30") =4H tan (15°30)
vuong tai
S aH=—""70 ()
tan(15730°)
Izh-—i[',.tan}[l" = h= i‘ﬂ'tﬂl“ﬂ — =134, 70(m)
tan (15730°) tan30° - tan (15730°)

Tu (1) va (2) suy ra

c s . " PP S e
Cau 63: Hai chiéc tau thuy cung xuat phat tu vi tri , di thang theo hai huéng tao

60° ] , 20km/h
v6i nhau mot géc . Tau th& nhat chay véi téc do , tau th& hai chay véi
, 30km/h 3 km
toc do . Hdéi sau gi® hai tau cach nhau bao nhiéu ?
1047 207 3047 357
A. . B. . C. . D. .
Loi giai

Chon C



60°

—oC
. . N =yt =2 =
Ta c6 quang dudng tau th& nhat di duogc 1a vt =203 ﬁo(km).

Quang duding thu thi hai di dugc I3 5 =" =303 =90(km)

Ap dung dinh ly cosin cho tam gidc 4BC vgi B 13 vi tri tau th& nhat chay dén sau

3 giy, nghia 1a 45 =% =00km. € 13 yj tri tau that hai chay dén sau 3 gi®, nghia Ia
AC =5, =90km
Ta co:

BC* =AB* + AC? - 24B.AC.cos BAC = BC* =60° +90° - 2.60.90.c0s60 = BC* =6300
Vay khodng céch hai tau sau 3 gid chay |a BC :30\5.

A
Cau 64: Tuvitri ngudi ta quan sat mot cay cao.

AH =4m HB =20m EAC:45'

Biét , , . Khi dé chiéu cao cla cay (lam tron dén hang phan

mudi) bang

17,3m 17,6m 17,2m 17,4m
A. . B. . C. . D.

Loi giai



Chon A

¢
X
A 20m M
4m 4m
20m B
AHB H AB =\ AH® + HB® =420
Vi tam giac vubng tai néntacod :
_AM//HB. MeBC  AM =20m BM =4m B
Ké . Khi do ) va tam giac
] 5
sin 4 BA :ﬁ: _
AB 20
ra
4 . Ve . .7 ABC yd
Ap dung dinh ly sin cho tam giac ,ta co
BC _ AC
sind sinB
~ MC :'x . yd
bat , khi dé ta dugc
dex 207 +1° \FG (400 +x7)
- = L —] ﬁ(_1 + _ﬁ;) =
sin 45 AM 5
AB
x==30
e 24x7 +400x- 9600 =0 < 40 ;
X =— MC =x :E.
3 3
. Suy ra

52
BC :.".'+4 :?:' BC ﬂ‘fi?.?’.
Vay chiéu cao cla cay bang

Cach 2 (Tinh gan dung chiéu cao cua cay)

vudng tai

M
. Suy



AHB H AB = AH* + HB® =426

Vi tam giac vubng tai nénta co
q
sin BAF :%: — Bar =78,69 = Upc =78,09 = Ucp =56,31
26
Ta co
4 . Ve . .7 ABC Ve
Ap dung dinh ly sin cho tam giac ,ta co
BC _ AB
sind  sinC
BC ~17,3
Suy ra

Cau 65: Hai chiéc xe cung xuat phat 6 vi tri A, di theo hai huéng tao véi nhau mot

- 60° ) ] . 30km/h o . A40km/h
gdc . Xe thu nhat chay vai téc do , Xe th(r hai chay vai téc do

Hdi sau 1h, khoang céch gilta 2 xe la:

13km 1533km 10413 15km
A. . B. . C. . D. .

Loi giai

Chon C

. ) . AB =30km
Trong 1h, xe 1 di dugc quang duong la

. ) . AC =40km
Trong 1h, xe 2 di dugc quang dudng la

) ) N _BC BC® =AB° + AC" - 2.AB.AC.cos060" =1300
Sau 1h khoang cach gilta 2 xela

= BC ZICIJEMH



T S .
Cau 66: Hai chiéc tau thuy cung xuat phat tu vi tri , di thang theo hai hudng tao

60° ] , 20km/h
véi nhau mot géc . Tau th& nhat chay véi toc dé , tau th( hai chay véi
] 30km/ h 3
toc do . Héi sau gio hai tau cach nhau bao nhiéu
3047 3547 1047 207
A. . B. . C. . D. .
Loi giai
Chon A
B
60°
A —eC
B C 3

Goi va lan lugt la hai vi tri ma tau th& nhat va tau thi hai téi dugc sau  gio.

ABC  Buc =60’ AB =320 =60(km) AC =3.30=90(km)
Xét tam giac co: , ,

) _ ) . BC® =AB* + AC" - 2.AB.AC.cos 60"
Ap dung dinh ly cosin dugc:

=60" +90° - E.GU.QD.% =0300

= BC :?;Dﬁ(km)

3 SOME (km)

Vay sau gio hai tau cach nhau

Cau 67: Thanh pho Hai BDéng du dinh xay dung mét tram nudc sach dé cung cap

A B C i
cho hai khudan cu va . Tram nudc sach dat tai vi tri trén bo so6ng. Biét

AB =317 km 4 B \ AM =3km BN =6km
, khodng cach tr va dén bo séng lan lugt la ,
. . T A i e x s f x4 B
(hinh vé&). Goi  la tébng d6 dai dudng 6ng tu tram nuéc dén  va . Tim gia tri

T A
nho nhat cua .



M O

14,32km 15,56 km 16km
A. . B. . C.

Chon B

oA, A MN D ,
Goi doéi xing véi  qua , latrung diém cua

. LA o
Do c¢6 dinh nén cling c6 dinh.

T =CA+CB=CA +CB=AB .
Ta co: (khéng dbi).

Cl =MNN 4B
Dang thuc xay ra khi

MC _MA M4

|
_ NC NB NB 2
Khi dé: (1)

MN =AD =JAD* + DB® =153+ 9 =942 km

Mat khéc, (2)

MC =32 km NC =62 km
Tu (1) va (2) suy ra ) :

NB

T =CA+CB =AM  + MC? + BN + NC* =\0+18 +[30+ 72 =943 =15,56km

Vay



‘Dang ©: Cau trac nghiém dung, sai

7 =Tc - =5 “:
c ABC Coh Tom,c =5cm, A =1

Caul. Cho tam giad 20 cac ménh d¢ sau duing hay sai?

Ménh dé Ping Sai
a) g =127 em
b) cosC =0,91
¢) cosB =0,21
d) R =6,03(cm)

Cau2. Cho tam giac 4BC ¢ cac canh @ =0m,b =8m,c =10m ;. ménh dé sau dung hay sai?

Ménh dé Dung Sai

a) p=l6(cm)

b)) s=p(p-alp-b)p- o)
¢) 5 =24(cm?)
d) r»=4(cm)

Cau3. Cho tam giac 4BC biét ¢ =3em.b=4cm,C =30 40 ménh dé sau dung hay sai?

Ménh dé DPung Sai

a) =g +b - 2abcosC

¢) cosA =008
d) 1~77.2

Cau4. Cho tam giac 4BC biét ¢ =8dm,B =45 ,C =00 4 ménh dé sau dung hay sai?

Ménh dé bung Sai



a) J=75

b) a _ b c

sind sinB sinC
¢) b =526(cm)

d) ¢ =317(cm)

3om, b =dem,c =5cm

Cau5. Cho tam giac 4BC ¢6 cac canh ¥ = . Cac ménh dé sau diing hay

sai?

Ménh dé DPung Sai

a) p=I12(cm)

b) 5. =Jplp-a)p-b)ip-ec)
¢ 5. =6(cm?).

d) R=3.5(cm)

BC =a,CA =b, AB

Cau 6. Cho tam giac 4B Ceo ~Y . Céac ménh d& sau dung hay sai?

Ménh dé Ping Sai

a) b +c -a

b) Goc 4 vuong khi va chi khi a’ =b’ "‘C‘z;
©) Géc 4 nhon khi va chi khi @ >b°+c”;

D Goc 4 tikhi va chikhi @ <b”+c",
Cau7. Cho tam gidc 4BC biét cac canh @ =22 1em b =83cm.c =34cm 40 manh dé sau ding
hay sai?

Ménh dé Pung Sai

2) cosB :M



Cau8. Cho tam giac 4BC vgi @ =49, 4em:b =20.9cm 5 C =4720 | Cic ménh dé sau ding
hay sai?

Ménh dé Ping Sai

a) =g +b - 2abcosC

b) c¢=4Tcm
© A~137
d B ~3140

Cau9. Cho tam giac 4BC biét canh @ =137,5cm, B =83',C =57 4 ménh dé sau dang hay
sai?

Ménh dé Dung Sai
a) 4 =40°

b) a _ b ¢ _p
sind sinB sinC

¢) R =106,9cm

d) b=~1794cm

Cau 10. Cho tam giac 4BC ¢6 sb do cac canh lan luot 14 7,9 va 12 . Cac ménh dé sau dung hay
sai?

Ménh dé bung Sai

a) p=l4



b) s=13/5
G

10
d ;=3

Cau 11. Cho A4BC ¢g A=I35.C=15 (3 b =12 ¢4 ménh d¢ sau dung hay sai?

Ménh dé bung Sai
a) B =30.
b) & =122,
¢) c =821l
d) R=I5
b =7,c=5co0s A4 :%

Cau 12. Cho tam giac 4BC | biét . Cac ménh dé sau dung hay sai?

Ménh dé Dung Sai
sin 4 :i
5

b) S =14
©) a=3\/§

d ,=4- \/5
Céu 13. Cho AABC ¢g AB =3,4C =44 , dién tich 5 =3\/§. Céac ménh dé sau dung hay sai?

Ménh dé Dung Sai
a) BC' =AB 4+ AC*-2A4B -AC co0s 4

b) NE)




cos A :l
2

d)

cos 4 =-

ta | —

Cau 14. Cho tam giac 4BC . Cac ménh dé sau dung hay sai?
Ménh dé Dung Sai
a) a=hcosC+ccosB
b) sin A =sin BcosC +sinC cos B
¢) h, =2RsinBsinC
d) »’- " =a(bcosC- ccosB)

Cau 15. Cho A4BC ¢4 BC =6,C4 =2, 4B = +"E. Cac ménh dé sau dung hay sai?

Ménh dé bung Sai
a) =30
b) B =35
©) S :3+V'§
2
d) R=\2
LOI GIAI THAM KHAO

Thi sinh ghi diu X vao cdt dwoc chon twong ng véi ménh dé bén trai

Caul. Cho tam gidc 4BC ¢o b =Tem.c =Scm, 4=120 . Khi dé:
a) 4= 127 cm

b) cosC =0,91

o) cos B =0,21

d) R o=06.03({cm)

Loi giai



a) Sai b) Ding ¢) Sai d) Ping

Ap dung dinh li cosin trong tam giac, ta co:

a’ =b" +¢" - 2becosA= a =T +5° - 275 -cos120 =109,

109 cm
Do do,
b =a® +¢° - 2accos B= cosB="_"° " b :|09+5- -7 =0,81
2ac 2,J109.5
Ta co
c0s C _a +h - :Ili}9+?' -5 ~0,91
2ab 241097

Tuong tu,

Ap dung dinh i sin trong tam giac, ta c6:

a b c a AJ109

. =— =— =2R R =—— = =0,03(cm)
sind sin B sind 2sind  2-snl20
nén

Cau 2. Cho tam giac 4BC ¢4 cac canh =0m.b =8m.c =10m gy 44

2) p =16(cm)

by S =Jp(p- a)(p- b)p-c)

S =24(cem?)
¢)
a7 =4(cm)
Loi gidi
a) Sai b) Ding ¢) Pung d) Sai

p=(6+8+10):2 =12(cm)
Ta co

Ap dung cong thirc Heron trong tam gidc, ta co:

S =p(p-a)p-b)p- o) s =f12 (12- 6) -(12- 8) (12- 10) =24(cm*)
hay



S=p-r r=5:p=24:12 =2(cm)

Cau3. Cho tam gidc ABC bigt @ =3em.b=4em.C =30 gy 46,
a) € =a +b - 2abcosC

b) o =3,05(cm)

0) cos 4 =068

d) A~71.2

Loi giai

a) bung b) Sai ¢) Pung d) Sai
) c* =a +b - 2abcosC
Ap dung dinh i cosin trong tam giéc, ta co: hay
¢ =3 +4°-234c0s30 =25- 1243 ¢ ~2,05(cm)
. Do do, .

b 4c’-a _47+(25-1243)° -3

0,68
2be 24 4f25- 1243

a’ =b"+c" - 2bccos A= cos A =

Taco

4~472 B =180 - A- C =180 - 47.2 - 30 =102.8
Suy ra . Do do,

Cau4d. Cho tam gidc 4BC piét @ =8dm.B =45 .C =00 g 44

a) 4=75

a b c

b) sin 4 “sinB  sinC
o) b =5, 26(cm)

d) c =3,17(cm)
a) Dung b) Dung ¢) Sai d) Sai

AABC A =180 - B- C =180 - 45 - 60 =75
Trong ta co: .

Ap dung dinh i sin trong tam giac, ta c6:



a b ¢ - 8 _ b o«
sind sinB sinC  sin75  sind5  sin60

Sinds ‘sl
:Sjﬂi =5,86(cm).c :M =T7,17(cm)
sin 75 sin 73

b
Do 3o,

Cau 5. Cho tam giac 4BC ¢4 cac canh ¢~

a) p =12(cm)

b) 8 i5c :JP(P' alp-b)p-c)

S :G(c'm: )

¢)
d) R =3.5(cm)
Loi giai
a) Sai b) Dung ¢) DPung
a+b+c 3+44+5
p= 5 = =0(cm) ,
Ta co . Ap dung cong thirc Heron ta co:

S e =ofP(p-a)(p- b)(p- c) =,f6 {(6-3) {6- 4) (6- 5) =6(cm?).

S _@ R :ﬂ :E :2__5[_“”}
‘ 4R 45 4.0
Ap dung cong thtrc tinh dién tich , suy ra

Cau 6. Cho tam giagc 4BC ¢o BC =a,CA=b.AB =c ypi 46

b*+c' - a’
cos d =——
a) 2bc

b) Goc 4 vuong khi va chi khi @ =b"+¢”;

4 a>b’ +c
b) G6¢c  nhon khi va chi khi ;

A a <b +¢’
¢) Géc . ti khi va chi khi

a) Pung b) Dung ¢) Sai

Jom, b =4em,c =5cm Khi do:

d) Sai

d) Sai



b +cl - g
cosd =——
) ABC 2bc
a) Ap dung dinh li cosin trong tam giac , ta co:

A a} :bl +C2
b) Goc  vuodng khi va chi khi ;

A cosA>0 bP+c’-a >0e g <b” +¢°
¢) Goc  nhon khi va chi khi hay

A cosA<0 b ac’-a <0e=a >b +c°
d) Goc  tu khi va chi khi hay

A .7 - A ’ =52 : =85 - =5 : - ,
Cau7. Cho tam gidc 4BC biét cac canh ¢ 52,1em, b =85cm,c =S4em gy 46

F+c- b
cosB =——
a) 2ac
b) A~32°
¢) B~126
d) € ~38.
Loi gidi :
a) bung b) Sai ¢) Sai d) Ping
cos 4 :bﬂ—_ﬂ
2be
Theo h¢ qua dinh 1i
2 2 2
8 #4921 551 436
2.85.54
- 2 2_ gg? )
cosB =T tC -0 S2T+5H -8 o0 f 106

2ac 252154
C =180 - (A+B)=38.

Cau8. Cho tam gidc 4BC vgi @ =3%:4cmb =20.4cm 3 € =47 20 Khi do:
a) ¢ =a +b’ - dabcosC

b) € ~47 cm

o) A~137



d) B ~31°40

a) Dung b) Sai ¢) Sai d) Ping

_ ) ¢’ =a’ +b" - 2abcosC
Theo dinh li cosin, ta co:

=(49,4) + (26,4)% - 2.49,4.26, 4 -cos(47°20 ) ~1369,66.

c ~37cm
Suy ra:

B i g ;:(25’4)2”13’59’56' (49,4)

~-0,191= A ~101°
2bc 226,4.37

cosA =

Ta co:

B=180 - (A+€)~3140

Ta co:

Cau9. Cho tam gidc 4BC bibt canh @ =137.5cm. B =83.C =57 Khi do:

a) A=40"
Iﬂ = h = IC =R

b) sind4 sinB sinC

R =100,90cm
c)
d) b =179 dcm

Loi giai
a) Pung b) Sai ¢) Diung d) Sai

A =180 - (B+C) =180°- (83° +57°) =40°
Ta co:
sin : ,G = ,'ﬁ = ,C =2R
) sind  sinB  sinC
Theo dinh li

po_a _ 1315

" 2sind 2sin40
Suy ra: ;

— =06, % cm




b :agnB :13},’,5-5:”183 =212,32acmc :a?iﬁf :131.5 sins7 =179,4cm
sinA sind0 sinA sind0

Cau 10. Cho tam giac 4B8C ¢o s6 do céc canh 1an luot 13 7,9 va 12 . Khi do:

a) P =14
b) S=13/5
V5
¢ 10
o=
Loi giai
a) Dung b) Sai ¢) Sai d) Sai
a=7h=9.c=12
Gia su:
. 2
» :a+f+n :?+'?J+I., _14
Dat ) ) (nra chu vi tam giac).

Theo cong thirc Hé-rong, ta co:

S =Jplp- a)(p- b)(p- c) =/14(14- 7)(14- 9)(14- 12) =14/5;

405
Y =pr= ,l':E :£:J§
P 14

. . 0.1 7.5
_abc _ o _abc _ 7912 2745

§=——" = = =
4R 45 41445 10

Ta co:

Cau 11. Cho ABC ¢ A=135.C =15 (5 b =12 ghi do:
a) B=30.

b) a :12‘\/5,

0) c ~8,21;

d) R =15

a) Dung b) Dung ¢) Sai d) Sai



Ta cé: B =180 - (A+C) =180 - (135 +15 ) =30

a b c a 12 c
- =— =— :ERCZ:F - =— - =— —_ =R
s5ind smfB  sndC sinl3s sm30  =sinls
g ) T ' .
q=2sl3S s p 22snl o g=— 12 o
sin 30 s 30 2smn 30
3
, b=T,c=5c084 =—
Cau 12. Cho tam giac 4BC biét 3. Khi do:
sin 4 :i
a) 5
b) S =14
c)a =3\/§
d)r =4- \/E
Loi giai
a) bung b) Ping ¢) Sai
- , 16 .
sin“ 4 =l-cos" 4 =—= sinAd =— )
25 5 smA>0
Ta co: (vi ).

s :I;bcsin A=14

a’ =b* +c’ - 2bccos A =T +5-275 % =32= a =42

2 +h+
a —YR= R = i zjr;p:ﬂ b C:f_‘u+2ﬁ

sin A4 2sinAd 2 2

Cau13. Cho MBC ¢ AB =3, AC=44 gisvioh S =33 Khi do:

a) BC® =AB* +AC" - 24B -AC <os 4

d) Sai



sih 4 =- —
b) <
cos 4 =—
c)
cos 4 =-
d)
Loi giai
a) Dung b) Sai ¢) Pung d) Ding
3 7.
5 ZI—AE AC s A= sin 4 = =S == ?’ﬁ :E
) 2 AB-AC 34 2
Ta co:
1
3 I cos 4 :?
cos' A=l-sin" 4 =1- —=—= < BCT =AB +AC* - 2AB -AC <cos 4
4 4 1
cosd =- —
2
cos A :';: BC: =¥ +4°-234 'JT:'?’:’ BC =13
Vi B B
cos A =- é: BC' =3 +4°-23 4 ‘ . '; =37= BC =37
Véi -

Cau 14. Cho tam giac 4BC Khi d¢:

a =hcosC+ccosB

a)

sin 4 =sin BcosC +sin cos B
b)

h, =2Rsin BsinC
c)

b*- ¢ =a(bcosC- ccosB)
d)

a) Dang b) Ping ¢) Pung d) Ping



a +c’ - b a’ +b* - ¢’ a+b - a +c - b
cosf=——cosC =—— FP=hcosC +ccos B =h - +

2ac 2ab 2ab 2ac

a)

a’+h*-¢t a4+ -b 2a°
= - = =a =VP(dpcm)
2a 2a 2a

. b c
sinf =———:sinC =———
2 4

b) B )

. . b 1
VP =sin Bcos C +sinCcos B =_— cosC +1i -C0s B :1—{!31:05(_” +cCos B)
R

1
a). =— -a =VP(dpcm)
a=bcosC+ccosh 2R

(ma , ching minh cau
I 1 : bcsinAd  2Rsin B -2RsinC sin 4 : :
S=—ah, =—bcsind = h, = < = : =2RsinBsinC =VP(dpcm)
2 2 a 2RsIn 4
c)
2 bt ol 2t e B
albcosC - ccos B) =ab cosC - ac ©os B =ab L7570 7C G2
2ab 2ac
d)
_ﬂ:‘i‘fJ:-C‘:_ﬂ:‘i‘C:-fJ: @ +bh - -a -+ o
- ” » - » - c

Céu 15. Cho ABC o5 BC =N0.CA =248 =143 gy 4.
a) 4=30
by B =35

S :3+\,1'3T

c) 2

d) R :\E.

Loi giai

a) Sai b) Sai ¢) Dung d) Dbung
2 2 _ 2 . 2 2_ g2 B . .
cos 4 :h“‘f—{4| :I_: |;|.1 =00 :cos B :u :£:‘r B =45

2hc 2 2ac 2



1 3443 l 25 be be
S =—besin A = +"r.:5 ——BC AH = AH =25 =2 o, p =9 _ 7.
2 2 2 BC 4R 48

‘Dang ©: Cau trac nghiém tra 16i ngan
Caul. Dékéo day dién tir cOt dién vao nha phai qua mot cai ao, anh Nam khong thé do d6
dai day dién can mua truc tiép duoc nén da lam nhu sau: Léy mét diém B nhu trong hinh,

nguoi ta do duwoc d6 dai tir B dén 4 (nha)la 157 tir B dén C (cot dién) 1a 18m va

4BC =120 Hay tinh do dai day dién ndi tir nha ra dén cot dién.

Loi giai

) ABC
Ap dung dinh li cdsin cho tam giac ta co:

AC =JAB* +BC? - 24B -BC c0s B =415 +18° - 2 15 18 -cos120 =~28,62(m).

Vay d6 dai day dién nbi tir nha ra cot dién dai 28,62 m.
Cau2. Dé do duong kinh mot ho hinh tron, ngudi ta lam nhu sau: Ly ba diém AB,C phu

hinh v&, sao cho AB =8 5mAC :lLS'nBAC =141" Hay tinh dudng kinh cta hd nudce do.




) ABC
Ap dung dinh li cdsin cho tam giac ta co:

BC =y AB* + AC* - 2AB -AC cos A =[8,5* +11,57- 2 85 11,5 cos141 =~18,88(m).

BC BC 18,88
—— =2R=> R=— =~ =|5(m)
) sin A4 2sin4 2 sinl4l
Ta lai co:

d =2R =15-2 =30(m)
Do 36,

. 30m
Vay duong kinh cua ho nudc khoang

Cau 3. Dé do chiéu cao ctia mot cot cd trén dinh mot toa nha anh Béc da 1am nhu sau: Anh
dung trén mot dai quan sat co tim quan sat cao 3 so véi mit dat, khi quan sat anh do duoc
gdc quan sat chan cot 1a 40 va goc quan sat dinh cot 1a 50 | khoang cach tir chan toa nha dén

vi tri quan sat la 18m  Tinh chiéu cao cot cd va chiéu cao cua toa nha.

| E F
A /4

Traloii....coceeinininnnne
Loi gidi
DAC
Trong tam giac , ta co:
Pl DC 18
cos 4ep === AC = = _ ~23,5(m)
AC cos 4 cos40
, suy ra

AD
tan #CD =tan 40 " pC AD =DC tan40 =18 tan40 =15,10(m).

, suy ra



. AE =AD +DE =AD+CF =15,10+5=20,1{m)
Vay chiéu cao cua toa nha la:

DBC
Trong tam giac ta co:
DCc Fale 18
cosBep =—— BC = = ~28(m)
BC cos B cos50
, suy ra
Ues =50 - 407 =10 ABC
Lai c6 goc , ap dung dinh li cosin trong tam giac , ta co:

AB =+JCA”> +CB" - 2CA -CB <o0s ACB

===J23._53 +28%- 223,528 -cos10 =0,34(m).

Vay chiéu cao cua cdt co khoang 6,34 m.

Cau4. Cho hinh binh hanh 4BCD ¢4 A =60 vz 4B =5.4D =8 Tynh 45 dai duong chéo 4C |

Traloi....cocoevinininnnn.
Loi giai
ABCD BC =AD =8,4Bc =180 - 60 =120
Vi la hinh binh hanh nén ta co6:
) ABC
Ap dung dinh li cosin cho tam giac , ta co:

AC? =AB* +BC?- 24B -BC cos ABC =57 +8° - 2 5 8 .cos120 =129 = AC =129

Cau5. Cho tam giac ABC co 4B =3.AC =84 =00 1inh ban kinh R coa dudng tron ngoai tiép

tam giac.

Loi giai

BC? =AB* + AC*- 2AB -AC cosA=5"+8- 258 -cosb0 =49

= BC =T.

BC 7 73
2snA 2sn60 3

P . BC
Ald duing ianh | tamu—=2R= R =
B dung | §in musinA

Ap dung dinh 1i c6sin, ta cé:



Cau 6. Tumdt miéng bia hinh tron, ban Nam cit ra mot hinh tam giac ABC ¢4 do dai cac canh

AB =dem, AC =3em, BC =0¢M (tinhy Tinh ban kinh R ciia miéng bia ban dau (Iam tron két qua

dén hang don vi theo don vi xing-ti-mét)

Traloic...ccoeveneennnnn.
Loi giai
AB +AC* - BC® 4°+5 -0 |
cosd = = =-_
. ) ) _ 4BC 2AB -AC 2.4.5 8
Ap dung dinh li c6sin cho tam gidc , ta co: . Ma
. - ’ I 37
N . sind =fl-cos” 4 = J/1- —=—""
A<180 64 8
nén
BC =2R= R = BC = o F‘=3|[CIH}
sin A4 2sind 3-4"?

Ap dung dinh Ii sin, ta co:

Cau7. bédo khoang cach tir vi tri A trén bo song dén vi tri B cua con tau bi mic can g'?ln mot cu
lao gifra song, ban Minh di doc bd song tir vi tri A dn vi tri C cach 4 mot khoang béng 50m v3 do

Bac =70, Bca =50

cac goc . (Hinh). Tinh khoang cach 4B theo don vi mét (1am tron két qua dén

hang don vi)

Loi giai

ABC UBc =180 - 70" - 50 =60
Xét tam gidc , ta co: .



AB  AC - AB_ACSinC _SDEinSD' -
) snC sinB sinB sn60
Ap dung dinh Ii sin, ta co:

44(m)

Cau 8.  Tir mot tAm bia hinh tron, ban Thao cit ra mot hinh tam giac c6 cac canh AB =8cm

AC =13cm 3 B=60 (Hinh). Tinh d6 dai canh BC va ban kinh R ctia midng bia (Iam tron két qua

dén hang phan muoii theo don vi xang-ti-mét).

BC =x(cm)(x=0)
Pt .

) . . AC® =A4B*+ BC" - 24B -BC <o0s B
Ap dung dinh 1i cdsin ta co:

137 =8 +x° = 2.8 « cos60 = x° - 8x- 105 =0
Suy ra .

x =15 x==7 x>0 x =15
Giai phuong trinh trén ta dugc hodc . Vi nén .

BC =15(cm) )
Suy ra . Ap dung dinh Ii sin ta c6:

AC AC 13
=2R= R=———=——"—=T5(cm)
2sinB 2= o0

Cau9. Hai tau danh c4 cung xut phat tr bén 4 va di thing déu vé hai ving bién khac nhau, theo
hai hudng tao v6i nhau goc 120 (Hinh). Tau thir nhét di véi tdc do 8 hai i mot gid va tau thir hai di
v6i toe do 10 hai 1i mot gid. Hoi sau bao 1au thi khoang cach gitra hai tau 13 60 hai li (1am tron két qua

dén hang phan mudi theo don vi gio)?




Loi giai

x (x>0) , B C BC =60
Gid strsau  (gio) tauthenhat o vitri ,taduththai d vitri  va khoang cach (hai 1i).

AB =8x AC =10x .
Ta co: (hai  1i); (hai 1li). Ap dung dinh 1i cosin, ta co:

BC® =AB* + AC* - 2AB -AC -cos BAC
= 607 =(8x)* +(10x)* - 2 Sx 10x ‘ - H & 244x =3600= x ~3,8

Vay sau 3,8 gio thi khoang cach gitra hai tau 1a 60 hai 1i.

Cau 10. Cho tam gisc 4BC ¢o @ =Tem.b =8 ¢=6m Yay tinh d6 dai dudng trung tuyén "

cua tam giac da cho.?

Chu 11. Hai chiéc tau thiy P va € cach nhau 100m Ty P va € thing hang véi
A _ AB y , , AB
chan  cua thép hai dang O trén bo bién nguodi ra nhin chiéu cao cua

' Bra=1s  BoA=22 -
thap dudi cac goc va . Tinh chiéu cao cua thap?

100 m 1’;}



AABP AABQ A AP =AB cotl5 , 40 =A4B -cot22
va vudng tai  nén

PO =AP- AQ =AB -cot15 - 4B -cot22 =AB(cotl5 - cot22°)
Suy ra:

PQ 100

cotls - cot2? cotl5 - cot2?

79,56m

‘ ~79,56m
Vay théap hai dang c6 chiéu cao xap xi

Cau 12. Biét hai luc cung tic dong vao mot vat tao véi nhau goc 40 . Cuong do cia hai luc d6

1a 3N va 4N Tinh cudng do cua luc tong hop?

Traloic...ccoceeneenninnnne
Loi giai
) L 5%
Gia su vat dugc dat ¢ vitri  , hai luc tdc dong vao  lan luot l1a céc vecto c6 do lon
3N, AN
la
y A AB+AD =AC  ABCD
V€ hinh binh hanh , ta ¢o hop luc tac dong vao  la: . Do la hinh
AD =BC =4
binh hanh nén .
HBC =180 - 40" =140 _ ABC ‘ .
Ta co: . Xét tam giac , theo dinh 1i c6-sin ta co:

AC? =AB? + BC? - 2AB -BC -cosABC =3 + & - 2 3 -4 -c0s140 =43,39
= AC =6,509.

q 4 . 659N
Vay d6 16n cua luc tong hop tac dong vao vat  1a xap xi

Cau 13. Cho tam gidc 458 C thoa man diéu kién dmg =b" +c” , trong do "o 14 d6 dai trung

tuyén tam gidc ke tir £4:0:€ 13 cac canh cua tam gidc. Khi d6 tam gise 4BC 13 tam gidc gi?

Loi giai



3[."}2 +c:)— a’

m, = 2 = 4m’ =2 (B +c2)-a
Ta co
dm’ =b"+c" = 2B +c)- o’ =b +c = b+’ =d
Két hop gia thiét:
A4BC A
Vay tam giac vuong tai

h h h h h h
a + ¥ [3 p— u + [3 +_.J

Chu 14. Cho tam gidc 4BC théa man didukien ™ A A A A A Khido tam gidc

ABC 13 tam giac gi?

Traloice..ccoeeeeeneennnnns
Loi giai
] 1 1 25 .. 25, .- 25 ..
S, 5 =—ha=—hb=—hec=h =—28 ) =—28C j =28
e R M a b ¢
Ta co:

h h h h h h b
St =t e bt b —t—
o

h, h E_"TL h, h.
Ta co:

o= bWe+carab=ac+ba+c’h= (a- .’J}(ﬂb +c' - ac- .":rr:) =0

a=b
= (a-b)b-c)la-c)=0= | b =c.
a=c

~ ABC
Vay tam giac can.

Cau 15. Cho tam gidc 4BC ¢ 4B =% AC =10\ quong trung tuyén 4M =6 Tinh d¢ dai
canh BC ?

Lo giai



Ta co:

& +10°

2 2
= BC?® =4 M_AME

. —88= BC =2J22.

62-

45

Cau 16. Cho tam giac can 4BC ¢o A=120 y3 AB=4C =a Lay diém M trén canh BC sao

-
B;M = -%C
cho 5 . Tinh 36 dai AM ?
Traloice..ccoeeeeeniennnnnnn
Loi giai
A
a 0°
£
30° 30°
B M o

BC = AB* + AC* - 2ABACc0s120
Ta co:

2a43

:Jaz+az— Za-a-‘ - %‘ —a3= BM :TAM —JAB? + BM? - 2AB -BM -cos30

J‘za\r‘ zaffaxr

2 5

Cau 17. Cho hinh binh hanh ABCD ¢g AB =4 BC =5,8D =T iy AC

Loi giai

ABCD AD =BC =5
Do 1a hinh binh hanh nén )



0 . @) ., BD
Goi  la giao diém hai duong chéo hinh binh hanh, suy ra 1 trung diém

AB +AD? BD*

AABD : 04
2 4
Xeét
2
:4 +52 - T_z :E:r 04 :@,
2 4 4 2
AC =204 =33
Do do6: .

Céu 18. Mot cai cay dang thang dimg bi gié manh 1am gy khong hoan toan (hai doan than bj
gdy van dinh lién nhau nhu hinh v&). Mot ngudi mudn do chiéu cao cia cay trude khi giy,

ngudi Ay d6 duogc doan thiang ndi tir gde cay dén ngon cdy (da ngd) 1a 4B =6m hai goc
g y g g y g y g g

€4B =76 €84 =35 . Tinh chiéu dai cta cdy trude khi bi giy (gia st sy bién dang lic giy

khong anh huong dén tong do dai cua cay)?




C =180 - (4+B) =180 - (76 +35 )=69

Ta co:
AR AC BC AB sinB 6 sin3s
. =— =— = AC =—— = =3,09m
, . sinC sinB  sinA sin C sin 69
Theo dinh li sin: ;
AB sind 6 sin7H
= BC = = =0,24m= AC+BC =9.93im

sin C 5in 69

. . ) o 9.93m
Vay chi€u cao ban dau cua cay xap xi bang

Cau 19. Cho tam giac 4BC théa man h, =\p(p- a) , trong d6 a,b,¢ 13 ba canh, h. 13 chidu

cao ing véi canh ¢ cua tam giac va P 1a ntra chu vi tam giac d6. Tam giac 4BC 1a tam giac

gi?
Traloi:..ccceeeeeneninnnnne
Loi giai
25
h, =p(p- a) & —=\/p(p- a)
a
Ta co:

= 2,/ plp- a}{:- b)(p-c) _ plp- a) = & p- b)(p- ©) =& = (a+c- b)(a+b- ¢) =&

= a-(b-¢)f=a"«< (b-¢c)=0= b=c.

 4BC A
Vay tam giac can tai

Cu 20. Cho AABC gy 4B =9.BC =10,4C =\T3 g4 qai BC mot doan €I =5 Tinh do dai

Al
Traloic...ccoceveeninnnnnne
Loi giai
cosp oG tC D 1049 - (J73) _3
AABC 2ac 2.10.9 5
Xét , ta co:
AABI

Xét , ta co:



Al =AB  +BI° -2 -AB ‘Bl cos B =% +(10+5)° -2 9 (10+5) = =144

| s

= Al =12
BI’ =AB* + AI’ AABI A IA 1 AB
Vi nén vuong tai  hay .

Céu 21. Cho hinh thoi 4B8CD ¢4 canh bang 4. Goc BAD =30 Tinh dién tich hinh thoi

ABCD
Traloi:.......ccouennnnee.
Loi gidi
- 1 B . | -
5 oon =25 g =2 5 AB AD sInBAD =a a 51130 = a
Ta co: ) }

Cau 22. Cho tam gidc 4BC ¢ 48 =8,4C =9,BC =10 \15¢ didm M nim trén canh BC sao

cho BM =7 Tinh d6 dai doan thang AM .

Traloiieeeeeeeeeeeeeerenens
Loi gidi
AABC

Xét

cosB =St D 83t 4B+ BM? - 24B BM <os B
2ea 160

. . 9 N
g 7o 28753 9y 3VOI0

160 10 10

AB =6cm, AC =Bcm

Cau 23. Cho tam giac 4BC vudng tai 4, biét va M 13 trung diém cia

BC  Tinh ban kinh cua duong tron ngoai tiép tam giac ABM

Loi giai

1
AR =0ecm, AC =Bcm= BC =10cm., AM =BM =3 BC =5cm

a



B+5+5
= =5
P=3

be abc 5506 25
5- v o— ( = )( _h)( = '):IE.'E :ﬂ—:' R:—: =
ABM -Jf-:' p-aip p-c . iR -

Céu 24. Mubn do chiéu cao cua thap cham Por Klong Garai & Ninh Thuan nguoi ta lay hai
diém 4 va B trén mit dat c6 khoang cach 48 =12M cung thang hang véi chan C cia thap dé

dit hai giac ké. Chan ciia gidc ké ¢6 chidu cao /' =13 Goi D 1a dinh thap v hai diém 45

cung thang hang voi G thudc chiéu cao CD cuia thap. Nguoi ta do duge goc @AICL =49 Ja
BB.C, =35 . Tinh chiéu cao €D cua thap.

Y N\

2
\
\.\\
\ o
\ o
N
\\\ \
N >
a \‘ )
/TN
1,3m /N 12m /N
/ \ X

" A 12m B

Traloic....cccoeuvennnnee.
Loi giai
B4, =90 - 49 =41:EpB =90 - 35 =55 4pB =14
Ta co: , hén
7 .5in 35
. AB  _ . AD A,DZIH,SIHBH ~28.45m
ADB, sindpp  sinWBD sinl4
Xét tam giac , cO:
C,4D C,

Xét tam giac vudng tai  , co:

: Cc,D , .
sinfl 4D ==—= C,D =4D sinC 4D =2845 sin49 =~21,4Tm
1

= CD=C,D+CC, =22,7Tm.

Cau 25. Cho AABC ¢4 AB =8,4C =5, B4c =00 . Tinh chiéu cao 4H cua A4BC



Loi giai

= ) I :
BC =y AB* + AC* - 24B -AC <0560 =T.5,,, =—AB -AC sin BAC =103

|
Spsc =5 AH -BC & 10,3 =

L8

AH = AH =

"'Dﬁ
o

wl—

Cau 26. Cho MBC ¢ BC =aiAC=b -ABC .4 4ian tich 16n nhit khi C = 2

Traloic.....coeuveennnee.
Loi giai
1 1 .
S e =5 AC -BC 51nf_"_; a b snC
_ _ 4BC ., sinC , = sinC=le C =90
Dién tich tam gidc 16n nhat khi 16n nhat

Cu 27. Cho tam gidc nhon 4BC ¢6 @ =3t =4 y3 dien tich S =3v3 . Tinh ban kinh R cia

dudng tron ngoai tiép tam giac do..

Traloic...ccceeeeeeinenn.
Loi giai
2 3 -
5 zl—a.":rs,in C=smncC —£:“ Bﬁ :E: C =060
2 ab 34 2
¢ =vJa® +b° - 2abcosC =13 —2R= R =—— J_
sinC 2sinC '?smfm 3

Chu 28. Cho tam gidgc 4BC ¢ 4B =2.4C =3.4=00 iy ¢4 dai duong phan gide trong goc

4 cua tam giac 4BC .

Loi giai

_ _ A AABC | BC .
Gia st duong phan gidc trong gbc  cua cat canh tai diém



Véi  laki hi€u dién tich tam gidc ta c6

1 . 1 oA 1 . A
Spr =SS —AB -AC snA=—AD -ABsin —+—AD -AC -sin—.
A Al SRR 2 2 2 3 2
A AB-AC 23 2 &3 3
= AD =2cos— = 2 cos3l =— £ :£
2 AB+AC 243 5 2 3

Céu 29. Trén ngon ddi c6 mot cai thap cao 100m (hinh v&). Pinh thap B va chan thap € lan
luot nhin diém 4 & chan d6i dudi cac goc twong Ung bang 30 va 60 50 véi phuong thang

dung. Tinh chiéu cao 4H ciia ngon doi.

B
= i
/\ "
zZ |
Traloiieeeeeeeeeeeeenrenens
Loi gidi

Uer =120 :Upc =30 = Bac =30 AABC C= AC =BC =100

. Nén can tai

. AH .
AHC :s1n QCH :Eﬂ AH =AC =n30 =50m

Trong tam giac vudng
Céu 30. Hai chiéc tau thity cting xuét phat tir vi tri 4, di thang theo hai huéng tao v6i nhau

mot goc 60 . Tau thi nhét chay véi tbc do 20km /h | tay thi hai chay voi tbe do 30km/h  Hoj

sau 3 gio hai tau cach nhau bao nhiéu km?

Lo giai

) 5, =wt =20.3 =00(fon)
Ta c6 quang duong tau thir nhat di dugc 1a



5, =w,t =30.3 =90( km)
Quang duong tau thtr hai di dugc 1a

AB =5, =00km:C

AABC B , , , .
vol  la vi tri tau thir nhat chay dén sau 3 gid, nghia la 1a vi tri tau tha

) AC =s, =90km
hai chay dén sau 3 gio, nghia la

BC® =AB* + AC* - 2AB -AC -cos BAC = BC* =60° +90° - 2 -60 90 -cos 60
= BC? =6300 BC =307

. Vay khoang cach hai tau sau 3 gio chay la .
Cau 31. Thanh phé Hai Pong du dinh xay dung mot tram nude sach dé cung cap cho hai khu
dan cu 4 va B . Tram nudce sach dit tai vi tri € trén bo song. Biét 4B =317 o , khoang cach
tir 4 va B dén bo song 1an lugt 1a AM =3 BN =0km pinh v&). Goi T 1a tong do dai duong

ong tir tram nuSe dén 4 va B. Tim gia tri nho nhat cta 7.

AK L BN AH L EN
Ke

337 km B
6km

3km

@]
yrs




A4 . A MN,D NB
Goi  doixung voi  qua 1a trung cua

T =CA+CB=CA +CB =4 B o {Cl =MNNAB
(khong doi). Bang thuc xay ra khi

MN =AK =AH =JAB* - KB* =J(337)* - 3 =18km.

AB=AJAH +HBE =18 +9° =9J5 =20,12m

Vay
cos(4+ B) =- l._AC =4 BC =5
Cau 32. Tam giac 4BC ¢o 8 . Tinh canh 4B .
Traloi:.....ccooevennanne.
Loi giai
ABC b+ B & b+ =180 - &
Vi trong tam giac ta co bu véi gbc  nén

1 1 - - .. 1
cos( A4+ B) =- §=a cos O :g.f AR :JAC' +BC - 248 -BC <osC :J4' +5-2435 E =0

Cau 33. Tam giac c6 ba canh lan luot 1a 512,13 Tinh do dai duong cao ting voi canh 16n

nhat.
Traloic....cccoeuvenennnne.
Loi giai
_3+12+13 15
a=5b=12,c=I3 pP=—7"
Dat . Nua chu vi cua tam giac la:

Di¢n tich cua tam giac la:

s =fp(p- 5)Np-12)(p-13) = f15(15- 5)(15- 12)(15- 13) =30.

R s=L502=30
524127 =13 ‘ 2
Céach khac: vi nén tam giac da cho vuong,
25 230 o0
h =" =2 =

, c 1313
Duong cao ing vi canh 16n nhat 1a: .



Cau 34. Tam giac 4BC vuodng can tai 4 va noi tiép trong duong tron tim O ban kinh R . Goi
R

r 1 ban kinh duong tron noi tiép tam giac 4BC . Tinh tisd 7 .

Loi giai

a\2

2

AB=AC=a= BC=aJ2= R =

Gia s

S =pr
Mat khac

AB -AC 2a+adf2 a a
= (=] | o — e
2 3 2 ']‘+

=)

i

£:1+\E
;

Suy ra

) y . 2_.2 :hhl_.l
Cau 35. Tinh goc ¢ ctia tam gidc 4BC biét @ #b va ala®- ) =b(" - )

Lo giai
ﬂ(ﬂ: - c':)zlﬁ(f}: - c':)ﬂ a -b-c'(a-b)=0
= (a- b)(a* +ab+b*)- *(a- b) =0

= (a- )@ +ab+b* - 2) =0 = & +ab+b* - &* =0

s a+bh-c =-abviazb

a +b’-¢& -ab -1
= cosC = = -
2ab 2ab 2
& =120°
Do do6

h, h,h

e , \ . N 1A . 3 =25, X A
Cau 36. Cho tam giac 4BC | cac duong cao ¢ théa man h¢ thuc 3h, =2h, +h, . Tim hé

thirc lién hé gitta %0



2
b ¢

S =S 3h, =2h, +h < = +22 =

. —YA4BC a h c
Ki hiéu .Ta co:

32s 228 25 3
e
a

5 4 3

Céu 37. Cho tam giac 4BC ¢ sinA4  sinB  sinC y3 @ =10 Tinh chu vi tam giac dé.

Loi giai

5 4 BﬁIUS 6 _ a 8 0

sind sinB sinC sind sinB sinC  sind sinB  sinC

h=8,c=6
Theo dinh 1y sin trong tam giac ta tinh dugc

_ _ a+bh+c=24
Chu vi tam giéc la

Céu 38. Hinh binh hanh c6 mét canh 13 4 hai dudng chéo 13 6 va 8 . Tinh d6 dai canh ké véi

canh c6 d6 dai bang 4 .

Traloi....cocoevenininnnne
Loi gidi
. ABCD E AD=4
Goi hinh binh hanh la .Go1  1a giao diém hai duong chéo. Gia st .
A B
8
4
E
D C
cos ApE = AD” + DE" - AE~
AADE 2-AD -DE
Xét . Taco:
A 447-3 23
244 32
. . . S 23
AB® =AD* +BD* - 2-AD -BD cos DB =4 +8° - 2 4 8 == =34
AABD 32

Xeét . Ta co:



= AB =34

Cau 39. Tam giac 4BC ¢o 48 =1.4C =3, A =60 . Tinh ban kinh dudng tron ngoai tiép A4BC

Loi giai

BC® =AC* + AB* -2 -AC -AB c0s A =3"+1-2 31 cos60 =7= BC =+f7

BC Bc N1 421

: =2R= R = - = :
sin A 24 2-sin6l 3

Ta lai co:

Cau 40. Cho tam giac 4BC nhon c6 BC =3@ v3 ban kinh dudng tron ngoai tiép tam giac

ABC 13 R =a\/§. Tinh s6 do goc A

Traloic......coeuvennnnee.
Loi giai

, o _ABC
Ap dung dinh ly sin trong tam gidc ,taco
—J,EC =2R=sin4 _B8C _ 3 :ﬁ.
sin A 2R Ea-ﬁ 2

4 =60 ABC
Suy ra (do tam giac nhon).

Cau 41. Cho tam gidc 4BC nhon thoa man 2asin B =bv3 | Tinh sé do goc A .

Loi giai
, , 2asin B =b+f3 < 2bsin A =hf3 = sin 4 :E
asin B =hsin 4 2
Co nén

d=60  4pc
Vay (Do la tam gidc nhon).

h

a

Cau 42. Cho tam gidc 4BC co goc 4 =30, goc B =45 . Tinh by



Loi giai
S=—a-h =—bh IlrF—:E
2 2 ,  a
1
a _ b _ b_sinB_sin4s _Jf_ﬁ
sind sinB a sind sin30 1~ ° h_:!_’:.jﬁ
p) h, a

Theo dinh 1y sin cé: . Vay

Cau 43. Hai chiéc tau thuyén ciing xuat phat tir mot vi tri 4, di thang theo hai hudng tao véi
nhau goc 60 . Tau B chay véi toc d6 20 hai 1i mot gio. Tau C chay véi toe do 15 hai 1i mot

gi0. Sau hai gio, hai tau cach nhau bao nhi€u hai 1i?

Loi giai

B C
Sau 2 gio tau  di dugce 40 hai li, tau  di duoc 30 hai li.

ABC  AB=40,4C =30 U =60
Vay tam giac co va

, ] ) ~ ABC
Ap dung dinh 1i c6-sin vao tam gidc , ta co:



a’ =bh +c - 2bc cos A
=307 +40° - 2 30 40 cos 60 =1300
= g =30.
Vay sau 2 gid hai tau cach nhau khoang 36 hai li.
Ciu 44. Dé do khoang cach tir mot diém 4 trén bo song dén gbe cay C trén cu lao gitta song,
nguoi ta chon mot diém B cung & trén bo voi 4 sao cho tir 4 va B ¢6 thé nhin thdy diém C .

Ta do dugc khoang cach A8 =40m | 4B =45 .84 =70 . Vay sau khi do dac va tinh toan

khoang cach 4C bang bao nhiéu mét?

=180 - U- B =65

Ta co:

, ) ) ~ ABC
Ap dung dinh 1i sin vao tam giac ta co



.IﬁiC ,IﬁiB = AC :ABI-sm.E :4:},'5“_]?.& ~41.47m.
s5inf  sinC sinC sin6s

A C 41,47m
Vay khoang cach gita va  khoang

Céu 45. Tu vitri 4 nguoi ta quan sat mot cay cao (hinh v&). Biét 4H =4m

—" = ’ oA 9 A
HB =20m, BAC =45 . Tinh chiéu cao cua cay?

Traloi:......cccouennneee.
4 AHB I 4
Trong tam giac ,taco
anBer =28 _ 2 1 ey <1119,
BH 20 5

AB =+ AH* + HB® =4.J26.



Upc =90 - 1119 =75 41
Suy ra .

Uep =180 - (Bac+HBo) =56'19

Suy ra

, o . 4BC

Ap dung dinh 1i sin trong tam giac , ta dugc:
| AB | CB_ _ » :ABI-sm Bac .

51N QCB 51N EAC 51N QCB

Céu 46. Gia stt CD =h 1a chiéu cao cta thap trong 46 C 1a chan thap. Chon hai diém 4, B
trén mit dat sao cho ba diém 4% va C thing hang. Ta do dugc 48 =24m

€4D =03 88D =45 Tinh chidu cao  cia thap?

D

=

L T |

Loi giai

a=B +p=1 =a- p=03-48 =15
Ta co



ABD

Ap dung dinh 1i sin vao tam giac ,ta co
AD AB AB sinfi 24 sin48
—— =— = AD =— snp ,Sm =08,91m
sinff sin @)I sin @)I sinl3
. = (&2
Trong tam giac vudng , CO

h=CD =AD sinea =08,91m.

. 68,91m
Vay chiéu cao cua cai thap khoang

Cau 47. Trén n6c mot toa nha c6 mot cdt angten cao Sm T vi tri quan sat A cao Tm so véi
mit dat, c6 thé nhin thdy dinh B va chan C cua cot ang-ten dudi goc 50 va 40 so véi

phuong nam ngang. Tinh chiéu cao ctia toa nha?




Bac =10
Tu hinh V¢, suy ra

Upp =180 - (B4D +UDB) =180 - (50 +90 ) =40

va
, ) ) _ ABC
Ap dung dinh 1i sin trong tam giac ,taco
BC _ AC
sinB4C  sinH4BC
BC sinHBC 5 sin40
= AC =—— = =18,5m
sinB4ac  sinlo
, cD ,
sinBAD =—— = €D =AC sin B4AD =11,9m
_ ADC AC
Trong tam giac vudng ,taco

CH =CD+DH =11,9+7 =18,9m
Suy ra,

. 18,9m
Vay chi€u cao cua toa nha khoang

Cau 48. Xac dinh chiéu cao ciia mot thap ma khong can 1én dinh cua thap. Dat ké giac thang
dimg cach chan thap mot khoang €0 =80M biét chidu cao cua giac ké 1a OC =1M_Quay thanh

giac ké sao cho khi ngidm theo thanh ta nhin thiy dinh A cua thap. Poc trén giac ké sé do cua

goc A0B =60° Tinh chidu cao cita ngon thap?

A

B m\o
N

D



/N

_04B B
Tam giac vuong tai  , co

AB

tan H0B =22 = 4B —tan 60.08 =603 m.
B

Vay chiéu cao cia ngon thap 1a

h =AB+0C =(603 +1) =105m.

Ciu 49. Tu haivitri 4 va B coa mot toa nha, ngudi ta quan sat dinh € cua ngon ndi. Biét

ring d6 cao 4B =70m _phuong nhin 4C tao v6i phuong nim ngang géc 30 , phuong nhin BC

tao v6i phuong nam ngang goc 15 30 . Ngon nti d6 c6 do cao so voi mit dét 1a bao nhiéu mét?
c




, 4ABC €4 =00 4BC=10530 48 =70
Tur gia thiet, ta suy ra tam giac co vi .

U+ + ¥ =180
Khi dé

= =180 - (4 +8)=180 - 16530 =1430.

Theo dinh Ii sin, ta co

] 5
AC _ AB o AC :'J"D sin 105 30

: : : =209,4m.
sinB snC sinl4 30

CH c .
Goi la khoang cach tr  dén mat dat.

. ACH CH , _ 30
Tam giac vudng coO canh doi dién véi goc nén:
: 209, +
CH =AC smn30 :g 209, =134, 7m.
135m

Vay ngon nui cao khoang

Céu 50. Gia str chung ta can do chiéu cao €D cta mot cai thap voi € 1a chan thap, D 1a dinh

A,B

thap. Vi khong thé dén chan thap dugc nén tir hai diém c6 khoang cach 48 =30m ga0 cho

A,B,C

ba diém thang hang, nguoi ta do duoc cac goc e4p =43 , esp =67 (nhu hinh v&

trén). Hay tinh chiéu cao CD ciia thap?



43° 67°

A 30m B C
Traloic...ccoceeeeninnnnnne
Loi giai
D
43 67°
A 30 m B C
DR _ AR = BD 230.5“] 43
sinB4B  sinHDB sin 24
€D _in67 = CD=DB sin67 =-03nOT SINA3 4o
. DB sin 24
Laico
R L, 46m
Vay chiéu cao cua thap xap xi
AB =4,4C =6, =120°,
Cau 51: Cho tam giac 4BC ¢4 Tinh d6 dai canh

Loi giai
BC* =AB” + AC” - 2AB.AC.cosA =6" +4° - 2.6.4.cos120°

=6 +47- 1.5.4.',}_1 =76 = BC =76 =24/19.

ABC  a=Tib=8§c=5 Y.s.h R
Cau 52: Cho tam giac cé . Tinh

BC



b 4ci-a¢ _§+5-T
cos 4 = = =

1
2bc 285 2 = h=60
+ .
S :_:—h.n:-.sin A :%.S.S.Einﬁﬂ’ 1043
N 2 2
. 3 ¥
S =I—ﬂ.ﬁd = h, =£=“'m£ :“DJ’_’_’
; 2 a 7 7
+ Ta co:
g_abe_ o _abc_ 185 B
4R 45 41043 3
+ Ta co:
. ., ABC . AB=2 BC=5 CA=6 _ o
Cau 53: Cho tam giac c6 db dai ba canh la , , . Tinh d6 dai
. L MA M ., BC
duong trung tuyén , V@i la trung diém cua
Loi giai

Ap dung céng thic tinh do dai trung tuyén ta cé:

g |AB+ACT BCT _ [Y+0" S 55
T 2 4\ 2 12

A . ABC .4 , AC=6cm BC=10cm _ o .
Cau 54: Tam giac vuobng tai co , . Tinh ban kinh duong

\ A . A (N4 ABC
tron noi tiép tam giac

Loi giai
. ABC 4 , AC=6cm BC=10cm
Do tam giac vudng tai  co , nén
AB =~[BC* - 4C* =J10°- 6° =8
S.. =Y AB.AC

N ) y ABC . AABC _E :24
Dién tich tam giac la :



25 22

. = S ABC o
o . . N . 4BC "TUB+BC+CA  6+8+10 =2
Ban kinh duong tron ndi tiép tam giac la :
3
A==
A ABC b=7 =5 % Ts h,
Cau 55: Cho tam giac co , , . Tinh d6 dai duong cao cua tam
 4BC
giac :

. ., =49+ 25- 2.7.5.
) o o a =b"+c" - 2bccos A
Theo dinh li ham cos ta cé

3
5

=32=a4q :4\5

cos 4 =3 5 sin A =i
5 5
Ta lai cé:
1 . 1 4
o 4BC S, e —EhL'SII]A —5.?.5? 14
Dién tich tam giac la :
) 28
5 . :li?.h__ h :-Sﬁ —_—= :&
mac = T T a A2 2
Vi nén
)
R 2
Vay

Cau 56: Cho tam giadc ABC c6 “ =13.6 =8.¢ =7 Tinh g6c A,suyras, ha R, r, m,,
Loi giai

. .. b +c-a’ 1 .
a =h"+¢" - 2bccosA=cos A=—— =- —= A4 =120/
2bc 2



5a.£ =143

s :I—."x-sinA :I—
2 2
3 )
5 :I—ﬂ'.a’ild = h, :ﬁzu&Jlrg
2 a 13
g _abc _ o _abc _ 7813 :IB\.@
4R 45 4143 3
%3 %3
S—pror=_2S _ 2143 ;
a+b+c T+B+13
b+ a’ 57
HI_J = - —_—= ”;J =
2 4 2
cosA = 3
. ., L,AB =4 AC =5 | Tt < an s
Cau 57: Cho tam giac ABC ¢4 va 5. Tinh canh BC, va dd dai

dudng cao ké tir 4.

Loi giai
Ap dung dinh Ii césin ta c6
3
2 _ 2 z_ — A2 _ & _
BC* =AB* +AC?- 2ABAC.cosA =4+ 5% 2.4.5.5 17 BC = 17
Suy ra
i I - 2 I - E ] i
SMEA 4 costA = ) SnA =+1- cos’A 1 %=
Vi nen
S = %ABAC.QHA = % 45.% =8
Theo cbéng thuc tinh dién tich ta cé (1)
1 1
Sasc = Ea"ha = E'Jﬁha
Mat khac (2)
1 16v17
—all7h. =8P h, = ———
2 V17 3 3 17

Tu (1) va (2) suy ra

h.
Vay do6 dai duong cao ké tur A la

_16V17
17

Cau 58: Cho tam giac ABC ¢ AB=10AC =4 5y H=60"



a) Tinh chu vi clia tam giac

tanC
b) Tinh

a) Theo dinh Ii césin ta cé

BC*=10° + #- 2104cos60” =76
P BC » 872

2p» 10+4+872=2272
Suy ra chu vi tam giac la

b) (Hinh 2.23a)

Ké dudng cao BH ta cé

AH =ABcosB0D" =5
P HC =5- 4=1

tanC =- tanBCH =- HB _. 5J3

BH = AB.sin60° = 53 HC

Vay

. K=60" B = a0
Cau 59: Giai tam giac ABC piét : vaCc=14,

Loi giai

#H=180"- K- B =180"- 60°- 40° = &CF
Ta co

Theo dinh |i sin ta c6

csnA l4.snedf
as= = P a

5 3
snC sin80° 12




_csinB _ 14.sin 40°
snC sn80°

b P b» 91

Cau 60: Giai tam giac ABC | piét:

b=45 K =30, =75
Loi gidi
B=180°- K- & =180- 30°- 75° = 75° =¢&
Ta cd
ABC A= c=h=45
suy ra tam giac can tai :

Theo dinh |i sin ta cé

2 :bgmA _ 4,5:5”130” b a» 233
sinB sin75°

R U < S - P |
Cau 61: Cho tam giac ABC can tai A biét =\3; 8 =€ =30 . Tinh R, r, canh ¢, b, suy
ras

Loi giai
Ap dung dinh Ii sin:

4 =2R= R = 4 = ﬁ
sin A 2sin A ,}J?_;

-

= b =c =2Rsin30" =l

5 zl—.ﬁ.c-sin A :£
2 4

=2 =L )
p 2



Cau 62: Cho tam gidc ABC noi tiép dudng tron ban kinh bang 3, biét

K=30 B =14 , ,
' . Tinh d6 dai trung tuyén ké tir A va ban kinh dudng tron néi tiép tam

giac.
Loi giai

¢l =180"- K- B =180°- 30°- 45" = 105
Ta cd

a=2RsnA =23sn300 =3
Theo dinh Ii sin ta c6 )

b=2RsnB = 23.sin45" = ﬁ.g =32

c=2RdnC = 23.sin105" » 579

Theo cong thirc dudng trung tuyén ta cé
. 2B +2)- & 2(18+579%)- 9
me = »

= 23,547
: 4 4 2

Theo cOng thuc tinh dién tich tam giac ta cé

bcsnA
2p

5 =p'=%b:5inAD r=

ABC

R 3J2.5 796sin 3¢° R

943
3+ 32 +57% 0

Cau 63: Tinh do6 dai canh x trong cac tam giac sau:

a) b)
Loi gidi
a) Ap dung dinh Ii cosin, ta cé:

x' =0,5 +5 - 2.0,5.5 cos72 =47,16

= x =0,87

b) Ap dung dinh Ii cosin, ta cé:



2 l I— cosl23 =0,224
53
= x =0,473

Cau 64: Tinh do dai canh c trong tam gidc ABC & Hinh 14.

]

105

c 12
Hirnk 14

Loi giai

Ap dung dinh [i sin, ta cé:

9 7 i 5
12 I:IH sinl05 ~3.37

-
- e - == O -
sinl035 sIn3s sIn35

Cau 65: Cho tam giac ABC, biét canh a = 152, B = 79°, C = 61°. Tinh céc g4c, cac

canh con lai va ban kinh duong tron ngoai ti€p cla tam giac dé
Loi giai

AB =c, AC =bh,BC =a
Dat
a=152:4=180 - (79 +61 )=40
Ta c6:

Ap dung dinh Ii sin, ta cé:

a _ b _c —9R
sind  sinB  sinC
Suy ra:
sinf 152 sin79
Ac =p =220 0% ~232,13
s1n4 s1nd)
sinC 152 sinol
AB =¢ =2 °0% 10 ~206,82
sind sin40
152
a ~236,47

R=—=

sind  sind0
Cau 66: MOt cong vién c6 dang hinh tam giac véi cac kich thudc nhu Hinh 15. Tinh

sO do cac gbc cua tam giac do.



800 m o
Hinh 15

Loi giai
=BC.,b=AC,c =AE

a =800,k =700,c =500
Ta cé:

Ap dung dinh Ii cosin, ta c6

a +e'- b a +b*-¢"
(C0sE = ccosC =
2h 2ac
Suy ra:

2ab

cosA :TDD' + 5007 - 8007

L s 4712,44
2.700.500 7

5007 +800° - 700°
cosB =

I
=—= B =00
2.500.800 2
800° + 7007 - 500° 11
cosC = =

2.800.700 14

A=814712.44":B =60 :C =381247.56
Vay

= C =381247,56

Cau 67: Tinh dién tich mét 1a co hinh tam giac can cé d6 dai canh bén thanh la 90
cm va goc 6 dinh la 35°.

Hinh 16

Loi gidi
Ki hiéu cac diém A, B, C nhu hinh trén.
Tir gia thiét ta co: A8 =4C =90.4=35



5 =L pesind § =— 90.90.csin35 =2323(cm?)

-

Ap dung céng thirc 2 , ta co:
Cau 68: Cho tam gidc ABCc6 AB =6, AC=8vaA=60°

a) Tinh dién tich tam giac ABC.

b) Goi | la tam dudng tron ngoai ti€p tam gidc ABC. Tinh dién tich tam giac IBC.

I
2

Loi giai
a =BC,b=AC,c =AR
bat
1 : . ; S
S Ebcsmi S 5 8 -0 s1no0 5 80 5 1243
Ap dung céng thuc , ta c6:
ABC
b) Ap dung dinh Ii cosin cho tam giac ta duoc:
BC* =a” =8 +6° - 2 8 -6 -cos60 =52
= BC =213
Xét tam giac IBC ta cé:
Brc =2 Bac =120
Géc . (g6c & tdm va gbc nodi ti€p cung chan mot cung)\
2 4,439
IB=IC =R =—%_ = Vi3 :4J3_.
sind J}T 3
2
1439 4,430 | 52
5.‘&' :l i .£5“]]2D = J?_’
2 3 3 3

Cau 69: Cho tam giadc ABC c6 trong tdm G va do dai ba canh AB, BC, CA lan luot la
15, 18, 27.
a) Tinh dién tich va ban kinh dudng tron ndi ti€p tam giac ABC.
b) Tinh dién tich tam giac GBC.
Loi giai
a =BC.h =AC.c =AR
a) Dat



p=l—(l5+!8+2?):30

Ta co:

Ap dung céng thic heron, ta cé:

S e =300~ 15)(30- 18)(30- 27) =9042

5 9042 .

P 30

Va

H,K A G BC M
b) Goi, lan luot la chan duong cao hatlr va  xulng . latrung diém

BC.

Gﬂ’f = l '.L:'Vf
ABC 3

G la trong tam tam giac nén

1
= GK :g ~AH

= Soac ::I%— S ac ::I%— -'.:JU\-';: :301.-';2_.

Xét tam giac IBC ta cé:

Bre =2.84c =120
Géc (gbéc & tdm va gdc ndi ti€p cung chan moét cung)

a 213 439

sind NE) 3

B A

9 .
e = > sinl20° =
2 3 3 3

B =IC =R =

= 5

Cau 70: Cho h, la dudng cao vé tir dinh A, R la ban kinh duong tron ngoai ti€p tam
giac ABC. Chirng minh hé thiec: h, = 2RsinBsinC.

Loi gidi
Pat @ =BC.,b=AC.c =ARB

: AH :
sinc =" =M o h, =b smC
C b

Ta co:



b
——_=2R= bh=2R e i
Theo dinh Ii sin, ta c¢: sinB _sing = i, Z2R SInB sinC
Cau 71: Cho tam giac ABC c6 géc B nhon, AD va CE la hai dudng cao
S BD.BE

a) Chimg minh Ssic = BABC

b) Biét rang Saec = 9Sepe va DE = 2V2  Tinh cosB va ban kinh duong tron ngoai ti€p tam
giac ABC.

Loi gidi
1
S =—ac .
2 sinB ABC BED
a) Ap dung cbng thtc : cho tam giac va , ta c6:
1 :
 Suw 2 -BE -BD sinB _BE -BD
1 . 1 . - . .
S s == BABC SinB:S,,, =—BE BD sing  Suwc 1 .BA -BC sing B4 BC
BD BE
cosf =———=——
BA BC
b) Ta co
S,y | _ BD BE 1
- = = — e =
S. 9 BA BC 9
Ma
BD BE |
== =—=—
BA BC 3
ABC
+) Xét tam giac va tam giac DEB ta c6:
BE BD |
BC BA 3 B

va géc chung

= AABC ~ADEB (cgc)

DE |
= 2% =" = AC =3.DE =322 =62
AC 3



1 :
cosB :§=> sing =

3 B
Ta cé: (do la gbéc nhon)
ABC
Ap dung dinh li sin trong tam giac ta cé:
—AC =2R= R :':]JE 2 :E
sing 22 2
3

Cau 72: Cho ti giac 16i ABCD c6 cac duong chéo AC = x, BD =y va goc gilra AC
va BD bang a. Goi S la dién tich cua t& gidc ABCD
1
a) Chiing minh S = Exysina.
b) Néu két qua trong trudng hgp AC L BD

Loi giai
O AC ABCD
Goi la giao diém cula va
1
S =—ac .
sinB
a) Ap dung cbng thtc : , ta co:
1 : I :
Son =3 0A 0D s1na; S, :;---GB -OC sIna
S =1 04 -08 sin(180 - a); Socn :I—.GD 0C sin(180 - ).
7 2
sin(180 - &) =sine
Ma
I : I :
= 85 =5 ‘04 OB sina., S, =5 ‘0D -OC sina
= 5.:'|‘il.';"l :(Sli.:';"l +5|l:‘n‘$)+(5|in‘il' +5|il.'a"l)

N

. 1 .
sing {OD+0B)+ 5 OC sinae (OB+ 0D)

b | =

S

: I :
sine -BD+ = OC -sinex -BD

b | —



.BD sinex {04 +0C)

bd | —

b | =

‘AC -BD sina =

b | —

Xy SIN
AC L BD a =90 = sina =1
b) Néu thi
1 1
= 8,0 =—xyl=—wx
' 2 2
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