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Cau 5.
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Cau 7.
Cau 8.

Cau 10.

Cau 11.

Cau 12.

Cau 13.

PHAN B. BAI TAP TU LUAN

Dang 1. Xac dinh gia tri l6m nhat — gia tri nho nhit ctia ham s6 trén doan

. . : £ 4~ y=r\x) , . A R [a;b] '
® Bwdc 1: Ham s6 da cho xac dinh va lién tuc trén doan

(@p) ) f(x)=0 hoe f(x)

\ J4 < R X IX poaes tx A 5
Tim cac diem ~ 1" 2 " trén khoang ,taid

fla), Fx ), F(x),... f(x ), Fb).

khong xac dinh.

S Bwoce 2: Tinh
® Bwoe 3: Khi do:

maxf (x) =max |  (x,), £ (g )..... F(x,). £ (@), £ (b)

|.='|J:|!

Tp? f(x) :mr'n-: f(x,) f(x,)....f(x ). f(a) f(b)Jl- .

Tim gia tri 16n nhat va gia tri nho nhat ctia ham sd ) =427 yran doan [0:2]

Tim gid tri I6n nhat va gié tri nhoé nhat ctia cadc ham so6 sau:

a) ¥ =S(x) =23 +3 yan doan [- 3;1];

b) ¥ =g(x) =1- x° ‘

Tim gid tri 1on nhét, gi4 tri nho nhit cia ham sé /(%) =% - 07 +9x-1

[- L+o0)

trén nua khodng

Flx)=x"-8x [- 3]

Tim gia tri 16n nhét, gia tri nho nhét ctia ham sd +9 trén doan
. 1
y=f(x)=x+—=17

Tim gia tri nho nhét va gi tri 1on nhét ctia ham sd x trén khoang (0; +0) .

Tim gi4 tri 16n nhét, gi4 tri nho nhét cia ham sb ¥ =/ () == 307 = 95435 10 qoan [0:5],
. ¥ +9
L o .y ) =2 (0: +00)
Tim gid tri I6n nhat va gié tri nhé nhat (néu cd) cua ham sd X trén khoang ‘** )
Tim gié tri 16n nhat va gia tri nho nhat cia moi ham so sau:
. .".'3 -

fix)=—= 2x +3x+1 .
a) 3 trén doan [- 3’2];

o (x) In x
b) X trén doan 14T

S S . « Flx)=x*-10x> +2
(D3 Tham Khio 2020 Lan 2) Tim gié tri nho nhét cia ham sé 7 0 =% 7107 +2 0 doan
- 12]
M 103 - 2020 Lin 1) Tim gié tri nho nhét cia ham s6 / ) =%~ 30% e dogn (219
( g

. . . =yt e V¢ 42 [0,‘\/5]
(M2 110 2017) Tim gi4 tri 16n nhit M coahamsd » = ~ =% ¥ rén doan .
1
) oy =x+ 2 —;2}
(Ma 104 2017) Tim gia tri nhé nhat ”* cia ham s6 X trén doan

(S& Nam Dinh-2019) Tim gié trj 16n nhit cia ham sé ¥ =V4~ ¥



Cau 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.

Cau 19.

Cau 20.

(&) =sinx+cos2x _, [07]
n

(Chuyén PHSPHN - 2018) Tim gi4 tri 16n nhét cia ham s6 tré
4
. N ez 12 1AL o 13 A_l':_r—]+ A A ) (1;400)
Goi ™ 1a gia tri nho nhat cua ham s6 X trén khoang . Tim M ?
Dang 2. Pinh m dé GTLN-GTNN cia ham so théa man diéu kién cho truée

v (i =1,2,...)

Budc 1. Tim nghiém ™ cia ¥ =0 thuge [a:5]

. f ) f(a) ()

Buwére 2. Tinh céc gia tri theo tham s6

Buéc 3. So sanh cac gia tri, suy ra gia tri 16n nhat, gia tri nho nhat.

Budrc 4. Bién luan m theo gia thuyét dé dé két luan

Luu y:

Max f(x) Zf(b).j.-ﬁd’{'_ﬂ F(x)=f(a)

azh a;

y=f&)

5 A A 24 A a, \
, Hams6 dong bien trén doan [ ] thi

y=f&)

o [as] | Mae S G =Fa)ipia £ ()= (6)
nghich bién trén doan thi la#] (o]

+ Ham so

~mx-1

Tim gié tri duong cua tham s 7 dé gi tri nhd nhat cuia ham sé X+2  trén doan [1;3] bang

1

(Chuyén Bic Ninh 2019) Goi 4B 13y luot 13 gia tri nho nhét, gid tri 16n nhat ctia ham s
x4mS +m 13

= ] N [2'3] N VST , J AA+B:7

x-1 trén doan ! 7. Tim tat ca cac gia tri thuc cia tham so6 7 dé £

(THPT Ngé Gia Ty Vinh Phiic 2019) Cho ham s6 -
tri nho nhat 1a - 1. Tinh ™ ?

y=2x - 3x7 - N | S
V=st 728 T Trén ham so c6 gia

_l- msinx

(THPT Bach Ping Quang Ninh 2019) Cho hamsé ~ ©05x+2 (¢ bao nhiéu gi4 tri nguyén
ctia tham sb ™ thudc doan 0; 10] dé gia tri nho nhét ciia ham sb nhoé hon - 22

(Md 101-2022) Cho ham s / (¥} =(m=Dxm=2mxm+1 0o m 13 tham 6 thuc. Néu
min f(x) =£(2) N max f'(x)
[0:3) thi

i [0 bang bao nhiéu?

Dang 3. Pinh m dé GTLN-GTNN ciia ham s6 chira d4u gia tri tuyét d6i théa mén diéu kién
cho truée

, maxy =|_}‘”(.T)+m| =a (a>0).
Dang 1: Tim 7 dé "

Phwong phap:
max f (x) =K min f (x) =k (K > k).
Cach 1:Trudc tién tim =t
| ; |m+ﬂ’+|m+k| |m+ﬁf—m—k| F{—k|
q max | [m + K|, |m + k| = = = .
Kiém tra ' 2 2 2
‘K—f(| m+k =-a m=-a-k | R
L l<g MNAXy=a< ; = =@ mE€|-a- kia- K|
TH1: 2 pé = m+ K =a m=a- K




K-k
2

>d

TH2: 2 meo,

Cach 2: Xét truong hop

.

|m +K|=a

Max :|m + K| =

|m + K

THI: 3_=|m+k|

Max =|m +k|~=r |m +k| -

TH2:

|m +}'-:| 3_=|m + K

min

i 1y :|_f'(_r)+m| =a (ﬁ' :"D)-
Dang 2: Tim 7 gé "

Phwong phap:

max f (x) =K;

i

min £ (x) =k (K >k).
Trudce tién tim =il

, m+k=a, m+K =-a
min y =a <

—
2 |3l m+k=0 |m+K <0
bé - ' '

m=a-k,

m>-k

max

, maxy =|_f‘(.‘r)+m|
Dang 3: Tim 7 dé "

khong vuot qua gia

m;;ﬁf(r) =K:

Phuwong phap: Trudc tién tim

v

m+k=-M
= -M-kF=m=M-K

maxy =M =
m+K =M

2 |

be -

 miny =|_f'(.'r)+m|
Dang 4: Tim ™ dé =+

max f (x) =K
Phwong phap: Trudc tién tim

beé

m+k =a,

m+k =0

m+ K =-a

miny <a <
| m+ K = ':I'

. max y :|_f'(.'r)+m|
Dang 5: Tim ™ de “" dat min.
Phwong phap:

max f (x) =K;

ah

min f(x) =k (K >k).
Trudce tién tim e
K+k
‘ m= m=-
beé hoi tim

Tl 77

S U o,
< DPeé hot tim min cua

¥ =|_f'(.‘r)+m|

dat min.

. min
Dang 6: Tim ™ d¢ '*"

"m+K)m+k)<0=

v

m=-a- K

m=-K

. Vay me S, US,.

tri M cho trude.

min FG) =k (K >k).

khong vuot qua gia tri ¢ cho trudec.

min FG) =k (K >k).

m=a-k, |m=z-a-K

" -K<mc<
m=-K

m=-k

K-k
T

gia tri nay la



m_q_x_;"(.r) =K; min F(x) =k (K >k).

Phwong phap: Trudc tién tim

- ) - ke e b . min y =
Pé hoi tim " (m+K)m+k)<0 & -K <m <- k . Dé hoi tim min caa [ gia tri nay la
0.
v =lfG)em _ max y <h.miny(h >0) , o
Dang 7: Cho ham s6 * |'f |.Tim m ge =t o hogc Min +max =

m;?.x_;"(.r) =K mi:n FG) =k (K >k).

Phuwong phap: Trudc tién tim

- - # #m |z m
|F.. +m| z.ﬁ|ff +m| — K_I_JJ_I = meS,.

THl. +m oungdau £+m
- ke m| = +m
|}’f+m =h|K +m|— = _ e S
THZ. K+m cungdau k+m 2

Vay meS Us,.

v =)+
Dang 8: Cho ham s [ Gdem|

m_q_x_;"(.r) =K; min F) =k (K > k).

Phwong phap: Trudc tién tim

 miny+maxy =a < |m+K
BT1: Tim M ¢é **~ =

+m+k| =a

 miny*maxy =4 |m+K
BT2: Tim ™ dé *" X .
Céu 21. (P& Minh Hoa 2020 Lan 1) Goi S la tap hop tat ca cac gia tri thuc ctia tham s6 m sao cho gia tri

i P A_,i’”(.‘l.') :|.‘l.'3 - 3x+m
16n nhat cua ham so

S

*lm+k|=p

b

| trén doan[ ] bang 16. Tinh téng tit ca cac phan tir cia

il
v 2‘.1" +2v+a- 4‘

Céu 22. (THPT Nguyén Hué 2018) Cho ham sb - (@ 1a tham s6). Tim ¢ dé gia tri 16n

nhét ctia ham s trén doan [_ Z 1] dat gia tri nho nhét
Ciu 23. (Chuyén Nguyén Thi Minh Khai - Sé¢ Triing - 2018) Goi S 1a tap hop tat ca cc gia tri ctia

p o L ey :|.‘l.'3 -3x7 - 9x+ m| . [- 2; 4] .

tham sO ” sao cho gia tri 16n nhat cia ham so trén doan bang
16 g4 phan tir cia S 1a bao nhiéu?

Cau 24. (Chuyén Lwong Van Chanh - Phua Yén - 2020) Goi S la tap hop tat ca cac gia tri nguyén cua

i—.x"' - 14x° +48x +m- 30

.ll =

tham sd thuc 7 sao cho gia tri 16n nhét cia ham sb trén doan
[0;2] khong vuot qua 30, Téng gia tri cac phan tir cta tap hop S bang bao nhiéu?
Cau 25. (Pai Hoc Ha Tinh - 2020) C6 bao nhiéu gia tri ciia tham sd 7 dé gia tri nho nhat ctia ham s
x)=le™ - 4e™ + . .
f&) | m| trén doan [O’ In 4] bang 6?

Cau 26. Chohamsé =/ (x) c¢6 bang bién thién nhu hinh dudi ddy. Tim gia tri 16n nhat ciia ham sb

i 1 | 1 - . 3 |
E_r{_ﬂ:_lr I{_1_1.'- _1."]|+?.1.' - 3.1."+ES.‘-'+? R [1;3]
3 * trén doan



Cau 27.

Cau 28.

Cau 29.

Cau 30.

Cau 31.

Cau 32.

x | —o 0 4 +x
¥ — 0 + 0 —
-+ 3
¥y
“HHHMRHKI . ffff/ff;’ “Hhhhhxxudm
v=f(x) c y=71"(x)

Cho ham s c6 dao ham cép 2tréen R , ham so - ¢ d6 thi nhu hinh v& bén.

¥

sin x ++/3cosx
2

_ SJT_JT
6 6

y=1

Tim gié tri 16n nhat cia ham so " trén doan

Flx)=x"+ax’ +bx+c

(Chuyén Thoai Ngoc Hau - An Giang - 2021) Cho hai ham s

[1;4] . f(x)vé g(x)

, hai ham so
A(1;4)

glx) =x+ ,
c6 cung gia tri nhé nhat va dat tai

Af(x)

thudc d6 thi ciia ham s

A" . Trén doan
cung mot diém. Biét rang diém . Tim gié tri 16n nhat cua

() [1;4]

ham so trén doan .

(Chuyén Béc Giang - 2021) Cho ham s6 () =x"- 3x+1

T 1'=|,"”(351I‘J.‘r+|)+m
de gia tri nhd nhat chla hams6 =

. C6 bao nhiéu gia tri nguyén cua m

|kh6ng vuot qua 10?
(THPT D6 Luwong - Ngh¢ An — 2022) Ham sé J)=00+x g,

g(x) =x' - mx* +(m* +1)x- 2 (x+ (5D tran doan

.Goi M 1a gia tri 16n nhat cia ham s6 * —%
[0:1] Khi M dat gi4 tri nho nhét thi gia tri ciia 7 bang?
(Chuyén Ha Tinh 2022) Cho ham sb bic ba ¥ =/ () ¢4 bang bién thién cia ham s6

glx) =/ x=D*+2 hhe sau

x -0 1 3 +00
g'(x)

- 0 + 0 -
E(-Y) +@ / 4
\\\\\\ﬁio \‘\\H\\“H$_<n AJ

o O :_,f'(— |J?_:si|1 x- cns_r|+2)+2c052r+4sin x- 1
Tim gia tri 16n nhat cua ham so

Dang 4. Diing phwong phap ham s6 dé tim gia tri 16n nht, gia tri nhé nhét caa biéu thirc
, , - y — - - TR e |
(Chuyén Béc Giang 2019) Cho *, ¥ 1a céc sb thuc thoa man *FY V¥ 1#420+2 oo
) . , =l gt My , Ade v 1
M, m 1an luot 14 gid trj 16n nhat va nho nht cia © —* *? #2064 D0 #1)+8y4- x- y.
Tinh gia tri M +m



Cau 33.

Cau 34.

Cau 35.

Cau 36.

(Chuyén Ha Tinh - 2019) Cho céc sb thuc X, V' thay ddi thoa man * ¥ =%V =l v ham s6

0 :_,r". Sx-p+2

Fle)=20 -3 +1 | x4y +4
M+m
(THPT Tran NhiAn Téng 2018) Cho hai sé thuc Y théa man:

Oy +(2- yf3xy - 5)_1'+ 3xy-5=0

P=x"+y"+ f_'l.‘l.'_l'+3(3.‘l.': + 1)(.1'+_1'— 2)

.Goi M .M tyong img 1a GTLN va GTNN cua . Tinh tong

Tim gié tri nho nhat cia

(THPT Trin Phi - Pa Ning - 2018) Cho hai s6 thuc ¥, Y thoa man:

23" +Ty+2xfl- x =3J1- x +3(2)7 +1)

, 5 o ¥4
. Tim gi4 tri 16n nhat cta biéu thae © =¥ +2V

_x = 2mim+l)x+2m +m” +1

.ll N\
(Chuyén Quéc Hoc Hué - 2021) Cho ham s6 x=m c6 d6 thi
(c,)

\ A . \ A 5 ~ <\ Nz . C I e A .7
(M 1a tham so6 thuc). Goi 4 1a diém thoa man vira 1 diem cuc dai ctia ( " )u’ng vO1 mot gia

tri " virala di€m cuc tiucta =~ "~ Gng vai gia tri khac cua 7 . Tim gia tri cia 4 d€ khoang cach

(d):x-(a+1)y+a =0

tir 4 dén duong thang dat gia trji 16n nhét 1a
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