Tra 10i ngin
Thoi gian lam bai: 40 phit (Khéng ké thoi gian giao dé)

Ho tén thi Sinh: ...ecicviiinneicnneicnneicnsnicssnissssnssssansssssnessnes
S0 DA AANN: cecveverreereeeereeresersnesssssssessessessessessessessessssasses
=(3-2- — 73 6- .
Cau 1. Trong khong gian OXVs ¢ho hai vecto @ =(3:25) vy b =(3m +2:3,0 ") Tinh gia tri biéu thuc
6m+2n d& hai vecto @0 bang nhau.
Loi giai
5
m=—
2 -
3m+2 :3:{:I A O = 6m+2n=2.
3 2 5 -3
n=—
Ta c6 a,b < 2
Pap an: 2

Cau 2. Trong khong gian @7 | cho tam gigc 4BC co ba dinh AL 2:3), B(- L2:0).C(3:2:- 3) (5 G(a;b;0) |
a trong tdm cua tam giac ABC. Tinh gié tri biéu thirc P=a+b+c
Loi giai

Do G 1a trong tdm tam giac ABC nen

_I+f_—|}+3_I
3
24242
E_:3+[11+f_-3]|:[:I
3

vay P =a+b+c=1+2+0=3.
bép an: 3

Cu 3. Trong khong gian %7 ABC ¢4 AQ 0;0), B(O;O;l), c@ry
ABC bang:

Loi giai

, cho tam giac . Di¢n tich cua tam giac

Vo
Pap an: 2
4B =(-1:0:1),4C =(:1:) = (-1.1+0.1+1.1=0= 4B L AC
5 :I—AB.AC :ﬁ
Nén di¢n tich tam gidc ABC 13 2 2,
Dap an: [!m:$mathtype 2495]

Ta co:

Cau 4. Trong khong gian OX: ¢ho hai didm A1:2:3) 3 BELD  chg diém M (%9 30320) thudc mit phang

(O¥2) §a0 cho ba diém 4 B-M thang hang. Tinh gia tri biéu thirc Yo+ Vo 2o
Loi giai

Dap an: 8

Me(Oyz)= M(0;y:z2)

SN NN} mN |}

AM =(- 1L, y-2:z-3), AR =(1:-1;-2)

Piém

Ta co:
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- -2 x- [y =3
[IRIRIR R ETRE] — TI :‘1 = :l 3 = 47 = '14'{0'3'5}

pé 4.B.M thang hang thi AM . 4B cung phuong - | -2 ==

Suy ra 'T':I +e1l':l + :':I :S'

Dap an: 8

Cau S. Trong khong gian OXY, cho ba didm Ak~ ED.B3:L2) oy C(- 10:3). C6 bao nhiéu diém D sao cho

tur giac ABCD 13 hinh thang c6 2 canh day AB.CD va co goc tai D bang 45°.
Loi giai

Dap an: 2

Goi P(x:132)

AB =(2:2:1),DC =(- 1- x;- 23~ z)

uuyg Juuy

Tt giac ABCD 13 hinh thang c6 2 canh day AB,CD 5 4B.DC cung phuong.

-1-x L (x=2z-7
== =" "= .
2 2 1 123:-fj
(Al Ly+] 82z~ 5:z- 1
x-ly+liz- z- 8;2z- xz-1)
]]? ]J?
—(r+ly:z-3) =(2z- 6:22- 6:2- 3)
0 o Y .
cos(4D.cp)= Nz-3) =3

Pz -0z +10)40z- 37 JZ-6z+10 2

=’3[::-G:+9}:::-G:+|Dﬁ[_ =

x=l;y=2

x=-3y =2

Viy D(1;2;4) hoiic D(-3;-2:2).
C6 2 diém D thoa diéu kién.

bap an: 2
Cau 6. Trong khong gian OXV: ¢ho tam giac ABC, pig A(2,0,0), B(0; 3,1), C(- 3,6, 4). Goi M 1a diém trén
canh BC a0 cho MC =2MB. Tjnp do dai AM |
Loi giai
Dap an: 5,39
A
B Y " C
Goi M(x;y;2)
CM =(-3- x:0- y:4- x)
1
MB =(x:y- 3z-1)
(2 v —9x .
1 il 3-x=2x X 1
CM =2MB < {6- y =2(y-3)e= {y=4 = M(-1;4:2)
4-z=2z-1) z=2

Theo dé ta co,
AM =\J(- 1- 2 +4* +2° =29 =5 39
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bép an: 5,39

Cau 7. Trong khong gian cho ba diém
ctia hinh binh hanh ABCM. Tinh gia tri cua biéu thue =a’ +b"- ¢
Loi giai

Dap an: 44

MC =(-2- a:3- b:3- ¢)

ma

AB =(1:- 3:4)

Tt gidc ABCM 13 hinh binh hanh = AB =MC
(-2-a=Il (a =-3

= 13-b=-3= {b=06 = P=44.
3-c=4  |c=-1

Dép an: 44

Cau 8. Trong khong gian OX ¢ho hai diém trén tryc hoanh ma khoang cach tir 46 dén diém M(- 3:4:8) bing
12. Tinh tong hai hoanh d¢ cta ching.

Loi giai

Pap an: -6

N(x;0;0)

MN =12 [(x+3) +4° +8° =144 & (x+3) =64 =

x=-11
Téng hoanh d6 cua ching bang —6
Pap an: -6

Oxy, =(2;5;-3),b =(

Cau 9. Trong khong gian cho hai vecto 0:=%0)- Tinh tich vo huon cia hai vecto

a,b.

Loi gidi

Dap an: -20
a-b=20+5{-4)+(-3)0=-20
bap an: -20

Oxyz OA =i+0j+3k OB =2i+3j- 4k

Cau 10. Trong khong gian véi hé toa do , cho cac diém

OC =-3i+j+2k pigm D(.r;y;z) sao0 cho ABCD 13 hinh binh hanh. Tinh £ =2X+V- 2
Loi giai
Goi D dé ABCD 13 hinh binh hanh.

UL A(H[H] (W[N] [N[H] A [H[N] [N[H] (W[N] UL LIl UL A(N[N] A[H[H]

AC =AB+AD < AD =AC- AB=0C- 0A- (0B- 04)=0C- OB —.5;. 2 + ok

© OD- OA =-5i- 2j +6k = OD =-4i- 2j+9k = D(-4- 2:9)
P=2x+y-z=2(-4)-2-9=-19
bap an: -19

Cau 11. Trong khong gian véi hé toa do Oxyz, cho @ :2-""'3’{'; b=3i+3j Toa dd vec to a :('Y:'O:'B);

b=(G:0) pyp P=x"+)?
Loi gidi
a :(203) b :(330) P :_'u;: +_1': :2: +3: =13

bép an: 13
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L NN}

Oxyz’ cho OM :3!-3j+4ﬁf; ON =-i+3j-k

Cau 12. Trong khong gian v6i hé toa do . Toa d6 diém

M(2-3ai NG Lb-1) o T =24- 38
Loi gidi
M(2-34), N (-1;3:-1) T =2aq-3b=24-33=-1

Pap an: -1

Cau 13. Trong khong glan V01 he toa do 9%V cho “ :(3;'5:2); b=(2:1:- ]). Vecto @ =3~ ¥/ +2k,
b=2i+j+:zk Tth Ve

Loi giai

a=3i-5j+2k b=2i+j-k P =y’ -2 =(-5) +(- 1) =26

Pap an: 26 ,

(}Jﬁﬂl 14. Tror}% khong gian véi  hé toa do Tinh
OM =i+yj-2k;ON =xi+j- 0k . P=x"+)"

Loi giai

OM =i-2k. ON =5i+ j- 6k P=x+)° =0°+5 =125
Pap an: 125

Cau 15. Cho hinh chép S.ABCD ¢ day 1a hinh vuéng canh bang 5, S4=2 5'4 (48CD) . Chon hé truc
Oxyz c6 géc toa do tai A; cac diém B, D, S lan luot trén céc tia Ox, Oy, Oz. Toa do diém C(.r;y; Z). Tinh
P=x"+) +2

Loi giai

Ta co: AC =AB+ AD =5i+5 + 0k Suy C(550) P=x'+y" +z" =5"+5 +0° =250

Dap an: 250

Cau 16. Cho hinh hop chit nhat ABCD.A’B’C’D’ ¢6 A8 =2AD =344"=2 cpo4 hs truc toa do Oxyz ¢6
géc O trung véi A, cac diém B; D; A’ 1an luot thudc Ox; Oy; Oz. Tim toa d§ cua (3 Z). Tinh £ =x-z
Loi giai

Ta co:

AB =2i+0/+ [:]A HD U{+3J.r+[:]ﬁl AA =0i+0/+4k

AC'=A4'+ AC+ AD =2i+3j+4k g C' (23:4) py.z20-4=-2

bap an: -2

, 54 L(4B¢D)

Cau 17. Cho hinh chop S.ABCD ¢ day 1a hinh vuoéng canh bang 3, S4 =4y . Chon hé truc
Oxyz cé goc toa do tai A; cac diém B, D, S 1an luot trén cac tia Ox, Oy, Oz. GQI M la trung diém SC. Tim toa do

3
s MQGoyz) o, T=x+y- -z
diém . . Tinh 2
Loi giai
ULt LIt Uy

Ta co: AC =AB+ AD =3£+3j+|:|ﬁf.

ViM la trung diém SC nén:

1ma 000 000 3 3

AM ——(A5+AC)——(D{+UJ+4£+3{+3;+U£)=—a+ J+"£
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= .-w| —2

b | e
bt | tad

béap an: 0

Uuuy g LILILLI

A b ha S , . |AC'+CA"+2CC!
CAu 18. Cho hinh hgp 4BCD.A'B'C'D' | Tinh '
Loi giai
Tacd: AC'=AC+CC' ; CA'=CC'+C'4 vy C'A'=C4
Suy ra: AC'+CA'+2C°C=2CC"+ AC+CA+2C'C=0
H[N[NN] LI H[N[N ]

= AC'+CA'+2CC"| =0
Pap an: 0
Cau 19. Cho hinh hdp chit nhit ABCD.A’B’C’D’ ¢6 A8 =8 4D =0:44"=4 00 e truc toa do Oxyz cb

C'(x;y:z)

géc O trung vo1 A, cac diém B; D; A’ lan luot thudc Ox; Oy; Oz. Toa do diém . Tinh

P=x-2y+:z

Loi giai

Ta co:
AB =8i+ 0/ +0k  AD =0i+ 067 +0k . A4'=0i+0/ +4k
Trong hinh binh hanh ABCD: A€ =AB +A4D =8i+0/+0k

Trong hinh binh hanh ACC’A”’: AC'=AC+AA' =8i +0 +4k
= C'(826L4J P=x-2y+z=8-2.6+4=0

bap an: 0

Oxyz A(1:2:-1) B(2;-1;3) C(-2;3;3)
b b

Cau 20. Trong khong gian v6i hé truc toa do , cho ba diém
Didm M(@5¢) 13 dinh thit tu ctia hinh binh hanh  4BCM  khido P=a’+b'—c’ ¢ gi4 tri bing
Loi gidi
M(x;y:z)  ABCM |3 hinh binh hanh thi
x-1=-2-2
AM =BC={y-2=3+1 = M(-3;6;-1)= P= 44
z+1=3-3
bap an: 44

Oxyz a=(-2:2:0):p =(2;2;0) Vi c(2;2;2) \a+b+c\

Cau 21. Trong khong gian , cho ba vecto

bang
Loi gidi
Pap an: NiTI

Ta co: A¥0*€ =(2:6:2)
| =2
Viy |ﬂ+h+ n| _“m.

Dbap an: [!m:$mathtype 196$]

. Gia tri cua

Cau 22. Trong khong gian véi hé toa do OXYZ ho tam giac ABC g A(1:2:- 1), B(2:- ];3), c(- 4;?:’5).
Goi D(a;b:c)

Loi giai

12 chan duong phan gidc trong goc B cua tam gidc ABC Gia tri cua @ b +2c bang
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C

A
D
Taco AB=+26 BC=\104=226

DA B4 1 i 1 00
. D(x;y;2) ok e o pe Be 3 DA =- ZDC(*
Goi 2771 theo tinh chat phan gidc taco PC  BC 2 Suyra 2
=(1- x:2- - 1- = =(-4- v 7- y5- =
Ta cb D4 {I x2- -1 _}VéDC {4 x;7- »5 _}.
1 2
- x=- 2{— 4- x) x=- 3
1 - 11 211 O
(*)p [2- y=- _(7- y) U 1=—PD§——I¢' a+b+2c=35
2 3 3 38
| zm
-1- z=- ;{5— z) 2=l
Do do =
Pap an: 5

Cau 23. Trong khong gian v6i hé toa dd 292 | cho ba diém A2:-3:4).8(Ly = )C(:43)  pépa didm 4, B,
C thang hang thi tong gia tri XY la:

Loi gidi

Co AB = (-Ly+3:-5) AC = (x-2;7-1)

-1 _y+3 -5

2 2 2 [— JE— > = — = —
bé ba diem 4, B, C thang hang thi 4B cung phuong A€ x=2 7 -l

:>x=2;1'=32

i

=>5x+y=41
Vay Sx+y=41
Dap an: 41

Cau 24. Trong khong gian OXY, cho ba vecto @ =(bm2)b =(m+L2:1),c =(0;m= 2:2). Téng cac gia tri
, £ 2 |‘I +b‘ :|C|-

thuc cia tham so 7 dé

Loi giai

Pap an: -12

a+bh =(m+2;m+2;3)

e

la+b| =fe| = |a+b| =|cf
= (m+2)Y +(m+2) +9=(m-2) +4

= +12m+9 =0

= m=-0 iJ’.’_&.
Tong cac gia tri cua ” bang —12.
bap an: -12

Cau 25. Trong khong gian O cho hai vecto =(L-L0),b =(2:2¢- L0). x40 dinn gia tri ¢ dé hai vecto

@b cing phuong.

Loi gidi
bap an: -0,5
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a,b

Hai vecto cung phuong thi
L =2 , C
- 1 =2k& k=—
a=kh+<= {-1=(2t- 1)k = | =(2 Ikﬁ 2
0 =0k CE=EeDE =2 1k
L k=t
t=—= 4 2
2 _
Vi -1=0 (v0 nghiém.
( 1
k=—
2 -1 1
t EF—= (=] == == —
2 - 1 2t-1 2 2
k=—m—
Vi 2t-1
Véy f=- 0,5
bap an: -0,5
Cu 26. Trong khong gian P cho hai vecto =(L2:-2).b =(- 1= L0). g8 46 d¢ cia gbc giita hai vecto

a,b ?

Loi giai

Pap an: 130
- (-1 +2(-D)+(-2) 0 1

cosla:b) = = .
JIZ +22 +[_2}2.J(_ I}Z +_|:_ I}:""':l': ﬁ

= (a;b) =135

bép an: 130

Cau 27. Trong khong gian véi hé toa @ 7 | cho hai diém 0:2:- 2), B(2:2i-4) oo Tlabie) o

dudng tron ngoai tiép tam gisc OAB  Tinh T =a~ +b” +c”
Loi giai

» 04 =(0:2:-2) 08 =(2:2:-4) (04B) 0

Ta c6 phuong trinh: X+y+z=

1€(O4B) 2 4 pte=0

jé;f =(a:b- 2:c+2) JBJI =(a- 2:b- 2:c+4) 3! =(a:b;c)

Al =BI ., @ +(c+2) =(a-2) +(c+4) S
| - 2 5 - —
Tacohe A =01 (- 2) +(c+2) =p" +¢° |-b+c=-2
a-c=4 a=2
-b+c=-2 (a-c=4 = {b=0
L —]
Ta co hé .H+b+f =0 .'|"J+L‘:—2 c=-2

Vay 1(20:-2) = 7 =4% +4* +¢* =8

bap an: 8

Cau 28. Trong khong gian v6i hé toa do Oxyz , cho ba diém AG 2;3;1), B(Z; 1;0) , C-3- ];]). Gia st diém
D(a.b.c) sao cho 4BCD 13 hinh thang c6 day 4D va Suser =3Suwe Tipp a+b+c

Loi giai
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)_251.;&'

ABCD

| |
S sen =—(AD+BC).d(4,BC) = 5 ,., =—(4D +BC
Ta co: 2 2
(4D +BC)s,,,
vae BC & 3BC =AD+BC & AD =2BC

Ma ABCD 13 hinh thang ¢6 day 4D nén AD =2BC (1).

BC =(-5:-2:1) AD =(x, +2%y,- 3%z, -1)

3

= 35

x, 42 =-10 [xﬂ =-12

S 1y,-3=4 =y, =1
@ |z,-1=2 zp =3
171
Viy D(-12:- 1:3)
bap an: -10

Cau 29. Trong khong gian véi hé truc toa do OxYZ ¢ho hinh thang 4BCD vuong tai 4 va B. Ba dinh
AL2:1) , B(2;0;- 1) , C(6:L0) Hinp thang c6 dién tich bing 6\/5. Gia sir dinh 2(@:05¢) iy a+b+c
Loi giai

Y Ly
s 4B =(1:-2:-2)=

AB

uuu 4
=3 BC =(4:1:1)= [BC|=3\2
Tac ; .

Theo gia thiét ABCD 13 hinh thang vuong tai 4 va B va co dién tich bang 62 nén

%AB(AD+BC):G£¢- i—.?;.(AD +32) =642 o AD :;_3(_“

2 2 = AD =42
000 4 000
AD =—BC
Do 4BCD 13 hinh thang vudng tai 4 va B nén 3
i 4 _
a-1=— a=—
3 3
b-2 :I— = b :1
3 3
1 4
c-1=- c=—
Gia sit P(@5:€) 1hi do ta c6 | 3L 3 =a+bic=0,
Dap an: 6
B" i §-i-§‘
Céau 30. Trong khong gian toa do OXYZ ¢ho hai diém A2 2;1), - 3337 Bié 1{a;b;c) la tim duong
tron noi tiép cta tam giac OAB  Tinh S =a+b+c.
Loi gidi
00 ¢ g 48] D000 16 § §
Huu OB :‘-—.f—.f—| g = —+—+— = uuu uuu
0.4:(2;2;1)’ 3 3 3_:’0’403 3+3+3 D:-.-O_-IJ_OB_

Ta co:
Lai co: 0OA =3’ OB =4= AB =5

Goi D 1a chan duong phan giac trong goc Hos= D thudc doan 4B .
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Theo tinh chét ctia phan giac trong ta co:

i 3 [0 12 12
DA _04 3, py-3pp=p= _—“t—“‘
DB 0B 4 4 7T 7]
OA+OB+ AB
s I—GAGB =6 p =TIV AD 4
Tam giac OAB ¢4 dién tich 2 , nua chu vi 2
3 0A0B 12
OH = ==
AB 5

P 1aban kinh duong tron ndi tiép; chiéu cao
Goi ! 1a tAm duong tron ndi tiép tam giac OAB = I thupe doan OD

a=0
i ' il 5 00 b=
=== DI=2D0 L (1)) o=
Tacod: DO OH 12 12 " hay '
Viy S=atbre=2,
bap an: 2
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