PE SO 07 PE KIEM TRA HQC KY II - NAM HOQC 2021-2022
Moén: TOAN, Lép 12
Thoi gian lam bai: 90 phut, khéng tinh thoi gian phdt dé

—nX
Cau 1. Ho tt ca cac nguyén ham ctia ham so F(x)=3"13

x+1 X
3 +C N 3 +C .
A, x+1 ) B.3 +C. c. n3 ) p. 3’'In3+C
Cau 2. Trong khong gian Oxyz, phwong trinh mat cau tam I(3-45) ya ¢6 ban kinh bing ° 1a
o +3) +(y- 4 +(z45) =5 g (-3 +(y+4) +(z- 5Y =25
C (x-3) +(y+4) +(z-5) =5 D (x+3) +(y- 4) +(z+5) =25

Cau 3. Trong khong gian cho hai diém M(2-13);N (14; D). D6 dai doan thing MN bing
A. 35. B. V19, c. 22, p. V35
[;2] f(0)=3 . f(2)=0
, va

Cau4. Cho ham so f () c6 dao ham lién tuc trén . Tich phan

2
J‘f (x)ax
0 c6 gia tri bang
A.3. B. 3. C.2. D. -1
Cau 5. Trong khong gian OXVZ: ban kinh mat cau tam 1,2;3) va tiép xdc voi mit phing OXZ bing
A2, B. 1. C.3. D. V14,
Z,

z, =1- 2i,z, =3+4i.

Cau 6. Cho hai s6 phirc Phian thyc caa s phitc 22 1.

21 2 2 1
A. 5. B. 5. C. 5. D. 5
2 5 5
|f (x)dx =4; [f (x)dx =6 [f G)dx
Cau 7. Biét?® : . Tich phéan ° bang
A -2, B.2 . C. 24, D. 10
Cau 8. Trong khong gian Oxyz, khoang cach tir diém AG-21) dén mat phang 2x- 2y-z2+1=0
bang
> 2
A2, B. 3. C. 3. D.0 .
Cau9. Trong khong gian Oxyz, cho hai vecto " =(;-13) va "’ =(3- 3;2). Toa do vecto U~V 1a
A (2-2:-1) . B.(_ 2; 2;1). C. (0;2;3)_ D. (3;-4;1).
Cau 10. Phin 4o cia s6 phitc Z =3~ 2i bing
A2, B.-2. C.-2i, D. 2,
Cau 11. Ho tat ca nguyén ham ctia ham so f () =sinx la

A.Ccosx+C B.sinx+C C.-cosx+C D.-sinx+C

z, :2-31’22 =1+1' W=z +12,

Cau 12. Cho hai s6 phitc S6 phirc
A. 3- 20 B. 3+4i C.-1+4i D. 3+2i

cau1s. Bicthamss & 13 mot nguyen ham ca ham s6 | 072X Giaeg F - F @ by
A7, B. 15 c. 11, D. 3.

g



Caul14. Cho ham s6 y=f()

phang gi6i han béi d6 thj ham s6 ¥ =/ &)

truc Ox quay quanh truc OX bang

ﬂlzrf (x)dx . :j'fz (x)dx .?T:ﬂf (x)‘dx JT:l'fz (x)dx

A. C

y=f&) ; y=9(x)

Cau 15. Cho hinh phang gid¢i han béi hai do thi ham so
hinh phang bang:

y=g(=z)

b b

ﬂf(x)+g (x)] dx ﬂg(x]- f(x)] dx

A. B.
b b
ﬂf(x)- g(x)] dx Jﬂf(x)- g ()] dx
C. = . D. = .
Cau 16. Trong khong gian Oxyz , mot vecto chi phwong cta duong thang di qua hai diém
B(0;1;3) <6 toa dd 1a:
A G-14) g C132) c. (0:13) p &-21D)
Cau 17. Trong khong gian Oxyz , hinh chiéu vuong goc cua diém M(21-1) trén truc OZ c6 toa do 1a
A (210 g, ©:0:-1) c. (z0,0) p, (0L0)
Can1s. Bigt XtV (@Qy-DI=5-30 o 3xrdy g
A.16, B.22. C. 14, D.2.
Cau 19. SO phtic nao sau day la s6 thuan do?
A.3+i, B.1-1, c.-3i, D, 2+V31,
(d)_x—l _i_z+2
Cau20. Trong khong gian P¥Y% | diém nao sau day thudc dudng thing 1 -2 1
A MG-21) g N@-2-10 . P(23) p. QG- 41)
Cau 21. Cho hai s6 phttc 2, =1-1 va &2 =L+ . Trén mdt phang Oxy , diém biéu dién s6 phitc 3 +2
do la.
A D . (54 c. &1, p. &4,
12 3
_|’f (x)dx =18 [f (xdix
Cau 22. Néu ¢ thi 1 béng.
A. 36, B. 108, C.9. D. 3.
5 T :i-f i
Cau 23. Cho “’?%2 13 hai nghiém phiic ctia phwong trinh 2 - 2Z2+9 =0 Gija i L 5 ping

lién tuc trén [a;b]_ Thé tich vat thé tron xoay do hinh

, hai dudng thdng X =a, x=b 3

nhw hinh bén. Dién tich

A-21) Vi



Cau 24

Cau 25

Cau 26

Cau 27.

Cau 28.

Cau 29.

Cau 30

Cau 31.

Cau 32.

Cau 33

)
A. 9.

9
B. 2.

C. W2i

D.

- 42|

. Trong khong gian Oxyz , duong tron giao tuyén ctia mat phang (P):2x- y+2z-9 =0 va mat
Lz 2 2 _ _ _

cau (S)ix® +y* +2° - 2x+22- 23 =0 ¢6 ban kinh bang

A. 3. B. 4. C.2. D. V2.
. Trong khong gian 92 | phuong trinh mit phing qua diém M(2;-4;3) va c6 vec-to phap

. n(3;1;-2)

tuyén la

A, SX+y-22-4=0 B, Jx+y-2r+4=0

c. 2x-4y+3z+4=0 p, 2x-4y+3z-4=0

[ x =6- 4t
d:yy=-2-1 AteR)

. Trong khong gian Oxyz , cho diém ALL:1) dwong thang z=-1+a . Toa do hinh

chiéu ctia A 1én dudng thing 9 1a

A.(2;—3;—1). B.(Z;S;l). C.(2;-3;l). D.(_ 2;3;1)-

Trong khong gian OXVZ (ho hai diém Al 2; 3), B(2;3; 4). Phuong trinh tham s6 (ter) cta

dwong thing di qua hai diém 2B 1a

X =1+t X =1+t X =2+t =2+t
y=2-t y=2+3t y=3+2t y =3+t
A _z:3+t. B. \Z :3+4t. c. |2 :4+3I. p. |2 :4+t'
o (p):X4X 2 Ox.Ov O

Trong khong gian “*YZ | biét mit phing 3 6 cit ba tia Y**YY>%Z Tan luot tai

A,B,C  Thé tich khsi tir dién OABC bing

A. 27, B. 54, C. 81 D. 18,

Trong khong gian Oxyz, cho hinh hop ABCD.A'B'C'D" ygi A(2L2),B'(L21),C(- 332)

va DGO 164 g5 diem B 1a

A L32) B. (- 21 c. 0 L3-2) p. (&- 1L2)
. Cho s6 phitc Z =x+Yi thoa (1+0)z=3+i. Tong Xty bang
A. 3. B.- 1. c. 32, D. 1.
Ky hiéu %’ %2 13 hai nghiém phitc ciia phuong trinh 2° +Z+4 =0 e d6 2~ 2]
bang
A V15, B. 1 C.2. D, 2V15
3 )
j1+£‘dx =a+Inb
Bigt i+ X .Hiéu s6 P~ 2a bing
Al B. - 1. c.”’. D. 11,
1
, Ixf'(x)ﬂx =3
. Cho ham s6 f (x) c6 dao ham f (x) lién tuc trén doan [0’1}, fQ)=5 va !
1
[ Gexx
phan © c6 gia tri bang
A. 8, B. 2. C.-2 D. - 8.

. Tich



Cau 34.

Cau 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Cau 41.

Cau 42.

20 (m/s)

Mot 6 t6 dang chuyén dong déu vdi van toc thi ham phanh chuyén dong cham dan

dou véi van e VO 2L +20@IS) 46 € 1a khoang thsi gian tinh bing gidy kE ti Lic

ham phanh. Quang dwdng ma 6 td di dwgc trong O gidy cudi cliing trede khi ditng lai 1a

A. 100 (I'[l) B. 75 (m) C. 16 (m) D. 25 (m)

Cho so phitc z=x+yi (xyei )théa Z+2+ :|Z|' Gia tri cua 12x- 5y bang
A. 4. B. - 14, C.-2, D. -4.

a =(1:0;3) va b =(x;-1;1)

Trong khong gian OXYZ, tho hai vecto thoéa @b =4. Pj dai vecto

b bing
A1, B.2. c. V3. D. V2.
— A 2
Dién tich hinh phing gi6i han bai Parabol ¥ =%~ X* va truc hoanh OX bang
16 32
A. 10, B. 3. c. 3. D. 12,
X=3-1
x _y+1 _z-1 dyiqy =1
Oxyz . = ~ 5 Z =2+t
Trong khong gian “*Z | s6 do goc giita hai dwdng thing 1 2 "< va
v6i L€R bing
A. 30" B. 45" C. 60", D. 135",
d- X 2 y+1 z+3
Trong khong gian XY | cho dwong thing 1 2 2 c4t mat phang V7 tai
diém c6 toa do la
A, (G-5-7) B. 22) c. (0;-1;-3) p. (Z-1-3)
M dun cta s6 phic =(2- D)(3+4) béng
a5, B. 125, c. 255, p. 55,
Trong khong gian Oxyz , cho ba dudng thang d,,d, va % dong quy. Biét d,,d, c6 phuong trinh
x =1+t x=2-1
y=2-2t y =1+t
lan lwot 1a z=3+ 2 va =5- 2" (1,r'€R) va % qua diém M 2;4). Phwong trinh tham
56 ctia dwomg thing %13
X=u x =1 X =u x=1
y=2 y =2u y=2 y =2u
A _z:4-u' B. |2 :-1+4u. c. \Z :4+u. D. .z:1+4u'

buong cong trong hinh bén c6 tén goi la dwong Lemmiscate.
¥

2 _ 2 _

Trong mdt phang Oxy phuwong trinh ctia dwong Lemmisscate da cho 1a 16y” =x(25- x) .
Thé tich vat thé tron xoay tao thanh khi cho hinh phang gigi han béi duwong cong d6 quay
quanh truc Ox bang :



Cau 43.

Cau 44.

Cau 45.

Cau 46.

Cau 47.

Cau 48.

Cau 49:

Cau 50.

625 625 1250 625
— T

—ﬂ P
A. 6 B. 12 | c. 3 . D. 3

A(2:2:0) B(0:;4:4)

Trong khong gian Oxyz , cho hai diém va mat phang

(P)x+y+z-2 :D. Trong tat cd cac mdt cau co6 tam thudc mat phang (P) va di qua hai diém
A, B, Mit cau c6 ban kinh nho nhét bang
/336 1245 3v/70

A. 7 . B.‘/E. c. 7 D. 7

Trong khong gian Oxyz , cho mat phang (P): X+2y+z-4=0 . C6 tat ca bao nhiéu mat cau

c6 tam thudc (P) va tiép xtic véi ba truc toa do Ox Oy ,0z7
A. 8. B. 4. c. 3. D. 1.

x,yE:L'E;S;...;ES' X FY

C6 bao nhiéu sg phie Z =% R théa ¥+ 1a s6 chin?

A. 72, B. 156, C. 144, D. 288
2
2x)- xf (x* ) =x*,¥xER .[f(X)dX
Cho ham s6 T ® lign tyc trén R thea | (2)- of (x°) . Khi d6 béng
15 Y 15 17
A 4. B. 8. c. 2. D. 4.
(d}'i— +1 z-2
Trong khong gian O%Zcho duong thing -1 1 va mit phing

2
(d) (P)

va tao v6i mat phang

(P) va (Q)béng

(P):2x- y- 2z +4 =0 Q)

. Biét mat phang chtta dwong thang

mot géc c6 s do nhé nhat. Khi d6, cosin ctia goc giita hai mat phang

22 243 V3 2
A. 3 . B. 9 . C. 9. D.‘/g.
ox-1
J'de =a+bhln2+cln3
Cho d1*+Vl+x . T6éng 3a+b+c pang:
A. 0, B. 1. c. -1 D. -2,

Cho s6 phitc Z =1+1 Trong mit phing Oxy ,goi S 1a hinh gom tat ca cac diém biéu dién cia
s6 phitc W =a+bz +cz* ygi @ b, 13 ba tham s6 thue thude doan [O; 1] . Dién tich cta hinh S
bang

A. 6. B. 5. C.4. D.3.

Cho hamss ¥ =1 ) jien tuc trén R va c6 db thi nhw hinh bén.




Gia tri
A. 6.

4
T :J‘f'(x- 2 Xx +

0

1
J'f'(x+ 2 )dx
0 bang



PE SO 07 HDG PE KIEM TRA HQC KY II - NAM HOQC 2021-2022
Mén: TOAN, Lép 12
Thoi gian lam bai: 90 phut, khong tinh thoi gian phdt dé
BANG PAP AN

1.C 2.B 3.D 4.B 5.A 6.A 7.D 8.A 9.B 10.B
11.C | 12A | 13B | 14D | 15C | 16B | 17B | 18.C | 19.C | 20.B
21.A | 22D | 23.A | 24B | 25B | 26.C | 27.D | 28A | 29.A | 30.D
31.LA | 32B | 33B | 34D | 35D | 36.C | 37.C | 38B | 39.A | 40.D
41.A | 42.B | 43D | 44.C | 45D | 46.C | 47D | 48.C | 49.B | 50.B

LOI GIAI CHI TIET

— X
Cau 1. [NB] Ho tat ca cac nguyén ham cua ham so f(x) =3 la

x+l X
3 +C . 3 +C .
A, x+1 ) B. 3 +C C. In3 ) p. 3’'In3+C
Loi giai
3)4'
(x)dx = 3dx =—+C
Ta co: jf 'P In3
Cau2. [NB] Trong khong gian %% phuong trinh mit cau tam (3~ %5) va ¢6 ban kinh béng 5 1
A (x+3) +(y- 4) +(z+5) =5 B. (x-3Y +(y+4) +(z-5) =25
C. (x-3) +(y+4) +(z-5) =5 D. (x+3) +(y- 4) +(z+5) =25
Loi giai

 (8):(x-3) +(y+4) +(z-5) =25
a CO: .

Cau 3. [NB] Trong khong gian cho hai diém M(2- 13):N (L 4; D}. D6 dai doan thing MN bing
A. 35. B. V19 c. N2, g*/%.
Loi giai
MN =[(- 2)' +(4+1) +(0- 3) =35
[0;2], f=3 . f(2)=0

T

Do dai doan thing MN 1a:

Cau4. [NB] Cho ham so6 f () c6 dao ham lién tuc trén

2
If (x)ax
0 6 gia tri bang
A. 3. B. 3. C. 2. D. -1,
Loi giai
2
, 2
If (x )dx :f(x)[] =f(2)- f(0)=0-3=-3
Ta cé: © .
n n . OXVZ, s s A 1(1;2;3) N em e s 0
Cau 5. [NB] Trong khong gian ’ ban kinh madt cau tam va tiép xtc véi mat phang YXZ
bang
A2, B. 1. C. 3. D. V14,
Loi giai
Mait cau tam 1(;2:3) va tiép xtc v6i mat phang OXz ¢ ban kinh r=d (I’ (0xz)) =2.

4

z, =1- 2i,z, =3+4.

Cau 6. [NB] Cho hai s6 phitc Phan thyc ctia s6 phitc 2 1a.

. Tich phan



Cau 7.

Cau 8.

Cau 9.

Cau 10.

Cau 11.

Caul2.

Cau 13.

L 2 22 1
A 5 B. 5. C. O D. 5.
Loi giai
z _1-2_(-20G-4) 1 2.
Tacg 2 3+4i 25 5 5
a1
Do d6 phin thyc caa s§ phitc 2 12 5.
2 5 5
J‘f (x)dx =4; J'f (x)dx =6 [f (x)dx
[NB] Biét *© 2 . Tich phan ¢ bang
A -2, B.2 . C. 24, D. 10
Loi giai
5 2 5
[f (x)dx = |f (x)dx + [f (x)dx =4+6 =10
Taco © o : .
R : , o oax o AG-2D
[TH] Trong khdong gian Oxyz, khodng cach tr diém dén mat phang
2x- 2y-z+1=0 bing
> 2
A.2. B. 3. C. 3. D.0 .
Loi giai
g2 2.(-2)-1+1] _6 L
fel-2) +(- 3
Khodang cach can tim la .JE 2y +C1)
[NB] Trong khong gian Oxyz , cho hai vecto “ =(t;- 1;3) va "’ =(3- 3"2}. Toa do vecto U~V
la
A @-2-D (22D c. 0:23) p. Gi-&D
Loi giai

u-v=(1-3-1-(-3)3- 2)=(- 22;1)

[NB] Phin &o ciia s phitc Z =3~ 21 bing

A 2. B. -2, C. 2, D. 2,
a Loi giai

SG phitc Z =a*bi ¢4 phan o biang b nén s phitc Z =3- 21 ¢4 phan ao - 2.

[NB] Ho tit ca nguyén ham ctia ham s5 | () =sinx |,

A. cosx+C B.sinx+C C.-cosx+C D. -sinx+C

Ldi giai
Dya vao bang nguyén ham ta c6 dap an la C.

[NB] Cho hai s6 phitc 1 =2~ 3 22 TI*1 g5 ppge W =2 %2,
&3' 20 B. 3+4i C.-1+4i D. 3+2i
Loi giai
Ta cé W=z +jf‘Z :(2- 3I}+(1+f) =3- 2j
[NB] Bict ham s5 © O 13 mot nguyén ham cia hamss | C9=2% Gigwq F@-FO g

A. 7. B. 15, c. 11, D. 3.
Loi giai

g



Cau 14.

Cau 15.

Cau 16.

Ta co

F(x)= J'f (x)dx= J'Z:nrt:bf::af‘2 +C
= F(4)- F()=4*+C- (1 +C)=15

[NB] Cho ham so y=1 () lién tuc trén [a;b]. Thé tich vat thé tron xoay do

hinh phang gidi han bdi dé thi ham s6 ¥ =1 pai duong thdng X =a, x=b

va truc Ox quay quanh truc Ox bang

ﬂlzrf (x )dx }fz (x)dx . JT:ﬂf(x)‘dx N ;T:l'fz (x)dx

A. B. ¢ .

Léi giai -
Dua vao dinh Ii vé thé tich khai tron xoay ta chon dap an D.
[NB] Cho hinh phang gi6i han boi hai do thi ham s6 ¥ ~ ! G 3 ¥ =90 b hin b, Dién
tich hinh phang (phan t6 dam) bang:

y=g(x)

bﬂ f (x)+ g (x)] dx bﬂg(x}— f(x)] dx
A. o . B. ¢ )
ﬂf(x)- g(x)] dx Iﬂf(x)- g(x)] dx
C. ¢ . D. =« .
Loi giai
y=f )
(H): ‘P:g(x)
X =a
Ta cé: x=b

S = I G0- g Gl

Khi dé: a .
Trong (a,b) do thi ham so y=f nam phia trén so v&i do thi ham so Y :g(x).
b

St :ﬂ f(x)- g(x)] dx
Vay @ .
[NB] Trong khong gian Oxyz’ mot vecto chi phwong ctia duwong thang di qua hai diém
Ak-21 . BO:13) toa do 1a:
A &-L4) g, 132), c. (0:13) p. &-21)

Loi giai
AB =(-1;3;2)

Ta co:



Cau 17.

Cau 18.

Cau 19.

Cau 20.

Puong thang di qua hai diém AG-2;1) va B(0;1;3) C

u=AB=(-132)

6 mot vecto chi phuong:

[NB] Trong khong gian @2 | hinh chiéu vudng géc cia diém M(23-1) trén truc OZ ¢6 toa
do la
A (210} B. (0;0;-1) c. (20,0} p, 0:10)

Léi giai
Trong khong gian Oxyz , hinh chiéu vuong gbéc cta diém M(21-1) trén truc OZ 13
H(0;0;-1)
(TH] Bigt <Y +(2y-1)i =5- 3i gid i 3 4Y bang
A. 16, B. 22, C. 14, D. 2.

Li giai

(x+y =5 (x =6
x+y+(2y-1)i=5-3i= {2 Fl— . { .

Ta c6: y-l= y=
Vay 3x+4y =3.6 +4.(- 1) =14,
[NB] S6 phttc nao sau day la s6 thuan ao?
A.3+i, B.1-1, c.-3i. p. 2+3i

Ldi giai

bi, (b€ lR). Trong cac dap an ta thdy ~ 3 12 s6 thuin do. Chon C.

(@2l 272

S6 thuan 4o 1a s6 c6 dang

[TH] Trong khong gian 9*YZ | digm nao sau day thudc duong thing 1 -2 1 9
A M- 21) g N@-2-1 c. P(0:33) p. QG- 41)
Loi giai
11 _-2 142
e Thay toa d diém M vao phwong trinh dwong thing () tadwgc 1 -2 1 (voly)
Do d6 diém M khong thudc duwong thing (d).
0-1_2 _3+42
e Thay toa do diém P vao phwong trinh duong thing () ta dwgc 1 -2 1 (voly)
Do d6 diém P khong thudc dudng thing (d).
31 -4 _1+2
e Thay toa d6 diém @ vio phuong trinh dudng thing () tadwgc 1 -2 1 (voly).
(d)

Do d6 diém ? khéng thudc dwong thing

(d)

e Thay toa do diém N vao phwong trinh dwong thing tadwge 1 -2 1 (luén

ding). Do d6 diém N thudc duong thing (d). Chon B.
¢ Nhan xét: Khi lam trac nghiém thi hoc sinh kiém tra dén dap an B thay thoa man la chon
lu6n, khong can kiém tra tiép dap an C va D.

Cau 21. [NB] Cho hai s6 phitc zy =1-1 va & =1+ 2i . Trén mat phang Oxy , diém biéu dién s phitc 32+,
co toa do la.
A (4-1) g CL4) c. 41 p L4

Loi giai



(4-1

6 =3z, +z, =3(1- D+ (L +21) =4~ i do d6 diém biéu dién s6 phitc Z c6 toa do

12 >

[ G)dx =18 [ (6xdax

Tac

Cau 22. [TH] Néu © thi i béng.
A. 36, B. 108, c. 9. D. 3.
Loi giai
2
I= J'f (6xMx
Goi I
u =6x = du =6dx = dx :ldu
Dit 6
Déi c x=l=u=6b;x=2=u=12
0i can
1I2 1I2 ].B
=] =— udu=1=— xMx =—=3
EJ‘F(M sﬁfﬂh -
, T :lq.i
Cau 23. [TH] Cho “’?%2 13 hai nghiém phtic cia phuong trinh 2 -~ 22+9=0 Gijari % % bing
2 9
A 9. B. 2. C. 42| D. - 420

Cau 24.

Cau 25.

o Léi giai

7’ N 2 — 7 " — — ~ N ’ . - ’
Xét phwong trinh: 2= 2Z2+9=0 3 c6: A =1- 9 =-8 pgn phuwong trinh c6 hai nghiém phtic
phan biét: & =1- 22i, z, =1+ 22

rol,1 1 1 _1+242i 1-22i 2

= + =
z, z, 1-220 1422 9 9 9

Suy ra

[TH] Trong khong gian 9% | duong tron giao tuyén cia mit phing (P):2x- y+22-9 =0
L2 2, 2 ] _
vamit cag SV Y HZ - 2422 B0 e o pang
A. 3. B. 4. C.2. D. V2,
Lai giai

Mt cau ($) 5 am 1G;0;- 1), bén kinh R =v1+1+23 =5

Khoang cach ttr tam 1G;0;-1) dén mat phang (P):2x- y+2z-9 =0 la
2-2-9 9

d(I,(P)}:|—:_ =3 =h
Ji+1+4 3

Puong tron giao tuyén cia mdt phing (P):2x- y+22-9=0 vd mit cau

(S):x* +y 42" - 2x+2z- 23 =0 <6 bén kinh 1a: T —JR*- h* =5°- F° =4

[NB] Trong khong gian Oxyz , phrong trinh mat phang qua diém M(2;-4;3) va c6 vec-to
phép tuyén n(3:i5-2) ),
A SX+y-27-4=0 &33+y—22+4:[].
C. 2x-4y+32+4:[]_ D. 2:{-4y+32-4:[].
Lai giai
Phwong trinh mat phang qua diém M(2;-4;3) va c6 vec-to phap tuyén n(3;1;-2) 1a

3x-2)+(y+4)-2(z-3)=0= 3x+y-2z+4=0



(x =6- 4t
d:{y=-2-t,(teR)

Cau 26. [TH] Trong khong gian Oxyz , cho diém ALLL) dwong thang z=-1+2 . Toa do
hinh chiéu cia A 1én dudng thang 9 1a
A (2;-3;- 1). B. (2;3;1)' c_.(Z;' 3;1). D. (- 2;3;1).
Loi giai

Goi H 1 hinh chiéu ctia A 1n dudng thang 9
Hed= H(6-45;-2-6;-1+2t)

LEALE

AH (5- 4t;- 3- t;- 2+2t)

1
d c6 mot vec-ta chi phuong 1a (- 4- 12)

Ta céd
AHu =0= -4(5-4t)- -3-)+2(-2+2t) =0
e r=2ler=1= H(2:- 3:1)

Cau 27. [NB] Trong khong gian OXYZ cho hai diém Al 2;3), B(2;3; 4). Phuwong trinh tham so

(CER) i duomg thang di qua hai diém A>B 13
X =1+t X =1+t X =2+t =2+t
y=2-t y=2+3 y=3+2t y =3+t
A .z:3+t' B. .z:3+4t' C. .z:4+3t' D. _z:4+t'
Loi giai
Ta c6 AB=WLD 50 46 dusng thing AB <6 mot vecto chi phuong 1a 511,
Puong thing AB di qua diém B va c6 mdt vecto chi phuong L:1;1) c6 phuong trinh tham s6
X =2+t
y =3+t

I z :4+t.

0 (P):i+£+£:1 Ox.0v.0

Cau 28. [TH] Trong khong gian “*? | biét mit phing 3 6 9 cit ba tia Y*»“Y»“Z Tan luot

tai B>C  Thé tich khéi t dien OABC bing

A. 27 B. 54, C. 81, D. 18,

Loi giai

Theo gid thiét ta c6 toa do ba diém 13 A33:0:0), B(0;6;0) €(0;0;9)
Dodo OA=3 OB =6 OC =9
Thé tich khéi t dién OABC 6 ba canh ben 94OB,0C 4gi mot vuong goc 1a

Vv :éDADB.DC =27

(dvtt).

Cau 29. [TH] Trong khong gian Y% cho hinh hop ABCDA'B'C'D' g
A(21,2),B'(L21),C(- 232) o3 DGO 10, 45 diem B 1a
A, C132) B. (- 21 c. 0 L13-2) p. (Z- 12)

Loi giai



Goi M. N 1an lwot 1a trung diém caa B'D' va AC. Suyra M(2;1,1), N(0; 23 2).
fx- 1=-2 jx=-1

LLLE L | -
BB=MNU!|y-2=10}y=3.
Goi B(X%;¥:2). T4 c6 z-1=1 z=12 Vay B(- 1;,3;2).
Cau 30. [TH] Cho s6 phitc £~ X+ Y1 thoa (L+i)z=3+i. Tong x+y bang
A.3 B.- 1 c. 32 D. !
Li giai o

. 34
(A+i)z=3+i0 z=1—‘=2- i

Ta co +i Suyraxzz’-]’r:_ L Vay x+y=1

Cau 31. [TH] Ky hiéu 2?2 13 hai nghiém phitc ctia phuong trinh 2° +Z+4 =0 Jjic d6 4~ |
bang
A VIS, B.1 C.2. p. 215

Lai giai

2 —_ A
Ta c6 %213 hai nghiém phitc cta phuong trinh 2~ +Z+4 =0 pgp

-1+4i/15 - 1- if15
z, = I, =
2 2
-1+i4f15 - 1- Q15| .
. |z, - z,| :I TR 5 :|1~,-"ﬁ| =J15
uy ra

3 \
jhi‘d}r:aﬂnb
Cau32. [TH] Biét ©* ¥ . Hiéu s6 b~ 2@ bang

A. 1. B. - 1. c. 7. D. 11.

Loi giai

3 |
J{1+l‘dx:(x+1nx)|f =3+In3-1-In1=2+In3
Tacod ' X
nén 9 =20 =3 poggb- 2a =3- 2x2=-1,

f(x) f(x)

X) A "
lién tuc trén doan

xf (e dx =3
Céu 33. [TH] Cho ham s6 1] r@=s, uf .
[f (x )dx

Tich phéan ° c6 gia tri bang

c6 dao ham



A. 8. B. 2. C. -2, D. - 8.

Loi giai
I = [xf "(xddx =3
Xét tich phan o .
u =x du =dx
pit |9 = (0dx [V =f ()
F= [ Gl =xf () - [ G 3= - [f G [ Code = £Q)- 3
Ta co o . o o

= IJ‘f(x,Hx =5-3e Ij‘f(x}dx:z

[f (x)Xx =2
Vay *© .
0 (m/s)

Cau 34. [TH] Mot 6 to dang chuyén dong déu véi van toc 2 thi ham phanh chuyén dong cham

dan deu v6i van oc VO =2 +20(m/s) o 46 € 1a khodng thoi gian tinh bang gidy ke ir

ldc ham phanh. Quang dwong ma 6 to di duwgc trong ° gidy cudi cing trwde khi dirng lai 1a

A. 100 (I'[l) B. 75 (m) C. 16 (Iﬂ) D— 25 (Iﬂ)
Loi giai
O t6 dimg lai khi v(t)=0e -2t420 =0 = t=10

Quang dwong ma 6 to di duwgc trong ° gidy cudi cung trwde khi dirng lai 1a

10 10

5= IV(EHE = J’(-2r+ 204 =(- 2 +5r*ﬂ =25

Vay quing dudng ma 6 6 di dugc trong 5 gidy cudi cing trurdc khi dimg lai 1a 2> (M),

z=x+yi (xy€j) . z+2+i =|z

Cau 35. [VD] Cho so phttc | Gia tri cua 12x- 5y bang

A4 B. - 14, C.-2. D4,
Loi giai
Tacg. ZH2¥ISl]e xeyia2ei =X ay o (e )a(y+Di=|¥ +
( (x =-2
x+2=0 (x =-2 3 . ;
e H+2:,I||xﬂ+y2c::- x2+},2:x2+4x+4¢ 1:4x+4ﬁ x:_zc; x:_z
y+1=0 y=-1 y=-1 y=-1 |y=-1.
12x- 5y :12[- E| -5(-1) =-4.
Do do: 4

Cau 36. [TH] Trong khong gian OXYZ, ¢ho hai vecto @ =(;0;3) va b=(x-L1)

vecto b bing

A1, B.2. c V3, D. V2.
Loi giai

théa a-b =4. ps dai

[}
Ta c6: @b =x+3 pan ¢y gia thiét ta c6 x+3=4= x=1,

—_01-_1- =.1° - 2 =.f3.
Khi do: 2 =5 LD e b =yt + G 17417 =43



Cau 37.

Cau 38.

Cau 39.

Cau 40.

y =4- x*

[TH] Dién tich hinh phang gi¢i han b&i Parabol va truc hoanh OX bing

16 32
A. 10, B. 3. C. 3. D. 12
Loi giai
A 2
Giao diém ctia Parabol ¥ =4~ X va truc hoanh OX ¢ hoanh d3 théa mén phuong trinh:
4-x' =0= x=2Zx=-2

— Ao 2
Dién tich hinh phang gi6i han b&i Parabol ¥ =4~ X" va truc hoanh OX bing

2 , 2 , 7
j4— X |dx :_:!"(4— x* x :?.

g-r=y+l :_1
,.

[TH] Trong khéng gian O%Z s5 do géc giita hai dudng thing 2 -2y

X=3-1
d,: l y =1

£=2*0 y6i t€R bing
A. 30" B. 45" c. 60", D. 135",

Loi giai

e d u =(12-2) . )
Ta co: Buong thang ' nhan vecto lam vecto chi phuong.
Pbuong thang d, nhan vecto 2 =10 )lam vectg chi phuong.

cos(u'u )__,uu 3

. : ‘ul‘.uz 3~J'r_ ~.-'J_ (u;u,) =135°
Xeét .
A em RN s d dy s g5
Vay goc giita hai dwong thang ™! va 2 bang .
P 2 y+1 z+3
[TH] Trong khong gian O | cho dudng thing 1 2 2 cat mat phing OYZ
tai diém c6 toa do 1a
A, (0-5-7) B. 1522) c. (0;-1-3) p. (2-1-3)
Loi giai

d)

Mat phang (Oyz) ¢ phuong trinh 1a X =0 nén toa do giao diém ciia (d)yva mat phang (Oyz)

1a nghiem (%Y%) cia hé phwong trinh

(x-2 y+1 _z+3 [x=0 [ x =0
1 2 2 = y+l z43® {y=-5
x =0 P T 2=
Vay toa dd giao diém ctia (d)vé mit phing (©¥2) 13 (6;-5-7)
[TH] M6 dun cta s6 phu’c =(2- )(3+4) bang
A VIS, B. 125, c. 255, D. 55,

Loi giai
Ta c6: |z| —| 1}3+41}|

=[2- i[[3+4i| ={J2" + (- 1) \f3* +4’ =55




Cau 41.

[TH] Trong khong gian Oxyz , cho ba duong thang d,. d, va % dong quy. Biét d,d, co
x =1+t x=2-t
y=2-2t y=1+t
phrong trinh 1an lugt 1a (2 =3+20 Gy (2=5- 2 (.t'eR) . d, qua diém M (0;2;4)
Phuong trinh tham s6 ctia dwong thang ;13
X =u x =1 X =u x =1
y=2 y=2u y =2 y =2u
A _z:4-u' B. |2 :-1+4u. C. _z:4+u. D. .z:1+4u'
Loi giai
(14t =2-1¢ t+t =1
2- 2t =1+t = {2t+1 =1 {l‘ =0
. . =R
Xét hé phuong trinh 3+2t =5- 2t 2+ 2t =2 t _1.
Suy ra ba duong thang d,d, va 9 dong quy tai diém N (12 3).
Puong thang ds g qua diém M(0;2;4) va c6 vécto chi phuong u=MN =(10;- 1),
X=u
y =2

Phuong trinh tham s6 cta dyja % =4- “

Cau 42. [TH] DPuong cong trong hinh bén c6 tén goi la gu’c‘mg Lemmiscate.

Cau 43.

2 _ 2 _

Trong mat phang Oxy phwong trinh ctia dwong Lemmisscate da cho la 16y” =x*(25- x') .
Theé tich vat thé tron xoay tao thanh khi cho hinh phang gigi han béi duwong cong dé quay quanh
truc Ox bang:

625 625 1250 625

o b0 1250 625
A. 6 . B. 12 c. 3 . 3

Loi giai
2 HE 2
y* =(25- x*)
Tw phuong trinh 6
x =0
Ta c6 X=-3
=V :2;7](}‘[;(})2 dx =21 r—z(ES - X )dx =2 J(ESH‘Z - x)dx =592 4
a a 16 a : 12

[VD] Trong khong gian O%2, cho hai diém A(2?2;0)’ B(0;4;4)

(P):x+y+z-2=0

va mat phang

. Trong tat ca cac mat cau c6 tam thudc mat phang (P) va di qua hai diém
A, B . Mit cau c6 ban kinh nh6 nhét bing
V336 124/5 3./70

A. 7 . B.\/E. c. 7 . D. 7



Cau 44.

Cau 45.

Loi giai
AB= M(1:3;2)
=(-1;1;2)

e Goi M 1a trung diém cta . Goi mit phéng trung tryc cua AB 1a

Ta c6 : AB =(-2:2;4)= n

Phuong trinh mét phéng trung truc @ ctia AB 1a:
- (x-1D)+(y-3)+2(z- 2) =0 - x+y+2z- 6 =0

Goi A :(P}ﬁ(o}.
u, :["tm’”unl :(1;— 3;2), N(—E;ﬁl;ﬂ)E(P)ﬁ(Q)'

Tacod:
[ x =- 2+t
A:{y=4-3 (teR)
Pt =2

I1e(P),IA=IB=TeA= 1(-2+t:4- 3t:2t)

3,70

70
7

e Goi I 13 tAm mat cau can tim, ta c6 :

R=IA=\[(4- tF + (- 2) +(20) =147 - 201420 =
e Ban kinh mat cau la :

_ 3470
° Vay min ::,r

[VD] Trong khéng gian Oxyz , cho mét phang (P): X+2y+z-4=0

- s on ~ P) "
cdu c6 tam thuoc ( )Va tiép xuc vaoi ba truc toa do Ox Oy , Oz>

A. 8. B. 4. c. 3. D. 1.
Loi giai
Goi 1(a;b;c) la tdm mat cau () théa yéu cau bai toan, ta co:

1€(P) nén a+2b+c-4=0 (7

Miit khdc: (s) tiép xiic vai Ox, OY 0z nap 4 (1,0x) =d (1,0y ) =d (1,0z)

a=b=c
a=b=-c
= q° =h’ =¢* =
a=-b=c
< b +ct =a* +c* =a* +b* a=-b=-c

+ Vi @=b = khids (1) a+2a+a-4=0e=a=l=b=c= I(l;];l).
+V§i @ =b =-¢ khi d6 (1)
+V6i @ =-b=Ckhids (1) = a-2a+a-4=0<=-4=0 (v51y)

1(-2;2;2)

= a+2a-a-4=0e a=2=bhc=-2= 1(22:-2)

+V6i @ ="b=-Ckhids(1)a-2a-a-4=0=a=-2=
Vay ¢6 3 mat cau théa man yéu cau bai toan.

[VD] C6 bao nhiéu s6 phite Z =X* Vi ygi %Y E LB 250.X 2y g o x4y 13 o6 chan?
A 72, B. 156, C. 144, D. 288

Loi giai
Truong hgp 1: Ca hai s6 *Y déu chan
SO cac s6 thoa man la A, =132,
Truong hep 2: Ca hais6 Y déu lé

2 _
S6 cac s6 thoa man la A =156.

. C6 tat ca bao nhiéu mat



Vay cdc s§ thoa min yéu cau bai toan 1a 132 +156 =268

2
dx
2x)- xf (x* ) =x",¥xeR .[f(X)
Cau 46. [VD] Cho ham sb f () lién tuc trén R théa f(20) f( ) . Khi d6 1
bang
15 v 15 7
A 4. B. 8. c. 2. D.
Léi giai
Taco:
f(2x)- xf (x*)=x", ¥xeR
2 2 ( ) 2 15
= [fQ@xMx- [xf(x")dx = [x'dc =—
o (o= o=
1° 1% ¢ oy 15
) If (2x)d (2x)- 5 J’f (x?)d(x?)="2
jf(t)dt- J’f (wdu =2
Suy ra 2
J‘f (x)dx- J'f (x)dx - J'f (x )dx _—ﬁr J'f (x)dx =
Hay * .
o (@): 2 =yr_z-2
Cau47. [VD] Trong khong gian “*Y“cho duong thing -1 2 1 va mit phing
(P):2x- y- 2z +4 =0 . Biét madt phang @ chita duwong thang (d )Vé tao v4i mat phang (P)
mot géc c6 so do nhé nhat. Khi d6, cosin ctia goc giita hai mat phang (P) va (Q)béng
212 243 V3 1
A. 3 . B. 9 . c. 9. gﬁ.
Loi giai
, +by+cz +d =0la’ +b* +c* #0
Goi mdt phang (Q)cé dang : e (a ¢ )
Trong do: véc to phap tuyén cua (Q)lél ne =(a;b;c)
Ta c6: véc to phap tuyén ctia mit phang (P)lé: ne =(2;-1;-2)
Vi (Q)Chﬁ’a (d)nén n,u, =0 <= al-1)+b2+c=0< c=a- ZE:-'
Goi @ 1a goc gitta hai mét phing (P) va @ .Khi d6 ; 0 =a =90°
2a-b-2c| _ [2a-b-2(a-2b) _ b| b]
coser =

Wa b+ 3fa? +b 4 (a- 2bY 20" - 4ab+5b’ Jz(a b)Y +3b*

Xét b =0 khi d6 cos@ =0hay @ =90 13 géc 16n nhét c6 thé c6 giita hai mit phing nén loai.

bz
CoOscyr = =
2(a- b)Y +3b°

Xét b #0 | ta cé: . D4u bing xay ra khi @ =b

COSct =——
Suy ra @ nho nhét khi V3,
3
x-1

de =a+bln2+cln3
Cau 48. [VD] Cho v’r“ X . Téng 3a+b+c bing:



A. 0, B. 1. c. -1

L&i giai
Dt Ji+x =t= x =t*- 1= dx =2t
Vé,l x:[]:,a{:]_. Xx=3=1=2
'% 2 2
-1 = 2 2edt = EJI
Khi dé “1+"h+x J bt
3 2z

=2 E——E——r+ln|1+r|‘
3 2

- —+2[n3 2In2

a:—l b=-2,c=2= 3a+bh+c=-1

dt Eﬁt -t- 1+— dt

D. 3.

Suy ra 3
Cau 49: [VDC] Cho s6 phitc Z =1+1 Trong mit phing Oxy , 801 S 1a hinh gom tat ca cac diém biéu
dian ctia s6 phitc W =a +bz +cz® g a,b,¢ 13 ba tham s thuc thudc doan [0;1] . Dién tich
ctia hinh S bing
A. 6. B.5 . C.4.
Loi giai
Goi M y) .

1a diém bidu dién s6 phitc W . Khids W =X+
w =a+bz +cz’ & x+iy =a+b(1+i)+c(l+i)

y—a+h
= x+iy=a+b+ilb+2c) = r =

y:b+2£=’ y=x-a+2c

D<a+bh<2
ﬂ,b,EE[D;l]Z‘* 0=<h+2c <3

Vi -l=-ag+2c =2

Vay M nim giita 2 dudng thing ¥ = X+2 y=x-1y0=x=20=y=3

Yy &

y=x+2

—1

Do d6 hinh S gbm tat ca cic diém biéu dién caa s phitc

w =a+bz +cz* duge gigi han béi
luc giac OABCDE

S =S, 0 =6- 1.1.1- 1.1.1 =5
Khi dé 2 2



Cau50. [VD] Chohamss ¥ — | G ian tuc trén R va c6 db thi nhw hinh bén.

4 1
T :If'(x— EHX+If'(x+2)dx
0

Giati 0 bing
A-6. B.5. C.4,
Lo giai
4
I :If'(x_ zh}[—
* Xét 0

Bét u=x- 2= du :d}[’.
P6i can: X=0—-u=-2x=4— u=2

2 2
I=[f'@Xu= [f(xKx
_2 _2

1

J =J‘f’(x+2}:br
eXét 0 ‘
pit V=x+l= dv =dx_
Péi can: * =0—v=Zx=l-v=3

3 3
J = [ W= [f Gt
2 2

3

= [f (xdx
Suyra I =I+J —‘l‘ =f3)- f(-2) =4- (-1):5.



