12 22 26
V=1 [(169- x*)det 7 [[41- (x-16) | dot 7 [5d
TI v )dx+ T,-ﬂ (x }] r+Tﬁ[ ¥

Thé tich h6 16 1a "
:,T[gﬁi_ﬁm _9700 =10220,6( em® ) =10,2 (lit).
Bai 13:
. TR 0 S
Chon h¢ truc toa do nhu hinh vé. Thiét dién tao bdi méat phang vudng goc voi truc

Ox va mat cau tam 1a hinh tron.

5(x) Z,T(R: - .r:)

Dién tich thiét dién 1a (Trong d6 * 1a khoang cach tur 0 dén mit
. (P)
phang )
’ e . 2| s’
=2 [S(e)de =2m (R - & )a’x =2n| Rix- || =
. 3 )|a 12

Thé tich can tinh 1a:
Bai 14:

Gén hé truc toa d6 nhu hinh v&:



yll.
B M
4
" N
M
B o E N
N_' P
A=0
A D
V=V, =x[5dy=757
wre =T 55 { avit )
: M(2:4), N (3:3) x=6-y
DPuong thang MN g qua - - cOdang g Y
. ; 197
Vs =T E(0= y) dy =——( )
dvtt ~.
o IO \ . (#) Oy
The tich khoi tron xoay tao thanh khi quay quay quanh truc  :
¥
V=V e ¥ Vs =757 +II;ITJ :HMHT (d"w’l't)
Bai 15:
O=A.Betn, Dedy
Chon hé truc Oxy co ' ' T
A )1;
D
14 = &
b
. 4(0:0): p(0;2);8(3:0): £(1:1)
Ta co:
1(0;1) 2 e ) =
Duong tron tam chura cung ED 4 phuong trinh la: *+(r- D I.



11 2
I s phuong trinh la: y=leyl-x

Vo=x E(I +41- x° ): dy +1 flPdx =16,5( em®)

Nén cung trén cta duong tron tam

Thé tich cta vat thé trang trf 1a:

Bai 16:
Gén hé truc toa do Oxy voi
A B C
. . B0)LR=1 x4y =l> 7 =1-4
DPuong tron tam la : :

ACLO)LR=1  (x+1) +* =l= 3 =1- (x+1)’
Puong tron tim p )y == (x+1)".

Phuong trinh hoanh d6 giao diém cua 2 dudng tron 1a

X . 1
- x°" =1- (x+1) & x =- ;:r D

4| w

_I.
2'.

ﬂ : ﬂ 11 .
y :,Tf L(I - )dec- ;Tfl(l - (1+x) ) dx =7 ~2.9 enr

Bai 17:
Y
D 5 C
(P)
i i}
5 (9] 5 x
Khi quay hinh chit nhat ABCD quanh truc 4B ¢, duoc khdi tru c6

e Bankinh day " =5C =3 cm



e Chiéu cao h=A4B =10 cm

Do d6 thé tich khi try nay c6 thé tich
v, =1 5 10=2507(cm’)
< . N N . ~ 13 C(S;S) \ A - Ox .,
Mat khac, chon hé truc toa do nhu hinh v¢ thi va parabol bén phai truc co
(P):y" =2px
dang

5
C‘E(P,}ﬁ p:—ﬂ(ﬁ):f =3x _
Ta co : hayy_JS_x.

coar A (R) . OxX 1 12 .
Khi d6 mién khi quay quanh truc c6 thé tich

5

5
Vv, =271 J[53 - 5x| dx=277] 25x- de J =1257
- L1} . 2 L1
) . v =¥ - ¥, =1257(cm’)
Vay thé tich phan con lai la ) .
Bai 18:
i . v =B+h=57(cm’)
Thé tich cua bon chira dau la .
V . L
Goi ' 1a thé tich phan dau bi rt ra.
Chon hé truc Oxy nhu hinh vé.
) Iy
A B
H
o X
o

Ta c6 dién tich phan t6 dam la



£ N £ £

5§ =2 _|‘ Ji- - % dr=2 ]‘Jl - x" dx-2 ]‘afr =2 ]‘-J'l - x° dx- E

-Jr_ 5 ﬁ T J?T ﬁ T 3
_"} _ _—']‘ - 21— =2 - 27 |- = ¥
J'-JI sin“tcost -dt - 5 ._ICDSE dt > RS
E’I_J{E-ﬂ dx = i-ﬁ‘j
i L J3 '3 4
Vay thé tich phan dau bi rut ra la ' '
V, =V - ¥, =57~ % g‘ﬁ ~12.637( cm®)
Vay thé tich phan dau con lai trong bon 1a '
Bai 19:
Cach 1: Chon hé truc toa do nhu hinh vé
-
5
3
/i A\
I I
I I
I I
1 I
: : -
_.;‘ _3 () 3 4 5 X
. 4y =25= p=hf25- 1
Khi d6 phuong trinh dudng tron c6 dang v - *
y =y25- x°
R N . . =0 ., . y= Cx =4 . (3,4)
Mot phan tu duong tron cat cac duong va lan luot tai

. (4:3)
va )



Do d6 thé tich ctia mé hinh khi quay quanh truc

XY 13

=T 25-x + W25 x7 )dv+ |4 dx| =
| 0 4 3
a=520 4
) = — +2h =58
b =3 10
Suy ra
Cach 2:
4
, , 4 20 520,
v=r e [47 (5 )|ar =18 e =20
: 3 3
[ a=520 4
= — +2h =58
b =3 10
Suy ra
Bai 20:
Gén hé truc toa d6 nhu hinh vé.
‘ v

-
.

\I h y
;;—_ s d
8m ~~_ 4 cm

-

P B

Goi phuong trinh parabol

Theo gia thiét, dwong tron thiét dién chu vi

Vi parabol

vy =ax +br+cla #0)
a .
81(em): 27r =87 = r =4( cm)

0(0:0),4(44)  B(-44)
\'%

di qua ba diém a , suy ra
1
c=0 Y
116a+4b =4 <= {b =0.
loa- 4b =4 c=0




.

(P):y :lx'
Nén phuong trinh parabol 4

Thé tich phan cat ban dau chinh bang thé tich khéi tron xoay sinh ra khi quay nhanh phai
(P) Oy

cua parabol quanh truc va bang thé tich cat chay trong 20 phut.
Ta co:

q 20.14,75 =295( cm’)
The tich cét chay trong 20 phut: .

: . : 295
v =,TJ(L.I';-) dy =295( cm’) & 270" =295 = h = |-
L 2T
Suy ra ! (cm).
3 305
2 Zh=3 ~20,6( cm)
2 2T

Vay chiéu cao cua khoi tru bén ngoai la:

BAI 8. THE TiCH VAT THE TRON XOAY TiNH THEO MAT CAT
Bai 1:

I —IE( v)dx —IE(‘« )dx = f{ ("\-"SIT) dr = fﬁ sinx dx = -..J'EEDST[E =3

Bai 2:
2 3 5
- I‘E('T)d" = 1(4' .‘L':]dr:?’_“
, Y o 3
Ta co : 2 .
Bai 3:
, :fs(m Y fsm ) ﬂ; W v O f 5 s = o] <245
Ta co f |
Bai 4:
! 2
V= J(E\.“ - .‘l.':) rf’.x-:g’_h
-1
Bai 5:
| o :I‘Erﬂ d,'..
Ta co: .

Détlr: 0- " = ¢ =9-x" = —fdf:xdr_

Poi can:



I :]‘2;.(-; dt):]"l;: dr :2%.\ =18

Khi doé: ‘!
Bai 6:
=|[S5(x)d.
U e Ll 165 IR
The tich vat thé tinh theo cong thirc: : , VOi la dién tich thiét dién cia
vat thé.

Jai-x . SG)=4-x

Do thiét dién cta vat thé 13 hinh vuong c6 canh la nén
= F :_ﬁ (4- x)dxr =4
Bai 7:

I :fj (x)dx :.Jf,j’_?,- X ):d.'r Z.J'(B - x Mx :‘ 3x- %H =2
Theo gia thiét,taco  ° ' ' ' ! .
Bai 8:

V' =[xcos xdx =xsinx|> - ISiIlT dr=xsiny|* +cosx|} =
Thé tich vat thé B 1a: !
Bai 9:

Chon hé truc toa do nhu hinh v¢.

Phuong trinh chinh tic elip



75 75
Tur do, suy ra :

Dién tich thiét dién la:

sG)="R L7 1 7l il =| Z. 1”45 -—r‘
4 2 4 2 4 2 2
457 | .
y —_[s(r)dr_ i |H45 e dx =115586( m*)
Thé tich can tinh 1a: ™ " :
Bai 10:
R =6(cm).h=10(cm)
bat . Gan hé truc toa do nhu hinh vé.

- A

It

(-6 =x <6)

X cét vat thé theo

Mot mit phang tiiy ¥ vudng goc voi truc Ox tai diém
o o S()
thiét dién c6 dién tich la )

Ta thdy thiét dién d6 1a mot tam gidc vudng, gid st 1 tam giac 48C vuong tai B

trong hinh vé.

nhu

1 |
5(x)=5,,0 ==4B BC =—BC'tana

Ta co =
5(30- ¥
:l(ﬁ:: - _r: )i :g
2 R

4]



I :]‘5 (x)dx :{;[5 Go- +*)

e =240( em’)
Vay thé tich lugng nudc trong coc 1a :

BAI 9. BAI TOAN CHUYEN PONG CO BAN
Bai 1:
e o ov=0e 210- 30t =0= t =7(5)
Thoi dieém vat dung lai 1a
Quiing dudng ma vat di chuyén duge tir thoi diém ! =0 dén thoi didm ma vét dimg lai 12

s(t) :Jtzm- 30¢)dt =735(m)
Bai 2:

, v(t)=0=10- 5t =0 = ¢ =2
Xe 0 to dung han khi

Quing dudng 6 to dich chuyén tir luc dap phanh dén luc ding han:

5(;):]‘1-(0::1{ :](ID— 5¢)de :‘. 10z - 5% |

=10(m)
Bai 3:

3

alt)=F +4t = v(t) = fa(e)ds :%+2;3 +C(ceR)

v(0)=C =152 v(1) =1+ 27 +15
Ma

e ,
.S':ﬂ —+ 2" +15
3

dt=69,75(m)
vay

ov@)=3nG+1)+0= v(0)=3In11+6 =13,2(m/s)
Bai 4:

Bai §:
11 sin(ae) 11 sin(w))|

s, :ﬂ —+ dr =0,35318(m), 5, = J’ —+ dr=0,45675( m)
J 2T T | o2 T |

.S, >

Vay -~



r=

t(5-t)=0= [

th O

. A <\ . A A 5 A < , {
Khi vat dung lai, van toc cua vat bang 0 . Ta c6

s :]'.r (5-¢)dt =

|56 ‘

Quiéng dudng vat di dugc cho dén khi n6 ding lai:
Bai 7:

o vl)=0=160- 10t =0 = t =16( s)
Ta c0, vat dung lai khi .

S

Khi d6, quing dudng © ma vat di chuyén trong khoang thoi gian tir thoi diém t=0 (s)

15
5= |‘(|m:1- 10¢ )dt=1280( m)

dén thoi diém vat dimg lai 1a

Bai 8:
Lay mdc thoi gian ~ T lalbe dap phanh.

_ , vi(t)=0= -5+20 =0« t =4(s)
Khi 6 t6 dung han thi: .

5= [(— 5t +20)dt =40( m)

Vay tir lac dap phanh dén khi dimg han, 6 t6 di chuyén duoc:
Bai 9:

4 4 . s N1 < A o o 14 B o3 A B <\ M
Lay moc thoi gian 1a ltc bat dau dap phanh. Gia st ° 1a thoi diém tau dimg han.

o, vl(e,) =0 = 240- 20¢, =0 = ¢, =12
Khi do6 (s).

12(s)

Nhu vay tir lac dap phanh dén lic tau dimg han 1a
) , o 12(s)
Quang duong tau di chuyén dugc trong khoang thoi gian la

12
5= [(240- 20¢)dt=1440( m)

Bai 10:

v, (0)=16(m/s)
Ta co: .

A e v (D)=0=1=45
Khi xe © dung han: -~ .



5= |(H:| - 4t)dt =32 m
Quang duong tur lac xe 4 ham phanh dén luc ding han 1a .
A

Do céc xe phai cach nhau t6i thiéu 1 m dé dam bao an toan nén khi dimg lai 6 t6 “ phai
ham phanh khi cach 6 t6 B mot khoang it nhat 12 33 m .
BAI 10. BAI TOAN MAX - MIN TRONG CHUYEN PONG
Bai 1:
a(t)=6-2t(m/s*)= v(£)=f(6- 26)dt =6t- £ +C
R f =0 . v=0=C=0=v()=06- ¢
Xe dung va bat dau chuyén dong nén khi thi .
) b
ve)=6e-¢¢ =T
la ham so6 bac 2 nén dat GTLN khi <
5= [(G.r— £ )dr=18(m)
Quang dudng xe di trong 3 gidy dau la:
Bai 2:
1-(;)—;'—-5;3”5; .
0T 4 . alt)=v'(t)=-3t+18
= va .
vi(E)=0= t =6
ho .
c v(0)=0,v(10)=30  v(6)=54
i do: va .
A AL LK X, o 54(m/s) . t =6
Vay van toc 16n nhat cia vat la tai thoi diém
Bai 3:
() =s"(t) =-3¢" +18¢ +1
X 1A 1a FELA A A c . aA 1 i1a A @ ==3<0
D¢ thay ham so l1a ham bac hai c¢6 do6 thi dang parabol voi hé so .
% . 1(3;28)
Do dé ™ dat tai dinh cua parabol.
.. 2 . ., o . t=3(s)
Vay thoi gian dé van toc cua chat diém dat gia tri 16n nhat )
Bai 4:
oo ov@)=s) =12 3 « . ovle)=12e- 3¢ i
Van toc cua doan tau la . Ta d¢ thay ham so la mot
v(t)

t=2(s)

Parabol c6 hé sb a &m nén dat gia tri 16n nhét khi



. . . Y
Loi binh: Chung ta c6 thé dung dao ham d€ tim gié tri I6n nhé cua ham s6 . Tuy nhién,

(@)

vi 12 ham bac hai nén chiing van dung tinh chit cta parabol dé tim gia tri 16n nhat va
nho nhét cho nhanh. Va rat hitu ich khi lam toan tric nghiém.

BAI 11. BAI TOAN CHUYEN PONG HAI PHUONG TIEN
Bai 1:
Quing duong chét diém 4 di tir dAu dén khi B dudi kip 1a

15 ¢ \

, 39
5= ﬂ — i+ —
JU150 75

dt=96(m)

B 13 Vg (t) = Jadt =at + C.

Van toc cua chat diém a

f =3 v, (3)=0= C=-3a

vat B vt dau tir trang thai nghi nén
A 1a
15

=72a(m)

Tai thoi diém
Lai c6 quing duong chét diém B 4 duoc dén khi gip

15 [ .32 !
at

S, :.I‘(m - 3a)dt :‘ - Jat

72a =96 <= g :i(m .-"5:)
Vay 3
By (15)=16( m/s)

Tai thoi didm dudi kip 4 thi van téc cua B 1 :
Bai 2:
y

Thoi diém chét diém B dudi kip chat diém 4 thi chit didm B di dugc 15 gidy, chit

diém 4 di dugc 18 gidy.

v, (+) = ‘I‘ﬂ dt =at +C vy (0) =0

B ma nén

Biéu thirc van tdc cta chat diém
Vg (r) =at

c6 dang

Do tir ltc chat diém 4 bt diu chuyén dong cho dén khi chat diém B qubi kip thi quang
duong hai chét diém di duoc bang nhau. Do d6

15

"1, 58 225
ﬂ—r' + 2 |de= I}” dte 225 =a -
J1200 45 . 2
| r L1}

= g=2

. o , . . v, (1)=2.15=30(m/s)
Vay, van toc cua chat diém B tai thoi diém duoi kip 4 bang ? .

Bai 3:



v, (1) = fadt =at +C,v, (0) =0= € =0= v, (1) =at
Ta co .

Quing duong chat diém 4 g duogc trong 25 giay la

25 \ . ) ) ER 5
5, = sz‘f-E{‘d[: I_{"+EE-‘ :3?
- JU100 30 | | 300 00 2
15 .
S, =[ar dt="_ _““j”
Quiang dudng chat diém B 4 dwoc trong 15 gidy la -l -
375 _223a 5
= = q =—
Ta co 2 2 3 .
5
v, (15)==15 =25(m/s)
Van toe cia B tai thoi didm dudi kip 4 1a 3

Bai 4:
Khoang thoi gian xe 2 xuét phat dén luc dap phanh 1a: t=2h .

Quang duong cac xe di dugc trong khoang thoi gian trén:

AC = [(2{ +1)di=6( km)
Xe1:Ditr 4 ¢én € 1a

, oD =2.10=2(km)
Xe2:Ditr @ d¢én P 1a .

= CD=22+20-6 =36( km)

: .. ., Z , e . Lo < . ,
Chon moc thoi gian tai vi tri xuat phat, sau thoi gian ' hai xe gip nhau. Hai xe dang &
cac vi tri tare thoi
X, :J(E; +1)dt (km)
Lidoxella :

X, = J( 5t +20)dt +cD( km)
Lidoxe2la:  °

X, =X, = J(Ef +1)dt :.I'(— 5t+20)dt +36 = ¢ =6
Pé 2 xe gip nhau thi: : : (h).

Vay sau khoang thoi gian 1a 6 h hai xe gap nhau.



	Bài 13:

