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" & Ghinhé @

@. Truc va dé dai dai sé trén truc

@ Truc toa dé (0;¢€)

© Toa dé cua diém trén truc: Cho M trén truc (O;€).
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k 13 toa dé cia M= OM =ke

(<]

o Do dai dai sé6 cua vecto: Cho A, B trén truc (O;€).

o 3= AB o AB=ae
(e

Ki higu: (() 5)

“ Nhan xét:
o AB cing huéng €= AB >0

o ABnguoc huéng esAB<0
o Né&u A(a), B(b) thi AB=p-3

aIN]N)

o AB = |AB|=[AB|=|b- 4

a+ b}

o Néu A(a), B(b), I 1a trung diém cua AB thi ' 2
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ol ey AY Ve e - N —_ \ ~ u’“ Ve Y&l - A
@  Néu 4B cung huéng véi i thi 48 =4B8. con néu AB ngugc hudng véi I thi

AB =- AB.

4 0 . 2 \ A OJ'. . Ve A ~ \ \ N\
o Néu hai diém 4 va B trén truc ( l) cé toa do 1an luot 1a @ va b thi
AB =b- a.
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@ Truc : truc hoanh Ox

@ Truc (O;j): truc tung Oy

o ') 14 céc vecto don vi

Ha (O;i;j)
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Mat phang toa dé Oxy.
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®. Toa dé cua vecto

u u=xi+yj
o =(x;y) <

Q

Cho U= (x;y), U =(x;y)
» {x =X

o U=U o y=y'

Méi vecto duoc hoan toan xdc dinh khi biét toa dé cua né
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(" © NéuM e Ox thiywm =0
2 MeOy thixu=0

ULLIL
wusd QA :|G.-w| =S+

o Do daicua OM 13

M(xg3¥0)

Xo

M= (xy) = OM=x +y]

@. Lién hé giira toa dé cua diém va vecto trong mat phang

@ Cho A(xa; Ya), B(Xs; Vs).

uuy

o AB = (Xg — Xa; Y5 - Ya)

45 =48] = (- =) + (- )

V]

w+v,u-v.ku
@. Toa do cua cac vecto ;

@ Cho U=(uy; uz), V=(vi; V2).
V] U+V= (ui+ vi; U+Vvs)
@ U- V= (u;- Vi; Ux-V2)

kU= (ku;; kuz), k e R

<

@ Nhan xét: Hai vecto U=(uy; uz), V=(vi; v2) véi v 0 cung phuong = 3k

U =kvy
R sao cho: (%2 =K%

VA

®. Toa do cua trung diém doan thang, cta trong tam tam giac

@ Cho A(Xa; Ya), B(Xs; ys). | 1a trung diém cla AB thi:

XA +yA VA +vn




I(xgy1)
@ Cho AABC vGi A(xa; Ya), B(Xs; ys), C(Xc; yc). G la trong tam cuda AABC thi:
_Ka tXg T X
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(®. Dang todn ren luyén
‘Dang @: Cau trac nghiém nhiéu phuong an lua chon

a=(-1;2) b=(5-7)

Cau 1: Trong mat phfmg Oxy , cho .Toadocua @+ b 1a

A, (69 g, 45 c. (69 p, (3:-14)
Loi giai

Chon B

Cau 2: Trong mat ph'fmg Oxy , cho A(S;E)’ 8(10;8). Toa d0 cua AB 13

4 29 g (s:10) L (0:1e) o (5:6)
Loi giai

Chon D

a =(1:2);6=(3:4) ¢ =4a- b
Cau 3: Cho hai vecto . Toa d6
(1;4) (- 1;4) (€3)) (-1;-4)

A. i B. ) C. ) D. .
Loi giai

Chon A

Ta cod 4a =(4:8)



= ¢ =4a- b=(4- 3:8- 4)=(1:4)

Cau 4: Trong hé truc toa do Oxy , cho hai diém A(2:- l), 3(4;3). Toa d0 cua vecto AB béng
uuu _ - L (..
A 1B (8: 3). g, A8 =(-2:-4)
c. 4B :(2;4). p. 4B :(6;2)_
Loi giai
Chon C
' _"}. "} 1 uuuy ,
Céu 5: Cho tam gide ABC voi AL4BE2D.CM0) oo 6 vecto AM véi M 1a trung diém
BC
4, AM =(-30) g AM =(0;3)'
c. AM =(0:-3) p. AM =(3;D).
Loi giai
Chon C
.- + -
X, :"'L Xy )
! 2 x,, =l
= .
Yo+, L o =1 .
y Yu =7 ' AM =(0:-3)
Vi M 1a trung diém BC nén < Suy ra T
-
) u=—i-5j
Cau 6: Trong hé toa do YV cho 2 . Toa dd vecto ¥ la
u=[l;5J H= l;-:'b
A 12 B. 2
C. u =(- 1:10). D. u =(1;- 10).
Loi giai
Chon B
u :é{'- 5j :‘ I;;—S‘
Ta co: = L= -
(Oxy) a=(4;-7) b=(-1;3) 2a-b
Cau 7: Trong mat phang cho , . Toa dd cua la
(7:-17). (9:-17) (9;:-11). (7:-11).
A. . B. . C. . D. .

Loi giai



Chon B

2a- b =(8:- 14)- (- 1:3) =(9:- 17).

Ta co:
oy ~ MGL35) N(2:4) s
Ciu 8: Trong mit phang , cho va . Toa d0 cua vecto la:
(3;- 1 (-3;1) (1;1) (1;9)
A. . B. ) C. . D. .
Loi giai
Chon A
m a=02m- 1:3m) b=(;1)
Cau 9: Giatricia sao cho cung phuong la
-2 1 -3 -1
A, . B. . C. . D. .
Loi giai
Chon D
2m-1 _3m - [ =3 ]
a=02m- 1:3m) b=(:1) I _l_ﬁ =t = L =am ==
cung phuong khi va chi khi
, Oxy, a =(1;-2).
Cau 10: Trong mat phang vdi hé truc toa do cho vecto Trong cac vecto dudi day, vecto
a.
nao cung phuong voi
b =(1;2). c=(-1;-2).
A. B.
d =(-2:4). e =(2:1).
C. D.
Loi giai
Chon C
d =(-2:4) =-2(1;- 2) = 2a. p .

Ta co: Do do, cung phuong véi



Oxy 401 B(2:-1)

Ciu 11: Trong mit phang toa do , cho hai diém ; . Vécto nao sau day cung phuong
AB

vécto ?

u =(1;1) u =(- 1;1)
A. . B. .

u =(1;0) u =(0;1)
C. . D.

Loi giai

Chon B

AB=(2:-2)  Yp—=-0, u=(-11)

Ta co .va voi .
Oxy A4(@1;-3) B3
Cau 12: Trong mat phang toa do , cho hai diém , . Toa d¢ trung diém  cua doan
, AB
thang la:
1(-1;-2) 1(2:-1) 1(1;-2) 1(%;1)
A. . B. . C. . D.
Loi giai
Chon B

1(2;-1)
Ap dung cong thirc toa d6 trung diém doan thing ta c6 :

Céu 13: Trong mit phing Oxy , cho hai diém 4(2-5) va B (4;1). Toa do trung diém ! cta doan thing
AB 1a:
4 1@3) g [CL-3) L 1(32) p. [G-2)
Loi giai

Chon D
1(3;-2)

Oxy A4(2;-5) B4
Ciu 14: Trong mit phang véi hé toa do , cho hai diém va . Toa d6 trung diém ¢

, AB
ua doan thang la:



1(3;-2) 1(3;2) 1(1;3) I1(-1:-3)

Chgn A
+ X
.TI.=1:'_}1” -
‘£ e = 7(3:-2)
y Vg, Ly, =12
T ) B 2
Toa dg trung diém  cua doan thang la
Oxy A4(2;-5) B4;1) ]
Cau 15: Trong mat phang voi hé toa do , cho hai diém va . Toado trung di€ém cua
, AB
doan thang la:
1(3;-2) 1(3:2) 1(1;3) 1(-1;-3)
A. ) B. . C. . D.
Loi giai
Chon A
+x
X, :15 '}1"‘ _
° e = 1(3-2)
L =Yat Vs y, ==2
I 43 2

Toa do trung diém cua doan théng la

A(-2;0) B(5;-4)

Céu 16: Trong mit phing @ cho . Toa d6 diém E d6i xtmg véi 4 qua B 1a

A E(-9; 4). B, E(12; 8)_
‘o -9 1
c. EQ2; 8). D. E( 8,1)_
Loi giai
Chgn C

L Eo A B B . AE
biém doixingvéi qua nén  1atrung diém cia doan

v, =2x, - x,=25-(-2)=12 y, =2y,-y,=2.(-4)-0=-38



Oxy AG-1;3) B(-7:3) J

Cau 17: Trong mat phéng toa do , cho hai diém , . Toa d¢ trung diém  cua
AB
la
1(-4;3) 1(-3;0) 1(-8:6) 1(-6;0)
A. . B. . C. . D.
Loi giai
Chgn A
f_' -1-7 3+3]
12 72 ‘ 1(-4;3)
Toa d6 trung diém hay
Oxy A(6;-5)  B(2:1)
Cau 18: Trong mat phang toa do cho hai diém va . Toa dg trung di€m cua doan
., AB
thang la
1(4;-2) 1(3:2) 1(2:-3) 6,7
A . B. : C. . D
Loi giai
Chon A
. :1_:_:.1H _4
- = 1(4:-2)
. _Yatye | 2
2
Ta co6:
Oxy 4G;5) B(1;2) /
Ciu 19: Trong mit phang toa do cho hai diém , . Tim toa d6 trung diém  cuia doan
., AB
thang
7 7
1(47) 1¢-2:3) 1[2’51 "[_'2’5]
A. . B. . C. : D.
Loi giai

Chon C



2
L o=Yat Vs 1{2;11
2 s | 2
Ta co:
Oxy apcp  A@1) B(2:-1), C(-2:-3)
Cau 20: Trong mat phang , cho hinh binh hanh bict ,
. ABCD
giao diém hai duong chéo cua hinh binh hanh la
(2;0) (2;2) (0;-2) 0;-1)

A. . B. . C. . D. .

Loi giai
Chon D
Giao diém hai duong chéo 1a trung diém cua AC,
Vay toa do giao diém hai dudng chéo la 1(0;- l).
Ciu 21: Trong mit phang toa do , cho tam giac co , ,
tam cua tam gidc da cho la

G(2;4) G(4;2) G(6;12) G(3;6)

A. . B. . C. : D.

Loi giai
Chgn A

G(2:4)

Ap dung cong thuc toa do trong tAm tam giac ta c6

=" e LI
Cau 22: Trong h¢ truc toa do Oxy’ cho A(-41),8(2:4),¢(2;-2)

ABC 1a;
3 3
oo 0 e g
A L2 p GO 603, T
Loi giai
Chon B
-44+242
X, = =
3
1+4-2 I
Ve = = )
G 1a trong tam cua tam gidc 4BC nén ta co 3 .Vay G(O’l).

. Toa dd

. Toa do trong

. Toa d¢ trong tdm G ciia tam giac



Oxy ape A=(21) B=(- 1-2) Cc=(-32)

Cau 23: Trén mat phéng toa do , cho tam giéac co ,
G ABC
do trong tdim  cua tam giac la
33 33 33 33
A B. C D
Loi giai
Chon A
Xy txgtx. -2
Xg =
3 3
vitygty. |
Y= "= "=
G ABC 1°° 3 3
Toa dd trong tim  cuia tam giac la

4(3;3):B(5:5):¢(6:9)

Cau 24: Cho . Tim toa d¢ trong tam tam gidc ABC

14 17 14_5
A 85 g, (1417), C.{??. D.{-? ]
Loi giai
Chon C
G(x;v) ABC
Goi la trong tdm tam giac

x, tx, +x. 14
.'".'. -

0 ' 3 3
v, vy, +y. 17

1' . pEE——————— ]

= 3 3

14.17)

Vay toa d trong tdm tam giac ABC 13 33

apc AW@8) BG-31)  C(6:-3)
Cau 25: Cho tam giac co ; va . Tim toa d¢ trong tam
cho.
G(3;6) G(1;2) G(-1;3) G(-1;-2)
A. . B. ) C. D.
Loi giai

Chon B

9

G .
cua tam giac da

. Toa



cua

x, _ X +x, + l y, _J) +yg+ - _5
' 3 ' 3
G(1;2)
Vay
Oxy A(5:-2).8(0:3)  C(1:2)

Ciu 26: Trong mit phang toa do cho diém va . Khi d6 trong tam

ABC
tam giac la

G(-6:-3) G(6;3) G(2:1) G(-2:-1)
A. . B. . C.
Loi giai

Chon C

x. =2

T = a(an)

Yo —

Ta co:
, , 9. -1-7 -
Cau 27: Trong mat phang Oxy, cho ba diém 4(2,0), B¢-1;-2), (5, ?). Toa do trong tam cua
AABC 13
A. (2;3). B. (2;_3). C. (3;2). D. - 3;2).
Loi giai
Chon B
v :.T_:. + 'TH + 'Tl.'
L+ 3
__'I.'.:_ + __'I.'|lj + __'I.'L.
-]'.l..: =
Goi G 1a trong tam cua AABC ,ta co: 3
ABC A@1;2) B(-1;6) C(0;-5) AABC
Cau 28: Cho tam giac co , , . Toa d6 trong tdm la
(-2:1) (2;-1) (0:1) (1:0)

A. ) B. . C. ) . .

Loi giai

Chon C



G(x;v) AABC
Goi 1a trong tam . Ta co:

AABC (0; 1)
Vay toa do trong tam la .

(0:i:)) OM =3(i+4j)+5j - 2i

Cau29: Trong hé truc =~ '~ cho vecto . Toa dd diém M 1a
A CL-9) o (1;17). c CL-11) 5 (@9)
Loi giai
Chon B
UL . . . . . .
oM :3(f+4j)+5j— 2i =i+17j M (1:17).
. Suy ra

q (0:i5/) M OM =-2i +3]
Cau 30: Trong mat phang vdi hé truc toa do cho diém théa man . Toa do
. M

cua di€ém la

(-2:3) (2;-3) (3;-2) (-32)
A. ) B. . C. . D. a

Loi giai
Chgn A
OM =-2i +3 w23
nén toa do diém la .
Oxy A(2:2),B(- 1.0) / 3
Cau 31: Trong mat phang , cho hai diém . Tim toa do diém saocho 1la
. , Al
trung diém cua doan thang
3

f['?Q] 1(0;14)

A. . B.
1 l 4

1(-4;10) 2’

C. D

Loi giai



L |
= x —=-4
. 2 P N
2+, _ 1V, =
. , Al L 2
la trung diém cua doan thang nén ta co
1(-4;10)
Vay
Oxy, apc A1), B(-3:5) G(-11)
Cau 32: Trong hé toa do cho tam giac co va trong tam . Tim toa
C

do dinh  ?

C(6:-3). C(-6:3). c(-6:-3). C(-3:6).
A. B. C. D.

Loi giai
C(x; y).
Goi
(o+(-3)+x 3
3 o x= .
1+5+y - oy ==

G ABC L3

Vi la trong tam tam giac nén
A40;2) B(-2:6) M Oy . A4 B M
Cau 33: Cho , . Tim toa d6 diém thudc truc sao cho badiém , ,
thang hang?
10 5 5
A. . B. . C. . D.
Loi giai

v oy M(©:y)

Vi thudc truc nén
Uy LIl i _ y - 2
AB =(-3:4) AM =(-1;y-2) 7 4 B M . -3 4

Suy ra , . bé ba diém , thang hang thi

IR (!
o4=3y-6_ V"3



M[ O;EJ
! 3
Vay
Oxy, ABC C(-2:-4) G(0:4)
Cau 34: Trong hé toa do cho tam giac co , trong tam va trung diém
pc M@0). 7 B
canh la Tong hoanh do cuadiém va la
-2. 2. 4. 8.
A. B. C. D.
Loi giai
v, =2x, - x. =2.2- (-2) =6
| ¢ 5 5 = B(6:4)
M . BC Ve =28, = Yo =20-(-4)=4
Vi la trung diém nén
X, =3x; - x,- x. =
‘| A o a8 - A(—4_'|2)
G ABC |V, T3Ys - Ve ¥ =12
Vi  latrong tdm tam giac nén
X, +x, =2.
Suy ra
Oxy, A1), B(3:2), c(6:5).
Cau 35: Trong h¢ toa do cho ba diém Tim toa d0 diém  dé tu giac
ABCD
la hinh binh hanh.
D(43).  D(34). D(4;4). D(8:6).
A. B. C. D.
Loi giai
~ L
A =(2;1)
00 .
D(x;y). | DC =(6- x;5- y)
Goi Ta co
2 =06-x (x =4
T T - ‘| = 5(44)
ABCD = AB=DC 1=5-y v =4

Tw giac 1a hinh binh hanh



Oxy 4pcp  AB2).B(0:-2)

Cau 36: Trong mat phéng toa do , cho hinh binh hanh co . Diém
G(5-1) ABC
la trong tdm tam giac . Tim toa d6 diém
(12;3) (151 (10;0) (-15-1)
A. . B. . C. . D. .
Loi giai

ABCD G AABC BD =3BG
Tu la hinh binh hanh va  1a trong tdm suy ra .

[N N]N] [N]N )

BG =(5:1)  BD =(15:3)
Véi thi

D(15:1)
Do d6 toa do diém

Oxy, upcp  AW3) D(21)  1(-1;0)

Cau 37: Trong hé toa do cho hinh chir nhat co , va la tam cua

) BC.
hinh chir nhat. Tim toa do tung diém cua canh

(1:2). (-2:-3). (-3;-2). (-4;-1).

A B C D

Loi giai

M AD = M (1;2).
Goi la toa d¢ trung diém cua canh

N (."{'_\. sV ) . BC.
Goi la toa dg trung di€ém cuia canh

I = 7 MN
Do latam cua hinh chit nhat la trung di€ém cua



Oxy A(1;3), B(40), C(2;-5)

Cau 38: Trong h¢ toa do , cho . Tim toa d6 diém M thoa man hé thic
LILLI m[uin} UL
MA+MB- 3MC =0
?

M (1;18) M(-1:18)
A. . B.

M(1;-18) M(-18:1)
C. . D.

Loi giai

M(x;y)
Goi toa d6

MA=(1- x:3- y) MB=(4- x;- y) MC=(2- x:- 5- )
Suy ra ) ,

[0 x)+@-2)-32- =0 (o

H[T] H[H[H] H[HNN] ) ) R — .
MA+MB-3MC=0 (37 ¥ y-3(5-3)=0 |y=-18
Ta co
Oxy AG-21),B(4:0),c(2:3)
Céu 39: Trong mit phing , cho céc diém .Tim diém  biét rang

CM +34AC =248

M (2;-5) M (5;-2) M (-5;2) M(2;5)
A. . B. . C. . D.

Loi giai

M (x;y) cM =(x- 2;y-3) AC =(4;2) 4B =(6:-1)
Goi diem . Khi d6 ta co: , ,
x=-2+34=2.0 k=2
— =]
i T y-3+3.2=2.(-1) y =-5

, CM +34C =2A4B
Theo gia thiét ta co:

M (2, - 5)
Vay

M(2;3) N(0;-4) P(-16) BC CA 4B
Cau 40: Cac diém , , lan luot 1a trung diém cac canh , , cua

ABC A
tam giac . Toadd dinh  cua tam giac la



(I;-10) (15 (-3:-1) (-2;-7)

A B C D.

Loi giai

APMN
Ta co: tr giac 1a hinh binh hanh

Nén hai dudng chéo AM va PN cit nhau tai trung diém mdi duong

(x,+x, =x,+x, (x, +2=0+(-1) [x,6=-3
= ’ = ’
RS v, +3=(-4)+0 oy, =1
Do d6
Oxy A(2:-3), B(3:4). v
Cau 41: Trong hé toa do , cho hai diém Tim toa o diém thudc truc hoanh
A, B,M
sao cho thang hang.
1 17
M (1;0). M (4;0). *'”['— 3 *"f[7 0}
A. B. C. D.
Loi giai
Meox= M(m0). j,uﬂ =(1;7) :ﬁ} =(m- 2:3).
Diém Ta co va
B uuuu ,:::,”I-EZE,:;}”:E:}‘.W‘E;G‘_
R 4'49 Bn M R i AB AM I ? ? \ ? !
Cau 42: be thang hang cung phuong voi
Oxy, ABC B(9;7), c(i1;- 1). M.,N
Trong h¢ toa do cho tam giac co Goi lan lugt 1a trung diém cla
AB, AC. MN
Tim toa do vecto ?
J'l:li’#v' =(2:-8). J‘;ﬁ’ =(1:-4).
A. B.
MN =(10:6). MN =(5;3).
C. D.

Loi giai



mm 00

BC =(2;-8) MN =7BC =(5-4)

b

Oxy, 4gc  M(2:3), N (0:-4), P(- 1:0)
Cau 43: Trong h¢ toa do cho tam giac co lan luot 1a trung
q BC. CA, AB
diém cua cac canh . Tim toa d6 dinh  ?
A(1;5). AG3;-1). A(-2;-7). A(1;-10).
A. B. C. D.

Loi giai

ACxy) , P4 =MN. ®)
Goi . Tr gid thiét, ta suy ra

E:i =(x+Ly-06) J‘Ir-'.?": =(-2:-7).

Ta co va
(v +]=-2 (x =-3
(*)e= ﬁ{ = A(-3;-1).
y= == V==
Khi do
Oxy A(1:3) B(4;0) c(2:-5)
Cau 44: Trong mat ph'flng toa do cho céac diém , , . Toa do diém
M4+ MB-3MC =0
man la
M (1;18) M(-1;18) M(-18;1) M(1;-18)
A. . B. . C. . D.
Loi giai
M (1'_” : Vy )
Goi diém

i oof oo (- x, )+(4- x,)-3(2- v, )=0  [x, =I
MA+MEB-3MC =0= ) ) ) = ;
(3_ Yo )+(D_ Y )_ 3(_5 LT ) =0 |V =~ 18
Theo bai ra

M(1;-18)
Vay

thoa



Oxy A(2;-3) B(3:-4) M (x;y)

Cau 45: Trong h¢ toa do , cho hai diém , . Biét trén truc hoanh sao
. ., AMB TP X
cho chu vi tam gidc nhd nhat. Gia tri cia  nam trong khoang nao sau day?
(2;3) (3:4) (1;2) (0;1)
A. . B. . C. . D. .
Loi giai
4,B )
Nhén xét: nam cung phia doi voi truc hoanh
M (x;0) A4'(2;3)
Goi 1a diém can tim va d6i xtmg voi  qua truc hoanh
AB =(1:-7)
*

P=AM + MB+ AR =MB + MA + AB
Ta co:

= P =4 B+ AB

= P, =AB+AB= A M.B
thang hang
AM =(x-2;-3)
*
, o ~T(c-2)=-3.1e -Tx+1d =3 x =)
- AM.B o AM A'B 7
Ba diém thang hang cung phuong
L7 .
Vay thoa yéu cau bai toan
Oxy ABC A(2;2),8(1:-3),c(- 2:2) v
Cau 46: Trong mat phang ,cho tam gidc c6 dinh .biém  thudc
a[uin} UL LILLLI
MA + MB + .-wc‘
truc tung sao cho nho nhét ¢6 tung d6 1a
! 1 1
3 3 2 1
A, . B. . C. . D. .

Loi giai



G ABC
Goi la trong tam tam gidc
uuu uuu UL uu
MA+MB + .-wc‘ = 3.-1«3‘6‘ =3MG
Ta co
LI UL UL
‘MA +MB + MC Mo e , G
Do do nho nhat khi nho nhat la hinh chiéu vudng goc cia  1én truc
[ 1
=M ‘ n;—]
Oy 3
Oxy e AG2:1),B(:-4),c(1:0)
Cau 47: Trong mat phang toa do , cho tam giac co . Tim toa do
I , ABC
tam  dudng tron ngoai ti€p tam gidc
1(-2;-4) 1(-2;4) 1(2;-4) 1(2;4)
A. ) B. i C. ) D.
Loi giai
1(x;y) ’ ABC
Goi la tAm duong tron ngoai ti€p tam gidc
14 =IB =IC
Ta co: .
IAI :fBE (.T""E): +(J.' - |): :(.‘l.'- 3): +(j.'+4): { x-y =2 {1 =-2
= — —
i =1c* |42 + (-1 == 1) +)? Bx-y=-2 |y=4
1(-2;-4)
Vay
Oxy, A1:0), B(0:3)  c(-3;-5).
Cau 48: Trong h¢ toa do cho ba diém va Tim diém thudc truc
uuu uuu LLILL
P :‘z.m - IMB+ 2.-14:‘:‘
hoanh sao cho biéu thirc dat gia trj nho nhét.
M (4;0). M (-4:0). M (16:0). M (- 16;0).
A. B. C. D.

Loi gidi



a[HN] auin} a[HN N} unin N ANIN} ajuin

uu L
2MA- 3IMB +2MC =2(M1 +14)- 3(6r+ 18)+ 2(Mr1 + 1), I
Ta co

(NN [N LIl N

=mr +2(24- 318 +21C), VI.

H|N] uu uu (*)
7 2I4- 3IB +21C =0.
Chon diém  sao cho

I(xy)  (*)
Goi , tur ta cod
21 - - - M-3- = e
2(1- x)-3(0- 1) +2(-3-2)=0 _ r =4 _ [(-4:-19).
2(0- ¥)-3(2- p)+2(-5- y) =0 |y ==
L L H|N[HN] uuu
P =|pMA- 3mB +2.-wc‘ =[p1| =1,
Khi @6
P o Ml , M Mi .M y
bé  nho nhat nhé nhat. Ma thudc truc hoanh nén nhoé nhat khi la hinh chic¢u
7 = M (- 4:0).
vuong goc cia  lén truc hoanh
3 AG 11, B(1:3),c(-2:0)
Cau 49: Cho diém . Trong cac m¢nh dé sau, tim ménh deé sai?
384 =2BC A,B.C
A. . B. thang hang.
AB =24C BA+2C4 =0
C. D. .
Loi giai
Chon D
E:a =(-2;-2)
Om
BC =(-3-3)
i} oo o ood

384 =(-6:-0); 2BC =(-6;-6)= 3B4 =2BC

bép an A dung.

BA =-2BC nen dép 4n B dung.



AB =(-2:-2)
0
Ac=(-1:-D
mod ood
= AB =2AC

Dap an C dung.

BA+20A =(2+2.1:2+2.1) 20

bép an D sai.

AGn:-1).8(2:1- Em)._f_"‘ 3 +1:- §|

Ciu 50: Trong mat phing toa do Oxy, cho cac diém . Biét rang
co 2 gia tri MM Gha tham sé M aé 4> B.C thang hang. Tinh My my
1 s 13 1
6 3 6 6
A, . B. . C. . D. .
Loi giai
Chon A
il od '
AB =(2- m:2- 2m), AC :‘ 2m+1;- i‘
Ta co: l
9. 7.9
ST 2T ot - m- T =0
uuu uuu 2}'”‘ + I - 4
A,B,C | < AB, AC 3
thang hang cung phuong ¢6 2 nghiém phan
1
m o+ m, =—
6
biét. Do do:
. a b oy 3 a+(x-1)b
Cau 51: Bict rang hai vecto  va  khong cung phuong nhung hai vecto va cung
X
phuong. Khi d6 gid tri cua 1
L 3 1 3
2 2
A, . B. . C. . D.
Loi giai
Chon C

2a-3b a+(x- l)b
Do hai vecto va cung phuong.



Ea—3h=k[9+(r—l)hl (k 20 keR)
Suy ra ,

= 2a-3b=ka+k(x-1)b= (k- 2)a+[ﬁc(x— I)+3]b:0 (1)

. a b
Theo dau bai hai vecto va  khong cung phuong.
» L =2 (k=2 (k=2
1)= (= 3 = 1
[ﬁc(x— D=-3  |x-1=-Z |x=-=
2 , 2
1
X =-—=
2
Vay .
Cau 52: Cho hinh binh hanh co tam va , latrung diém
do diém  ?
M(-3-1) M(-1;-2) M(1;2) M(-5-2)
A. . B. . C. . D.
Loi giai
Chon D
A B
)4 M
D C
Ta co: DA :(0;2).
X =2x,- x, =-3
= A __3
Do ! 1a thm ctia hinh binh hanh 4BCD ngn I 1a trung diém cua A€ Ve =<0 7 Ve =
= C(-5:-3)
Gia si: M (02,

Do M 1a trung diém cia BC va 4ABCD |3 hinh binh hanh nén:



1
]]J_j 1 Ilj" r+3 :;D '.‘l.' _
CM =—DA = = = M(-5-2)
2 | y==2
r+3==2
2
Oxy M(1:-1),~(3:2), P(0:-5)
Cau 53: Trong mat phéng toa do , cho lan luot 1a trung diém céc canh
BC,CA 4B ABC , A4
va cua tam giac . Tim toa d¢ diém la
(2:-2) (C)) (5;0) (242)
A. . B. . C. ) D. .
Loi giai
Chon A
A
p N
B c

A (11 ). E(.‘L‘H.f Vg ).C (.TL..: ¥ ) M,N,P

BC,.CA 4B
Gia su . Vi 3

lan luot 13 trung diém céc canh va

nén ta cd hé phuong trinh:

(x, +x. =2x,, (x, +x. =2

Vg t¥e =2y, Vg + V. =-2

x, +x. =2x, x, +x. =0 x, =2
- - — = ¥

¥,y =2y, v, +y. =4 y,=-2

. . — Ty . .=

x,+x, =1x, x, +x, =0

Vv =2y, |yt =10

A(2-2)

Vay diém

Cach 2: (ADMIN)



I 000 (x -0=3-1 [x, =2
PAd =MN= 1~ =4
APMN ¥, +5=2+1 |y, =-12
Ta co 1a hinh binh hanh, suy ra

A4(2;-2)
Vay

Oxy M(41) N(G1;2) M (xy)

Céu 54: Trong mit phing toa do cho hai diém 1a diém d6i ximg véi

M qua N .Khido ¥tV c6 giatrila

-3 3 9 -9
A, . B. . C. . D. .

Chon A
MGy ‘M N N MM
Ta co la diém doi xung véi qua nén  latrung diém
X, =2X, = X, [.‘a, =-0
—
M | Vi =29y = Y ]__1, =3
Toa do diem  1a
x+y=-3
Vay
: Oxy ABCD I . CD

Cau 55: Trong mat phang véi hé toa do cho hinh binh hanh . Goi  la trung diém ,
G BCI AB =(6:6) 4D =(-3;3) A(m;n) m

la trong tam tam giac . Biét , , .Timtoa dd diém  theo va
n

Gln+7:n+3) Gln+3n+7)
A. B.

Gln-3n+7) Gln+3n-7)
C. . D.

Loi giai

Chon B

&
uuy

{.‘r -x, =0 {.‘rﬁ =0+m
— o —
AB =(6;6) |y,-y, =6

| Vy =0+n B(6 +m.jf:|+u)

hay

Tuong tu D(- 3+m.j3+n).



ajuu LIl Luy

Mt khac 4BCD 13 hinh hanh nén AB+AD =AC = AC=(:9)= CG+m:9+n),

Vi I 1a trung diém cua CD nén ‘r(m:'ﬁ-"”).
G. Xg ¥ X +X; Ve H Yty '
Vi G 1a trong tim cua tam giac B CT nén 3 3
Gln+3n+7)
Do d6
a
Pl —;0 a
Cau 56: Trong mat phéng toa do Oxy , cho hai diém 40;2) va B(3’4). biém b (voi b 1a phan

sO t6i gian) trén tryc hoanh thoa man tong khoang cach tir P t&i hai diém 4 va B 1a nho nhat. Tinh

S=a+b

A S=2, B. S =8 c.$=7, D. § =4,
Loi giai
Chon B
A
y
B
A
o 1 /p 2
i/
C
c 401:2) Ox
Goi  la diém doi xang cua qua truc
c(1;-2)
Suy ra

c(;-2) BG4)
Phuong trinh dudng thang di qua hai diém va la:

x-1

y- (-
3-1 4-(-

2)
oM 3x-D=yp+2e 3x- y-5=0

BC Ox
Khi d6 diém  can tim la giao diém ctiia dudong thang va truc



x =

y =0

Cho suy ra:
5

PI —;0 o

Vay 3 . Suy ra: a=3b=3 p, g6, S =a+b=8
. Oxy . N BC ABC
Cau 57: Trong mat phang toa do diém  trén canh cta tam giac
A(1;-2),B8(2:3),c(-1;-2) Sy mn =35, e
sao cho la

13 -42)

474 4 4
A. . B. .

Ly -4

373 373

C. D
Loi giai

Chon B

N(XQJ") BC.
Goi la diém thudc canh

mIN| N} SN N}

S, sy =38, 0 © BN =3NC = BN =3NC

I 00 [x-2=-3-3x

THE} TIEIE] BN :3‘-’\.‘-(__' =
BN =(x- 2 - 3),NC =(-1- x;-2- }') | y-3=-0-3y
Ma nén
1
X =-— _ .
(=] 4:‘;’\.‘-1_3‘
- E 4 4
4
Oxy 4(1:3),B(- 1;-2),c (1:5)
Ciu 58: Trong mat phang toa do , cho . Toa do
ABCD AB CD
1a hinh thang c6 hai day va la
(1;0) (0;- 1)
A. i B. i

co

trén truc

Ox

sao cho



(' 1,0) D

C. D. Khong ton tai diém
Loi giai
Chon D
A B
D - C
D(x,:0) AB =(-2:-5).pC =(1- x,:5);
Gia sir diém ,taco
uuu uuu [—] I_ .T‘pl —i = 1, == I
AB DC 22 .5 D(-1:0)
va cung phuong =
AB =(-2-5).pC =(2:5)= 4B=-DC  Yp DC
Khi do: nén va khong cung hudng.
A . <R D
Vay khong ton tai diém
. , AB MA =2MB .,
Cau 59: Cho 1a mot diém thudc doan thang thoa man . Tim M biét
A:1),8(10:4)
M(7:3) M (4;2) M(19;7) M(-19;-7)
A. . B. . C. . D.

Loi giai
Chgn A

M (x;p)
Goi diém

» ) AB MA =2MB
Vi la mot diém thudc doan thang va nén

i i i o < oo odd 3(x-10)=-9 [y =7
MA=-2MB = JMB+ B4 =0 = 3BM =B4d = =
3(y-4)=-3 |y =3 M (7:3)



Oxy A(-4;5) B(-2;1)

Cau 60: Trong mat phéng , cho , . Toa do cua diém trén tryc tung sao cho

uuu (N[N0

MA+ MB

ngan nhat 1a

M (0:2) M (0;-2) M (0;3) M (0;-3)
A. : B. . C. . D.

Loi giai
Chgn C

M(xy)eoy= M(0y)

Goi
Pya(uN]
MA=(-45-y) 000 oo
a0d = MA+MB =(-6,6-2y)
MB =(-2:1- y)
Ta co:
[T -
= ‘MA +.-w3| =yJ72- 24y +4y7 =JQy- 6) +36 26
o W]u]N}
1142—'1+1MB‘ 2y-6=0< =3
ngan nhat 1a 6. Dau “=" xay ra khi:
M(0;3)
Vay
A1;0)  B(0:3) c(-3-3).
Cau 61: Cho ba diém , ) Diém thudc
uuu W] NN] [Ny

L - 314 T
2MA- 3MB + ,JIC‘ "

bé nhat. Khi d6 toado  1a
(-3:0) (3;0) (-4:0) (4;0)
A. . B. . C. . D. .
Loi giai
Chon C

MeOx= M(x:0)

2MA =(2- 2x:0) 3MB =(-3x:9) 2MC =(- 6- 2x:- 10)

Ta co: , ,

Ox

Sao

cho



g g [NEIE N}

= 2MA- 3MB +2MC =(-x- 4;-19)

du Lud LI LA . -
= |- 3.-1rIB+2.-1rIC‘ = J(x+4) +19° =19

g W[H[N} U

MINAA - TN A
2MA-3MB+2MC| g o

Gia tri nho nhat cua

M(-4,0)
Vay
A1)

Oxy i
, cho hai diém va

Cau 62: Trong mit phang toa do

MA® + MB*

cho nho nhét.

M1  M©O:-1)

x =-4

bang ,dau xay ra khi

B(3;2)

M

. Tim thudc truc tung sao

A. B
M[o;l] M[O;-l}
.2 2)
C. D.
Loi giai
Chon C
Meoy= M(©0:y)  Mma=(;-1-3) MmB=(3:2-y)
Co va ,
2 2 —"-1'—|—.:+E:-~E
MA +MB* =1+(p+1) +3° +(y-2) =2,7- 2y +15 _“‘ 2 2 2
Ta cod déu bang xay ra
1
v — =0 & y=—
J y 7
khi
M (0,1]
. 2
Vay
Oxy ABC A(2;2) B(1;-3) €(-2;2)
Cau 63: Trong mat phéng cho hé toa do , cho tam giac co dinh , ,
Huin| LILL UL
v MA + MB + .-wc|
nho nhit c6 tung do 1a

iém  thudc truc tung sao cho

.D



Chon A
11
G|—;—
G ABC = I3 3] M ‘M(O;J’"w)
Goi  la trong tdm tam giac . thudc truc tung nén
Uy Uy ULl LU
MA+MB+MC|=3MG| _3) /-
Ta co .
Uy LILL! LILLLI
|MA +MB + .-wc|
Do d6 nho nhatkhi  nho nhét.
0 11 ' (17 (1 (.
MG :| — == Yy ‘ = MG = |— +‘ PR
133 7 3 13 73
Lai co
1
- —-y,=0=y, ==
MG , . 3 3 ' '
Khi do nhd nhat bang  xdy ra khi va chi khi

‘Dang ®: Cau trac nghiém duang, sai

A(0:2): B(L:1):.C(-

n - 2 N L a2 1:-2) ~ 42 A’,B’ C 1A
Cau l. Trong mat phang toa do, cho cac diém . Cac diém ,& lan luot
- l‘l‘- 2
chia céc doan BC.CAAB fheocactisé 2 . Cac ménh dé sau dung hay sai?
Ménh dé bung Sai
a) A :l 0, - lJ
\ 2
b) B (2:6)
c o
) ¢ :‘ ]_;i]
133
d Ba diém 4-8-C thing hang.



, -5\ B(-4-2 .5 .
Cau 2. Trong mit phang toa do Oxy , cho A-2:5). (- 4:-2),C(L5 ]'. Céac ménh dé sau ding hay

sai?

Ménh dé Ping Sai
a) Ba diém 4,B8,C khong thang hang.

|

' 1a toa do trong tAm cua tam giac AB8C

G

b) I

Wi |
W | oo

) Tg gigc 4BCD 13 hinh binh hanh khi d6 toa do diém D 13 P(:10)
d) [cp =45

Cau3. Cho @ =i *+3ib=i+2j ¢4 ménh dé sau dung hay sai?

Ménh dé Dung Sai

a) a=(-13)
b) b =(1;2)

¢ a+b=(L5)
d) a-b=(2:1

Caud. Cho @ =3 */ib="2] 4 ménh dé sau dung hay sai?

Ménh dé bung Sai

a) a=(-3)
b) 5 =(0;-2)
¢ a+b=(31)
d) a-b=(3-3)

Cau5. Cho @ =3 +2/.b=i-J 4 ménh dé sau dung hay sai?

Ménh dé bung Sai



a) a=(3-2)

b) b =(-1;1)

©) 2a+3b=(91)
d)  q-2bh =(1:4)

- s -

- 1
iy L
a J}{+.,_,.r._h i J

Cau 6. Cho - 2" . Cac ménh dé sau dung hay sai?
Ménh dé
a) ;211-2
| 2

T
oy =fi- L

2
c —y - i
) 3r3+3h:‘4:—‘
d - - i \
) a—E.ﬁ:‘—E;B‘.

2

Cau7. Trong mit phing toa do Oxy

dé sau dtng hay sai?

a) 2g-b-3c=(0;-2)

b)  vecto ¢ =71 cang phuong, cing huéng véi vecto @
©) I :‘ -ll-l‘

Vecto 4) cung phuong, cung huéng vdi vecto b
d 5

Dung Sai

, cho céc vecto =(2:-2).b =(81) g5 ¢ =(0:-1) 40 ménh

Ping Sai



Oxy

Cau 8. Trong mit phang toa do , cho tam gidc ABC ¢4 cac dinh thoa man

L NN |N]N]

e L. . .
OA =2i- J,OB =i +],0C =41 +j . Cac m¢nh dé sau dung hay sai?

Ménh dé Dung Sai
a) A(Z-1),B(1:1),C(4:1)
b
) i E E;0]
E 13 trung diém 4B nen | 2
¢)

21
G —;—}
G la trong tdm AABC pgn (33

d) pidm D sao cho 4BCD 13 hinh binh hanh nén P(%-1

Cau 9. Trong mat phing toa do OXY cho céc didm A(-4:1), B(2:4), C(2:- 2) e ménh dé sau
ding hay sai?
Ménh dé bung Sai
) Toa do didm D sao cho C 1 trong tam tam gidc ABD 13 D(&:11)
b) Toa d6 diém £ thudc truc hoanh sao cho 4,B.E théng hang la E(-6:0)

L L

¢)  BC =(0:-6), AC =(6:-3)

NN M[N]N] L LIL

d) Toa dd F théa man AF =BC - 2AC +2CF 13 F(20.5)

Oxy A(-2:- 1), B(L:3),C(2

Céu 10. Trong mat phang toa do , cho ba diém :=3) . Cac ménh dé sau

ding hay sai?

Ménh dé Ping  Sai
)  4,B,C 13 pa dinh mot tam giac.

by . 1(0;-2)

Diém 1a trung diém cta 4B



c) 5
Pidm M thuoc OX sao cho AM +BM b nhit c6 hoanh do bang 4

D pidm N thuoe Y sao cho BN +CN bg nhit ¢6 tung d6 bang 2

Céu 11. Trong mat phing toa do OXy cho céc vecto @ =(23)b =(-L2).e =(-0:4) 40 ménh dé

sau dung hay sai?

Ménh dé Dung Sai
) Ja|=V13
) |b1=V3
9 [e|=v13

1;E

2] hay

o JiE
2

Vecto @ cing phuong véi ¢ va co do dai bang
v
._ 2)

, Al443:- 1), B(0:3) . ;
Cau 12. Trong mat phang toa do Oxy , cho AABC ygi ( ) , C(S‘E’ 3). Cac ménh dé

co toa do

sau dung hay sai?
Ménh dé Dung Sai
a) AC =8
b)  Tam giagc 4BC can tai B

©) S aase :16\’@

d) Ugc =30

Céu 13. Trong mat phang toa do Oxy cho AABC i A(4:6). B(5:1) CL-3) e ménh dé sau

ding hay sai?

Ménh dé Dung Sai



[N N}

a) 4B =(1:-3)

b) Toa d6 diém D thudc Ox c4ch déu hai diém 4.8 c6 hoanh do bfmg 13

b2 |

I[—l;
. 2

d) J13

Ban kinh R cuia duong tron ngoai tiép tam giac 48 C bang 2

1a toa d6 tAm cua dudng tron ngoai tiép tam giac 48 C

Oxy A(7:-3), B(8:4),C(L:5)  D(0:-2) 4c ménh

Cau 14. Trong mat phéng toa do , cho bén diém

dé sau dung hay sai?

Ménh dé Piing Sai
) AB =(1:7), AC =(- 6:8)
b)  A.B.C 13 pa dinh mot tam giac.

©) Toa do diém K(8:4) 13 chan duong cao ké tir 4 cia tam giac 48 C.

d) Bén diém 4 B:C-D 13 bén dinh cia mot hinh vuong.
a=2i +3j,b :l!—Sj.L- =3i ,d =-2j .
Cau 15. Cho céc vecto 3 . Cac ménh dé sau dung hay sai?
Ménh dé bung Sai
a) a=(2;3)
"
3
c) ¢ =(0;3)
d) d=(0:;-2)

I i

1 3
a=i-3j,b 2;{' +j,c==i +;j.ﬂ' =-4j,e =3i

Cau 16. Cho céc vecto . Cac ménh dé sau ding

hay sai?



Ménh dé bung Sai

a) a=(;-3)
b -~

) b= l;1]
| 2

C) c = l,i

2,

d)  d =(0:-4),e =(3:0)

—
—— f

a =(2,0),b :‘ - |-f_|}— .c =(4-0)
Cau 17. Cho céc vecto L= . Cac ménh dé sau dung hay sai?
M¢énh dé Ding Sai
a) a+b :‘ - |;l|
S
by =~~~ . 631

Ya- 3b +5¢ :‘ 27;- —

) 1
m=—

3

1
n=—

Cho ma+b-nc=01yphige | 12

d) ¢ =-4q-12b
Cau 18. Trong mit phing toa d6 @, cho hai diém A(3:-3). BLO) | c4c ménh dé sau dung hay sai?

Ménh dé Piing Sai

1’[2;

5
2) 1a trung diém ctia 4B

[N}

b) Toa d6 diém C sao cho OC =-348B 13 C(6:-195)



) Toa do diém D dbi xtimg véi 4 qua C 1a P29

d) »

Toa d diém M chia doan 4B theotisé ¥ ==3 1a

ra | W
| wn

Cau19. Cho ba diém A7 LD B(ZILC-1-3) 40 ménh dé sau dung hay sai?

Ménh dé bung Sai

2)  A.B.C 13 b3 dinh cia mdt tam giéc.

b) S

AABC

=12

©)  Ti gidc 4BCD 13 hinh binh hanh khi 2 %-3)

d)

5
Piém N thudc truc O saocho N cach déu B:C co tung do bang 8

A(4:1),B(2:4),C(2:-2)

Cau 20. Cho tam giac 4B C o . Cac ménh dé sau ding hay sai?

Ménh dé Ping Sai

a)  ABCD 13 hinh binh hanh khi P(4:3)

b)  Toa do diém E dé tam gidgc BCE nhén diém 4 1am trong tam 1a E(81)
0 . 3 | J
Toa do tryc tim H cia tam giac 4BC 13 | 2

d) 3-1]

d
Toa d6 tim dudng tron ngoai tiép tam giac 48 Cra 4

Céu 21. Trong mat phang toa do Oxy ,cho “ =2i,b =-3j . Cac ménh dé sau dung hay sai?
Ménh dé Ping Sai
a) a =(2;0)
b) b =(0:-3)

©) a+b=(2:3)



d) 3g-2b =(6:0)

(- 1:3), B(2

Cau 22. Trong mait phang toa do Oxy , cho hai diém 4 ) . Cac ménh dé sau dung hay sai?
Ménh dé bung Sai

uuug

a) 4B =(3:-2)

b) BA=(-3:2)

[NIH NI N]

Toa d6 diém M théa man: AM =(-41) 15 M(-5:4)

[N]N]N]

d Toa d6 diém &V thoa man NB =-44B 13 N(1413)

Oxy’ cho Cho A(2,1),B8(0,-3),0C =/ +3i

Céu 23. Trong mit phing . Cac ménh dé sau ding hay

sai?
Ménh dé bung Sai
a) C(31)

g LILL

b) ©04- 208 =(3:7)

©) Toa diém D sao cho AD =(7;-9) 13 D(9;-8)
d) Toa diém E sao cho OF =04- 208 |3 E(2,7)

Céu 24. Cac ménh dé& sau ding hay sai?

Ménh dé bung Sai

) Ba diém A~ L1 B(0:- 1).C(L1) tao thanh tam giac can

A(0:2), B(0:4),C(L:

D) Ba diém ) I]'ta_lo thanh tam giac can

A(-2:1), B(3:2),C(

) - X 2:7) . < A
Ba diém tao thanh tam giac vudng



O By gigm ALD B4, CO0:-2) sk tam gide can
Cau 25. Cho Al:1).B(2:4),C(10:-

. .
2 cac ménh dé sau dung hay sai?

Ménh dé bung Sai
a) AABC yyongtai 4.
b) S, g =12
©)

BN = JE

Do dai trung tuyén

4 1(6:)) 1a toa d6 tAm dudng tron ngoai tiép A4BC

—_—

—+ b — s

ca=i-3jb=—itjic=-i+—jid =-4j,e =3i .
Cau 26. Biét - 2 . Cac ménh dé sau dung hay sai?
Ménh dé bung Sai
a) a=(L:3)
b - f
| 2
©) c= l;E
2
d) 4 =(0:-4):e =(3:0)
Cau27. Cho @ =(i-2)b =(0:3) e ménh dé sau dung hay sai?
Ménh dé Dung Sai
a) a+b =(11)
b) a-b=(1,5)
©) 2a-3bh =(2,13)
d)

a+2bh =(1.4)



Céu28. Cho hai diém 407 3)B(L0) c4e manh dé sau ding hay sai?

Ménh dé
) 4B =(-25)
b) Toa d¢ diém € sao cho OC =-34B 1, C(6;-5)

¢) Toadd diém D dbi ximg cua 4 qua € c6 hoanh d6 bang 7

d) (3 5
11‘1{ :; = — ]
Toa d0 diém M chia doan 4B theotisd K =3 1a 2 4

Cau 29. Cho ba diém A(l;-2), 5(0:4),€(3;2) . Cac ménh d¢ sau dung hay sai?

Ménh dé

a) 4B =(- 1:6)

m|u |}

b) AC =(2:4):BC =(3:-2)

©)
I —:1
Toa d6 trung diém ctia doan 4B 1a ' 2

AN N a[NN] au|N]

d) Toa do diém N sao cho AN +2BN - 4CN =0 13 N(1L; 12)

, ] 3. T -
Cau 30. Trong mat phang toa do Oxy’ cho A(21),B(- 1:-2),C(
sai?
Ménh dé
a)

M ‘ i

b | e

1
Toa d6 trung diém cua doan thfmg AC 13 .

b)  AB =(-3-3),AC =(- 51)

Ping Sai

bung Sai

9 .
32) . Céc ménh dé sau dung hay

Ping Sai



9 Badiém 4,B,C thang hang.

d 21
) (2.1 J
Toa do trong tam tam giac ABC 1y 133

Cau3l. Cho @ =(1:3):b =(0.-2).c =(x.1) 'c4c menh & sau dung hay sai?

Ménh dé Ping Sai

a) 41b
b) Khix=-3 thialc,
) 1

X ==

Khi 3 thi @ cung phuong €.
d) ald
_b -d =20 thi d =(3:-1)
LOI GIAI

, , M BTV (= 1:= 2 ,
Cau l. Trong mat phang toa do, cho cac diém A(0:2): B(L1):C(- I “}.Céc diem A’B,C lan luot

BC,CA,AB

chia cac doan theo cac ti s 2 . Khi do:

A :'; 0; - l‘

-

L.»J‘|'-F:~

| —

~ A4.B.C
b) Ba diém thang hang.

Loi giai

a) Dung b) Sai ¢) Sai d) bung



aluu} alun)

. AB=-AC=-1= A4 BC
a) Theo d¢ bai ta co

1a trung diém doan . Theo cong
thire trung diém ta co:
4 [ xtxe vetye | y :[r;r--l-
2 7 2 | 2]
1 TR
, BC=—_BA4
B CA , 2 2
Vi  chia tis6 nén
-2 x
X - IT
v 2=
1-
2
¥e < IJ'
C ] A
-]'I}.!' = "'I =-0
- 2 B (-2;-6).
Vay
- |2 4
C = —;—]
33

Tuong tu tinh dugc



LT TV Lo

2 11
AB :‘ ‘ AC | z; _‘
. 30

b) Ta co

AB =-34C A,B.C
RO rang nén thang hang.

. -5 B(-4:-2 -5 .

Cau 2. Trong mat phang toa do Oxy’ cho A-23).B(- 4, “]"-C“"”]'. Khi do:

. 4,B,C i
a) Ba diém khong thang hang.

-5
3 3 ABC
b) la toa d6 trong tdm cua tam giac
ABCD ~ p D@10
c¢) Tu giac la hinh binh hanh khi @6 toa 30 diém  la
cp =45
d)
Loi giai
a) DPung b) biing ¢) Sai d) Sai
AB =(-2:-7). AC =(3:0)
a) Ta co:
3 '_Yé 0 U uud
27 AB,AC . 4,B,C i
Do nén khong cung phuong. Vi vdy ba diém khong thang hang.
o5
G ABC L 33
b) Do latrong tdm cua tam gidc nén
D(x: ) AB =(-2-7).DC =(1- x:5- y)
c¢) Gia su . Ta co:
M 00 (-2=1-x [x=3
AB =DC = { = {
ABCD -T=5-y

’ | y o |y=l2. D(3;12)
Tt giac la hinh binh hanh néu Vay .



AB = f'{-j}:+|[—? 2 :-J‘E._AC :J[|- {—3}]3 +(5- 5)* =3
d) Taco: ’

BC =1~ (- &)F +[5- (-2)F =74.

LIl LIl

AB -AC =(-2) 3+(-7) 0 =-6

Ta co:
ood ood ) 7
cos BAC =cos(4B, AC) =02 HF - 0 _. 2453 o
|4B||AC| 533 53 B4ac ~106
Suy ra nén .
BA-BC =2.5+7.7=59
Ta co: .
:l]—]" ]]j" L IJJJ
cos UBC =cos(BA, BC) =22 =3 |
|BA|{BC| 53474  Hc~20
Suy ra nén .

Uep =180 - (Bac+HBo) =180 - (106 +20 ) =54
Vay
Ciu3. Cho @ = 1 *3/.b=1+2J gpide:
2) @ = 13)
b) b =(1;2)
0) a+b =(1;5)
d) a-b=(2:1)

Loi giai

a) bang b) Piling ¢) Sai d) Sai

a =(- 1;3),b =(1:2)= a+b =(0:5),a- b =(-2:1)
Taco: .

Caud. Cho @ =3 +/b="2J xpide:
2 @ =C3D)

c) a+b =(3:1)



d)ﬂ' b:(?"?’}

Loi giai

a) Sai b) Pilng ¢) Sai d) Sai

a =(31),b =(0:-2)= a +b =(3:- 1),a- b =(3:3)
Ta co:

Cau5. Cho @ =3 *2/.b =1~ gy do:
a) a=(3;-2)

)

o 2a+3b =(%1)

d) a-2h =(1:4)

Loi giai:

a) Sai b) Sai ¢) bung d) Pung
- - [2a =(6:4)
a=(%2.b=(-1)= = 2a+3b =(%1)
3b =(3;-3) -2b =(-2:2)= a- 2b =(1:4)
Ta co : ;
R A
a=—i+2jb=i-—j
Cau6. Cho 2 2 Khi doé:
a) 12
b =‘1 L
b) 2
2a+3b =| 4.__‘
c) =
a-2b —‘-%.;3‘.
d) <

Loi giai:



a) Sai b) Piling ¢) Pung d) Ping

)T . (2a =(1;4) s

a:‘—;z ._h:‘l—— N 3'=Ea+3h:‘4;1

277 2| 3h:‘3.:—; "2

Tacod: I ;
—Eh:[—E;I}ﬂa—Eh:‘—;;3|.

Ciu7. Trong mit phing toa do @, cho cac vecto & =(2-2):b =(%1) g3 ¢ =(0:-1) gp do:

2a- b-3c =(0;-2)

a)
e =(L-1) a
b) Vecto cung phuong, cung hudng véi vecto
)
f=-1- 5 ‘
. 4 b
¢) Vecto cung phuong, cung huéng voi vecto
105
a =1—b +=c
2 2
¢)
Loi giai
a) bang b) Ding ¢) Sai d) Ping
(2a =(4;-4)
-b =(-4:-1)= d =2a- b- 3c =(0;-2)
-3¢ =(;3)
Tacod:
a=|2;-2)=2e a,e
Ta nén la hai vecto cung phuong v&i nhau, hon nira chung cung hudng véi nhau
a =ke , k =2>0
vi
b =(41)=-4f b =kf ,k =-4<0 b f
Tuong tu : , tac 1a nén va lahai vecto cung phuong, nguoc

hudéng v6i nhau.



a =mb+nc b,c
khong cung phuong).

m,n ,
Goi la céc sO thdéa man (
1
2=m4+nd =y
L —]
2=ml+n{-1) 5 -
n=2 “1p43,

| 2 2 2
Khi d6 : Vay
Ciu8. Trong mit phing toa do P, cho tam giac 4BC ¢6 cac dinh thoa min

SN N}

OA =2i - j,OB =i +j,0C =4i +j pp. 46

A(2:- 1), B(L:1), C(4:1)

a)

E ., AB
b) latrung diém nén

AABC

A

G
nén

c) latrongtam
D(2;-1)

ABCD
1a hinh binh hanh nén

R D
d) biém  sao cho
Loi giai:

a) buang b) Ping ¢) Sai d) Sai
OA=2i- j= A(2-1).0B =i +j= B(L1),OC =4i + j = C(41)
a) Taco: .
1# :‘II”"'LIIlll :2+I :E__ 1,'|l :J'I”'"LJ'I'lll :_ I+I :D EIE,O
E . 4B 2 2 2 2 2 2
b) latrung diém nén hay
o =Xt _2+1+4 7 , = Yat ety - 1+1+1
G AdBC " 3 3 3 3 3
c) latrongtam nén ,
53
373
ABCD
la hinh binh hanh

d) Taco:



D(5;- 1)
Vay

Oxy -4:1),8(2:4),C(2:- 2

Cau 9. Trong mat phfmg toa do , cho céc diém Al ]'. Khi do6:

., D C ABD D(&11)
a) Toadd diém  saocho latrong tam tam gidc la

., E 4,B.E E(-6:0)
b) Toa dd diém  thudc truc hoanh sao cho thang hang la

BC =(0;- 6), AC =(6:-3)
Q)

AF =BC-2AC+2CF F(20:5)
d) Toadd  thdéa man la

Loi giai:

a) Sai b) Dung ¢) Pung d) Sai

~ ABD
C 1a trong tam tam giac

D(8;- 11)
Vay

E|NN) m|u|N}

E(x:0)EO0x= AE =(x+4:- 1), 4B =(6:3)
Goi

i r+4 -1
uuu AR & =
- A.BE < AE 6 ] ®x+d4=-2e x=20
Ba diém thang hang cung phuong . Vay

E(-6;0)

F(x:)) AF =(x+4,y- 1), BC =(0:-6), AC =(6;-3)
Goi . Ta co:



mN |} SN N}

= <2AC =(-12:6),CF =(x- 2y +2),2CF =(2x- 42y +4).

Ly M|N]N] m|N|N]

BC-2AC+2CF =(2x- 16:2y +4)

Suy ra:
md md o o  (y+4 =2x- 16
AF =BC- 2AC+2CF = =
y-1=2y+4
Taco:
Cau 10. Trong mat phfmg toa do Oxy , cho ba diém

A,B,C
a) la ba dinh mot tam giac.
1(0;-2) 4B

b) Piém 1a trung diém cia

Ox
thudc

AM + BM

« R M
b) bBiém sao cho

N Oy
thudc

BN +CN

c¢) biém sao cho

F(20;-5)
. Vay

A(-2:- 1), B(1:3),C(2:-3) 1y do

>

bé nhit c6 hoanh do bang

bé nhit ¢ tung do bang

Loi giai:

a) Dung b) Sai

M0 Mo
E ii:- AB, AC

AB =(34).AC=(4-2) 3
Taco: vl

A,B,C 7 A.B.C
khong thang hang hay

&

co toa do

Vay
., AB
Trung diém

¥, vy, = 13<0
Do

A,B
nén hai diém

nam khéc phia so véi truc

¢) Sai

khong cung phuong.

la ba dinh mot tam giéc.

Ox M Ox
. Vi thudc

uuy duug

AM + BM , AMB
bé nhat nén thang hang hay

M(x:0)eO0x= AM =(x+2:1)
Goi

AB, AM

cung phuong.

d) Sai



uuu ooy .::;'T+3—I.:::.4-+8—3.::; - — 5
L AB, AM 3 g TeTITmATTY
Ta co cung phuong .
M [ - E:_U ‘
4
Vay
x, x. =1.2>0 B, C Oy  c C
Do nén hai diém nam cung phia so véi truc .Lay  doixtmgvdi  qua
Oy C(-2:-3) C B Oy)
, suy ra (lacnay  va  khéc phia so véi truc
N Oy CN =CN BN +CN =BN+CN | )
Vi thugc nén . Do vay ; tong nay bé nhat khi va chi khi
BN,C' BC’BN
thdng hang hay cung phuong.
N(0;y)€ Ov = BN =(- .y - 3), BC =(- 3:- 6)
Goi
-1 y-3
(W[N] . [NJNIE] —_ == _= r q P =
:BC.BN S ZT g ST ey
Ta cod cung phuong
N(0;1)
Vay .
Céu 11. Trong mat phing toa do OXy cho céc vecto @ =(23)b =(-L2).e =(-0:4) kpi go:
la|=13
a)
b|=\3
b)
c|=V13
¢)
NE} [1;3] [-1,-2]
d a . 2 _ 2
b) Vecto  cung phuong v6i  va c6 do dai bang c6 toa do hay

Loi giai:

a) bung b) Sai ¢) Sai d) buing



|;|#:‘~"3: +3° =~J'ﬁ._|h|:\![- I)* +2° ZJE._ICIZ«.H-G]F +47 =2

Taco :

d a . keR  d=ka=(2k:3k)
Vi  cung phuong v6i  nén ton tai de

=|d |=y4k + 9k =|13k°.

d|= J_ = JI3% “"r_ |3¢3:$=A—:i'_

5
Mat khac

JI[I;EJ ﬂ::‘l-
2 .

Vay c6 hai vecto thoa man dé bai 1a hay

L}
Fd | s

: Al44f3:- 1), 8(0:3) :
Cau 12. Trong mat phang toa do Oxy’ cho A4BC i ( V3 ) ' ’C(gﬁ, 3) . Khi do:
AC =8
a)
ABC B
b) Tam gidc can tai
Suase :16\‘6
b)
4pc =30
b)
Loi giai:
a) Dung b) Sai ¢) Pung d) buing
=(-443:4)= 45 =[(-443) +4° =8
a) Taco

AE =(43:4)= AC =\J(43) +4° =8,
]
BC =(8/3:0)= BC :J(sﬁ}f +0° =843,

o AB =AC =8 ABC A
Ta thay nén tam giac can tai



ABC:2p =AB+ AC + BC =8+8+8.3 =8(2 +.3)
b) Chu vi tam gidc .

p=4(2+3)
Ntra chu vi tam giac 1a .

Sy =\[P(p- AB)(p- AC) p- BC) =1633
Dién tich tam gidc:

AB’+AC’ - BC® _§ +8 - (843)’ _ 1 Bac =120

cos d =

c)Taco:

ABC 4 Hec=Ucs =30
Vi tam gidc cantai  nén .

Cau 13. Trong mit phang toa do Oxy cho AMBC g A(4:6), B(5:1) ,C(l;_3).Khi do:
4B =(1;-5)
a)

. D Ox . . 4,B .13
b) Toa do diem  thudc cach déu hai diém c6 hoanh d6 bang

I [ - l; J
. 2 . ABC
c) 1a toa do tam cua dudng tron ngoai ti€p tam giac

b2 |

i
2

R , ABC |
d) Ban kinh  cta duong tron ngoai tiép tam giac bang
Loi giai:
a) biang b) Sai ¢) Pung d) Sai

2 AB =(1;-5)

D(x;0)€0x = AD =\[(x- 4)* +(0- 6F =y/x* - 8x+52
b) Goi ;

BD =yf(x- 5F +(-1)* =x" - 10x+26.

AD? =BD* & x*- 8x+52 =x"- 10x+26 = 2x =-26 = x =-13 D(-13;0)
Ta co6: . Vay .

I(x:y) _ AABC 14 =IB =IC
¢) Goi la tdm duong tron ngoai ti€p .Tacod:



147 =18"  [(x- 47 +(y- 0 =(x- 5 +(y- 1)

— —

IA* =IC? (x-4)Y +(y-0) =(x- 1) +(y+3)

|
2x-10y =-26 Y
L= —
-6x- 18y =-42 5 [ 15]
p== I-—=
2 272
Vay
R:fA:J‘—I_—ﬂ.‘ +‘E-f‘_'|‘ = 130
2 ) 12 2

d) Ban kinh duong tron 1a :

Céu 14. Trong mit phing toa do OXY ho bén diém A(T:-3), 5{8;4}‘6“45}, D(0:-2) gpi do:

a) AB =(1:7).AC =(- 6:8)

A,B,C
b) la ba dinh mot tam giac.
- K(&4) A ABC
c¢) Toa d¢ diém la chan duong cao ké tr  cua tam giac
.. AB.C,D )
d) Bon diém la bon dinh ctia mot hinh vuong.
Loi giai:
a) bang b) Sai ¢) Pung d) Sai
AB =(1;7), AC =(- 68)
a) Ta co:
ii uuy ugu
-6 8 AB,AC . 4,B,C

b) Vi nén hai vecto khong cung phuong, suy ra ba diém la ba dinh cia mot
tam giac.

Ky AK =(x- Ty +3), BK =(x- &y- 4) BC =(- ;1)
¢) Goi la diém can tim, ta co: s .

T 4 f-?l[.‘l.'- Ty+1{y +3)=0 )

AK -BC =0( do AK LBC) _ -Tx+y=-52 [x=

i . ©1x-8 _y-4 o |TTEYY =L e =8

BK,BC cung phu'o'ng | -7 I | x+7y =36 Ly =4
Ta co:

K(8:4)

Vay



M| N]N}

DC =(l:7) =4AB= ABCD

d) Ta co: la hinh binh hanh (1).
AD =(-T:1),AB -AD =1 {-T)+71=0= AB LAD 4B =Ap =52
Mat khac: (2); (3).
ABCD .
T (1), (2), (3) suy ra 1a bon dinh cia mgt hinh vudng.
a=2i +3j.b :lf' -5j,c=3i,d=-2j
Cau 15. Cho céc vecto 3 . Khi do:
a) 4 =(2:3)
by 3
o ¢ =(0:3)
Loi giai:
a) biang b) Sai ¢) Sai d) Ping
a =(23)b = 3i-5|.c =(3:0).d =(:-2)
Ta co: | .
R 3 _ |
a=i-3jb=—i+jc=-i+—j,d=-4j,e=3
Cau 16. Cho céc vecto 2 2 . Khi dé:
a) @ =(1;-3)
b -{ l;1]
by 2
c= l;i]
c) 2
d) d =(0:-4),e =(3:0)
Loi giai:
a) bang b) Ding ¢) Sai d) bing

—-—

a =(1:-3).h :‘ |

.
51| _‘. . I..E.‘ . =(0;-4).e =(3:0)

Ta co:



_— ;
—-— i %

a =(20b = - L | e =(4-0)
Cau 17. Cho cac vecto \ < . Khi do:
a) \ “
2a-3b+5 = 27:- IDTE
b) i
1
m=—
3
1
n=—
ma+h-nc =0 12
¢) Cho khi d6
c =-4a-12b
d)
Loi giai:
a) Sai b) Ding ¢) Sai
a+h = I;H
a) =
2a =(4;0)
|-3p = 3.:-3‘: d=2a-3b+5c=|27:- &
| 2) | 2
| 5¢ =(20:-30)
b) Ta co:
™ - 2m=1-4n =0 m :l
ma+b-nc =0+ 1] =
—+0n =0 1
3 n=-—
12
c¢) Ta co:
— v Yl =
4=x2+y-1) —4
O+ = 12
-h = 'V oe— =12
¢ =xa + yhi(x, yER) . ' ! 2 .
d) Goi: . Ta co:

¢ ==4a-12h
Vay .

d) Pung



Cau 18. Trong mit phing toa do O, cho hai didm 4(3:-3):B10) gy go.

I|2; i
a) 2) 1a trung diém cta 4B
. C 0OC =-34B C(6
b) Toa do diém  sao cho la

c) Toadddiém  doiximgvsei qua la

AB k=-3

d) Toa do diém chia doan theo ti sb

;- 15)

A c D(9:25)

274

Loi giai:

a) Sai b) Dung

Clx.:y.) 0C =(x.13.),AB =(
a) Goi . Ta co:

i ol (x. =6
OC =-34B =

D A C C
b) doixingvoei qua  hay

"-"'-;"I :E'TI,' =¥ ; :E.G - 3 :g
- | = D(9
| ¥n :2}'[. -V, :2(_ 15)- {_ 5)=-25

ood oo
k= MA=LkMB

C) chia doan theo ti s6

¢) Sai

-2:5) = - 348 =(6:- 15)

X, tx,

X- = 5

AD = -
Vv, Vs
p —=d_ T

L 2

la trung diém cua

1= 25).

-

x,- x, =k (.TH - .‘r._,)
- 1T ; ;
v,m v, =kGy-p,)

x, -k x, 3J+31 3
X =77 Xy = 5 (3 5]
- k 4 2 =,M|____‘
1 v,k ; _-53+30_ 5 2 4]
Y-k k=3 4 4

d) Sai



Céu19. Cho ba diém A" B B(Z1.C-1-3) gy 6.
A,B,C
a) la ba dinh cua mot tam giac.

Syipe =12
b)

ABCD D(-4;-3)
c¢) Tu giac 1a hinh binh hanh khi

o | W

N Oy N . B.C .
d) biém  thudc truc sao cho  cach déu co tung do bang

Loi giai:

a) biang b) Sai ¢) Pung d) Ping

o m  (3=k0
o W|N|N} AB :kAC-:‘
AB =(3;0),AC =(0;-4) k 0 =k(-4)

a) Taco . Xét sd thue  thoa man (vo li). Do vay

. k AB =k AC AB,AC A
khong ton tai s6  théa man hay hai vecto khong cung phuong; suy ra ba diém

B,C i A,B,C
, khong thang hang. Vay la ba dinh ciia mot tam giac.

[
AB =33 +0° =3, AC :Jmf +(-4)" =4,BC =(-3:-4) B =¥ +4° =5

b) Ta co:
., AB+AC’ =BC’ AABC A
Dé¢ thay nén vudng tai
ABC 2p=AB+ AC+BC =3+4+5=I12
Chu vi tam giac la:

Dién tich tam giac la:
D(x;y)= DC =(- 1- x;-3- y), AB =(3;0)
¢) Goi



g 0 {—I—I:B {.1':—4

= AR =DC <
ABCD ~3-y=0 [¥y=-3 = D(-4-3)
1a hinh binh hanh
[BN? =(0- 2)* +(y- 1)}
N(O:y) = ! ( }ﬁ 0 }ﬁ
CN™ =(0+1)" +(y+3)
d) Goi
N . B (C= BN =CN <= BN’ =CN°
cachdéu va
2 =l el el 2 2 5 T I 5
e 2 +(y-1) =P +(y+3) & )7 -2y+5=)p  +0y+10 & y =- P .-"v‘ 0:- 2
Cau 20. Cho tam giac 4BC ¢o A(%1).8(2:4). C(2:-2) gy o
ABCD D(4;5)
a) la hinh binh hanh khi
. , BCE A E(8:1)
b) Toa do diém  dé tam giac nhan diém  lam trong tam la
3
H ABC | 2
c¢) Toa dd truc tam cua tam giac la
2
, ABC 4
d) Toa d6 tdm duong tron ngoai ti€p tam gidc la
Loi giai:
a) Sai b) Diing ¢) Pung d) bing
D(x;y)= DC =(2- x;-2- y),AB =(-2:3) 4BCD
a) Goi . la hinh binh hanh
0 0 (2-x=-2 [x=4
= AB =DC = = {
-2-y=3 y=-5 D(4;-5)



_'rf:r""+r"+r*: f4:E+E+.T} -
' 3 3 x; =8
— —
. [ T R A | 424y, vy =1
BCE A ! 3 3
b) Tam giac nhan diém  lam trong tdm nén
E(8:;1)
Vay
H(x:y)= AH =(x- 4:y-1),BH =(x- 2y- 4);BC =(0:-6) AC =(-2;-3)
¢) Goi )
, RTTTRIT
AH 1L BC AH -BC =0
BE L AC < {000 000
la tryc tam tam giac nén
Mx-4)-06(y-1)=0 x —E
-2(x-2)-3(y-4)=0 | H(E;l]
. hay
I(x;y) . ABC
d) Goi la thm dudng tron ngoai ti€p tam gidc
(a1 — g2 (e AV #(v- 1}V = C IV (- 4)
4 =IB —IC AIw Bfﬁﬁr{{r 4]'w (3 I}ﬁ (x }ﬁ (1 4]|w
AlI* =CI° (x=4) +(p-1) =(x-2) +(py+2)
Ta co
) ; 3 . _
~8x-2p+17 =-4x- Byp+20 4y +0py =3 r=— 3
= = = 4= JF[ —:1 ‘
[<8x-2y+17 =-4x+4y+8 |=4x- 0y =-9 = L4 )
Cau 21. Trong mat phéng toa do Oxy’ cho ¢ =2i,b =-3j . Khi do:
a) ¢ =(2;0)
b) b =(0;-3)
a+h=(2:3)
¢)
d) 3a-2b =(6:0)
Loi giai
a) Dung b) Dung ¢) Sai d) bung



a =(2:0),b =(0;-3) a+b=(2:-3)
Ta co s

3a =(6:0),-2b =(0:6)  m =3a- 2b =(6+0:0 +6) =(6:6)

Khi @6 nén
Cau 22. Trong mat phéng toa do Oxy’ cho hai diém A(- 1:3). B(Z, 5}. Khi do:
AB =(%-2)
a)
BA=(-%2)
b)
7 AM =(-41) M(-5,4)
¢) Toa do diém thoa man: la
N NB =-44B N(1413)
d) Toado diem  thoéa man la
Loi giai
a) Sai b) Sai ¢) buang d) Dung
AB =(x, - x 1y, - v,)=(3:2) BA =(-3-2)
Ta co va tuong tu
Mix:y), Zﬁ’ =(x+1y-3)
[x+1=-4 {.1':-5
L - )
AM =(-4:1) |ly-3=l v =4 M(-5;4)
Do nén . Vay
NGy, NB =(2- x.:5- y ), AB =(3:2)
Tuong tu goi diém ta co .Taco
0 ol [2-x, =-43  [x, =14
NB =-4A4B = =
5-y, =-42 v, =13 N(14;13)
. Vay .

Cau 23. Trong mit phing Oxy , cho Cho A(2.1).5(0.-3).0C = +31 ypi do:

C(3:1)
a) .



OA- 208 =(3:7)
b)
7 AD =(7:-9)  D(9-8)
c) Toadi€ém  sao cho la

LIl LI H[uN)
E OF =04- 208 E2;7)
d) Toadiém  sao cho la

Loi giai

a) biang b) Sai ¢) Pung d) Ping

SN N

OC =j +3i & OC =3i +j = C(%1)

| -2=7 =9
AD =(7;-9) = Yo ﬁr”
Yp-< I =-9 ¥ =-8 D(9,"8)
Ta co . Vay .
OA- 208 =(27)  OE =(2:7) E(2;7)
Ta cod nén . Vay

Cau 24. Xét tinh dung, sai ctia cac ménh dé sau:

oAl L1, B(0:- 1),C(L1)
a) Ba diém tao thanh tam giac can

o A(0:2),B(6:4),C(L:- 1)
b) Ba diém tao thanh tam gidc can

o A(-2:1),B(3:2),C(2:7)
c) Ba diém tao thanh tam giac vudng

A(1:1), B(2:4), C(10:- 2)

d) Ba diém tao thanh tam giac can
Loi giai
a) buang b) Sai ¢) Pung d) Sai

AB =J1+4 =5:4c =4 =2:BC =J1+4 =5 = 4B =BC(=5)= A4BC B

a) can tai



AB =36+4 =2J10: 4C =f1+9 =10: BC =25 +25 =52

b) Vi

'BC? =50 . . )
i = BCP=AB '+ AC’ = AA4BC
IAB'-I-AC' =350 A

vuong tai

AB =25 +1 =\26; AC =16 +306 =[52:BC =J1+25 =26

c)
AC® =AB* + BC*(=52)= AABC B
Vi vuong tai
BA =BC(=+20)= AABC A
Ma vudng can tai
AB =J1+9 =10: BC =64 +36 =10 4C =/81+9 =50 =3/10
d) .
= BC' =AB* + AC’(=100)= AABC y
vuong tai
Cau2s. Cho AL1LB(2:4).C10:-2) ;46
AABC A
a) vuong tai
Sy ipc =12
b)
¢) Po dai trung tuyén
1(6;1) . AABC
d) 1a toa d§ tdm duodng tron ngoai tiép
Loi giai
a) Dung b) Sai ¢) Sai d) bung
AB =149 =\10: BC =64 +306 =10 4C =f81+9 =90 =3,/10
a) .
= BC® =AB* + AC’(=100)= AABC A

vuong tai

Sy e :%AE AC :'; 10 3410 =15
b) ) )



x,+x. 1+10 11
x, = = = ; \
' 2 2 2 1§
AC = - - - .-*n."—:— —
v, +y. 1-2 1 L2 2]
¥, == = == —
N . 2 2 2
¢) Goi  latrung diém
BN :J‘ LN +‘ (L 4‘ V130
| 2 . 2 ) 2
1 AABC -AABC A =1 )
d) Goi 1a tdm duong tron ngoai ti€p vuong tai la trung diem
x,+x. 2410
x, = = =0
! 2 2
BC & - - = [(6:1)
Yty 4-12
Y, = = =1
2 2
ca=i-3jb=—itjic=-i+—jid =-4j,e =3i
Cau 26. Biét 2 2 . Khi do:
2 @ =(53)
b = %:- 1]
b) . <
c= I;EJ
c) 2
d) d =(0:-4).e =(3.0)
Loi giai
a) Sai b) Sai ¢) Sai
2 =i i’:'*; —[I'—B}';il [ +i=>b ] 'I.' =i+_j= - -1;
a =i A a =1, 1 _E{ g _‘ E'. .-.C_ t EJ c _‘ -E‘

d=-4j=d =(0;-4)e =3i = e =(3:0)

Cau27. Cho @ =(L-2)b =(0:3) 1p; go.
a) a+b :(1.1)

b) a- b :(1-.5}

d) Dung



¢) 2a- 3b =(2,13)

d) a+2h :{1—1-}

Loi giai
a) biang b) Sai ¢) Sai
x=a+b=(L1), y=a-b=(l,-5),z=2a-3b=(2,-13)

a+2bh =(1.4)

Cau28. Cho hai diém 437 3:B0) gp: 46

uuu

a) 4B =(- 2:5)
. C OC =-34B  C(6;-5)
a) Toa do diém  sao cho la
., D C o7
c) Toado diém  doixingcua qua  c¢6 hoanh d§ bang
M ‘ 3. i]
M k=3 2 4
d) Toa d6 diém chia doan theo ti sO la
Loi giai
a) buang b) Sai ¢) Sai
1] and ] 0 [a=6
Cla:b)= OC =(a,b). AB =(-2:5).0C =-34B = b =15
Goi
C(6;-15)
Vay

D(e:d)= CD =(c- 6;d +15) -AC =(3;- 10)
Goi ;

i 000 (e- 6=3
AC =CD = = D(9;-25)
d+15=-10

d) Pung

d) Pung



uuu

Mix,y)= MA =(3- x:-5- y), J‘l:i’JB =(1- x:-y)

Goi
i 00 (3- x=-3(1-. ' '
k=-3=> MA=-3ME= ‘ ( T}zv.- EE‘
M AB . I'S-}':-?&l{‘}'} |2 4
Vi chia doan theo ti s
Ciu29. Cho badiém A(E-2)B(0:4).C0:2) 1y g6
AB =(- 1:6)
a)
AC =(2:4):BC =(3:-2)
b)
3
. AB 2
¢) Toa do trung diém cua doan la
LIl Luud aNjN) r
N AN +2BN - 4CN =0 N(11;12)
d) Toadd diém  sao cho la
Loi giai
a) Pung b) biing ¢) bung d) Sai

m|u |} mIN| N}

AB =(- 1;6); AC =(2:4); BC =(3-2)

_1+0 1
R
=7
y, =224 f[i;l]
I . AB 2 2
Vi latrung diém cua doan nén . Vay
N(xy) AN =(x- Ly +2): BN =(x:y - 4:.CN =(x- 3y~ 2)
Goi . Ta co:
ol W O = (x- 14+2x- 4(x- 3) =0 v =11
AN 42BN - 4CN =0 = = { V(I11:2)
[ y+2+42(y-4)-4(y-2)=0 |[y=2

Vi
. - 2 -1-M.C(- 32
Cau 30. Trong mat phang toa do O)‘y,cho A(Z1),B(- L;-2),€( 3"“]'.Khi do:

b2 |

1 -
, . AC 2’
a) Toa do trung diém cua doan thang la



a4 Jd4d

AB =(-3;-3),4C =(- 5:1)

b)

. 4,B.C
c) Badiem thang hang.

[ 2 1 ]
4BC 1373
d) Toa dg trong tam tam giac la
Loi giai
a) biang b) Piling ¢) Sai d) Sai

2-3 1
X, = == — .
7 7
AC = S ca w‘ (1.3
1+2 3 2 2]
SRR
Goi  latrung diém
AB =(-3-3),AC=(-%1)
Tinh dugc dan dén hai vecto d6 khong cung phuong. Noéi cach khac ba
~ A4,B.C
diém tao thanh mat tam giac.
2-1-3 2
X, = =- — SCRE
ABC = 3 3:6‘—1.{—‘
. _1-2+2 1 L 3 3]
G ) 3 3

Goi  latrong tam tam gidc

Cau31. Cho @ =(L:3)b =(0.-2).c =(x.]) gy 46

alb
a) .
x =-3 alc
b) Khi thi
1
X =—
3 a c
c) Khi thi  cung phuong
ald

b -d =20 d =(3:-1)
d) thi



Loi giai

a) Dung b) Dung c¢) bung d) Dung

ab=10+3({-2)=0=>a lb

a)
alecs=ac+ac, =0 1lx+3.1=0s x=-3
b) Ta co6:
T g v 1 1
C = — = _ —_— "= ¥ =—
a a, i@ 1 3 3

c) cung phuong

—— . ;

a d =0 |a,d,+aﬂdﬂ:0 |._~f,+3¢:0 d, =
—r - —r - —

——

bd=20 |bd=20 |bd +bd,=20 |6d,-2d,=20 [d,="1_ ;_3.
d)
‘Dang ©: Cau trac nghiém tra l6i ngan
Cau 1. Tim toa do cia vecto # biét (27~ L-2) y4 cung phuong vsi Y %m+3)

Oxy MI(5:3),N(-

A - < A e 3. R & N A 2R N
Cau 2. Trong mat phang toa do , cho hai diem 33 ) Tim toa d0 diém £ nam

trén truc hoanh sao cho ba diém M,N,P thing hang

Ciu3. Cho cic didm AQ1:2),B(-2:0);c(0:5)

AN NN alNN ] a|aju ]

AM +2BM +3CM =0

tim toa do diém M sao cho

Traloic.....................

Cau4. Trong mit phang toa do Oxy cpo @ =(m:2).b =(-3in) g5 € =(=2m:7) Tim 77 bidt:
c=a+b

Traloi:.....................

Cau5. Trong mit phing toa do O% | cho @ =lm2)b =(=3in) o3 ¢ =(-2m7) iy mon piy.

c =2a-3b



Cau 6. Trong mit phang toa do Oy ¢ho A(2:2).B(L-3).C(- 3:0) 1y toa d0 diém E thoa

man AE =-2AB+34C

Traloi:.....................

Ciu 7. Trong mit phang toa do Oxy cho tam giac ABC ¢o A(- 3:4). B(- L:- 2}, C&1)
M , BC _ _ A4BC .

Tim toa d§ diém  trén duong thiang sao cho dién tich cua tam giac bang ba lan

o . ., ABM
dién tich cta tam gidc

Oxy A(L:5), B(

Cau 8. Trong mat phéng toa do , cho hai diém 9:3) . Tim toa d diém M thudc

truc hoanh sao cho Avis =90

Cau9. Trong mit phing toa do @, cho hai vecto =(3m;am=1) o3 b =(V2:2) (voi ™M 1a

tham s6). Tim 7 d& goc gitra hai vecto @ va b bang 45 .

Céu 10. Trong mit phang toa do OXY ¢ho hai diém A(%-2) gy BA0:4) 1y toa do diém M

trén truc tung sao cho MA+MB| gat gia tri nho nht.

L :(Em+ 21- m:)

a=(2-1).b =(L11) 4

Oxy

Céu 11. Trong mit phang toa do , cho cac vecto

m L, d a
Tim  duong biétrang cung phuong véi

Cau 12. Cho cac vecto @ =(1;-2),b =(-2:-0),c =(m+n;-m- 4“']'.

o m,n c a |c |:3\/§
Tim hai s0 sao cho cung phuong va .



— l - -
a=—i-5j,b=xi-4j ,
Cau 13. Cho cac vecto 2 .Tim X dé: aLlb

-
— —- s

a=—i-5j,b=xi-4j ,
Cau 14. Cho cac vecto 2 _Tim X dé: ¢35,

Traloi:..................
a=—i-5j,b=xi-4j  ab
Cau 15. Cho céc vecto 2 . Tim X dé: - cung phuong vGi nhau.

—- s -

Traloi:..................
Cau 16. Cho tam gidc 4BC c6 cac dinh AL1-B(2:4).C10:-2) iny dien tich tam giac 4BC.
Traloi:..................

Cau 17. Cho tam gidc 4BC ¢6 cac dinh A11)-5(2:4).C0:=2) Tipp cos B

b

Traloi:..................

Cau 18. Tim diém C sao cho tam giac 4BC vuéng can tai B voi A(2:4):B(LD)
Traloic..................

Céu 19. Tim dinh D ciia hinh thang can 4BCD vgi 4(2:0).5(0:2).C(0:7)

Traloi:..................

Ciau 20. Cho ba diém A E4LBLD.CO-1 1y didm M thudc truc hoanh sao cho

MA- MB| 1e nhit.

Ciau 21. Cho ba diédm A0~ E4:BLD.COG-1) 1y qidm N thudc truc hoanh sao cho

| NA= NC| pe nht.

Cau 22. Trong mit phang toa do OXV ¢ho cac didm A(2.4).B(- 1.3) €25 Tim toa do diém

E thoa man dang thic vecto AE - 3EC+2EB =0

Chu 23. Cho hai vecto ¢ =(1;2) va b =(53) Tim toa d0 cua vecto ¥ =2a- b vy v=a+3b



Cau 24. Cho hai vecto @ =(272) va 0 =4 Hay phan tich vecto ¢ =(3:0) theo hai vecto @

vab.

Céu 26. Cho ba diém A(5:0):8(0:3).C(-3:-5) 3, toa d0 diém M thudc OX sao cho

M| N]N} mIN| N} e

T 2MA- 3MB+IMC| qt g4 trj nho nhét.

Cau 27. Cho ¥ =(2%- L3 v =(Lx+2) g pyi gid tri cia * dé ¥ cung phuong véi V. Tinh

tich hai gid tri do.

Cau 28. Cho A(%-4):B(0:0).C0m3) iy m q& 4.8.C thing hang.
Traloi:..................

Cau 29. Cho AL:2). B(-Z: ) Tim toa d6 diém M trén truc O sa0 cho ba diém 4,8.M théng

hang.
Traloi:..................

QX =38
Cau 30. Cho @ =(5:216 =(7:-3) Ty x thea (P * =30

Traloic..................

Cau 31. Tim goc gitta @ va b trong truong hop sau: @ =(43),6 =(1,7)
Traloic..................

Cau 32. Cho A%3).B(9:4).C(30) 1y ¥ & AABC yyong tai C.
Traloic..................

Cau 33. Cho MBC ¢g Al-310).B(1-2).CI0:3) 1y, tam dudng tron ngoai tiép A4BC
Traloic..................

Céu 34. Trong mit phang toa do (O%) ¢ho tam giac 4BC ¢o AL0), B(- L1:CG:- 1)y

toa do tryc tAm H cia tam giac 48C



Cau 37. Cho AMBC ¢g A3:0). B(%-1).C(=4:3) 1y, 192 d6 diém K 13 hinh chiéu vudng goc

cua 4 1én BC,

3V =ki

Cau 41. Trong mat phéng toa do , cho - A% 4/ Tim cac gia tri thuc ctia

k ga 2luldv]

(:4),B(-2:- 1),C(5:

Céu 42. Trong mit phang toa do Oy cho Al -1 Goi G 1a trong tAm tam

0m 0
4BC.I , , , CF =—FA

giac »4 1a trung diém doan CG . Trén 4C lay diém F sao cho 4 . Timtoa do

diém F 2

Traloi:..................

Oxy A[—4:I}.B[2:4}.C[2:—2}'

, cho tam giac 4BC ¢o

ABC

Céu 43. Trong mit phang toa do

H
Tim toa d§ truc tAm  cua tam giac



Oxy A(-41),B(2:4).C(2:-2)

, cho tam giac 4BC ¢6

ABC

Céu 44. Trong mit phang toa do

, 1 . A .y
Tim toa d§ diem  1a tAm duong tron ngoai ti€p tam giac

Oxy A(0:1), B(1:3),C(27) 43 D(O:3) Ty giao

Céu 45. Trong mit phang toa do , cho bén diém

diém cia hai duong thang 4C va BD .

Céu 46. Trong mit phang toa do O ¢ho hai diém A(3:0).B(2:x) x40 dinh toa do diém B

biét rang O4 OB =12

Céu 47. Trong mit phang toa do 0% cho hai didm 4(230) va B(0:2) Tim t0a d6 diém C sao
cho tam giac 4BC vudng can tai €.
Oxy

(0:4), B(-3:0) 4 C(10:4) G

Céu 48. Trong mit phang toa do , cho tam giac 4BC ¢o 4

M.N 13 chan cac duong phan giac trong va phan giac ngoai ciia goc 4. Timtoa dd M va V.

Céu 49. Trong mit phing toa do O ' cho hinh binh hanh 4BCD ¢4 A3:4). C&:1) Goi M 1a

trung diém ciia canh BC.N 13 giao diém cua BD va AM . Xac dinh cac dinh con lai ciia hinh

N[ E 2
binh hanh 4BCD biét | 3
Traloi:................oi.
~ < 2 ~ Ox ./ . ; -3 D.C(5: -
Chu 50. Trong mit phang toa dd @Y, cho tam gidc 4BC co A(L;3),B(- 3,1),C(5;-0)
1 A R P A . \ M A k A A ’ 5 ~ e . + R M
Tim toa dd diém  ¢0 dinh va hang s6  dé€ hé thuc sau théa man véi moi diem
MA + MB + 2MC =k MP
Traloi:............................
(- 3:1),C(5:- 6)

Céu 51. Trong mit phang toa do Oxy , cho tam gidc 4BC ¢4 All:3),B

. A 4iR . Ox EA+EB Y
Tim toa d0 diém  trén sao cho dat gié tri nho nhat.



Céu 52. Trong mit phang toa do O cho tam giac ABC ¢4 A(l:3).8(- 31).C(5:- 0).
. F Oy |FA+3F§—EF§?| )
Tim toa d0 di€m  trén sao cho dat gié tri nho nhat.
Traloi:............................
LOI GIAI
Cau 1. Tim toa d¢ cua vecto # biét “(27~1=2) ya ciing phuong véi V(" Zm+3)
Tra 1oi: ull;-2);u(-8,-2)
Loi giai
u(2m-1,-2) v(-2;m+3) (2m=1)(m+3)-(-2)(-2) =0
Vi cung phuong voi nén ,

2m’ +5m- 7 =0
hay

m =1
Do do, hoac

u(l;-2)u(-8:-2)
Vay toa dJ ctia vecto can tim la .

Oxy M(5:3).N(-

Céiu 2. Trong mit phang toa do , cho hai diém

trén truc hoanh sao cho ba diém M,N,P thang hang

Tra loi: P07:0
Loi giai
o P(x,0) MN =(- 82); MP =(x- 5:-3)
P la diém nam trén truc hoanh nén . Ta co:
W i |x-s5=k4-8 |*-V
MP =kMN <= ' = 3
-3=k2 b=-=
. M,N,P , | 2
Ba diém thang hang khi
P(17;0)

Vay

' 5 \ A a:A N
3'-”]'. Tim toa d0 diém £ nam



AQ1:2),B(-2:0):c(0:5)

Cau 3. Cho cac diém tim toa do diém M sao cho

AN NN alNN ] a|aju ]

AM +2BM +3CM =0

M|- é;l_J
Traloi: ' <
Loi gidi

AM (x- Ly-2).BM(x +2:).CM(x: - 5) ‘
Ta co . Tur dieu kién da cho ta suy ra
{(.‘r- 1)+ 2(x+2)+3x =0 I 17
| y- 2+2y+3(y- 5)=0 = E'-J' :F

. Giai hé phuong trinh ta dugc , suy

-1
ra .

Cau4. Trong mit phiang toa do Oxy cpo @ =(m:2).b =(-3in) g5 € =(=2m:7) Tim 77 bidt:

c=a+b
Tré loi: ™ =Ln =5
Loi giai
- - (- 2m =m- 3 {m =1
c=a+h = =
. T =24p n =3, m=ln=5
Ta co: Vay

Ciu 5. Trong mit phang toa do Oxy cho @ =tm:2).b =(=3in) yy ¢ =(=2m:7) Tim m7 bidt:
c =2a-3b
m=-—.n=-1
Tra 1oi:
Loi giai
2a-3b =(2m+9;4- 3n)

Ta co:

—-— - g
=2m=2m+9 m=- —
c =2a-3b = ] 4 = m=-

9
7 =4-3n 4’
Do d6 |



Ciu 6. Trong mit phang toa do Oxy ¢ho A(2:2),B(L:-3),C(- 3:0) 1y toa d6 diém £ thoa
Tra 1oi; £ 1L6).
Loi gidi
E(x;y) AE =(x- 2y - 2), AB =(- 1;-5),AC =(-5;-2)
Gia su . Ta cé: . Suy ra
ol of 000 [x-2=-13 [x=-11
o L AFE ==2AB +34AC < { = {
-2AB+3A4C =(- 13;4) | y-2=4  |y=6.
. Do dé
E(- 11;6).
Vay
Ciu 7. Trong mit phang toa do Oxy cho tam giac ABC ¢o A(-3:4), B(- - 2]', C(&1)
LM , BC , _ 4BC ‘
Tim toa 46 diém  trén dudng thang sao cho di¢n tich cta tam giac bang ba lan

o, . ., ABM
dién tich cua tam giac

M(2;-1) M(-4-3)

Tra l1oi: va .
Loi gidi
M. . BC _ _ ABC .
Vi nam trén duong thang nén di¢n tich ctia tam giac bang ba lan di¢n tich ctuia
. ABM . . BC =3BM . ) A
tam giac khi va chi khi (hai tam giac c6 cung duong cao ké tor ).
M(x;y) BM :f_.‘f+|.fi1'+3}._-§|& =(9:3)
Gia su . Ta co:
BC =3BM
Truong hop 1:
0 0 [9=3(x+l) [x=2
BC =3BM = ' = {
33042 =1 M)
Ta co: . Vay
b = b

Truong hop 2:



I ood {9:-3(.1-“} (x=-4
—

BC =-3BM =
3=-3(y+2) |y ==3. M(-4;-3)
Ta co: Vay
M M(2;-1) M(-4;-3)
Vay c6 hai truong hop diém  thod man bai toan la: va .
Ciu 8. Trong mit phang toa do Oxy  cho hai diém A(L3).B9:3) iy toa d6 diém M thudc

truc hoanh sao cho Aris =90

Tra loi: M (40) 3 M(6:0),
Loi giai
M M (m;0)
biém thudc truc hoanh nén gia su .

LILIg

MA =(1- m:5),MB =(9- m:3)

Ta co:
ud uud
‘ UrviB =90 = MA -MB =0 = (1- m)(9- m)+5 3 =0
Theo dé bai,
= nf-10m+24=0<
m=4.
Y, M(40)  M(60)
Vay c6 hai truong hop diém  thod man bai toan la: va .

Cau 9. Trong mit phang toa do OxY ¢ho hai vecto ¢ =(Bmzdm=1) g3 b =(2:42) (voi ™ 1a
tham sd). Tim 7 dé goc gitra hai vecto @ va b bang 45
m=—
Tra 1oi: 4
Lo gidi
o - 3-.5}:: +(4m- I}\E _£

cos(a,b) =cos45 = -
J[Bm}' +(4m-1)7 242 2

Ta co:

Tm-1
- -1
J25n7 - 8m+1




25m” - 8m+1=0(1).Tm-1>0(2) Tm-1 :\’25”!2 - 8m +1

Ta co: va 3)

m=—
L 4
Giai phuong trinh (3), thay gia tr1 nghiém vao (1), (2) dé kiém tra ta c6

Céu 10. Trong mit phang toa do OxY ¢ho hai diém A(%-2) gy BA0:4) 1y toa do diém M

trén truc tung sao cho MA+MB dat gié tri nho nhat.

Tra 1oi: (1

Loi giai
Y M (0;m) MA =(4:-2- m) MB =(10:4- m)
biém  thudc truc tung nén gia su . Ta co: , . Suy ra
T Luu [N (i = -
MA +MB =(14;2- 2m) | MA+ MB |:JI4' +(2-2m)" =14 m =1
. Do do . Dau bang xay ra khi
MA+MB o M (0;1)
Vay dat gia tri nho nhat bang 14 khi cotoado la

Oxy (2:-1),6 =(1:1) Véd:(ﬁm+3;|—m:]

Cau 11. Trong mat phang toa do , cho céc vecto @ =

m N . a
Tim  duong bi€trang cung phuong voéi

m =2

Tra loi:

Loi giéi:
2m+2 1-m°
od a _ 2 -1
Tacd  cung phuong véi  khi va chi khi
. . m =-1

= -2m-2=2-2m = 2m -2m-4=0=

m =2

m m =2
Vi  duong nén thda man.

Cau 12. Cho cac vecto @ =(1;-2),b =(-2;-0),c =(m+n,-m- 4“']'.

., mn C a |C |:3\/§
Tim hai s0 sao cho cung phuong va .



Tra loi
Loi giai:
. ‘m+n _-m- 4n
| c |:3~J§ =" | -2
c a I'Jl[mﬂr}: +(-m- 4n) 23\-';5_3
cung phuong va

- 2m-2n=-m- 4n {m =2n {m =2n
= - - - 7 2 = 2 2

I|[m+n}' +(m+4n) =45 .(3”}- +(0n)” =45 (3n)” +(0n) =45

(m =2n ‘m =2, {m =-2
= . = .

450 =43 n = (n=-1

a=—i=-5j,b=xi-4j i

Ciu 13. Cho cac vecto 2 .Tim * dé: aLb

Tra loi: ¥ =-40
Loi giai:

—-—
-

a :‘ I;;_S ‘ b =(xi-4)ia Lb = _I}—.‘l.""[-.i}li—ﬁl-} = = xr=-40

Ta co:
P e s
Cau 14. Cho cac vecto 2 ' .Tim X dé: la1501,
N
Tra loi 2
Loi giai
- '* . - - Jiol
la|gb|= +(-5) :J.T' +(-4) = Jr +16 = S = x +16 :%ﬁ x :iJi_?
Ta co: )
a=—i-5j,b=xi-4j  ab
Cau 15. Cho céac vecto 2 . Tim * dé: %” cung phuong v&i nhau.

X =

2
Tra loi: 5



a,b
Ta co: cung phuong khi va chi khi

Cau 16. Cho tam gidc 4BC ¢c6 cac dinh AL1-B(2:4).C110:-2) iny dien tich tam giac 4BC.

3
Tra loi: 2
Loi giai:

Jd4d NN i i SN

AB =(1:3), AC =(9:-3), AB -AC =19 +3(-3) =0= AB | AC

Ta co:
~ ABC A
Vay tam giac vudng tai
AB =\ +3° =10, 4C =\J9° +(-37 =310
Ta co: ;

ABC:S, . =~ 4B -AC =- 0 3410 =

2 2

b | L

Dién tich tam gidc
Cau 17. Cho tam gidc 4BC ¢6 cac dinh A11-5(2:4), CU0:-2) Tipp cos B

J10

Traloi: 10
Loi giai:

LLRl H[N]N]

BA =(-1;-3), BC =(8:-6) = BA -BC =- 1.8 +(-3)(- 6) =10

Ta co:
0 00 B4 -BC
cos B =cos(BA,BC) :B'}J11 5C = 10 :""{m
BA-BC I’ +3* \[8% +(-0)* 10
Suy ra:

Cau 18. Tim diém C sao cho tam gisc 4BC vuéng can tai B véi (24 B(L)

Tra loi: (- 2:2).(4:0)

Loi giai:



H[u[H}
C(x:y)= BC =(x- Ly~ 1),BC :,j(x- 1y +(y- 1) B =(1:3),B4 =1 +3* =Jl0

Goi ;
(54 .5C =0 {Itr-nﬁu-—nza
L=
ABC BA=BC Jo- 17 +(- 1) =410

Tam giac vudng can tai

x=4-3y {.‘r =4- 3y (v =4- 3y {.‘r =-2. [x=4
= 3 3 = 3 ¥ = 2 =

(4-3p- )P +(p- 17 =10 |B(y- DF+(v-1F =10  |10(p-1} =10  |y=2 [y=0

. (-2:2)(4:0)
Vay c6 hai diém thoa man la .
Cau 19. Tim dinh D cua hinh thang can 4BCD v¢i A(2:0).8(0:2).€(0:7)

D(7;0) D(2:9)
Tra loi: hodc

D(x:y)
Goi

LIl

b sy o3 20
AB =(-2:2)= AB =22, BC =(0;5)= BC =5

bl Dy
c <
B 2
2 =
o A D, =
AB,CD
Truong hgp 1: Hinh thang c6 hai day
UL uag .
AB,CD cung phu'o'ng
AD =BC

Ta co:



X .
= 3_ 2 = +1 = y+7
; (-y+7-2) +y =25
(x-2) +y° =5 '
(v =- y+7 {x =7, {x:z
= . =
237 - 10p+25=25 |p=0 |y=
x =7
y=0  CD={T"+(0-7) =72 #4B  D(7:0)
Vi thi nén thoa man.
x =2
y=5 CD :sz +(5-7) =242 =48
Voi thi (loai).

BC,AD
Truong hgp 2: Hinh thang c6 hai day

. D(2:9)
Lam tuong tu, ta c6 dugc di€m

Ciau 20. Cho ba diédm A E4LBLN.CO-1) 1y qidm M thudc truc hoanh sao cho

MA- MB| pa nhit.

Loi giai:

Vi¥y =41>0= 4, B Ox | AM - BM |<AB

Ta thay: nam cung phia so véitruc . Ta co6: nén

| AM - BM | =AB

, ABM Mo AB)
Gia tri lon nhat nay dat dugc khi thdng hang ( nam ngoai . Goi

M|NIE]N] |N]N]

M(x;0)€ Ox = AM =(x+1:-4), AB =(2:-3)

v+l -4 5 5
[ETRIRTERTNTE] - = r = [ —— M —.,0
AM , AB = 2 _3m3h+” S 3 [_3 ]

Ta co: cung phuong ) hay



Cau 21. Cho ba diédm A0 k4. BED.CG-1) Ty ¢idm N thudc truc hoanh sao cho

| NA= NC| g nhit.

3
N [ 1—;0 ]
Tra l1oi: 37,
Loi giai:
. Yave =41 1)<0 4,C Ox
Ta thay: nén nam khac phia so véi truc
. .. O ) Ox cGn) C A Ox
Lay diém  d6éiximgvoi qua . Suyra va cung phia so voi
NeEOx= NC =NC’ |Nd- NC| =|N4- NC=4C
Ta co: . Vi vay
|va - Ne|  =AC A,C" N
Suy ra: ; gid tri 16n nhat nay dat duoc khi thang hang (  nam ngoai
A4,C)

N(a:0)eOx = AN =(a+1:-4), AC =(4:-3)

Goi
a+l -4
A}\I’AC’ T—Eﬁ'?’ﬂ'?’—_lﬁﬁﬂ——
Vi cung phuong nén
N[ E;0]
3 s N
Vay théa man dé bai.

Cau 22. Trong mit phang toa do OXV ¢ho cac diém A(2.4).B(- 1.3) €25 Tim toa do diém

E théa man dang thic vecto AE - 3EC+2EB =0

E[S;E]
Tra l1oi: 2

Loi giai



ujuin} ajuin} ajuin}

E(x;y) -AE =(x-2,y-4),EC =(2- x,5- y),EB =(-1- x,3- y)

i o ood *{(1—-3}-3(3-_1-}4-3(4-.r}:r:r (2x-10=0

AE - 3EC+2EB =0 =
(y=4)-3(5-y)+2(3-y)=0  [2y-13=0

V= /
- 2

s
! (13
= 13 :’E‘SQT

Cau 23. Cho hai vecto ¢ =(L:2) va b =(53) Tim toa do cua vecto ¥ =2a- b vav=a+3b

Tra 1oi; ¥ =161
Loi giai
2a =(2:4) b =(5;3) 2a- b =(-31) u=(-31)
Ta co: va nén ta suy ra . Vay .
a =(1:2),3b =(15:9),a+3b =(106:11) v =(16:11)
Taco . Vay .

Cau 24. Cho hai vecto @ =(272) y3 b =(1:4) Hay phan tich vecto © =(5:0) theo hai vecto @

va b,

Tra loi: ¢ =2a+b

Loi giai

¢ =xa+yb c =(2x+y:-2x+4y)
Gia su . Khi d¢6 ta co
?E.T'I'J.' =5 (x =2
=
c :(5’ U) |- 2y+4y =0 ¥y =
Mat khac suy ra
c=2a+b
Vay

Ciu25. Cho @ =(%:2).0 =(-3:D).c =(x27) 'y x piét ¢ =2a +3b

Tra loi: * =15

Loi giai

2a =(2x14),3b =(- 15:3) ¢ =2a +3b =(2x- 15:7)
Ta co suy ra



c =(x;7) 2x-15=x e x =15
Mat khac nén

Céu 26. Cho ba diém 4(10):8(0:3).C(-3:-5) 1y toa d6 diém M thudc Ox sao cho

T 52MA- 3MB+2MC | dat gia tri nho nhat.

Tra loi: M(-4,0)
Loi gidi

+Mex= M(m:0)

+T =4 2MA - 3MB +2MC|= MO +204- 30B+20C|

LLILLI LIl [N} W|N|N]
u=MO+204- 308 +20C
bat

SN N}

204 - 30B +20C =(- 41- 19 MO =(- m:0) = u =(-m - 4~ 19)

T Su |=J(m+4) +19° 219,7_ =19 m=-4 M(-4;0)

A

. Vay

Cau 27. Cho ¥ =(2%= L3 v =(Lx+2) ¢4 haj gia tri ctia * dé  cing phuong v6i v . Tinh

tich hai gia tri do.

S
Traloi: 2

Loi giai
x=-2 w=(-5:3)v =(:0)
Vaéi :Taco
I 0
;;f;_
- 3 u.,v
Vi nén hai vecto khong cung phuong
2x- 1
= =
Cx#-2 uv ) ) I x+2
Vi : Taco cung phuong khi va chi khi

X =

e (2x-1)x+2)=3e 2x" +3x-5=0= -5
X =—
S



Vay tich cua chung la

Cau 28. Cho A%-4):5(0:0).Cm3) pinp m ¢& 4B.C thing hang.

Tra loi: m =10

Loi giai
AB =(4:4); AC =(m - 2:8)
Ta co
uuy uuu -:::rj”_z—s'::t _||:|
A,B.C & AB,AC s a1 "7
thang hang cung phuong

m =10 A, B, C ,
Vay thi thang hang.

Cau 29. Cho AL 2), B(-2; %) Tim toa d6 diém M trén truc Y sao cho ba diém 4.B.M théng

hang.
M’[O;EJ
Traloi: | 3
Loi giai
Oy = M(0;y)
Ta co trén truc
L ABM 7 s
Ba diém thang hang khi cung phuong véi
AB =(- 3:4), AM =(- L.y~ 2)
Ta co
(o - - - \
LU AM = —I =, 2 =y :E M’[O;EJ
4B _ -3 4 3 3
cung phuong voi . Vay
{@, x =38
Cau 30. Cho @ =(5:2):6 =(%:-3) Tim x thga P ¥ =30
Tra 1oi: * =(6:4)

Loi giai



ax, +a,x, =38
bx +bx, =30

a -x =38
- =

b x =30

Sx,+2x, =38 [(x =06 ~
) = = x =(06,4).
Tx = 3x, =30 |x, =4

=

Cau 31. Tim géc giita @ va b trong truong hop sau: ¢ =(%3):6 =(L7)
Tra 1oi: 45
Loi giai
U _ ab. 4.143.7 25 _ | .
cos(a,b) =— = = == (a,b) =45
la| 1B Ja&+37 Jf+77 552 2

Cau 32. Cho A%3).B9:4).C15:0) i ¥ & AABC yyong tai C.

y =0
Tra loi: |V =7
Loi giai
CA=(-3:3- p:CB=(44- yMBC  Ces CALCBe CACB=0
vuong tai
y =0

e - 12+4(3- p)4-y)=0= -12412-3y-4y+y =0 ' -Ty=0= .
J'I:

Cau 33. Cho MBC ¢g Al-30).B(L-2).C(0:3) 1y, tam duong tron ngoai tiép A4BC

Tra 1oi: 1(1:3)

Loi giai

G ) ., MBC = 14=IB =IC
Goi la tdm duong tron ngoai ti€p

(74 =IB - 147 =IB’
4 =IC 14 =ic*

- | (‘r - X, ): "'(}'..- -V ): :(.'rﬁ - X, ): +(f1'ﬁ - ¥ ):
(-T_.- - X, ) "‘(}'..- =¥ ) :(rl. =X, )j +(J'r =¥ )y



_f(-3— X, )‘ +(06- _].)— =(1- X, ): +(-2- ¥ ):
(-3- 'r)' +(6- _].)— =(6- 'r)' +(3- ¥, )

9 +0ux, +.‘rf +30- 12y, +}-‘.: =1- 2x, +,~rf +4+4y, +}-‘.:
9 +0x, +x; +#30- 12y, + 3] =36- 12x, +x; +9- Oy, +;

(8x, - 16y, =-40 [x, =1
= 4 ! R = I(L:3)
18x, - 6y, =0 v, =3

Céu 34. Trong mit phang toa do (©%) ¢ho tam giac ABC ¢6 AL:0). B(- ED:C(3:- 1)y

toa do truc tim H cua tam giac 48C

Tra loi: 78-27)
Loi giai
r UL udd
AH 1 BC Ad -BC =0
ABC = < 1000 MO0 (1)
H(x;y) BH LAC  |BH -AC =0

1a tryc tdm cua tam giac

AH =(x- 1 y); BC =(6:- 2): BH =(x +1; - 1), AC =(4:- )
Ta co:
(6(x-1)=-2 v = (6x-2v = [ x ==
(1) o O(x-1)-2p =0 ﬁ{ﬂ.‘r 2, —ﬁﬁ{x— 8
Hx+1)-1(y-1)=0 4x-y=-5 |y=-27

H(-8-27)
Vay .

Céu 35. Cho A%-2).8(30) 3 toa d6 diém € sao cho A4BC déu.

C'5+3J§,_3+5J§' 5-243 -2+503|
2 2 2 2

‘

b

Tra loi: hoac
Loi giai

(AB =BC  [A4B® =BC?
= AB =BC =AC = = ﬂ ﬂ
BC =AC | BC* =AC*

AABC |
déu



10x. +4). =21 (1)
LEJ =(x, - 5) +y.  (2)

21- 10x,
=V, =—
) 4
(1) thay vao

. 21- Bk
(2):29 :(rl.—j)'-i-‘%‘

~ C"5+3J§:_ 3+SJ§"
ol ' .

i

C"s-zﬁ,-zdrsﬁ"
R 9

hoac

Cau 36. Cho AZHBC21) Ty didm C trén truc hoanh sao cho A4BC cantai 4.
Tri 16i: €C 10 hoge €6:0)
Loi giai

Celx= C(.TL.QD).MEC A= AR =AC = AR =AC*
can tai

o (-2-2)7 +(1-4) =(x.- 2V #(0-4) = | © = C(- 1,0)
hoac

Cau 37. Cho MBC ¢g A3:0).B(%-1).C(=4:3) 1y, 105 d6 diém K 13 hinh chiéu vudng goc

cua 4 lén BC

Tra 1oi: £(8:3)
Loi gidi
K(xx s Vi ) ) y BC
Goi 1a hinh chiéu vuéng goc cua  1én
UL LILIL UL LU
AK | BC - AK -BC =0 -
= 100 | 0o < {000 | 1 (*).
BC cung phuong BX | BC cung phuong BK
md m
AK =(x, - 5:3, - 6):BC =(1;1); BK =(x, - 4y, +1).
. l(x, -5)+1(y, -0)=0 2, = ,
(F)=dx, -4y +1 = = K(83).
U e =3

Céu 38. Cho A32:843) Ty didm M trén truc hoanh sao cho A4BC vyong tai M .



Tra 1oi: M(3:0) hoac M (- 2,0)

Loi giéi
MeOx= M (.1‘.__;;'3); J‘I:;A =(-3- X, E)J*l:ij —(4- _1'.__,.:3)

LIl UL

MABC vudng tai M < MA L MB = MA | MB

O0d  odd x. =3

= MA-MB=0= (-3- x, \4- x,)+6 =0 = , < M(3;0) hoac M(- 2;0).

x, =-2

Cau 39. Cho A44-BO) 1y didm € trén @ sao cho trung truc cua 4C di qua B.

;. c(0:6)" c(0:-4)

Tra loi
Loi giai
ceoy= c(0;y.)
AC Be B | AC = B4 =BC
Trung truc di qua nam trén duong trung tryc doan

-

= (4-0) +(4-1) =(0-0) +(y.- 1)

= c(0:6)" c(0;-4)

Céu 40. Cho A4BC ¢g A3:0).B(%-1).C-43) Ty, toa do diém M thudc doan BC sao cho

5-‘. MAB :55-1.'-.". iC

M [ -

L | G
L | =1

|

2

Tra loi:
Loi giai

AH L BC.S,, s =55,
Ké



j
B H M &

= _I}—AH -MB =3 % AH -MC = MB =3MC

uuu uuy LIl M|ujEN)

MB MC = MB =-5MC
Ma va nguoc hudng

?.TH -x, = 5(x.- x,)
= 4

Yoo ¥, = 5({11. - J'-__r)

4-x, ==5(-4-x,) ‘ 8 ?‘
— = = __

-1-y, =-5(3- }',__r) 33

, ) == J S —i A .. ,
Cau 41. Trong mit phing toa do O cho 2 va V=K - 4] Tim céc gia tri thuc clia

k ga 2luldv]

Eo
[
]
%aj
|
n

Loi giai

_:—5‘
|2 v=ki-4j=v=(k-4)
Taco va

k=-J85

Fo4(-4) = k2 +16 =101 = k> =85 = .
k =+f85




Céu 42. Trong mit phang toa do Oy cho A(0:4),B(- 2:- 1).C(3:- 1) Goi G 1a trong tam tam
00 0
ABC.1 ) , ) CF =—FA4
giac ** 1a trung diém doan CG  Trén AC lay diém £ sao cho 4 . Timtoa dd

diém F 2

Tra loi: (40

H|H]N) [N]NE)
AB=(-2:-3)  AC =(5-5)
a) Ta co: va

-2 -5
S #

uuy uuy

5 -5 4B L AC
Vi nén khong cung phuong véi

R ~ ABC 7 S  AB.C
Ba diém khong thang hang  Ba diém tao thanh mot tam giac.

AABC = . :G‘I;

L | b

2
G T3 3
b) latrong tam

GO =

W (% 5T70- %) [y g
CF = Fd e = {
1



Cau 43. Trong mit phing toa do %%

, cho tam giac 4BC ¢6

H ABC

Tim toa d0 truc tam

i
2
Tra loi:

cua tam giac

H(x;y)
Goi

AABC
la tryc tam cua

FUUL dug

il

{AH BC
BH -AC U

|BH L AC
Ta co

AH =(x+41y - 1), BC =(0:- 6), BH =(x- 2y - 4), AC

Ta co

-6(y-1)=0
Blx- 2)-3Hy-4)=

(*) =

T s e

Ciu 44. Trong mit phing toa do O

Tim toa d diém

4

b

Tra loi:

Iy
G1a s

M,N
Goi

—r
x-y=0

, cho tam giac 4BC ¢4

Loi giai

=(0:-3)

bt | =

ABC

1a tAm dudng tron ngoai tiép tam giac

Loi giai

AABC

1a tam duong tron ngoai tiép

BC AC

lan luot 1a trung diém cua canh va

A(- 4:1),B(2:4),C(2:-

A(-41), B(2:4),C(2:-

2)

2)



M(2;1) 2
Taco va
1 2 ., 4BC
Vi latam duong tron ngoai ti€p tam giac nén
(000 oo '_,5_-,“_ ) =0

IM 1L BC IM -BC =0

< 100 000 =

IN LAC IN -AC =0

X ==

|
o 4

6(-1- x)- 3(- I;— y) =0

=

Oxy (0:1), B(1:3),C(2:7) (3 DO:3) Tym giao

Céu 45. Trong mit phang toa do , cho bén diém A

diém cua hai duong thang 4C va BD .

I[ g;3
Traloi: |3
Loi gidi
M)y . AC BD
Goi 1a giao di€ém va
Al AC BI,BD
Suy ra cung phuong va cung phuong.
T e X —-'.I'I_I,.:::,ﬁ-_'}-—_'}“}
Al =(xy- 1), AC =(2:6) 27§ rrey=A
Mat khac, suy ra
BI =(x- Ly~ 3).BD =(- 1:0) y =3
Va suy ra
2
X =—
Thé vao (1) ta co
i
3 L
Vay la diém can tim.

Céu 46. Trong mit phang toa do O cho hai diém A(3:0).B(Zx) x4c dinh toa d6 diém B

biét rang O4 OB =12



B(2:1)

Tra 1oi:
Loi giai
04 =(3:6), 0B =(2:x)
Ta co:

] 04 OB =12 = 32+0x =12 x =1
Khi do: :

. B B(2;1)
Vay toadd diém  cantim la
Céu 47. Trong mit phang toa do O cho hai diém 4(20) va B(%:2) Tim toa do diém C sao

cho tam giac 4BC vuong can tai €.

Tra 10i: C(0:0),C,(2:2
Loi giai
C(x;y) E;i =(2- x;-y) E;JE =(-x;2- y)
Goi , khi do

N , ~ ABC C
Dbicu kién dé tam giac vudng cantai  la

U —
e bt

| |

[ T

CA =CB (2- x)* +37 =x" +(2- p)
(=] = )
CALCRB (2= x){-x)+(-y)}2- y) =0 r'

[ S5 T

[

q : C,(0;0),C,(2;2)
Vay c6 hai diém  théa man yéu cau bai toan la
Oxy

(0:4),B(-3:0) 3 CU0:4) G

Ciu 48. Trong mit phang toa do , cho tam giac 4BC ¢4 4

M. N 13 chan cac duong phan gidc trong va phan giac ngoai ctia goc 4. Timtoa dd M va NV .

g lalu]

A? =(-3-4)= AB=5
a0
AC =(10:0)= AC =10

Ta co:



M(x,;p,)

Goi
. I ’ )
iiif AR o I | -3-x, =- 5 {10- .T.__,) X, :E
.'ir".irB == E '."1-"1-(__' —- ; -‘-'l,.-fc f—1 I‘-' = 4
} 0-y, =- 5 '(4' __1'.__,-) Vo :5
Ta co: ' -
33
Suy ra
v(‘t.\';.}\)
Goi
i == {10~ x,)
0 4 ©0 OO0 -3-x, =5 10- x, =16
NB =—— NC == NC = |~ X I
AC - D-l.‘:;'(fl--l.\) Vv =7
Taco B
N =(-16:-4)
Suy ra

Céu 49. Trong mit phang toa do OXY  ¢ho hinh binh hanh 4BCD ¢4 AB3:4).C&:1) Goi M 1a

trung diém ctia canh BCN 13 giao diém cua BD va AM . Xac dinh cac dinh con lai ctia hinh

-’V[E-z}

binh hanh 4BCD bidt 3

Tra loi: B(2:1),D(9:.4)

Loi giai
y D
I
B 7 /
ABCD

I
Vi latam cua hinh binh hanh



I y AC
Nén la trung di€ém cua

348 11
YT T2 (115
= - S = f| —=
4+1 5 | 2 2)
)
_ ABC  Bi.AM , ) N _ ABC
Xét tam giac thi la hai duong trung tuyén nén  1a trong tdm tam giac
13 3+x,+8
— e ————————————ee. i . :,}
3 3 - | “= B(21)
- :4““}'3 +1 Ve =1
3
Do d6
D(x,:y,)
Goi
(24, =11 {1 =9
BD = ' = !
7 I+y, =5 v =4 D(9;4)
Do trung di€m cua nén
B(2:1),D(9:4)
Vay

Oxy , A(l:3),8(-3:1),C(5:- 0)

Cau 50. Trong mat phéng toa do , cho tam giac 48 Cco

, P . . ) , M
Tim toa dd diém  ¢0 dinh va hang s6  dé€ hé thuc sau théa man véi moi diem

UL LIl a|NN 0§ LI

MA+ MB +2MC =k MP

k =4
Tra 10i:
Loi giai
7 ) IA+IB+21C =0= [(2:-2)
Goi la diém sao cho
MA+MB +2MC =kMP = 4MT =EMP(1)
Ta co:

M M
Do hé thuc da cho dung véi moi  , nén (1) cling ding v4i moi



M

_ 4P[ =kPP= P =I= P(2:-2)

M =
Do dé (1) cling dtng khi , khi do:

(1) & 4MI =kMI = k =4
Tu dé suy ra

Céu 51. Trong mit phang toa do O cho tam giac ABC ¢4 A(l:3).8(- 31).C(5:- 0).
. E Ox EA+EB o ,
Tim toa d0 diém  trén sao cho dat gid tri nho nhat.
E(-2:0)
Tra loi:
Loi giai
E(e;0)
Goi .
AaB N Ox
Ta co: nam cung phia voi
. B(-3-1) » . B Ox
Goi la diém doi1 xing cua  qua
. EA+EB=EA+EB o . AEB
Khi do: dat gia tri nho nhat khi thang hang.
oof 000 (e-1=-9- 3¢
EZ?!:'AE:?;EB':' ‘ ‘
EB 3=3
Suy ra

= eg=-2= E(-2:0)

A < 1% ~ Ox . . Al -3 5.
Cau 52. Trong mit phing toa do Y, cho tam giac 4BC ¢6 A(L;:3),B(- 31),C(5;-0)
e |
Tim toa d0 diém  trén sao cho dat gia tri nho nhat.
F(0;9)
Tra loi:
Loi giai
J JA+3JB- 2JC =0= J(-9;9)

Goi  la diém sao cho

FA+3FB- 2FC =2FJ =|FA+3FB- 2FC|=2FJ
Suy ra



| FA+3FB- 2FC)| ,
Nén dat gia tri nho nhat khi

. F p J Oy
Khi @6 1a hinh chiéucaa trén

F(0;9)
Viay .

Tai liéu dugc chia sé boi Website VnTeach.Com

https://www.vnteach.com

nho nhat.
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