0 BAlI GIANG 1 : KHAI NIEM VECTO

£ LY THUYET 3

[ . Ly thuyét bai giang :
Véc-to chi ed mit chidu
mmmmmwmmﬁmm}

! Tanthi biing 26t chia ké
| | Enthi ton chiy khi ké bénanh

. Memorize :

Cau1: Cho hinh thang 4BCD véi hai day 1a 483-CP va c6 hai duong chéo cét nha\||
tai O.




[W]H]N)

a) Goi tén hai vecto cung huéng véi 40,

[N]N]N)

b) Goi tén hai vecto nguoc hudng véi 48 .

\. Loi gidi :

Cau 2: Cho hinh thoi 4BCD canh béng ¢ c6 tdm O va BAD =60°
a\3

a) Tim trong hinh hai vecto bang nhau va cé d6 dai bang 2

b) Tim trong hinh hai vecto doi nhau va c6 do dai bang a\/§_

\. Loi gidi :

Cau 3: Cho hinh chit nhat 48CD ¢4 O 13 giao diém cta hai duong chéo. Hay chir
mot cap vecto:
a) cung hudng. b) nguoc hudng. c¢) bang nhau.

\. Loi gidi :




Cau 4: Goi O 1a tam cla hinh bat gidc ABCDEFGH
a) Tim hai vecto khéc 0 va cung huéng véi 04
b) Tim hai vecto bang vec to BD :
\. Loi gidi :

Cau 5:

Cau 6:

Trong hinh bén,

uuuy uuy
tim vecto cuing huéng véi vecto 4B ; nguoc hudng véi vecto 48 .
Loi giai
uuu oy [S]S]E) uuu

Vecto €D cung huéng véi vecto 48, vecto MN nguoc hudng véi vecto 4B .

Cho hinh binh hanh 4BCD




A B

D | ' C

[NININ)

a) Vecto ndo bang vecto 4B ?

uuu

b) Vecto nao bang vecto 4D

Loi giai
uuy uuy

cung huéng va 48 =DC pgn 4B =DC

[N]N]E) [N]N]E)

a) i 4B.DC

[N]N]N) Uy

b) Vi AD,BC

Uy uuuy

cung huéng va 4D =BC pgn 4D =BC

Cho hinh chir nhat ABCUE. Hay chi ra méi quan hé vé do dai, phwong, hudng giita céc
[N[N]N) uuu uuu

cap vecto: 4D va BC, 4B 4y CD.AC 4y BD
vecto trén la bang nhau?

. Nhitng cap vecto nao trong cac cap

Loi giai

r

- Haivecto 4D va BC ¢6 cuing do dai va cung huéng. Do d6, hai vecto 4D va BC ba
ng nhau.

i uuuy uuu

- Hai vecto 4B va CD ¢é cung do6 dai va nguoc huéng. Do d6, hai vecto 4B va

CD khong béng nhau.

- Hai vecto 4C va BD c6 cung do dai nhung khéng cuing phuong nén khong cung

[NIEIE) uuu

huéng. Do d6, hai vecto 4C va BD khéng bang nhau.

uuu [N]NIN)

Vay trong cac cdp vecto dang xét, chi cé cip vecto 4D va BC 1a bang nhau

uuu uuu

(AD =BC)

Cho tam giac 4BC. Goi M.N.P 131 luot 1a trung diém cha BC-C44B
Chirmg minh rang:

a) MN =P4 b) MP =CN
Loi giai

Xét tam gidc 48C .



Cau 10:

Hinh 65

. o
MN/TAB.MN —— AB
a) Vi MN 13 duong trung binh cfia tam gidc 48C nén 2

Suy ra MN /[ TAP,MN =AP . Vay MN =P4

b) Chirng minh twong tw nhuw cau a).

Cho tir gidc 4BCD | Chirng minh rang t& gidc d6 1a hinh binh hanh khi va chi khi

AB =DC
Loi giai
AR/ DC
—r
| AB =DC

Tt gidc 4BCD 3 hinh binh hanh

Ma AB//DC= AB.DC g phuong, do d6 ciing huéng.

UL Ll

AB, DC cueng phddng
AB =DC

= AB =DC

uuu uuu

Vay t gidc 4BCD 13 hinh binh hanh khi va chi khi 48 =DC

Cho t& giac ABCD. Goi M-N.P.Q 14n lwot 1a trung diém clia bén canh

[SIN{NIN} N[N} )

AB. BC.CD.DA iy 29). Ching minh MV =9F

Loi giai
L o
MNITAC MN =— AC
Vi MN 13 duong trung binh ctia tam gidc 48C nén 2

o 1
OP /| |AC,0P =—AC
vi 2P 14 duong trung binh cla tam giac 4CD nén 2

[N]NIEIN] [N{NpN)

Suy ra MV //OFMN =0F 115, MNPQ 13 hinh binh hanh. vay MV =P






0 BAl GIANG 2 : TONG HIEU VECTO

\ Ly thuyét bai giang :

. Memorize :

o~

UURY @

Cau 11: Cho tir gidc 4BCD

[N N [S]NIN} [= E N} [N[N]N]

a) Ching minh 4B +BC+CD+DA=0




(NN A} [N]N]N) (N]E]N) (NN N} |‘

b) Chting minh AB+CD =AD +CB

\. Loi gidi :

Cau 12: Cho hinh binh hanh 4BCD v3 diém M bat ki. Chtmg minh rang

(N[N N
MA+ MC =MD+ MB

\. Loi gidi :

Cau 13: Cho tir gidc 48CD | Chimg minh rang
(N[N N (W] N[N} (W] N[N} (N[N N [N[N]N] [N]N]N} [NIN]N]

a) AB- AD =CB- CD b) AB- DC =AD- BC

\. Loi giai :

Cau 14: Cho M 13 trung diém cia 4B va diém E Dbat ki. Ching minh rang:

EA+EB =2EM

\. Loi gidi :




Ly (W[N] (E|N]H] (N0 A} (NN N} L |‘

Cau 15: Cho 6 diém 4:8:C.D.E (3 F Chtmg minh rang: AD +BE+CF =AE+BF +(CD

\. Loi gidi :

Cau 16: Cho bon diém bat ki 5:C:D  Ching minh

Lo [N N]N} [NIN]N} (NN}
AB- AD+CD- CB =0.
Loi gidi
Tacs. AB~ AD+CD- CB =(AB- AD)+(CD- CB) DB +BD =DD =0
[N]N ] [N N[N LIl [N[N]N N}
Cau 17: Cho 4BCD 13 hinh binh hanh. Chimg minh M5- M4 =MC- MD y4i méi diém M

trong mat phang.
Loi giai



ATt TTRT T
ME - M. :ABI
a0 a0 I

MC- MD =DC

Ta co

[NIEIE) [NE}E)

Ma 4B =DC pegn duoc diéu phai chiing minh

Cau 18: Cho tam gidc 4BC . Cac diémM , N va P lan luot 1a trung diém caa 4B, 4C va

LI NN LILILL] JJJ., NN
BC | Chtrmng minh réng véi diém O bat ki ta c¢ OA+ OB +0C =0OM +ON +0F
Loi giai.

u]N N} SNN) ENN) g SN N} mIN|N} ms N mIN|N} MmN}

Ta cg OA+ OB +0C =OM + MA+OP + PB+ ON + NC

A

B P
=0OM+0ON+OP+MA+ PE+NC

S|E NN} LLILI LI a]uiN) Luuu sjulu}

=0M +ON +OF + MA+ NM + AN

LI ajuin} S| un} S|EE|E) S|NIN )

=0M + ON +OF + MN + NM
=0OM +ON +0OFP +0 =OM +ON + OF
Cho hinh binh hanh 4B8CD tadm O, M la mot di€m bat ki trong mat phang. Ching
minh rén9
L LIl g
a) BA+DA+AC =0

Cau 19:

mIN| N} uuu

b) OA+OB+0C+0D =0
LILL] S]u|iE) ajuin} SjuiN ]
c) MA+MC =MB+MD
Loi giai.

UL LIl LI muin L m[uin| (NN m[uin| LI
 BA+DA+AC =- AB- AD + AC =- (4B+ AD)+ AC
a) Ta co .



LRl LI S|un}
4

Theo quy tédc hinh binh hanh ta c¢6 BA+AD=4AC  syy ra

SN N Lig NN SN N

BA+ DA+ AC =- AC+ AC =0

SNN) SN N SN|N} SN N}

b) Vi 4BCD 13 hinh binh hanh nén ta cé 04 =CO= 0A4+0C =04+ 40 =0

SN N} SN N} mN |}

LIl SN N} W) m| NN} WNN] ms N

c) Vi 4BCD 13 hinh binh hanh nén ta c6 48 =DC= BA+DC =BA+ 4B =0

SN N MN]EN) SN N} SN N WN)N ] M| NN}

Suy ra MA+MC =MB+ BA +MD + DC

s|un} S]u|EN] LI sjun} a]uiN) LIy

=MB+MD+BA+DC =ME + MD.

Cau 20: Cho tam gidc nhon 4BC cé cic canh ddi mot khac nhau. Goi H.,0 13n luot 14 truc
tdm va tam duong tron ngoai ti€p cla tam gi4c, D 13 diém doi xting véi H qua O.

Chimg minh H4+HB+ HC =HD
Loi giai

K& duomg kinh AE . Ta c6 BH//EC.CHIIBE gquy rq BHCE 13 hinh binh hanh. Tt
gidc AHED c¢ hai duong chéo cat nhau tai trung diém ctia méi duwong nén ciing la

hinh binh hanh. Ta cé: Hd+ HE+ HC =HA+ HE =HD

4

E
Hinh 69

SN N} m|u|N} LILIL

Cau 21: Cho bén diém 4:8:C.D  Ching minh BC +AB =DC+AD
Loi giai

BC+AB AB+BC AC,DC+AD =AD+DC = AC

Tl cdc dang thic trén, ta c6: BC+AE=DC+AD
Cau 22: Cho tt gidc 48P0 13 trung diém clia 4B . Chimg minh: OC +OD =AC +BD
Loi giai
LILILI W[N]
oc +GD _GA +_AC' +ﬂ3 +BD
000 - 000
=0+ AC+BD

A.B.C.D.E

Cau 23: Cho nam diém . Chirng minh rang



Cau 24:

SN} LR LIl m|u |}

a) AB+CD+EA=CB+ED

L Ly aju ] LI LILL]

NN
b) AC +CD- EC =AE - DB+CB |
Loi giai
a) Bién d6i vé trai ta cé

A(N[N] (W[N] LI A[H[H] A(N[N] [N[H] A(NN]

v1 =(4C+CB)+CD +(ED+D4) =(CB + ED)+(4C +CD)+ DA

(N[N} A(NTH] W[N]

LLIL
) +. +. + uuu uuy
(CB+ED)+AD+DA _t o VP (dpom)

LILLI LLILI LILLI N[WH] LILLI LILILI
; . . (4c- 4g)+(cp- cB)- EC+DB =0
b) bang thuc twong duwong voi

LIl S|u ] ajun} ajuin} ujuin} ujuiN)

< EC+BD- EC+DB =0+ BD+DB =0(dgng).

Cho tam gidc 4BC Goi M, N, P lan luot 1a trung diém caa BC, C4 | 4B  Chimg
minh rang

UL S|uu} S|NN}

a) BM+CN + AP =0

L ujuin} LI S|ENN}

b) AP+AN- AC+BM =0

LILLI Ly aINN) a|aju ] g g

c) OA+ OB+0C =0OM +0ON +0F y&i O 13 diém bat Ki.
Loi giai.

T AT /)
a) Vi PN, MN 13 duong trung binh ctia tam gidc 4B8C ngn PN/ BM  MN//BP

[NN]NN] uuuy

t& gidc BMNP 13 hinh binh hanh = BM =PN

suy ra

A

B P C

uuu o

Vi N 1a trung diém clia 4C = CN =NA|

Do d6 theo quy tac ba di€m ta cé

AN N} A[N[H] A[N[H] [N[H] N[N A[H[H]

L Ll
BM +CN + AP =(PN + NA)+ AP =PA + AP =0

b) Vi t& gidc APMN 13 hinh binh hanh nén theo quy tdc hinh binh hanh ta cé

S|un} S|u|EN}

AP+ AN =AM két hop voi quy tac trir

LILL] SN N} LILL] m|N NN} SIN|EN) MmN} SN} SIN|N]N) WN)N ]

= AP+ AN- AC+BM =AM - AC+BM =CM +BM

SN IE] S|EN ] LLILI M|N]N} L Luuu



c¢) Theo quy téc ba diém ta co
(W] ) [[H]N) (W[N]

LI [N]N ] L U] N] H|HH] L
o4+ 0B +0C =(oP+ P4 )+ (oM + MB)+(0N +NC)

NINHTN] uuu uuu uug A[NN}

U] NN
=(OM +ON +OP)+ PA + MB + NC

N[N|WTH] LL H[NN] UL H[NIN] g
=(oM +0N +0P)- (BM +CN + AP)

NS NN} [N]N]N) [NN]N) NN E] Ly [N]E]N) [N|N]N ] [N|N]E) [N]E]N)

Cau 25: Cho hai tam gidc 4BC va 4BC ¢ cung trong tdm la G. Chtémg minh

[N]N§] . oy . _IJJ.I.
A4 +BB +CC =0

Loi giai
L uuu Uy uuy uuu uuu uuw  guy uuuy

AA +BB +CC =AG+GA +BG+GB +CG+GC

[NN(N] uuu uuy (N[N T N ATy VT WA}
=(AG +BG +CG}+(GA +GB +GC )

of of o 00 ood oo, o
=-(GA+GB +GC}+(GA +GB +GC ):—DH} =0.

THU THUAT

Uy [N]W{N]N]

Cau 26: Cho ba diém M-N:P  vecto 4 =NP +MN bang vecto nao sau day?

A. PN . B. PM C. MP, D. NM
Loi giai
[N]N]N} [N[N]N N [N[N]N N [N[N]N] [N[N]N]

Ta cé 4 =NF+MN =MN +NF=MF Chon C

Céu 27: Cho ba diém P-E£.G Vecto v =DE+(-DG) b{?&lug vecto nao sau day?
A. EG B. GE; c. GD; D. ED,

Loi giai
[S]S]N) [SINN)

Ta c6 ¥ =DE+(- DG) =v =DE +GD =GE cpon B

Cau 28: Cho ba diém M-V:¥ phan biét. Phét bidu nao sau day la ding?

[N NN} [NIN]N] ud [NIN]N N} [NINE] [NIN]N]
A. MN- NP =MP B. - MN + NP =MP

[N NN} [N]N]N} [N]N]N} [N NN} [NININ] [NIN]N]
C. MN + NP =MP D. MN + NP =- MP

Loi giai
Chon C

Cau 29: Cho tir gidc 4B8CD 13 hinh binh hanh. Khdng dinh ndo sau day la dung?
[N]N T} 4]0 N} (NN N} Ly [N]N]N} [N]H]N]
A, BA+DA=CA B. AB+BC =AD



LILL] ajuu} L LI S| uN} L

C. AB+AD =CA D. AB+ BC =- AC
Loi giai
Chon A

Cau 30: Cho céc diém 4:5:9 Khang dinh nao sau day 1a dung?

LI S| i L L LI LIl

A. AB =04- OB B. AB =0B- OA

LILL] LIl ajuin} LI ujuu} aju ]

C. AB =04+ 08 D. 4B =0B+04

Loi giai

Chon B
Cau 31: Cho tam gidc 48C . biéu kién can va di dé G 1a trong tdm cua tam gidc 4BC la:
LILRLI H[N) Ll ULl M[]N} LILIL
A, GA+GB =GC B. GB+GC =AG
LILLl LILL] W|N[N) LIl W]HN] N[N
C. GC +GA =GB D. GA+GEB- GC =0

Loi giai

Chon B

Cau 32: Cho hinh binh hanh 4BCD. Vecto téng CB+CD bang

uuu uuy uuu

A. CA4 B. BD, c. 4AC, D. DB,
Loi giai

Chon A

L s|un} LIl

CB+CD =CA

Cau 33: Cho bon diém phan bist 4 B:C:D  vecto tdng 4B+ CD +BC +DA hing

A0 B. 1€ c. BD, D. B4
Loi giai
Chon A

g m]u|N} L M| NN} uuu SN N LIl m|u |} ms N

AB+CD+BC+ DA =AB+BC+CD+ D4 =44 =0

Cau 34: Cho tam gidc 4BC . Goi MNP 14n luot 14 trung diém cta 45-BCCA  vecto téng

uuy uuug uuu uuy

A. BP. B. MN c. ¢F. p. P4
Loi giai
Chon A

L LI S]u|E N S|u ] H]ulN)

MFP + NP =BM + MFP =BF

Cau 35: Cho hinh binh hanh 4BCD v3 goi I 1a giao diém cua hai dudong chéo. Trong céc
khang dinh sau, khdng dinh nao dung?

A, I4+DC =IB B. AB+AD =BD



Cau 36:

Cau 37:

Cau 38:

Cau 39:

Cau 40:

uy Uy uu

c. [4+BC=IB p. AB+I4=BI
Loi giai

Chon A

L S|un} Ly S|uN} aju]

A+ DC =[4+ AB =IB

S ENIN] S|NN) M|N]N] SN M|N] ]

Cho céc diém phan biét M.N.P.O.R x4 dinh vecto tong MN +PQ+RP + NP +QOR

[NNIN N}

A. MP B. VN c. 19 Dp. MR
Loi giai
Chon A

W NN} SN N} SN N} mIN| N} u NN} mIN|N} uuu MmN} LIl

MN+FPO+ RF+ NP+OR =MN+NF+FPO+0OR+RF = WP

Cho hinh binh hanh 48CD  Trong c4c khdng dinh sau, khang dinh nao sai?

LI ajuu} sjun} LI ajuu} LI

A, AB+BD =BC B. AB+AD =AC
LL Il s|uN] a|uN]
C. AC +-:_”D CB D. DC +D4 =DE
Loi giai
Chon C
LLILI LIl LILLI NN )

AC+CD =AD =BC
Cho tam gidc 4BC va M.,N,P 14n luot 1a trung dim caa B¢ 448 Trong céc
khéJnJg dinh sau, khang dlnh nao sai?

W M[NNE] aluu}

A. AB+BC+CA =0  B. AP+BW +CN =0

LILLIL LIl SN ] LI S|EINE] S| uN}

C. MN + NP+ PM =0 p. PB+MC =MP
Loi giai
Chon D

ms N SN ) SN SN N]N] SN NN

FPBE+MC =FPE+ BM :P.-‘H'

Cho hinh vuéng ABCD , tam O. Trong céc khdng dinh sau, khang dinh nao ding?

ujuiN) L

A BC+AB=CA B, OC+A0 =CA

AN L LI L LILL]
C. BA+DA=CA_ D. DC+BC =CA
Loi giai
Chon A

NN LI S| uN} ujuin} su]

BA+DA =CD+ DA =CA

uuu uuu
AO- DO)
Cho O 1a tdm hinh binh hanh ABCD  Hgi vecto ( ) bang vecto nao?

uuy [N]N]N)

A. B4, B.BC. c. DC, D. AC,

Loi giai



Cau 41:

Cau 42:

Cau 43:

Cau 44:

Cau 45:

A0 - DO GD OA =AD =BC

W|N W] m|u |} SN N} uuu

MN - QP +RN - PN +QR

Chi ra vecto tong trong cac vecto sau
[N]N]NN)

uuu uuu uuuug

A. MR B. MO C. MP. D. MN
Loi giai
Chon D

S NN} W|N]E] NN W|N]E] LILLl S|NN N}

MN + NP +PQ+OR + RN =MN_

Cho hinh binh hanh ABCDv3 diém M tuyy. Dang thitc ndo sau day ding?

LIl aINNE} Al NN ) L

A. MA+MB = MC+MD B. MA+MD = wc+w3.
LILLILI NN LIl NN N} LILLI WINNN] N[N LIl
C. AM + MB =CM + MD _ D. MA+MC =MB+MD
Loi giai
Chon D

LIl S|EINE] ajuu} S]u|EN]

Ta c6: MA+MC =MB+MD

& MA+MC- MB- MB =0
o0 000 00 OO0
= MA- MB+MC- MD =0

= BA+DC =0.(dtng).

aNjN) Ly g LIl

Cho bon didm 4+ 8- € D phan biét. Khi d6 vecto ¥ =AD- CD+CB- DBy,

[WN]N] [WN]N]

A, u=0 B. u=4D C. U CD. D. u =AC,

Loi giai
Chon D

W|N|N] NN A[N]N] u|N N M|N]N] | N]N] |N]N] m|N|E] W|N]E] M|N]N] |N]N]

W=AD- CD+CEB- DE=AD+DC+CB+BD =AC+CD =4AD

Cho 4 didm4- B: €. D . Pang thitc nao sau day dung?

S| uN} H]ulN) S| i Ly S| an} s un} LIl

A, AB- DC =AC- DB B. AB+CD =AD+ BC

LI NN} NN} L
C. AB- DC=AD+CB D.

u|N N W|N]E] NN M|N]N]

AB+CD =DA- CB

Loi giai
Chon C

Ly S| uN} LI s|u ] ajuin} ajuin} LI

AB- DC =AD+ DB+ CD =AD +CE
Cho Cho hinh binh hanh 4BCD tam O . bdng thtc nao sau day dung?



L S| NN LU LU aju ] ajun} LI sjun}

A, AO+BO- CO+D0O =0 B. AO+BO+CO+DO =0
LI ajuin} ujuiN) LI SEE] L S]un} S]uN}
C. AO+0B+CO- 0D =0 D. O4- OB+CO+ DO =0
Loi giai
Chon B

g m|u |} m|u|N} m|. ) SN N SN} SN N} SN}

Ta c6: AO+BO+CO+DO =A0+CO+ BO+D0O =0

[N]N]N} (W[N] [NIN[N) [N]N]N]

Do 40 CO gsi nhau, BO, DO 45i nhau

Em hay chi c6 biét dau la chau My?

Ha chi trén ban do6: Thua c6, day a!

C6 gido gat dau:Tot lam! Nao, thé bay gio tro Ti hdy ndi cho cb biét ai da cd cong
tim ra chau My?

Ti: Thua c0, ban Ha a.

_17?




0 BAl GIANG 3 : PO DAI CUA VECTO

N\ Ly thuyét bai giang :

. Memorize :

uuu uuu

AB+ AC

uuu uuu
_|4B- AC
va o

Cau 46: Cho tam gidc 4BC déu canh ¢. Tinh




uuu (NTNIN)

Cau 47: Cho hinh vuoéng 4BCD canh ¢, tdm ©O. Tinh d6 dai ctia cac vecto 4B+ 4D,

AB+AC, AB- AD.

. Loi giai :

uuu

LILLI
A+ CRE

LILLI i
SRR g cA- CH|
Cau 48: Tim tinh chat clia tam gidc 4BC biét : )

. Loi giai :

(N E] L (N]E]) (NN} (W[N] [WIN{N )

Cau 49: Cho ba luc F =MA,F, =MB ., F, =MC cung tac dong vao mot vat tai diém M ve

uu uy

vat dimg yén. Cho biét cuong do clia FoF q8u1a 10 N va Unmp =90’ . Tim d6 16m

> F,
cua luc "3.

\. Loi gidi :




Cau 50: Khi may bay nghiéng cdnh mot géc ¢, luc F cua
khéng khi tdc dong vudéng goéc véi canh va bang téng

cua lyc nang £ va luc cén £y nhw hinh bén. Cho biét ( o
] [N} ud

c F| =a F F,
a =30" vy .Tinh I 'l va I *l theo @.

. Loi giai :

r,

»
Cau 51: Cho tam gidc déu ABC canh béng ¢. Tinh d¢ dai céc vecto:

a) BA+AC b) AB+AC c) BA- BC
Loi giai

a) BA+AC =BC=|BC|=BC =a

b) Dung hinh binh hanh 48DC | giao diém ctia hai duong chéo 1a O ta cé:



i mi ool

o ool odd 2
AB+ AC =ADAD =240 =2JAB* - BO® =2 ‘: =a\[3=|AB+ AC |3 AD|=AD =a-3

uuug [S]N N} [S]N]N) [N)N N} [N ]N N} [N]N N}

c) BA- BC =BA+ (B =CB+ B4 =CA

=|BA- BC|3CA|=CA =a

Cau 52: Cho hinh vuéng 4BCD cé canh bang @ va ba diém “77-K thaa man

KA+ KC =0:GA+GB+ GC =0 HA+ HD+ HC =

uug Uy U

Tinh d6 dai cac vecto K4.GH.AG
Loi giai
Ta c6 AC =AB2 =av2
) Rieie <o
a2

AC = AK :é-aJ: =

Suy ra K la trung diém 2 2

[S]E §] g [N]E]E)

+) HA+HD+HC =0 gyyra H 1a trong tam cta tam gidc ADC

-
= DH =—DK ZLDB[I}
3 3

(NN [N E]H] o

+) GA+GB+GC =0 gyyra O 1a trong tam cta tam gidc ABC

A B

5
= BG =—BK :135{3}
3 3



a2

(1,2)= HG :%ED =

Tw 3
&
KG=KH :lHG :”'*E
Ma 2 f
- - : ﬂﬁ \? : -ﬁ‘ﬁ ’ .ﬁh.j- Il:l
= AG =\JAK> +GK* = + GJ‘
\), 2 6 ‘ 3 = 4G|=
|Jﬁ| \r ﬁ M W5
KA|= _avs
Vay 3 3
Cau 53: Cho tam giac ABC ¢ B =2a, AC =3a_ 5
BAC =45 (Hinh 37). Tinh:
o - e o

Loi giai
a) Ta c6: AB- AC =CB=|AB- AC|3CB|=BC

Ap dung dinh li cdsin cho tam gidc 4BC ta cé:
BC® =AB +AC’ - 2AB ‘AC <o0s 4
=(2a)* +(3a)’ - 2 2a 3a cosd5 =(13- 64/2)a".

ud uud
vay | 48- AC|=avf13- 642

b) Dung hinh binh hanh 45DC (Hinh 38), ta cé:

B D
A c
Hink 38
NI TR TN TR T
AR+ AC = AD.

Upp =180 - B4c =135 ,8D =4c =3a.
Ap dung dinh li cdsin cho tam gidc 48D ta cé:

AD? =AB +BD*- 2AB -BD <os HBD
—(2a)’ +(3a) - 2 2a 3a cos135 =(13+6:2)a".

b
ay | AB+AC|-&-\|I'I3+GJ_



Cau 54: Cho tam gidc 48C vuéng tai 4 cé HBc =30" va BC =“‘E. Tinh d6 dai cta céc vecto
AB+BC AC- BC yy AB+AC
Loi giai
LI W[N] Uy

Theo quy tac ba diém ta cé AB+BC =AC

B D

A C

. AC . . . 5
sin B =2 = 4c =BC.sin HBC =a-f55in30 :ﬂ\'r
Ma BC 2

ool O, Ood oJ5 000 mi mi mi ood
|AB+BC|:|AC|:AC: - AC- BC =AC +CB = AB

Do do

. . . - - . Sa J1s
AC? + AB* =BC* = AB =BC* - AC* = |5qa° - 22 =2 .
Ta co: 4 2

fic- 5| =is] = 45 =T

Vi vay 2
Goi D 1a diém sao cho t&r gidc 48PC 13 hinh binh hanh.
Khi d6 theo quy tac hinh binh hanh ta c§ A8 +AC =AD

Vi tam gidc 4BC vuéng tai 4 nén t& gidc 4B8DC 13 hinh chir nhat suy ra

AD =BC =avl5
i} L [N
|48 +m:‘ = AD‘ —AD =ayf5
Vay .
Ll LIl
) . - ‘P‘,‘:B;"J,E =N
Ccau 55: Hinh 419 biéu dién hailyc """ clung tdc dong lén mot vat, cho : .
oy uu

Tinh d6 16n cua hop luc F+ 1,



120°

Fi

Loi giai
Uy uu

Dung hinh binh hanh 48DC véi hai canh 1a hai vecto FoF e hinh ve

B D
F2 p o 4
1;6‘/
A -+ ¢
F1

Ta co:

L uu uuu WINIH] uug

U] L L
F+F, =AC+AB =AD = |F, +F,|3 4D |=4D
Xét AABD ta co:
F,

LLI
BD =AC :‘F,‘ =3,4B =|F,| =2.

Ugp =180 - H4c =180 - 120 =60

Theo dinh li cosin ta c6:

AD? =AB* +BD* - 2 -AB -BD cos UBD

= AD* =27 +3 - 2.2 3 cosl20 = 4D =19

i
=19

= AD =19 Viy |F, +F,

Cau 56: Cho hinh vudéng 4BCD ¢4 canh bang 1. Tinh d6 dai clia cac vecto sau:

[S|N]N) uuu uuu

[N]N N [N]N]N} L (N[N ]
) d =(AC+ BD)+ CB

a b) b =AB+AD +BC +DA

Loi giai

(NN} [N|N]N} [N]N ] [N NN [N NIN] [N N} L

a) @ =(AC+BD)+CB =AC +CB+ BD =AD



Cau 57:

Cau 58:

Cau 59:

al=AD =]_

Suy ra
b) b =AB+AD+BC+DA =AC
Suy ra |b|=4C :"E.

Cho tam giadc déu 4BC canh bang 1 va M 1a trung diém BC . Tinh d6 dai clia cac
vecto sau:

uuu g LI SN N} W|N]N)

a) @ =4AB- AC b) b =(MC - MA)+ (! ‘H’B WA}
Loi giai

LI s|un} L

a) @ =AB- AC =CB_gyyra |¢|=CB =1

SN SN N} LILg SN} SN ) SN SN N]N)

p) b =(MC - MA) +(MB - MA) =(MC + MB) + (AM + AM) =2AM

Suy ra |2 [=524M =3

Cho hinh vuéng 4BCD canh @ . Tinh |48 +AC],
Loi giai

Dung hinh binh hanh 4BEC (Hinh 67).

A B
D C E
Hinh 67

Ly |N]N] M|N] ] H[N]N] N}

Ta ch. AB+AC =AE=|AB+AC|qAE|=AE
vi CD//AB.CEIIAB pay C.D,E thang hang.
Ta cg: PE =DC+ CE =2a

Tam gidc ADE vuéng tai D, suy ra

AE =\JAD® + DE* =\Ja* +(2a)* =a5

M|N]N]

|A3+Ac|:|AE|—aJ_
A 1 v 1A ) N S
Trén Hinh biéu dién ba lyc “!, "2’ 3 cung tac dong vao mot vat ¢ vi tri can bang 0.

Cho biét cuomg do cua FoF q8u bang 100N va géc tao béi B g b2 bang 120 .



uu
, R A s F,
Tinh cuwong do cua lyc “3.
Loi giai
UL uug uug Luu ug U

Ta st dung céac vecto 04,08,0C va OD 1an luot biéu dién cho céc luc
hop luc £ cla £k

A<l
Fs
C
F| =100
— Fl=|F.|=
Khi d6, do © ~Fi+H gy | '| : , nén tir gidc 49BD 13 hinh thoi. Tir d6, do

HoB =120 suy ra 84D =60 do d6 tam giac 409D déu. Bdi vay
| F|=0D =04 =100

uu

A kd . 7 n > A . \ F Ve \ 7 N A >
Do vat &vi tri cAn bang nén hai lyc £ va 3 nguoc huéng va cé cuong dé bang nhau,
oy

oy oy

tic 1a hai vecto O va OC 13 hai vecto d6i nhau. Suy ra cuong d6 cta luc £ bang

N[N ]
|ﬁ|:}F|:lDDf_.-"v]n.

mE) S S|N} NN oy [NjNIN )

F, =MA.F, =MB _. F, =MC
- va

Cau 60: Cho ba luc cung tadc dong vao mot vat tai diém M va vat

dimg yén. Cho biét cuong d¢ cla ELE qay1a 10N vy AMB =90 Ty d6 16n cta luc
F
Loi giai



[N R W W Ry N[N

Ba luc F. By, cliing tac dung vao M va vat ding yén nén hop luc cta ching cé gia

tri bang khéng, hay:

F+F +F, =MA+MB+MC =0

LI

Dung hinh binh hanh M4DB | khi d6: MA+MB =MD

A D

C

Sl 4l Sl 4l

= MD+MC =0= MD.MC  (p4i vecto d6i nhau)

= MD =MC
Xét hinh binh hanh MADB, ta cé:
AM =AB 3 4MB =90
= MADB Ia hinh vuéng, canh 458 =10

= MC =MD =AB 2 =102

m JJ

‘:twﬂ_wc _It}-.."_ \)

Vay do 16m cua luc Fy la

Cis THU THUAT

Cau 61: Cho hinh thang can ABCD, c6 day nhé va duwong cao cung bang 2a va AsC =45°

A(NN] A(NTN]

B - AD+AC

Tinh

A. a3 B. 2a\5 c. a5 D. a2
Loi giai

H[N[N] UL H[N[N] UL H[H[H] H[H]H] H[H[N] H[H]H]

|CB AD + AC| |CB + DA+ AC| _|CE +DC| _|DB| =JBH? +DH* =2a4f5

Pap an B.

|a+b|+|a- b|

a bl =
Cau 62: Cho 2 vecto @ va b tao véi nhau géc 60°. Biét | | | . Tinh



Cau 63:

Cau 64:

Cau 65:

(243 +4/51)

[

A 3(J7 +45) B, 3(J7+43) c. 6(+5 +3) D.
Loi giai

Dung 04 =a:0B =b

LILIg LLR]

Dung hinh binh hanh OACB =~ @*b=0Cia- b =B

B= I8

_AB 33

—-—

O =A\JOB +IF° :E: 0C =J63 = |ﬂ+.'&|+|ﬂ— .’J| =Jo3+33

Pap an B.

Cho hinh thang ABCD cé AB song song v6i CD. Cho 4B =2a  CD =a Goi O 1a trung
diém cua AD. Khi dé:

o o 00, 3 —
Uud L Ll LiLL I LI (H{N{N]
08 +0C| =3a 08 +0C| =a |08 +0C|=— (08+0c| =0
i B. C. 2 D.
Loi giai
LUy UL LI iy LI H{u]n [ Ly UL iy
GB+Gﬂ:#M+AB+Gﬂ+£m":A3+DC:bAﬂ+£x":h
(vi 4B va DC cung huéng)
Pap an A.
uug uuu

. AB+ AD

Cho hinh thoi ABCD c6 BAD =60 va canh la a. Tinh d6 dai .
a3
A, a3 B. 2 c. a2 D. 2a
Loi giai
Pap an A
D
//I\
A
W C
B
H{u]n [ Ly
= |4B + AD| =[4C|=24D =af3

Goi O la giao cua 2 duong chéo

%Puo lﬁalh vuéng ABCD c6 canh la a. O 1a giao diém cua hai duong chéo. Tinh

OA- CB




Cau 66:

Cau 67:

Cau 68:

A. a3 B. 2 Cc. 2 D. a2
Loi giai
Papan C
B Cc
a
0
A D

(01~ Ch|={o+ | {oa+ 4| o] =22 =2

duu L A HH]

‘ |lac-cB- ac|
Cho A4BC @déu canh a. Khi d6 bang:
a \/?:- 1
A.0 B. 3a C.a D. ( )
Loi giai
Pap an A
Uy UL Ly uuu Uy UL Ly
AC- CB- AC|=|4c+BC+C :‘,4,4' =0
uuu uuu
. . . ; A s 4B- GC
Cho tam giac ABC déu canh a, trong tam G. Tinh d6 dai vecto .
2a\/§ a Z_a a3
A, 3 B. 3 c. 3 D. 3
Loi giai

Pap an A

A

K
B C

L uuu UL uuu

AKX =GC = |dB- GC
Goi K la di€ém déi xtmg véi G qua AC thi

o ooi, md 203
:|.45- AK| =|kB| =286 :““j-
uuu uuu

AC +BD

Cho hinh vuong ABCD c6 canh la 3. Tinh do6 dai
A. 6 B. V2 C. 12 D. 0



Loi giai
Pap an A

Ll A[N[H]

AC+RBD

AN A[N[H]

240+ 20D

A[N[H]

AD

= =2[4D| =6

Cau 69: Cho A4BC vupng can tai A c6 BC :WE, M 13 trung diém BC. Tinh d6 dai vecto

(W[N]N) [N{NININ]
AB+ BM
a\/E a\/E a\/g a+10

A. 2 B. 2 c. 2 D. 2

Loi giai
Pap an D

A N

B
M C
LI H[HNn UL
= |BA+ BM| =|BN| =EN

Dung hinh binh hanh ABMN

-
NC =AM ZI;BC :”‘f: = BN =BC* + NC* :““im

Ta cé:
[HIH]N] H{H[H]
. R i . . . |AD+ AB| .
Cau 70: Cho hinh vuéng 4BCD ¢4 canh bang ¢. P6 dai bang
a2 a3
A. 2a B. 2 . c. 2. D. aV2.
Loi giai
Chon D.
Theo quy tac duwong chéo hinh binh hanh, ta cé
uuu iy uuy
AD+AB| =[AC| _ o _ 1p 5 =03
Cau 71: Cho tam giac déu 4BC canh ¢, ménh dé nao sau day ding? n
Ae=5e B. AC =a, C. 4B =A4C p. P17,
Loi giai
Chon D.
o
AB| =AB _
[N[N[N) (NN ]
A T R . o . A e ., |4B|=|CD
Cau 72: Cho 4B khéac 0 va cho diém € .Cé bao nhiéu diém D thoa ?




A. V06 sé. B. | diém. C. 2 diém. D. Khong cé diém
nao.

Loi giai
Chon A.

i

AB| =

L

cD

Ta c6 = 4B =CD

Suy ra tap hop cac diém D1a dudong tron tdim € bén kinh 4B .

Ul uuu

CA- HC

Cau 73: Cho tam giac 4BC déu c6 canh 48 =5, H la trung diém cta BC . Tinh

VIR qJ

|CA HC| |ﬁ HC| =
B.
|3:]3; 333:| £l |3:]3; 333:| T
Loi giai
Chon D.

Goi M 1a diém sao cho ¢/ZMA 13 hinh binh hanh.

AN A(NN] UL AN}

CA- HC| = A+C'H =|CM|=CM =2CE
Ta cé: (E 1a tam cda hinh binh hanh CHMA),
5443

ap =53 ‘

Ta lai cé: 2 (AABC geu, AH 1a duong cao).
A
B H C

Trong tam gidc H£C vudng tai 4, c6:

—— “J_ i o :

) - - = A ?

EC =yJCH” + HE ‘ , :_|CA HC| :,j‘

Cau 74: Co hai luc £ , £, cung tac déong vao mot vat dung tai diém O, biét hai luc k , £y déu
) \ A 1 50 N N , 7. N Je ° 2. A s 2. . A
coO cuong do la () va ch}mg hop véi nhau mot géc 60 . Hoéi vat dé phai chiu mot
luc téng hop c6 cuong dd bang bao nhiéu?

A, 100 (N). B. 5043 (N).



C. 100/3 (I\’).

Chon B.

(1N) uu

Gia st

Theo quy tac hinh binh hanh, suy ra !

uu

D. Dap an khéc.

Loi giai

. F, =04 F, =OB

w A
F_
0/ —.c
™
B
F, +F, =0C

, nhw hinh vé.

Ta Cé QOB :609 ) 24 =08 =50 ) nén tam gléc OAB déu, Suy ra OC :SDJB_ .

Ll LI
F+F|=

A

Cau 75: Cho hai luc

luc Fl,

N[N[H]

oC

F;:

F, l1an luot la

tac dong vao vat.

A O(N)'

Chon D.

Cuong do luc tong hop cla

(NN

MA

=503 (N)

2 =MB ung tac dong vao mét vat tai diém M cuong do hai

300(N) va 400(N). UMB =90° i cuong d6 cua luc téng hop

. YOO(N)' . lOO(N). . SOO(N)'

B C D

Loi giai

ke

S

M

L U

[F|=|F, + F| =|pa + MB| =2|r| =B

(! 1a trung di€ém cta

) . T : ‘!:l\.r
AB). Taco 4B =MA* + MB® =500 suy ra |F| 500( ).

Dém nay dinh thdc hoc bai, 14t ra lai thdy nd dai nén théi &

C6 ban nao nhu thé khéng ?
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