MUC LUC
®CHUONG 5. GIOT HAN — DAY SO LIEN TUC........ussssssssssssssssssssssssssssnssssssssses 2
ZIBAI @. GIOT HAN CUA DAY SO..ouieercrercrsnernssesssesssesssssssssssssssssssssssssssssssssssssesas 2

®. Tém tit kién thirc

(®. Phan dang to4n co ban

*Dang ®: Xac dinh gidi han cta day s6 bang dinh nghia...............uuu...... 3
*Dang @: Tinh gidi han h{ru han cha day s6 bang dinh li..............ocuvenn... 4
‘Dang ©: Tinh gidi han clia day S0 €O dang.........coevvvviiiieeeeeeeiiee e, 5
+Dang @: Tinh téng cla cap s6 nhan Ui vo han.........c..ccocininiininn, 6
*Dang ©: UNg dung thUC t&..........ouviiiiiiiiiiii e 7

©. Dang toan rén luyén
*Dang @: Cau trac nghiém nhiéu phuang an lya chon...........cccceeeee, 9
*Dang @: Cau trac nghiém dUNg, Sai....ccceeeeiiiviiiiieiiiiee e 16

+Dang ©:

Cau trac Nghiém tra 10i NQAN......cveeeeieeiiieeeeeeeeeeeeeeeeeeeeeee, 27



#CHUONG 5. GIOI HAN - DAY SO LIEN TUC

@), Tom tat kién thuc

@ . Gioi han hiru han ciaa day sb

@ Gidi han 0 caa day )
() " el , ,
@ Day so co gioi han 0 khi  dan t61 duong v6 cuc, néu nhd hon mot s6 duong bat ki
liITTl u =0hayu,— 0 khi n— +x
cho trudce, ké tir mot sb hang nao d6 tr¢ di, ki hi¢u ’ Ta con
limu =0

vidtla

@ Ta thira nhan mot sd gi6i han co ban sau day:
1

lim— =0
n" k .
o , Vo1 nguyén duong bat ki.
limg" =0 ¢ lg|<1.
(] , vO1 1a so thuc thoa man
@ Gi6i han hiru han cia diy s6
(u” ) Z'ln a n
@ Day so co gidi han hitu hgn 1as6 a (hay dantéi ) khi dan tién téi duong vo cuec,
lim(u, - a) =0.

néu
lim u, =a hay limu, =a hay u, — a khin— +ox.
© Khido,taviét
u,=c ¢ ) limu, =lime =¢
& Chu y: Néu ( l1a hang s0) thi

@. Cic phép toan vé gi6i han hiru han caa diy so

limu, =a,lim v =bvic

@ Cho 13 hang s6. Khi do:
lim(u, +v, ) =a +b limGe, - v, )=a-b
lim(eu,) =c.a lim(u, v, )=a.b

a a

lim 2= zi(b =0)
v b

a




0. Gidi han vo cuc

(u,) ",
@ Tandi ddy sd ¢6 gidi han 1anéu  16n hon mot sd duong bét ki, ké tir mot sb hang nao d6
limu, =+w hay u, — +oo khi n— +m,
tré di, ki hiéu
(u,) oo fhi n— 4o lim(- 1, ) =+
@ Tanoi diy sd c6 gidi han 1a néu , ki higu

limu, == hayu, = =% Lhi n— +oo

@ Chu y: Ta c6 cac két qua sau:
limu, =+ lim(-u,) =-
9 a) khi va chi khi ;
.1
i i lim— =0
limu, =+ limu, =-w u,
@ b) Néu hoac thi ;

®. Phan dang toan co ban

‘Dang ©: Xac dinh giéi han cta day sé bang dinh nghia
tCac vi du minh hoa

. {_ ”ﬁ
lim =0

‘ Jn

Cau 1: Chtirng minh rang
Loi gidi
, =L 1)
) (u,,) " J; . h )

Xét day so co .Gia st 1a s duong bé tuy y cho trude. Ta co:

_|=n 1 . | r ..
e, | _‘T =T Do do: [u,[<h = 3:{;, = - <h’ e n> .

65
1
el

h

<h
4 A n r b
Vay voi cac sO ty nhi€n  16n hon thi

ul‘ﬁ

(-1’

Jn

lim =0

Theo dinh nghia vé day sb c¢6 gidi han 0, ta co:



{_ 1}.‘i

n-

lim =0

Céu 2: Chirng minh rang

Loi giai

. h .
Xét day so co .Gia st 1a s duong bé tuy ¥ cho trude. Ta co:
-1 _ 1

1 1 1
— = ,|<he s <he —<Jhen>—

" " 1 n ﬁ ,
. Do do: . Vay voi cac soO tu nhién
1 , {_ 1}.'i
N/ u|<h lim - =0
hon thi . Suy ra

e, | =

‘Dang @: Tinh giéi han hitu han cta day sé bang dinh li
=Cac vi du minh hoa

Cau 1: Tinh céac gidi han sau:

. 2 (L 2 1|
lim|5- = 11m‘4—_H5+_|
. n \ nll 3"
a) b)
Loi giai
.| 2] .. .2
lim| 5- — | =lim5- lim— =5- 0=5
Lo n
a)
g (. o R
lim| 4- = 5+_|‘ :‘ lim4- lim= ‘ ImS+lim—| =4-5=20
n ) )| n | 3"
b)
Cau 2: Tinh cac gioi han sau:
lim In+4 . 1
"o . 5
lim4ﬁ'+2 _5+3 lim++1 ]JIT}‘G-T]
3 n 5" L4
a) b) c) d)
Loi giai
+00 -0
a) . b) . c)0. d) 6.
Cau 3: Tinh céac gidi han sau:
: n o+l . 2" +3
lim ——— lim
n=t= T +n+2 nore 143
a) b)

16n



1
1+

lim ir * =lim + !
net= IS 442 o 24 1 L 2
n H:
a)
¢ 2 W ¢ I o=
5 +l)
lim = =lim ———— 0
1— & + ] —= & I
[ ‘ +1
| 3)
b)
] ] o o E = E(c =0). =
‘Dang ©: Tinh giéi han cua day sé c6 dang = C 0 o
=Cac vi du minh hoa
Cau 1: Tinh cac gioi han sau:
1
2+~
lim —"" lim Sn+2
a) b)
Loi gidi
. L) I 2+
lim| 2+ —| =lim2+lim— =2+0 =2 lim —1 =
nj n lim2" =+ 2"
a) Vi va nén
-} '
lim(- 3n +2) =lim n[ 3+=|| =lim[(- 3) -n] =-
n) 4>0
b) Vi va nén
-3+ I
- - lim M — o
lim_?’”“‘2 =- o liln‘ '3""— :‘3“59;11”1; =0 L}D"ﬁ"nEIN' Iﬂ
\ n | n n n
c) Vi va nén
n.2+| lim.2+I
I n+l . | nl _ | | __E
~3n+4 H{—3+4 lim[—3+4 3
| n " |
d)
4 5
. . (u,).(v,) , "= PETR =5 3n* 42
Cau 2: Cho hai day so voi . Tinh:

. . lim(u,I +1J,I:l._1iln(u,I - v, :l._lil‘ﬂ(u,I -v,l)._limi
limu  limv, S S S v

a) ; b)



Loi giai

limu zlim‘ 3- ‘ =lim3- lim 4 =3 limv zlim‘ 8- ‘ =lim8- lim_—
! n+l] n+l : , Inm+ 2| In”+2
a)
b) lim(u, +v, )=limu, +limv, =3+8 =11
lim(u, - v,)=limu, - limv, =3- 8 =-5;
lim(u, +, ) =limu, dimv, =3.8 =24: lim 2= :h,m“” :E.
S ' ' v, limv, 8
‘Dang O: Tinh téng cua cap sé nhan lui vé han
=Cac vi du minh hoa
Céu 1: Tinh cac tong sau:
-} -} ..-:r . 3 3 f I N
M=2+Z+—+ -+ —+--- N= ——+T--~-+3‘-_‘ e
57 5" 4 4 4
a) b)
Loi gidi
) u =2,q :I—-::I
, 7 oy ty s
a) Cac so hang cua tong 1ap thanh cap s6 nhan co nén
2 2 2 2 5
M=2+—4+—++—+--= ==,
5 5 5" - 12
5
1
W) w=a=lal<l
b) Cac s6 hang cua tong 1ap thanh cdp s6 nhan co nén
f ) .-}
N =3- E+i- -~-+3| - l‘ +oe :—.3 =12
4 4 4 N ‘ 1 ‘ 5
L4

Cau 2: Tinh tong cta cac cap s6 nhan lui vo han:

Ll +.._+"_ | ‘+ s .
5 5: 5_‘1 I 5 H+?+3—:+ -+3'|_-|+
a) b)
Loi giai
| 5 |
l— =2 L
I_"_I 0 2 1_2 6
5] 3

a) b)

=8



‘Dang ©: Ung dung thuc té
=Cac vi du minh hoa

x . w Po ) . m, =42(mg)
Cau 1: M6t mau chat phong xa c6 khoi lugng ban dau , nhung cr sau mot

T =138 , . T
khoang thoi gian ngay thi khoi lugng chat do gidm di mot ntira (- duogc goi la chu ki

u

n ‘. . X A . n B I X
ban rd). Goi 14 khoi luwong con lai cia mau chat phong xa sau  chu ki ban ra.

(u,)

a) Tim s6 hang tong quat cta diy sb

(u,)

b) Tinh gidi han cua ddy sd va cho biét y nghia ctia gidi han do.
Loi gidi

(u,)

a) Vi cir sau 1 chu ki ban ra thi khoi lugng mau chat phong xa giam mat nira nén la cap so

|
u, =21 9 )
nhan voi va cong boi

42
) =5
Khi do, s6 hang tong quat cia day so la:

) ) _1-2 ) ) i ] i |
limu =lim— =lim42 -hm‘ —| =42 0 =0
’ 2.'1 . 2

b) Ta co: . Ttr gi61 han do, ta rut ra dugc y nghia: Khi

h A . K- c o X A r \ A A ~ B
cang dan td1 vo cuc thi khoi lugng con lai cua mau chat phong xa cang dan veé 0, nghia la

sau mot khoang thoi gian du dai thi khdi luong con lai cia mau chat phong xa 13 rat nho (dén

murc khong dang ké).

. 80%
Cau 2: Tai mot nha may, nguoi ta do dugc rang luong nudce sau khi str dung duoc xu li

100m° X N
va tai st dung. Voi ban dau duoc sur dung lan dau tai nha may, khi qua trinh x1r 1i va tai

st dung 1ap lai mai mai, nha may str dung duoc tong lugng nude 1a bao nhiéu?

100+100 0,8 +100 {0,8) +100 0,8)" +--- =100 oS =500(m")



100m . . x.
Cau 3: Tu do cao , nguoi ta thd mot qua bong cao su xudng dat. Gia sir clr sau moi lan

1

h

n

. oo .
cham dat, qua bong ndy 1én mot do cao bang  do cao ma qua bong dat dugc trude do. Goi
l1a d§ cao qua bong dat dugc & lan nay thi

(n)

a) Tim s6 hang tong quat cta diy sb

(h) (h)

b) Tinh gidi han cua day so va néu y nghia gidi han cua day so

Sn ” ’ \ 7
c) Goi  latong d6 dai quang duong di dugc cua qua bong tur lac bat dau tha qua bong dén khi
S}’l

Lo n . . ~ 5
qua bong cham dat 1an thtt . Tinh , néu qua trinh nay ctr ti€p tuc dién ra mai thi tong quang
duong qua bong di chuyén dugc la bao nhiéu?

Loi giai
1 1
‘ h,a.‘ _Ehn-l (hn) , i h] :25 q _Z .
a) Theo d¢ bai, nén la mot cap sO nhan voi , cong bodi . Suy ra so
100
(h )ih =—
il.l il.l 4.-:

hang téng quét cua day sb

lim :lim% =1im100 1im| 41‘ =100 -0 =0
b) Ta co: | . Ttr gi61 han do, ta rut ra dugce y nghia:

n \ . . 2 \ Y 2 hY A
Khi cang dan to1 vo cuc thi do cao cua qua bong dat dugc sau khi ndy ngay cang nho va do
cao do6 dan té1 0.

(100 100 100 100
+ + R LT p—

S =100+2 - o
L. | 4 4_ 4.\ 4.“

c) Ta co:

Néu qua trinh bong nay ctr tiép tuc dién ra mai, tong quing duong qua béng di chuyén dugc la:
Mn5,:m0+3¢]DU+IWJ+NF+H.+EEAHW
' 4 4 4 4




100 100 100 100 100

. N U, =——
PR T o 1
Vi 1ap thanh mdt cap s6 nhan lui vo han voi va cong boi
100
¢ 5
lims =100+2 —4_ =%
:l<1 ' 1- I 3
1 4 4 , . ,
nén ta co . Vay tong quang duong qua bong di chuyén
500 500
duogc 1a . duong qua béng di chuyén dugc 1a
©. Dang toan ren luyén
‘Dang @: Cau trac nghiém nhiéu phuong an lua chon
lim—y >
Cau 1: Gié tri cda gidi han - 2n+1 |5
3
A. 4 B. - ¥. C. 0. D.-1
Loi giai
Chon C
lim :-3 = lim f] I =E=D.
dn - 2n+1 4. <+ : 4
Ta co e
”man!- n+1
Cau 2: Gid tri cGa gidi han 47 +2n+1 |3
2 3
A. +¥ B.0 c.7 D. 4
Loi giai
Chon B
30201
a I +
lim — l;'—H =lima =& "ll =E=D
4n" + 2 +1 44+ S+ 4
Ta co e
1 =2 lim o
A . ~ "’(U) N (V) ,Ur?_—l N vﬂ_—z' . b u , . s . >
Cau 3: Cho hai day sé ‘™ va ‘"’ co n+lva n+2 Khido » €O gia tri bang:
A. 1. B. 2. C. 0. D. 3.



Chon A

| +
v . nt . _
lm—=< =hm ! =lim—& =_=1.
M, n+2 T
Ta cé .
n+l =n -
+2° ’
Giai nhanh : " "
_an+4

Cau 4: Cho day s6 ) véi

uﬂ - , N ~ o ~ g
on+3 trong dé 2 la tham s6 thuc. D& day sé (

gidi han bang 2, gia tri cta @ la:

A. @a=10. B. a=8 C. a=6 D. 2a=4
Loi giai
Chon A
:.|'+-
limu, = lim ;lj' +_} =lim } = ;
2t 3 542 3
Ta cé n Khi dé
limu, = 20 i=1l:| a=10
L —Iim”2+”+5
A 7 e - T g L q
Cau 5: Tinh gigi han 2m +1
A, 2 B. 2 C.L=2 D. L=1
Loi giai
Chon B
2 1+
L=lim™ +.”+} =lim—1__1 =1
In+ 14 I_ )
Ta cé "
n o+ 1.__ l
2= 2n’ ' 2
Gidi nhanh: " t! ¥
lim p.'?_|_3':+22.'?
N ~ > > e [ R T
Cau 6: K&t qua cua gidi han 3" 3'+277 |5;
1 1
Al 1' Bl 3. Cl +¥ D- 4.
Loi giai

u

n

)cé



Chon D

pr+3 42" pt4¥ 44t 4 1
Giéi nhanh: 3P - 37 4 P 3 44 : 14" 4
d @md
P Y+t EHJFEB“H |
lim oy = Im g g "3
B 3.25- 3E§+4
Cu thé:
. e e lim{dr- 277- n|
Cau 7: Gia tri cua gidi han m{ ) bang:
1 2
A. 3 B. 3 C. O D. !
Loi giai
Chon B

- 20" - n {0t - n=0%%

nhan lugng lién hop :

. - 2n’ -2 2
lim{-\."1 - 2n° - fr)=lim _ =lim - =- -
d{n’ - 11‘?:]- +aifn - 2ot 4’ JE 1%_'_ ."J- 2 +1 -
n@ n
lim(JF +2n- JI7- 2n|
Cau 8: Gia tri cua gidi han la
A. L B. 2 C. 4 D. +¥.

Loi giai
Chon B

\fn: +2n- -»Jrn:- 2n -Jrn_:- Jn_:=|}3f4@

nhan lugng lién hop :

lim(J}r:-i-Err- \f-rr:- lrrJ=lim = dn - =lim 4 =1
ot +2n ++fn - 2 JH_ 2 +JJ 2
n n
-Jrfr:+11r- - 11r=J - JHJ - : J__JN ==12.
.2 “+2n+n - 2n n-+afn
Giai nhanh : "

L limlyr? +&n- Jn*+(a+2)n+1]=0.
Cau 9: C6 bao nhiéu gia tri cla @ dé im{\I7 +&n- i7+(a+2)n+1)
A. O B. 2. C. 1l D. 3.

Loi giai



Chon B

Jni+an- an +a+2)n+1: JrF- Jnf =0 R .
nhan lugng lién hop

‘o a-2)n-1
Iim(\fn2+azn- Jn2+{a+2]|n+lJ=Iim (- & 2)n
. m+n+sn +1
Ta co Ve v’
2 1
—lim a-a-z-n :az-a-zz :-1_

I
(¥

lim(2r7- n+1- 2rF- :+2)

hY

Cau 10: Gia tri cua gidi han
N7

A. O B. 2 C.-¥. D.
Loi giai

Chon B

St n+1- k- 42 k- 2k =033

nhan lugng lién hop

- - -
l'Lm(Jl}r' -ntl- Jlf." - in+t+ 1] = lim - 2n- | -
2n - n+l +-.fl:."- in+2
5. 1
= lim o =

|
3 9 N
Jz- Lyl +J1- 3,2 ¥
noom noon°

Giai nhanh :

N2n - n+l- 2nt- 2= 2n- | n |

V2 - 4+ - 32 I J’_T+JZT=$

limly +2n- 1- 2n' +
Cau 11: Gia tri cta gidi han Im{J v n] la:

+¥

A. - 1 B. 1 V2. C. - ¥. D. +¥.

Loi giai
Chon C

-J}.‘:+1fr- - JE}.': +n: J}._- J’_?={J- ﬁjf.‘%zﬂ- ¥ .

Giai nhanh :

_ _ > ]
lim(q":."+11r- 1- JE:r'+:r]=linu.‘.§J+1- J— Jl-'—]_;g':;- ¥
non " .

Cu thé: Vi



limn = +¥% _umgH%- J_ J1+J_%=|- J=0
noon n
Cau 12: C6 bao nhiéu gid tri nguyén cla @ théa “m{m- n+azj]:f3.
A. O B. 2. C. 1 D. VO s0.
Loi giai
Chon B

o Jnf-en- n+d - n=03%3%
u

nhan lugng lién hop

2a°- 8 2 _
Iim(ql'n!- 8n- n+az]=lim{ 2 ]In =lim 25 - 8

2
Nn?+n+n J1_|_1+1

Ta cé

=F- 4=00 a==2

lim({fiF - 2n+3- n) N

A. - L B. O C. L D. +¥.

Cau 13: Gi4 tri cta gidi han

Chon A

- m+3-n: -J; n=033

nhan lugng lién hop :

_ S24°
: ; . - In+3 . g
llm(drr'- 2n+3- :r]=llm - =lim L =-
I I 2 3
i In+3i+n - =+ +]
non
— - 2n+3 2r
n - +3i- n=— : - =- L
.2 n*- 2n+3+n «n +n
Giai nhanh : v

Cau 14: Cho day s6 () ygi %="m +a1+5- JP+1 trong 46 a 13 tham s6 thuc.

Tim a dé limu, =- 1.

A. 3 B. 2 C. -2 D. - 3

Chon C
Jn: +an+35- Jn: +1: Jn_:- Jn_:=|}3f4ﬁ

nhan lugng lién hop :




- I=limu, = lim('\lrfr: +an+5- J}r: +1 ) = lim an+4

n+an+5 +-..-’1r: +1
._1_
a-+ a
=lim n —
2

_ =20 a=-2.
JJ+”+ - +,JJ+ !
i " F

-

Giai nhanh:

-1 'Jlrr:+mr+5- «,-:rr: +1 =—F ant4 - : -u‘rr - =2
J}r' +an+5 +J}r' +1 J}r_'+ nt 2

limlJn? +1- I +2)
Cau 15: Gi4 tri cta gidi han Im{ . " ] bang

A. 3 B. 2 C. O

Loi giai

Chon C

o +1- i +20 - Y =038
! ! - " nhan lugng lién hop:

lim(q” n+1- 1,"1 1r'1+1)=lim - | =1

;1!(}?'1 +]:|- +-‘U}r" +J.-'UH'1 +2 +.-‘J{n'1 + 1]

Jon‘- n- Jn+2

lirn
Cau 16: Gia tri cta gidi han 3n- 2 la:
A. L B. O C.3
Loi giai

Chon A
NI - - Jn+2: J‘E=3ﬂf=ﬂ3ﬂ1@ .
giai nhanh:

o - n- \"ﬂ"‘z . Jon’
] _ 1 )

] =J
an an
_ ||9_ 1 42
R A (L VI PR Ly

in- 2 1 2 3

Cu thé: n

lim___*
Cau 17: Giad tri cGa gidihan ¥ +1- 1 |3
A. 2 B. O C. - ¥.

Loi gidi

UOa=-2
Dl 1
D. +¥.
D. +¥



Chon B
g’ #1-n: :J;:T n=0338 .
nhan lugng lién hgp :

l[m(\” no+1- n) =lim !

d{fr] +J]: +myn +1+n°

=0

Iimz“-+1+3n+1|:1
A ~ > > r Tar o
Cau 18: Két qua cla gidi han IT-n+2|a:

2 3
A. +¥. B. 3 C. 2
Loi giai
Chon A
n
i . —®0
an =gi C.i: p "3 Cizrr{rr- l‘,!{:r- 1]: Lp 3
k=0 b ] _—:[E+¥
Ta cb " Khi dé:
e
lim —=+%
n
. 243, ",_+JDE'U£ - 1+3.",.+JD:E":Si
L X+ 3n+l0 o 2F 2" 23 . 2" e
lim——— = lim—. =+¥ lim
in- n+2 " 1 1+:J_ 3. J+1'_
non Vi [ noon
Cau 19: K&t qua cua gidi han lIMy23"- n+2 5.
A- 0' Bl 2' Cl 3
Loi giai
Chon D

limM:thﬁ_
Ta cé

Hm+f3" = +¥

og Leg f - " 2
FE=

2 n ]
= BOP hm—=10§
C, nln- 1 n- 1 3 E
limg%ztl
2

do dé l[mqlll.}'"- n+2=+%¥.

2




‘Dang ®: Cau trac nghiém dung, sai

—u

Caul. Biétgié6ihan -37+2 Khido:

Céc ménh dé sau dung hay sai?

Ménh dé Piing | Sai
a) | Gia tri ¢ 16m hon 0.
b) 51
Basd 3 3 tao thanh mot cap sd cong voi cong sai bang 2
C) A 5 ('JT,.]T) <\ .7 Sinx:a 7 A
Trén khoang phuong trinh lugng giac c6 3 nghiém
d g — = =-
) Cho cap s6 nhan u,) voi cong boi ¢ =3 a7 s 6
. Sn-2n+l
. Iim——— =a
CAu 2. Bict giéi han n=2n . Khi dé:
Cac ménh dé sau dung hay sai?
Ménh dé Piing | Sai
a) | Gia tri @ nho hon 0.
b \ £ , cp=x +5x+2
)| x=a 1a tryc doi xtrng cuia parabol (P):y=x"+35x+2
©) | Phuong trinh luong giac sinx =a v nghiém
d /4 /4 — = pu—
) Cho cap so0 cong ,) véicong sai @ =3 va i TY thi 6
lim 2 *! lim_ N,
S = :
Cau3. Biétgidihan 3n -3n+3 ya NI -+ khige:
Cac ménh dé sau dung hay sai?
Ménh dé Dung | Sai

a) | Gia tri @ nho hon 0.

b) | Gia tri b 16n hon 0.

c)

T
X =—
Phuong trinh lugng giac cosx =a ¢ mot nghiém la 2

d) 3

A A A u e A . — .U, =da 1
Cho cép s cong "7 véi cong sai 4 =b va 1 =9 thi
C g




lil‘ﬂ(— 2n' - 5n+9):a lim

Cau 4. Biét gi6i han va 1+347  Knido:
Cac ménh dé sau dung hay sai?
Ménh dé Piing | Sai
a) | Tich ab =3
b Ly o=af . ;
) Ham s§ ¥ =VI- ¥ ¢6 tap xac dinh la D(a; 1]
©) | Giatrj 0 1a 56 16n hon 0
d) Phuong trinh lugng giac €08 ¥ =b v nghiém
. lim - Sn +l =a lim% =h
Cau 5. Biét gidi han In+5 va 2+ . Khi do:
Céc ménh dé sau dung hay sai?
Ménh dé Piing | Sai
2) liln[ -3 +I— =a
n)
b) | X =b 13 hoanh do giao diém ciia duong thing ¥ =2 véi truc hoanh
c) ' V"
lim : ‘ =h
| 2024 |
d) 1
A A A u . A=z u, =b u, =2
Cho cap so cdng =~ "~ véicongsai 2 va ', thi 3
CAu 6. Cac ménh dé sau ding hay sai?
Ménh dé bung | Sai
a) Bk
lim[ E] =0
3
DY
lim =- 0
(2
' tim L =0
n
d) | lim4 =0
CAu 7. Céc ménh dé sau dung hay sai?
Ménh dé Piing | Sai

a) | lim(xf3)" =-=

b) | limz" =0




c)

lim(n® +2n° - 4) =4

d) | lim(-n* +50° - 4n)=- =

Cau 8. Viét duoc cac sb thap phan vo han tuan hoan dudi dang phan s6 tbi gian, ta dugc:

0,212121--- =2 4,333...=5
b d  Khi do:
Cac ménh dé sau dung hay sai?
Ménh dé Piing | Sai
a) | a+b =40
b) | Ba sé %2358 (a0 thanh mot cap sb cong
o) | c+d =15
d) | imc =13
) L, 5=l- I—+I—- —+
Cau 9. Tim dugc tong clia cap so nhan 1ui vo han sau: 2 4 8 va
T =l +1+L+-~-+L“+-~-
3 ¥ 3 Khi de:
Cac ménh dé sau dung hay sai?
Ménh dé Dung | Sai
oL, 1
2 4 % ]atong cua cap so0 nhan lui vo han c6 cong boi 2
Y |
I+ —+ 4 — , L . g ==
3 la tong cia cap s6 nhan lui vo han ¢6 cong boi 3
)| §>T
d
) g _1
T
n + Eln-l + n#l
i, :? — ||3 o, limu, =4 ~abe ZE . .
Cau 10. Cho T +5 . Biét (voi b t6i gian). Khi do:
Céc ménh dé sau dung hay sai?
Ménh dé Piing | Sai
a) | a+b =8
b)| a-b=-7
©) | Bo basé “H13 ta0 thanh mot cp sé cong c6 cong sai 4 =7
d) | Bo ba s6 %2249 t30 thanh mot cAp sé nhan c6 cong boi 7 =7




LOI1 GIAI

. 2n+1
lim =g

Caul. Biétgiéihan -37+2  Khido:

a) Gid trj  16n hon 0.

5 1
- -
. 3 3 . 2 . oy 2
b) Ba so tao thanh mot cap so cdng vdi cong sai bang
(-7:7) ~ sinx =a '

c¢) Trén khoang phuong trinh lugng giac c6 3 nghiém

, . (I/t”) q =3 u =a Uy =-6
d) Cho cap so nhan vGi cong boi va , thi

Loi giai
a) Sai b) Sai ¢) Sai d) Ping
I |
2+ 2
2” ”‘ n | . N " - 2
1 =lim - =lim = =
s H‘-3+“‘ 342 3
Fi] H
a) Tacod
b) Ba sb tao thanh mot cap sd cong voi cong sai bang 1
(-7:7) ~ sinx=a _

¢) Trén khoang phuong trinh luong gidc c6 2 nghi¢m

i i (M”) q =3 u =a U, =-6
d) Cho cap s nhan vGi cong boi va , thi

. Sn-2n+l
. Im——— =a

Cau 2. Biét gidi han n-2In . Khi do:

a) Gid tri * nhé hon 0.

_ (P):y=x"+3x+2

a .
b) 1a truc doi xng cua parabol

~sinx =a _
¢) Phuong trinh lugng gidc v6 nghiém




W sy mee ws
d) Cho cap s6 cong Vi cong sai va , thi

Loi gidi

a) Ding b) Ding ¢) Pung d) Sai
. 2
Su’- 41 H'\S-“+I_\ 5_3+|_ .
. - 2n+ : . 3 5
lim ”__ﬁ =lim T " —lim I” io—.Z
n=2n ; ‘ . ) 2
n n
a) Ta co:
= 5
TNl e T K. 1
b) parabol (£): 7 =" +3x+2 ypay 2 lam tryc d6i xtmg
. 5
sinxy =- E
c¢) Phuong trinh lugng gidc v0 nghiém
5 7
— - —- ¥ _
o (u”) J=3 U =a u, =u, +(3- 1)d = 5 +2 5
d) Cho cap so cong Vi cong sai va , thi

p 20 g N

, = - - —4a 4 2
Cau3. Bibtgidihan 3n -3n+3 vy NI E3 0 kyige:

a) Gid tri - nhé hon 0.

b
b) Gid tri  16n hon 0.

COSXx =a
c¢) Phuong trinh lugng gidc cd mdt nghiém la

i i (M”) d =b u, =a U, =
d) Cho cap so cong vGi cong sai va , thi

a) Sai b) Dung ¢) Pung d) Sai




- n ‘ + — ‘ +
. 2n” +1 . non | . non
lim— =lim =lim 3
3n" -3n+3 ‘3_ 3ﬁ+3_ 3- 7 4
nooon Wooon
a) Ta co:
J_ no L1+ I 1+
) 41 . 2 . 2
11m3”__”_ﬁ =lim L =lim =
dn”-n”+3 H:J4- Iﬁ + 3_ J4- Iﬁ + =
nooon noon
b) Ta cé:
X =—
~cosx =0 )
¢) Phuong trinh lugng giac c6 mdt nghiém la
J= 1
1 ‘ (u") _5 u, =0 “
d) Cho cap so cong Vi cong sai va , thi
. 4" +3
L e lim(-2n" - 5n+9)= lim-—— =
Cau 4. Biét gioi han (-2 - 5n+9)=a va 1+34"
a) Tich ab =3
b) Ham s6 ¥ =V1= ¥ ¢4 tap xéc dinh 1a 2 (a1
¢) Gia tri © 13 s6 16n hon 0
~cosx =b ‘
d) Phuong trinh luong giac v0 nghiém
Loi giai
a) Sai b) Diang c¢) Pung d) Sai
lim(-2n° - 5n+—9):1imn"”| -2- i+i =00
n n |
Ta co: ,

limn® =+
. 5 Q|
lim| -2- —+—

. noon |
do

—="




| 4" ‘ 1+ :i ‘ 3

n a I+ n
lirﬂd*—"h?I zlim% =lim—— =lim i 4 :I—'}
1+3 4 1+12 4 4_..‘ 1 +12 112 12
4" . 4
a) Tich a.b ==
b) Ham s6 ¥ =V~ ¥ ¢4 tap xéc dinh 1a D(-x; 1]
1
¢) Gia tri 12 14 s6 16n hon 0
1
COs X =E
d) Phuong trinh lugng giac c6 nghi¢m
N -3n’ . (=1)"-5"
Cau 5. Biét gi6i han lim —3n+l_, va lim %Zb. Khi doé:
2n+5 2"+5""

lim‘ -3n + I_ ‘ =a
a) | n |
b) X =b 13 hoanh d6 giao diém ciia duong thing ¥ =2% véi truc hoanh

lim‘ — ‘ =h
o | 2024

o (u,,) d :E u, =b U, =2
d) Cho cap so cong vGi cong sai va , thi

a) Dung b) Ding ¢) Pung d) Sai
. H‘ -3+ Int +
-3 : nl _ . n
1 =lim— — =lim -
In+5 ”‘,}‘FS‘ ,}+5
S n
Ta co: ,
1 [ 2 I |
lll‘ﬂ‘ -3n* +—‘ =-w

. 5
lll‘ﬂ‘ 3+—‘ =2
n |

do



lim(_.” 5 zlim(_,” 5 =lim L5 ) =lim 5,"
2.| +5_.| E.I +25.| (oA -l rF 2 ]
25 || |+ | ‘ +1
25 2
Cau 6. Tinh dugc cac gidi han sau, khi do:
f 2 n
lim| —| =0
3
a)
lim - o0
(\2y
b)
lirni3 =0
n
c)
lim4 =0
d)
Loi giai
a) Dung b) Sai ¢) Pung d) Sai
lim| 3] —0 |do2<
L3 3
a)
lim : —lim‘.l—.‘” —D‘- dnl—e.:l.‘
(V2) V2 L
b)
lirni3 =0
n
c)
lim4 =4

Cau 7. Tinh dugc cac gidi han sau, khi do:

lim(yf3)" =-=
a)




limz" =0

lim(n® +2n° - 4) =+

c)
lim(-n* +5n" - 4n)=- =
d)
Loi giai
a) Sai b) Sai ¢) Dung d) Dung

Hm({f3)" =+=( 3> 1)

a) do
limz" =+oc( T >1)
b) do
_ ﬁ (o .
lim(n® +2n° - 4)=lima® {14+=- i =40
n on|
c)
limn® =+
- :
Im|1+=- i =1 >0
. non|
Vi
lim(-n* +51° - 4n) =limn* ‘ -1 +E— i =- oo
non
d)
limn* =+
lim‘ - I+E— i =-1<0
. non|
Vi

Ciau 8. Viét duoc cac s6 thap phan vo han tudn hoan dudi dang phén s6 tdi gian, ta duoc:

0,21212]--- =— 4,333.-. =

| n

i
b . . Khi dé:

a) 4 +b =40
b) Ba s6 4538 30 thanh mot cdp sb cong

c) c+d =15



d) lime =13

Loi giai

a) Ding b) Sai ¢) Sai d) Duing

0,212121--- =0,21 +0,0021 +0, 000021 +- -~

Ta co:
L
q . _ o ‘ 100
Day la tong cta cap so nhan lui vo han véi s6 hang dau 0,21 va cong boi
0,21 7
0,212121--- =021 +0,0021+0,00002] +--- = =
- 1 33
100

Vi vay

0,333--- =03+ 003+0,003+---
Ta co:

Day la tong cua cap s6 nhan lui vo han véi s6 hang dau 1a 0,3 va cong boi 1a

4._333---:4+D._3+[]._03+D._DDB+---:4+D"—3|:§
1=
10
Vi vay
I ol il
Cau 9. Tim dugc tong clia cap so nhan Iui vo han sau: 2 4 8 va
1 1
T=l+—+—++—+
¥ 3 Khidé:
Ll o
2 4 8§ . C _ ,q 2
a) 1a tong cua cap s6 nhan lui vo han c6 cong boi
1 1
I+ —+ 4k —+ , o, . q=.
by 3 3 3 1 tong cua cap so6 nhan lui vo han ¢6 cong bdi 3
a) S>T
1
S=—
b) r

Loi giai



a) Duing b) Ding ¢) Sai

d) Ding

a) Day la tong cua cap so nhan lui vo han c6 s6 hang dau

oA
1 ‘ 1

__+-.--+- -
8 2

l
= 5 =]- + +oi = =

I
4

b | =

1
1+
2

b) Pay la tong ctia cap s6 nhan lui vo han ¢6 s6 hang dau

Lo | bd

u, =1

u, =1

, cong boi

, cong boi

_1

q 3

T :|+—+L+-- +—+ :—I :E.

303 3 12
3
Vi vay
1 = 2n-1 141
u, z? +_.:| T? , limu, =2 a,be ZE ,
Cau 10. Cho 77 +5 . Biét b (véi b 16i gian). Khi do:
a) a+b =8
b) - b=-7
¢) Bo ba sd a;b;13 tao thanh mot cip sé cong c6 cong sai @ =7/
d) Bo ba sb @:b:49 6 thanh mot cAp s6 nhan c6 cong boi 4 =7
Loi giai
a) Dung b) Sai ¢) DPung d) bing
S E
. . ?.I +2_.I +3I ) 2 | ? . | ? | I
lime, =lim————— =lim : =—
L a1 +5.I I f 5 oA ?
T3
507)

Taco

a=lb=7T= a+b =8
Do do6 suy ra




‘Dang ©: Cau trac nghiém tra 16i ngan

Caul:
5 1
) e
a) Tinh tong cua cap s6 nhan lui vo han VOl
b) Biéu dién s6 thap phan vo han tuin hoan 2,(3) duéi dang phan sb.

Loi giai

15 7
16 3
a) b)
Cau 2: Tim céc gio1 han sau:
n+l n+l -n
1im32” ]im3 q:'
a) b)

Loi giai

lilﬂ3 — =lim 33 :’_’inm‘ E‘ =30=0 3 <l
2 4" | 4 4

a) (vi
nel L oan Aan g e f=" [
lim® 2 =tim 2222 —jim| 34| 2| | =341im| 2| =340=3
3 3 L3 ) L3 )
b)
Cau 3: Tim céc gidi han sau:
3.3
_ . ) , _ \ 7 \ lim n
i 2 . 5
lim 2+E lim|'—- l 11m|3—i 2+ ]+l
n| \noon nl no| n
a) b) ;o ©) d)
Loi gidi
a)2; b) 0; c) 6; d) 3.
’ (u,,) (Vn) limu, =3,limv, =4
Cau 4: Cho hai day so va cod . Tim céc gioi han sau:
) lim 2,
lim(3u, - 4) lim(u, +2v, ) limQu, - v, ) v, - 2u,
a) ;b ;o © ;o d)

Loi giai

a)5; b) 11; c)1; d) 3.



2n+3
. lim —;
) (u,) limmu, =3 nu
Cau 5: Cho day so thod man . Tim gidi han

n

Loi giai

L 2n+3 1
=lim Jim
n nu,

2n+3 1

m nu, |

lim 3 =lim

=

nou,

1 _5 1
limanee 3

=lim

2+E‘
n|

2
E-

Céu 6: Viét cac s6 thap phan vo han tuin hoan sau thanh phén sb:

0,(7)=0,777--- L,(45) =1,454545---
a) ; b)
Loi gidi
7 16
9 11
a) b)
1
(U”) |”J?l - 2 SBT llm un
Céu 7: Cho diy sb c6 tinh chat . Tinh
Loi giai
.1 . _
lim 3 =0 lim (u, - 2) =0 lim u, =
Do nén . Vay
. 2n +1
lim —
o 3RS 40
Cau 8: Tinh
Loi giai
e P | 2+ I_\ -
lim =" = lim — 1" ==
3T A T g 3

11_|31 (Jn: -n- Jn: - I)

Cau 9: Tinh



M

lim (Vo7 = - V7 +1) = lim ' =lim =

-n- 1
n— & 2 2 n— #x 23
I + 1 1 4
Jn n -u'rn 1 \ll ) +JI o
n ?

-

Ili_lT_l (n: -n +3)
Cau 10: Tinh
Loi giai

lim (n® - n+3) =lim ° I—l+i =+
s = 4 non |
1 1 1 ,
S=—4+— —+#(-])' —+
, 3 9 27 3
Cau 11: Tinh tong
Loi giai
I
S o @) =37y
Tathdy atong ctia cap s6 nhan lui vo han voi
R
I
§=_1 — 3 —._
1- I+I 4
3
Do d6
_l+a+a’ +--+a
T b tb 44D a,b i al<l|bl<1
Cau 12: Cho VOl la cac so thuc thoa man
Loi giai
I_ ﬂ””
l+a+a’ +-+a" .4 1-b 1-a"
u = = = = .
T N B P
1- b
Ta co
lim u, :u
n— #x I_ﬂ
Do dé
, +3+54-+(2n-
11ml 3+5 (2Zn-1)

a4 no+2n

Cau 13: Tinh
Loi giai

1+3+5+--+(2n-1) n’

=lim — =1

lim .
B4 no+2n n=4+= gt 4 2p

Ta co

. Tinh

lim u,

n— +o



| .,
S=1+—- =+ +(-1)) —+--
5 5 ' 5

Cau 14: Tinh tong

|
S 7 o (u,) u, =-1 9= 5
Tathay 1atong cia cap sO nhan lui vo han Vol va

- ]
§f= —=-

o |

|+I
5
Do do

Cau 15: Viét cac sb thap phan v6 han tuan hoan sau dudi dang phan sb:

1,(03) 3,(23)
a) ; b) .
Loi giai
3
-
L(03) =14 4> geeb > =4 100 3 102
100 1007 100 1 09 99
100
a)
23
2 2 7 7 2
3.{23}: + H3+ H3_\+ 23 + :3-1-&: H?’:E
' 100 1007 100 R 99 99
100
b)
cosn
(u,) U, === lim u,
Céu 16: Cho diy s6 v6i . Tinh
Loi giai
COS 1 1
|“,..|:| ; | = ——0 limu =0
H n n . n— +x0 n = b n
Ta co . Do khi nén
4,5,C, 4,B,C,
Cau 17: Cho tam giac c6 di¢n tich 1a 3 (don vi dién tich). Dung tam giac bang
, 7 BC,.C,A,AB
cach nodi céac trung diém cua cac canh . Ti€p tuc qua trinh nay, ta cd cac tam giac
‘4.'- B.'\C.'- U "'4." B.-l ':-- ¥ Sn An Bu Cu
Kihiéu la dién tich ctiia tam giac
s, L s s he ks, e
a) Tinh . b) Tinh tong

Loi giai



A282C2 52 :ZSI .S'j :251
Theo cach xac dinh tam giac ,taco . Tuong tu, ,
I ; I W - rF I o=
§ =—85 =5 :| —‘ 5, :3‘ —‘ .
T4 "ol 4 4]
3
S ks b ks, e =—r =4
l -
4
Tur do
7 2 1
wo=Lu , =u +t—.n=z= _
) . P (uH) . I a#l . ] ﬁj,l Hj.l+l - ”J.'
Cau 18: Cho day so voi . bat
.I'II + ]'IE Feee .I'I.'l n un n Hlirf},c “”
a) Tinh theo . b) Tinh theo . c¢)Tinh
Loi giai
' 1
1- 3 I
v oEy, ety =2 ZB‘I—?‘
_ ) I | 3
y =— -
n n 3
Ta co . Do vay
Mat khac
vobvy by, =l - u )4 G - w ) v+ - w )=, - w =, - 2.
u, _3‘ - 3 *e lim u, =5
Vay va
L 1 .
) A RS IR
Cau 19: Cho day so c6 tinh chat . Tinh
Loi giai
lllzl u, - — ‘ :_..li.IE (u_“ - 1) =0 lim u, =1
Ta co . Vay

Céu 20: Viét s6 thap phan v6 han tuan hoan 2,(12) = 2,121212... thanh phan sb.
Loi giai
Ta c6: 2,(12) = 2+0,(12);



0,(12) =0,12121212---=0,12 +0,0012 + 0,000012 +0,00000012---
1 I I I

=0,12+0,12 -—+0,12 ——+0,12 ~——+0,12 -——--
100 100° 1007 1007
L
7 . , o L . 100
Day la tong cua cap s6 nhan lui vo han véi s6 hang dau bang 0,12 va cong boi bang . Tong
2
o2 L 12_4
1 99 33
. 100
nay bang
2,(12) gy 470
33 33
Vay .
Cau 21: Tim céac gidi han sau:
. | \fg " n mno_ n n+l
“m[ - lim > lim> lim—>
) 4}? - 1 3J'I +2J’I 3]’] +4J’J
a) b) ; c) ; d :
Loi giai
a) 0;
| i‘ lim | 0
lim =lim———= ' = =0
_ i I WA I 1 I_ CI'
1- ‘ ‘ 1- 11m| ‘
L 4 )
b)
I f 2 W oM I ll f 2 1
N I L ‘3‘ '“n‘,} 1- 0
lim = _ =lim = _ = =1
3" +2" (2] . (2] 1+0
1 +‘ 1 +11m‘
1 3] | 3
c)
.4 : 4 4 4
im— =lim——— = — = =
T +d X ET 0+1
‘ ‘ +1 lll‘ﬂ‘ | +1
L4
d)
Cau 22: Tim céac gidi han sau:
) . +3n
lim(1+3n- n*) lim n-1

a) ; b)



lil'ﬂ(\-JH: - n +n) lim (3" - 57)

c) d)
Loi giai
11|Il(|+3n -n )—llm n —+—— 1 H
a)
3 1+ 3
a + . :
lim 2 31 =lim|{n" —2 | =+
2n-1 . 1
T on
b)
llln(x-‘n' - n +n) =lim|n| Jl- —+1|| =+x
n
c)
1im(3""I - 5) =lim15 3[ —‘ - I‘ }» —- 0
d)
lim
a” +l

, tim gi161 han

Cau 23: Tuy theo gia tri cua
Loi giai

a" _ lima" 0

_ lim——=———=
O<a<l lima” =0 a"+1 lima"+1 0+1

Néu thi nén

. a .1 _ 1
lim—— =lim—— =lim =lim— =—
a =1 a’ +1 1" +1 1+1 2 2

Néu thi

a>1 . , «
(chia ca tir va mau cho

Néu , ta viet

(1)
0<l<] lim| — =0
a>1 a . a L
Do nén , suy ra . Tu do,

lim—2— =lim _I . = =
a (] I-.I I+D

1+ 1+ lim

i \ a

).



n

1

lim -
a'+1 , O<a<l | 2 | a=1 | o a>1
Vay bang 0 néu ;bang  néu ; bang 1 néu
. Oxy . dix+y=2 A
Cau 24: Trong mat phang toa do , duong thang cat truc hoanh tai diém  va
2n+1
d y= p x P (” EIN‘) s 04P
cat dudng thang tai diém .Kihiéu  1a dién tich cta tam giac
imS,
Tim
Ay
\ 2n+1
2 ([’ ¢ n ) 7 X
PFT
@) A -
/ =
Hinh 4
Loi giai
[ 2n 4n+2| dn+2 -
A(E;D};RI‘ 7o ‘;OA =2:4p =27~ \[2:B4pP, =45

In+l 3n+l An+l

! : 1 4n+2 2 4n+2
S =—04 AP sinBap=— 22"~} N2 4
2 ' 2 In+l 2 In+l
442
+

: . An+2
lims, =lim 72 —lim "I’ =

n+l 34+

Cau 25: Tinh céc gidi han sau:

lim (-,I'H: +2n-n- 3) lim (Eﬂf - +I)

n— &

a) ; b) ;

lim (-q‘n: - n+2 +n) lim (3}? - Jan’ +I)

n— &= n— #x

Loi giai

- -4 = lim - -
. - . 2n e

lim (1.;‘”'+3n—n— 2):11m e I+2 +|+2
e e (q‘n: +2n+n+ 2) "



4+3

lim (2+n3— it +1 )_lu dn 3 =lim > n =2
: e r Y +~.,!‘n +1 - +|+.J| . I_
n n
b)
. - | 1 2 |
lim (-,i'n'—n+2 +n):11m nl Jl- —+ —+1|=+=
nE e n o n
c)
lim (3;;— 4n® +1 —11m n ,4+_‘ —+o0
n—s T H
d)
Cau 26: Tinh cac gidi han sau:
. 6n-5 . =2nt-0n+2 . oon - Sn+l
lim lim— = lim——
3n 8n” - Sn+4 n -4n+2
a) ; b) Q)
, = + . ..i 2 +n+ . n n
11m$ 11n:1M lll‘ﬂi
On” - n+2 8n+3 34"- 435"
d) e) g)
Loi giai
I 5 N ]
. - Sn+l . S 3
11m”ﬁ— =|lim-—=~ "
_l InT-4dn+2 3_4+3
4 nonom
a) 2. b) . c)
4+ I + : A" 45"
. 4.”: +”+I . n ”: I ]_lln =
lim =lim = 34" - 45
an+3 Q4+ 3 4
i)
d) 0. e) g)

Cau 27: Tim céac gidi han sau:

o= 2+l . 2nt+n-3 . ;
lim———— lim——— 11m(\,-‘n' +2n - n)
2-3m n +5

a) b) c)

Loi giai

2 1 . o2 ]
1- =+ —  liml-lim=+lim— I

liln” - 2n+1 lim_n n nt _l- 0+0 _. 1
2 3 2

2- 3" < .3 lim = - 3 0-3 3
n n



2 1 3 2 1
2 +n-3 S+ - S limS+lim - im0
m=" R0 jpnn” e _ on n no_ g
s 5 3 N
n+3 I+~ [ +lim -~ 1+0
n "

b)

(-an+2n— n)(u’n:+2n+n) (n? +2n)- n*
liln(\hr +2n- n) =lim . =lm——
'JH' +2n +n Vn®+2n+n

c)
. 2n . 2 lim2
=lim : =lim = :
s 2] 2 . 2
n'[l+ +n I+ +1 lim| J1+= +1
\ n | n | Fi _
%3 % ¥
= = = = = = =I.
JI +0+1

n n

% %3
Jliml +lim = +lim1 JI +lim= +1

Cau 28: Tim cac gidi han sau:

) I n +7
lil‘ﬂ(n' +3n- 5) m 1- 2n ]im(3” - 2”}
a) ; b) c)
Loi giai
n +3n-5 :n:[ 1 +E- i
nonm |
a)
lim I+i— i :liml+1imi— limi =1+0-0 =l
limn® =+  n n n n
Ta c6 va
lil‘ﬂ(n: +3n- 5):1iln H:‘ |+1— EH = 40
o n
Suy ra
5 H:[ 1+ ?ﬁ ‘ 1+ 7
n+7 | no n*
ey - =H:
1- 2n n I 5 1 .
LM n
b)
1+ ?ﬁ liml+lim ?ﬁ 1 +0 I
lim—1 = no— =- _
) -2 liml—liml 0-2 2
limn =+ n n

Ta co va



.o +T 2
lim =lim|n —2| =
= Lfl I _ A
n -
Suy ra
- 2” | 2'
3.'I - EH — .'I[ I_ _I‘ :3” I_ -
| 3.I . |3
c)
. E-H . n 2.”
lim I—[—‘ :I—11m‘—‘ =1- 0=l
lim3" =+ 3) \3)
Ta co va
( f .-:r WA
lim (3"' -2 )zlim|3” 1- ‘ - ][ =+
Suy ra
S, =u, tu, +-+u, oon . o (un)
Cau 29: Ki hi¢u latong s hang dau cta cap so6 nhan c6 cong boi
.ou, 3
lim—=~ ==
Lo9F S, 4 q
bang . Biét rang . Tim gia tri cta
Loi gidi
- N n-1 l- l- n
u, =ug"":Ss, =u I-q w, _q | Il-fi']': 4.9
' ' l- g 5, I-q g l-g
Ta co . Suy ra
|1 S lim ¢"
lim— =lim qlql‘: 7. .q.,
. O<g<l : g l-g g 1-limg
Néu thi
g 1-0 4 >1
Do do, . Khi do,
lim—= =lim _q-q.l‘:_q-lim_ _ta 1o g
. g l-gq q [l‘l g 0-1 g
L)
q 4 q =4



04,4, A.AA =a Ho4, =30
Cau 30: Cho tam giac vudng tai va . Ha cac duong vuong goc
A A LOAAA LOAAA LOA:-
Tiép tuc qua trinh ndy, ta nhan duoc dudng gap khic
Al A: "43"44 o a
Tinh d6 dai duong gap khuc nay theo .

Hinh 1
Loi gidi
QIA:A__\__ EI:A.'\A_--. Q:\A_-As-."' . . E!OAQ . ) 30
Céc gbc deu bang goc nén déu co6 so6 do
ND)
A A =A4A, ©os30 =a =
AA, =44 cos30 =a E E =a _3‘
S 2 2 2
A A =44, cos30 =a E -E:ﬂ E‘
ST 2 2 2
, .4,.4:,.4:.43,.43.4_.,'-- i i . .
Vay do dai cac doan thang tao thanh cap s6 nhan lui vo han véi s6 hang dau
o &5
. R s 2
bang va cong boi bang
) AAAA,
Tur do, d6 dai duong gap khuac la

NER a3 _af32+43)

 =2N7 = = —a(3+2-3

2 B2 W) a3+243)
2

Cau 31: Tim cac gidi han sau:

. 2n-3 . 3n-1 . (2n-1)2n+3)
lim lim — lim a
6n+1 no+n 2n” +4
a) b) c) ;
lim dntl lim :
:jnj-i-?md-n limafn(Jn+1-Jn) Jn' +n-n
d) ; e) ; g) :



Loi giai

1
3
a)
b) 0.
_2_ [ . 3)
Y- 132 79
lim[“” IF‘“’H?’}:lim' njA_ Al _=2<_4
n” +4 -,+4 2
n
c) ;
4+| 4+1im|
dn +1

n = n 4

li = = =2

im—— =lim =I5
: , +
J”+3”+” JI+3+I Jl+hm3+|
" "

d) ;
lim-.ﬁf_ﬁ{'.lw - Jn) =lim J;f' nvl- J;H' intl +ﬁ} =lim ﬁ

) Jn+|+\-"; JH+I+JH

e

g)

lim lim Nnt +n+n —limﬂl”: +n+n
i +n-n (\rjnzﬂa— H)('JH:+H+H) n

I .
1+ —+1]| =2.
v "

=lim

OA A, A, 04 g
Cau 32: Cho tam giac vuong can tai  c6 canh huyén bang . Bén ngoai tam giac
04,4, 04, A, A 04, A,
, V€ tam gidc vudng can tai , V€ tam gidc
04,4, 4,
vudng can tai

vuong can (Hinh 2).

. Tiép theo, bén ngoai tam giac

. Ctr tiép tuc qua trinh nhu trén, ta v& dugc mot diy cac hinh tam giac



a4
Hinh 2
) AAAA,-
Tinh d6 dai duong gap khuc
Loi giai
QGA:,QEGAE,QLGA_.,'-- . . 45
Ta c6 cac goc déubang . Taco:

AA, =04, =04 <cos45 =a—

=
A, A =04, =04, cos45 =a —— =a| —

T ' i 2 2

NN 7|

AA, =04, =04, ©tos45 =a £ £ =a| —

' ' 2 2 2

C AALAA L AA,, o , ‘
Vay d6 dai cac doan thang tao thanh cap s6 nhan lui vo han véi s6 hang dau
a2 V2

\ 2 . 2 , Al Az ‘43’44 o

bang va cong bdi bang . Do do, d6 dai duong gap khuc la
2 1 2 2
f:ﬂ\"_ . = ﬂ.j_ :ﬂ.‘r-f_2+ﬁ} :af_|+ﬁ}.
2 2o2-2 2
'
~ OMN 0 OM =0N =l ~ OMN
Cau 33: Cho tam giac vudng can tai . Trong tam giac , v& hinh
OAB,C, 4.B.C, . OM ,MN.ON
vuong sao cho cac dinh lan lwgt nam trén cac canh . Trong tam
AMB, A A,B,C, 4,.B,.C, ‘
giac , v& hinh vudng sao cho cac dinh lan lugt nam trén cac canh
AM,MB, AB :
, . Tiép tuc qua trinh do, ta dugc mdt day cac hinh vudng (Hinh 3). Tinh tong

dién tich cac hinh vudng nay.



N

c, 5,
c g
j = ..
0 A4, 4, 4, M
Hinh 3
Loi gidi
D¢ dai canh cua cac hinh vudng lan lugt 1a
| | 11 (1) | L (1) (1)
a =—.a, =—d, =— —=|—| da, =—a, =—:| —| =|—
27 2t 22 ‘3 T2 3|.3_ ‘.3.
Dién tich cua cac hinh vuong lan luot 1a
(1) 1
EI =a; :‘ — =
20 4
.y ()
5 =a. = ‘_ = _‘
S 2] L 4]
i I =l i I i I i 3
5.1:&::‘— :‘_ _‘_‘
' ' | 2 | 2] 4]
1
S, =—
S,.5..5.. 4
Cac dién tich tao thanh cap s6 nhan lui vo han vi s6 hang dau 1a va cong
1 1 1
= =
1 4,13

I
. J 2 . 4

boi bang . Do do, tong dién tich cac hinh vudng la
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