Bai 4. VI TRi TUONG DOI GIUA HAI PUDNG THANG. GOC VA
KHOANG CACH

| FanPage: Nguyén Bao Vuong

PHAN A. LY THUYET

I. Vi tri twong ddi ciia hai dwong thang

A

Trong mit phang toa do, cho hai duong thang = va A, lan luot ¢6 vectd chi phuong 1a Uty Khido

a) A cit A, khi va chi khi “1°% khong cung phuong.

b) A song song voi A, khi va chi khi -t cing phuong va c6 mot diém thudc mot dudng thang ma khong
thudc dudng thang con lai.
c) A, trung voi A, khi va chi khi “>% cung phuong va c6 mot diém thudc ca hai duong thang do.
Chu y
Ao s A U Uy T
- 71 vudng goc voi 2 khi va chi khi vuong gbc voi nhau.
- Khi xét vi tri twong ddi ctia hai dudng thang, c6 thé dwa vao cip vecto phap tuyén cua hai duong thang do.
Vi du 1. Xét vi tri twong ddi cia mdi cap duong thang sau

a) . A 2x- y+1 =0 va s :—_r+3_1'+3=D.
A - |.x‘=]+2|f
b) x-y-1=0 va N ]I_l':3+2|"
Giai
a) Pudng thang Ai ¢6 vecto chi phuong =(52) , duong thang A2 ¢6 vecto chi phuong "2 ==2-D p,
| 2

-2 -1 pgp "t khong cung phuong, suy ra A cét AZ.

b =(L1)uy =(22) Suy ra " :2“3.Chon t=0taco

b) Puodng thing Ass Ay lan luot c6 vecto chi phuong :
diém M(1;3)€Aa, o1-3-1#0 pep M(1:3)¢ A, . Vay A; song song voi A“.
Ta c6 thé xét vi tr1 tu’O’ng d6i cua hai duong thang dya vao sb giao diém cua chung.

Nhdn xét: Cho hai duong thang A va A, ¢6 phuong trinh 1an luot % by+e =0 ax+by +c, =0.

Xét hé phuong trinh:
|Jﬂ|.r+."}|_1'+n-| =(

]_ a,x+b,y+e, =0
Khi do

a) A1 c&t 22 khi va chi khi hé (I) c6 nghiém duy nhét.

)

b) A, song song voi A, khi va chi khi h¢ (I) vo nghiém.

c) A trung véi A, khi va chi khi h¢ (I) c6 v6 s6 nghiém.

Vi du 2. Xét vi tri twong ddi ctia hai duong thang

Aix-2y+1=0;A,:2x- 4y+2=0.

Giai

Toa dd giao diém ctia dudng thiang A va dudng thang A, 1a nghiém cua hé phuong trinh:
(x-2y+1 =0

(2x-4y+2 =0

Hé trén c6 vo s nghiém.

A AN VA a2z o AL o A
Nhu vay, ~! va 2 ¢6 vo0 s0 diem chung, ticc 1a ~! trung voi 2.
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II. Géc giira hai dwong thing

Hai dudng thing A va A, cét nhau tao thanh bon goc.

- Néu hai duong thang A va A, khong vudng goc véi nhau thi goc nhon trong bdn goc tao thanh duge goi
14 26 oiil Coay : A A

a goc gitra hai duong thang ~! va ~2.

- I\{é’u hai duong thang A va A, vudng goc voi nhau thi ta ndi goc giira hai dudng thing A va A, bang
90

Goc gitra hai duong thang A va A, duoc ki hiéu 1a “Az) hoac (A"AE).

Quy woc: Khi A song song hodc trung vdi AZ, ta n6i goc gitra hai duong thing A va A, béng 0
Nhan xét: Géc giira hai duong thing luén bé hon hodc bing 90 | tire 1a (a,.4,) <90 .
Trong mit phang toa do, cho hai duong thang A VT. A, co Ve|ct0 chi phuong lan luot 14
aa, +hb,

cos(A,A)) =2 =1
Ja,' +h" far; +B;

u, :(ﬂl':'hl )'”: :(ﬂl':hJ, Ta

Nhan xét
A LA = aa, +bb, =0

co:

- Cho hai duong thing A, va A, c¢6 vecto phap tuyén lan luot 1a "M Ta cling co:
|ﬂl...'”:|

| |

Vi du 3. Tinh s6 do goc giita hai dudng thing A va A, trong mdi trudng hop sau:

cos(a,.A,) =[cos(n,.n,)| =

A, .1-:—I+J’_’_a.r, A : .1-:—I+J§f:
y =1+t . |ly=4-1t,
a) va :
A 3x+y-10=0 , A,:-2x+y-7=0
b) 7! va "2 .

Gidi
a) A c6 vecto chi phuong h :(‘E:‘l).
u, =(+/3;- )
BAB+(-n] 1
JABY +1 J(B) +(- 1 _E.Véy (a.4,) =60

—1. , —
n =(31).4, ¢6 vecto phap tuyén m =(-2;1)

— . o |
CDE(&I..&:):||:|:|5|:”|_”:)|_ LIS ”:| _ |3 f 2)+1 || ~ I

R S S _E-Véy (A.A,) =45 .

III. KHOANG CACH TU MOQT PIEM PEN MOT PUONG THANG
Oxy

A, c6 vecto chi phuong

cos(A LA, )=
Do d¢, ta co:

b) A c¢6 vecto phéap tuyén . Do dé¢, ta co:

. . v e = +bhT >0 2
Trong mat phang toa do , cho dudng thang A c6 phuong trinh +by +¢ =0 (a e } va diém
J'W(xg;-‘}'.g) , , P S VAP T \ 2 A i hidn 13 d(M A) , s A , .

. Khoang cach tir diém dén duong thang A, ki hiu la >~/ dugc tinh bdi cong thuce sau:
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|u.r,, +hy, + L'|

d(M,A) o
Ja® +h°
Chii y- Néu M €A h 4(M.4) =0

Vi du 4. Tinh khoang cach tir diém M dén duong thang A trong mdi truong hop sau:
a) M(-2:1) va A:2x=-3p+5=0

N (x =-24+3
by M(1:-3) y=2-4
Gidi
a) Ta co:
T =7 - . 5 7 3
d(m,ay= 20231451 2 2413

JrEe3 313

b) Puong thang A di qua diém N(-22) , 0 vecto phép tuyén =(4:3), Phuong trinh tong quat ctia dudng
thang A 1a

Hx+2)+3(y-2)=0hay 4x+3y+2 =0.

|4 1+3 {-3)+2| 3

V4 +3

= d(M,A) =

I:_r~||

PHAN B. BAI TAP TU LUAN

Dang 1. Vi tri twong ddi ciia hai dwong thing

Dé xét vi tri twong doi cia hai dwong thang Apra;x+b,y+c,; =0 va Ay, x+b, y+c,=0 ta xét s6
a,x+b, y+c,;=0
a,x+b,y+c,=0

A4,

nghiém cua hé phuwong trinh

S TrA 1 oA A A e
° Hé co mot nghzem.' 1 cat

A, A,

S H¢ vo nghiem: =1 // =2,

s He ¢ vé 56 nghiém: 4, = AZ.
Dic biét: Néu 2526270 ;.
a b a_bi¢ a_b_q

¢_
A eitPr o0 by 4y 4, a,

Pé tim giao d:iém cua 2 duwong thang ta giai h¢ phwong trinh tren.
Tim hinh chiéu cua diém A lén duong thang d.
Cdach 1: lap phuong trinh duong thang d’ qua A vuoéng goc voi d. Hinh chieu H la giao diém cua dva d’.

Céch 2: diém H thuéc d cé toa do theo tham sé t (hodc x, hoac y), cho diéu kien AH L d < AH.u=0 dé tim
t.

Tim diém d@oi ximg A’ ciia A qua dwong thang d: tim hinh chiéu H, ding cong thirc toa @ trung diém dé suy
raAd’.

Tim dwong thang d’ doi xirng ciia dwong thang d qua diém I cho truce. ‘ 7 ’

Cach 1: d’ song song hodc trung voi d nén co cung VTPT. Lay diém A thuoc d réi tim diem B doi xung qua |
thi B thuéc’d ’ ’ 7 )

Cach 2: Lay M(x; y) bat ky thuéc d. Goi M’(x’; y’) la diém doi xung cua M qua I, ta co:

X+Xx ':2x0’ y+y'=2y, L x=2x)—X ', y=2y,=y"

by ¢4, -4, a, b, ¢,

Thé vao phwong trinh d thanh phirong trinh d’.
Cau 1. Xét vi tri tuong doi va tim giao diém néu c6 cua hai duong thang:
2x=-5y+3 =0 Sx+2y-3=0

a) va
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x-3y+4=0 05x-1L5y+4 =0

b) va
10x+2y-3=0 Sx+y-15=0
c) va
Loi gidi.
2,75
5 2 2 ’
a)Ta co nén hai duong thang cat nhau.
_9
X=—
29
2x-=5y+3=0 21
. _3= Y=59
Toa dg giao diém la nghiém cia h¢ 5x+2y—3=0 = 29 .
(g .g)
Vay hai duong thang cét nhau tai 2929
1 -3
0,5 -1,5 4 9
b)Vi nén hai duong thang song song.
10_2_ -3
5 1 -1, i
c)Vi nén hai duong thang trung nhau.

Cau 2. Xét vi tri trong d6i va tim giao diém néu c6 cua cip dudng thang:

x=—=1-5t¢t dhx:—6+5f
| y=2+4t | y=2-4t'
a) va .
x=1-4t
|y=2+2t  du2x+4y—10=0
b) va .
X=—2+t _
oo dﬁizl—é
y=2+2t 1 =2
c) va

Loi giai.
Ta chuyén cac duong thang vé dang tong quat:
d:dx+3y-0=0 4" 4x+5y+14=0.
a) va

4_5

.~
Taco4 5 14 pend & song song.

dix+2y-5=0 d':2x+4y-10=0
b) va
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—5

1_2_
52 4 —10 pend, o trung nhau.

Ta co

dix+y-2=0 d:2x+y-3=0

c) va
1,1 |
Tacé 2 1 nén d, d’ cat nhau.
x+y—2=0 |x=1
Toa dg giao diém la nghiém cua hé 2x+y—3=0 oY= 1 vay I(1;

Cau 3. Bi¢n luan theo tham s6 m vi tri tuong doi cuia hai duong thang:
+y+2=0 x+my+m-1=
nx + ) 0 4 x+my+m-1=0

Loi giai.

mx+y+2=0
Xét hé X+my+m—1:0©

mx+y=-—2
x+my=—m+1

Ta lap céac dinh thtrc:
D= 1=mi-1=(m—1)(m+1]
1 m _

x_‘ 1‘
m —m+l =y,
m =2
=| |=—m*+m+2=—{m+1|[m-2|.
Y1 —-m+l
Vay néu ™ #Lm =1 g D #0. haj duong thing cét nhau.
Néu m =1 thi D=0 DX;’&O: hai duong thang song song.

Néu m =1 thj D:DX:D}’:O: hai duong thang tring nhau.

Caud. Véi gia tri nao ctia tham sé m thi hai duong thang sau day vudng goc
Ay,:x—y+m=0

Loi gidi.
L
Ay oo yrpT 1a =1L 1)
Tacs: Jt Ao .n,=0em-1=0em=1

Ciu 5. Tim m dé ba dudng thang sau day dong quy:
d;:2x+y—4=0 d,:5x-2y+3=0 . d,:mx+3y—2=0

Li gii.
_5
=2
9
2xby=4 |26 1(55)
TQadégiaOdiémcﬁadl Véd2 la nghiém cua hé: Sx=2y=-3 9 . Vay 9°9

1.

Ajimx+y+8=0 .

a




Cau 6.

diéu kién cua a, b, ¢, d dé hai duong thang di va

Cau7.

kién can va du dé duong thang

Cau 8.

Dé ba dudng thang dl,d2,d3 ddng quy ta phai c6 I thude dy
Em+&—2:0@m:—12
<9 3
xX=x,+at X=Xx,+ct’
o d +bt 2=y wdt sy
Cho hai duong thang Y=>" va Y=Yz (*1, %2, Y1, Y2 13 cac hing sb). Tim
d,.

a)Cit nhau.
b)Song song véi nhau.
¢)Vuong goc voi nhau.
Loi gidi.
d, di qua Ml(xl;yl) va co VICP u(a;b), d, di qua MZ(XZ’yZ) va co VTCP V(C’.d).

d, , d, u v
a) cat < va khong cung phuong < ad —bc # 0.

d, d, u v M, (.r,.'_l', )E{r': = ad - be =0 d (_rl - X, )in-(_l', - _1':)
b) / < va cungphuong va va

d,=d, ua v Ml(xl;yl)edzﬁad—bczo d(xl—xz)zc(yl—yz)
C) < va cung phuong va va

d Ld =ulve ad+bec=0

d)

Cho dudmg thing d di qua hai diém phan bt M1X15%2] ya Ma(X25Ya| Chgng minh ring didu

Av+ By +C =0 song song véi d 1a Ax;+By,;+C=Ax,+By,+C#0

Loi gisi.
VTCP cua duong thing d 1a: M, M, =[x, =% Y,= 3.
Ac+ By+C =0 léﬁ[A;B]

VTPT cua duong thang

(=4

Vay dé hai duong thing song song trude hét can co MMz =0 Alx,=x; |+ Bly,— yl):O.

o AX;+By,=Ax,+By, = Ax;+By,+C=Ax,+By,+C

Mt khac, diém Ml(xl;yl) khong nam trén Av+ By+C =0 nén Ax;+By,+C#0

(dpcm).
Cho hai duong thang:
A:(m+1)x=2y—m—1=0. A,:x+(m—1)y—m>=0

2 Al
a)Tim toa d6 giao diém cua va

A4,

b)Tim diéu kién cia m dé giao diém d6 ndm trén truc Oy.
Loi giai.

a)Ta co:
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Cau 9.

m+l =2

D
1 m-1

|=m*+1.
D =3m°-1

Dy:m3+m2—m—1

vi D =m" +1 #0 y4i moi m nén A va A, ludn cit nhau va giao diém I cia ching c6 toa do:
_Dx_3m2—l
DT e
y_Dy_m3+m2—m—1
D m?+1
3m® - 1 s
-~ =0e=3dm-1=0eom=+x—
Iey m- +1 V3
b) <

3r- p41=0

Cho duong thang A va diém ! (1;2) . Tim phuong trinh dudng thang A’ d6i ximg

v6i A qua diém 1.

Cau 10.

Loi giai.
Lay mot diém M nam trén duong thing A: 2x- y+1=0 , chang han M = (0; 1). Diém M’ dbi
ximg voi M qua diém £ =12 ¢4 t0a do M =(2:3) Puong thing A’ dbi ximg véi A qua I Ia

duong thiang di qua diém M’ va song song voi A, tirc 1a c6 VTPT n:(z; -1 . Vay phuong trinh

cua A’ lé, 3{."." 2}‘ {_1" 3} :Ohay 1-1" _l" ]. :D
Cho hai dudng thang diix+y—1=0 ;dy:x=3y+3=0 Hay 1ap phuong trinh cua duong
thang dy dbi xtmg voi d, qua d2.
Loi giai.
Giao diém M(x;y) cua d, va d, c6 toa do 1a nghiém cua hé phuong trinh:
x+y—1=0 o X:0=>M(O,'1)
x—=3y+3=0 |y=1
Lay AL0) thudc dl, phuong trinh duong thing AH vuéng goc voi d, la Hx=1)+1(y-0)=0
o Jx+y-3=0
x=3
3x+y—3=0_ "5 _ (3.6|_ 4(1.12
x—3y+3=0 _ 6 5’5 5’5
Y=5

Cau 11.
A:

Toa dg cua H 1a nghi¢m cta h¢ phuong trinh

Phuong trinh duong thang MB hay duong thing dy la

(x—0| %—1 —(y-1) %—o):o«:m—yu:o
Cho duomg thing A: ¥+ +¢ =0 Vg phuong trinh duong thing A’ d6i xtmg véi dwong thing
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a)Qua truc hoanh.
b)Qua tryc tung.

¢)Qua gbc toa do.

Loi gidi.
Xét diém M [Xu5 Yl tuy y thude A.
N(xN;yN) 7 ’
a)Goi la diém doi xung voi M qua Ox.
XN=Xym Xpy=Xn
Khide: YN~ Ym (VM= Vn,

Dodé M e A o Xy +byy+c=0 _axy—byy+c=0_ 4, _ ax-by+c=0

Vay phuong trinh duong thang ddi xtng véi A qua Ox 1a ax- by+c :D.

P(xp;yp) q ’
b)Goi la diém doi xung véi M qua Oy.
Xp==Xy _ [Xy="Xp
Khi d6 ta co | VPTYM [ YM=YP Do g6 M e A o AXutbyytc=0
axp—byp,—c=0_pcA4, ., ax- by- ¢ =0

Vay phuong trinh dudng thing déi ximg voi A qua Oy 1a %~ by-¢ =0

Q[x4: Y o
¢)Goi la diém doi xung véi M qua O.
XQ==" Xy _ | Xy="Xq
Khi do ta co YT Vm yM__yQ. Do d6 M € A & aXM+byM+C:O@

—axQ—byQ+C=O@Q€A3© ax+by-c =0

ax+by-c =0
Vay phuong trinh duong thang ddi xtng véi A qua O 1a

Cau 12. Trong mat phéng vo1 hé toa do Oxy , cho diém M(-1;2) va hai duong thfmg d, X 2y+1=0 ,

d, 2+ y+2=0 vk phuong trinh duong thang A di qua M va cit d, tai A, cit d, tai B sao cho
MA =2MB .
Loi giai.
Ta co AJDdl = 4 suyra Aefil nén -1+ 2a:a) ANd, _p suy ra Bed, o Blbi-2-2b)
MA=(-2a:a-2) . MB =(b+1;-2b- 4)
Suy ra va .
MA=2MB

Do Aqua M nén 4,B.M thang hang. Hon nita M4 =2MB suyra MA=-2MB
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2
a==
3
—2a=2(b+1) _ 5 al_7.2) [ 5.4
MA=2MB |a—2=2(-2b-4) 3 3’3 3’3
® Vi < o . Suy ra va
M (2 92)
‘ AB :‘ —:2 =1
Khi d6 duong thang A qua M(- 1:2) va nhan 133 . Lam véc to phap tuyén nén A:

x-y+3=0.

-2a=-2(b+1]) a=-2
h=-3 A(3;-2) B(-3;4)

s Voi < < . Suy ra va

MA=-2MB |a-2=2-2b-4)

Khi d6 dudng thang A qua M(-1;2) AB =(-6:0) 13 véc to phap tuyén nén A:

x+y-1=0

va nhan

Vay ¢6 hai dudng thang can tim A: x- y+3=0 hogc A: ¥ TV~ 1=0

Cach 2. Goi n:(a;b) voi a®+b*#0 13 véc to phap tuyén ciia duong thang A.
Suy ra A: alx+1)+b(y- 2)=0 hay &+ by+a-2b=0
ax+by+a—2b=0 2a-5b _ 2b

nén toa do diém A théa man hé X+2y+1=0 b—2a ’b-2a .
ax+b+a—-2b=0 4b—a.—4b)
nén toa do diém B thoa man hé 2x+y+2=0 a—2b"a—-2b .
—4b  4a 2b  —2a
b—2a’b-2a a-2b’a-2b

_ 2
4b 2¢ 2b

b—2a a—2b
4J b%+d? :4/ b*+a’ [ b—2a=a-2b [a—b:0
o |lb=2al la—2bf® olb—2af=(a—2bf o, b-2a=—(a-2b) o a+b=0

a-b=0 a =1 b =1 .T+_}"]:D.
® Voi , ta chon suy ra . Khi do A:

Do ANd;=A

Do ANd,=B

=

—_—

m:(

va

2 4a

+
b—2a

Ta co . Theo gia thiét
2 [ _9g )2

+
a-—2b

MA:2MB©\/(

a+b =0 a =1 bh=-1 .T'_‘.‘+3:D.
s Vi , ta chon suy ra . Khi d6 A:

Vay ¢6 hai dudng thang can tim A: x+y-1=0 hoac A: ¥~ +3 :U.

Céu 13. Trong mit phang véi hé toa do Oxy , viét phuong trinh duong thing A di qua diém M(2:1)
véi céc truc toa do mot tam gidc co dién tich béng 4.

va tao
Loi giai.
Goi @ =2b AN Oy = B(b:0) ygi A 2x+y- 8 :D. Phuong trinh chinh tic cta duong thing d:

X, y_
—+-=1
a b
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Theo gia thiét, ta co:

2,1_,

Med q7p 2b+a=8 2b+a=—8
Srons=4 | labl=8 | ab=8 hogc | @b=—

2b+a=8
Véi ab=8 suy ra A: XN+2y-4 :D‘

Db+a=—8 _|a=—47F442
..| ab=—8 b—_2+2\/7
Véi

[Aﬂl—Jﬂx+ﬂ+Jﬂy—4:0
Suy ra A:(1+\/§)X+2(1_\/§)y+4=0

Ciu 14. Trong mit phiang véi hé toa do Oxy , viét phuong trinh duong A thang song song v6i duong thang
Ty- 42015 = . . —
d: 20 y+2015=0 0y ki pai truc toa do tai M va N sao cho MN—3\/§.

Loi giai.

Do A qua M(m;0) ¢ Ox va N(O;n) ¢ Oy (v6i m, n # 0) nén

XY
4: m+ n =1 hay A: nx +my - mn :D.

n_m
- _ —=——on=—-2m
Theo gia thi€t, A song song véi d: Zr- y+2015=0 nén 2 —1 *)
Hon nira, MN=3"5e vm2+n2:3\/g_ Két hop vai (*), ta duge V5m2:3\/§@m:i3.
Vi M =3 suyra 7 =0 Tadugc A: 2x-y-6=0
Véi M =-3 suyra # =6 Ta dugc A: 0x- 3y +18=0

Céu 15. Trong mit phang véi hé toa do Oxy , viét phuong trinh dudng thang A di qua MG:2) 3 cét tia

Ox tai 4, cat tia Oy tai B sao cho O4+08 =12
Loi gidi.

Goi _(a'b) voi d *+b*#0 1a véc to phap tuyén ctia dudng thang A. Suy ra
A alx-3)+b(y-2)=0 h ym+h_1 - 3a- 2b=0

A 3a+2b;0 B 0;3a+2b
Ta co ANOX = A nén a va ANOy = B nén b
Theo gi thiét, ta co:
OA+OB=12 |3a+2b| |3a+2b|_12
+ + =

= a b 3a=b
% Voia=2b,tachonb=1suyraa=2. Tadugc A: 2x +y—8=0.

% Véi3a=b,tachona=1suyrab=3. Taduoc A: x +3y—-9=0.
Cach 2. Do A di qua A(a; 0) € Ox va B(0; b) € Oy (véi a, b>0)
A4 L=

nén d b hay A: bx +ay —ab = 0.
Theo gia thiét, ta co:
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OA+OB=12ea+b=12eb=12-a.(%)
Hon nira A di qua M(3; 2) nén 3b + 2a — ab = 0. K&t hop voi (*), ta duoc

3(12—a)+2a—a(12—a)=0 < @ —13a+36 =0 5= 9 hojic a = 4.
® Véia=4,suyrab=12—a=38. Tadugc A: 2x +y—8=0.

® Voia=9,suyrab=12—a=3. Tadugc A: x +3y—-9=0.
Dang 2. Khoang céach tir mét diém dén mét duwong thang
M(xo; yo)

_|ax,+by,+c|

dM,,A=
0 Va’+b?

Sx+3y-5=0

A(- 1;3)
a)Tinh khoang cach tir diém dén duong thang A.

Pé tinh khodng cach tir diém dén dieong thang A: ax + by + ¢ = 0 ta ding cong thirc:

Ciu 16. Cho duodng thing A:

Sx+3y+8 =0
b)Tinh khoang cach giita hai duong thing song song A va A’:

Loi giai.
a)Ap dung cong thuc tinh khoang cach ta co:
5.(-1)+3.3-5] 1

(5430 34

dlA,A')=dIM, A=

dA,Al=

5.1+3.0+8] 13

(52432 V34

b)Do M(1; 0) € A nén ta co

Ciu 17. Cho ba diém A(2:0).B(3:4) va ’ (L1) . Viét phuong trinh duong thang di qua P ddng thoi cach
déu A va B.

Loi giai.

alx-1)+b{y-1)=0 (02+b2¢0) ax+by-a-b=0 ,

DBuong thang A di qua P c6 dang
cach déu A va B khi va chi khi:
a-b| _|2a+3b —h= —
d(A,AJ:d(B,A)C;’ | : |2:| _ 2| a—b=2a+3b a=—4b
Ja+b?  Ja?+b? o' b—a=2a+3b o 3a=-2b
5 Néua=-4b,chona=4,b=—1suyraA: 4x—y—3 =0.

hay

% Néu3a=-2b,chona=2,b=-3 suyraA: 2x —3y+1=0.
Vay c6 hai dudng thang thoa mén bai toan 1a Aprdx—y—3=0 (3 4,:2x=3y+1=0

Céu 18. Trong mit phang véi hé toa do Oxy , viét phuong trinh dudng thing A cach diém AL 1)

B(2:3)

mot
hoang bang 2 va cach diém mot khoang bang 4.

Loi giai.
Goi A 1a dudng thdng can tim c6 dang A: & +by +¢ =0 véi a’+b*#0

Vi A cach diém AL mot khoang bang 2 nén

Trang 11



Cau 19.

trinh tong quat cua duong thang A di qua diém

la+b+c]|
|
dlA,8=2 o a+b Llatbrel=2Va b ()

Vi A cach diém B (2:3) mot khoang bang 4 nén

2a+3b+c|
dIB,Al=4 o a+b*  L[2a+3b+c[=4Va’+b’ )
[ c=b
Tu (1) va (2), suy ra |20+3b+c|:2\a+b+c|@ 3c=—4a-5b
c=b
% Truong hop . Thay vao (1), ta dugc:

a=0
|a+2b|=2 02+b2@3a2—4ab=0@ 3a—-4b=0

+V6i @ =0 tachon b =1 suyra ¢ =b =1 Khido A: y+1=0

+ Vi 3a-4b =0 ta chon ¢ =4 suy ra b =3 vy ¢=b=3 KhidoA: dx+3y+3 :[].

3¢ =-4a- 5b la+2b|=6Va’+b’

® Truong  hop . Thay wvao (1), ta dugc S

35a°—4ba+32b*=0
. Ta coi day nhu la phuong trinh bac hai theo a va c6 A’ =

12b)*—35.32b%<0

nén phuong trinh vd nghiém.

Vay c6 hai duong théng cantimla A: Y +1=0 hodc A: dr+3y+3=0 .

, ] , Y. .5 .
Trong mat phang v&i hé toa dd véi hé toa do Oxy , cho hai diém AC2:4).B(3:5 ). Viét phuong

(1) sao cho khoang cach tir diém 4 dén duong thang A

gap hai 1an khoang cach tir B dén A

Cau 20.

v6i duong thang

Loi giai

Goi n =(a:b) voi @ +b° #0 13 vécto phap tuyén cta duong thang A- Suy ra:
Aralx-0)+b(y-1)=0 h ax+by- b =0,

ay :
Vi khoang cach tir 4 dén dudng thang A gip hai 1an khoang cach tir B dén A nén:
-2a+4b- 5h- 8a+5bh =0
| a+4b h| :2.|3ﬂ+ b h| o |_ Eﬂ+3h| :E|3ﬂ+4h|~=- a
Vi 8a+5b =0 ta chon @ =5 suyra ? == 8. Khi d6 A:5x-8y+8=0.
Véi 3a+11b =0 3 chon @ =11 suy ra # =-3. Khi d6 A:llx-3y+3=0.
A:5x-8y+8=0 hodc & 1lx-3p+3=0.

d(4:A) =24 (B:A) =

Vay ¢6 hai dudng thang can tim
Trong mat phfmg vo1 hé toa d§ voi hé toa do Oxy , viét phuong trinh dudong théng A song song
d:3x= 4y +1=0 o ca0n d mot khoang bang 1-

Loi giai
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Goi A 1a duong thing cin tim. Do A song song v6i dudng thing ¢ nén c6 dang
A:3x-4y+c=0.

Vi A cach 4 mot khoang bang 1 nén:

3-d+c =
a’(d.:&):Imd(A;é.):Iﬁ|—+E|ﬂzlm|c--I|:5m[t
Eans c =4
Vmc—6 taducc Aidr-4y+0=0.
A:dx-4y-4=0.

Vgi € =-4 ,ta du’orc

Vay co6 hai du:ongthang can t1m A:3x-4y+0=0 hodc Atdx-4y-4 D

- By-2=

Oxy

Cau 21. Trong mat ph:fmg vo1 hé toa do voi hé toa do , cho duong thang Va hai

A(1:4/3)

diém phan biét , B khong thuoc @- Viét phuong trinh duong thang 4B | biét rang khoang céch tir
B dén giao diém cua duong thing 4B véi 9 bang hai 1an khoang céach tir diém B dén 4.
Loi gidi

(4B)

Goi @ 1a goc giita dudong thang va dudng thang ¢- Puong thang ¢ c6 vécto phap tuyén

n, :( ;- ﬁ)

Goi C 1a giao diém ciia duong thang
Theo gia thiet bai toan:

(4B) voi d; H 13 hinh chiéu vudng goc cua B trén -

sina _BH _1 =060" = cosa —E

BC =2BH nén BC 2 , suy ra 2

Goi n =(a:b) oi a”+b” #0 13 vécto phap tuyén cta duong thing (AB). Ta co:
i, i = ‘JE"L’

cosa = —L | V3 = —| | —E

T
‘ J_h‘ \,-'rw."ﬂ +h = a’ +BBab =0 =

a =0
a+ J_h =(.
véi ¢ =0, ta chon © =1. Khi ¢6 4B ¢6 phuong trinh '~ J3 =0.
Vi @3 =0, ta chon ¢ =3 suy ra » == 1. Khi d6 4B ¢6 phuong trinh Vax- y =0,
Vay c6 hai duong thang can tim: -+ V3 =0:43x- y =0.
Dang 3: Géc giira hai dwong thiang
Trong mit phang toa do Oxy, goc gitra hai duong thang AvAz phuong trinh
A cax+by+c, ZU.(GE +b] #0) A Jrax+by+c, :D~(ﬂ’§ +b; £0)

duoc xac dinh

cos(ﬂl : é-.,) =
- 2 + 2 . 2 + 2
boi cong thire JG‘ 7 b Jﬂz . b, ) )
D¢ xac dinh goc gitra hai duong thang ta chi can bi€t vécto chi phuong (hodc vécto phap tuyén)

o eos(AA, ) =feos (uytu, )| =[eos (n:n,)
cua ching: : : =l
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(x =t

A
2 i : r= I = - =T =5
Cau 22. Xac dinh gbc gitta hai duong thang sau: A,:3x- 2y +1=0 va Ly =T- 5

(reR).

Loi giai

o (3-2).n, (5:1) 3

Ta co : 1an luot 1 vécto phap tuyén cua cac duong thang And, , suy ra:

Bs-21_2

cos(A ;A )=

A s —45

ToTH 2 g5 (B30 =45"
Cau 23. Tim ™ dé goc hop boi hai dudng thang A RS y+7=0 va A, imx+y+1=0 mot goc bang

30",
Loi gidi
‘m\r— I‘
cos(A:A,

Ta c6 J3+ 1yym” +1

Th I il 4y s ALA s 300
eo giai thiet, goc hop boi hai duong thang —” 72 bang nén:
m-.,r 1

cos30" = ‘ -J_‘ = ,||3(m: + I:l :|}HJ?_9- I‘

2fm +1

= 3(}1:: + I) Z(mﬁ— I): < m=-

-

m=- —=
Vay “/g 1a gia tri cAn tim.

, - Ty 4] = : . .
CAiu 24. Cho duong thang d:3x-2y+1=0 ., M (1;2). Viét phuong trinh duong thang A di qua M va
tao voi d mot goc 45",

Loi gidi

. L ey — 2 2 ) o _
Puong thang A di qua M cc')da,mzcg,ﬂ("t D+b(y-2)=0.a" +b" #0 hayﬂ"w'lt}-1 a-2b=0.

. r.. ~ r 0 A
Theo baira A tao v6i ¢ mot goc 45" nén:

. |32 + (- 25) JE [3a- 25| —
cos 45" = =~ 1 = pela®+b*)=23a- 2
FoCodeer 2 e N R

a =5b

< S5a - 2dab- 5" =0 = ;
Sa=-b

( — —5 fy — A &gyl T —
Néu a —Sb, ChQn a —S,b =1 taduo'c ABx +_'|. ? —I:I

Néy 24 =-b, chon ¢ =I;b=-5 ta duoc A:x-5y+9=0.

. , - 549 =0:5x+y- T =
Viy c6 hai duong thing thoa man Sy+9 =0;5x +y- 7=0.

. . Ty pe = . : .
Cau 25. Trong mat phang véi hé truc toa do Oxy , cho duong thang d:lx-y-2=0 va diém 7@:1). Vieét

phuong trinh duong thang A cach diém / mot khoang bang Jio va tao voi duong thing ¢ mot goc bang
45°.

Loi giai
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Cau 26.

d, x+y-5=0

. + R ) dl )\
giao diém cua ! va

Gia st duong thing A ¢6 phuong trinh; &~ by+c=0,a” +b" #0.

Dudng thing A c6 vécto phap tuyén " :(a;b).
\ S d oA . < n, =(2:-1).
Puong thang ¢ c¢6 vécto phap tuyén ¢
Vi A tao voi duong thang d mot goc 45° nén,
- 2a- b | a =3b
cos(A:d) =[cos(n,:m, ) = _fpa-p] 1
| Lll Na* +b° 5 V2 b =-3a.

Véi @ :3[), Ch()l’l b =1,ﬂ' 23’ ta dlIQ'C A :3.1'+_1'+ c =0,

)iy Bl o [
1(1:0) =410 Jm—x-'ﬁ

c =-14.

Vi b =-3a tuong tu ta c6 hai duong thing Atx-3y-8x-3p+l2
A3x+y+0 =0:3x+y- 14 =0ix-3y- 8x-3y+12

Mat khac

Vay cac duong thing cam tim 1a:

Oxy, M (0;1) d 1x-Ty+17 =0,

Trong mit phang véi hé toa do cho diém va hai dudng thang

. Viét phuong trinh dudng thang A di qua diém M va tao véi d,d, mot tam gidc can tai
d,.
Loi gidi

. . Al i, do o d s
Phuong trinh duong phan giac géc tao béi ! va "2 la:
|.T-'I"_1'+|'J" |.T+_1'-5| Ax+3y-13=0

— —r

J|:+(_?)3 N/EFSE A,:3x- y- 4=0.

2

A

Puong thang A can tim di qua va song song voi A hodc 2

-Truong hop A di qua MRO:1) song song vai A thi A co phuong trinh : ¥ ¥V "2 =0.
; y+1=0.

va song song voi A2 thi A co phuong trinh ; 2%
x+3y-3=0:3x- y+1=0.

-Truong hop A di qua M(

Vay c6 hai dudng thang can tim :

Dang 4. Tim diém thoéa mén diéu kién cho truée.

Cau 27.

Pé xac dinh toa do diém thudc duong théng ta dua vao nhan xét sau :

x =x, +af
A

1ER AT Y Y

(hoac a b ) c6 toa do dang

Piém 4 thuoc duong théng v =y, +bt

A (.".'.I +ﬂ|f_:_1'll + hl’ )
A Ao Ao s —

Cho duong thang Aidx-3y+5=0.

a. Tim toa d diém 4 thudc duong thing A va cach gbe toa d6 mot khoang bang 4-

5 5 . 5 5 P |
b. Tim diém B thuoc duong thing A va cach déu hai diém £ 00 F Bi=2).

Loi giai
x 44 MA0;-3 R \ 2 . ; N Al , , A
a. D& thay 0:-3) thuoc duong thang A va u(4:3) la mot vécto chi phuong cua A nén c6
[x =4t
|y =-3+4t1.

phuong trinh tham s6 1a |

A(4t:-3+3¢)
Su

Diém 4 thuéc A nén toa d6 cua diém 4 c6 dang yra:
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Cau 28.

Cau 29.

04 =4 = J(:n): +(-343) Zd4 o 257 - 18-T=0e | -7

(-28 -96)

Aﬁ‘ el
Viy ta tim dugc hai diém 1a 450 g3 7125725 |
B(de-3+4)

\ N ” o h T |
b. Vi BEA nén Diém B céch ddu hai diém £ 0 FG-2) o

EB =FB = (4t-5Y +(3t-3) =(4¢-3)Y +(3t-1) = ¢ :%.

yra

i 2 3 \
Bl —4;- —J.
Suyra 77
Cho duong thing @ ' ¥~ 2 +4=0 45 4idr A1)

a. Tim toa do hinh chiéu vudng goc cia 4 1én -
b. Tim toa d6 diém 4' dbi xting ciia 4 qua ¢-
Loi giai
[ A , ,oe , Ix ! =
a. Phuong trinh ' di qua 4, vudng goc véi € co dang 2x+y+C ﬂ.
d' qua A1 . 84140 =0= € =-9.
d':2x+y-9=0.

Do do
(x-2yp+4=0 |'7
—
2x+y-9=0
. p=
Hinh chiéu H 1a giao diém cua 9 va 4" nén co toa d6 thoa méan hé
H i:g
vay 100
h
X, =—
Ty X =axy 5
=] —
¥, ¥y, =2y, . _29
b. 4' d6i xtimg véi 4 qua @ khi H 1a trung diém cua 44" ' 3
(8 29 ‘
Al = —1.
vayy 123

M (,rj,yj) va N(xl;yl)

Vi diéu kién nao thi cac diém doi xung nhau qua dudng thang

Arax+by+ec =07

Loi giai

Hai diém M va N dbi ximg v6i nhau qua A khi va chi khi ¢6 hai diéu kién :
- Trung diém 7 cua MN nim trén A

- Vécto MN 1a vécto phap tuyén cua A

Ly o+, |
+.":r‘—" —= 1 4+¢ =0
2 )

x +x,
a 2

N blx, - x )- L=y ) =0,
Tu @6 ta dugc cac diéu kién sau : ' (1' 1') ﬂ(‘l- ‘1')
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A(0:2)

, . , cxe Ty 4T =
Cau 30. Trong mat phang vdi hé toa do Oxy, cho diem va duong thang dix-2y+2=0. Tim

trén duong thing @ hai diém B »C sa0 cho tam giac ABC vuong & B va thoa man 4B =2BC.

Loi giai
= ¥ e =7 i Jap
Do B.C€d nén c6 toa do dang B(-2+2b;5),C(-2+2c5c) voi b #e.
AB(-2+ 28 b-2), BC(2c- 2hc- b).

Suy ra
M0 mo 6
AB.BC =0 = (c- b)(5b- 6)=0= b =

Tam giac 4BC vuéng & B nén (do b#c), Suy ra

2 6
5'5)
Tam giac ABC théa man
3 - =
AB =2BC = _+_:3J3£.__ +‘.:--— o .
‘4‘35 25 N7 5| 5 c=".
)

A1), BM:-3) . o dix- 2y-1=0.

Cau 31. Trong mit phing véi hé toa do P | cho hai diém Tim
toa d6 diém C thudc ¢ sao cho khoang cach tir € dén duong thing 4B bang ©-
Loi giai
Y
Goi Cc(+2c:c)el(d).
. (4B) : :uﬂ 4y +3y- 7T =0.
Phuong trinh duong thang la: 3 -4
4(1+c)+3c-7
d(c.:.as):acJ — |:aa|||c-3|:3ﬂ¢-.:-:3 c= 2T
Theo gia thiét V4 43 hodc I
Véi € =3 ta duoc €(:3)
PP
c=227 o| 22 I
Véi 11 taduge ! S

Cau 32. Trong mat phfmg vo1 hé toa do Oxy , cho duong théng
15

toa do diém M thudc d sao cho tam giac OMN ¢4 dién tich Véng 2 (véi O 1a géc toa dJ)

Loi giai

oN =(3:4)= ON =5,

Puong thing ON ¢ phuong trinh ; ¥~ 3¥ =0.
. MQGm+om)e(d).
Goi
I _ .. i ~ 285

) S =—ON.d(M:ON) = d(M;ON) =""20 =3

Theo gia thiét ta c6 : 2 ON
|4(3}H+f])‘ ?am| m =1
=3e | .13

5 m=—.
Hay
V6i m=-1guyra M G;-1).

Trang 17



BE

m =
Véi 3 suyra

Dang 5. Cac yéu t6 vé tam gidc.

Oxy A(1;0)

Cau 33. Trong mat phfmg v61 hé toa do
B,C

, cho tam giéc ABC ¢4 toa d6 dinh va hai duong

dx-2y+1=0,d,:3x+y-1=0. Ti

thang chira cdc duong cao ké tir c6 phuong trinh 1an luot 14 :

toa do dinh B va C.

m

Loi giai

9

B C

A(1;0) v+ y-2=0.

, 2
Puong thiang 4C di qua va vudng goc voi d nén 4C ¢6 phwong trinh =

Tuong tu, 4B ¢6 phuong trinh * 3y-1=0.
(x-2y+1=0 (x =-5

_ 1= =
po B=dNAB toa do diém B 1a nghiém cua hé: ' y-1=0 1y= ~, ta dugc
B(-5;-2)
Tuong tyr € =d, N AC 4, quoc C(-1:4).

.57 -1
Viy B(-5:-2),c(- 1:4).

Cau 34. Trong mat phéng v61 hé toa do Oxy, cho tam giac ABC ¢p phuong trinh canh BC:x+y-9=0,

. x+2p- 13 =0:4d. 5y- 49 =
dudng cao qua dinh B va C 1an lugt c6 phuong trinh d ix+2y-13=0:d,:7x+5y- 49 =0.

dinh 4

Tim toa do

Loi giai
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(x+2y- 13 =0 x =5
=
o, B=d,nBC x+y-9=0 |y =4 B(5;4).

D nén toa do cua B 1a nghiém cia hé: !

C=d.nBC . C(2;7)
(0] = nen .

, ta duoc
D
AC 4 C or oA pos A A AC o 2x- v+3=0.
Canh di qua & va vudng géc véi ! nén c6 phuong trinh :
. . Ay = , =
Canh 4B di qua B va vudng goc vai 4 nen 4B co phuong trinh ~* Ty+3=0.

Do A =AB N AC pag AC2-1)

Céu 35. Trong mit phang véi hé toa do Oxy, cho tam giac 4B8C ¢o A31;3)

[P T _ U
BB x= 2y +1=0.CC% = 1=0. v dinh toa do dinh B va C.

va hai duong trung tuyén 1a

Loi giai

B¢ *C

(2b- 1;b).

Do BE€BB' nén toa dd cua B c6 dang
b+3
2

C'|l b;

Vi C' 1a trung diém ctia 4B nén

b+3
' ' _I:U‘:’h:_l B('S'l)
Mit khac, €' €CC' nén ta duge: 2 hay Cn

B"l c+]:2
Twong ty, B' 1a trung diém cua 4C ! 2

Mit khac B'€ BB' nén 2 hay T

Cau 36. Trong mit phing voi hé toa do véi Oxy, cho tam giac 4BC biét phuong trinh canh
BC:x- 2y =5=0, BB':y-2=0

CC": 2x-y-2=0

phuong trinh duong trung tuyén va phuong trinh duong trung tuyén
" Tim toa dd cac dinh cua tam giac.

Loi giai
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Cau 37.

Do B =BB'MBC pgn toa 46 diém B 1a nghiém cua hé:
B(-1;2).

Tuong ty, € =CC'NBC ta duoc C3:4).

Goi G 1a giao diém ctia BB' va CC' khi d6 G(2:2).
MG:1) o GM =(- 11).

Do G 1a trong tdm tam gidc ABC pen AGx; y)
ml oo ‘[I cx=3.61)  [x=4
=

AM =3GM <=
3- y=3.1 |y =0 A4(4;0).
- , ta duoc

Goi M 1a trung diém cua BC | suy ra

thoa man:

, .5 . .o ,
Trong mat phang voi hé toa do Oxy, cho tam giac 4B8C ¢6 A4(1:5). 5(- 4-5) va Cl&:-1). Viét

phuong trinh duong phan giac trong va phan giac ngoai cua goc 4-

Cau 38.

trong ciia goc B va C ¢6 phuong trinh lan luot 1a

va C.

Loi giai

4,C 2x+y-T7=0.

Puong thing 4C di qua hai diém nén 4C ¢6 phuong trinh

N PO —
Tuong tu AB:2x- y+3=0

|2.‘r+_1' - '?| _|2.‘r— _1'+3| oY 5=0

J4+1 x-1=0"

Phuong trinh duong phan giac goc 4 la: x"‘4 +1

Xét phan giétcﬂrl Y=3=0 1,66
P(B.d,)=-10,P(C:d,) =-0 nén suy ra B va C nidm cung phia dbi véi dl, suy ra 4 1y phan

giac ngoai.

d,:x-1=0

Twr d6 suy ra 1a phén gi4c trong goc 4-

Oxy, cho tam giagc 4BC ¢6 A4(2-4) va hai duong phan giac

d i x+y-2=0d,:x-3y-06=0.

Trong mit phang véi hé toa do

Tim toa do diém B

Loi giai

Goi 4 13 didm déi ximg cua 4 qua phan giac .
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A G y)

Suy ra toa d¢ diém la nghiém cuia h¢:

. 7
Ay ‘o £ I
AR W S S
2 2 = " _
3(- )+ (y+d)=0 | p=2 4|22
- TS 1575
% Tadugc '
Goi 4, 1a diém d6i xtng ciia 4 qua phén giac d2, tuong tu 4,(6;0).
Puong thang BC di qua hai diém 44, nén BC ¢6 phuong trinh x+7y-6=0.
4
, X =—
x+y-2=0 3
ﬂ /
x+T7y-0=0 2 4 2
B =d nBC | Y=3 Bl 33
! nén toa do cua B la nghiém cta hé 3 ,tadugc ‘-

C =d, N BC C(6;0).

Tuong tu nén ta dugc

Ciu 39. Trong mit phing véi hé toa do Oxy, cho tam gidc 4BC biét trung diém cac canh AB, BC va

ML), N(:-3) . P(G-1)
va

C4 1an luot 1a : " Viét phuong trinh dudng trung truc ciia doan BC.

Loi gidi.

B° N " C

VP —(4. -2
Ta c5 MP (4; HJ.

Vi M.P la trung diém cua AB.AC

MP//BC

nén MP 1a duong trung binh cua tam gidc 4BC | suy ra

Do d6 trung tryc doan BC qua N(0:-3) va nhan MP 1am vécto phép tuyén nén c6 phuong

o 4= 0)-3(y+3)=0= 2x- y-3=0
trinh:

Oxy, AG24).8@D) oG-,

Cau 40. Trong mat phéng vo1 hé toa do cho tam giac ABC ¢4

toa do truc tAm H cua tam giac.

Loi giai

Goi H(x;y)

1a tryc tAm cua tam giac ABC.
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LILR

AH =(x+2: - 4), BC =(-6:-2), BH =(x- 4:3 - 1), AC =(0:- 5).

Ta co
P |1y W[N] -
,45—1.35: =0 [(x-2)-6)+(y-4)(-2)=0 [x=-1
BrAC =0 |G-90+0- D=0 ly=1

= X=a)U+ y- A=-2)= v =
Do H 1a tryc tAm nén ta dugc BH.AC =0 ! ! -
vay # - D).
Ciau 41. Trong mat phing véi hé toa do Oxy, cho tam giac 4BC ¢6 cac dudng trung binh nam trén cac

dudmg théng c6 phuong trinh d 2x-y+1=0,d, :x+4y-13=0,d,:x-3y-1=0

AB.

* Viét phwong trinh canh

Loi giai

AB, d BC, d

Gia st ! song song vo1 3 song song vol1 CA.

M (x;y)

2 song song voi

Goi M 1a trung diém cua 4B. Khi do M =d, nd, nén toa do

(x+4y- 13 =0 {.‘r =b
=

x=2p-1=0 y=2 M (5;2).
- - , ta duoc

thoa man hé

5 . . L. R i . L T —
Puong thang 4B di qua M va song song voi a nén c6 phuong trinh <%~} 8 =0.

Ciu 42. Trong mat phiang véi hé toa do Oxy, cho tam gidc 4BC ¢6 hai duong trung binh ké tir trung

, . ) oo A — W O —
diém M cua 4B nam trén cic duong thang c6 phuong trinh d:x-4y+7 =0,d,:3x-2y- 9 =0

B(7:1)

va toa do
diém " Tim toa d6 diém C.

Loi giai
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THI1: Gia su 4 song song voi BC d, song song voi AC.

x-4p+7 =0

3x-2y-9=0

M (x;y) c M (5:3).

Toa do thdéa man hé: ! ta duo

. Cm g
Puong thang 4C di qua 4 va song song voi a, nén co6 phuong trinh: 3x- 2y+1=0.

Puong thang BC di qua B va song song voi 4 nan co phuong trinh: * 4y-3=0.

3x-2y+1=0

Taco € =AC M BC pgn toa d6 diém Clxy) théa man hé |~ 4y-3=0 , ta dlI(_)‘CC(- 1;-1)

AC, d c(11;7).

TH2: Gia su 4 song song voi 2 song song voi BC . Tuong ty THI ta duoc

Oxy, Cc(4:-1)

cho tam giac 4BC ¢ > duong cao va trung tuyén

d 2x-3y+12=0,d,:2x+3y =0.

Cau 43. Trong mat phfmg v61 hé toa do
ké tir dinh 4 c6 phuong trinh lan luot 14 Tim toa do diém B

Loi giai
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(2¢-3y+12=0 [x=-3

=

= A . .V 2x ) = 1 :1‘
Taco A5 nen ton d didm 405 thoa man ng: (2= =2 guge
A(-3:2)

. e 1a—
Puong thing BC di qua € va vudng goc voi d nén c6 phuong trinh 3x+2y-10=0.
Goi M 1a trung diém BC  suy ra ¥ =BC 042 e 100 do diém M 1a (6:-4).

B(8:-7).
Suy ra
Ciu 44. Trong mat phéng vo1 hé toa do Oxy, cho tam giac ABC ¢4 A2, duong cao qua dinh B va

dix-3y-7=0d,:x+y+1=0

duong trung tuyén qua dinh € 14n lugt c6 phuong trinh " Tim toa do cac

dinh B vaC.
Loi giai
Piém Bed, nén toa do cua B ¢o dang (3b+7:5).
[ 329,621
Goi M 1atrung diém 4B  suyra ' < =
9

Med 3h+'+m+!:[:|-:::rh:-3_

Mat khac, 2 nén 2 2
B(-2:-3).
Suy ra
Puong thang 4C di qua 4 va vudng goc d, nén c6 phuong trinh - x+y-1=0.
Bx+y-7=0

Ta co C=4Cnd, nén toa do diém C 1a nghiém ciia hé (x+y+1=0 , ta dugc c(4:-5).

Dang 6. Cac yéu to vé tir giac.

Oxy, A4Q10;5) B(15:-5), D(-20:0)

Cau 45. Trong mat phéng vo1 hé toa 3o cho ba diém la cac dinh cua
hinh thang can 4BCD trong 46 4B song song v6i CL . Tim toa d6 diém C-
Loi giai

A B

D / C

Duong théng CD & qua D(-20:0) va nhan AB =(5:-10)

trinh 2x+ p+40=0.

lam vécto chi phuong nén c6 phuong

Goi LJ lan luot 1a trung diém cua 4B va €D
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Ta cd va IJ LCD.

Phuong trinh dudng thang &/ 1a 2x= 4y=-25=0.
Qx4+ p+40 =0

2x-4y- 25=0

97 .
Ma J =L N CD ngn toa do diém 7 1a nghiém cua hé: = -

, ta duoc

; . =72
Theo tinh chit hinh thang cén thi </ 14 trung diém ctua CD | suy ra C(-7:-26).

Oxy,

Cau 46. Trong mat phéng v61 hé toa 3o cho hinh thang can ABCD y4i AB song song CD vy

, 3 -7
AB <CD. Bkt che dinh 202D (-2:2),

dix+y-4=0

giao diém / cua hai duong chéo 4C va BD niam trén céc
\ _ 0 A 2e R N
duong thang sao cho AID =45" Tim toa d6 diém B va C.

Loi giai
Do [ €d nén 1(6:4-1) Tacé P =24f5, 14 =vJ2¢* - 4t+4 1D =v2:2- 8t +40

Ap dung dinh 1y ham s6 c6-sin cho tam giac 4D ta duoc

147 + ID* - AD? A, B
2IA.ID

cos 47D =

7= 3t+6 t =1

—
J_ J.f' —L;+’?D-J.r'—'*.r+"f ":4_

Vé6i T =2 ta duge 1(2;2) va 14 =2.1D :4\1"3
00 p 00

m =215 :"}J_‘FB B(2+42:2+42) ‘C(2+4~.E.'2+4-E)
va :

Do d6 IB suy ra

B(4+3y2:42) i c(4+42:- E-E).

Tuong tu v6i =4 ta tim dugc

Cau 47. Trong mit phing véi hé toa do P cho hinh binh hanh 4BCD | biét hai duong chéo

AC va CD 1in lugt ndm trén hai dudng thing dy:x-3y+3=0,d,: x+3y-3=0

va phuong
trinh duong thang

AB:x- y+9=0 1y toa do diém C .

Loi giai.

1(x;y)

Goi / 1a tam cua hinh binh hanh. Ta cé I=4CNBD ngn toa do diém thoa man hé
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(x- 349 =0

= 7(-3:2)
| x+3y-3=0

x-y+9 =0 A(-9:0)
= A(-9;
ACx;y) x-3y+9 =0 '

Do A =AB N AC pen toa d6 diém thoa man hé |

Hinh binh hanh ¢6 hai dudng chéo cét nhau tai trung diém mdi duong nén / 1a trung diém AC

C(3:4)
suy ra

Oxy

Ciu 48. Trong mit phiang véi hé toa do , cho hai dudng thing

dix-y-4=0,d,2x+y-2=0 A(7:5), B(2:3)

, va hai diém . Tim diém trén duong thang

d va diém trén duong thing d sao cho tur giac ABCD 13 hinh binh hanh.
Loi giai.

ced, ., Clee-4)  Ded, , D(d;2-2d)
Do nén va 2 nén .

L

, AB =(-5:-2). bc =(c- d:c+2d - 6)
Ta co .

mi  ood (c-d =-5 (o ==2
AB =DC = =
Il:-+3rr'—f:|:—3 Ia’ =3

Tt giac 4BCD 13 hinh binh hanh khi va chi khi

Viy C(-2:- 6), D(3:- 4)

. - 3.
Cau 49. Trong mat phang vdi hé toa do Oxy’ cho hinh thoi 4BCD ¢4 A0:-1), 5(2:1) va

dix+y-1=0

tam
I thugc duong thing . Tim toa d6 diém C.
Loi giai.

. L (1. L (s .
Do 7€d nen 1(£:1 t).Tacé Ar =(t:2-¢), Br =(¢- 2; E).

IT] t =o
AT LBI=0e t(t-2)+(2-)-0)=0e |
Vi 4BCD 13 hinh thoi, suyra A1 L BI ngn : T
Vi £ =0 thi ](0;1). Do 13 trung diém cia AC nen suy ra C(O;B).
Véi =2 thi 1(2- l). Do la trung diém ciia AC pen suy ra €(4:- l).

Cau 50. Trong mat phéng v61 hé toa 3o Oxy , cho hinh thoi ABCD ¢4 phuong trinh canh

. M(2:2)
m

v Ve — Ve Y —
AB:x- 2y +4 =0 D :2x -1+“_D.Dié

, phuong trinh canh 4 thudc duong thang

BD | Tim toa do cac dinh cta hinh thoi.

Ve k¥ —
Toa &6 dinh I3 nghiém cia hg (2%~ ¥ +2=0
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d x+y-2=0

T,
Phuong trinh cac dudng phén giac goc 4 1a dy:x= y+2 _D.

dix+y-2=0

Truong hop
Puong thang BD di qua M va vudng goc voi 4 nen o6 phuong trinh ¥~ =0

x- y =0

B(e ) yedn = B(4:4)
Do B =BDM AD nén toa d6 diém Y 1a nghiém caa he \*~ =/ =
(x- =0
) = 1(1;1)

Do I =BDnd 1(x;y) xty-2=

I nén toa do diem la nghi¢m cia h¢ *

Vi € d6i ximg véi 4 qua I nén C(Z;O).

dyix-y+2=0

Truong hop . Tuong tu nhu truong hop 1.

|
/ { —; 0]
Cau 51. Trong mat phéng voi1 hé toa do Oxy , cho hinh chir nhat ABCD ¢4 tam | 2 .

, x= Ty 4+ =
Phuong trinh duong thang AB:x-2y+2=0 3 4B =24D Tim toa do cac dinh cta hinh chir
nhat, biét dinh 4 c6 hoanh d¢ 4m.

Loi gidi.

Khoang cach tr / dén duong thing 4B
bang X

Goi d 13 duong thang di qua / va vudng goc
véi 4B

 d:2x+yp-1=
nenﬂ’.um y-1 EI.

D o
Goi B 1a hinh chiéu vuong goc ctua ! trén

AB Khi d6

toa d6 diém B thoa mén hé

(x-2y+2=0

dxdy-l=

= H(0:1)

Vg -2 ‘
Do A€ AB nén AQa-2;a) voi @ <1 Tu gia thiét 4B =24D suyra

> r _ _
AH =24 (1,4B) = J(2- 2a) +(1- a) =5 = |1~ d| =1 = a =0 hodc @ =2 (loai).

A(-2;0) B(2:2)

Suy ra ,do H 1atrung diém 4B nén

. : T
Hon nita / 1a trung diém 4C va BD nén c(:0). DG “).
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Cau 52.

Cau 53.

Vi ACG2:0),.8(2:2),c(3:0), p(-1:- 2)
ay .

1(6;2)

Trong mat phéng vo1 hé toa do Oxy , cho hinh chit nhat 4BCD ¢4 diém la giao

diém cua hai duong thang AC va BD  Piém M (5;5) thuoc duong thang 4B va trung diém £

cua canh €D thudc dudng thing dix+y=3=0 yig phuong trinh duong thang 4B

Loi giai.

Do E€d pen E(r;S-r)‘ Goi NV 1a trung A N M B diém 4B
, suy ra I 1a trung diém NE nén i
L L .
N(12- 1t I)_ Ta 6
MN =(11- £;¢- 6),1E =(t- 6:3- 1) Do ABCD
la hinh chir nhat nén

D = C

X E

mad of t =6
MNIE =0 = (11- £)(t- 6)(t- 6)(3-¢)=0= ;

F=

N(6:5)

* Voi £ =6 suy ra . Puong thing 4B di qua hai diém M va N nén c¢6 phuong trinh

AB:y =5

N(5:6)

*V6i 1 =7 suy ra . Puong thing 4B di qua hai diém M va N nén c6 phuong trinh

AB:x- 4y +19 =0

,AWGD) L M (42)
va

Trong mit phang véi hé toa do Oxy , cho hinh vudng ABCD ¢4 1a trung diém

canh BC  Tim toa do diém B .

Loi gidi.

(NN

Gia str '8 =(a:) voi @ +b* #0 13 véc-to phap tuyén ctia duong thang 4B . Suy ra duong
thang BC ¢6 véc-to phap tuyén nge =(b;- H).
Puong thang 48 di qua A@D va ¢6 véc-to phap tuyén n5 =(a;b) nén

AB :a(x- D+b(y-1)=0 h ax+hby-a-b =0
ay - )

M (4:2) e =(b;- a)
nen

Puong thiang B C g qua va ¢ véc-to phap tuyén '

BC:b(x-4)- a(y- 2)=0 hay DX @ +2a- 4b =0

|ﬂ—3h| 5 |3r.=+h

AB=d(4,Bc)="_—_L  pc=2d(Mm AB)=2""___L
Ta c6 1':12 +h° va \|'az+h: )
bh=-a
AB =BC = |a- 3h| :2|3a+h|m

Vi I hinh vuéng nén b=Ta
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Véi b =-a chon @ =l suyra ® =-1. Ta duoc AB:x- y=0 4 BCix+y-0=0

x- y =0

= B(33)

Toa do diém B 13 nghiém ciahe \F Y0~

Vi b=7a chon @ =1 suy ra b :7. Ta duogc AB :.‘l.'+..;'|_1'- 8=0 va BC:Tx- y- 20 :D.

x+7y-8=0 (19 3
X+ /) ﬂB‘l' 3‘

Tx- y- 26 =0 575

Toa do diém B 1a nghiém cua hé !

Oxy , cho hinh vudng ABCD trong d6 thudc duong

dy 2%y +3=0

Cau 54. Trong mat ph:fmg vo1 hé toa 3o

thang dix+y-1=0 ., C.D . Tim toa do diém C,

nam trén duong thang
biét hinh vudng c6 dién tich bang d va c6 hoanh do duong.
Loi giai.

Aded, , Alal-a)
0 nén VG

D i @>0 Theo gia thiét bai toan, ta c6
2a-(1- a)+3
Scp :5ﬁd(ﬂ,d2]:£ﬁ | | :Jgﬁﬂ =1 a:-z
5 hoic 3 (loai).

Vi a =1, suy ra A(I;O).

: e
Pudng thing 4D di qua 4 va vuong goc véi CD nén c6 phuong trinh 40 ¥ +2) =0

(x+2y-1=0
N = p(-1;1)
Toa do diém D 1a nghiém ctia hg: =~ V¥~ =

ms )

ced, . Clec:2c+3) cD=(-1-¢;-2-2¢)
0 2 nén

D . Suy ra . Taco
e 7 C :D
CD=\5 J(- =Y +(-2-2c) =5 = |-1-¢|=l =
c =2
Viy c(0;3) hoiic C(-2:-1)
Dang 7: Cau toan cuec tri
, , N ET , .
Cau 55. Trong mat phang v6i hé toa do Oxy , cho duong thang d:ix+2y-4=0 va diém A(l’4). Tim toa

d6 diém M thudc 9 sao cho MA nho nhét.
Loi giai:

, T C
Piém M €4d neén co toa do dang M (4- 2m, m).

S NN}

Khi d6 AM :(3— Em_:m— —1-)’ suy ra AN :.J(?!- 21’}:): +(}H‘ —1-): :J.ﬁ”;: - 2m +25

i Jfﬁm: - 20m+25 :,’S(m— 2) +5 EJE
Taco

Dau " =" x4y ra khi va chi khi 7 =2

Vay M(O;Z)Vé gi4 tri nho nhat cia 4M bang J5

Ciu 56. Trong mit phiang véi hé toa do Oxy , cho hai diém 4@:4) va B(:5 ). Viét phuong
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trinh dudng thiang 9 di qua 4 va cach B mot khoang 16n nhat.
Loi giai:
Phuong phéap dai sé: Puong thing ¢ di qua 40;4) va ¢d véc to phap tuyén 4 =(a;b)vorl
a”+b” #0 ngn ¢6 phuong trinh
dialx-1)+b(y- 4)=0 ax+by- a-4b =0

hoic
d (B,d) —M
Khoang cach tir B dén duong thing ¢ dugc xac dinh va' +b’
o Néy @ =0 g ¢ (B-4)=1
d(B.d)=2

% Néu b =0 thi

% Khi @ #0va b #0 ta chon b =1

dGa=P @y =2

Suy ra Va’ +1 , VOi va' +1
. )
(Qa+1) =@ +1)(@ +1)= P o5

Ap dung bét dang thirc Cauchy — Shwarz, ta co va +l
max f (a) =5 o
Vay F ,xay rakhi @ =2
So sanh céc truomg hop, ta duoc d(B,d) 16n nhat khi @ =2 b =1
d:2x+y-0=0

Vay phuong trinh duong thang can tim
Cach 2: Phuong phap hinh hoc:

Goi K 13 hinh chiéu vuong gbc cua B trén duong thang d.

Khi d6 d(B.d)=BK .

Xét tam gidc ABK vuong tai K taco

d(B.d)=BK <A4B J_(BDTtamgmcmorong)

Déu "' =" xdy ra khi va chi khi K =4

(NN}

AB =(2:1)

Khi do @ duoc xae dinh 13 di qua 54

phap tuyén.

va vudng goc voi 4B nén nhan lam vecto

, 3 Yy p- =
Vay phuong trinh duong thang can tim d:2x+y-6=0

Oxy d:ix+2y-4=0 . A(1;4)’ B(&:3) |

Ciu 57. Trong mat phang véi hé toa do , cho dudng thing
diém M thudc 9 sao cho MA + MB nh¢ nhét.
Loi giai:

T P(4,d).P(B,d) (1 +2y, ——1)(1 +2y, -4)=5.10>0
a co:
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Suy ra hai diém 4 va B cung phia so véi duong thang
d
Goi 4' 1a diém dbi xtng cua 4 qua 9 .

Khi d6 toa do diém - (57

(2(x-1)-1(p- 4)=0
i .y A-1:0
.1+I+2._1+_1_4_D=' ( )

2 2 d
Khi d6 MA+MB =MA"+ MB = 4B =310 (BpT tam
gidc mo rong).

Déu " =" xay ra khi va chi khi: 4, M | B thing hang
hay M thudc duong thang 4 B .

thdéa man hé

Puong thing 4B di qua A4 1,0) va B(&:3) neen c6 phuong trinh AB:x-3y+l :U.
(x+2y-4=0
= M (21
x-3y+1=9

Mit khac, theo gia thiét M thudc ¢ nén toa d6 diém M théa man hé |
! Cdu todn nay ding cho hai diém khéc phia so véi 4 . Néu d@é bai di cho 4 va B khdc phia véi
d thi ta khéng lam bude ldy doi ximg.

. . x4+ Fy-4 = . .
Cau 58. Trong mat phang vdi hé toa do Oxy , cho duong thang d:ix+2y-4=0 va hai diém A(l’4),
3(8;3). Tim diém M thuéc ¢ sao cho tam giac 4BM ¢6 chu vi nho nhét.
_ Loi giai:
= T:- —_ . .
Ta co AB =(7: 1}; suy ra 48 —\”E. Chu vi tam giac ABM 1a:
C, oy =MA+MB+ AB =MA+ MB ++/50
Pé Cuisi nho nhit khi MA +MB nho nhét. Ban doc 1am tuong tw nhu bai trén.
: , T DT , .
Cau 59. Trong mat phang vdi hé toa do Oxy , cho duong thang d:ix+2y-4=0 va hai diém A(l’4),
3(3;2). Tim diém M thudc 9 sao cho ‘ﬁ/ﬂ i JMB‘ 16n nhét.
Loi giai:
Ta co
M d

P(4,d).P(B,d)=(x,+2y,- A)(x, +2y,- 4)=53>0

Suy ra hai diém 4 va B cung phia so véi dudng thing 9 .
Theo bat dang thuc tam gidc mo rong, ta co
MA - MB| 4B =22

Dau " =" xay ra khi v chi khi 4 M B thang hang hay M thudc duong thang 4B .

41:4) . BG:2) oy AB:x+y=5=0

Puong thang 4B di qua nén c6 phuong tri
Mit khac, theo gia thiét M thudc @ nén toa do diém M théa méin hé
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(x+2y-4=0

= M(6;-1)
x+y-0=0 '

! Céu todn ndy dimg cho hai diém ciing phia so véi @ . Néu dé bai di cho 4 va B khdc phia véi
d thi ta ldy doi ximg mét trong hai diém A hodc B qua 4 .

. . U, T . .
Cau 60. Trong mat phang voi hé toa do Oxy , cho duong thang dix+ly-4=0 va hai diém A(l’4),
uuu uuu
: , MA- 3MB .
B(9,0). Tim diém M thudc 9 sao cho nhd nhat.
Loi giai:
5 ] = Y
biém M €d nén o toa do dan M (4= 2m:m)
MA=Qm- 34- m) MB =(2m +5:- m) 3.MB =(6m +15:-3m)
Ta c6 » , suy ra
Do d6 MA+3MB (Sm+|" 4- 4m)
LU
|WA +3‘H‘B| J(Sm-rlﬁ)’ +(4- 4mY :JSDm: +160m +160 =4-f5m* + 2m +2
=435 J(n+1) +1 =451 =45
Ciu 61. Trong mat phiang véi hé toa do Oxy, cho duong thiang d:ix+2y-4=0 va hai diém A(l;4),
B 8;1] .
2 Tim diém M thudc @ sao cho YMA™ +2ZMB” nhg nhit.
Léi gidi
. ) - 2
Piém M €d nen 6 toa do dang M (4-2m;m)
, J{;A =2m- 3:4-m) sMA® =5|@m- 3) +(4- m):].f
Ta co , suy ra
M - . > |’
.'ir"IB — 2”1 +4_'I_— m 2.“(’1’3- :2 (21’”‘"4)— + é' m ‘ .
' 2 , Suy ra LT :
SMA® +2MB® =35m" - ?UHH*E =350m- 1) +—— “45
Do d6 2 2
Déau " =" xay ra khi va chi khi 7 =
245
Vay M(2:1) va SMA* +2MB* gq gi4 tri nho nhit bang 2 .
, . e e Y= . .
Ciu 62. Trong mit phing véi hé toa do O . cho duong thing %~ 2™ 250 s pai gigm 4G4,

B(- 1;2). Tim diém M thuoc d sao cho MA? - 2MB° 16n nhét.

Loi giai:
L2 A , ~ 1 2m+2:
DPiém M €d nén c6 toa do dang M 2m _m].

MA=(1- 2m:4- m) M4 =(1-2m ): +(d-m ):.j
, suy ra

Ta c6
‘J‘,}_‘E :(— 3— 2”;_' 2— ”;) 21’3‘3: :2[(‘ 3- E}H‘)z +(2- HI):] .
' , suy ra
; : 14)* 151 151
MA* - 2MB* =-5m" - 28m - 9 =- ‘ m+—| +— =—
Do dé: \ 5 3 5
14
Lo _—n . . m==——.
Dau = x4y ra khi va chi khi 5
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18 14) 151
H?'.

.-w‘ - 151
\ 0 lya MA™- 2MB” @at gi4 tri 16n nhat bang 5 .

A4(2:1)

Vay

Oxy

Cau 63. Trong mat phéng vo1 hé toa do , cho diém . Léy diém B thudc O c6 hoanh d6

khong am va diém € thudc Oy ¢6 tung d6 khong am sao cho tam gidc 4BC vuong tai 4. Tim
toa

d6 diém B va C sao cho dién tich tam giac ABC

a)L6n nhit

b) Nho nhat.
Loi giai
B(b;0) €(0;c) ‘ B+ %0 AB =(b-2:1) AC =(2:c-1)
Goi , voi diéu kién . Suy ra , . Tam
ABC 4 UBac =0 = (b-2)2410c- D=0 2b+c-5=00)  (*)
giac vuong tai = nén . Tu
p=""C h<> 0<bh<>
2 c=0 2 . 2 ,
suy ra , do nén . Vay . Ta co:
| | 2 > _ 2 14 2 ,
Sy =3 ABAC :E.J(h— 2 +1f4+(c-1) _?j(h- 2 +1J4+4G-2F _(,_ 5F 4
0 5 max f (b) = (0) =5
, F(B)=(- 2) +1 2
a) Khao sat ham so bac hai trén , ta tim duoc
b =0 =5 B(0;0) c(0;5) ABC .
Véi , suy ra ¢ . Vay , va di¢n tich tam giac dat gia tri 16n nhat
.5
bang
S, e =(b-2) +1=I
b) Ta cod .
T - ¢ =1 B(2:0) c(o;1)
Dau xay ra khi va chi khi , suy ra . Vay , va di¢n tich tam giac
ABC C s
dat i trj nhé nhit bing |
Céu 64. Trong mit phing véi hé toa 36 P, viét phuong trinh duong thing di qua M (3;2) cét tia Ox
tai 4 vatia Oy tai B sao cho dién tich tam gidc OAB dat gia tri nho nhat.
Loi giai
i M (3;2) , Ox Oy 0
Puong thang ~ di qua va cdt cac tia x, 4 lan luot tai 4 va B khac , nén
Xy
A(a;0) B(0;b) >0 h>0 d —+ =l
, vei ¢ , . Do d6 phuong trinh cia =~ ¢6 dang a b
3 2 1 1 1
7 MG Sty =1 S —EOA.OE —E|ﬂ|.|h| —Eah
Puong thang  di qua nén . Taco
1 :E+ E =2 i =2 3
) a b ab S ous S0 =12
Ap dung BDT Cauchy, ta dugc ,suyra
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3 2 1 [a=6
R e (. —

o a b 2 b =4

Dau bang xay ra khi va chi khi
i +£ =1

A . AN S ..d 6 4

Vay duong thang can tim c¢6 phuong trinh
Céu 65. Trong mit phing véi hé toa 36 P, viét phuong trinh duong thing 9 di qua M (4:1)
chiéu duong cac truc Ox , Oy lan luot tai 4 va B sao cho OA+OB nh¢ nhit.
Loi gidi
. d . n=(a;p) 247 20
Cach 1. Gia st duong thang ~ c6 véc-to phap tuyén véi ¢ nén c6 phuong
d N Ox :A‘ da+h
4 ale=4)+b(y-1)=0 ax+by-4a-b =0 ) . a
trinh hay . Khi d6
d N oy :B‘ 0;4”+h‘
| b
4a+b 50 4ab+b 0
Diéu kién: “ ;
Ta co
OA+ OB _[4a +h|+|4a +b| :4a+h+4a +h :5+£+4_a 2549 'E—‘-_ﬂ 9
a | | b | a b a b a b
b _da

. e , . a b o b =4d =1 b =2
Dau xay ra khi va chi khi “ e . Ta chon “ , suy ra . Vay duong

, . d x+2y—-6=0
thdng can tim c6 phuong trinh ) .

q LZACH) R ‘ ox Oy .
Cach 2. Duong thang ~ di qua va cat cac chiéu duong , lan luot tai
x oy
A(a;0) B(0:6) .50 >0 d PR
nén , Vo1 , . Do d6 phuong trinh cia ~ ¢6 dang
4 1 -
. M(4:1) ;+E_ 4+ OB :|a|+|h| =a+h

Duong thang ~ di qua nén . Taco .

Ap dung BDT Bunhiacopxki, ta dugc

‘JEJ;+JI-JH‘ £|.i+|— (a+b)=a+h 4+1 —1
| Ya b | la b] a b
(do )

,\E:J_: g

4 1 {a=6

—+_ =
+b =9 4+ 0B = [ “= la b b =3
Suy ra hayO{ 05 g.Dﬁu xay ra khi . .
6 3

. 5 d
Vay duong thang can tim c¢6 phuong trinh

va cat
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Céu 66. Trong mit phing véi hé toa 3o P viét phuong trinh duong thing 9 di qua
chiéu dwong cac truc OX O 1in lugt tai 4 va B sao cho 1204 +90B pho nhat.

M@3:1)

va cat

nén c6 phuong

11

Loi giai
. d . n=(a;b) 2452 20
Cach 1. Gia su duong thang ~ c6 véc-to phadp tuyén véi ¢
d alx-3)+b(y-1)=0 ax +by- 3a- b =0
trinh hay .
d N Ox _,4| 3“”,0‘ d oy B‘ Jath ‘
Khi d6 S va
3a+b 50 3ab+b 0
Pidukien ;
Ta co
M 2
1204 +908B =12 3ﬂ+’E'| |3”+b| _3‘”5 Jath g5l 27
| | b a
7 »
> 4542 20 214 g
[
126 _27a
T ) . N h r_”] =90 : =2 b
Dau xdy ra khi va chi khi “ = “ Ta chon ¢ , suy ra
, . 2x+3y-9=0
Vay duong thang can tim c6 phuong trinh .
4 MG Ox
Cach 2. BDuong thang ~ di qua va cat chiéu duong céc truc ,
X
A(a;0) B(0:b) >0 550 d a
B nén , vei 0, . Do d6 phuong trinh cia ~ c6 dang
3,1,
, MG T
Puong thang ~ di qua nén
1204 +90B =12 |a| +9|b| =12a +9b
Ta co: .
Ap dung BDT Bunhiacopxki, ta dugc
3 | " (3 1)
N2 g +—30 3‘ _+_‘(|3a+%)=|za+%
| \"'; 'u'rg | la b]
12a +9b =81 12044908 =81 _, “=
Suy ra: “ hay . Dau xay ra khi va chi khi
B |
£:~,’|2a =—:3Jb 9
Ja N N
3.1 b =3
la b
9 3

Vay duong thang can tim c6 phuong trinh

A

lan luot tai ~ va

+= =]
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Céu 67. Trong mit phing véi hé toa 3o P, viét phuong trinh duong thing 9 di qua va cat
1 1
—t— i
cac truc Ox | OY 1in luot tai 4 va B khac O sao cho O4  OB™ pho nhét.
Loi giai
. iy . d ., OAB .
Cach 1. Goi H 1a hinh chiéu vuong goc cia ~ trén duong thang . Tam gidc vuong tai
nén
1 1 | 1
T+ = = T = T
o4~ OB OH oM~ 25
; e HEM N d iw('4;3)
Dau xay ra khi va chi khi . Khi d6 duong thang =~ di qua va vudng goc
O =(-4:3) , v
véi nén nhan lam véc-to phap tuyén. Vay phuong trinh duong thing
4x—3y+25=0
) M (' 4 ,3) : O 10, . O
Cach 2. Buong thang ~ di qua va cat cac truc o , 4 lan luot tai A va B khac
Xy
A(a;0) B(0;b) £0 b #0 d —+ =
nén , vei , . Do d6 phuong trinh cia ~ c6 dang a b
) —4+3_1 I+I _I+I
od . Mm(-4:3 P ol OF 4 B
Duong thang ~ di qua nén .Taco o4 o8 a b .
Ap dung BDT Bunhiacopxki, ta dugc
L] dewrer][2ed
. | a’ .
25
- _1_ I_ :3 ' I_ a =- -
a - 4
-2 25
EERE I U | S PR
- - - - 5 , (L | a
Suyra 74 98 @ P2 5a " Gy ra khi va chi khi
-41( v -
L, 5 25
Vay duong thang can tim c¢6 phuong trinh
. d . n=(a:b) Y4B 20
Cach 3. Gia su duong thang ~ c¢6 véc-to phap tuyén véi ¢ nén c6 phuong
d alx+4)+b(y-3)=0 ax + by +4a- 3b =0
trinh hay .
dnox :A‘ ?’h'd'”.;ﬂ‘ dnoy 3‘ 3b- 4a ‘
. a . )
Khi d6 va . Ta co:
I | b* _a+b a +b I

2 + I 2 + T T = ) 2 2 ) =—
04" OB  (3b-4a) (Gb-4a) (Bb-4a) (F+4)p" +a") 25

9 %:j = ?’ﬂ = 4h _4 b = 3
Diu  xayrakhivachikhi = Chon “ ", suyra

d dx—-3y+25=0
Vay duong thang can tim c6 phuong trinh .
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Céu 68. Trong mit phing véi hé toa 3o P viét phuong trinh duong thing 9 di qua M- 1

9 4
—t— i
cac truc Ox | OY 1in luot tai 4 va B khac O sao cho 04 OB™ pho nhét.
Loi giai

va cat

) d 1”(2;' l) : O O .
Cach 1. Duong thang ~ di qua va cat cac truc x’ 4 lan luot tai 4 va B khac
Xy
A(a;0) B(0;b) 20 b 20 d PRAr
nén , vei , . Do d6 phuong trinh cia ~ c6 dang ¢
) 2 1 | 9 N 4 9 . 4
M(Q2;-1 T 2 T~z 12
Duong thang ~ di qua nén b .Taco o4 0B a b .
Ap dung BDT Bunhiacopxki, ta dugc
'3_I"_23_I2"{'4+I"’9 4"
a bl [3a 28] 719 a]la® b
9 4 9 4 36
— = =
o4 OB  a b~ 25
Suy ra .
(2 1.2 25
—l—=- =i a=—
3 a 2 b 8
2 1 - 25
.= }5 - =
p € , oo , ) a IF} 9
Dau xay ra khi va chi khi .
8x_9y
n . S S .. d 25 25
Vay duong thang can tim c6 phuong trinh — :
) . d on =(a:b) CE+H 20
Cach 2. Gia su duong thing ~ c6 véc-to phép tuyén véi “ nén c6 phuong
d ale-4)+b(y+1)=0 ax+by- 2a+b =0
trinh ~ : hay .
o \ Fom
d N Ox :A| - h;ﬂ‘ fmo;-:ﬂ‘ﬂ.:“”h b ‘
. a . . )
Khi d6 va . Ta co:
9 . 4 94 . 45 9a” +4F  9a’ +4b° 9a” + 4b° 3o
2 3 2 T T T T T =7 ., ) R ] _.}_q
04" OB Qa-b) (2a-b) (2a-b) ‘EIBG_I_%‘ ‘4+|‘(Qﬂ'+4h') 25
13 2 |9 4]
2 1
_» 5:39 :‘;:Eh —8 b— 9
Dau ~  xay ra khi va chi khi - . Chon ‘= ,suyra
, . Bx—9y-25=0
Vay duong thang can tim c6 phuong trinh ~ :
0% cho diém M (0;2) va hai duong 4, 3x+y+2 =0, 2.

Céu 69. Trong mit phang véi hé toa do
x-3y+4=0 Goi 4 1a giao didm cua 4 ya b vig phuong trinh duong thing @ di qua M va cét hai
LI
duong thing d ) d, lan luot tai B, € (B va C khac 4)sao cho 4B TOACT gat gi4 tri nho nhat.
Loi gidi
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Cau 70.

Bx+y+2=0

. A x-3y+4=0 = A(-1:1)
Toa dg giao diém ~ 1a nghiém cua hé .

, d, o0, =0; 1) ’ d, ,
Duong thang cd véc-to phap tuyén ; Duong thang cd véc-to phap tuyén
n, =(1;-3)
n.n, =0 d Ld, H ) y o d
Ta co i . Suy ra . Goi *~ la hinh chiéu vuong goc cua = trén duong thang . Tam

.. ABC A
giac vuong tai = nén

AB®  AC  AH'  AM’

, e HEM N d . JM(O;Q,) )
Dau xay ra khi va chi khi . Khi d6 duong thang ~ di qua va vudng goéc voi
M AM =(1:1) , 7

nén nhan lam véc-to phap tuyén. Vay phuong trinh duodng thang
x+y-2=0

Oxy A(l;l), 8(:2) , €(7:10)

Trong mit phang véi hé toa do , cho ba diém . Viét phuong

trinh duong thang d qua 4 sao cho tong khoang cach tir B va C @én 9 1a16n nhét.

Loi giai
Trwong hep 1.
B

A K d

H M \r

C

. d . BC | . A ‘1 iy n L C . d .
Giasu  cat tai M . Goi H, K lan lugt 1a hinh chiéu vudng gbéc cua B va trén . Taco

d(B.d)+d(C.d)=BH +CK <=BM + CM =BC

= d BC

Dau xay ra khi va chi khi = vudng goc véi
Trwong hop 2.
B
\\1
¢
A - . d
H J K
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: d . BC . .2 BC . J .,
Gid st khong cat . Goi ! la trung diém . Goi H, ! , lan luot 14 hinh chiéu vuong

B C T d(B,d)+d(C.d)=BH +CK =21J <2AI
goccia , va  trén .Taco .

9

. . d . . BC 2
Dau xay ra khi = vuong gbéc voi AI. Bay gio ta so sanh va 2A[. Vi ! 1a trung diém

BC 1(5;6) 241 =241 > BC =445 Cd . A(1:1)
nén . Ta co . Vay dudng thdng  can tim qua va

Al =(4;5) ) d 4x+5y-9=0
nhan lam véc-to phap tuyén nén .

BC >2A1

uuy

. . d .
Chu y: Néu thi duong thang = can tim qua 4 , €O véc-to phap tuyén

Oxy

Cau 71. Trong mat phéng vo1 hé toa do , cho tam gidc ABC can tai 4 c¢6 phuong trinh canh 48 :

x+2y-2=0 x+p+1=0 didm M(1:2)

, phuong trinh canh 4C thudc doan BC . Tim toa do diém D

sao cho DB-DC ¢4 gia tri nho nhat.
Loi giai

(NN N]

. 4B A8 =(1:2) . AC ,

Puong thang cO véc-to phdp tuyén ; Puong thang cO véc-to phdp tuyén
n,. =(2:1) . BC - ny. =(a;b) 24 b 20

“ . Gia sir duong thing ~ ¢6 véc-to phap tuyén véi ¢ . Do dé
BC alx-1D+b(y-2)=0 ax+ by —a—2b =0

: hay .
.. ABC . . 4 .

Tam giac cantai  nén
cos HBC =cosHeB o |':':'5(”.m '-”m-)| :|EDS(”.:1' -”m-:'|

la+2b| _ |2a+b| a=-b

= = =
Na' +b* 5 NJa +b* A5 a =b

o q=-b h=-1 =1 BC x—y+1=0
* Voi ¢ , chon suy ra a . Ta duoc : .

x42y-2=0

. B -.-T'.‘"'“I:D = B(0:1)
Toa dg diem — 1a nghiém cia h¢ .

2x+y+1=0 [ 21)
d - = C‘ - _;_
e x=-y+1=0 33
Toa @ diém ~ la nghiém cua hé
00m 5 5]
wB =(-1:-1) M€ _‘,_5"_5_ M
Ta co , . Suy ra khong thudc doan
= =1 b =1 BC x+y-3=0
* Véi “ , chon suy ra . Ta duoc : .

(x+2y-2=0

. B lx+y-3=0 = B(4;-1)

Toa d6 diém ~ 1a nghiém cua hé¢

2x+y+l =0
. C x+y-3=0 = C(-4:7)

Toa do diém  la nghiém cua hé .

MB =(3;-3) MC =(-5:5)

Ta co , . Suy ra thudc doan
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7 1(0:3)
Goi trung diém cﬁa la .Taco

0 0 iii] 2
pB.nC =(pr + fs) (pr+ n:) pre- 8BS L BC

e

_.1_

4 . . = .DC 14 .
Dau xay ra khi va chi khi b . Vay nho nhat khi

Céu 72. Trong mit phang véi hé toa do , cho hai diém A 1) B(2;-1) va hai duong thang c6

hd (m—|)1+(m-")1+"’—m—0 d, ("'—nr)m+(m—|)1+3m 5=0

. —/ DB.DC D(0;3)

Oxy

phuong trin . Chuing minh a va

9> luén ct nhau tai P. Tim ™ sao cho PA+ PB 14n nhat.
Loi giai
(G —1Dx+(m - 2)y =m -2

(2-m)x+(m—1)y =-3m+5

Xét h¢ phuong trinh:
m=-1 m-2 '
= :2|m-— +—>0
2-m m-1 | 2 2 YmeR
Ta co s
d d

Vay "va  ludn cit nhau.
A(0;1)ed B(2:-1)ed, 4 14,
1 " 2 .. APB . P 3 n
Ta co va . Suy ra tam giac vuong tai = nén £ nam trén
dudng tron duong k1nh AB

PA+PB)Y <(I’+1>)(PA*> + PB*) =24B =16
Ap dung bét dang thirc Bunhiacopxki, ta co( +PBY ( * )( * ) . Suy

ra PA+PB <4 Dau “=’ xay ra khi va chi khi P4 =PB
Véi PA =PB suy ra P 1a trung diém cta cung 4B trong dudng tron dudong kinh 4B . Puong

_ 1V 2 _
tron duong kinh 4B ¢6 phuong trinh (C): Ge- 1) +y u:uz. Goi A 1a trung tryc cua doan 4B

10;0) ., ., . . AB=(2:-2)

suy ra A qua tim >77 va cO véc-to phap tuyén nén c6 phuong trinh A:
x—y—1=0
x—y—1=0

- ’ 2 = . .o
Khi d6 toa do diém P thoaman he (&~ D +7° =2 = PQs1) o P(0:-1)

. P(2;1) . d

Voi , thay vao P(0:-1) d

I ta dugc M =1. vsi , thay vao “! ta dugc =2,

Vay PA+ PB 16n nhat khi " =1 hogc m =2

PHAN C. BAI TAP TRAC NGHIEM

Dang 1. Vi tri twong d6i ciia hai dwong thing

Cau 1. C6 bao nhiéu cip duong thang song song trong cac duong thang sau?
(d):y= %-T - 2 (a': )iy =- %.‘r +3; (a'_.\ )y :;—1‘ +3 (d,):y= E.x‘ -2

A. 3. B.2. c.l. D. 0.
Loi giai
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Chon D
a, =a,

y=ax+b . y=ax+b, b #b,

Hai duong thang -
Trong cac dudng thang trén khong co dudng nao théa man. Vay khong c6 cip duong thang nio
song song.

song song va&i nhau khi va chi khi

Cau 2. Phuong trinh nao sau day 1a phuong trinh dudng thiang khéng song song voi duong thang
d:y=3x-2

A, -3x+y:0. B. 3x- y- 6:0_

c. Xx-y+6=0 p. X+y-6=0

Loi giai

Chon D

d:y=3x-2e 3x-y-2=0 (@ _ \rpp n=G-D

Puong thang 3x+y-6=0 c6 VTPT ¢ =GD #kn nén M va M khong cung phuong. Do do

duong thang 3x+y-6=0 khong song song v6i dudng thang (d).

. . ‘x-Dy-1= .

Cau 3. Trong mat phang Oxy , duong thang dix-2y-1=0 song song voi duong thang cé phuong trinh

nao sau day?

Cau 4.

A X+2y+1=0 B, 2x- »y =0 c. ~x+2y+l=0 p. ~2x+4y-1=0
Loi giai
Chon D
Ta kiém tra lan lugt cac dudng thang
1,2
DV d x+2y+1=0 . _ijz d At 4
2 -1 J
—_—F =
) Véi dy2x-y=0 ol -2 cit 9.
-1_2 1 o
Hvei @t xrHI=0 012 el g 9
1 -2 - ;
e ddy-l=0 @ g T
+) Voéi dg-2x+dy-1=0,0-2 4 -1 song song 4.
Cho cac duong thang sau.
N
{-?rl :_1' :i."." 2 ﬂr: :_1' :L.T'l"l 'I:?r_'-.:-.l'I == | I T 'T+2 (}r_ R ¥ :ﬁ_ﬁ:- i
3 3 o

Khang dinh nao dung trong cac khang dinh sau?

A. d,d;,d, song song v&i nhau. B. d, va d, song song voi nhau.
C. d va d, vudng goc voi nhau. D. d, va d; song song v&i nhau.
Loi gidi
Chon B
a"r:—‘.l—ﬁl‘ﬁﬂﬁzl x+l=d =d
30 | 3 . E 3 2

Vi . Puong thing d, va d, c6 hé s6 goc bang
nhau;hé s tu do khac nhau nén chung song song.
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v :(m: - 3]_1'+3m+|

Cau 5. Tim céc gia tri thuc caa tham s6 7 dé duong thang song song voi duong
thang ¥ =~ S,
A.m=32 B. m =12, Cc.m=-2 D. m =2,
Loi giai
Chgon D
5 ” = :_3.-"‘3 +| 2 =Y - ) .
Dé duong thang ’ (- 3)x +3m song song v6i duong thang ¥ =% S thi didu kién la
{m: - 3=l {m =2
= = m=2
|Im+1+#-5 m #- 2
Cau 6. Toa d¢ giao diém ciia hai duong thang * ~ 3y-6=0 y, 3x+dy-1=0 4,
'27'__1?‘ [_2?_1?‘
AV 13 B. (_2?;1?). c.! 13 13] D. (2?;-1?).
Loi giai
Chgn A
. , - 3y-6= 3x+4v-1=
Ta c6 toa d§ giao diém cua hai duong thang x-3y-6=0 va > 4y-1=0 la nghiém cua hé
27
x=—
f - 13
x=-3y-06=0 } 17
V== —
3x+4y-1=0 3
phuong trinh * S g
. Yy ' +15 = cx= Pp- 3= , .
Cau7. Cho duong thang d:2x+3y+15=0 va dy:x-2y-3 D. Khang dinh nao sau day dang?
A. d, va d, cit nhau va khong vudng goc v6i nhau.
B. d, va d, song song v&i nhau.
C. d, va d, trung nhau.
D. d va d, vudng goc voi nhau.
Loi giai
Chgn A
. . d 2x+3y+15=0 | | . T =(2;3) . . B
Duong thang - c6 mot vecto phdp tuyén la va duong thang
d,ix-2y-3=0 , | ] P =(1;-2)
; c6 mot vecto phap tuyén la .
2 # 3 Ll Ll
c 1 -2 a, =2.1+3.(-2)=-4 =0
Ta thay Lo-2 gy M (-2) )
A 1 \ d2 M \ A A J 7.
Vay ' va ° catnhau va khong vuong géc voi nhau.
. x4+ v =m- 5.d.x =9
Cau8. Hai duong thing @ -MX*+Y =m=3.dy:x+my =9 4 o khi va chi khi
A, m#F-1 B. m #1 c.m#H D. m#2
Loi giai
Chgn C
CACH 1
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xet m =0 gy 417V =5 dy:x =9

man (1).
X
o ) d,1p=-—+9
xot M #0 d:y=-mx+m-3 va m
1 (m =0
d d - - F- — = -4 2z
Hai duong thang ™! va ™2 cdt nhaut m L= = .
Tu (1) va (2) taco M #H
CACH 2

4 va b theo thit ty nhan céc vecto ' =(m:1), ny =(

4 3 % chinhan © M ™ khong cing phuong < #m #L.1 = m =4,

n =(a;b) va ) :(Clld)cung phuong < a.d =b.C)

(Ap dung tinh chat:
Cau9. Véi gia tri ndo ciia 7 thi hai duong thang

d:3x+4y+10=0 . d,:Q2m- Dx+m y+10=0 __
. va trung nhau?

A mE2, B. m =%l Cc.m=2, D.m=-2,
Loi gidi
{d: Qm- Dx+m’y+10=0 ,_  2m-1 w10
d :3x+4y+10 =0 3 4 10
2m-1=3
= { X = m=2.
m” =4
Cau 10. Trong mit phang voi hé toa do Oxy , cho hai dudng thang c6 phuong trinh
. - - ' 3 — Ty 1= — ,
d, imx+(m-1)y+2m =0 va d,:2x+y-1 CI' Néu d, song song d, thi-
A, m =2 B. m =-1. C.m=-2. D. m =1.
Loi giai
d, cmx+(m-1)y+2m =0 ig, m_m=1_2m
d,:2x+y-1=0 2 1 -1
- )
= { L2 = m =2.
m =2m-2
x=2- 3
2x-3y4a=0, P |y=1-4
Cau 11. Tim  d¢ hai duong thang d:2x-3y+4 =0 V=17 A CAt nhau,
1 | 1
m#-—. m#—. m=—.
A. 2 B. 7 #2. c. 2 D. 2
Loi gidi
‘d 2x-3y+4=0 T
e n, =(2;-3) i dmo =3
x=2-3t - =1 — == — e m .
d, : n, =(4m;-3) 2 - 2
|y =1- 4mt .

Chon C.
Cau 12. V6i gia tri ndo cia @ thi hai duong thang

x =-1+at
d. :
d:2x—4y+1=0 ., = |y=3-(a+tt
y va - vudng goc véi nhau?

Ry lam vec to phéap tuyén.

. RG rang hai duong thang nay cit nhau nén 7 =0 thoa
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Cau 13.

Cau 14.

Cau 15.

Cau 16.

A, a=-2. B. 2 =2. C.a=-1. D. a =1
Loi giai
d 2x—4y+1=0 M
L |n, =(1;-2) _ -
— — -

== I '+'-I:T|||!l ( )_‘L'_—‘":—i ”| ”-\. :U-c::.ﬂ+|_ Eﬂ :[:l-c::p i :|.
- n, =la+la )
Ty =3-(a+ D :
Chon D.

Vi gia tri ndo ctia 7 thi hai duong thang
(v =<7 47 x =2 +mt
d I‘|.'L &+ .2t d ‘[

L y=-0+(1- 2m)t

[y =3t - tring nhau?

1

m=—

A. 2, B. m=-2, C.m=2 D. m#£2
Loi giai

x=-2+2 - -
d;{ — u, =(2:-3) [
| =3 | 3 AE€d,
: —_d=; - TV S om =2,
x =2+ mt - = :I =
d - — A(2;-6)ed,, u, =(m;1- 2m) L 2 -3
ly=-6+0-2m S
Chon C.

Tim tat ca céc gia tri cua /7 d¢ hai duong thang
{ x=2+2%

v=l+mt . d,:4x-3v+m =0
L Va F. -

.
trung nhau.
m =—
A, m=-3, B. m =1 C. 3. D. M€
Loi gidi

(x =242t - ( ( —
d, :{ — AQ2:Ded u, =(2:m) _ A€d, S+m=0

|y =l+mi T T g < mEQ.

- —=— m=—
d,:4x-3y+m=0— u, =(3:4) [ 3 4
Chon D.
Véi gid tri ndo ciia ” thi hai dudng thang
d 2x+y+4-m=0 ,d,:(m+3)x+y+2m-1=0
! . va ? song song?
A, m =l B. m =-1. C.m=2. D. m =3.
Loi giai
d 2x+y =0

m=4—- — L{ by +T =0 —d Nd, £F& — —

Vi SRR - loai m =4.

Voi M F4 i

d:2x+y+4-m=0
d, (m+3)x+y-2m-1=0 2 1 4-m m£-3

;g m+3 1 -2m-1 m=-1
— Ay = = = m=-1.

Chon B.

Tim tit ca cac gid tri cia ” dé hai dudng thang
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A 2x-3my+10=0 _, A, :mx+4y+1=0 .
va 2 cat nhau.
A, l<m<10 B. m =1, C. Khong c6 ™ | D. V&imoi .
Loi giai
(A x+5=0

m=0— — m =0 (thoaman)

‘A 2x- 3my+10=0
s
A, cmx+4y+1 =0

A, 4y +1=0

mE) -, Z ;‘:—3m < Wm0
m 4 ChonD.
Céu 17. Vi gia tri ndo caa 7 thi hai duong thang

Aime+y-19=0 . A, (m-Dx+lm+1)y-20=0 . 0
- va ? vubng goc?

A. Véimoi M, B. m =2 C. Khong co ™ . D. m
Loi giai

[
hn

(A cmx+ - 19 =0— n, =(m:1)
A, (- Dx+(m+1)y-20=0— n, =(m- LLm+1)

, _'13:'13_;}”(}”—I)+I(}”+I):D¢:”IE'Z'
Taco:

Ciu 18. Vi gia tri ndo cia 7 thi hai duong thang

d 3mx+2v+6=0 .4d, :(m: +2).T+3m}'+f:| =0 ,
1 & va -~ cat nhau?

Am#L B. m #1, c.meR, p, 7 Flvam#=1

d 3mx+2y+6 =0— n =(3m:2)

|4, :(m: +2).‘r+2my +6 =0— n, :(m: +2.j2m)
Taco: + ° )

{a’, p+3=0
m=0—
d, x+y+3=0

— . =

— m =0(thoaman)

m +2 2m
E_ = mEH

3m 2 Chon D.

m E0 — L

Cau 19. Véi gia tri ndo cia 7 thi hai duong thang
[(x=2-3

ly=1-dm .
L vuong goc?

d 12x-3y-10=0 _,
va

m Zl m=— m=-— m=-
A 2. B. 8. C. 8 D.
Loi giai
'd 12x-3y-10=0— n =(2:-3)

[ x=2- 3 -
d—.. : — -\ :(4 .= 3)
~ |y =1- dmt " "
1, L. g
— i 24m+(-3).(-3)=0= m = —.
8 Chon C.

Cau 20. V6i gia tri ndo cia 7 thi hai duong thang
[ x=1+2¢

d,:
d 4x-3y+3m=0 va v =4+mt trung nhau?
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m —-

-_— m =— m:—i m =
A. 3, B. 3, C. 3.

Loi gidi
fd, dx-3y+3m=0—n =(4:-3)

xr=1+2¢
d::{

— A(:4)ed,, n, =(m:;-2)
|y =4+ mt cT

(A€d, (3m-8 =0

=] =
5 m 3

Chon B.
Céau 21. Vi gia tri ndo cia 7 thi hai duong thang
d 3mx+2y-6=0 v d, :(m: +2).‘r +2my- 3=0 song song?
Cc.m=2
Loi giai
(d 3mx+2y- 6 =0— n =(G3m:2)

A M =Lm =1 B. MEQD

d, :(m: +E).‘r+2m}' =-3=0—n, :(m: +2.j2m)

d y-3=0
m=0— { el — m =0(khong thoa man)
. d, 2x+2y-3=0

. Chon A.

. om+2 2m -3
m E=0 — L = F— = m=4
Ta c6 Im 2

CAu 22. Vi gia tri nao ctia 7 thi hai dudng thing

d ‘[1 =8- (m+1)t
"y =10+t cd, imx+2y-14=0
| va @

song song?
m =1

A m="2 B. m =1, c.m=-2

D. MEQ
Loi giai

d

{r =8 - (n+1)t

— A(S;ID)Ed,._ n, =(l:m+1)
|y =10 +¢

-

Cld, imx+2y-14 =0— n, =(m;2)
Tacod: " - -

Agd,

n, =(1;1) [Sm+ 6 £0 |
. =[] — - — m =
ag_, ||m=0  —2) khongthoamen _ | .~ [

m=-2

1 m+l -‘l”_I
mEl— —=

m 2

Chon A.
Cau 23. V6i gia tri ndo ciia 7 thi hai duong thang

d:(m-3)x+2y+m -1=0  d,;-x+my+m -2m+1=0
. va ? - cat nhau?

{m;tl m #1
A, m#L B. ! #2 C.m#2. m#2

Loi giai
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(d :(m-3)x+2yp+m*-1=0

dyi-x+my+m - 2m+1=0

' d -3x+2y-1=0
m=0— — thoaman
R d,-x+1=0
_ _.L__.__i | L )
m-3 2 m #1
m £0— F— {
-1 m m£2
' Chon B.
Cau 24. Véi gia tri ndo ciia 7 thi hai duong thang
[ — . .
F =m+ A x =1+ mt
ly=teler +1)e P2 e
va L trung nhau?
4
m =—
A. Khong co ™ . B. 3. c.m=1 p. m=-3
Loi gidi
(x =m+2¢ ) - ( )
A . — Alm:1)ed , u, =(2;m" +1 (
' ¥ =l +|:m' +|)lr v - A€d,
N — == 1m 1
x =1+ mt - o T
A, — u, =(m;1) L2 o+l
|y =m+t
| =1+ I -
m =1+ mt m=l+m(-m) mt-1=0
=l =m+t = . ﬁ{ = m =l.
. 5 =0 (m - I)(m' +m +2) =0 m-1=0
Tem- 2= \ '
m+m _Chon C.

Ciu 25. Tim toa do giao diém cua hai duong thang Tx-3y+16=0 va x+10 =0

(- 10:- 18). B. (10;18). C. (- 10;18). D. (10;- 18).

A.
Loi giai
{dl:'?.'r—?s}'ﬂﬁ =0 (x=-10
c: -
d, i x+10=0 v =-13 Chon A.
Cau 26. Tim toa do giao diém cua hai duong thang
I{I:-?&‘i‘ﬁ‘-f [x =144
VUl y =245t y=7-5"
\ Va \
A ;7). B. (- 3;2). C. (2:-3). D. (5;1).
Loi giai
[ [x=-3+4
dl: - . . . d =
|y =245t 344t =1+ 44 t-t =l {:l——':—a~|
i = L= .= v =7.
x=l+4t" |[2+5=T7- 5t t+t =1 ‘o -
; , it =
Ly =75t Chon A.
(x =224 24

d,: {
, -9 =19 = 27y = .
Cau 27. Cho hai duong thang d,:2x+3y-19 =0 va (¥ =33+t . Tim toa d¢ giao diém cua hai

duong thang da cho.
A @9, g, (10:25). c. CL7). p. &:2).
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Loi gidi
(d 2 2x+3y-19 =0

=2
L [x=22ea S 202420043(55450)- 1920 = £ =- 10~ -
2|y =55+5¢ ¥
Chon A
. . _2- - .
Cau 28. Trong mat phang vdi hé toa do Oxy , cho hai diém A4(-2:0), B(1:4) va duong thang
- J'.T=-r
|- y =2- " Tim toa do giao diém cua duong thing 4B va 4 .
A @0 g, (-2:0) c. (0:2) p, (0:-2)
Loi giai
4(=2:0), B(1:4)— AB:4x-3y+8=0 , ,
) B rh'— Jy+8 =0 { x =2
x =-t - = .
d: —d:x-y+2=0 [ x- y+2=0 v =
vy =2-1t
Chon B.

{.‘L’ =- | +¢

d,:
dtax+3y—-4=0 . y=3+3t
va -

Ciu 29. Xac dinh @ dé hai dudng thing
trén truc hoanh.
A. a =1 B. a = 1. C.a=2 D. a=-2.

Loi giai

cat nhau tai mot di€ém nam

(x =-1+¢ (x=-2
oxnd, < e — Oxnd, =4(-2:0)e4,
o ly=3+3=0 |y=0 :

— -2a-4=0%= a=-2. ChonD.

d §.‘L':2+E
. . . , Ay = =6+ -
Cau 30. Tim tat ca cac gia tr1 cua tham s6 7 d¢€ hai duong thang d,:4x+3my —m" =0 va [y =0+ cat
nhau tai mot diém thudc truc tung.
A. m =0 hozc m=-6_B, m=0 pozc m=2
c.m=0 hogc m=-2_ p, m =0 hoac ™ =6
Loi giai
x=2+t=0 [x=0
ovnd, H{ = { — ovnd, =A(0:2)ed,
i y=0+2¢ y =2 .
. m =0
= Oom-m =0« e
m =0 Chon D.
. 3x—2p+45 = dx+4y—T = 3x+d4y—1=
Cau 31. Cho ba duong thang @ :3x =2y 43 CI, d,:2x+4y—T7=0 , dy:3x+4ay-l CI. Phuong trinh

duodng thing 9 di qua giao diém cia d, va d, , Va song song voi d, la:
A 24x+32y-53=0 g 24x+32y+53=0

c. 24x—32y+53=0 5 24x-32y-33=0

Loi giai

Trang 48



3
d:3x-2y+5=0 |7 % '
{ 1 X _,1 - S—idlﬂd _ﬂ‘-%ﬂ .
.d: 2x+4y-7=0 ; _ﬂ 16
- 1o Ta co
(Aed Aed 9 3] 53
— — =-_+_ 4 =0= g =- __.
{d||d__\:3.1'+4}'—|20 d:3x+4y+c=0(c £-1) 8 4 8

d:3x+4dy B s d,:24x+32y- 53 =0,
Vay 8 Chon A.

d x+3p-1=0

b

Cau 32. Lap phuong trinh ctia dudng thang A di qua giao diém ctia hai duong thang

d,:x-3y-5=0 _, . TP e d.:2x=-p+7 =0
: : va vuong goc voi duong thang ~* . )
A 3.".-+ﬁ_].'_ 5 :[} B ﬁ.".-+|2_].'_ 5 :[:I'

C. :‘J.T+|3}'+|D:U. D. _1-+2i1-+lr:+:0'

Loi giai

(d:x+3y-1=0 |* =3 (2]
] I 21— d, Nd, :A‘z.:-—.
d,ix-3y-5=0 |y=-Z= )
3 Ta co
(Aed (Aed (2 5
) —ai —a3+2.‘-—+._~:r:+¢-c:-—.
d Ld,:2x- y+7=0 |d:x+2y+c=0 L 3] 3
5
d:x+2y-—=0e d:3x+0y-5 =0
Vay 3 Chon A.

Oxy d :3x-4y+15=0

b

Ciu 33. Trong mit phang véi hé toa do , cho ba dudng thang lan luogt c6 phuong trinh

Sx+2y-1=0 . d,:mx-Cm-D)y+9m-13=0 . - . , . ., A 3 ‘
dy:5x+2y-1 Dvad- mx= (2m - 1)y +9m-13 D.Tlmtatcacacglatncuathamsomdebaduong

thang da cho cung di qua mot diém.

m :l‘ m =- l
A. 5 B. m =-5. C. 5 D. m =5.
Loi giai
(d :3x-4y+15=0 [x=-1
= —d, nd, =4(- 1;3)ed,
Ta co: |92 X+ 2y-1=0 y =3 - '
aco:' -’ -

— =-m=-0m+3+9m-13 =0+ m =5. Chon D.

Ciu 34. Néu ba duong thang
d2x+y-4=0 d, :5x-2y+3=0 va d,imx+3y-2=0

ddng quy thi 7 nhan gia tri ndo sau day?

12 12
A S B 5 c. 12. D. - 12.
Loi giai
s
d: 2xey-4=0_|"Tg i nd. :A‘géﬁ_ﬁ' cd
d,:5x-2y+3=0" | 26 S PR R
"9
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Sm 20
— —+—=-2=0=m=-12

i

9 3 Chon D.

va

5 i P BT = S Y1 —
Cau 35. Véigiétrinéocﬁamthibaduéngthéngd"?n 4*1+|5_D,d3'51+“} =0

d,:mx—4y+15=0 ddng quy?

A, m=-5 B. m =5, C.m=3, D. m=-3
Loi giai
(d :3x—4y+15=0 [x=-1

= — d, Nnd, —A(-1:3)ed
|d, :5x+2y—-1=0 |y =3 }

— -m=-12+15=0+= m =3. Chon C.
) e ] = Yy — oy — 11— T —
Ciu 36. Vi gid tri ndo clia 7 thi ba duomg thing 41 - 2% ¥¥~1=0 dyix+2y+1=0 o, diimx—y-T7=0
ddng quy?
A m=-6 B. m =6, C.m=-5, D. m=5,
Loi giai
{rfl 2x+y—1=0 { x =l
—

—d nd, =A(:-1)ed, = m+1- 7 =0 m =6.
|d, ix+2y+1=0 I ) '

y ==

Chon B.
Ciu 37. Duong thang d:5lx-30y+11=0 4 qua diém nao sau day?
Ml-l;-i‘, N[-];i‘_ P 1;3]. Q‘_];_E].
A L3 B. | 3 c. \4 p. | 4

Loi giai

_I"(.-W)Z_I"‘ -1;- %‘ =0— Med

FCey) =51e-30p+11— — | (W) =/ ‘ - I;E‘ =-80 £0— Ngd,

fF(P)E0
o) +o

Dat
Chon A.

Dang 2. Géc ciia hai dwong thing

Cau 38. Tinh goc giita hai dudng thing 21 %~ Y3y +2=0 j3 Atx+By-1=0,
A. 90, B. 120", C. 60" p. 30",
Loi gidi
Chon C

n =(l:-~f§)

Puong thing A ¢6 vecto phip tuyén , duong thing A" cé vecto phap tuyén

:':(1;\5)'

|I_ 3| :l:- i =00

a3 fl+3 2

Cau 39. Goc giita hai duong thing & 3x-p+7=0 ,; bix- By - 1=0

=1
COSa :‘cna(n,n')‘
Goi @ la gbc gitra hai duong thang AA.

la:
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A. 30° B. 90° C. 60" D. 457

Loi giai
:rl :(J__;- 1)
Tr_: :(1;- \ﬁ]

Chon A.

Puong thing @ ¢6 vecto phap tuyén la:

Puong thang b 6 vecto phéap tuyén 1a:
Ap dung cong thuc tinh goc giira hai duong thang co:

0 m
cna(ﬂ,h)ZﬁﬁﬁT :l--ﬁ +(; 1)(_ \E) =£

. Suy ra goc giita hai dudng thing bang 30
d 2x+5y-2=0 _.d,:3x-Ty+3=0
va 2

Ciu 40. Cho hai duong thang . Goc tao boi duong thing a va

d, bang
A. 30", B. 135", C. 45", D. 60°,
Loi gidi
Chon C
‘ . d 2x+5y-2=0 o, m=(25)
Puong thang ’ ¢ vecto phap tuyén .
. .od,3x-Tp+3=0 | , . on2=(3-7)
Duong thang - c6 vecto phap tuyén .

Goc giira hai duong thang duoc tinh bang cong thirc

cos(d,.d, )_‘cus(:” 1 IiF a, | B |E.3+ 5.[—'}‘}| 29 I

N el v

= (d:d,)=45"

1

. , d d, . 0
Vay goc tao boi duong thang ' va ° bang 45"

- -
Cau 41. Tim cosin goc gitra hai duong thang A :2x+y-1=0 va

Jio 3 3 3710
A. 10 B. 10, C.5. p. 10
Loi giai

Chon D
Vécto phap tuyén cua duong théng tg =Q:) nén vécto chi phuong =(:-2)
Vécto chi phuong cua du(‘mg théng 1y Y —(1 -1)
J
.,
cos(A 1A, )= ‘l:ns i )‘ L 3 3o
- ] EE 0
Khi do
(x
A oo vuals—p | D2° _4,}(FEIR).
Cau 42. Tim gobc gitta hai duong théng A= 2y +15 =0 va Ly =ata
A.S. B. 60 . c.0. D. 90
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Loi giai
Chgon D

, (12 - 5.
Puong thing M c6 vTPT 1 7 (1720 = WTCP(2:1)

, - - 17
Puong thang Azc(’) rrep(- 12 ).
Nhan xét; 1 42 =0=u, lu, = A LA = (A A, )=90 .
. w2 p- T = V- 4y +9 =
Cau 43. Tim cosin goc gitta 2 duong thang d:x+2y-7=0d,:2x-4y+9 _U.
3 2 1 3
A NS B. V5. C.>. D.>.

Loi giai
Chon D
Ta c6 viptng, :[1:21:1-r;)rr:{,.-: =(2:-4)
r| _r2-24 3

cos(d:d’) = |!'I" ! = =
|!.|‘;,-'_ |.|II{,-': | qﬁ .E-J'E 5

Ciu 44. Tinh goc gifta hai dudng thing 817 V33 +2=0vaA x4 3= 1=0,
A. 90" B. 120°, C. 60°. D. 30°.
Loi gidi
Chon C

u

n, =(1;-\J’§) ;U?u :(I;JL’T).

A ¢6 vecto phap tuyén 1a . A" ¢6 vecto phap tuyén 1a

Khi do:

U L
i n,.n, . +(-ﬁ)ﬁ‘ -
cus( : '):cns_ila,.ja]i :gﬂjﬂ#: ‘I | = | “l :I_
A A | ( -}| IH.I-‘”:‘ \/':+('J§T'J':+(£T Jafa 2

Vay goc gitra hai dudng thing A, A la 60°.

Ciu 45. Tinh goc tao boi giita hai dudng thang
d2x-y-10=0 . d, ix-3y+9=0.
va "’

A. 30° B. 45°. C. 60°. p. 135°.
Loi giai
Ta co
[d:2x- y-10=0— n=(2-1) __, ., 2.1+ (- 1).(-3) |
- B o Y CDSI?-: e
d,:x=3y+9=0— n, =(1;-3) Jf +(- I):.le +(3F V2
=@ =4 "Chon B.
Ciu 46. Tinh goc tao boi giita hai dudng thang
d Tx-3y+6=0_.d, :2x-5y-4=0.
A
T T 2T 3T
A. 4. B. 3 c. 3 D. 4
Loi giai
Ta co
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(d:7x-3y+6=0— n =(7:-3) . | o asrs) I
— ==t cosp = —— P =—.
d,:2x-5y-4=0—n =(2:-5)

J9+9.4+25 2 4

Chon#A.

Ciu 47. Tinh goc tao boi giita hai duong thang d2x+ 2"5*1”"5 =0 va d,:y-6=0.

A. 30° B. 45°. C. 60°. D. 90°.
Loi gidi
Ta co

42425045 20— n =(48) ., NEIRN

-

o cos@ = =~ 5 @ =30.
.dl y-0=0.— n, =(0:1) ;|+3.:}D+| 2
Chon A.

Ciu 48. Tinh goc tao boi giita hai duong thang dix+3y =0 va dy:x+10 =0.

A. 30° B. 45°. C. 60°. D. 90°.
Loi gidi

dix+ By =0—n =(1:3) t+0]  _1

— COS = ==
d, :x+10=0— n, =(1;0) [+341+0 2
= ¢ =60 Chon C.
Ciu 49. Tinh goc tao boi giita hai dudng thang
[x=10- 6
d0x-5y+15=0 . " |y=1+5
va -
A. 30° B. 45°. C. 60°. p. 90°.

Loi giai
'd 16x- 5y+15=0— n, =(6:-5)

_—

(v =10-6¢ ~ — o, n, =0 — =L g =90,
L ey T =(5:0) L v
Ly =it Chon D.
, N, I B TR —
Cau 50. Cho duong thang d:x+2y-7=0 va d,:2x- 4y +9 _D. Tinh cosin ctua goc tao boi gitra hai
dudng thang di cho.
3 2 3 3
A S, B. V5. C. 5. D. 5.
Loi giai
(d:x+2y-7=0—n =(1;2) s i- 4 3
- — =S 008 E—— =—.
d 2x-4y+9=0—n, =(1:-2) JI+4af1+44 5
- g Chon C.
) T M I Y= P = . .. .
Cau 51. Cho duong thang dix+2y-2=0 va dy:x-y D. Tinh cosin cua goc tao boi gitra hai dudong

thang da cho.

Vio V2 S

A. 10 B. 3 . c. 3. D.‘/g.
Loi giai
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(d:x+2y-2=0—n =(:2) _, | - 2| |
- — =t cosg = =

d ix-y=0—n,=(-1) NN TSI T

Chon A.

. [.‘t‘ =2+t

da,
Ciu 52. Cho dudng thing d,:10x+35y-1=0 ., ] V=11 Tinh cosin cua gbc tao boi gitta hai duong

thang da cho.
3410 3 Jio 3
A, 10 B. 5 c. 10 p. 10

Loi giai
(d 10x+5y-1=0— n, =(2:1)

. pd :d, ) |2 + I| 3
x=2+t — — == cosg@ = = :
R I =(1;1) RN res Y TN i}
=t Chon A.
[x =15412
Cau 53. Cho duong thing @1 - 3x+4y+1=0 = [y =1+3
Tinh cosin cila goc tao boi giita hai duong thang da cho.
56 3 6 1
A. 65, B. 05, C. 65, D. 65,
Loi giai
‘d3x+4y+1=0— n =(3:4)
gdd,) |I 5- 48| 33

(x=15+12¢ ~ — COSg =

— n, =(5;-12) Jo+l025+144 05

|y =15
Chon D.

x=9+at

y=7-2 (teR)

Cau 54. Xac dinh tat ca cac gia tri cia ¢ dé goc tao boi duong thang va duong thang

Ix+4y-2=0 biing 45°

22 L2
A.a:15a2—14. B. 7’a:—l4. C.a:-2’a:—l4. D. 7,a=14_
Loi gidi
Chon B
Goi % 1a goc gitra hai duong thang da cho.
x=9+at

y=7-2t (teR) u =(a;-2)

c6 vecto chi phuong la
v :(4;- 3)

Puong thiang

3 44y-2=0 6 vecto chi phuong 1a

el 1 et
= cosds = e =1 1
Taco o F :|EDS(H._1'1 |”|'|1'| NN

= 5V’ +4 =242 +6| o 2542 +100 =324" + 964 +72

Puong thang

& Ta® +96a-28=0 [a=-14
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5 5 - Yy 1= — I R T —
Ciu 55. DPuong thang A di qua giao diém cua hai duong thang d:2x+y-3=0 va d,:x-2y+1=0

A < R g d,ry-1=0 . . 450 ., "

dong thoi tao vé1 duong thang 3 - mot goc c6 phuong trinh:
A x+(1- JE_}_V =0 hogc A:ix= - 1 =0 B, A:x+2y=0 hosc A:x- 4y =0
c. Ax-y=0 hoac Aix+y-2=0 D. A:2x+1 =0 hozc y+5=0.

Loi giai
(d :2x+y-3=0 [x =l
& — d nd, =4 DeA.

|d,tx=2y+1=0 v =l }

. Khi d6

o |p] s r e |@=b— a=b=1— Atx+y-2=0
ﬁ_mwﬂjﬂuh:_mﬁﬂ S DR S S I Aix-p=0
Chon C.

Ta cb d,:y-1=0— n, =(0:1), goi n, =(a:b), ¢ =(A:d.)

A(2:0)

Cau 56. Trong mat phéng v61 hé toa 3o Oxy , €0 bao nhiéu duong théng di qua diém va tao voi

truc hoanh mot goc 45°?

A. C6 duy nhit. B. 2.
C. V6 sd. D. Khong ton tai.

Loi giai
Chon B.

Cho duong thing ¢ va mot diém 4- Khi do.
(i) C6 duy nhat mot duong thang di qua 4 song song hoic trung hodc vudng goc véi 4-

(ii) C6 dung hai duong thing di qua 4 va tao véi 4 mot goc 0 <@ <90.

. . v+ - = .
Ciu 57. Duong thang A tao voi duong thing dix+2y-6=0 mot goc 45" Tim hé sb goc & cua duong
thang A
1 1
k = k =
A. 3 hogc K =-3. B. 3 hoac k =3.
! -1
C. 3 hogc kK =-3.p. 3 hogc k =3.
Loi gidi
- a
dix+2y-6=0—n, =(1;2), . :(ﬂ"h)_j ky = ; ,
- d goi Ta co

I—:c0545 = |ﬂ+2h|

\aE \,I'ﬂ:+h:.\E

e 5(a? +b2) =24° +8ab +85°

o 3aP-Sab-3 =0 |1 3 a3
£ Chon A.

d:y =kx

Chu 58. Biét ring c6 dung hai gié trj cua tham s £ dé duong thing tao v6i duong thang

ALY =X mot goc 60°. Téng hai gié tri ciia K bing:

A. - 8. B. -4 c. -1l D. - L.
Loi giai
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(d:y =k — n, :(A-.j—l)_ | e+ e
Aty =xm =(-1) —*E—CDSGD —mﬁﬁ +1 =2k +4k+2
o kT k4]l =0 -2 ko, =4,
Chon B.
Ciu 59. Trong mit phang toa do Oxy , cho diém M (- 1) va hai duong thang c6 phuong trinh

(d):x-y-1=0,(d,):2x+y-5=0
(d)

thang di qua M cit hai duong thang trén 1an luot tai hai diém
BC =3 A8 cod dang: ax +_\’+b =0 va cx+y +d :D’ glé tri cua T =a +|'r}+ﬁ'+,ﬁ'rlé
A.T=5, B. 7' =6 c.T=2 D. I' =0,
Loi giai

. Goi 4 1a giao diém cua hai duong thang trén. Biét rang c6 hai duong

B,C sa0 cho 4BC 13 tam giac co

Chgn C

Toa do A1)

1 . 3
cos =—— = SN =——
Goi ¢ 1a goc giita hai dudng thang (@) va (dz), 10 J10

AB BC I
== s5inC =—

Xét tam gidc ABC g ¢o: sinC  sin 4 Jm

o 1 , 3
@) . () sin /7 :ﬁ: cos /i :ﬁ 0

Goi B 1a goc giira hai dudng thang va , suy ra:

Gia st () co vec to phép tuyén 1a n(a:b)

|'?,_~;+,»5| = = a - 8ab+bh =0 = a=b

cos fi =
Tur W ta co: "’_0 Va* +b°5 J_D a=Tb

n=(11)= dix+y =0

Véi @ =b mot vec to phap tuyén

Vé6i @ =7b mot vec to phap tuyén (D= d:Tx+y- 6=0

Vay: T=1+0+7-6=2

Dang 3. Khoang cach
Ciu 60. Khoang cach tir diém A@GD dén duong thang -12y-6=0 la
A 13 B. - 13, c -l D. 1.

Loi giai
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Chon D

5 (1,1) . ) ASy=12v=-=0H=
Khoang céach tir diém dén duong thang A:3x-12y-06=0 la
5.1-12.1- 6
d(4,A) =Q =1
J5 +12)
Ciu 61. Khoing cich tirdiém M O 1) 4én duong thing 3 2 +13=0
El 5
A 213, B. VI3 C. 26 D. 2 .
Loi giai
Chon A
3.542.(- 1)+13 )
g ﬁ{ ]'ﬁ |=F=2Jﬁ
Khoang cach \!3_ +2 13
Ciau 62. Khoang cach tir diém M - D dén duong thing 2 3x+y+4 =0y
310 5
Al B. 5 . C.2. p. 2410,
Loi giai
Chon B
Khoang cach tir diém ML= 1) gén dudng thing & Srty+a =04y
3.1-1+4
d(.-w.:-a.)—| _ +ﬁ |- © :Nﬁ.
i+ Ao s
Ciu 63. Trong mat phang 0% khoang céch tir diém M (- 4) dén dudng thing 873 4y -1=0
8 24 12 |24
A3, B. 5. C. . D.
Loi giai
Chon B
3.3-4.(-4)-1 24
ff(.-w.a.):| . | ==
Ta co: J3 +(-4) )
Cau 64. Khoang cach tir diém A32) 44 duong thing A:3x- y+1=0 bang:
115 10V5 11
A V10. B. 5 c. 5 p. V10
Loi giai
Chon A
3.(-3)- 241
a’(A.:a.):| : |:~.:'|D_0 =0
Ta 6 .J?r +(-1)
A s p o Oxy ) . A ~ O A4 \ ;o didx-3yp+1=0
Cau 65. Trong mat phang , khoang cach tir goc toa do ¢ dén duong thang bang
|
A. 3. B. 4. C. 1. D. 5.
Léi giai
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Chon D

4.0-3.0+1 1
d(0,d) = |— =—
Ta co V4T 43 3
Cau 66. Mot duong tron co tam 1G:-2) tiép xtc voi duong thang Aix-Sy+1=D. Hoi ban kinh duong
tron bang bao nhiéu?
14 7
A. V26 B. 13 C. V26 D. 6.
Loi giai
Chon A
3-5.(-2)+1
R :a’(f.&):| . |: il
sz ; ) \ 13 R < 47 JF"‘(‘ 5)- 26
Goi ban kinh ctia duong tron 1a £+ Khi do:
Cau 67. Trong mit phing Oxy , khoang cach thdiémM 0:4) dén duong thang
A xcoser + y since + 4(2 - sinc) =0 béng
4
A. \/g B. 4sino. C. COsOL+sina D. 8.
Loi gidi
Chon D
|D cosa, + 4. sina +4(2 - Emtq
d(M,A) = =8
Ta co: Jeosia +sin’a
Ciau 68. Khoang cach tir I(5- 2) 4én duong thang D:3x- 4y- 20=0 bang
Bl
A. 3. B. 12, C.d. D. 3.
Loi giai
Chon A
Khoang cach tr diém M(x:30)  gén duong  thang D: axtby+e=0
x, +by, +e
df_,w__ D ) :M
‘Jﬂ' +h
Vay khoang cach I-2)  4én duong  thing D:3x- 4y- 20=0 bang

|3 1- 4.(- 2)- "ff:|

J3+

Ciu 69. Khoang cach tir giao diém cta hai duong thang *
A3x+yp+4=0

d(r,D)=

-3y +4=0 _, 2x+3y-1=0 ;
3y+4=0 5 2x+3y-1=0 440 dyomo thing

bang:
3V10 J10
A. 2\/5_ B.T. C-? D. 2.
Loi giai
x-3y+4=0 _ [x=-1_ ACED— d(an)= |- 3+|+4|_
2x+3y-1=0  |y=I Vo1 10 cpenc.
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. A1:2), B(0:3) . c(4:0)
va .

Ciu 70. Trong mat phiang véi hé toa do Oxy , cho tam giac 4BC ¢¢ Chiéu

cao clia tam giac ké tir dinh 4 bang:

1 1 3
A5, B. 3. C. 25, D. 5.
Loi giai
[4(1;2) 3+8-12
— h, :rf(,ci.:sir_‘ll:u =1
B(0:3), C(4:0)— BC:3x+4y-12 =0 ' Jo+le 5
Chon A.
Ciu 71. Trong mit phiang véi hé toa do Oxy , cho tam giac ABC ¢¢ 4G:-4). B(:5) CG;D. Tinh
dién tich tam giac 4B8C
A 10. B. 5. c. V26. D. 245
Loi giai
, (A(3:-4) ,
A(3;-4) BC =245
ps).cGn” |20 - NG
S BC:2x4y-7=0 |h=d(ABC)=V3
Cach 1
S =255 =5,
2 Chon B.
I o
Sy e = JAB AC? - (4B -AC) .
Cach 2: 2
Ciu 72. Khoang cach tir diém M (0:3) dén duong thang
A:xcosa +ysina+3(2-sina) =0 ;
bang:
3
A. V6. B.6. C. 3sina. D. cosa+sinea
Loi giai
3sina +3(2 - sina
d(.-w.:a.):| . . 1. :
Jeos® o +sin’ a Chon B.
C[x =143
Ciu 73. Khoang cach tir diém M (2,0) dén duong thang [y =2+4 bang:
2 0 S5
A2 B. 5 c. Vs D. 2
Loi giai
k=143t _|s+0+ |
A — Atdx-3y+2=0—dm;A)=—1=
(¥ =2+4 [6+9 Chan.
[.‘t‘ =2+3t
A
A . , , £, on g A M(15;1) £ Py IR ~ \ 2 ]I'ZF
Cau 74. Khoang cach nho nhat tir diém dén magt diém bat ki thudc duong thang L

bang:
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1 16
A. Jio. B. Jio C. Vs D. J5.

Loi giai

a.-a'T:hB{—aa-r-31--"f:0—'—‘“—~ MN,, =d(M: a)—“” |—
' I_].' =t e - = ‘ muin .J_
Chon A.
~ s Ee e e £ 2 , , NP A('1;2) £ \ 2
Cau 75. Tim tat ca cac gia tri cua tham s6 7 dé khoang cach tir diém dén duong thang
Atmx+y-m+4=0 bing 2\/3.
m =-2
1 1
m=— m=- — .
A, m=2. B. 2 C. 2, D. Khong ton tai 7 .

Loi giai

d(4:A) = | m‘; - +4| —"\Eﬁ |m— 3| :-.,E.-dm: +1 < 4m’ +6m- 4 =0
m” +1

m=-2

1
m :;
< Chon B.

Ciu 76. Tim tat ca cic gia tri ctia tham s6 7 dé khoang cach tir giao diém ctia hai dudng thang

(x =t

d :
— Cy- Ty =0 . .
]--1' =2t gy dorxm 2y am =0 g gbc toa @9 bang 2.
m=-4 m=-4 m =4 m =4
A, m=2 B. m=-2 c.lm =2 D. m=-2
Loi giai
L [x =t ) )
d,:{ {dl:r{l'-ﬁziﬁl {1‘:4—;3:
p=2-t — =
. d,:x=2y+m=0 y=m-2
dyix=-2y+m =0 ° '
— M(4- mim-2)=d, nd,.
. - . m=2
oM =2 (4-m) +(m-2) =4 m’-om+8 =0 [ -
Khi do: m=4 Chon C.
Cau 77. Duong tron © c6 tam 1a gdc toa do 0(0:0) va tiép xac voi duong thing A:8x+0y+100 =0 .

Ban kinh R ctia duong tron (© bang:
A R=4 B. R =6, C. R=8, D. R =10,
Loi giai
100
od_yg

o4 +36 . Chon D.
1(-2;-2)

R =d(0:A) =

iy : . A:Sx+12y-10=
Cau 78. Duong tron (© c6 tam va tiép xuc voi duong thang ASx+12y-10=0 .Ban kinh R

cua duodng tron © bang:
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r=3 R=22 R=_
A. 13 B. 13, C. R =44 D. 13
Loi giai
“10- 24- 10
R =d(1:0) =10 2410 _44

d:21x-11y-10=0. M(21;-3) N(0;4) P(-19;5) v

Cau79. Cho dudng thing Trong céac diém

0(1:5) diém nao gan duong thang ¢ nhat?
A M. B. V. C.P. p. 9.
Loi gidi
'_f' (Ar(21:-3)) =464
£ (W (0:4)) =54
F(P(-19:5)) =464

flo(;5))=44

.f'(.1';,1'):|3|.1'— 11y- |[}|_; )

Chon D.

d:Tx+10y-15=0 M(1;-3) N(0;4) P(-19;5) v 0(1:5)

Céu 80. Cho dudng thing " Trong céc diém
diém nao cach xa duong thing ¢ nhit?
A M, B. V. C.P. D. <.
Loi giai
(v (- 3)) =38
f (W (0:4)) =25

fxey) :|?_1-+ID,1' - |5|_i | j-(p(- 19:5)) =98

f(o(1:5))=42 Chen C.
Cau 81. Khoang cach giita hai dudng thing song song
A tox—8y+3=0 v s 3x—4y-0=0 bing:
1 3 5
A2, B.2. C. 2, D.2.
Loi giai
A(2:0)eA, —«d(a.,.:a:):d(A.:a,)zllh?" _3
A, || A :6x-8y+3=0 100 2 Chon B.
A [.1' ==2+t
Ciu 82. Tinh khoang céch giira hai duong thang d:Tx+y-3=0, ] y=2-Tt
W2 9
A2 B. 15 c.o. D. V50

Loi giai
[ A(-2:2)eA, n, =(7:1)
d:Tx+y-3=0—n, =(7:1)
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_| 14+2- 3|

'J_ _T Chon A.

Cau 83. Khoang cach giita hai dudng thang song song

= ATT d— d(d:A)=d(4:d) =

d 10x—8y-101=0 . d,:3x—4y=0 :
va ? bang:
A 10T B. Lol c. 101, p. V101
Loi giai
[ A(43)ed, 24- 24- 101
(4:3)ed, — d(d;:d,) |ﬁ__|_%_m|
d,||d :0x—8y-101=0 100 Chon A.
Cau 84. Trong mat phéng v61 hé toa 3o Oxy , cho hai diém 42:3) va B(1:4 ). Duong théng nao sau day
cach déu hai diém 4 va B?
A, X-y+2=0. B x+2y=0. C. 2x- 2y +10=0. D x=- p+100 =0,
Loi giai
Puong thang cach déu hai diém A, B i duong thang d6 hoic song song (hodc tring) voi 4B

hoidc di qua trung diém / ctia doan 4B .

, [ (3 7]
A(2:3) f‘—;—‘
22 — AB||d:x- y-2=0.

p(y4) |00 -
Ta co: (48 =(- 10— ny =0:1) Chon A.
Cau 85. Trong mat phéng vOo1 hé toa 3o Oxy , cho ba diém A(0:1). B12:5) va C(-3,0). DPuong théng
nao sau ddy cach déu ba diém 4 By C.
A X-3y+4=0 g, - X +ty+10=0 c. ¥ty =0 p. Sx- y+1=0

Loi giai

4,8,C thang hang nén dudng thang cach diéu 4,8, ¢ khi va chi khi chiing

D@ thdy ba diém
song song hodc trang véi 4B .
. AB =(124)— n , =(1;-3)— AB||d:x- 3y+4=0.

Ta co Chon A.

Oxy o AQD), B(-2;4)

Ciu 86. Trong mat phiang véi hé toa do , cho hai diém va dudng thang

Aimx=-y+3=0 . Tim tat ca cac gia trj cia tham s6 7 d& A cach déu hai diém 4, B .
m =1 m=-1 =-1 m =2
A, m=-2 B. LM =2 c.lm =1 D. m=-2
Loi gidi
-
- |7
i}

Goi 1 létrungdiémdoan (4B =(- 33)_1 " —(|-Z|)

Armx- p+3=0 (H,' Z(m.j— I:l) cach ddu A,B

Khi do:
feA 3
L m =1
*\m -1 2 2 A .
— = — m =-1
I "= Chon C.
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Cau 87. Duong thang A song song véi duong thang d:3x- 4y +1=0 va cach 4 mot khoang bang 1 ¢6
phuong trinh:

Al Jx-4y+06 =0 hodic Jx-4y-4 :D.
B. Jx-4y-06=0 hoic Jx- 4y +4 :U.
C. Jx-4y+06 =0 hoic Jx- 4y +4 :CI.

D. Jx-4y-0=0 hoic Ix-4y-4 :D.

Loi giai
d:3x-4y+1=0— M(LDed

= 1 == 4
s | :d(d;a):d(.-w.:a):um ‘ .
|Alld— A:3x-4y+c=0 5 c=

Chon A.

Ciu 88. Tap hop cac diém cach dudng thang Aidx-4y+2=0 mot khoang bang 2 13 hai dudng thing co
phuong trinh nao sau day?

A, Jx-4y+8=0 hodic Jx-4y+12 ZD.
B. dx-4y-8=0 hodic Ix-4y+12 ZD.
C. Jx-4y-8=0 hodic Ix-4y-12 ZD.
D. Jx- 4y +8=0 hodic Ix-4y-12 ZD.

Loi giai
Bx-4y+2| Jx- 4y +12=0
L = 1=

dMQey)A)=2s '
(v G y);a) 5 Ix-4y-8=0

Chon B.

- : . 2 ek ! = =
Cau 89. Trong mat phang vdi hé toa do Oxy , cho hai duong thang d,:3x+3y-3=0 va
v . 1 p— 9 N
dy:3x+3y+7 =0 song song nhau. Puong thang vira song song va cach déu voi d, d, la:

A, Sx+3p-2=0. B. Sx+3y+4=0.
C.S‘" +3y+2=0 D. Sx+3y-4=0

Loi giai
|Sx+3y- 3] _[5x+3y+7|

d (M (e _1'); d, ]l :d(M (x: _1')4:?': ) = -fﬁ Jﬁ

= Sx+3y+2 =0.

Chon C.

Cau 90. Trong mat phéng toa do Oxy , 01 d 13 duong thang di qua M(%:2) y3 cach didm A(10) khoang

3410
cach 10 Biét rang phuong trinh dudng thing ¢ ¢6 dang™ * by +¢ =0
b+c.

v6i 0>€ 13 hai s nguyén. Tinh

A 4. B.O. c.- L D.- S,
Loi giai

Chon C.
M(4:2)ed = 4+2b+c=0= c=-4-2b. (1)
Ta co:
l+d 310 : ﬁ
d(A.d) = i+d _ J_ﬁlﬂf_|+c'}' —9(1 +5°).

Jlepr 10 (2)
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b =-3(tmdk)
316" +120h+81 =0 = 27
b =- —(ktmdk)
Thay ¢ =-4-2b yaioPT @ 1a duoc PT: 31
= b=3c=2=btc=-1.
Ciu 91. Puong thang 12x+5y =60
tam giac do la
60 281 360
A 13, B. 13 . c. 17. D. 20,

Loi giai

tao voi hai truc toa do mot tam giac. Tong do dai cac dudong cao cia

Chon B.

Goi 4, B lan luot 1a giao diém cua duong théng da cho vai Ox | Oy .

X ¥
w5 =60 = =5 =0 ner :
Tacs 12¥+51=60 5712 p 44 4G:0) B(0:12)

on _{K(G.AB)_pz.ms.o- 60| _ 60

Goi H 1a hinh chiéu ciia O lén 4B . Khi do: Ji2Pest 13

Tam giac O4B8 13 tam giac vudng tai O nén téng do dai cac dudng cao la
5412420 2281

OA+ OB +0H 13 13

Dang 4. Mot s6 bai toan lién quan dén dién tich

Ax+3v =15 s A A cr g aea N ‘A
Sx+3y =13 tao vdi cac tryc toa do0 mdt tam giac cé dién tich bang bao nhiéu?

Ciu 92. Duong thing &
A T3, B.S. c. 15, D. 3.
Loi giai
Chon A

Puong thang ASx43y =15 4 cac truc toa do tai cac diém A(3;0), B(O;S).
q
S —Losos=" 275
Taco OA =3 OB =5 Knido 2 2

Cau 93. Cho hai duong thang dy:y=mx-4dy:-mx-4 Goi S 1a tap hop céc gia tri nguyén dwong ctia

~

M & tam giac tao thanh boi di.dy 4 truc hoanh c6 dién tich 16n hon 8. Sé phan tir cia tap S 1a
Al B.3. C. 2. D. 4.
Loi giai

Chgn A
d:y=mx-4 d,:y=-mx-4
d d, . 2 . - m £0
I, 72 cdat nhau cung cat truc hoanh khi 7 =V
4 1 [ 4
Al —; Bl -—;0 d d
Goi ‘™M U M) 1an luot 1a giao diém cua “!, 2 va truc hoanh.

Phuong trinh hoanh d6 giao diém cua d‘, d2: mx=-4 =-mx-4 e x=0

Goi C 14 giao diém cia @ va & i €09,
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_ | - AB =[x, = x| =—
1 8 16
= 5 =—4 —=—
ABC o |m| |m|
£> 8 . [
C(,)SABC:aS |m‘ @|m|<2’me|N @mzl.VéyS_[lj.
~ \ \ \ 2 dv=ax+ b, o4 \ 2 d a: .2 1(1;3) \ ‘-
Cau 94. Tim phuong trinh duong thang * - Biét duong thang ¢ di qua diém va tao voi
hai tia OO mot tam gidc c6 dién tich bing 67
A y=(04472)x- 72- 6 . y=(0- V72)x+72- 6
C. V=3x+6 p, v =-3x+6.
Loi giai.
Chon D
Vi duong thang d gi qua diém 1G:3) nén ta co: 3=a+b ().
|- b0 | B0:0),(a 20).
Puong thang diy=ax+b g e O%O0Y [in lugt 1a a |}
S0 ~Losos :I—E.|b| =10 26 (@
s, 2 2\a 2 |ﬂ|
Theo gia thiét
Tu phuong trinh )= a=3- I'rJ‘[hay vao phuong trinh (2):
b . b* =12(3-b), (b<3)
——=12=b" =123-b|= |
|3- 8] b* =-12(3- b), (b>3)
. b =-0+0+2
b +12b- 36 =0, (b<3) v2 (b<3)
e | b=-6-062
b*-12b+36=0, (b>3)
b =6 (h>3)

Vi b =6 ta duo’c a=-3.
Vay phuong trinh @ * ¥ =~ 3+ 0.

b:—f_‘l+ﬁ-E

— A= 2 A
b=-0- 62 thi nhin vao 4 dap an khong c6 nén ta khong can tim nita.

Ghi chu: Véi

Oxy M (2;1)

Cau 95. Trong mit phang , cho diém . Duong thang d & qua M | cit cac tia Ox | O 1an luot

tai 4 va B (A’B khac 0) sao cho tam gidc OAB ¢4 dién tich nho nhat. Phuong trinh dudng thang d 1.

A, 2x=y-3=0 B. X~ 2y =0 c. X*+2y-4=0 p. X-y-1=0
Loi giai
Chgn C
Goi duong thfmg d cét tia Ox, Oy lan luot tai A4(a:0) va B(0:5);a,b >0
= (a:f’):£+ r =1
i

- ='>E I_:
) M(2:1) +."J 1

Vi qua a
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Cau 96.

Ta co6 dién tich tam giac vudng OAB 3 O 13 2
-
 S5=4= izlﬁ a=2h
Dién tich tam giac vuong O48 dat gia tri nho nhat a
3
= —+—=1=h=2,a=4
2b b
= (d) 2+l =l y+2p-4=0
4 2
x oy
d: —+==1, (a #0:b #0) 1
DPudng thing a b di qua M(-1:6) tao voi tia POV mot tam gidc co
dién tich bang 4. Tinh S =a +2b.
5 :ﬂ S =- ﬁ
A. 3 B. 3. c. =10, D. S =6,
Loi giai
Chgn C

LN
d dl qua M (' 1,.6)*::? o I;J - "
Puong thang cit tia Ox ta

Ala:0),a=0= 04 =a.
Oy tai B(0:b), b>0= OB =h.

Puong thang cit tia
I—GA.GB ZI—m":r.
AOAB vuong tai O nén co6 dién tich 1a 2 2
. I—m‘r =4 = ab =8 (2).
Theo dé 2
Tir M, suy ra: @ =2:b=4= S =a+2b :ID_
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