DANG 1. TiCH VO HUONG
DANG 1. TICH VO HUGNG KHI BIET TOA PO CUA VECTO
Caul. Cho hai vecto u =(2;- 1), v =(_3;4). Tich 4V la
A, 1L B. - 10. C. 5. D. - 2.

B Loi giai
(v =(2-1) -~
- ' = uy =2.(-3)+(-1)4 =10
v =(-3:4)
Vb1

a=(2;5) . b=(-31)
va

Cau2.  Trong hé tryc toa do Oxy cho . Khi d0, gia tri ctia 4 bing

A. -5, B. L. c. 13 D. - 1.
Loi giai
Taco @ =2.(-3)+5.1=-1

o A(0:3). B(40).C(-2-5) . B BC.

Cau 3. Ch
A. 16 B. 9. C_-IO. D.-9
Loi giai
Ta c6 U-TE? :(42' 3)43_.&' :(- o; - 5)
Vay ABBC =4(0)+(-3).(-5)=-9

Caud. (HKI XUAN PHUONG - HN) Trong mit phang toa do OxY | ¢ho hai vecto =1 ¥3J va
V=27 20 Tiph uv
A Uv=-4 B. uv =4 C. uv=2 D. uv=-2
Loi giai

Theo gia thiét ta co u=(1;3) va’ =(- 2;2)_

Khi do U =1.(-2)+3.2=4

Oxy’ cho ¥ =i +3j; v =(2:- l). Tinh biéu thirc toa dd cua U-V .

Cau 5. Trong h¢ toa do
A. uv=-1 B. uv =1, c." =(2:- 3). D. 4.v :5‘5.
Loi giai



DANG 2.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Ta co U =i+3j=>u =(1:3)

=19 1) =-
Vay uv =1.2+3.(-1) |'

TiCH VO HUONG KHI BIET PO DAI CUA VECTO

1 1 1
Cho hai vécto @ va b déu khac vécto 0. Khiang dinh nao sau day dung?
I [N T 1
ab =a b‘ a.b :‘a|.|:‘:r‘.ccrs(a._e‘:r)
A. . B.
[

C. :?;J :‘:?}:r‘cns(:?;:r) D. ah =

.:I? .‘Ib‘.sin (.:I:' ;J)

Loi giai
Chon B

Theo dinh nghia tich v6 hudng cua hai vécto.

Cho tam giac déu 4B C ¢6 canh bang 4a Tich vo huéng cua hai vecto 4B va AC 13
A.8a°, B. 84 c. 3 p. 8¥3a
Loi giai
U Lo uug Ul dug uuddg I 5
— =4a.da.— =8a”
T o AB-AC =|48]. AC|o0s(4B,4C) _y, 4 coseor 7 =%

(KSNLGV - THUAN THANH 2 - BAC NINH NAM 2018 - 2019) Cho hinh vudéng 48CD ¢4

[W NNy N NN}

canh @ Tinh AB.AD
o ol 2

UuU uuu uuL uuw AB.AD = LUy Loy

A. AB.AD =0 B. AB.AD =a_ C. 2 p. AB.AD :a:.

Loi giai
Chon A
Uiy duu

Vi ABCD 13 hinh vuéng nén 48 L CD (o g AB.-AD =0

Cho hai vécto @ va 0. Ping thirc ndo sau déy sai?

oo ploostas)  ab =S +pf -Jo-of)

-

o b = D.mb:{ﬂa+ﬂ:-kr-hr)

|a.b|: :“a|.|b|.|:r:rs(a._b)r :|a|:. |£:r|:.|:r:rs: (a._b)

nén C sai.



Cau10. Cho tam giac 4BC ¢p 4 :900, B =60" y3 AB =a_Khido AC.CB béng
A -24 B. 24", c.3a D. -3a’

Loi giai

Goi D 1a diém ddi ximg v6i 4 qua €.

=-3a°

—a+3.2a.

[Ny NN (NN Ny NN N]

Khi d6: AC.CB =CD.CB =CD.CB.cos 150"

|

uuu guu

Cau 11.  Cho tam giac 4BC déu canh bang @ . Tinh tich v6 huéng AB.BC

NI Wi mi -2 oof oof 2 i ood - - e
AB.BC =2 e AB.BC =" e ABBC =L ABBC =L
A. 2 . B 2 . C 2 D. 2
Loi giai

Ml mi od,md, 00 000 &
AB.BC :|AEHBC‘|:DS AB, BC) =aa.cos120° =- L
Ta co 2

Ciu12. Cho tam gidc ABC vuong tai A c6 AB =aAC=a3 s 4M 13 trung tuyén. Tinh tich vo

Uy uuudu

huong BA.AM
a’ ) 2
2 B. a. C.-a. D. 2
A.
Loi giai
A
B i C



AM =——
Ta c6 tam giac 4B C vudng tai 4 vaco AM 1a trung tuyén nén 2
g = BC _N4B +4C* _Na'+3a" _
¥ .l .l

Tam gidc AMB ¢6 AB =BM =AM =a pgn 13 tam giac déu. Suy ra goc Wrap =60° :

00000 oojoood  odd, mod 000 000 &
BAAM =- ABAM =- ‘AB‘.‘AM‘.EDEHE , AM) =- a.a.cos 60" =- L
Ta cod 2

Céu13.  Cho hinh binh hanh 4BCD yéi AB =2 AD =1 BAD =60" Tich v¢ huéng AB.AD ping
1 1

A. -1 B. L. Cc. 2. D. 2.
Loi giai
D c
A B
UL U Huin| LIl N[Ny A[N]
AB.AD =|AB|.|AD

cos(4B; 4D) =AB.AD.cos BAD =2.1.cos60° =1

Céu14. Cho hinh binh hanh ABCD vgi AB =2 AD =1 BAD =60" Tich vé huéng BABC bing
1 1
A. -1, B. 2 C. -1 D. 2.
Loi giai

A B

Theo gia thiét: Bap =00° = UBc =120"
ULl Jud UL ajun} ULl g

BABC =|BA|.|BC|.cos(B4: BC) = 4B.BC.cosUBC =2.1.c0s120° =-1

Cau 15.  Cho hinh binh hanh 4BCD y4i AB =2 AD =1 BAD =60" Do dai duong chéo 4C bang
7
A5 B V7, C. 5. D. 2.

Loi giai
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Ta co:
Ly H[H] uud uud 5 ud 5 Uud 5 Uuy Luu . . .
AC =AB+AD= AC =AB +AD +24BAD = AC’ =2 +1'+2.1= AC =T

Cau16. Cho hinh binh hanh 4BCD ygi AB =2 AD =1 BAD =60" pp dai dudng chéo BD bang
A V3, B. V5. c.o. D. 3.

Loi giai

A B
TT T T T T T T TP T TR T 1T R T T AT S
BD =BA+BC = BD =BA +BC +2BABC= BD' =2 +1"+2.(-1)

= BD =3

A O [y e NS
Cau 17. Chocacvécto “ “ va € thoa man cac diéu kién va va d 3¢ =Y Tinh
A=ab+bc+ca

K 3y 3 4xt ey’

A

A= = @ @
B. 2 . C. 2 . D. 2

A.

[

a+b+3c=0=a+b+c=2c

= a +bh +c +24 :4:2.
= (a +b +r:)_ :(— Ec)_

Str dung tinh chét binh phuong v hudng bang binh phuong d6 dai ta co:
37 - x -y

-

- . Vay chon dép an B.

My e +24=4 = A=

uug uuu

Cau 18. Cho ABC géy; 4B =6 va M 13 trung diém ctia BC . Tich vo huéng 4B8-MA bang
A. - 18, B. 27, c. 18, D. - 27,



Loi giai

Chon D
A
(4B, Av ) =Bav =30°
a co .
o of  oof oo mod, oood 000 oood :
AB.MA =- AB.AM =- |AB|.|A.-H|.CDS(AB,AM) —- ﬂ.ﬁ cos30° =-27

> .

uud puau

Cau19. Cho tam giac 4BC vuéng tai B, BC =“‘E. Tinh AC.CB.

-a*\3 3
A 3a’, B. 2 | c. 2 . D. -3a°,
Loi giai
Chon D
A1
B C
Mo oo oo, o, 000 O CB ﬁ ﬁ
AC.CB :|AC|.|CB|.CDS(AE._ CB)=- AC.CB.cos4cB =- 4c.cB.=Z =- BC? =-34°
Ta co AC
. la|=2. b =3 .b)=30" +b
Cau20. Cho haivecto @ va b Biét ‘a‘ ‘ "rva (a.0) . Tinh |a |
A NI B. VI3, c. V12, p. V14,

Loi giai

N e
= 3 ¥ 3 2
(‘a+b‘) =a~ +b" +2ab=a +b" + 2‘a|.|b‘.cns(a._b)
Ta co:



Cau 21.

Cau 22.

Cau 23.

—_—

= (o) =443+22.45.c0530° =13 = |a 4| =15

—AD = =2
Cho hinh thang 4BCD vuong tai 4 va D;"fj‘IE =AD =a,CD =2a. gpi 45 tich vo hudng

[N ]

AC.BD ping
3a’ -4
A' -az' B. 0 . C. 2 3 D. 2
Loi gidi
Chen A
o i (JJJ Ly )(J.IJ L } (JJJ ‘}J.IJ )(JJJ uuy }
Ta C(’):AC.BD:AD+DE AD = AB) =\AD+2ABNAD- AB — 4D - 24B" - ADARB

=AD" - 24B° =-a’.

(THI HK1 LOP 11 THPT VIET TRI 2018 - 2019) Cho tam gidc 4BC vuong tai 4 ¢

U Jug

AB =a:BC =24 Tinh tich vo huéng BA-BC

oo, g2 IR
uun uuw . BARBC :G_ uuu uuu . BABC :a J?_,
A, BABC =a" B. 2 C. BABC =2a" D. 2
Loi gidi
A
g 0 C
H

Chon A
V& AH J_BC._HEBC.

U uug Uy duu

C6 BABC =BH.BC =BH.BC =BA" =& (theo tinh chat tich vo hudng va phép chiéu).

Cho tam gidc ABC vudng tai 4 c6 4B =4 Két qua BA-BC bang

A. 16, B. 0. C. 42 D. 4
Léi gii
Chen A
(M ooo AR 4
U dud
BA.BC)=Ugc CDS(EA.BC) —cosHpc =22 =
Vi ( ) nén BC BC,

00000 W, oo 0m 0 4 |
BABC :|BA|.|BC|.|:DS (BABC)=ABBC.—— =4.4 =16
Do d6 BC



Cau24. Cho tam gidc 4BC vuodngtai 4 co B=30".4C =2 Goi M 1a trung diém cua BC . Tinh gié tri

uuuy Juuyg

cua bidu thie ¥ =AM - BM
A P=-2, B. P =23 C.P=2, p. P="23
Loi gii
C
M
A 30° B
U0 LU U OUUD U0 LU LW LU,
Ta co: P=AM.BM =(AB+ BM).BM =AB.BEM +BM

AC .
BC =—"—_ =4 AB =AC.cot30° =23 BM =2
sin 30

LLILL 5 uuy  uuwd -
= BM =4; AB.BM =243.2.cosl30 =-060 = p=-2 =-

Cho hinh binh hanh 4BCD ¢4 4B =2a. AD =3a, 84D =60 .Piém K thudoc 4D théa man

Cau 25.
AK =-2DK _ Tinh tich v huéng BK.4C
A. 3@ B. 64’ c.0, D. @,
Loi giai
B C
(0,
A K D
0m 00 - 000
BEK =- AB+—AD uwu L A
0 000 00 000 000 OO _» _ q0Omom
BK.AC :I:- AB +—AD}I[AE +AD) == AB " +—AD - —ABAD
Khi d6 3 3 3
0 000 9

BK.AC =-4a’ +§.Qﬂ: - ;—39.311'.Cﬂmﬂd =a
Ciau 26. Cho tam giac ABC c¢6 AB=5, AC=8, BC=7 thi 4B.4AC pang:
8



A. -20. B. 40. C. 10. D. 20.
Loi giai
0od ood 2 452 72
cos(48,4C) _F+y-T 1
258 2
10 00 100 0o |
AB.AC =AB.AC.cos(AB, AC) =5.8.-=20
Cau27. Cho hinh chit nhat 4BCD ¢4 4B =8.4D =3 ey AB.BD
A, ABBD =62 B. ABBD=-64. (. ABBD=-62 . ABBD =64
Loi giai
A B E
D C

Giasir £ 1a diém d6i xing voi 4 qua B taco 4B =BE

Xét MBD o BD =\ AB + AD" =f89

8 (000 000
CGS,GBD ——
BD Jg_g suy ra

CGJ(AB;BD) —cosBBE =- cos4BD =- i
Xét AABD ¢p V89
mf @i ood, ood 00d ood C.q )
AB.BD :‘AB‘.‘BD‘.@S(AB; BD):S.JS_'EJ.[ I

Ta cé ' ‘!8_9

DANG 2. XAC PINH GOC CUA HAI VECTO
. ab=- |a|.‘b‘

Cho hai vecto @ va b khac 0. Xac dinh goc & giira hai vecto ¢ va b bibt

Cau 28.
A, @ =90" B. @ =0" c. a =45 p. @ =180"
Loi giai
Ta co: ab :‘a‘.‘h‘.cusa M ab =- |a|.‘b‘ nén €05 =~ 1_Suy ra, @ =180
Cau29. Tam giac ABC g A(I;Z), 8(0;4), C(3;1). Goc Bac cua tam giac ABC gan vai gia tri nao
duoi day?
A, 90° B. 36°52" c. 143°7" p. 53’7
Loi giai



, AB =(-1:2); 4Cc =(2:-1)
Taco .

SN Ny uINN]

= 2.3 .
cos Bac = 4845 4

|AB.

Ac| 55 5=E,4c=|43“‘?'_

a.b =-lal.|b .
Ciau 30. Cho hai vécto % b khéc vécto-khong thoa man M | | Khi d6 goc giita hai vecto % b ba

ng:

Ch) — 1) —n? Y —120° .1) —op"
N (a: b)—45“. 5. (a; b) =0 | 8 (a:b) =180 ' o, (a: b) =90 |

Loi giai
Chen C
ah :-Jﬁ‘|.|b‘|

, |ab=- |a|.|b|l:|:rs(a._b) = ms(a; b) =-1= (a.j b) =150’

Taco: * .

Cau3l. (CHUYEN THAI BINH LAN 1 2018-2019) Cho hai vécto @b théa man:

o) = 4[p|=3la- b|=4 o
. Goi @ 1a gbc gitra hai vécto “*” . Chon phat bi€u dang.

0 0 CoSa = — COoSdl = —
A, @=60" B. @ =30" C. 3, D. 8
Loi giai
Tacod

—_-———

la- b|=40 (a- b) =160 a*- 2ab +b> =16

U 4*- 243.cosa+3 =160 cnsa=§

a=(43) . b=(1;7)
va

Cau 32. Cho hai vecto . S6 do goc & giira hai vecto ¢ va b bang

A% B. 90", c. 60°, D. 30°.
Loi gidi
Chon A
cosa = ab _ 4.1+3.7 25 —L
Ta o RN o Ere e nén @ =45°

Ciau 33. Trong mit phing véi hé toa do Oxy cho ¢ :(2;5), b=(3-7)

b
A, @ =60" B. @ =120° C. a =45 p. @ =135°

. Tinh goc ¢ giira hai vécto ¢ va

10



Cau 34.

Cau 35.

Cau 36.

Loi giai
Chon D

23+5.0-7 -
cnsa—fb (7) —I=ra2135°.

ol p| JA+250+29 2

Ta co
Trén mit phang toa do Oxy , cho a=(2:1) va b=(3;- 6). Goc gitra hai vecto ¢ va b bang
A0 B. 90", C. 180" D. 60
Loi giai
Chon B
T y)
cos(a.b) = 34LCO) L (ap) =00
| |- N "3+ (o)
ab = b
Cho hai vecto @ ;0 khac vecto 0 thoa man | | | | . Khi d6 goc gitra hai vecto ¢ b 1a
A. 607 B. 120" C. 150" p. 30",
Loi giai
Chon A
Ta co ‘ ‘
Ul bl = cos(ap) = .
iy a.b :‘a‘.‘b‘ms(n,b) =59 ‘ cosla, 5= (a._b) =60 .
Cho véc to a (- 2). Vi gia tri nao cua Y thi véc to b=(y) tao vdi vécto ¢ mot goc 45
y=-1 Iy =1
ALY =9 B. VT c. V=7, p.V="1
Loi giai
Chon D
l:r:rs(a b) ab _ 3-2y
Ta co: | | |h| J_J9+y
n:r:rs(a._ b) :Lyﬂ :E
Goc giita hai véc to @ va D bing 45 suyra ¥5. Ity e (1)

[6- 4y =0
90+101° =(6- 4y)

(D= 90 +10)° =6- 4y =

11



Cau 37.

Cau 38.

Cau 39.

Cau 40.

al _ bl =2 . — u; = - .
Cho hai vecto ¢, b sao cho ‘ ‘ —‘/5, | | va hai véc to X =a+b } =2a-b vudng goc voi
nhau. Tinh goc giira hai véc to ¢ va b

AL 1207, B. 60" C. 90" D. 307

Loi giai
Chon C

1 . r - — ;P = - A J r.e A
Vi hai véc to X =a+b )} 2a-b vuong goc voi nhau nén

u

-

(a+b).(2a-b)=0 _ - b rabh =0 E.H H: +‘ﬂ|.|b‘.cns(a._b) —0
= 2.(VZ) - 22 +43.2.c05(ab) =0 = cos(a.b) =0 = (a.5) =00°

DANG 3. UNG DUNG TiCH VO HUONG CHUNG MINH VUONG GOC

Tim x dé hai vecto @ =(¥32) y3 b =(2-3) ¢ gia vudng goc voi nhau.

A. 3. B. 0. C." 3. D. 2.
Loi giai

a=(x;2) va b =(2:-3)

Vecto ¢6 gia vudng goc v6i nhau = @b =0= 2x- 0 =0 x =3
Vay ¥ =3,
Trong mit phang toa do Oxy , cho hai vecto u=(3:4) va ' =(- 8;6). Khing dinh nao ding?
A U=V, B. ¥ vuong goc voi V.
=} o
C. . D. ¥ va vV cung phuong.
Loi giai

Ta co: "V =3.(-8)+4.6 :D' Dodé, 1 Lv.
> 5 Y i )
Trong mit phing @, cho hai diém A(1:2).8(-3;1). Tim toa d¢ diém C trén truc @ sao cho
tam giac 48C vuong tai 4.
4. €6:0) B. (0:6) c. €Ge0) p, €(0:-6)
Loi gidi

Ceoy = C(0:y)
12



4B =(-4:-1) AC =(- I;y-2)

LI

AB #0,

aod

AC #0.

0oo  ooo

AB LAC _ Y5 4e =0

—

Badiém 4, B, C tao thanh mot tam giac vudng tai 4
ey =6.

Viy C(0:6).

Chudl.  Cho tam gide 4BC ¢ 4 1;2), 8(0:3),C(5;- 2)
ta tam giac 4BC

A. (0;3). B. (0:- 3). C. (3;0). D. (- 3;0).

" Tim toa do chan duong cao ha tir dinh A4 ¢

Loi giai

B C

. AB =(1:1):4C =(6;- 4): BC =(5:- 5).
aco

A Jdd

AB.BC =1.5+1.(-5) =0

Nhan thdy rang nén tam gidc 4BC vuong tai B-

Vay chan duong cao ha tir dinh 4 cua tam gidc 48C trung voi dinh B(0:3).

u =(l;2) v=04m:2m- 2)
va

Céul3. Trong mit phang vé6i hé toa do OxY  cho hai vecto .Tim m @

vecto ¥ vuong goc voi V.

m =

1
A 2. B. 2, c.m=l, p. m=-1
Loi giai

13



ulveuv=0= 4m+2.2m-2)=0= 8m-4=0= m =
Hai vecto

ul—

A(-1;0),B(4:0),c(0;m), m =0

Cau42. Cho tam giac ABC ¢4 .Goi G 1a trong tam cua tam giac

ABC  Xac dinh m dé tam giac GAB vuong tai G.

A m =6 B. m =236 c.m=3/6 p. m=5/6

Loi giai

G|~
Goi G 1a trong tim cuia tam giac 48 C, suy ra
il | '
Gd=|-2-2 Gﬂ_b-ﬂ
Ta co 3
W0 00d m

7 GAGB =0 -6+ =0 & m =435
b¢ tam giac GAB vuong tai G thi 9 .

Ciu43. Cho tam giac 4BC ¢ A(I ), 8(3;-3),c(6;0). Dién tich PABC 13

A.6. B. 6v2 . C.12. D.9.

Loi giai
Chon A

uuu (NN N}

4B =(2:-2) BC =(3;3)

uug gdu

Taco -

Ta thdy A8-BC =0 nen tam gisge ABC vuong tai B.
1 000, 000
S 4sc :_‘43‘ ‘BC‘ = 'JJ_ 32 =6
Vay
B(-1:3) . Cc(:1)
va

Oxy

Cau 44. Trong mit phing , cho hai diém . Tim toa d6 diém 4 sao cho tam giac

ABC yuong céan tai 4.

A, A0:0) hodc (2:-4) B. 4(0;0) hotic A(2:4).
c. 400:0) hoiic A(¢-2:-4) p, 4(0:0) hoiic ACG-2:4)
Loi giai
Tim toa d6 diém 4 sao cho tam gidc 4BC vudng can tai 4.
(AB =AC _ ? ZAC?
(x;») - { agac” |4 o
Goi A% Tam gidc 4BC vudng can tai ST ABAC=0
(14 2) +G- y) =G- x) +(1- 1) (2x =y {Er =y
=
(-1- x)G- x)+ (- - y)=0 ..r3+f -2x-4y=0 |x*-2x=0

14



Cau 45.

Cau 46.

Cau 47.

2x =y

x =0, y =0
= r=0 = B
[ [.‘r =2, y=4
x =2
Vay A(0:0) hoiic A(2;4).

4(0:4).8(3:4),c (3; D)_

Tim ban kinh dudng tron di qua ba diém
5 N
A 2. B. 2 . C.o. D. 3.
Loi gidi
Tinh duoc AB =3, BC =4 va AC =5 Suyra AB” + BC* =AC” pep tam giac ABC vudng tai
. R:l,-IC :E
B . Vay ban kinh duong tron ngoai tiep 2 2,
Trong mat phéng toa do (Oxy) cho tam gidc ABC ¢4 A(I;O);B(_ l;l);C(S;- 1). Toa do truc
tam H cua tam giac 4BC 1a
s HG1-9) B. H(-8:-27) c H(G25) p. HGi14)
Loi giai
| LU LUl U_
| LBC _ | BE =0 ()
— —
Ty BH L AC —
Goi H(xy) 1 tryc tm ctia tam gidc 48C | (BHAC =0
Ta co:
AH =(x- L;y) BC =(6:- 2) BH =(x+1;y-1) AC =(4;-1)
6(c-1)-2.y=0 62 - 2y = Iy =
1) J |6x -2y =0 |lx=-8
W {4(-'“")"-(}"'):0m|4.'r-1':-5 “ly=-27
Suy ra: - - . L .
Viy H(-8:-27)

| Trong mat phing véi hé truc toa do @' ; cho tam giac 4BC ¢o A L1, B (1:3) va trong tim 1a

2
G[ - 2;—}
3] Tim toa d6 didm M trén tia @Y sao cho tam gidc MBC yuong tai M .
A M (0:-3) g, M(©:3) c. M;4) p, M (0:-4)
Loi gidi

15



c
B |
Taco) G 14 trong tam A4ABC
( +x, +x. .
=ttt [ =BE)- D=0
= 3 = it S g | 8 3
_Vatystye (Ve =3ty ys |y =3.2-1-3=-2
Yo == . 3
3
= C(-6:-2)

Ta c6 Meoy= M(0:m)

Goi ! 1a trung diém ctia doan BC ta co:

X, = :.TL. J-T,- =- % 5.1
- = I“ = [|=—1—
L e _ 2 2]
i L
Ta co
md 1)
TR L N[N M =| —: = __
BM =(-1:m-3) cM =(6:m +2)_CB =(7;5) 7" 3]
000 oood G- 3)n+2)-6 =0
BM.CM =0 _
000 0od = 1] 5
IM.CB =0 S[m— 5 +?_; =0
AMBC vuong can tai M khi: < <
- m- 12 =0
= m=-3
m=-3 = M(0;-3)

Cau 48. Trén hé truc toa do xOy, cho tam giac ABC ¢4 A(4;3), 3(2;7), C(-S;- 8)
duong cao ké tir dinh 4 xubng canh BC 1a
4 @-4) g L4 C (1;4) p. &1

Loi giai

.Toa d6 chan

‘ D(.’C;l’) uuu udu
01 -

G la chan duong cao ké tur A xuéng canh BC tacy ADBC=0y3 D B C

thang hang

_|_|.|_ i o J-u:_._ J_I.I: o~
My AP =(x- 4;) 3);36 (- 5; IS);BD (x-2: ﬂnéntacéhe

x-4+3(y-3)=0 {le

3x-2)-y+7=0 _, |y =4
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Cau49. Cho tam giac ABC &y canh ¢4, Léy M.N.P 13, luot ndm trén ba canh BC.CA.AB 54 cho
BM =2MC,AC =3AN, AP =x.x>0 Ty x 44 AM vuéng gbc véi NP .

Sa a da Ta
X =— X =— X =— X =—
A 12 B. 2. C. 5. p. 12,
Léi gii
A
x
N
P,
B C
M
[{[N]
ag => - :
= bl =lc| = b.c =a.a.cos60" =—
Dat AC C,tacc')H ‘C‘ avé 2
00 00 000 » 000 5 |
AM =AB+BM =b+=-BC =b+=(c- b)=—(p+2¢)
Ta co 3 3 3
o0 00 00 @3 000
PN =AN- AP =~4C-*ap = Yp+ e =L (C3xp+ac)
3 a a 3 da

Uuud uug
. AM LPN e AM.PN =0« (p+2¢)(-3xb+ac) =0
Theo yéu cau bai toan ta co

o -3xb +albe)- 6x(be)+2ac =0 - 3xa? 4-"*'T 3xa® +2a’ =0
_Sa

= X =—
12

, ) . 17 .
Ciu50. Trong mit phing toa 4 9%V cho tam giac 4BC. Biét AG-1.8(- 1:2) va 1(;-1) 1a trong

tam tam giac ABC. Truc thm H cla tam gidc ABC ¢4 toa do (a;b). Tinh @ +3b.

a+3b=2. a+3b=-2
A 3 B. 3 C. a+3b=1. D. a+3b=-2.

Loi giai
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H
B —‘ C

..o, Clx-cy CH U,y . N ., " ,
Gia str (x 'lc)va (x, }”). Co 11a trong tam tam giac ABC nén ta co

X, tx, +a. — ) |

! x. =
3 - %

AT U Yo =4

. _, | _

I = C(1;-4)

Taco AH =(x, - 3y, +1):BC =(2:-06)
BH =(x, +1;y, - 2); 4C =(-2;-3)

H 13 tryc thm tam giac 4BC nén

000 mi , (10
A?’.Bﬁ =0 2(.‘('” - 3)- f](}'ﬂ £1)=0 X, = 3
aod 1 = -
BHAC=0 |-2(,+D-3(,-2)=0 | _ 8
H g
i —E ||rJ‘ —= § = S :E
= 3 9 3

Cau 51. | Cho hinh thang vuéng 4B8CD ¢4 duong cao AB =2a 3¢ canh day AD =a vy BC =3a Goj

M 13 diém trén doan 4AC sao cho AM =kAC Tjm k ¢é BM LCD
4 3 1 2
A. 9. B. 7. C. 3. D. 5.

Loi giai
Chon D

Chon hé truc toa do nhu hinh v€ sao cho géc toa do trung voi diém B, diém 4 thudc truc Oy
va diém € thudc truc Ox
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y 4

B + + C x

Theo bai ra ta co B(0:0), A(0:2), C(3:0), D(1:2)

{ x =3t
Khi do € =(3-2), Phuong trinh tham s6 ctia dthang AC y W =2- 2

u|N NN} uuu

Goi MeAC= M(3;2- Ef}. Ta co BM =(3t;2- 2t) va PC =(2:-2)

00 0m - (6 6
BM.DC =0e= 6t-4+4t =0e=2t==>M —;—l
Pé BM L DC 3 5 \35)
M0 jq -a) 3
.4.'” = E-I_q- = A."Ir:f :E JA-.;__' _(3._ '}): AC‘ —JE
Khi d6 5 S VB

AM 52 2
[WIWTHIN} [WTNTH] [R TR W] — J{f — — .
Vi AM =kAC yy AM,AC yng chidy ac s\I3 s

Cau52. (THPT Phan Bji Chau - KTHK 1-17-18) Trong mit phang toa do Oxy , cho tam giac 4BC ¢

6 (-3,0).80; D)Vé 6(2;6). Goi #(a:b) 14 toa do tryc tm tam gic da cho. Tinh @ +6b

A, a+6b =5 B. a+6b =6 C.a+6b =7 D. a+6b =8
Loi giai
. AH =(a+3;p) BC =(-1,6) BH =(a- 3;p) AC =(5;6)
Ta co , , , )
UL LU 0 a=2
AH.BC = M- —
{AHJ_BCﬁ B =0 [ra+6b=3 o A
Vi H 13 truc tam A4BC nén BH 1 AC BH.AC =0 |Sa+0bh =13 6

= a+6b=T
, , UL U LUl 5
Cau 53. Cho hai diém B>C phan biét. Tap hop nhimg diém M thoa man CM.CB =CM ™ 13 .

A.Duodng tron duong kinh BC, B. Duong tr(‘)n(B; BC).

(¢:cB) D. Mot dudng khic.

Loi giai
19
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Chon A
WO WU U, UOOU OUd UL UL UL
CMCB=CM = CM.CB-CM =0< CM.MB =0

Tap hop diém M 1 duong tron dudng kinh BC
A dm AB.C s b Ta ine didm M ma CM.CB =CACB1; .
Cau 54. Cho ba diém phan biét. Tap hop nhiing diém ma la:
A. Puong tron dudng kinh 4B .
B.Puong thang di qua 4 va vudng goc vaiBC .
C. Puong thing di qua B va vudng goc v6i 4C .
D. Puong thing di qua € va vudng goc véi 4B .
Loi giai
Chon B

ULy Ul UL L iy g UL uag A[NNE} UL Ll uuug Ul

CM.CB=CACB+<= CM.CB- CACB =0 = (C.-W - C4 ).C’B =0= AM.CE =0

Tap hop diém M 1 duong thang di qua 4 va vudng goc véi BC,
Cau55. Cho tam giac 48 C, diém V thoaman 4K =3KJ I 13 trung diém cta canh 4B diém K thoa
LILL] LIl L
min KA+ KB+2KC =0
UL (NN} ajun} LIl LU
o N  (3mr +4k)(MA+MB+2MC) =0
Mot diém M thay d6i nhung luon thoa man .

Tap hop diém M 1a duong nao trong cac duong sau.

A. Buong tron duong kinh /. B. Puong tron duong kinh /K
C. Puong tron dudng kinh /K . D. Puong trung truc doan /K |
Loi giai
A
I
B J c

mN N SN} MN]NN) SN ) SN} uuu SN} LLILR

Ta co: MA+MB +2MC =4 MK + KA+ KB +2KC =4MK

M miy, 4 Ac

]:D
( )

Lo oy AK =
Liy diém 7 thoa man 4K =3KJ Taco
M 00 0D 00 @0 400 (00 o00
Al =AK +KJ :AK+§AK :EAK :EAB"-EAC

[WIN]N} (W] NN}

2 ma AK =3KJ pgp

b | =

0N 0O 000 (000 »000 OO0 000 »O0O0 o000
BJ =AJ- AB=—AB+=AC- AB =- ~“AB+-AC == BC
Lai c6 3 3 3 3 3 .
0D 500
2 r \ 2 B"r :_BC
Suy ra 7 1a diém c6 dinh nam trén doan thang BC xac dinh boi hé thirc 3
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W|N]N N} SN} MW E[N] uuu m|u|N}

Ta co IMK + AK =3MK +3KJ =3MJ

(NN} LUl uud

) =0 = (367).(4MK) =0 = MIMK =0

LU (N L H[H[N] LLI
~ (3MK + 4K) (MA+MB +2]
Nhu vay

Tir d6 suy ra diém M thudc duong tron duong kinh /K .

Vi J, K 1a cac diém c6 dinh nén diém M luén thudc mot duong tron duong kinh JK 13 duong
tron ¢6 dinh (dpem).
DANG 4. MOT SO BAI TOAN LIEN QUAN DEN PQ DAI VECTO

uuu

, AB =(6: AB
Cau 56. Trong mat phang toa do (Oxy ), cho A8 =(6; 2). Tinh ?
LI [HgN(N} LuL
a 148 =20, B2 c. AB=410  p AB=210
Loi gidi

|iié| —J67+2% =30 =2410

A(1;0) v B(-3:3)

Cau57. Cho hai diém . Tinh d6 dai doan théng AB

A. 4B =13 B. AB =3V2. C. AB =4, D. 4B =5,
Loi giai
4B =\(-3- 1¥ +(3- 0F =5
[H]NN) [NIN{N)
_ 204 - OB
Cau 58. Cho tam giac OAB vudng can tai 0, canh OA =4 Tinh .
LLILI H[un LLILI Ly
‘EOA - OB| =4 . ‘20,4 - OB| =2
) LIl H{jn ' ) [N LIl '
c 204- OB| =12 204- 0B =4:[5
Loi giai
0
A
B
D

Goi D 1a diém déi xtmg cua O qua A.
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ULl [u] A[u[H]

|20A DB| —|DD DB| —|BD| —BD =\JOB? +0D? =\/& + # =45

Cau59. Cho hinh thang vudng ABCD vuong tai A, D; AB ’//CD; AB =2a; AD =DC =a O |3

[NIN[N) [NIN[N)

trung diém cia 4D . Po dai vecto tong OB +OC bing

a 3a
A 2. B. 2. C.a. D. 3a.
Loi giai
D C
0 !
A B
H[H[N] LIl -
g = 0B +0C| =200
Goi ! 1a trung diém cua BC = OB +0C =201 .
+.
~ o :AE cD :3_11'
Xét hinh thang ABCD ¢4 OI 13 duong trung binh 2 2,
N[N[N]
los +ac‘ =3a
Vay

Cau 60. Trong mat phéng toa do Oxy cho hai diém A(l;2);B(— L l). Piém M thudc truc Oy thdéa man

tam giac MAB can tai M . Khi d6 d6 dai doan OM bang

> 3 1 7
A 2. B. 2. C 2. D. 2
Loi giai
M oy= M (0; )
biém thudc truc
MAB M = wa=pp = AT QY =G 0y
Ta c¢6 tam gidc can tai
3 3
s 4-4y=1-2y VT  OM=
Viy
Cau 61. Cho 4BC @déu canh 2¢@ v6i M 1a trung diém BC . Khang dinh nao dung?
nond J‘ mil 4.5 "
o |m| AM =22 AM| =a\3
A. MB =MC . C. 2 D ]
Loi giai
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2ay3 =a+/3
Do dai duong cao AM trong tam giac déu canh 2¢ la: 2 .
LILILIL
s AM| =a3

Vay khang dinh ding la .

b+ | =

AB + =1

CAu 62.  Cho hinh thang ABCD ¢4 hai day 48 =2a; CD =6a thi
A. ~4a, B. 8a. C. 2a, D. 4a,
Loi giai
LILILI by 4‘?
AB+CD|=CD- AB =

Hai vecto 4B va CD nguoc hudng nhau nén .

uuu uuu

2AB+ AC

Cau 63. Cho tam gidc vuong can 4BC vgi 4B =4C =a Khij do bing
AL a3 B. a5 C.3a. D. 2a.
Loi giai
('}J.IJ LI ): ('}J.IJ ): N W . .
_ 248 +4C|) =(24B) +44B.AC+AC =448+ 4C (vi 4B L AC= 4B.4C =0,
Ly u[un}

=4a” +a’ =5a" = [24B+ AC :ﬁ‘ﬁ

A4:1) B(2;-1) c(-2:-3) D(-2:-1)

Cau 64. Trong hé toa dd Oxy, cho bdn diém . Xét ba ménh dé:

(1) 4BCD
13 hinh thoi.

(11) ABCD
14 hinh binh hanh.

() ac |, gy M(0;-1)
cat ta1 .

Chon khang dinh ding
A. Chi ) dang. B. Chi () dung.
c.cni D 3 D 4o D. Ci ba déu ding.
Loi giai
Chon C
. AB =(0:-2) DC =(0;-2) AC =(-4-4)
Ta co ; ; .

Suyra 4B, AC khong cing phuong va 48 =DC
Nén ABCD 13 hinh binh hanh. Vay ménh dé (IT) dung.
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M =(0;- 1)

Suy ra AC ¢4t BD tai trung diém mdi dudng va diém d6 co toa do , suy ra (III) dang.

(W] N1N)

=(0:-2 =-2=2 Al =(-4:--2 —
Tacod 4B =(0; “), suy ra AB | “| = AD =(-4; “), suy ra AD _Jﬁ,nén AB #AD  suy
ra ABCD khong 1a hinh thoi. Ménh dé (1) sai.

A(- 154),3(2;5),‘7('2?7).%1 toa do diém

Cau 65. Trong mat phéng toa do Oxy , cho A4BC ¢4
tam duong tron ngoai tiép A4BC 13 cip s6 nao?
4 (F2:6) B. (0:6). c. (0:12) p. (2:6)
Loi gidi

Ta co:

4B =(3:1) = 4B =410
AC =(- 1:3)= 4c =10
BC =(-4:2)= BC =20

Nhén thay AB” + AC* =BC" y3 AB =AC pgp A4BC 13 tam giac vudng can tai 4, suy ra tim

I 14 trung diém canh huyén BC . vay 100; 6).

CAu 66. Trong mit phing toa do OxY cho cac didm 40 1?); B-11; 5}. Tim toa d6 diém € thuoc

tia BA sao cho BC =13.

- oy | - Q.o

4 C(14:-27) E-C( 8-23),

c(-14;-27)  C(-8:-23) c(14;27) , €(8;23)
C. va . D. va .

Loi giai
C(.TC;_}’C) Theo bai e Antio BA na Uélzjﬁlz \ .
Gia sir . Theo bairatacod & thudc tia nén ; cung hudng.
s o o Xc +11 3. +25 i

BO=( +1Ly, +25) BA=028) . 5e—ppy (k>0 T

Voi > ’
o 8x%-212 2x.-53

& 8x.-12y.-212=0" Ye T 5 T X T

BC =13 = \((.rl. +11F + (. 257 =13 & (o +11)F +(5,. +25) =13 )

)

Thé (1 vao () ta duoc:
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Cau 67.

-

s [ 2w, - \° 2 [ 2w 422 :
(v, +11F +| 22005 =130 (r_+11) + L| =13 o B +11) =13
| . | . g
. v. =14
e (x +11) =9 | °
x. =-8
. _2(19-53 _ .
Véi ¢ =1 thévao O duoc: l 3
Jf;:_l4+”:i:i{[}
Khi d6 12 12 4 (loai).
. _2(8)-53 _ .
véi e =8 thévao D 1 duoc: l 3
LS+l 3 1
Khi d6 12 124 (thoa man).
Viy C(-8;- 23)_

(THPT NONG CONG - THANH HOA LAN 1 2018-2019) Cho tam giac 48C vuéng tai

ood oof 2
AM.BC =—

4, BC =a3 , M 1a trung diém cta BC va c6 2 Tinh canh 48-4C-

A, AB =a,AC :w‘f. p. AB =a,AC=a

c. AB —a2, AC =a . AB =a2, AC =a 2

Loi giai

B
H
M
A v C
vs 4H L BC,HE€BC
C6 HM 13 hinh chiéu cua AM 1én BC
mojog 2
UL UL uuug uug AMBC =—
Suy ra M BC =HM.BC my 2 BC=a\3
wo  HM.BC :% HM :?

Suy ra M cung chiéu BC va ,
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Cau 68.

a5 a3 _a

Co BH =BM - HM 2 ] 3

Cé AB* =BH.BC =a* = AB =a y3 AC =a\2
Vay 4B =a vy AC ZaxE.

M@G:1) ... . AC(a:;0) . B(0:b)
.Gia st va

Trong mit phang toa do O ¢ho diém (voi 4 b 1a cac sb

thuc khong am) 1a hai diém sao cho tam giac MAB vuong tai M v3 co dién tich nho nhat. Tinh
gié tri ctia biéu thiee 7 =a~ +b°
A. T =10, B. T =9, c.T=5 p. I =17,

Loi gidi

W|N] ] |

Taco MA=la-3:= D, MB =(3:0-1) g 13 vise vuong tai M khi va chi khi

Lug Jug

MAMB =0 -3(a-3)-(b-1)=0= b=10- 3¢ (*)

10
0=a =— (xx

v @ 20,620 suy ra ()

1 1 : > 3., 3 - 3 _ 3
Suis =5 MAMB :E\j(ﬂ -3 +1,9+(b- 1) :E(a- - aa+|r:+):§(a- 3) +323

3

MIN S, p =5 L . (x%) )

Do d6 2 dat duoc khi @ =3 (théa man diéu kién ), khido b =1,

vay T=a*+b" =10
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