Chuong 01

Ly thuyét

1. BDuong tron dinh hudng va cung luong giac

Vi

vis

=~ Puong tron dinh hwéng la mot duwong tron trén dé da \
chon mét chiéu chuyén déng goi la chiéu duong, chiéu
nguoc lai la chiéu am. -
¢ Qui wéc chon chiéu nguoc véi chiéu quay cua kim dong )
ho6 lam chiéu duong.

[“?; Puong tron dinh hudéng:

[ “i:- Cung luong giac:

“2:7.  Trén duong tron dinh huéng cho 2 diém A, B. Mot diém M di dong trén
duong tron ludén theo mot chiéu tr A dén B tao nén mot cung luong
gidc c6 diém dau A va diém cuéi B.

Véi 2 diém A,B da cho trén duong tron dinh huéng ta cé vé sé cung
Iuong gééc c6 diém dau A, diém cuéi B.

+ KihiéuAB.

______

n mo! duong tron dinh huéng, 1dy 2 diém A, B thi:

(1) Ki hiéu AB chi m6t cung hinh hoc (lon hoac bé) hoan toan xac
dinh.

b

(2) Ki hidn ABchi mat ciina lirvomer aride diém dan A diém endi B
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2. Goc luogng giac.

@ 7

‘=|» GOc luong giac:

(

Mot diém M chuyén déng trén duong tron tir
D

C d@én D tao nén cung luong giac CD

Khi doé tia oM quay xung quanh géc O tir vi tri
oC OD

. Ta noi tia OM tao nén goéc luong
OD

dén
gidc, co tia dau oc vd tia cudi
£ o OC,0D
 Ki hiéu: ( ).
« Ta quy wdc: chiéu quay

+ nguoc voi chiéu quay kim dong hoé la chiéu
dironar

«  Khi tia OM quay g6c a thi ta néi géc lwong gidc ma tia d6 quét nén cé
sd do a.

- S6 do cla goc luong gidc véi tia dau OC, tia cusi OD duoc ki hiéu 1a

S6 do clia cac goc lwong gidc c6 cung tia dau OC va tia cudi OD sai khac

nhau mot bdi nguyén cta 360" nén cé coéng thic tdng quat la:
sd(OC,0D)=a" +k360° (ked¢)

\

g Hé thuc Chasles:

V6i 3 tia 9a Ob, Oc¢ 3t ki ta co:
(Oa,0b)+(0b,0c) =(0a,0c)+ k360" (ked¢)

3. bon vi Radian.

i,

B

t_v Don vi Radian:
» Trén duong tron tuy y, cung c6 do dai bang ban kinh duwoc goi la cung cé

so do ! rad.
Quan he giira do & radian:
=P irad =80
» 180 va P

Khi viét so do cua mét géc (cung) theo don vi radian, ta khong viét chit rad
sau s6 do.

a -\J_p ] a .D
180" =p— 00" == |180" =p— 45" ==
P 3| p 2

\,
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4. buong tron luong giac

(=

:=.- buong tron luong giac:
= Oxy,

» Trong mat phang vé duong tron dinh huéng B(0: 1)
tam O, ban kinh R =1, +
» Duong tron nay cat hai truc toa do tai bén diém
A(;0), A'(-1;0), B(o;1), B(0;-1). A(~1:0) A(1;0)
o "
» Talay A(1;0) lam diém g6c cua duong tron.
» Puwong tron xac dinh nhu trén duoc goi la duong
tron lwong gidc (goc A). B'(0;-1)

5. b6 dai cung tron.

I[W » Cung c6 s6 do @ rad ctia duong tron ban kinh R cé d¢ dai [ =FRa .
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— 1,‘ Phuon
g Phung )
Dung méi quan hé giita 6 va radian: 180" =prad
]80

» D6i cung 2 c6 so do tir radian sang dQ

2. ° 9
A\N I\rn a2 hha¥al X I'\f/\ C‘l"\\, I#f\ +1\1' I#A hais) 'P"'qu‘1'3“ ]Rn

Vi du 1.1.

R X 2 7 , . 20 Aannd - 2T70a5 N
(1) bai s6 do cua cac goc sau ra radian: 72°,600°,- 37°45°30"

5 3p
(2) P6i s6 do cta cac adc sau ra do: 18 3
o Loi giadi
72°,600°,- 37°45'30"

(1) B6i s6 do cua cac goc sau ra radian:
=P 720 =72.P =P o0 =600, L =1%P

r

r

Vi 180 pén 180 5 180 3
-37%4530" =-37°- | 22 [ 30| |43} 43831 Db 4 6557
60| le000| 1120 120 180

A T

(2) B6i s6 do cua céc géc sau ra do:

o — [ISD 5p _(sp 180 _ 3p I?.,DISD _108°,
Vi nén 18 (18 P
F a y 10
4= ‘4'59 720 2260048
P
2
4 Vidu 1.2.

D6 s6 do cha géc 45°32" sang don vi radian véi d6 chinh xdc dén hang phan I
o Loi gidi

_ | 7
45'32' =) 45 £32
00

Trudc tién ta doi

3'}
p

' a=t__% 0795

Ap dung cong thirc, ta duoc 180
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& fvidy 1.
D6i s6 do radian sang s6 do do

p p
—(rad) —(rad)
(1) Plrad) ) 3 @) 10
2P (rac) - %P (ru) )
@ 3 B 9 ® 3
o Loi giai
p 180
. . _{ra:;‘] =60°
180
plrad) =| B2 | = 180° p
(1) I P | @ |
I p - I Ezp -
180 180
P raj) =| 10 —18° H_p(m:j]: 3| o130
10 p 3 D
3 ' : @)
- P 180 “p 180
- = (rad) =| —2 - 100° (m:i) =-432°
9 p
(5) ' : ®)
4 Vidu 1.4.
D6i s6 do do sang s6 do radian:
(1) 170° (2) 1000° (3) 3100°
(@) -90° (5) -240° (6) - 125°
s Loi giai
170 =PT0 g 1P o 100" —P-1000 4 SDp(mﬂ
(1) 180 I8 ©)
3100° =P2190 g =195 () - 90° _PC Em)md —- P (rad)
@A) 180 9 @) 180 2
. p(240) - 4p . p(-125) _ asp
. <240 =— - —Tad =- ==(rad) . 125" =————rad =~ Z=(rad)
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0 Dang 2. PO dai cung lugng giac

— & Phuon
ﬁ . . g )
o ., .. all0=a=2 . . d (0" =a=360") , |
Cung tron bdn kinh R ¢6 sé do ( p)’ €0 s6 do do ( ) va co
_Ra P g a_a
dé dai ! thi: 180~ dodé P 180
i
| rad :[@ L0 - P rad
NY _ 1L eAs o 180
@
Vi du 2.1.
Mot duong tron c6 ban kinh 36 m. 6 dai ctia cung trén duong tron doé co6 sé
do la
P J
o Loi giadi
I=Ra =P2 R
Theo cdng thitc tinh d6 dai cung tron ta cé 180 nén

ol

1=Ra =36 3P —27p ~84,5m
Ta cé 4 )

(2) 51°

51p

_Pa p_P31 54 =>F ~32,04m

180

Ta cé 180

' 1=Ra =36 +=12m
Ta cé 3 X

4 Vi dy 2.2.

Mot hai li 1a d6 dai cung tron xich dao c6 s6 do
dao 1a #0-000KM, h4i mot hai li dai bao nhiéu km?
o Loi giai
40000 1

—— — =1,852km

Mot hdili dai 300 60

1

0

] -1,

60 QA SR NG 7
Biét do dai xich
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{ Vi du 2.3.
" Cho hinh vuong AAAA, noi tiép duong tron tam O (céc dinh duoc sép
x€p theo chiéu nguoc chiéu quay cua kim dong ho). Tinh sé do cua céc

e AALAALT = 0,1,2,3.1 1)

Arram e Tamana A

5 o Loi giai
_ _ A
Ta c6 404 =0 pap sqhdh =kep,ked S
p bop
A0A =% AA =L +kepked
2 nénsd 2
B Az{ Ao
A0A, =p nén sdA-:uA: =p +k2p,ke ¢ o
t
A OA, _P AA =2p- EHQp :3—p+fﬂp,ke¢
" 2 nénsd 2 2 /
AA =—+kp,i=01,2,3ke¢
Nhu vay sd 2
b b b

_ G- )P+ kep ke
Theo hé thic salo ta co sdA"Af sdA"Af - sdAOAi +kp = 2
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e

0 Dang 3. Biéu dién géc luong giac trén duong tron luong giac

ST

%

# Kién thuc can luu y:

D€ biéu dién gdc luong giac c6 s6 do a trén duong tron luwonggiac ta can thuc
hién cac budc sau:

» Buoéc 1: Vé duong tron luwong gidac. Chon goc A(5;0) lam diém dau.
» Buoc 2: Chon diém cuéi M trén dwong tron luwong gidc sao cho
(0A,0M)=a

Piém cubi M chinh 1a diém biéu dién cta géc lwong gidc cé so
do a.

v' buong tron luwong giac la duong tron cé tam tai géc toa do, ban kinh
bang 1, dwoc dinh huéng véi:
» Chiéu quay duwong (nguoc chiéu quay cua kim dong ho),
» Chiéu quay am (cung chiéu quay cua kim dong ho).

~ .2 A 1,0 \ R ~ > N N
» Lay diém (;0) lam diém goc cua duong tron.
y

B

BJ’

Céc di€ém B(0;1),A0;0), B (0;-1) nam trén duong tron luong giac.

. o >360° A s = o = F ze
v Néu M >2p (hoac ‘GI ) ta phan tich 2 =b+k2p hoac ¢ =b +1360 voi
"P<b<p xhids, diém bidu dién clia géc luong giac cé s6 do @ sé&

trung véi diém biu dién clia géc lwong gidc c6 s6 do 1a P

¢ “4vidu3.1.

" Xac dinh diém M trén dwong tron luong gidc bi€u dién géc luong gidc ¢ s6

do bang

_op
 Loi gidi

, (OA,OM)=45" . r e aa s . . fe1s s
Ta co ( ) 1a g6c luong gidc cé tia dau la tia OA, tia cudi la tia OM

va quay theo chiéu dwong (nguoc chiéu quay cta kim déng hé) mot géc 45 .
Piém M trén dwong tron luong gidc biu dién géc luong gidc c6 s6 do bang
45" duoc xac dinh nhu hinh duéi day:
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M

B

Vay diém M 13 diém chinh gifta cia cung nhd AB

(0A,0N)=- 2P = P (.)2p . e e
Vi 4 4 , do vay diém N trung véi diém biéu dién cta
_pk
gbc luong giac co6 s6 do bang 4.

.+, ., (OA,ON) .. |, e 2 oae . mAL Ay . . U
Khi do, goc ( ) la goc lwong giac co tia dau la tia OA | tia cuéi 1a tia

p
ON va quay theo chiéu 4&m (cung chiéu quay cta kim déng hd) mot géc 4.
piém N trén duong tron lwong gidc bi€u dién géc luwong gidc c6 sé do bang
%
4 duoc biéu dién nhw hinh dudi day:

B

1
Vay diém N 1a diém chinh giita clia cung nhd Ba
o

{ Vi du 3.2.
' Biéu dién cung luong gidc trén duong tron lwong giac c6 sé do:

9p

—= — R

(1) 4 (2) - 765" g X=te (ke¢)
o Loi giai
N y
% _pP +22p <
Taco 4 4
A A
!J |
Bf
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op

Do dé diém biéu dién cung luong gidc 4 trung véi di€m biéu dién cung

p
lwong gidc 4.

9%
VAay diém cuéi clia cung 4 1 diém chinh gitta M ctia cung nhé AB.
) x=lp (ke¢)

Ta c6 - 765" =-45"- 2360
Do d6 diém bidu dién cung luong gidc - 765" trung véi

diém biéu dién cung luong gidc ~45°. o

Yy
45 1 ! x

Laicé 360 8
Ta chia duwong tron thanh 8 phan bang nhau.
Khi d6 diém M biéu dién géc cé s6 do - 765" .

3 x=kp (keq¢)

X = :k?'p

Bl

(

Y
Ta c6 2 . Vay c6 2 diém biéu dién cung luong 4,/‘ |
gidc c6 s6 do k. !

AW
/

V6i K=0:X=0 quoc bidu dién béi diém A.
V6i K=LX=P  quoc biéu dién béi diém A,

“4Vi dy 3.3.

p
X =—+Kp
Cho cung luwong giac c6 so6 do 4 véi K 13 s6 nguyén tuy y. C6 bao
xe|2p;5p|
o Loi gidi
%+ kp=2p k}%

—

E+kp-=:5p k-:g

nhidn aia tri K thda man

Giai hé bat phuong trinh
7 19

Tird6 48 *12P%P) 13 77777 Vi K 13 58 nguyén nén c6 3 gié tri ciia k 12

2,3,4 thoa mén yéu cau bai todn.

2
4 Vi du 3.4.
X =- E-j-E
Cho cung luong gidc cé so6 do 3 4 voéi k13 s6 nguyén tuy . C6 bao
xe[ - 3—'m;zhr:r
nhidi mid tri A1 k thAa man \ 3 2
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- Loi giai
NN S PR L
347 5 15

- E+E54p k<22

Giai hé bat phuong trinh | 3 4 3
XE[— P 4p 16 k<2

T do, dé thi 15 3 . Vi K1a s6 nguyén nén cé 19 gia tri cla
k(-1,0,1,..,16,17)

théa man ycbt.
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