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@. Tom tat kién thuc
®. SO PO KHAO SAT HAM SO

@. Tim tap xac dinh ctia ham so.
@. Khao sat su bién thién ciia ham so:

@ Tinh dao ham y. Tim cac diém tai dé y bang 0 hodc dao ham khong ton tai.
@ Xét dau y dé chi ra cac khoang don diéu ctia ham s6.

@ Tim cuc tri cda ham sé.

©

Tim céac gidi han tai vo cuc, gidi han v6 cuc va tim tiém can cta do thi ham
sO (néu co).

@ Lap bang bién thién cda ham so.

®. V& do thi cia ham s6 dua vao bang bién thién.

 Chu y: Khi vé do thi, nén xac dinh thém mot sé diém dac biét cla do thi,
chang han tim giao diém cla dé thj vai cac truc toa dd (khi cé va viéc tim

®. KHAO SAT VA VE PO THI HAM SO PA THUC BAC BA

p

&

Chu y: DO thj cia ham s6 bac ba y=ax*+bx*+cx+d(a#0):

@ Cé tam doi xiing la diém cé hoanh dé thod man y"'=o,

Iy =
e )

©. KHAO SAT VA VE PO THI HAM SO PHAN THUC HUU Ti



ax+b

a) Ham sé phan thuc y:m(c;éo,ad—bc:to)
 Chu y: Do thi cia ham s phan thic yzgiis(c:to,ad—bc;éo) :

@ Nhan giao diém cla tiém can ding va tiém can ngang lam tadm doéi xing;

% Nhan hai dudng phan giac cla cac géc tao béi hai duong tiém can nay lam
cac truc doéi xung.

2
b) Ham sé phan thuc y:M;ﬂ(a;ﬁO’pm’ da thuc tir khong chia hét

X+q
cho da thic mau]
ax2+bx+c(

@ Chu y: DO thi cia ham sé phan thic y=
px+q

a#0,p#0, da thic t& khong

chia hét cho da thic mau):

@ Nhan giao diém cla tiém can ding va tiém can xién lam tdm déi xing;

(®. Phan dang todn co ban

‘Dang ©: Khdo sat su bién thién va vé doé thi ham sé

tCac vi du minh hoa

Cau 1: Khao sat sy bién thién va vé do thi ctia ham s6 y=—x>+3x*— 4.
Loi giai

¢ Tap xéac dinh cia ham s6: R.

+ Su bién thién:

* Tacd: y =—3x°+6x. Vay y =0 khi x=0 hodc x=2.

* Trén khoang (0;2), y >0 nén ham s6 dong bién. Trén cac khoang (—o0;0) va (2;+0), y'<0 nén ham

s6 nghich bién trén mdi khoang do6.
* Ham s6 dat cuc tiéu tai x=0, gia tri cuc ti€u yor=—4.
* Ham s0 dat cuc dai tai x=2, gia tri cuc dai yp=0.

¢ (G161 han tai vo cuc:



olimé, y=limé, x° —1+§——3 =+o0;limé, L y=limé, . x° —1+§—— =—006666
X X X X
+ Bang bién thién:
X —o0 +=0
r _ + _

* D) thi

* Giao diém cta do thi ham s6 véi truc tung 1a diém (0;—4 ).

*Tacd y=0 = —x"+3x°—4=0 = —(x—2)*(x+1)=0 = x=—1 hodc x=2.

¢ Do d¢6 giao diém cua dd thi ham s6 véi truc hoanh la cac diém (—1 ;0) va(2;0).
* D) thi ham s6 c6 tim ddi ximg 1a diém (1;-2).

Cau 2: Khao sat su bién thién va v& dd thi caa ham sb y:x3—2x2+2x— 1.
Loi giai

¢ Tap xac dinh cua ham s6: R.

+ Sy bién thién:

¢ Tacod: y=3x"—4x+2. Vay y >0 v6i moi x ER.

* Ham s6 dong bién trén khoang (—oo0;+00).

+ Ham s6 khong co cuc tri.

L - T 3 2 1 .
+ Gi6i han tai vo cyc: lim ¢, y=lim¢,  _ x 1—;"'—2——3 — 060,
X
. . 3 2 1
¢ lim y=lim x’(1-=+=5——|=+x
X - +00 X - +00 X

+ Bang bién thién:



* D6 thi (H.1.29):

}."JI.

* Giao diém ctia dd thi ham s véi truc tung 1a diém (0;—1).
*Tacod y=0-x’—2x°+2x—1=0

= (x—l)(xz—x+1)=0 = x=1.

* Do d6 giao diém cta dd thi ham sb véi truc hoanh 1a diém (1;0).

3’ 27

+ D6 thi ham s c6 tim ddi xtng 1a diém (3 7

Cau 3: Khdo sat va vé do thi ciia ham s6 y=x’—3x’+2.
Loi giai

¢ Tap xé4c dinh: R.

+ Su bién thién:

+ Chiéu bién thién:

* Pao ham y =3x’—6x;y =0 = x=0 hodc x=2.

+ Trén cac khoang (—o0;0) va (2;+00), y'>0 nén ham s6 dong bién trén mdi khoang do.



+ Trén khoang (0;2), y <0 nén ham s6 nghich bién trén khoang d6.

¢ Cuc tri:

» Ham sd dat cuc dai tai x=0 va yp=2.
» Ham sd dat cuc tiéu tai x=2 va Yor=—2.

* Cac gioi han tai vo cuc:

o lim y= lim x’ 1—§+£3 =—o0; lim y= lim x’ 1—§+£3 =+00
X > —0 X »—0 X x X - +00 X - +00 X X
+ Bang bién thién:
x |- 0 2 oo
y 0

+ - 0 +
2 / +ao
) —o0 / —2

* D) thi:

* NKhi x=0 thi y=2 nén (0;2) 1a giao diém cta dd thi voi truc Oy.

*Tacd y=0- x’—3x°+2=0

¢ = x=1 hodc x=1—+/3 hodc x=1++/3.

* Vay dd thi cua ham sb giao véi truc Ox tai ba diém (1;0), (1+v/3;0),(1—+/3;0).

+ Piém (0;2) 1a diém cyc dai va diém (2;—2) 1a diém cuc tiéu cua d thi ham sb.

i
2
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/ i ¥ TR



Hinh 1
* D) thi ctia ham s6 d3 cho duogc biéu dién trén Hinh 1.
+ Db thi cua ham sb c¢6 tam ddi xing 1a diém I1(1;0).

‘Dang @: Khado sat su bién thién va vé doé thi ham sé phan thuc hitu ti
=Cac vi du minh hoa
x+1

Cau 1: Khao sat su bién thién va v& do thi ciia ham sb y=
Loi gii
* Tap xéac dinh cta ham sb: R | {2},

+ Sy bién thién:

¢ Ta co: y':WQ) vOi moi x#2.

+ Ham sd nghich bién trén timg khoang (—00;2) va(2;+).

¢ Ham s6 khong co cuc tri.

* Tlém Cén: lim Oy 2" y=lim - R m’“ (";
lim x+1 lim x+1
. lim y:x—»+00 :1, lim y:L:l
X >+ x—2 X > —0 x—2

* Do @6, 0 thi ciia ham s6 ¢6 tiém cén dung 1a duong thing x=2, tiém c4n ngang 1a dudng thang

y=1.

+ Bang bién thién:

¥ 1 4o
\ - \ 1

+ D6 thi (H.1.30):



y=1 T / e

i R S TR PR R S ¥

Y s
4l \|=
Hinh 1.30

. + R 5 A . \ A s \ < R 1
¢ Giao diém cua do thi ham s6 véi tryc tung 1a diém (0 ; _E)

+ Giao diém cua do thi ham sb véi truc hoanh 1a diém (—1;0).
+ D) thi ham s6 nhan giao diém ¢ ( 2; 1) cua hai duong ti€ém cén lam tam dbi xting va nhan hai duong

phan gidc cua cac goc tao boi hai duong tiém can nay lam truc doi xung.

2

A s A e ooz X —Xx—1
Cau 2: Khao sat va vé do thi cua ham s6 y=—2
X—
Loi giai

* Tap xac dinh cia ham s6: R | {2].

. . X 1
¢ Su bicn thién: Viét y:x+1+x 5

xX’—4x+3

1 ‘4 x+
_ X —4x+3 =0 = x=1 hojic x=3.
(x=2)

(x=2)"  (x=2)

e Taco: y =1- . Vay y =0 <

* Trén céc khoang (—o0;1) va (3;+00), y'>0 nén ham s dong bién trén timg khoang nay.
* Trén cac khoang (1;2) va (2;3), y <0 nén ham s6 nghich bién trén timg khoang nay.

+ Ham s6 dat cuc dai tai x=1 v&i Yce=1; ham so dat cuc ti€u tai x=3 vGi Yr=0>.

1
. . X—x—-1 .. . X L
limé¢, _y=limé,  ————=lim{,  ————=—00,;((0
x—2 2
1__
X



x—l—l
im { im ¢ X i X -
limé, ,,y=limé¢, ,,————=lim¢, ., —4+0044
x—2 b
1-%£
X
« Tiém can: im &y oy e mtmi Wécc;
lim 1 lim 1
lim x+1)]==""-=0; lim [y—(x+1)]="—"-=0
x_>+oo[y ( >] X—2 X_)_oo[.y ( )] X—2

* Do d6, d6 thi ham s6 c6 tiém can dimg 1a dudng thang x=2,
* tiém can xién 1a duong thang y=x+1.

+ Bang bién thién:

+ D6 thi (H.1.31):

Hinh 1.31

. <R B X . < X . \ < R ]-
¢ Giao diém cua d6 thi ham s6 véi tryc tung la diém (0 s E)

X —x—1_ 1-+5 1 \/>

*+Taco y=0 o ————=0 = X=——"— hodc x=—-—. Do d6 giao diém cua do thi ham s6 véi truc

xX—2
hoanh 1 céc diém (1_2—@;0) va 1”f;o).




+Do thi ham sb nhan giao diém I(2;3) cua hai dudng tiém can lam tam dbi xting va nhan hai duong

phan gidc ctia cac goc tao boi hai duong tiém can nay lam cac truc doi xing.

2
X +x—2

Céau 3: Khao sat sy bién thién va vé d6 thi cia ham so y= 1
X

Loi giai
1

* Tép xéac dinh cia ham s: R | {—1].

* Sy bién thién:

* Viét 2 taco y =1+ 2 >0 v&i moi x#—1
=x—— = _ _
ety 1 o (x+1) Vo1 moi x :

* Ham sb déng bién trén ting khoang (—00;—1) va (—1;+00).

+ Ham so0 khong ¢6 cuc tri.

) x+1——
N T X +x—2 .. . X _
e lim cxﬂ_wy—hm CX%_MT—IH‘D Oxﬁ_wil——oo,b(,(;
1+—
X
) xX+1——
. e X +x—2 .. . X _
elim¢, ,,y=lim cxﬂooﬁ—llm by oo =+00(( 0,
1+—
X

¢ Tiém can: Him &y i v Ll
) : ’ 1) M i ) e
¢ lim [y—x]=lim |—=|=0; lim [y—x]= lim [—=|=0
X > +00 X > +00 X+1 ’x_,foo y X — —00 X+1

* Do d6, d6 thi ham s6 c6 tiém can dung 1a duong thang x=—1, tiém can xién la dudng thang y=x.

+ Bang bién thién:

v + +

y +0 +ac
-D/ m/

-




* Do thi (H.1.32):

Hinh 1.32

* Giao diém ctia do thi ham sd véi truc tung 1a diém (0;—2).

2
X +x—2

1 =0 < x=—2 hodc x=1. Do d¢ giao diém cta d6 thi ham sb véi truc hoanh 1a
X

¢ Taco y=0+<
cac diém (—2;0) va (1;0).

* D6 thi ham s6 nhén giao diém ¢(—1;—1) cta hai dudng tiém can lam tdm ddi xGmg va nhan hai

duong phan gidc cua goc tao bdi hai dudng tiém cén nay lam cac truc doi xung.

‘Dang ©: Ung dung thyec té
= Cac vi du minh hoa

Cau 1: Gia st s0 lugng ciia mgt quan thé nam men tai moi trudng nudi cdy trong phong thi nghiém

N ’ a L. , N oy . e g0 A
dugc mo hinh hoa bang ham so6 P (¢) 7b+ —0.75:» trong d6 thoi gian ¢ duge tinh bang gio. Tai thoi diém
e

ban dau t =0, quan th¢ c¢6 20 t¢ bao va tang vdi toc do 12 t€ bao/gio. Tim cac gia tri cua a va b. Theo
md hinh nay, di€u gi xay ra v6i quan thé nam men vé lau dai?
Loi giai
-0,75
_0,75aa "'

* Ta co: P'(f)—m,fZO.

* Theo dé bai, ta co: P(0)=20 va P'(0)=12.

a
——=20 =
el a=20(b+1)

* Do do, ta c6 hé phuong trinh: 0.75a < 15 _ 12
——=12 | b+1
(b+1)




¢ Giai h¢ phuong trinh nay, ta dugc a=25 va b:%_

Ciu 2: Gia s chi phi C(x) (nghin dong) dé san xuat x don vi ciia mot loai hang hod nao dé dugc cho
boi ham s6 C(x)=30000+300x—2,5x>+0,125 x°.
a) Tim ham chi phi bién.

b) Tim C (200 ) va giai thich y nghia.

¢) So sanh C'(200) v6i chi phi san xuét don vi hang hoa tht 201,
Loi giai

a) Ham chi phi bién 1a C'(x)=300—5x+0,375 x".

b) Ta c6: C(200)=300—5-200+0,375 - 200°=14300.

* Chi phi bién tai x=200 I 14300 nghin déng, nghia 1a chi phi dé san xuit thém mot don vi hang hoa
tiép theo (don vi hang hoa thir 201) 12 khoang 14300 nghin dong.

¢) Chi phi san xuat don vi hang hoa thir 201 1a
¢ C(201)—C(200)=1004 372,625 - 990000 = 14 372,625 \(nghin dong\).
* Gia tri nay xap xi v6i chi phi bién C'(200) da tinh & cau b.

CAu 3: M6t nha san xuét can lam nhting hdp dung hinh tru c6 thé tich 1 lit. Tim céac kich thuéc cua hop
dung dé chi phi vat lidu dung dé san xuat 1a nho nhat (két qua dugc tinh theo centimét va 1am tron dén
chit s6 thap phan thi hai).

Loi giai
* D6i 1 1it $1000 cm’.
¢ Goir( cm) 1a ban kinh day cua hinh try, h( cm) 1a chiéu cao cua hinh tru.
+ Dién tich toan phan cua hinh tru 1a: S=2 7 r’+2 nrh.

, 1000
+ Do thé tich ctia hinh try 1 1000 cm® nén ta c6: 1000=V = r’h, hay h= —

2000

* Do d6, dién tich toan phén cua hinh try 1la: S=2n r+ ,r>0,



 Ta can tim r sao cho S dat gia tri nho nhat.

* Ta co:

3
§=anr—200_4nr —2000 g_g _ p0=500 - r={ 220
T

2 2
r r

+ Bang bién thién:

. 0 [500 »
T
S'(n) - 0 +
S(r) | 4o o
\ o5 @ /
s
p—1000_ 1000 _ 100
¢ Khido:  nr’ 3250000 Y2507,

2
T

* Vay cAn san xut cac hop dung hinh try c6 ban kinh day r :13 500 ~5, 42( cm) va chiéu cao
m

~10,84( cm).

©. Dang todn ren luyén
‘Dang ®: Cau trac nghiém nhiéu phuong an lua chon

; _ax+b

CAu 1: Cho ham s6 Cor+d ¢6 @ thi nhu hinh v&. Chon ménh dé ding?




A, ac>0 B. cd >0 C.ab>0 D. ad >bc

Chon A

L . _ , Y
Ta c6 d6 thi ham so c6 tiém can ngang 1a duong thang ¢

a
. —>0= ac=0
Ma tiém cén ngang nam phia trén truc hoanh nén ¢

Ciu 2: Cho ham s§ ¥ =% +b¥" +ex+d o 44 thi nhu hinh v&. Ménh dé nio sau day dang?

Y

/N
o\/\

A az=0,b=0,c=<0, 4 =0. B a=0b<0, c=<0, 4 =0.

C.ﬂiﬂ,bbﬂ,t{[]._{?'}[l D.a-:[l_.'&}[l_n-}[l_d{[].
Loi giai

Chon C

Vi d thi c6 phan dudi huéng xuéng nén @ <0

Do thi cit truc tung tai diém "7 nam phia trén Ox pgn d>0.

Xy Xy i O0<x <x, .X

Dua vao do thi, ta théy ham sb c6 hai diém cuc tri va “1 %2 13 hai nghi¢m
- R ¥ S
ciia phuong trinh =0« 3ax” +2bx+c =0.

-2b

x +x, = =0

Ta co:



Tfrd(’)suyrab>0’ c<0.

,=axt b
Cau3: Chohamsé Y+l ¢4 dd thi nhu hinh v& bén.

.ﬂg

Tim khang dinh dung trong cac khang dinh sau?
A.O<a<b, B.a<b<0. C.b<0<a, D.0<b<a

Loi giai
Chon A

(O,b).

Tiém can ngang y=a , d0 thi cét truc tung tai diém c6 toa do

Tir d6 suy ra “zl’bzs.Véy O<a<b,

ax - 2

) .
Cau 4: Cho ham sb x+b ¢4 dd thi nhu hinh dudi.

y A

Khang dinh nao sau ddy ding?
A. b<a<0, B.0<b<a C.0<a<b, p. b<0<a,

Loi giai

Chon A



0

Quan sat dd thi ta co tiém cén ngang ¥ =%~ Y va duong tiém cén ding ¥ =~ >0= b >0

Goi 4 1a giao diém cua duong ti€ém can dung voi Ox , B 1a giao diém cua duong ti€ém can
ngang véi @Y va I 1a giao diém hai dudng tiém can, khi d6 ta thiy 4 >IB = a>b
Vay O<b<a,

_ax+b

y=
Ciu 5: Cho ham 56~ cv+d (@ <0)

Aly

c¢6 dd thi nhu hinh v&. Khang dinh nao dudi day 1a dung?

~

Al a{D;h}D;c'{D. B. a}D;h}D;c'}D. C. a}D;h}D;c'{D. D. @ }U;h{[:l.jc'}[:l.

Loi giai
Chon C

Dua vao dd thi, ta nhan théy:

b
+ D0 thi cét truc tung tai vi tri c6 tung do am, suy ra d , ma d<0 vay b>0

b
1 4 - < 0
+ B4 thi cit truc hoanh tai vi tri c6 hoanh d6 am, suyra ¢ ,ma »>0 vay a>0
a
‘ y=2>0
+ Do thi ¢6 dudng tiém cin ngang ¢ ,maa>0yayc>0,

=(x- 1)(x - 4x+4)

CAu 6: D) thj ham s6 ! ¢6 bao nhiéu diém chung véi truc OX 2

A.2. B. 3. C. 4. D. 1.
Loi giai
Chon A

Phuong trinh hoanh d6 giao diém cia db thi ham sb =(x- D)™ - dx+4) va Ox

(x=1)x"-4x+4)=0

=

I
2

X

y=(x-1)x" - 4x+4)

Vi phuong trinh hoanh d6 giao diém cua do thi ham s6 va Ox ¢62

nghiém nén s diém chung cua d6 thi voi truc O 1a 2.



Suy ra Chon A

2x° - 2x+3
.-.I'I - >
Céu 7: Puong thang d:y =33+l o2 4 thi © ctia ham sb x-1 tai hai di€ém phan biét
4.8 Tinh d¢ dai 48
A AB=4/15 B. AB =42 c. AB =410 p. AB =46
Loi giai
Chon C
Xét phuong trinh hoanh d6 giao diém:
2x - 2x+3 x #1 x #l x=2= y=T7
— = x+le= . . =1 ., = )
x-1 | 2x" - 2x+3 =3x"+x- 3x- | x" - 4=0 x=-2= yp=-5
Goi A@:7),B(-2:-5)= 4B =447 +12* =aJ10.
,_ax+l
Céiu 8: Choham s§ = 6¥- 2 ¢6 dd thi nhu hinh v&. Tinh T =a +b,
A
¥
10 1
1
10 5 oY 2 5 10 ; -
-5 4
A. T =0 B. 7T =2 C.T=-1 p. I'=3
Loi giai
Chon B
y= 2a- b
(bx- 2)
2a-b<0 )

Dua vao do6 thi ham s60 = ham so6 nghich bién trén tdp xac dinh =

D thi ¢ hai duong tiém can: ¥ =2 va ¥ =1,



a
b (a =1

2_, |b=l

a2 | B ) ~ (*) av, T =2
Khi d6 Théa man . Vay .

_ax+b

CAu 9: Cho ham so6 X+C o db thi nhu hinh bén véi 45 ¢€Z Tinh gia tri ctia biéu thirc
T=a-3b+2c9

o X
B
AT =12, B. T =10 c.T =9, pD.T=-7,
Loi giai

Chon C

Db thi ham s6 c6 * =! 1a tiém can ding nén € =~ I

Db thi ham s ¢6 ¥ =~ ! 1 tiém can ngang nén @ =- 1.
b_.
D thi ham s it truc tung tai diém c6 tung do bang -2 nén ¢ dodo b =2,
Viy T=a-3%+2¢ = 1- 3.2+2(-D=-9
Ix+1
y= , _
Cau 10: SO giao di€m cua d6 thi ham so X- 3 va duong thang =3 1a
A0, B. 1. C.2. D. 3.
Loi giai
Chon A
3y +1 3x+1=3x-9
AL P = 1=-9(v)
x-3 x #3

Xét phwong trinh hoanh d6 giao diém:

3x+1
y= , — .
Vay d6 thi ham so X- 3 vaduong thang =3 khong c6 diém chung.

Cau 11: Db thi ham s6 ¥ =% = 3= 3 ¢t truc tung tai diém c6 tung do
g g
Ay =1 B. V=1, c.V=3 p. V=10,

Loi giai



Chon C
Cho ¥ =0= y=-3
Suy ra d6 thi ham s6 di cho cit truc tung tai diém co tung d6 ¥ =~ 3,

o e X y=x' +2x° Ly =X - x+2 ¢ : A a2
Cau 12: Do thi cia hai ham so sau y=a 42+ va ¥ =% T ¥+ <2 St nhau tai bao nhiéu diém?
Al B. 0. C. 3. D. 2.

Loi giai
Chon A
L. .2 s aA e oa L oy =x +2x° V=X -x+2 . 4 A ,

Sb giao diém cua d6 thi ham s6 * ~—* +2x7 4] va V=5 X+ 2568 nghi¢m cua phuong
trinh hoanh d6 giao diém sau

2 4] =x

-x+2ex+x +x-1=0

Xétham sb =f(x)=x"+x"+x- |
Tap xac dinh D =R
5 2 2

+—>0,VxeR

. . ' 1
v o =3x 4+ 2x+1 :3‘ X+ 5

x- 1 dong bién trén R

Ta co
’ \ AV :_‘l.j + _‘l.': +
Do d6 ham so -
Bang bién thién
T — oo + oo
+
+

\ 1z - A A \ x)= . A A A

Tt bang bién thié€n, ta suy ra phuong trinh / c6 duy nhat mot nghiém.
= ] - - ‘} 4 . ™ o R

Y=X2 X2 CAtnhau tai mot diem.

c=xT 420+
va

Vay d6 thi cia hai ham s6 *
Chii y: Tt phuong trinh hoanh d¢ giao diém, ta c6 thé sir dung may tinh bo tai dé tinh ngay sd
(©)

nghiém cua phuong trinh béc ba.
_2x-1
Cau 13: Cho ham s TS 6 6 thi & va duong thing @Y =2%- 3 Pugng thing 9 cit
tai hai diém phan biét A va B Toa dod trung diém cua doan 4B 1a:
M"i;-i M[i;o] M[i;o]
B. 4 2 c. 2 ). D.

3
-—:i=0 ‘
L2
Loi giai

.'h{

A.

Chon B



Ty =

=2x-3 (1)

Phuong trinh hoanh d6 giao diém la: x +1 . Piéu kién X #I.

x=2

(De 2x-1=:+1D0x- 3= 257 -3x-2=0 =

X ==

b | —

Ta co

Goi M 1a trung diém cua doan 4B .

)
24| -
. :L 3y =ay -3=23.3=.3
Tacod 2 4, ' 4 2,
7 M ‘ 3. =
Vay toa do trung diém cua doan 4B 1a; 14 2
. . \ r p=ylo oD ) —
Cau 14: S giao didm dd thi ham sé ¥ = ~ ¥ ~ 2 va duong thing ¥ =2 la:
Al B.2. C.4. D.3.

Loi gidi
Chon D

. . X , A 1c s V=X -x-2 ., p=-
Hoanh do giao diém cua do thi ham s6 y=xr-2 va Y 2

Ta c¢6 phuong trinh hoanh d6 giao diém:

x =0
i
ex'-2=-2e x'-x'=0 [x=4
A 1 4 ':';-':-2 N —_=- z . L2
Vay do6 thi ham s6 y=x -3 va Y 2 cat nhau tai 3 dieém.

Cau 15: Biét hai dd thi ham s6 ¥ =% *2¢ = 3x+1 03 ¥ =20 - 1 4 ho tai hai diém 4B . Tinh do
dai doan 4B .
A VT3, B. V37 c. 53, p. 35
Loi gisi B
Chon D

=x +2x - 3x+] 1

(c, ).

NPT (& oAy =2X%" =1 L ax s
codoth;la( 1),hamsoJ =¥ c6 do thi la

() v (c,)

. x =l
=x-3x+2=0<= 5
A+ 2x - 3x+] =2x" - 1 r=rs

Goi ham s6 *

Hoanh d9 giao diém cua la nghiém cua phuong trinh

Vo X =l taco V=L
V6 ¥ =2 taco ¥ T

Do d6 ) va ) A(- l;l), B(- 2;7).

cat nhau tai hai diém



AB :‘ﬁé‘:\/(-z- Y +(7- 1F =345.

Ta co

Vay do dai doan 4B bang 3\6.
o 2x+2

9 \ 14 J y = - R
Cau 16: Goi M-¥ 1a giao diém ctia @ thi cac ham s6 x=1 gy y=x+l Trung diém ! cta doan
MN ¢4 hoanh d 1a
A. -1 B.1,5. C.2. D. 1.

Loi giai
Chon D

Phuong trinh hoanh d6 giao diém cua 2 dd thi

2x+2 1
=x+
x-1 (x #1)

= 2x+2=(x+1)x-1)

x=3= y=4
=
& x-2x-3=0 [¥=-1=y=0

Giao diém ca hai db thi 1a M (3:4) y3 N(-10)

Trung diém I caa MN 13 1(1L2),

Cau 17: Pudng cong trong hinh bén 14 d6 thi ctia ham s6 nao dudi day?

Loi giai

Chon B
Vi dd thi ham sb ¢6 tiém can démg 1a * =1, tiém can ngang ¥ =!nén loai Chon B, C.
Vi dd thi cia ham nghich bién nén ta loai D chon B.

Céu 18: Duong cong trong hinh bén duéi 1a dd thi cia ham sé nao trong bdn ham sé dudi day?



A

=x - 3x7 +2 = x4+ 3x 42 =y +3x°-2 r=xi- Ix+2
A, V=R 3x . B V=1 3x e Y= 3x _op. Y=Y - 3x+l

Loi giai
Chon C

N RN A o~ r L A A8 N 1 4 :axB+.t1x2+D(’+d £
Dua vao @6 thi ham so da cho ta c6 ham so can tim la ham so y voi

a<0po do loai phuong an A va D

Do thi ham sb da cho cét truc tung tai diém co tung d0 4m nén d<0 podo loai phuong 4n B

r -_— 2 - A .
Vay chi c6 ham sé ¥ = X+3C- 204 yéu cAu bai toan.

Céu 19: Ham s6 nao du6i day c6 bang bién thién nhu hinh bén duéi

x | —o 1 +ao

|-llr - -

-1 +0
1 \ \
—0 -1
-x-3 -x-2 -x+3 x+3
V= v = v = y=

A. x-1, B. x-1 C. x-1 D. x-1,

Chon C

¥ <0, ¥xeR\|1 |

b

+ Tur bang bién thién, ta nhan théy ham s6 can tim ¢6

limy=-1 limy=+w limy=-w

x— oo ; 1" va U
. 4 Tl
_-x-3 Y >0, ¥xeR'|1
+Hamsd ~ X-1 ¢o x- nén loai phuong an A.
. 3 Tl
y:—x— 2 ¥ :( ¥ >0, "-:“xElR‘-{l!
+ Ham sd x-1 ¢6 x| nén loai phuong an B
_x+3

y= limy =1
+ Ham so x-1 co = nén loai phuong an D



_ o B v .
x+3 e ﬁ'ﬁU,"‘?‘i‘LE'R-H! limy =-1 11n1_}::+00

; JJ = = (‘L_ - I
+ Ham so x-1 co ’ e SE ; P va
. -x+3
limy =- y =
el nén chi ¢6 ham so x= 1 thoa méan yéu cau bai toan.
Cau 20: Buong cong trong hinh v€ 1a do thi cia ham so nao sau day
yA
14+
2 1 >
3
E 3 4 2 3
y=x° - 3x- r=-x +3x- r=-xt 4x - r=-x 4x-
ALY =X -3x 1 _ B. V=1 3x-1 o y=x+x-1 o y=-x +x-1

Loi giai
Chon B

Tir d6 thi ta c6 d6 thi di qua 2 diém

y==x +3x-1

&

Cau 21: Pudng cong trong hinh v& bén 1a d6 thi ctia ham s nao trong cac ham sé dudi

Yy

ALY =" 437+ 2 B. =x - 3x" + 2
c.V =x - 3x+ E. p. V=" +2x° -2

Loi giai
Chon B

DO thi ham s6 di qua diém 13 2= oaia €, D

Vay Chon B dung.

Céu 22: Duong cong trong hinh v& bén 1a dd thi ctia ham sb nao duéi day?

(151); (- 1:-3) thay vao 4 dap an ta dugc ham sé can tim 1a

day?



ALY =x +3x +1 B. Y =x - 3x c. V=" o437+ D. Y =x" = 3x" +1
Loi giai
Chon D

Clim y =+o; lim p =- o
Taco =+ x—-

Suy ra hé s6 @ >0 Joai dap 4n

c. V=" 437+

Mait khac y(0)=1 loai dap an

BV =x - 3x

Ta co y(2)=-3 loai dap an”’ =x" 437 +1 .

Cau 23: Puong cong & hinh bén 1a d6 thi ciia ham s nao?

+y

L A

o[ \J

p=-x"+x-1 p==x +3x+1 p=x'-x +1 yp=x-3x+1
A. - ) B. - . C. - . . )

IS

Loi giai
Chon D
\ , , 3
Dua theo hinh dang do thi la ham s6 bac 3 c¢6 hé s6 cia ¥ duong nén ta chon
D.

Cau 24: Trong cac ham so0 sau, ham s0 nao c¢6 do thi nhan tryc tung lam truc doi xtng?



x-1

ALY =x" +3x" - I B. VY =x - 3x+2 c. V=" 43 - . Y =x— 3

Loi giai
Chon A
Do thi ham da thirc bac bén tring phuong nhan truc tung lam truc dbi xtimg.
Céu 25: D6 thi nhu hinh v& 14 d6 thi cia ham s nao dudi day?
YA
- 1\ 2

0 X

-4

ALY =x -3x" +4 B. V=" r+3ix- 4 c.V =x-3x'-4 p. V=" ¥-3x*-4

Loi giai

Chon B
A x=2
~x it -4=0e= | |
D& thidy @ > 0 nén cac phuong 4n A va C bj loai. Do =" nén dd thi
x =2
c&t O tai hai diém c6 hoanh do 1* =1 Chon B
Cau 26: D6 thi sau day 1a ctia ham s6 nao?
Y
1
-2 0 2
-1
2x+1 x+2 x+2 x-1
V= Vv = Vv = V=
A0 x- 1 B. x-2, C.  x+l, D. X+l

Chon B



Dua vao d6 thi ham so, ta thay d6 thi ham s6 c6 tiém can ding 1a ¥ =2, Vay ham s0 can tim 1a

x+2
.—..'I =
x-2
p =Xt b
CAu 27: Dudng cong & hinh bén 1a dd thi cia ham sé =~ & +d | véi a.b.c.d 13 cac 5b thuc. Ménh dé
nao dudi day dang?
A V' >0, Vx#2 B. V' >0 Vx #l c. V'<0. Vx #2 p. V' <0 ¥x #l
y
2
s
0 1
Loi giai
Chon B

Dua vao do thi ham s0, ta thay rang: Ham s6 da cho dong bién trén moi khoang xac dinh va do

thi ham sb c6 dudng tiém can dung 1a * =1

Suy ra ¥ >0, Vx =l
2x-1
y =
Céu 28: Tim d6 thi ham so X- 3 trong cac ham dudi day.
iy \ ‘
6 R\\ ¥y 1\6 \
s
5 3
3 ~ 3 =t
2 1 2
1 = 1
0 | .
3 -2 ] 112 3 45 6 x| -3 -2 -1 1\1 2 3 435 ¢ e
-1\ = \
2 .
A 2 B |




~ LS
\_\\\
oo R Y oy

32 1 1203 45 6 x
,_,_J-/-I

v
f
/
~
\J

-3 o 3 -2 -1 I\§23456 x

IS

Loi giai
Chon D

Db thi ham sb co tiém cén ding 12 dudng thang * =3, tiém can ngang la dudng thing =2

1;0]
2

va di qua diém co toa do

CAu 29: Biét ham sb fla)=x+ax +bx+tc dat cuc tri tai diém x=Lf {I } =-3 va dd thi ham s cét

truc tung tai diém c6 tung d6 bang 2. Phuong trinh f(x)=2 c6 bao nhiéu nghiém.
A0, B. 2. C. 1. D. 3.

Loi giai
Chon D
Do thi ham sd cit truc tung tai diém co tung do bang 2 suy ra € = 2,

f(1)=-3P 1+a+b+c=-3P a+b=-06(l)

Ham sb dat cuc tri tai x=1P _f"{l}:[]l: 3+2a+b=0P 2a+b=-3(2)

fa=3 _
(1),(2)p ﬂ:- JP /() =5 435 0x42

: ':'}A 3 -:_q. ‘}:'}A 3 ':_q-:
Phuongtrinh"{{l} 2U ¥ +3x7- 9x+2=2U x +3x - 9x=0

trinh c6 3 nghiém phan biét.

bam may suy ra phuong

Cau 30: Cho hamsd ' =~ ¥ tax’ +hxt © . Biét rang d thi ham s di qua diém 4(0:- 1) va c6 diém
cue dai 1a M (2 3) gy 0=a+2+c
A.9=2 B.¢="4 c.2=0 p. =1
Loi giai
Chon A

‘ , o A(0- 1) - 1=- (0) +a(0) +5(0)+cU ¢ =- 1(1)
Vi d6 thi ham s6 di qua diém nen. :



»(2)=3

Vi diém M(2; 3) 1a diém cyc dai cua do thi nén: 1)—‘5(2) =0

"

o b @ +al2f +2p+c =3  faa+2p+c=11(2)
- 32 42a2+b=0 4a +b=12(3)
T, suy ra: a=3xb=0c=- I.Véy OQ=a+t2btc=2
2 +emx +4
n e g v AR it Ly AL - mx + 2 . - A A(' ]"4)
Cau 31: Vi gia tri nao caa M thi do6 thi ham so: di qua diém ?
1
m=—
Am=1 B. 2. c.m=l D, m=2.
Loi giai
Chon A
A - ; 2 A\- L
D6 thi ham s6 qua diém ( . )nén ta co:
4=2 4G 4 m+2)=6- 6n0 2n=-20 m=-1
-m+2
r=x +2m+1)x" + (- 5m)x+3m+2

CAu 32: Tim tham s& ™ dé dd thi ham sé )

A, m =10 B. m=-10 c. m=13 p. m=-13

di qua diém

Loi gidi

Chon D

PO , P = 3 2 2 - . o] , .
Dé db thi ham s6 ¥y =x +0Qm+1)x" +(- Sm)x+3Im+2 di qua diém A(2;3)
thi 3=2"+2m+1)2" +(1- 5m).2+3m+2
< m=-13

n o Ae o o 2 ar s A VIX - 3x4m
Cau 33: Tim tat ca cac gia tri cia ” d¢ do thi ham so -

biét.
[~._ 2.0l
A m=-2, B.m=%2 c.MEE B0 pom=2,
Loi giai
Chon B
. x =1
; ' __1' :U'c::"
Taco ¥ =3X - 3. x==1

Bang bién thién ctia ham so6:

A(2;3)

cit truc hoanh tai hai diém phan



x | —o -1 1 +00
Y + 0 - 0 +
m+2 +o0
N T
—0 m—2

Duya vao bang bién thién thi d6 thi ham sb da cho cét truc hoanh tai hai diém phan biét khi va chi

m+2 =0
i

m-2 =0

m ==2

m =2

khi
B.

, suy ra dap

Cau 34: Cho ham s6 ¥ =/ () lién tuc trén R c6 db thi nhur hinh va.

Ty

Phuong trinh D =m s nghiém thuc phan biét khi va chi khi
A mE(-S;l)' B.me[-S;l]. C.mE(-l;3). D. mE[-l;B].
Loi giai
Chon A
F(x)=m

Dya vao dd thi, phuong trinh
me(-3;1)

c6 ba nghiém thuc phan biét khi va chi khi

Cau 35: Cho dd thi ¥ =/ (¥) Tim m & phuong trinh fey+l=m .4 dung 3 nghiém?



0 3
X
4
A, -3<m<l_ B. -4<m<0_ C.-5<m<l D. -4<m<l1.
Loi giai

Chon A

Ta c6: fixy+l=m= fix)=m-1

$6 nghiém cua phuong trinh -/ ()+1=m bing s6 giao diém cua dd thi ¥ =/ ) va duong

thing ¥ =71

|V

Duavélodéthi,tacéycbt = -d4<m-1<0s ‘3"”’”‘“.Ch()ndép an

Céu 36: Cho ham s6 =f &) lién tuc trén IR ¢ bang bién thién sau
X | = 0 +o0
}:f + ‘ ‘ —
, 2
, v n e, . A B 2 N f‘(}f) —m , C A %
Co bao nhiéu gié tri nguyén cua 7 dé phuong trinh - c6 nghiém duy nhat?
AT B. 6. C.3. D. 8.
Loi giai

Chon A



y=1(x)

Phuong trinh ¢6 nghiém duy nhat < @ thi ham s - va duong thang ¥ =™ ¢6 dung

m =2
—

A ¥ -5<m =l
mot giao diém

mEZ= me| 2%-4:-3-2- L0
_2x+1

Y A . _
CAau 37: Cho ham so6 x-1 ¢odo thi (©) va duong thing ,) c6 phuong trinh Y =X +2m+2

,) . (©)

im tit ca cac gia tri cua ™ dé cit tai hai diém phan biét.
4
m<-— m<-—
4 4
-—<m<0. m<-—
Cc. 3 D. 3 hogec m>0
Loi giai
Chon B
2x +1
©) ) al =mx+2m+2
va m X-

Xét phuong trinh hoanh d6 giao diém cua

mx’ +mx-2m-3=0 (*)

x #1

()

nghiém phan biét < phuong trinh ¢6 hai nghiém phan biét va khac 1

Puong thang @,) cat do thi tai hai diém phan biét khi va chi khi phuong trinh ¢6 hai

m #0 m #0
e 1A>0 o 19m +12m>0 o | <73
m1> +m.1- 2m- 3 #0 meR m>0

y=(x- 2)(x* + x +2019)

Céu 38: S6 giao diém cta do thi ham sd - v6i truc hoanh la:
A. 2. B. 1. C. 0. D. 3.
Loi gii
Chon B

Phuong trinh hoanh d6 giao diém cua do thi ham sb va truc hoanh 1a:

x=-2=0

x= 2N +x+2019)=0e | |, = =2

G )[1 ! ) 4+ x+2019 =00m) !

Vay sb giao diém cua d6 thi va truc hoanh 14 1 giao diém.
x-3

. . .= T (Y= i .
Chu 39: Tim ™ dé duong thing ¥ =" *1 ¢4t 46 thi ham sb x+1 tai hai diém phan biét.




A, (- 7.';U]U[|(].j+7:). B. (- oo;O).

c. (16;+w). D. (- oy 0) U (16 H.').

Loi giai

Chon D
x#- (x #-1
i e+l =" gx)=mx* +mx+x+1- x+3 =0

Xét phuong trinh hoanh do giao diém x+1

(x #-1
b )

g (x) =mx® +mx+4 =0
) _x-3

Dé duong thing ¥ ="+ 1 ¢4t dd thihamsd = *+! tai hai diém phan bit thi phuong trinh
g()=0 oy nghiém phan biét khac - 1

fm =] (m =0

. m <0
= {A=0 = am - lom=0= = me(-w0)u16: 4+2)
m>10

g(-D=0 |4#0

Cau 40: Cho ham s6 ¥ =/ (™) ién tuc trén R va co bang bién thién nhu sau:

—o0 -1 0 1 +on

f'J(;I) + 0 - 0 + 0
3 3
7(%) B / T~ 1 _— \_x

S6 nghiém cia phuong trinh f(x)-2=0 4

A0, B. 3. C.2.

I
N

Hwéng din giai
Chon D

S6 nghiém cua phuong trinh J(x)-2=0 bang sb giao diém cta d6 thi ham s » =/ (%) va

duong thang ¥ =2 Duya vao bang bién thién, ta thiy duoc sb giao diém 1a 4.

Cau 41: Ham s6 7 :f(x) ¢ d6 thi nhu hinh v&.



y A

Sy

21 (x)-1=0 I

S6 nghiém cua phuong trinh
A 4. B. 1. C. 2. D. 3.
Loi giai
Chon A
1
2f(x)-1=0e f(x) = m

Xét phuong trinh:

o 1
)
2 .
y=t
S6 nghiém cua W chinh 14 s giao diém ctia d6 thi ham s y=f (X)Vé. duong thing 2,

1
3 P P \ p = , y="=,
Duya vao d6 thi ham so ta thay, do thi ham so y=/ (x)vé duong thang 2 ¢4t nhau tai 4

D)

diém phén biét nén phuong trinh ~ ’ ¢6 4 nghiém phén biét.

Ciu 42: Cho ham s6 ¥ =/ lien tuc trén R va c6 bang bién thién nhu hinh v&.
x —a0 1 3 +
f ' (ﬂ - ] + 0 _
+ 4

f(x)
Do thi ham sb y=f) va dudng thang ¥ =0 ¢6 bao nhiéu diém chung.
A. 2. B. 4. C.3. D. 1.

Loi giai

Chon C



(x)

Duya vao BBT D6 thi ham s y=f cit dudng thang =0 tai 3 diém. Vay do thi ham s6

y=f) va duong thing ¥ =0 ¢6 3 diém chung.
n . \ ¥V :f(-l‘) L 1o . X . \ ~.
Cau 43: Cho ham s6 c6 bang bién thién nhu hinh vé:
X -0 -1 0 1 +20
f(x) + 0 - 0 - 0 -
3 3
f(x) / \ / \
—o0 -1 —ao0
. ' 2 =
S6 nghiém cua phuong trinh f&)+2=0 la
A0, B. 3. C. 4. D. 2.
Loi giai
Chon D
J ‘A , \ f'(.‘f)*'z =0 .. A . -2 , \ 2 y==-2_,.
S0 nghiém cua phuong trinh chinh 14 s6 giao diém cua duong thang - voi

d6 thi ham s6 y=f (x)' Dura vao bang bién thién, ta thay duong thang ¥ ~~ 2 chtdd thi ham
cv=1f(x . . ' 2=
56 f (x) tai 2 diém phén bi¢t. Do d6 s6 nghiém cta phuong trinh f (x)+2 =0 la 2.
A . \ vV :f(-"i) 1 . X . n \ ~
Cau 44: Cho ham so c6 bang bién thién nhu hinh ve.
x | —m -2 0 +ao
¥ + 0 - 0 +
+
Vv / \ /
—0 —4
A . F(x)-
S6 nghiém ctia phuong trinh 2" =4 1a
A.2. B. 3. C. L D. 4.

Loi giai
Chon C

Ta ¢6 2.:'(.\')-I —4 = fk)>l=2= _;"(.1'):3.

S6 nghiém ciia phuong trinh f)=3 1a s6 giao diém cua d6 thi ham sé y=fG) véi duong

thang =3 .
y=f&)

Tir bang bién thién ta c6 dudng thing ¥ =3 cét dd thi tai 1 diém.

z F(x)-
Vay sb nghiém cua phuong trinh 2 =4 13 1,



=f(x)

~ \ ) ;g ‘A A 1 - A ‘A
Cau 45: Cho ham so - x4c dinh, lién tuc trén R va c6 bang bién thién

x — 1 2 +x
' + 0 — | +
5 6
v
2 -1

Khang dinh nao sau ddy 1a khang dinh sai?

=m+] A1y 2
co nghiém 1a =2 =m <35,

A. Tt ca céac gid tri cia tham s ™ dé phuong trinh f (x)
B. D4 thi ham sé da cho c6 hai tiém can ngang 14 cac duong thing ¥ =2 va ¥ =6
C. Ham s ¢6 gi4 tri 16n nhat bang © va gia tri nho nhét bang - 1.
D. Ham s6 da cho c6 dang hai cuc tri.

Loi giai
Chon C

lim y =6= y =6 o . .
Taco =+ khong 1a gia tri 16n nhat ciia ham so.

Cau 46: Cho ham sb y=f ()

¢ dd thi nhu hinh v&. Ménh d& nao duéi day dung?
y
3
A

1

-2 -1 o 1 2" 3 x
—1t+---- :

A. Diém cuc dai cua ham so la 3, B. Gia tri cuc dai ciia ham so la 0,

C. Gia tri cyc tiéu cua ham s6 bang - 1. D. Piém cuc tiéu cia ham so 1a - 1.
Loi gidi
Chon C

Tir @6 thi ham s6 suy ra gid tri cuc tiéu ctia ham so6 bang - 1.

A o y=flx) o Sl X LA e 4 Rp R L iz e 2 .
Cau 47: Cho ham s0 - /() c6 do thi trong hinh v& bén. Tim tat ca cac gia tri cia " d¢ phuong trinh

| (x)|=m

' 6 diing hai nghiém phan biét.



1
1
:
3

Loi giai

Y S R

A.m>5’0<m<1_ B. m<1l

c.m=l m=5 D.l<m<5,

Chon A

(cq v=|r ()

y=71 (r) ctia ham s -

(C)

Tur d6 thi (C) ctia ham s ta suy ra dd thi

- Gitr nguyén phan d6 thi ¢ phia trén truc hoanh.

(C)
Khi d6, d6 thi (9 1a hop ctia hai phan trén.
Ta co: ‘f(r}‘ =7
(d):y=m

- Lay d6i xtmg qua truc hoanh phan do thi ¢ phia dudi truc hoanh.

(cd

" 1a phuong trinh hoanh d6 giao diém cua dd thi va duong thang

(cq

Dua vao dd thi
é<m<1
e

khi & >3

, ta c6 phuong trinh FE)=m dtng hai nghiém phan biét khi va chi

I
-

1
3

-

Céu 48: Do thi ham s6 nao dudi ddy nam phia duéi truc hoanh.



y=x"+5x" - 1 y==x-Tx"- x-1
A, - B. -

c. V=" X - 4yt 4] yp=-x"+2x -2
Loi giai
Chon D
, P =- ';+2':-3:'(7’-—:'|)-'|‘:U iy . A AR L LY iy \
Taco: : A voi moi ¥ € R nén dd thi nam dudi truc hoanh.

__ax+b

Cau49: Choham s6 =~ & +d ¢4 @ thi nhu hinh v& bén.

)

A, ac>0 B. cd <0 C. bc<0 D. ad >0
Loi giai

Chon D

d
. x=-—>0
Theo nhu d6 thi, ta c6 duong tiém can dung la ¢
= cd <0;
y=250
Puong tiém can ngang la ¢ = ac>0,

b
. , . x=-—>=0= gh=<i
Ngoai ra do thi cat truc Ox tai diém c6 hoanh do a ma ac>0= bc<0,

Tu, taco ad <0,

C)

=ax’ +bx’ +ex+d (@ #0)

CAu 50: Cho ham sb 6 d6 thi ( , tiép tuyén cua (©) ¢ hé s gbc dat

gia tri bé nhat khi nao?
b b

A. @ <0 y3 hoanh d6 tiép diém bang 3¢ B. ¢ <0 va hoanh do tiép diém bang 3¢
b b
C. @>0 va hoanh do tiép diém bang 3¢ D. @ >0 v3 hoanh d6 tiép diém bang 3@
Loi giai

Chon C



. £ o C) .« oy =3axr +2bx+c Y =fax + 2
Tiép tuyén ctia ) c6 hé s6 goc ! 3ax +2bx+c = y" =6ax+2b
X A (C) f 1A A g T IRIY c3a >0 o3 1ad A A iR 1y A
Ti€p tuyén cua co hé so goc dat gia tri bé nhat khi va hoanh d tiép diém la nghiém
b

=0 < a>0 y3 hoanh do tiép diém bing 34 .

cua phuong trinh Y }
2 3 =" 3 1 / N R .
Cau 51: Duong thing * ¥ =27 13 tiép tuyén ctia duong cong » — F T = *4 ypim bang
A. ~3 hoic 1. B. | hoic 3. C. - | hogc 3. D. -3 hodc - 1.
Loi giai
Chon B

: » =2m - £ T \ == x4 Qx4 C N . r1eqa
Puong thing ¥+ =2 13 tiép tuyén cia duong cong ¥~ = *4 1hi va chi khi hé

-x +2x+4 =2m-x

phuong trinh {

s s
42 =1 ¢6 nghiém.
([x =1
(- ¥ +2x+4 =2m- x & {|x =-1 m =3
. =
Taco |- T +2 =1 x4+ 2x+4=2m-x m =1
Ciu 52: Cho ham sé » =% *3mx +(m+Dx+l 040 thi (© Big ring khi ™ =™ thi tiép tuyén véi
A g 4 : =1 .. A(L;3 2 : N
do thi () tai diém c6 hoanh dd bang Yo I di qua ( ) Khang dinh nao sau day dung?
A, " l<my <0 E.0<mn<1 C.l<mo<2 D.-Z-r:m{_,-r:-l
Loi giai

Chon B
Ta c6- v =3x7 + Omx +m + |

=- o =2m- . -1:2m- JJJ:'E.'E - 4
Vé’ixo_ lthiJD 2m ],gOIB( 1: 2m 1)='? AB ( ] —1-]

Tiép tuyén tai B di qua 4 nén hé sb goc cua tiép tuyén 1a k=-m+2

k=y'(x,)

Mit khac: hé sb goc cua tiép tuyén 1a .

, , 3 ): +6mx, +m +1l=-m +2
Do do6 ta co: o o i u

= m
= 3-0m +my+1=-m +2 = -4m, =-2 0

Ciu 53: Goi (Cm) y=2x" - Ym+1)x" +mx+m+1 va (d)
(c,)

12 d6 thi ctia ham sb -
n” tai didm c6 hoanh d6 X == 1. Tim ™ dé () A(O;S).

A, m=0 B. m =1, c.m=2, D. m =3,

1a tiép tuyén cua

di qua diém

Loi giai



Chon A

.y =0x" - +)x +
Taco ¥ =0x O(m+1)x +m

, suy ra phuong trinh tiép tuyén (d la:
y=yp (- x+D+p(- ) =12+ Tm)x+1)- 3m- 4= y=(12+Tm)x+4m+8§

A8 e(d)= 8=4m+8 <= m=0

‘Dang ©: Cau trac nghiém dung, sai

Cau 1: Cho ham s6 y=f|x|=x>+ax’+bx+c c6 do thi (C|.
a) Bo thi © ludn c6 tam ddi ximg.
b) D6 thi © ludn c6 diém cyc tri.

¢) B6 thi © ludn cit truc hoanh.

lim f (x)=+=

Loi giai
a) D b) S ¢)D d)p

s cv=f(x)=x"+axr +hx+c
Xét ham so - T

v =3+ 2ax +b =0
Ta co: -

Co: A =a’ - 3b
Chon @ =b =0 Khij dé A'=0=p 20,¥xER. gy 46 ham sb khong co cuec tri.

xX+a
V=

Cau 2: Bithamsd =~ X+! (@ 1a s thuc cho trude, @ #1) ¢6 @6 thi nhu hinh vé sau:

Ay

o

Y




Cac ménh dé sau dung hay sai?

y' <, Yo #- |
a)
b) p'=0, Vx #-1
y'<0, YxeR
c) -
d) y'>0,%xeR
Loi gidi
2) P b) S ©S d)s

R ) )
Ta c6 tap xac dinh cua ham s6 la D=R\-1j va ham s0 nghich bién trén tirng khoang xac dinh.

vay <0, ¥x =- 1‘
v =1(x (1 ,
CAu 3: Cho ham s6 ~ f ) x4c dinh, lién tyc trén RA- 1y va ¢6 bang bién thién sau:
-1
X —o0 -2 0 +a0
’ + 0 - - 0 +

—2 +00 +00

y A ™ ™~ A7

—o0 —0

Céac ménh dé sau diing hay sai?
a) P thi ham s6 khong c6 diém chung véi truc hoanh

b) Ham s6 ¢6 hai diém cuc tri

¢) Ham s6 nghich bién trén khoang (-2:0)
d) D6 thi ham s6 ¢6 tiém can dimg
Loi gii
a)b b) b ) S d)b
x=-1(-2:0) (-2:0)

Ham so khong xac dinh tai nén ham so khong nghich bién trén

Cau 4: Cho ham sb =/ () ¢6 bang bién thién nhu sau:



Cau 5:

Cau 6

1

=
|
8
|
i
e

400

v - 0 4+ 0 - 0

+

+00

Céac ménh dé sau diing hay sai?

(1; +0)

a) Ham s6 dong bién trén khoang

b) Ham sb khong c6 gia tri 16n nhét.

¢) P6 thi ham s6 khong c6 dudng tiém can.

d) Ham s6 ¢o hai diém cuc dai va mot diém cuc tiéu.
Loi giai

a) P b) D ¢)b d) S

Tu bang bién thién ta cd: ham so6 ¢6 2 diém cuc tiéu va 1 diém cyc dai.

2x+1

.-1': = \ .
Cho ham so X - 2 C4c ménh dé sau dung hay sai?

a) Do thi ham s6 c6 tiém can dung la X =2,
b) Ham s6 ¢o cuc tri.

¢) Db thi ham s6 di qua diém (53,

4 r = 4} .l g
d) Ham s6 nghich bién trén (-o:2)U (24 ).

Loi gidi
a)b b) S ¢)S d)S
Tap xac dinh: D =R .""{?'}.
. . 2x+1
lim y =lim =+ )
Tacd - =1 x=-2 nén ham s6 da cho c6 tiém can dung 1a X =2,
: Cho ham s6 ¥ =/ ) y4c dinh, lién tuc trén R va c6 bang bién thién

y \‘0/71\“)/'+oo



x —0 1 2 +00

' + 0 — | +
5 6

v

2 -1
Cac ménh d¢é sau dung hay sai?
A 9 r s . 5 A m A ) f.(r}:”r-.']- 4 A N = {:”I<5
a). Tat ca céc gia tri cia tham s6 ™ dé phuong trinh - conghiémla =< =

b) D6 thi ham s di cho c6 hai tiém can ngang 1a cac duong thang =2 y3 ¥ =6,
¢) Ham s6 c6 gié tri 16n nhat bang 6 va gi4 tri nho nhat bang - 1.
d). Ham s6 da cho ¢o dang hai cyec tri.
Loi giai
a)b b) b ¢)S db
Ta co hl}l y=0= =0 khong 1a gia tri 16n nhit cta ham sb.

y=x(1- x)x*+1) ©)

Céu 7: Cho ham s c6 do thi *~7. Cac ménh dé sau dung hay sai?

2) (©) Gt truc hoanh tai 2 diém phan biét.

b) (O Gt truc hoanh tai 3 diém phan biét.

c) ) cit truc hoanh tai 4 diém phan biét.

d) () cit truc hoanh tai 1 diém.

Loi giai
a)b b) S ¢)S d)S
y=x(l- .‘t‘}(.‘f: +l} =0 = ‘lle . . (C) )

Ta co: =" Cahai nghi¢m déu la nghiém badi 1¢é nén d6 thi cat

truc hoanh tai 2 diém phan biét.

vy =ax +3x+d.(a:deR)

Cau 8: Cho ham sb - ¢ d6 thi nhu hinh v&.



Cac ménh dé sau dung hay sai?

2) a>0,d>0
b) a<0,d>0
0) a<0.d<0
d) a>0,d<0
Loi giai
a) S b) S b d)S

Dua vio db thi, taco @ <0:d <0

Céu 9: D6 thi ham s6 * =f(x) =1- x+] cit duong thang * =3tai diém M . Cic ménh dé sau dung
hay sai?

a) OM =410
b) OM =1

d) oM :-Jg

Loi giai

a) D b) S S d)s

Thay * =330 ham sb y=f(x)=1- fx+1 ta duoc: y=£(3)=1-J3+1 =-1

1”(3, - 1)
Suy ra

W|N W]

oM =(3: - )= om =10



(Cl) c p=2x - I+l (CZ)
va

Céu 10: Cho 14 d thi ctia ham sé - 14 db thi cia ham 6 7 =¥ ¥¥*1 Goi 1 13

@) . ()

s6 diém chung phén biét cia va . Cac ménh dé sau dtng hay sai?
a) n =0
b) 7 =1
c)n=2
d) n =3
Loi giai

a) S b) S ¢S db

Xét phuong trinh hoanh do giao diém cua (Cl) va (C2 ):

2y - x+l=x +x+lex-4dx=0e |x=

) . (@)

Vi phuong trinh c6 3 nghiém phén biét nén va ¢6 3 diém chung phan biét.

Vay =3,

14 —_ 3 2 \
CAu 11: Cho ham s6 ¥ =% +hx"+ex+d ¢6 d6 thi nhu hinh vé sau

}!

Céc ménh dé sau dung hay sai?

a)a<(),b<(),c<0,a’>0

b)a>Qb<Qc>Qd<0

c)a>0,b<0,c<0,d>0



d) a>0,b<0,c>0,d>0

Loi giai

a) S b) S ¢)b d) S

lim y =+
+Tacd ~—+ = a>0,

L . . 0;d
+ Db thi ham s cit @Y tai didm c6 toa do )suy rad>0,

. ¥ =3ax’ +2bx+c
+Ta co > Jax bx c

. X, X N 7 <R PR \ A
Goi ™1, 72 la cac diém cuc tri cua ham so.

2b
x +x, =-—=0

-
xx, =—=<0

Dua vao do thi ta c6 3a ,ma @>0 suyyra p<0 ¢c<0,

Vay a>0 b<0 ¢<0 d>0,

. _ax+b

Cau 12: Choham s6 & +d ¢4 @b thi nhu sau.

Cac ménh dé sau dung hay sai?

a) ac=0; bd =0



b) ﬂ'b{ﬂ; L"ﬂr"::['
0) be>0; ad <0

d) ad =0 bd <0

Loi giai
a)S b) S c)b
Theo d6 thi:
y=250 |
Tiém can ngang: ¢ = ac>0 Dodo %° cung dau
.'r:—i}[]:v E{D )

Tiém can dimg c ¢ =cd<0 Dodo 9 trai déu

_O:r-x:-éf.[l:vé‘;() i
Cho ¥ = a a = ab>0.Dod6 %0 cing ddu

Twr va suyra a,d

Tu va suyra b,

x+a
y =

CAu 13: Cho ham sb ~

trai ddu nén ad <0

¢ cung dau nén ¢ >0

x-1 ¢4 @b thi nhu hinh v& bén.

¥ |

Céc ménh dé sau dung hay sai?

a)a>1
b) @ =-3
C)a<-l

d) a =1

d) S



Loi giai

a)S b) S )b d) S
—p[ 1l
Tép xac dinh: D =R )
-1-a
Ta co: Ce- 1) .
Tir hinh v& ta thay: y>0W#le-l-a>0=a<-1

Do thi ham sb cit truc tung tai diém c6 tung do bang 2. Do 6 - @ =2 < a =-2,

ax+b
1: =

Ciu 14: Chohamsdé ~ X¥+C ¢4 d0 thi nhu hinh v& bén.

Céac ménh dé sau dung hay sai?

a)a—ﬁ,h:c =-1
b)n':h:E c=-1
C)ﬂ:—lh:—l c=

Loi giai
a) S b) S c) S db
b6 thi ham sb ¢o:
Tiém can dimg: * =-¢ =- 1< ¢ =L

<A A r =g == 2
Tiém can ngang: * —% =~ <



b
) x=0=y=—=l=b=l
Giao di€ém voi tryc tung: c

Ciiu 15: Cho ham s ¥ =@ +bx" +ex+d o 43 thi nhu hinh v&

A J

Cac ménh dé sau dung hay sai?

@a{&b}QC}&d}D

b)a}&b}&c{&dbﬂ

@a{&b{QC{&d}G

d) 4 <0.b>0,c<0.d >0
Loi giai

a) S b) S S d) P

Do nhanh bén phai ciia d thi di xuéng nén @ <0
D0 thi cét truc tung & phan duong nén @ > 0.
Do thi ¢6 2 cuc tri tai hai gia tri ¥ duong nén phuong trinh y =0 c6 2 nghiém duong phan

bist = 3ax” +2bx+¢ =0 ¢4 2 nghiém duong phan bist.

A'>0 b™ - 3ac>0
2h [b}ﬂ
= {530 = - —=1) =
3a le<0
P>0 ; '
— =0
| 3a
ax+b
y =

CAu 16: Chohams6 =~ X+1 ¢4 dd thi nhu hinh vé.



-—.____“‘
e
A

Céac ménh dé sau dung hay sai?

a) @< b
b) ab<0
c) ab>0
d) b<a<0
Loi gidi
a) S b) S 0D S
a+ ’ a+

lim S = tim —L =0 lim 2 = lim —% =

X T ".+I X J'I+ K== _"I,'+I __—-:I+ ~
Ta co x va x nén ¥ =% 1a phuong trinh

duong tiém can ngang cua do thi ham so.

Cax , Y=2 nan a =2
Dua vao hinh v€ ta thay do thi c6 phuong trinh duong tiém can ngang nen ¢ =<
alO+b
01, x=0; y =1 3o pa A IZD | -0
. 7 nén thay P vao ham so ta dugc: -
b6 thi di qua diém
Vay ab =2>0
§ _ax+4-b

Cau 17: Cho ham s6 - cx+b ¢4 db thi la duong cong trong hinh bén.



e O X

Céc ménh dé sau dung hay sai?

a) a<00<h<d c<0

b) a=0b=0,c<0

c) a=0h=4c=0

d)a}D,D{h{Jﬁ_c{D

Loi giai
a)S b) S ¢S d)b
_ax+4-b b a
y=——"— . . X === y == . .
Tu cx+b suy ra do thi ham s6 co TCD: ¢, TCN: ¢, giao diém cua do thi
SN
véi truc tung va truc hoanh lan luot c6 toa do b Il a -
T<o()
c
b
1-—>0(2)
c
4-b
- >003).
b

Tir db thi ta thay |

Tirtacd 0<b<4 tirtasuyra ¢<0 trsuyra @>0,

Cau 18: Cho ham sé » =@ +bx" +ex+d g 45 hi nh hinh vé.



"

Cac ménh dé sau dung hay sai?

a):?}D,b}D,n-}D,d}D
b) a=0b=0c<0,d =0
c)r?}D,b-:D,a'-:U,d}D
d):?}D,b-:ﬂ,c'-:ﬂ,d{D

Loi giai
a) S b) S b d) S

Dya vio db thi ham bac ba ta nhan xét:

Nhénh cudi d6 thi ham s6 dong bién nén @ >0

D6 thi ham s cat Oy tai diém c6 tung do duong nén 9 >0

Do thi ham sb c6 hai diém cuc trj ndm vé 2 phia tryc tung nén ac <0 = c <0

Db thi ham sb c6 hoanh d6 diém udn duong nén ab <0= b <0

_ax+h

f(x) “ox+d (abc,dER,a<0)

Céu 19: Cho ham s6 ¢6 bang bién thién nhu sau:

Cac ménh dé sau dung hay sai?
a)b>0 ¢c>0 d>0

b) £6<0 ¢>0 d<0



c) <0, ,¢c<0 d<0

d)yb>0 ¢<0 d>0

Loi giai
a)S b) S ¢S db
. ) =250 E>0
Tiém can ngang ctia d6 thi ham so J(x) 3 ¥ =2> ,suyra € . Ma a<0 pgp c<0,
-£>0 i<0
Tiémcéndﬁ:ngle"o,suyra c hay ¢ Mac<0 pgnd>0,

‘ | | Lso 2<o
Do thi ham sb cit truc hoanh tai diém c6 hoanh @6 * >1>0 pgn @ hay @
Do d6 £>0,

Vay b>0 ¢<0 d>0,
v_m:+b
CAu 20: Hinh v& bén 1 d0 thj cia ham s =~ ¥ +d
Ay
/._——._—._:
0 / z
Céac ménh dé sau dung hay sai?
a)ad <0 y3 ab<0
b)bd <0 vy ab>0
cyad >0 y3 ab<0
d) ad >0 y3 bd >0,
Loi giai
a) S b) S c)b d)S
E--=:CI==- b.d

Do thi ham sd cat truc tung tai diém c6 tung d6 4m nén d trai dau.



d
. ) x=-—<0=¢d )
Do thi ham s0 ¢ ti€ém can dung c cung dau.

a
. ) y=—=0= a,c .
Do thi ham s06 c6 ti€ém cén ngang ¢ cung dau.

Suyra b trai ddu voi @697 ad >0 G5 ab<0

Céu 21: Cho ham sé ¥ =/ (%) Jien tuc trén R va c6 dd thi nhu hinh vé.

Y

£
(=]
[~
(2]
E

Goi ™ 14 s6 nghiém ctia phuong trinh ./ () =1 Cac ménh dé sau dting hay sai?

a) M =6.
b) M =7.
c) M =3.
dy m =0.
Loi giai
a)S b) D ¢S d)S

Tir dd thi ham s va phuong trinh /() =1 ¢4 ba 86 thue ©0>€ thoa -1 <a<l<b<l<c
p g

sao cho fla)=f(b)=Fflc) =1, Do do,

flx) =a
ff(x))=l= | fix)=b
flx)=c

Dua vao db thi ham sé ¥ =/ () ta co:

Do - 1<a <1 nan duong thing ¥ =9 cht dd thi ham sé ¥ =/ (%) tai 3 didm phan biét. Do do,

J(X) =@ ¢4 3 nghiem phan biét.



Ta lai c6, | <0 <2 nen duong thing ¥ =0 cit dd thi ham s6 ¥ =/ ) tai 3 didm phan biét
khéc. Do do, f(x)=b c6 3 nghi¢m phan biét khac cac nghiém trén.

Ngoai ra, 2 <€ nén duong thing ¥ =2 cét db thi ham s ¥ =/ (%) tai 1 diém khéc cac diém
trén. Hay f(x) =c c6 1 nghiém khéc cac nghiém trén.

Tir d6, s6 nghiém cua phuong trinh SUC) =11y m=T.

Céu 22: Cho ham s6 ¥ =/ (%) xac dinh trén R va thoa min 2f )+ A= x) =00 g moi* €R_ P} thi

ham sé ¥ =f(x+2) c6 tam ddi ximg ! (a;b). Céc ménh dé sau dung hay sai?
5
a == —
a) 3
3
a=-—
b) 2
5
a == —
c) 2
7
a=-—
d) 3

Loi giai
a)b b) S c)S d)S

xap. 2L O+ f(1-0)=¢ (1)

{ =X thay vao ta co: 2f(x)+ f(l- x)=x

t =1- X thay vao ta co: 2/ (17 %)+ /(%) =(1- x)

2/(x)+ f(1- x) =5 i . : a1
- = 3 f(x)=2x" - (1- x)Y = y=f(x)=x' - x" +x- —

F(x)+2f(1- x)=(1- x)

17

~ % 5 I - -
y=flx+2) —(x+2) - (x+2) +x+2- — =" 457 +9x+—
Xét 3 3

y' =3x +10x+9

¥ =6x+10

y" =0 = x =-

1(a;b)

Led | i

L V=Ff(x+2) 1s 1a A A A 223 £ « A £,
.Taco e }la ham bac 3 nén nhan diém uon la tam do6i xing



Jv : 1 2

Ciu 23: Chohamsé ~ ¥ +2 c6.dd thi C? va diém

! (' 2;2) ST X ” ) . \ 1z e , A A , .
dén ti€p tuyén cua tai M 1a 16n nhat, Cac ménh dé sau dung hay sai?

2) 2x, +y, =

Loi gidi

a) S b) S S d) P

Phuong trinh tiép tuyén cta c) tai M c6 dang diy =yl )y, )

— =X
Yo =
Ta c6 v (x v, )e(c) X, +2
y = _= y'(x,)= 4
. (x+2) (x,+2)
Laico
d:y= 4 Lx-x )+ 'T':'_}
7 T
Do d6 (x, +2) Yo
= d: 31'(.1',:, +2) =4x- 4x, +2x, (.‘l.',:, +2)= d:4x- (.‘u.',:, +2) y+2x; =0
"S- 2(.‘!.'..|+2):+2.‘L}?| |_ 16- Sy | = 5
= d(nd)= ' — = — (r, 42+ 10
JJE +(x, +2) J(.r,:, +2) +16 ' (x,+2)

Ap dung bat dang thirc Cosi ta 6

2 16 2 16
(o, +2y +—— =2 J(x,+2) . ——— =8>0
. J " (_1'.:I+2)' =='ﬂr(f.'.ﬂr)£1

|

(.T.;, +2)
=1 (.T..I +2): :—ItI - . = %o =0
| (o, #2) o (x,42) =4 |x, =4

Dau “ =" xay ra

x, #0 4

ey o =4y =4 2 4y, =4

Baira

2x
M (1) () Gy ?&0). Biét rang khoang cach tir



CAau 25: Cho ham so

y=Ex - —x +0x+m . (o) I (o
Cau 24: Cho ham so 2 (™ 1a tham s6) c6 d6 thi . Biét rang cat truc

hoanh tai ba diém phan biét c6 hoanh dd tuong tng 1a % , %2 , Yoy NSNS cge ménh
dé sau dung hay sai?

l<x <2<x,<3<x
a) ! : :
b) l<x <x,<2<x <3

O<x <lex,<2<x <3
c) : .
d) <l<x,<l<x <2

Loi giai
a)S b) S c)b d)S

Tap xac dinh D =R
x =1
x =2

=4
Cé _1' :3.1-- - g.".""tl’ y :0

Vi ham s6 ¢6 4 =1>0 nen ham s6 dat cuc dai tai X =1 , dat cuc tiéu X =2 va

5
>0 o m+;}0

cat Ox tai ba diém phan biét nén {

(2)<0 3
Mit khéc © f(2) im+2<0
|5
= mE| -_:-2
2
f(\) =x"- Ex: +0x +m ) 0:1) (2:3)
bat 2 . Ham s0 nay lién tuc trén cac khoang =~ va 7", Ta cé:
1(0)=m=< D, f>o nén 7/ 0).r () <0 . Suy ra phuong trinh f(x)=0 ¢6 it nhat mot

(0;1). )

nghiém trén khoang
9
: fB)=m+=>0 - -
1(2)<0, 27 e S @S (B)<0

(2;3).(3)_

. Suy ra phuong trinh f(x)=0 c6 it nhét

mot nghiém trén khoang

N . ~ N
Ti (1), (2)’ (3) tasuvra ST <l<x <2<x <3

uy r.

U (x)c() dao ham f (x) lién tuc trén R . Ham ! (x) ¢ d6 thi nhu hinh v&.

r<l<x, «2<x

X0



Cac ménh dé sau dung hay sai?

2) f(-3)<f(-2)

b) Ham sd J (x)déng bién trén khoang (-oc:- 1).
0 fl0)<f (1).
d) Ham s / (x)dat cuc dai tai ¥ =0
Loi giai
a)S b) S b d)S
X :.".'I
F(x)=0= |x=I
. f e - - -
Tir d6 thi ham so6 J (x)tac() XN g Tl n <l<x <2
Tir d6 suy ra bang bién thién ctia ham s6 f () la:
x —m -1 x 0 1 X 2 +a
f’(x] — 0 + 0 — 0 +

7 (%) \ ) /CB \CT /

’ ’ . A n. [
a) Ham so f(X)nghich bién trén khoang (-o0; ), 3<mi<n = (-3)> £ ( “)_Ch()n S

b) Ham s6 f(x)nghich bién trén khoang (-o0z ), (o= Do ) s, ham sé f ()

dong bién trén khoang (- o0:- D.Chgn S
¢) Ham sd f(x)déng bién trén khoang (x1 2 ), 5 <0<l= f )</ (I). Chon D



d) Qua ¥ =0dao ham /&) khong d6i ddu nén * =0 khong 1a diém cuc tri.Chon S

‘Dang ©: Cau trac nghiém tra 16i ngan

Céu 1: Cho ham s6 ~ =f (x)c() bang bién thién nhu sau:
x| —o -2 0 2 ~+oo
v + 0 - 0 + 0 -
5 i

’ v () T —
So6 nghiém thuc cua phuong trinh 2/ (x)-7=0 la
Tra loi:4.

Loi gidi

. 21 (x)- 7= . . 3 cy=f(x
S6 nghiém thuc cta phuong trinh 2f(x)-7=0 chinh 1a s6 giao diém cta d6 thi ham s6 y=/) va

S
duong thang 2.

=f(x)

o

S . s Y .
Puong thang cat do thi ham s6 ) tai 4 di€ém phan biét.

Cau 2: Db thi ham s ¥ =¥~ D™ - 4x+4)

¢6 bao nhiéu diém chung véi truc Ox ?
Tra loi: 2.
Loi giai

Phuong trinh hoanh d6 giao diém cua dd thi ham s6 * =(x= Da”= 4x+4) o5 Ox.

(x=1)x" - 4x+4)=0

X

1
=
2

X

r=(x- 1) (x7 - 4x+4)

Vi phuong trinh hoanh d6 giao diém cua d thi ham s6 * va Ox ¢4 2 nghiém nén s6

diém chung cuia dd thi voi truc Ox 13 2.

s 19
) _1'=L+.1"— 2x +1 . ) ) i M§35
Cau 3: Cho ham so 3 c6 do thi. Phuong trinh ti€p tuyén cua tai diem la



}!:x- —

[

Tra loi:

Loi giai

yq(1)

yi=x* +2x- 2 y
- suy ra

5
ol
Ta co 381y

=1 . Phuong trinh tiép tuyén tai

1 2
v=1Ilx- I)J+=—=x- —
y=1(x- 1) 3 3

Céu 4: Cho ham bac ba =0 6 a8 thi trong hinh bén. 86 nghiém cua phuong trinh () =2 1a

[}

Y

Sy

Tra 1oi:3.
Loi gidi
F(x)=2 y=1(x)
Ta c6: sb nghiém ctia phuong trinh bang sb giao diém giira dd thi ham sb va

y=2
duong thang

Dua vao hinh v&, hai d6 thi cit nhau tai 3 diém phan biét.



() =2
Vay phuong trinh c6 3 nghiém.

=/ (x) va Y =g(x)

A I A , < 3A 1s1a £V M £ N ) \
Cau 5: SO giao diém cua hai do thi ham s6 - bang s6 nghiém cua phuong trinh.

Tratoi:) (x)- g(x) =0

Loi giai
S5 giao diém cita hai d thi ham sé ~ =/ @), =gl

f(x)=gx)e flx)- g(x) ZE}_

bang s6 nghiém cua phuong trinh hoanh d6
giao diém -

a A ol ‘R 5 A P Lo = * . = +
Cau 6: SO giao diém cua do thi ham so y=amsoam 44

vo1 truc hoanh 1la.
Tra loi: 4.

Loi giai

oS0 |F T e ['T :in'!
Xét phuong trinh =4 x==
Vay s6 giao diém 13 4.
Aris A VP=X=3x -2 . \ . Ca ge R
Cau 7: Do thi ham so y=xn- 3x cat truc hoanh tai bao nhi€u diem?

Tra loi: 2.
Loi gidi

Xét phuong trinh tuong giao:



X 34417 >0

- 2
2 = +

| ﬁ E :3 ""“?.;[jax:+ 3+417
xT=3x-2=0 2 2

< ax Xqers . A V=x-3x"-2 \ S a2 A
Twr d6 suy ra d6 thi ham so - cat tryc hoanh tai hai diém phan biét.

3x+1
'1.‘ = N _

Cau 8: SO giao diém cua do thi ham so X-3 vaduong thing ¥ =3 1a

Tra 16i: 0 .
Loi giai

Ix+1 (3x+1=3x-9
— =

=3 ..1':.-&3

= 1=-9G1)

Xét phwong trinh hoanh d6 giao diém:

_3.=:+1

\ I3 .1: 9 J— >
Vay do6 thi ham s6 X- 3 va duong thing ¥ =3 khong c6 diém chung.

Cau 9: D) thi ham sb * =x'=3x-3 o4 truc tung tai diém c6 tung do
Tra loi: ¥ =73
Loi giai
Cho * =0= y=-3 .
-3 ‘

Suy ra dd thi ham sb da cho cét truc tung tai diém co tung do Y=

Cau 10: Cho dd thi ¥ =/ () Tim ™ dé phuong trinh fe+l=m .4 dung 3 nghiém?

y

Y

Traloi:-3<m<1,

Loi giai



Ta c6: flx)+l=m= flx)=m-1
S6 nghiém cia phuong trinh -/ () +1=m bing s6 giao didm ciia dd thi ¥ =/ (%) va duong thing
y =m- l.
y
0 3

/y=m-1;
IRV,

Dua vao db thi, ta c6 ycbt = -4 <m-1<0< -3<m<I_Chon dap 4n

=)

Céu 11: Cho ham s6 lién tuc trén R co bang bién thién sau

C6 bao nhiéu gia tri nguyén ctia ”* dé phuong trinh S G =m c¢6 nghiém duy nhét?

Tra loi: 7 .

Loi gidi
Phuong trinh ¢6 nghiém duy nhat © d thi ham sb ~ =f () va duong thang ¥ =" c¢6 diing mot giao
m =2
= : B l
didm -S5<m=

med= mE: 2o e I;D;I;

=f(x)

Céu 12: Cho ham s6 -~ nhu hinh vé& bén. Tim " dé phuong trinh fx)=m c6 3 nghiém phan biét.



2 &

Traloi:-2<m<2,
Loi gidi
Phuong trinh / (*) =" 13 phuong trinh hoanh d6 giao diém ciia hai db thi.
+ ¥ =/() nhy hinh vé trén,
+ Y =" 13 duong thang song song hay tring véi truc Ox .

Pé phuong trinh 7 *) =" ¢4 3 nghiém phan biét thi hai dd thi ¥ =/ (*) ¥ =7 pnai 4t nhau tai 3 diém

phan biét = -2<m <2,

y=x -2x +3x-1

Cau 13: Tiép tuyén ciia dd thi ham sé tai diém c6 hoanh do ¥ == 1 ¢6 hé sé goc

k bang
Tra 16i: 10,
Loi gidi
TXb: D =R,
Ta ooV =3x - 4_1'+3.

Hé sb goc ctia tiép tuyén 1a k=yD=3.1r-4.CD+3 50

X -x-2

'1 - b r r b 2
Cau 14: Cho ham s6 x= 3 ¢6dothi (C) Co bao nhiéu tiép tuyen cta do thi (c) di qua diém

A(4:1),
Tra 1oi: 2 .

Loi giai

+) Téap xéc dinh cua ham )



{E.T- ”{.T- 3)- {.‘l.':- X~ 3) =_~L-3_ fx+5

v (x- 3) (x- 3)

+) Phuong trinh tiép tuyén ctia (c) tai diém M (%3, ):

Uy="__"08_" (x- x )+ 2+ —" =
y= }'CII.T,:, H.‘r— x, )+ J'{.T,:, ) {.T,:, - 3) ' x,- 3

(C) A(4:1)

+) Tiép tuyén cua do thi di qua diém nén ta co:

r- 2

x5 -

- bx, +5 :
- 3

{.‘L',:,- 3}:
{.‘I.',:,:- O, +5}{4— .‘l.',:,}‘l"{.‘l.',:,- 3}{.1‘,:,:— X, - 2}
{.T,:,- 3}:
U 4x

G- ox - 24x, +06x,7 +20- Sx, +x"- x7- 2x,- 3x,7 +3x, +0=(x,- 3]:

X,

.{4— X, ]+

2

Usx’- 220, +17=0 g~ 5

=1 =1 (C)

+)Véi T tacé Yo T . Phuong trinh tiép tuyén cia

M, (1) 4.

tal

‘1'=f1'd{|]{x— 1)+1U ‘1'=|.

;
17 T ) 778

J‘ - s r r = ' = 5
+) Véi "s ,taco T5 Phuong trinh ti€p tuyén cua (c) 5 38y,

. a - o]
v @B UGG o 18T
5 5@ 5 5 5 U yp=-24x+97

(C)

tai

A(4:1)

Vay ¢6 2 tiép tuyén cta do thi di qua diém .

14 4 N 4 —_ 3 9 9
Cau 15: Tiép tuyén cua dd thi ham s ¥ = tai diém c6 hoanh do O 1a duong thing
Tra 16i: ¥ =Y.
Loi giai

Ta co v(0) =0:

y =3 = 3(0)=0



Phuong trinh tiép tuyén la: =0(x-0)+0 & y =0,

_2x7-2x+43

A . 2 d:v:.}r-p]_ Z X . (C) N N X Y= _I . . 4.2 A v n
Cau 16: Duong thang “ - cat do thi cua ham so x tai hai diém phan biét
4.8 Tinh do dai 4B
Trd loi: 4B =410

Loi gidi
Xét phuong trinh hoanh d¢ giao diém:
2x7 - 2x 43 [x #1 [x #1 x=2= y=7
—  =ilx+le . . = ~| . = “
x-1 |2x" - 2x+3 =3x" +x- 3x- 1 x"-4=0 x=-2= y=-5

Goi A(2:7).B(- 2:-5)= 4B =4 +12° =44f10.

_ax+l

H

Chu 17: Choham s6 = Dx- 2 ¢4 dd thi nhu hinh vé. Tinh 7 =a +b

Traloi: 7 =2
Loi gidi

o 2a- b
(bx- 2

*)

Dura vao d0 thi ham s = ham s6 nghich bién trén tap xac dinh = ~2a- b <0

Db thi c6 hai dudng tiém can: ¥ =2 va ¥ =1,



a

T

£ PF

b )

3k
Khi dé Thoaman = ~. Vay T =2,

Céu 18: Cho ham sé * =f () lién tuc trén [_ % 2] va ¢ do thi nhu hinh vé bén.

VAR
1

3f(x)-4=0

S6 nghiém thuc cta phuong trinh trén doan [- % 2] la

Tra loi: 3.
Loi gidi

. . 4 4
3f(x)-4=0= f(x)=— . ) L v Ly =f(x)
Ta co6 3 . Dya vao do thi, ta thiy duong thang =~ 3 cat - ’

phan biét nén phuong trinh da cho c6 3 nghi¢m phan biét.

tai 3 diém

x-3
. . : = Lok VT A
Cau 19: Tim diéu kién ciia 7 dé duong thang ¥ =7+ 1 ¢4t dd thi ham s = X+ tai hai diém phan
biét.
T tois (7 0) U (16 420)
Loi giai
x-3
. =mx +1
Hoanh d¢ giao diém la nghiém cta phuong trinh: *+ l
x=3 =(mx+1)(x+1) o [mx® +mx+4=0 (*)
|x #- 1 x#-1
x-3
2 \ 2 v=mx+1l L. 3X 11 AJ/:. . . 2:2 A A \ \ *) . .
bé duong thang -~ =% cat do thi ham so x+1 tai hai diém phéan biét thi phwong trinh c6 hai

A>0 fm:—lmn}[]

| 1) +mCDeaz0 *
= = =2 h
nghiém phan biét khac - | hay m o T 4 =0



= me(-ow0)u (IG.{+1‘).

2x-1
A \ A r = - +1 J A . (C) \ \ <
Cau 20: Cho ham s6 X c6 do thi va duong thang

diy=2x-3 Puong thing @ cét ©

tai hai diém phéan biét 4 va B . Toa d¢ trung diém cua doan 48 1a:

M"i;-i
2772

Tra loi:
Loi gidi

'}T_

=2x- 3 )

Phuong trinh hoanh d6 giao diém la: x+1 . Piéu kién X #I.

x=2

(De 2x-1=(x+1)2x-3)e= 2x"-3x-2=0 =

X ==

b | =

Ta co

Goi M 1a trung diém cta doan 458 .

V| =
v = | 2] 3, ¢ .3=23.3=.3
Taco 2 4 4 2
7 M| 3.2
Vay toa do trung diém cua doan 4B 1a: 4 2
, 5 \ ;= e o Y , —
Cau 21: S6 giao diém dd thi hamsé * =% =% 7 < va duong thing ¥ ~ 2 1

Tra loi: 3.
Loi giai
e | —_
=X -x-2 s y=-2

N A . . R 5 A PRI Al
Hoanh d6 giao diém cua do thi ham so -

Ta c6 phuong trinh hoanh d6 giao diém:

x =0
—
ex-2=-2 e x'-x' =0 x ==
U L y=xexr=2 | yp=- 0 . .2
Vay do6 thi ham s6 R R 2 cat nhau tai 3 dieém.
A oav=fG) o R\-1 x. .
Cén 22: Cho ham s6 ¥ =/ ) xac dinhtrén ' 7 lian tuc trén mdi khoang xac dinh va c6 bang

bién thién nhu hinh v&. Tim tap hop tit ca cc gia tri ctia tham sb thuc 7 sao cho phuong trinh

Y e
fx)=2m- 4 c6 ding 3 nghiém thyc phan biét.



X —00 -1 3 + 00
y + - 0 +
2| +©° +00
y / \ /
— 00 -4

Tra loi: (0;3).

Loi giai

)=2m- 4 =f(x)

S6 nghiém cta phuong trinh S chinh 12 s6 giao diém ctia d6 thi ham s6 Y va duong

)=2m-

thing ¥ =2~ 4 Do do cho phuong trinh / 4 06 ding 3 nghiém thyc phén biét khi va chi khi

dudng thing ¥ =2~ 4 ¢4t dd thi ham s6 tai 3 diém phan biét.

vy =f(x)

Quan sat bang bién thién ta thiy do thi ham s6 -

phan biét khi va chi khi -4 <2m- 4<2= 0<m <3

2m-4

va dudng thang ¥ = cit nhau tai 3 diém

r==2x+m

Ciu 23: Tap hop tit ca cac gi tri thuc cta tham sé ™ dé duong thang * cit d6 thi ham s6

x+1
y =

"~ X~ 2 tai hai diém phan biét 1a.

(- oz5- 246 U (5+ 26 4)

Tra loi:

Loi giai

x4+
“2x+m=—— 2

. \ - = 23 - B+mlx+2m+l = L
Xét phwong trinh: x-12 v - Bem)x+2m+1=0 voi ¥ #2,

Yéu ciu bai toan © phuong trinh ¢ hai nghiém phén biét khac 2
(A =m’-10m+1>0
227 - B+m)2+2m+120 = mel-o5- 246) U (5 +246;4)
A \ Ay:f(x) T T ~ ['2,2] N 7 2R 1c 1A \ \
Cau 24: Cho ham so J xac dinh va lién tuc trén doan va c06 do thi 1a duong cong trong hinh

. ) . . ; () =m . . N ,
v€ bén dudi. Xac dinh gié tri cua tham s6 m dé phuong trinh “f )| c6 s0 nghi¢m thuc nhiéu nhat.



A Y
f1 ——————
—2/ L/
P [—1O v 2 T
T
------ — 4
Tra loi:6.
Loi gidi
Chon B
Dua vao db thi ta c6 dd thi cia ham sé ~ :‘j (”r)| la:
o
________ ) C
2t | PV x
HE S
s

Tir db thi ta thiy rang, vi m thoa O <7 <2 thj phuong trinh "f ‘71 " 6 sb nghiém nhiéu nhat 1a 6.

v =f (),

Cau 25: Sau déy 1a bang bién thién ctia ham s -

e
i
=

|
o=
|

e
(7%
+
3

. . 21/ (x)-3=0
SO nghiém cua phuong trinh |"f G 1 la

Tra loi: 4 .



Loi giai

3
— |_f(‘l.)| :% - Fa

2|f (x)- 3=0 A

b | e

Ta co:

Duya vao BBT suy ra:

3
}{ I (T} = 5 =
Vi 2 Phuong trinh c¢6 3 nghiém phan biét.

==

fx)=-
Voi

b | e

Phuong trinh ¢6 1 nghiém phan biét.

21/ (x)-3=0
Nén |'F (11 c6 4 nghiém phan biét.

CAu 26: Cho hamsé ¥ =% * 30T M Ty cae gia tri cia M dé @6 thi ham sb J(X) ¢t truc hoanh tai

3 diém phan biét?

Tra 1oi: ™ €(0;4)

Loi giai

Taco Y =3x" +6x, y' =0 x =0 hodc * =2

. r oy (0 (=2 — .
Ham sé c6 3 nghiém phan biét khi Yo, Vep €0 p(0)p(-2)<le= -m{4-m)<l=0<m<d,

x+1

y —_—

Cau 27: Biétdd thiham s6 = 1= X va dudng thing ¥ =~ ¥ +2

cit nhau tai hai diém phan biét 4 va B,
tim tung d6 trung diém 7 ciia doan thang AB.

Tra 1oi: :0.

Loi giai
T+

. —==x+2e x - 4x+1=0
Phuong trinh hoanh d¢ giao diém: - x

x+1
- ay - " 12 9 \ 1—1)_— 2 R
Goi 4G, 80 y,) la giao diém cua d6 thi ham s6 I- X va duong thang ¥ = * 7+ 2
'.TI +x, =4 '_TI +x. =4
- 2
y o+, = +x,)+4 v +y, =0

Ta co:



:—-}JI +-]IJ: :D

I3 > 1
I 1a trung diém cua doan thang 4B nén 2

k]

Cau 28: Trong 20 phut theo doi, luu lugng nude ciia mot con song dugce tinh theo cong thirc

Q(t )=_?1 t*+5t*+100, trong d6 Q dugc tinh theo m*/¢, phit, t tinh theo phiit, 0<t <20 (Ngudn: A.

Bigalke et al., Mathematik, Grundkurs ma-1, Cornelsen 2016). Khi luu lugng nudc cia con song 1én

dén 550 m®/¢ phut thi canh béo lii duge dua ra.

Trong thoi gian theo doi, luu lwong nudc cia con séng 16n nhat 1 bao nhiéu? Canh bao li dugc dua ra

vao thoi diém nao?
Tra 10i: tai thoi diém t €[15;5+5 V7 | phat thi canh bao 1 dugc dua ra.
Loi giai

Xét ham sb Q(t):_?lt3+5t2+100 vé6i t €[0;20].

Q(t)=0= —%t2+10t=0 - t=53—0 hodct ¢ 0.

Bang bién thién ctua ham sb trén doan [0; 20] nhu sau:

t |0 2 20
3
Q1(t) + 0 &
15200
27
Q(t)
100 500




. Z ) 15200 . 50 ,
Ttr bang bién thién suy ra [max] Q(t)= T t= 3 tirc 12 Ivu luong nude ciia con song 16n nhat 1a
0,20

15200 e 50
ETH m®/{ phut tai thoi diem (=" phat,

Canh béo lii duoc dua ra khi luu lwong nudc ctia con song 1én dén 550 m’/¢ phit, tirc 1a Q(t)>550 =

t<5-547
15<t<5+5v7

_?lt3+5t2+1002550 - —%t3+5t2+45020 -

Lai c6 t €[0;20] nén 15<t<5+57.
Vay tai thoi diém ¢ €[15;5+5+/7] phat thi canh bao li dugc duwa ra.

Cau 29: Khi mot vat la mac ket trong khi quan khién ta phai ho, co hoanh diy 1én trén gay ra ting ap
luc trong phdi, theo d6 cudng hong co thit 1am hep khi quan khién khong khi di qua manh hon. Déi véi
mot lugng khong khi bi day ra trong mot khoang thoi gian ¢ dinh, khi quan cang nhé thi luéng khong
khi cang day ra nhanh hon. Van téc ludng khi thoat ra cang cao, luc tac dong 1én vat la cang 16n. Qua
nghién ctiru mot sb trudng hop, ngudi ta nhan thiy van tdc v ciia ludng khi lién hé véi ban kinh x cia

khi quan theo cong thtrc:
V(X):k(XO—X)X2 vGi %XOSXSXO. Trong d6 k 12 hiang s6 (k>0) va x, 1a ban kinh khi quan ¢ trang

thai binh thudng. Tim x theo X, dé van toc ctia ludng khi mot con ho trong truong hop nay 13 16n nhat.
e 2
Tra loi: X=-X,.
3
Loi giai
r \ A 2 4. L 4. . 1
Xét ham so f(x):(xo—x)x Vo1 X, ¢0 dinh va EXOSXSXO.

Do k la héng s6 nén vén tdc cua luéng khi mot con ho 16n nhét khi f ( x) dat gid tri I6n nhét.
Taco f(x)=—x"+x,x*;

f(x)=—3x"+2x,x
f(x)=0 = x=0 hoac x:§x0.

Bang bién thién:



1 2
X jxﬂ ?X o X,
f'(x) + 0 -
5%)
(3 )
Z 2
Duya vao bang bién thién, ta c6 maxy, f(x)=f 3 %0
5 X0%o

. \ ‘ . 2
Vay van toc cia luong khi mdt con ho 16n nhat khi x= 3 X.

Céu 30: Anh Nam c6 mot manh dat rong va mudn danh ra mot khu dét hinh chit nhat c6 dién tich
200 m’ dé trong vai loai cdy méi. Anh duy kién rao quanh ba canh ciia khu dat hinh chi nhat nay bang lu6i
thép, canh con lai (chiéu dai) s€ tan dung buc tuong co san (Hinh 1.36). Do diéu kién dia li, chiéu rong khu
dat khong vuot qua 15 m, hoi chiéu rong ctia khu dat nay bang bao nhiéu dé tong chiéu dai ludi thép can
dung 1 ngén nhét (nghia 1a chi phi rao ludi thép thip nhat)?

TR ) ) B g jr==s

Hinh 1.36

Tra loi: 20m

Loi gidi
Goi x( m) 1a chiédu rong cta khu dét hinh chir nhat can rao.
Theo dé bai, ta ¢6 0<x<15.

Dién tich khu dat nay 12 200( m?| nén chidu dai cua khu dét 1a %( m).

, " . . 200
Tong chiéu dai ludi thép rao quanh khu dat 1a L ( x)=2 X+T( m )



Xét ham sé: L(X)=2X+¥, véi x€(0;154.

, 200 2x°—200
Taco: L (x)=2— = X —;
X X

L'(x)=0+x=10( do x>0).

Ta Cé. llm [JX - OHL(X):hm L‘Ix~0“[2x+200\’:+mk,£'(‘)ZJ;
L(10)=40
L( 15):@.
3
Béng bién thién:
x |0 10 15
L'(x) - 0 4

Foo 130

L(x) \ //" 3

Duya vao bang bién thién, chiéu dai ludi thép ngan nhét 1a 40 m khi chiéu rong khu dat nay 1a

40

x=10( m) (va chiéu dai 1a %zzo( m).

Cau 31: Gia st s6 lugng ctia mot quan thé ndm men tai moi truong nudi cdy trong phong thi nghiém duoc
. . a . , M .\ T RIPTy- A
mo hinh hoa bang ham s6 P (t)= bie 070 trong do thoi gian t dugc tinh bang gio. Tai thoi diém ban dau
e
t=0, quan thé c6 20 té bao va ting véi tbe do 12 té bao/gio. Tim cac gia tri ctia a va b. Theo md hinh nay,

di€u gi xdy ra v61 quan thé nam men vé lau dai?

Tra 1oz 100 té bao.

Loi giai

: 0,75aa >
Ta co: P (t)=">————-,20,
aco (b+670,75t)2

Theo dé bai, ta c6: P(0)=20 va P'(0)=12. Do d6, ta c6 hé phuong trinh:



9220 [a=20(b+1)

b+1 15
0,75a ——=12
: =12 )
(b+1)2 b+1

. 1
Giai hé phuong trinh nay, ta dugc a=25 va b= 7

18,75 7
. , ): - 5 2 >O > V t Z 0 I N A A A A A -
Khi do, 1 PSR , trc 1a s0 luong quan thé nam men ludn tang.
4
. . 2 ..
. n llmCta_'_mP(t):hm(Jta+m—5:10066 ~ X A ) X o
Tuy nhién, do 1 PSR nén s6 lugng quan thé nam men ting

nhung khong vugt qua 100 té bao.

CAau 32: M6t nha san xuit can 1am nhiing hop dung hinh tru c6 thé tich 1 lit. Tim cac kich thudc cua hop
dung dé chi phi vat liéu dung dé san xudt 12 nho nhét (két qua dugc tinh theo centimét va 1am tron dén chir

s6 thap phan thi hai).
Tri 1oi: 10,84( cm)
Loi giai
Doi 1 1it ¢ 1000 cm’.
Goi r( cm) 1a ban kinh day cta hinh try, h( c¢m) 13 chiéu cao cta hinh tru.
Dién tich toan phan cta hinh tru 13: S=2 7 r*+2 nrh.

, 1000
Do thé tich cua hinh tru 12 1000 c¢m® nén ta c6: 1000=V =mur’h, hay h= 7
n

, >0,

A 2
Do d0, dién tich toan phan cta hinh tru la: S=27n r’+ OrOO

Ta can tim r sao cho S dat gia tri nho nhét. Ta cé:

3
_20(2)0:47'”‘ 22000;5'204:»711”3:500@1”:3&7{0.
r r

S=4nr

Bang bién thién:



. 0 ,1500 o
T
S'(n - 0 +
S|+ +oo
\ sl @ /
T
he 1000 _ 1000 _ 100
Khidé:  nmr®  ,[250000 +/2507.
T o
Vay can san xut cac hop dung hinh tru ¢6 ban kinh day r= 3500 =5, 42( cm) va chiéu cao
i
100
h= ~10,84( cm).
J250
X

2 N r )/ ’ 2 | — - . .
Cau 33: C6 bao nhiéu gia tri cia ™ dé do thi ctia ham so - x cat duong thang ¥ =%~ ™ tai hai

A, B 536 cho goc giita hai duong thing O4 va OB bang 60° (Ola gbc toa d6)?

diém phan biét

Tra loi: 2.
Loi gidi

Phuong trinh hoanh d6 giao diém ctia hai d thi:

X

=x-me x° - mx+m =0 (¥)
I-x (* =1khong l1a nghiém ctia phuong trinh)

. m=4
A=m -4dm=0«=

Hai db thi cit nhau tai hai diém phan biét 4> 2 khi: m<0

* +x, =m,xx, =m

- X, X,y A N ‘A 5 , X J
Goi "1°72 lan luogt 1a nghiém cua thoa ™' 2 ,

Kkhi d6 A(.T,.j.r, - m), B(.T:.f X, - m).

|.‘l.'| w4 g - m)(y, - ml |2.‘r, .‘l.'zl |Em|

J.r,: +(.‘r, - m): .~J.‘I.':: + (.‘I.': - m): X' xy  om-2m

cos(0A4, 0B) =

Theo dé bai ta co:



2 1
- =—.,m =1
|~*’”| I m=-2 2

L]
EDS(R‘.‘IU :l:ﬁ— = = =
m - 2m 2 2 1 m=-2
=-—m=10
m=2 2

m =0

Khi do
Vay c6 2 gia trj 7 dé hai db thi cit tai hai diém phan biét A.B g6 cho goc giita hai duong thing O4 va
OB bing 60"

4 2
=3x" - 4x

Cau 34: Mot duong thing cit dd thi ham sé ¥ tai bon diém phan biét c6 hoanh do

0:1;a;b pion S =ab-a-b

2
S ==
Tra loi: 3

Loi giai

C) p=f(x)=3x" - 4

cua ham so0 - 4, B

Puong thang d c4t @6 thi ( lan luot tai cac diém c6 hoanh

46 %1 nen:
~ A4(0:0). B(L:- 1).

y=-x

Suy ra phuong trinh duong thiang < 1a:

Phuong trinh hoanh d giao diém cua ¢ va (C): 3x' - 4y =-x

e 3x' - 4x" +x =0
e x(3x" - 4x+1) =0
= x(x- 1)3x +3x-1) =0

=0
x =1
x =0 !
= | x-1=0 = _1.:'3"{37
. 0
3x" +3x-1=0
1__—3+ﬁ
] 0
3. , 3 2
a= 3 m;h:3+ﬂ:'5:ﬂb-ﬂ-b::
T d6 suy ra 0 0 3.

Nhdn xét: Do biéu thuc S d6i xtmg nén ta c6 thé ap dung Dinh 1i Viet dé tinh nhanh hon



1
. ab=-—1a+b=-1
Cu thé: Vi % P 13 nghiém ctia phuong trinh 3" +3x- 1=0pgp

S =ab-a-b=ab- f_ﬂ+h}=-|§- (-1)=

L | b

Twr 6 suy ra
Tai liéu duogc chia sé bdi Website VnTeach.Com

https://www.vnteach.com
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