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TRUONG THCS POAN THI PIEM PE CUONG ON TAP HQC KI I
Nim hoc: 2017 — 2018 MON: TOAN KHOI 9

PHAN 1. MUC TIEU

a) Vé kién thirc

- HS duoc 6n tap cac kién thirc vé ham s6 bac nhit, ham sd bac hai

- On tap cho HS cac bai tip giai toan bang cach 1ap phuong trinh (gém ca giai toan bang
cach 1ap hé phuong trinh)

- On tap cac kién thuc vé hé thirc lugng trong tam giac, tiép tuyén ctia duong tron, goc lién
hé véi duong tron, kién thire hinh khong gian.

b) Vé ki ning

- HS dugc rén luyén thém ki nang giai phuong trinh, gidi hé phuong trinh, 4p dung h¢ thuc
Vi-ét vao viéc giai bai tap

- Tiép tuc rén cho HS ki nang phan loai bai toan, phan tich cac dai lugng cua bai toan, trinh
bay bai giai.

c¢) Vé thai do

- Rén tinh kién tri, can than

- Thay rd thuc té ciia bai toan

PHAN II. NOI DUNG ON TAP

A. LI THUYET

I.  DAISO

- Hoc thudc cac khai niém: ham sb bac nhat, bac hai

- Hoc thudc cac dai budc giai bai toan bang cach 1ap hé phuong trinh, phuong trinh bac hai

- Hoc thudc cong thic nghiém tong quat, cong thirc nghiém thu gon

- Hoc thudc hé thirc Vi-ét va diéu kién vé dau cac nghiém cua phuong trinh bac hai.

1. HINHHQC

- Hoc thugc cac hé thirc lugng trong tam giac vudng, ti sO luong gidc cua goc nhon

- Hoc thudc cac khai niém: Géc & tam, goc ndi tiép, goc tao boi tia tiép tuyén va ddy, goc
c6 dinh bén trong, bén ngoai duong tron.

- Hoc thudc cac dinh 1y vé tinh chit cua cac loai gbc trén ddi vai duong tron

- Hoc thudc cac cach ching minh tir gidc noi tiép

- Hoc thudc cong thirc tinh d§ dai cung tron, duong tron, dién tich hinh quat tron

- Céc khai ni€m hinh cong gian, cong thirc tinh SuarSpV cua hinh try, hinh lang try, hinh
chop, hinh noén,...
B. BAI TAP

Dang 1: Todn tong ho’p vé rit gon
. ‘ 1 2\
Bai 1: Cho bidu thite (Ja-1 aJa+ya-

a) Rut gon P b) Tim a sao cho P > 1 ¢) Cho a=I9- E\E.TinhP

P =|1

a+]
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WX +264/x - 19 24x  fx-3
. P= - +
Bai 2: Cho biu thirc x+24dx-3  Jx-1 Jx+3
a) Rat gon P b) Tinh gi trj cta P khi X =7- 43
c¢) Vi gié tri nao cua x thi P dat gid tri nho nhat va tinh gié tri nhé nhat.
’f+~j_ Vx o ax+2dx-4 | 2 Jx +3

P= : )
A 2-Jx ” X - 2 - Y fx -
Bai 3: Cho biéu thae ' © + X- 4 2-Jx  2Jx-x

a) Rut gon P b) Tim cac gia tri cia x d& P> 0
c) Timcacgiatrictaxdé P=-1

d) Vi gia tri nao cua x thi ‘P‘>
IR CE W S
3dx -1 3Wx+1 9x-1

P=—
a) Rut gon P b) Tim céc gia tri cia x dé 3

24/x o], Vx
P = \!— ]-J_ I : ]+m
Bai 5: Cho biéu thuc | XVX = XFX - X o
a) Rut gon P b) Tim céc gia tricuiax dé P <0
Jx _'JE+3 J;+" J;+2
Jx +1 ',J_-‘r 3-Jx  x- SYx+6

Bai 4: Cho biéu thirc

P:‘l-

Bai 6: Cho biéu thirc
a) Rut gon P q
b) Timcac gidtrictiaxdée P <0

. . X X s g . ~ P(-J;+])=111{x+]}-
¢) Tim cac s0 m dé c6 cac gia tri cua X thdéa man
d) Vi gié tri nao cua x thi P dat gid tri nho nhat? Tim gié tri nho nhat ay
Dang 2: Cdc bai todn lién quan dén phwong trinh bdc hai mgt an va hé thirc Vi-ét

Bai 7: Cho phuong trinh X - 4x+m- 1=0
a) Giai phuong trinh véim=-11

X, X" +x,” =10

b) Tim m dé phuong trinh c6 hai nghiém *1>*2 théa man
¢) Tim m dé phuong trinh c6 hai nghiém duong
d) Tim h¢ thuc lién hé doc 1ap gitra hai nghi€ém cta phuong trinh

Bai 8: Cho phuong trinh (m- Dx* - 2mx +m - 250 (x 12 4n)

a) Tim m dé phuong trinh c¢6 nghiém x = - 2. Tim nghi¢m con lai
b) Tim m dé phuong trinh c6 hai nghi€ém phan biét

c) Tinh *1 TEXY XX theo m.

d) Tim m dé phuong trinh c6 nghiém trai dau
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Bai 9: Chophuongtrmh x* - 2(m+1D)x+m- 4 =0

a) Tim m dé phuong trinh c6 hai nghiém trai dau
b) CMR phuong trinh c6 nghiém phén biét vo1 moi m

¢) Chimg minh biéu thire M =X, (1= x,) +x,(1- x,) khong phu thugc m
d) Tim h¢ thuc lién hé doc 1ap gitra ha1 nghlem cua phu’O‘ng trinh

X5 - 2x, =1

e) Tim m dé phuong trinh c6 hai nghiém *1°*2 thoa man *

Bai 10: Cho phuong trinh * ~ 4x +m +1=0(I)
a) Giai phuong trinh (1) khim =2

b) Tim gia tri cia m dé phuong trinh (1) c6 hai nghiém
x,” +x,” =5(x, +x,)

X13X1 thoa mén dang thic

¢) Timm dé phuong trinh c6 nghiém kép
d) Tim m dé phuong trinh c6 hai nghiém duong

¢) Tim m dé nghiém *>*2 clia phuong trinh thoa man X, - 3x, =6
Dang 3: Cdc bai tip vé hé phwong trinh béic nhdt hai dn
Bai 11: Giai cac h¢ phuong trinh sau
114 L2,
3x- 2y =10 X y 5 X+y X-y
{3x+:~ =3 > 111 |5 4
9 — X-—y =3 x v % ) =3
a) 2x- y =7 b) L 3 3 0) Xy 2 d) X+y X- ¥
(a+1)x-y=3
ax +y =a

Bai 12: Cho hé phuong trinh *
a) Giai h¢ phuong trinh voia=-2 ,
b) Xéc dinh gia tri ciia a dé hé c6 nghiém duy nhat théaman x +y >0
X-ay=a

Bai 13: Cho hé phuong trinh 1[“ +y =l
a) Chung nqﬁnh rang h¢ luon c6 nghiém véi moi a
b) Tim a dé h¢ c6 nghiém théoa man x > 0;y >0

Dang 4: Cdc bai todn vé ham sé bc nhét va do thi ham sé ¥ =% (a=0)

(P):y =ax

Bai 14: Trong cung mot h¢ truc toa dd cho parabol va duong thang

(D):y =kx +b
a) Tim k va b biét rang (D) qua hai diém A(1; 0) va B (0; -1)
b) Tim a biét rang (P) ti€p xtc vdi (D) vira tim dugc cua cau trén
c) V& (D) va (P)) vira tim duoc
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3
C| —;-1
d) Goi (d) la duong théng qua diém va c6 hé s6 goc 1a m. Chimg to rang qua diém

C c6 hai dudng thang (d) tiép xuc v6i (P) & cau b va vudng goc véi nhau

Bai 15: Cho parabol (P):y = va duong thang (d):y =2x+m
a) Xac dinh m dé hai duong théng d6 tiép xtc voi nhau. Tim hoanh d tiép diém
b) Xac dinh m dé hai duong thing d6 cit nhau tai hai diém, mot diém c6 hoanh do X =- 1.
Tim toa d6 diém con lai.
¢) Gia sir (d) ct (P) tai hai diém phan biét A va B. Tim quy tich trung diém I ctia AB khi m
thay doi.

(m-2)x+(m- Dy =l

Bai 16: Cho duong thang c6 phuong trinh , (d)
a) Tim m deé (d) cach goc toa do mot khoang lon nhat
b) Tim di€m c6 dinh ma (d) di qua khi m thay doi.
Bai 17: Trong mat phang toa d6 Oxy cho duong thang (d):2x - y-a* =0 va parabol

(P):y =ax’ (a>0)

a) Tim a dé (d) cat (P) tai hai diém phén biét A, B. Chimg minh rang khi d6 A va B ndm ¢
bén phai truc tung

b) Goi *a va %8 [a hoanh d6 cta A va B, tim gia tri nho nhat ctia biéu thirc
4 1
T= +

K.-". + KE!- x.-".KE]-

Bai 18: Cho ham s6 Y =~ 3% ¢6 db thj (P) va dudng thing (d): ¥ =2% "9

a) V& (P) va duong thang (d) trén cung mot hé truc toa 4o Oxy

b) Xac dinh toa d6 giao diém A va B ctia d0 thi (P) va dudng thing (d)

c¢) Tim toa do diém M trén cung AB cua db thi (P) sao cho tam giac MAB c6 dién tich 16n

nhat.
Dang 5: Gidi bai todn bang cdch lgp phwong trinh
Bai 19: Mot 6 t6 di tir Ha Noi dén Hai Phong, duong dai 100km, ltc vé van toc ting thém
10km/h, do d6 thoi gian lic vé it hon thoi gian luc di 1a 30 phut. Tinh van tdc luc di.
Bai 20: Mot tam giac vudng c6 chu vi 30m, canh huyén 13m. Tinh d6 dai mdi canh goc vudng.
Bai 21: Mot ca nd xudi dong 44km, rdi nguoc dong 27km hét tat ca 3h30. Biét van toc thuc cia
ca nd 1a 20km/h. Tinh van téc dong nudc.
|

Bai 22: Mot 6 to di quing duong dai 150km véi thoi gian da dinh. Sau khi di duge 2 quéing
duong 6 to dimg lai 10 phut, do d6 dé dén B dung hen xe phai ting téc thém 5km/h trén quing
duong con lai. Tinh van tdc du dinh cta 6 to.

Bai 23: Mot 6 t6 phai di tir A dén B trong mot thoi gian da dinh. Sauk hi di duoc 1 gio, 6 to
ding lai 15 phut. Do d6 dé dén B diing hen xe phai ting téc thém 10km/h. Tinh vén tdc lac dau
ctia 0 to biét quang duong AB dai 90km.
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Bai 24: M6t hinh chit nhat ¢6 chu vi 13 100m. Néu ting chiéu rong gap d6i va giam chiéu dai

10m thi dién tich hinh chit nhat tang thém 200m”. Tinh chiéu rong cua hinh luc dau.
Bai 25: Hai voi nudc cung chay vao bé thi sau gio ddy bé, néu mdi voi chay mot minh cho day
bé thi voi II can nhiéu thoi gian hon voi I 13 5 gio. Tinh thoi gian ma mdi voi chay mot minh
day bé.
Bai 26: Hai cong nhan néu lam chung s& hoan thanh cong viéc trong 4 ngay. Nguoi thir nhat
lam ntra cong viéc, sau d6 nguoi thtr hai lam mot ntra cong vi€c con lai thi toan b cong viéc
duoc hoan thanh trong 9 ngay. Héi mdi ngudi 1am riéng s& hoan thanh cong viéc d6 trong bao
lau?
Bai 27: Mot phong hop ¢6 100 ngudi duoc sap xép ngdi déu trén cac diy ghé. Néu c6 thém 44
ngudi thi phai ké thém 2 diy ghé va mdi diy ghé thém 2 ngudi. Hoi lac dau phong hop c6 bao
nhiéu day ghé?
Bai 28: Hai nguoi di xe dap cung khoi hanh 1 luc 6 cung mot chd. Ngudi thir nhét di vé phia
béc, nguoi thir hai di vé phia dong. Sau 2 gi0, ho cach nhau 60km theo duong chim bay. Biét
van tdc nguoi thir nhat 16n hon vén toc nguoi thr hai la 6km/h. Tinh vén téc ctia mdi nguoi.
Bai 29: Mot cong nhan duoc giao 1am mot s6 san pham trong mot thoi gian nhat dinh. Khi con
1am ndt 30 san pham cudi ciing ngudi d6 nhan thay ctr gilt nguyén ning suét cii thi cham 30
phat, néu ting ning suat thém 5 san pham mot gid thi s& xong sém so v4i quy dinh 30 phut.
Tinh nang suat ctia ngudi cong nhan lic dau.
Bai 30: Mot bé nira troi tu do (trdi theo dong nudc) va mot ca nd ddng thoi roi bén A dé xudi
dong vé phia bén B. Ca nd xudi dong duoc 96km thi quay ngay lai trd vé A. Ca di 13n vé hét 14
gio. Trén duong quy vé A khi con cach A 24 km thi ca nd gdp chiéc bé. Tinh van tdc cua ca nd
va van toc ctia dong nudc.
Bai 31: Trén quing duong AB dai 60km, nguoi I di tir A dén B, nguoi II di tir B dén A. Ho
khéi hanh cing mot lac va gip nhau tai C sau khi khéi hanh 1h12°. Tt C, nguoi I di tiép vé B
v6i van toc giam hon trude 6km/h, nguoi 1T di tiép tuc dén A véi van toc nhu cii. Két qua ngudi
I dén noi sdm hon nguoi IT 13 48 phut. Tinh van toc luc dau ctia mdi nguoi.
Bai 32: Ba cong nhan cung lam mdt cong viéc thi lam xong sém hon 18h so vé&i nguoi 11 khi
1am mot minh, sém hon 3 gio so v6i khi ngudi 11 1am mot minh va bang nira sé thoi gian so véi
ngudi I 1am mot minh cong viée Ay. Tinh thoi gian mdi cong nhan lam mot minh xong cong
viée dy. .
Dang 6: Cdc bdi todn hinh tong hop
Bai 33: Cho duong tron (O), duong kinh AB = 8. Goi Ax, By 1an luot 13 cac tiép tuyén tai A va
B cua duong tron (O). Qua M thugce (O), ke tiép tuyén thir ba cua duong tron (O) (M 1a tiép
diém, M khac A va B), tiép tuyén nay cit tia Ax tai C, cit tia By tai D (AD > BD).

a) Chtng minh céc tir gihc OACM, OBDM la cac tir gidc noi tiép

b) OC ciat AM tai E, OD cét BM tai F. T&r gisc OEMF 14 hinh gi? Vi sao?

¢) Goi I la trung diém ctia OC va K 1a trung diém ctia OD. Chitng minh tir giac OIMK 1a t&r

giac ni tiép

d) Cho AC + BD = 10. Tinh di¢n tich t&r gidc OIMK.
Bai 34: Cho AABC yuong tai A (AB > AC), trén canh AC ldy diém M. Pudng tron duong kinh
MC cat BC tai E va cat duong thang BM tai D (E khac C; D khac M)
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a) Chimg minh tir gisc ABCD ndi tiép

b) Ching minh ABD =MED
¢) Duong thang AD cit dudng tron dudng kinh MC tai N (N khac D). Pudng thang MD cit
CN tai K, MN cit CD tai H. Chirng minh KH // NE
Bai 35: Cho doan thing AB va C 1a mot diém nam giita A va B. Nguoi ta ké ciing mot nira mat
phang bo AB hai tia Ax va By vudn goc vi AB. Trén tia Ax ldy mot diém I. Tia Cz vudng goc
v6i tia CI tai C va cat By tai K. Puong tron duong kinh IC cat IK tai P. Ching minh:

a) Tir giac CPKB noi tiép b) ALBK = AC.CB c¢) AABP vuong
d) Giasu A, B, I c6 dinh. Hay xac dinh vi tri diém C sao cho dién tich hinh thang vudng
ABKI 16n nhat.

Bai 36: Cho nura duong tron tam O duong kinh AB. Lay diém C thudc nira duong tron va diém
D nam trén doan OA. V& cac tiép tuyen Ax , By cta ntra duong tron. Pudng thiang qua C vudng
gdc v6i CD cit tiép tuyén Ax, By lan luot tai M va N.

a) Chimg minh céc tir gihc ADCM va BDCN ndi tiép duoc dudng tron

b) Chung minh rang MDN =90°
c) Goi P la giao diém ctia AC va DM, Q 1a giao diém cta BC va DN.
Chting minh rang PQ // AB.
Bai 37: Qua diém A cho trudc nim ngoai dudng tron (O) v& hai tiép tuyén AB, AC (B, C 1a cac

tlep dlem) lay diém M trén cung nhé BC, vé MH L BCMI L ACMK L AB
a) Chung minh céc tir gilc BHMK, CHMI noi tiép dudng tron

b) Chimg minh MH™ =MLMK

¢) Qua M vé tiép tuyén voi duong tron (O) cit AB, AC tai P, Q. Chitng minh chu vi AAPQ
khong phu thudc vao vi tri diém M.
(QB < ,E'LC.‘).

Bai 38: Cho (O) ¢6 dudng kinh BC. Goi A 1a mt diém thudc cung BC D 1a diém
thugc ban kinh OC. Budng vuéng goc voi BC tai D cat AC 6 E, cat tia BA ¢ F.
a) Chung minh tir gidc ADCF ndi tiép

b) Goi M la trung diém cta EF. Ching minh KME =24cB
¢) Chimg minh AM Ia tiép tuyén cua (O)
d) Tinh dién tich hinh gidi han boi cac doan thang BC, BA va cung nhé AC cua (O) biét BC
— 8cm: ABC =60"
Bai 39: Cho duong tron (O) dudng kinh AB = 2R va mot diém M di chuyén trén nira dudng
tron. Nguoi ta v& duong tron tdm E tiép xtc v6i (O) tai M va tiép xtic v6i AB tai N. Puong tron
nay cat MA, MB lan luot tai cac diém thi hai C, D.
a) Ching minh CD // AB
b) Ching minh MN 14 tia phin gidc cua AMB va duong thang MN di qua mot diém K cb
dinh.
¢) Chimg minh tich KM.KH ¢ dinh
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d) Goi giao diém cua cac tia CN, DN véi KB, KA 1an luot 1a C*, D’. Tim vi tri cia M dé
chu vi ANC'D" gat gi4 tri nhé nhit c6 thé dugc.

Bai 40: Cho duong tron duong kinh AB, cac diém C, D & trén dudng tron sao cho C, D khéng
am trén cuing mot nira mat phang bd AB dong thoi AD > AC. Goi cac diém chinh gitra cac cung
AC, AD lan lugt 1a M, N. Giao diém ctia MN véi AC, AD lan lugt 1a H, I. Giao diém cia MD
voi CN 1a K.

a) CMR: ANKD 3 AMAK can

b) CMR: tir giac MCKH noi tiép duoc. Suy ra KH // AD

¢) So sanh cac goc EAK véi goc BAk , ‘ ‘ |
d) Tim mot hé thirc gitta s6 do cung AC, s6 do cung AD la diéu kién can va du dé AK //
ND.

Bai 41: Cho (Ol) va (02) tiép xtc ngodi voi nhau tia diém A va tiép tuyén chung Ax. Mot

(ol), (0,)

duong thang d tiép xtc véi lan luot tai B, C va cat Ax tai diém M. Ké cac dudng

kinh BO:D, CO,E 7
a) Chung minh M la trung diém BC

b) Chirng minh AOMO, vuong ?
¢) Ching minh B, A, E thang hang; C, A, D thang hang

d) Goi I la trung diém ctia DE. Ching minh rang dudng tron ngoai tiép
d.
Bai 42: Cho duong tron (O; R) va dudng thang d khong qua O cét duong tron tai hai diém A, B.
Lay mdt diém M trén tia doi cua tia BA, ké hai tiép tuyén MC, MD vé1 duong ton (C, D 1a cac
tiép diém). Goi H 1a trung diém cua AB
a) Ching minh rang cac diém M, D, O, H cung ndm trén m{t dudong tron
b) Poan OM cit dudng tron tai I. Chirng minh rang I 14 tim duong tron néi tiép AMCD
¢) Puong thang qua O, vudong gdc voi OM cat cac tia MC, MD thtr tu tai P va Q. Tim vi tri
cua di€ém M trén d sao cho di¢n tich tam gidc MPQ bé¢ nhat.
Dang 7: Mot so bai toan ndng cao
Bai 43: Gia thiét @ =6. Xac dinh gia trj nho nhit cua biéu thic
T=ya+2\3a- 9 ++Ja-23a- 9
Bai 44: Cho a, b, ¢ >0 va @ +b+c<l. Ching minh ring

] ] ]
_ +— + =9
a+2bc b +2ca ¢ +lab

AIO,0, tiép xuc voi

1
o Y Xty >—
Bai 45: Cho * Z%Y =0 th6a man 2Vx \F =1. Ching minh rang

Bai 46: Giai phuong trinh VX - 1+Vx* + X7 +x +1 =1 +x" - 1
Bai 47: Giai phuong trinh V2x+ 1+4/7-2x =4x7- 12x +13
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Ao 8- x [, o 2| -4
i CYET P 3? 3] .M 'JI? 1,3,7
Bai 48: Cho biéu thee ~ — V& | =FVX Koo NXFANX i x 28,

x #- 8 x #0, chirng minh gi4 tri cua A khong phu thudc vao x.

1 423+J513 +{lz3-11513 _
| 4

4

X 1

Bai 49: Cho . Tinh gi4 tri cta biéu thuc
A =2x7+2x +1

x =(V3 +1)if63-10- 7 +43 7 A=#
Bai 50: Cho , tinh gia tri bi€u thuc X

Bai 51: Giai h¢ phuong trinh

a+xy+y =l X7 - 4xy +4z° +12 =0

}r + }rz + 7 :3 }‘,2 = 4}-’2 + X.z = 12 :D

— 2- + ’2:

a) .Z+2K+K—? ‘b) 162 8Xz 4}- 0
Bai 52: Cho a, b, ¢ > 0, chirng minh rang:
a+b+b+c+c+a a b c

=4 + +
C a b 'b+c c+a a+b

(Jx+8- Jx+3)(v’x3 +11x +24 + 1):5
Bai 53: Giai phuong trinh
Bai 54: Cho hai phuong trinh X *aX+b =0 ) x*+a,x+b, =0 5 0 434
aa,>2(b +b,).

Chtng minh it nhat mot trong hai phuong trinh da cho ¢6 nghiém.
X7+ X+1

S ‘ 2 S TN
Bai 55: Tim gia tri nho nhat cua biéu thirc X" +2x+2

X" +3x+1 =(x+3)x +1

Bai 56: Giai phuong trinh



