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#CHUONG 6. MAT PHANG PUONG THANG MAT CAU

-_

@. Tom tat kién thuc

&

o
o

®

®

e o

OR

®

1. Vecto phap tuyén va cap vecto chi phuong ciia mat phang

Vecto phdp tuyén ctia mat phang:

Cho mat phang (a).

r 1
Vecto n#0 v3 cé gid vudng gbc vdi mat phang (a)

(a).

goi la vecto phap

tuyén clia mat phang
Nhan xét:

Néu 1 1a mot vecto phap tuyén cla (a) thi kn (k=0)
phap tuyén cua (a)'

Mot mat phang hoan toan dugc xac dinh khi biét mét diém va mét vecto
phap tuyén cua né. )

Cap vecto chi phuong cua mat phang:

(a).

cling la mot vecto

Cho mat phang

N&u hai vecto @ va b khéng cung phuong va gid cia chung song song

(@)

r 1
hoac ndm trén mat phang thi @b |3 cap vécto chi phuong cia mat

phang (a).

Nhan xét:

Mot mat phang hoan toan dugc xac dinh khi biét mét diém va cap vecto
chi phuong cta né

Vecto phap tuyén cia mat phang khi biét mét cap vecto chi

phuong :

Trong khéng gian Oxyz’ néu mat phang (a) r

! rrr
—(h-.h. n=ab

b_(h’h-’b’). lam cap vecto chi phuong thi (a) nhan [ }

phap tuyén.

I
A . a=la:;a;a) .
nhan hai vecto (q‘a" J) va

lam vecto

=4




-
s chuy A

uy:
h=&b] =(ab- absab- ab;ab - ah)

Oxy= VA (a).

@ Vecto dugc goi la tich cé6 huong

cla hai vecto

aif <]

h b (ﬂ:h-%:@h -ab;ab - ab)

e 3l

R . w[crz,b] =0

@ dcung ph'ucng véi b .

N
@ Néu

2. Phuong trinh téng quat cia mat phang

1 1 !
thi vecto M vudng géc véi ca hai vecto @ va b,

# Phuong trinh tong quat cia mat phang:

@ Trong khéng gian Oxyz’ moéi mat phang déu cé dang phuong trinh:
Ax+By+Cz+D =0
cla mat phang.

“ Nhan xét:

v6i A" +B +C =0 gquoc goi Ia phuong trinh téng quat

(@)

A" +B +C #0) thi vecto
phang (a)

Cho mat phang (a) c6 phuong trinh AX*By+Cz+D =0
Khi dé: N.I{x..,:}f-,fz.-,leta)ﬁ Ax._l +-B}i.-| +[:‘2'._| +10 =0

Lap phuong trinh téng quat cia mat phang khi biét mot s6 diéu
kién:

Lap phuong trinh téng quat cda mat phang di qua diém va biét vecto
phap tuyén:

c6 phuong trinh X+ By+Cz+D =0
n=(A;B.C)

© Né&u mat phang véi

la mot vecto phap tuyén cdia mat

RO o

o

@ Trong khéng gian Oxyz’ phuaong trinh téng quat ciia mat phang di qua

I
o MIx:y:z _ , » =lA:B: N
diém ° 065357, va CO vecto phap tuyén n=(4;B;C) la:

Alx- x )+B(y- y )+C(z- z) =0
hay Ax+By+Cz+D =0 i D=-Ax -By, -Cz

© Lap phuong trinh téng quat cua mat phang di qua diém va biét cap vecto
chi phuong:

© DE lap phuong trinh téng quéat ctia mat phang (a) di qua diém

Mix:y:z) . , . R r 3 A
M, (x,;%,:,) va c6 cap vecto chi phuong @D ta thuc hién nhu sau:

I
, . . . . 5=[6r1:b}
\ @ Budc 1: Tim mot vecto phap tuyén .




# Phuong trinh mat phang qua 3 diém khong thang hang: \
© L&p phuong trinh téng quat cda mat phang di qua ba diém khéng thang
hang:
(a)

© DE lap phuong trinh téng quéat ctia mat phang di qua ba diém A.B.C

khong thang hang, ta thuc hién nhu sau:

U L

© Budc 1: Tim cap vecto chi phuong ABAC
r LW L
h :[AB,AC
© Budc 2: Tim mot vecto phap tuyén .
© Budc 3: Viét phuong trinh mat phang (a)
hoac diém C) va c6 vecto phap tuyén n
# Nhan xét:

di qua diém A (hoac diém B

© Mat phang (@) khoéng di qua goc toa do O va I1an luot cat truc Ox tai
Ala;0,0) , cat truc Oy tai B(O"b"o), cat truc 07 tai C(0;0;0) c6 phuong
E+y+z—1
tinhla @ b ¢ ygi abc#0

@ Phuong trinh trén dugc goi la phuang trinh mat phang theo doan chan.

. Diéu kién dé hai mat phang song song, vuéng géc

Piéu kién dé hai mat phang song song:

Trong khéng gian 9%%,

(a,):‘4|x+Bly+C‘z+D =0 V3 (a ):Aﬁx+Bﬁy+Cﬁz+D: =0

=(A;B;C), h, =(A,; B.iC.)

e o0 R

cho 2 mat phang

c6 vecto phap tuyen Ian Iu‘ort Ia

—in
(a)/(a,)= (ke )
o Khi dé: -Dl'm:
# Chu y
(0)=(a)= | TR Gt
RANENIE

° (@)n@)en va n khéng cung phuong..




Piéu kién dé hai mat phang vuéng géc:

Trong khéng gian Oxyz’
(a,):Ax+By+Cz+D, =0 V3 (a):Ax+By+Cz+D, =0 %

[ I
vecto phép tuyén |é‘n |U'Ut la IIII _(‘4%4'&1(::): n: —(;l:,B._,C:}.
r I
o Khidé: (a|)—(a:)'=' nl'n: =0 = ;ill‘il: +BI'B"_ +CIC: =0

4. Khoang céch tur mot di€ém dén mot mat phang

o o R

cho 2 mat phang

# Dinh nghia

Trong khdng gian Oxyz’

M (x,;y,:z,) (@):Ax+By+Cz+D =0

(@)

°
o %% (ho diém va mat phang
°

Khi d6 khoang céach tir diém M, gé&n mat phang
AXx +By +Cz +D
(0, (o) =X B+ C2 D
JA? +B +C

5. Cdc mat phang dac biét

dugc tinh:

@ Cac mat phang dac biét:

TiNH CHAT MAT PHANG | PHUONG TRINH | HE SO PAC BIET
(a) di qua/chtra géc O. (a):Ax+By+Cz =0 D=0

(a) song song/chira OX. (a):By+Cz+D =0 A =0

(a) song song/chtra @Y. (@):Ax+Cz+D =0 B=0

(a) song song/chtra 0z, (@):Ax+By+D =0 C =0

(a) song song/triing (Oxy), (a):Cz+D =0 A =B=0

(a) song song/triing (OXZ)_ (a):By+D =0 A =C =0

(a) song song/trung (Oyz). (a):Ax+D =0 B=C=0

# Nhan xét:

@ Mat phang khéng chta &n nao thi mat phang sé song song/chla truc dé
hoac mat phang khdng chra &n nao thi mat phang sé song song/chira
mat phang dé.




®. Phan dang toan co ban

‘Dang ©®: Xac dinh vecto phdp tuyén ciia mat phang

# Phuong phap
© Mot mat phang cé vé s6 vécta phap tuyén va ching cung phuong vdi nhau.
@ Chang han N |3 vécto phap tuyén cla mat phang (a) thi kn (k=0) ciing la v
écto phap tuyén clia mat phang (a).

(02 I , LUl s (P

© Néu mat phang cé cap vécto chi phuong 1a %' thi cé vécto phap

tuyén la [u‘ u]
=Cac vi du minh hoa

Cau 1: Trong khong gian Oxyz, mat phang (a) song song V@i gid cua hai vecto

a=(1:-2:3), b=(3:0:5) _ . T 6

. Tim vecto phap tuyén cua mat phang

(P):2y+x+32-1=0.

Cau 2: Trong khdéng gian Oxyz’ cho mat phang Xac dinh moét

vecto phép tuyén cha mat phang (P)?

1% . & M P .1
A(2:1:-3):B(0:-2:5 V3 c(1:1;3)

Cau 3: Trong khdéng gian Oxyz' cho % . Tim toa do vecto

1 (987
N cé phuong vudng goc véi hai vecto AB vy AC,

‘Dang @©: PTMP khi biét diém di qua va cap vecto chi phuong

# Phuong phap
(P)

© Phuong trinh téng quat clia mat phang di qua diém

[
. . ~ 1 N=lA;B,C) |,
vécto phap tuyén la n=( ) c6 dang:

o Al x)+By-y,)+C(z- 2)=0 - Ax+By+Cz4D =0 i D =-AX,- By, -
@ . . . < Uit

cé cap vécto chi phuong 1a %' thi (P) c6é vécto phap

MOGY52) oy g

o NéEu mat phang

s rrzz[tr{;u_]
tuyén la :

=Cac vi du minh hoa



(P)

Cau 1: Trong khong gian Oxyz' viét phuong trinh t6ng quat clia mat phang di
o M(2:1;-3) . o n=(3;-2;6)
qua diém cO vécto phap tuyén la :
A . A . OXW e A ped 7z 2 ~ 2 (P) .
Cau 2: Trong khong gian . Viét phuong trinh tédng quat cua mat phang di

M(2:-1:0) £=(E:I:3},i?=(l:l:3}

qua diém va cb cap vécto chi phuong la
‘Dang ©: PTMP qua ba di€m khong thang hang

# Phuong phap

@ Phuong trinh mat phang (P) di qua i‘ij khéng thang hang.
@ Budc 1: Tim cap vecto chi phuong ABAC,
r LLUI L
] \ o n :[AB,AC
@ Budc 2: Tim moét vecto phap tuyén .

@ Budc 3: Viét phuong trinh mat phléng (a)

diém C) va cé vecto phap tuyén N,

(P)

di qua diém A (hoac diém B hoac

(P)

@ Phuong trinh mat phang la phuong trinh mat chan, tic mat phang di

0:0):B(0:5:0):C(0+0; (P):2+Y 422
qua Ala;0;0);B(0;b;0);C(0;0;0) _ dang: abc

r=Cac vi du minh hoa

(ABC)

Cau 1: Trong khong gian Oxyz’ viét phuang trinh mat phang

() Véi ba diém A(-1;0;3), B(2;- 1;1),6(1;-1;0).

" s | =¥ . - =Y.
() V6i ba digm 21:0:2).B(-2:3;1),C(3;2;1)

Cau 2: Trong khdng gian Oxyz’ viét phuong trinh mat phang ( )

e - . NIl
(1) Véi ba diem M2:0:0) N(0;- 1;0) P(0;0;2),

© Véi ba didm M(0;-2;0),N(3;0;0),P(0;0;-3)



Cau 3: Trong khbng gian Oxyz’ viét phuong trinh mat phang (P) chtra diém
322 z 0y
M:3; “), cat cac tia Ox, Oy’ Oz |1an lugt tai A, B, C sao cho
OA _OB_0OC
1 2 4
‘Dang ©: PTMP trung truc cua doan thang
# Phuong phap
@ Trong khdng gian Oxyz’ viét phuong trinh mat phang (a) trung truc doan
thang AB
r e
Budc 1: Vécto phap tuyén clia mat (a) |a: N=AB,
Budc 2: Tim toa d6 trung diém I cta doan AB,

o0

© Budc 3: Viét phuong trinh mat phang (a) di qua diém I va cé vecto phap
r [T ¥ )
tuyén N=AB
A
A/
B

=Cac vi du minh hoa

Cau 1: Trong khbéng gian Oxyz, cho hai diém A4;0;1) va B(-2;2;3).
mat phdng trung truc clia doan thang AB

A(-3;2;1) . BL5;- 41
(321) , B~ 41)

Viét phuong trinh

Cau 2: Trong khbéng gian Oxyz' cho hai diém
(Oxy)

. Goi M |3 hinh
chiéu vudng go6c cia A trén
(0y2)

, va N 1a diém d6i xing v6i B qua

(P)

. Viét phuong trinh mat phang trung truc cta doan thang MN

E, e 1Y e e
Cau 3: Trong khdng gian OX2 ho hinh vuong ABCD piét A1;2:1),B(3;0;0),

. P | = 1+1-= .
C(5;-1;-2),DC- 131 ]). Gia su UCLL) la tam duong tron ngoai ti€p hinh

vudbng ABCD v3 G 3 trong tam DABC | viét phuong trinh mat phang
trung truc cua GI .

Cau 4: Trong khdng gian Oxyz’ cho hinh hop ABCDABCD' | pigt réng A(_3"U"0),
B(0;2;0) D(0;0;1) A'(1;2;3)
cp. '

‘Dang ©: PTMP 1 diém kém diéu kién song song véi mat phang khac

# Phuong phap

. Viét phuong trinh mat phang trung truc cua



@ Trong khdng gian Oxyz’ viét phuang trinh mat phang

Loai

(a)
Phuong phap

(1) Qua M(x,;y,:2,) va song song
[b):Ax+B}?+CZ+D =l

¥ Cach 1:

[
3 =n,, =\A;B;C
>> Vécto phap tuyén (a) iy: ) T ( )

>> M&t phang (a) qua diém M,

¥ Cach 2:
o (@)//(b)= (a):Ax+By+Cz+D" =0

(D #D")

‘o
> Thay diém M vao (@)= D'=?= (a).

(2) Song song (P}:AX+B‘_;P+ Cz+D =0

va cach (P) mot khoang bang K.

r=Cac vi du minh hoa

Cau 1: Trong khong gian Oxyz’ mat phang qua diém

ohéing (@):2x-2y+z-1=0

Cau 2: Trong khong gian Oxyz cho mat phéng

(P)
(P)

mat phang la?

Cau 3: Trong khong gian Oxyz’ cho mat phéng
2=0,(a,):x+4y-5

ohing (a):3x- y+z-

phang

Cau 4: Trong khdéng gian Oxyz’ cho mat phang

trinh mat phang )

khong qua O, song song mat phang

. M- = . h ¥ = 3
(a,):2x+21y- z+7 0 Viet phuong trinh cia mat phang

song song v4i mat phang

Vi (a)//(P)= (a):Ax+By+Cz+D =0 (D #D’)

> Vi (a) cach (P) mot khoang bang K
= d((a);(P)) =ki **7t d(M;(P)) =k
p- D

=k= D" =7
J}‘l: +FB +C°

=

(P)

> C6 D= phuong trinh mat hoan chinh.

A(-1:1:2)

va song song véi mat

c6 phuong trinh [a?

(C_—‘) X+2y+2z-3=0
L5 AP @) =1

va mat phang
" Phuong trinh
(P) di qua giao tuyén cla hai mat
dong thdi song song véi mat
(P).
(P):2x- 2y+2z- 5
(P)

. Viét phuong
(P)

, cach mot khodng

bang 3 va cét truc OX tai diém cé hoanh dd duong.



‘Dang @: PTMP 1 diém kem diéu kién vudng géc véi mat phang khac
# Phuong phap

@ Trong khong gian Oxyz' viét phuong trinh mat phang (a)
Loai Phuong phap
M(x ;y ;z N o I I
Qua 063052, va L 2 mat > Tim cap vécto ACRVLC)
(P):Ax+By+Cz+D =0 h=Ih ..k
, . . < (@) 5. =TTy
(Q):Ax+By+Cz+D’ =0 > Vécto phap tuyén la: .
' > Mat phang (a) qua diém M(x,;, "Z").
@ i Hoac bai toan sé gap:
R “Qua M(x,;Y, iz,) va vudng goc vGi giao tuyén
_____ . cla (P):Ax+By+C‘z+D :D;
np (Q):Ax+By+Cz+D =0,
o ]'v.l'
Loai Phuong phap
.. A:B . R , roSr
Qua diém “*’~ va vubng goéc Ny SUN. =[AB:H.[:,]
(d): Ax+By+Cz+D =0 > Tim cap vecto va ©ouw
- o (a) . = ABR,
3 > Vécta phap tuyén la: :
e ., .o
s > Mat phang (@) qua diém A,
1=
T N
\B
(8]

r=Cac vi du minh hoa

Cau 1: Trong khong gian Oxyz’ cho hai mat phang (@):3x- 2y+22+7 =0,

P 5X - ¢ = . ’ .
(b):5x- 4y+3z+1 D. Phuong trinh mat phang di qua goc toa dd O doéng

thoi vudng goc véi ca (a) va (b) la?

Cau 2: Trong khong gian Oxyz’ cho hai diém A(2:4,1),B(-1;1;3) va mat phang
(P):x-3y+2z-5 = Lap phuong trinh mat phang @ di qua hai diém A,B

(P) _

va vudng goc vdi mat phang

Cau 3: Trong khéng gian @Y%, mat phang (P) di qua hai diém A(O"IJO), B(2;3;1) va
(Q)x+2y-z=0

vubng goéc véi mat phang c6é phuong trinh [a?



‘Dang @: Khoang céch tur mot di€ém dén mot mat phang

# Phuong phap

M (x ;v ;z)

@ Tinh khodng cach tu diém dén mat phang

(P): Ax+By+Cz+D =0 nhu sau

© Budc 1: Tim M, (x,;%;2) ; Viét phuong trinh mat phang
(P):Ax+B_p+C‘z+D =0

© Budc 2: Tinh khoang cach tir diém Mo dén mat phang (P): Ax+By+Cz+D =0

AX Cz +D
a(n, () =25t B
theo cong thirc VA*+B +C°

# Luuy: d(M,;(ny)):\(&T d(M,,Dx):m

r=Cac vi du minh hoa

Cau 1: Cho hinh lap phuong ABCD.EFGH cgnh 1. Diém M dugc cho théa man hé
thirc ‘m’“?ﬁﬂgﬁ. Tinh khoang cach tir diém M dén méat phang (EBD).

Cau 2: Cho hinh lang tru tam giac déu ABC.DEF AB=6 AD =2 Goi M, N P |an
lugt 1a trung diém DE, DF, BC  Lap hé truc toa do OXVZ hhu hinh bén. Goi
diém S théa man hé thic SA +2SB+SC =0 . Tinh khoang céach tir diém S dén

mat phang (MNP).

.-acC

B

‘Dang ©: Vi tri tuong do6i hai mat phang

# Phuong phap
s —_ I
Xét diém mat phang (P):Ax+By+Cz+D =0 T véi:

c6 vecto phap tuyén
(Q):A'H+B’}F+C'Z+D':D I

©
@ Mat phang c6 vecto phap tuyén o,
©

Ta c6 cac vi tri tuong doi sau:

Mat phang (P)
Matphang | A B C
Q) 2B C Mat (P) cat mat Q)
A B C_D ., (P) .. (Q)
T B¢ :.tF Mat song song mat




A B C D
A B C D Mat (P) trung mat @
AA+BE+CLC =0 Mt (P) vuéng géc mat Q)

=Cac vi du minh hoa
Yyl - — . = MNMj= =
Chu L Cho ba mit phing (R):2x-y-aze1=0 = (R)udx-2y- dzed =0
(B):x+4y-z+1= O Ching minh (R)/f(ﬁ)vé (R)L(R)

. a):nrx- nr-2)z+2=0
Cau 2: Trong khdéng gian Oxyz’ cho hai mat phang (a) }H( )z+ va

(b):2x+nTy-2z+1= (a) VA (b)

* Hai mat phang vubng goc véi nhau khi

nao?
Cau 3: Trong khong gian Oxyz’ cho hai mat phang (P):2x- 3y+5z- 1=0 V3

-4 -3 r 1 -7 =0 . o . w 2
(Q):4x+(m- 3)y+(nt +1)z (™M |3 tham s6). Tim ™M d& hai mat phang

song song.

Cau 4: Trong khéng gian OV ho A(2;0;0),B(0;4;0),C(0;0;6),D(2;4; ﬁ) (P) 3
mat phang song song Vi mplA ),.(P) cach déu D va mat phang (ABC)_
Phuong trinh cua (P) la?

‘Dang ©: Ung dung tich c6 huéng
# Phuong phap
[%ﬂﬁﬂ
o (1) Bén diém A B.C.D ta0 thanh ta dién: ............. A
o < A,BC.D khong déng phang

S
@ (@) Diéntich DABC: e, .
Lol LL[,I
| - ‘[AB,AC‘H
S =y AHBC= AH ="M —L_ug_|
2 BC
© = Puong cao DABC, | |
S =25, ‘[ AB, iu:H
© (3) Dién tich hinh binh hanh ABCD: | .. ... S e

v 'Huiglilg zu:r‘
© @) Thétichtadien ABCD: ... ] S R

© = Pudng cao chépABCD . o wa

LLIA
| v HAB,AC .;m‘
Vaaeo :Ed(ﬂ,(ﬂjﬂnsxm = d(‘q"(&:‘ﬂ)) - SI-IM ) HBC BDH

ABCD r

Bai toan tinh dién tich tam giac:
‘%(,,,),B(,,,),C‘(,,.). Tinh dién tich tam gidc ABC
Hudng giai quyét

®

@ Trong khéng gian Oxyz, cho



LLW L LA LM
ABAC= [AB,ACI
@ Budc 1: Tim toa db cac vecto :
i LT Lo
e = [AB,AC‘H 7
Budc 2: SU dung 2 dé tinh dién tich DABC,
Néu bai toan yéu cau tinh duong cao trong tam giac:
.

S.., =~ AHOB= AH="om
Buéc 3: Sdung 2 OB dé tinh d6 dai dudng cao AH,
Bai toan tinh thé tich t dién:
A(.),B(..),c(.),D(.)

o0

RO

© Trong khéng gian OX7Z, o . Tinh thé tich t& dién

ABCD

Hudng giai quyét

LR LU LR LLU] LLRN LLAR

ABAC,AD = [AB,AC AD
@ Buodc 1: Tim toa db cac vectd :

AB,AC|. ‘
© Budc 2: S« dung ‘[ dé tinh thé tich t& dién ABCD
@ NéEu bai toan yéu cau tinh khoang cdch ha tir dinh:
Vi :_d(q (BCD))S,,., = d(A, (BCD))=>Yaz
© Budc 3: S dung weo - dé tinh do

dai khoang cach
=Cac vi du minh hoa

Cau 1: Trong khdéng gian OXVZ, ho hai diém A(l;2;- 1) B(0o;- _,3)

(1) Tinh dién tich tam giac OAB véi O 1a géc tao do.

(2) Tinh dd dai dudng cao AH ha tir dinh A cda tam giac OAB.
Cau 2: Trong khéng gian Oxyz' cho bén diém AQ;- 2;0), 3(2;0;3),6(_2;1;3) va

D(0;1;1)

(1) Tinh thé tich khéi t& dién ABCD |

(2) Tinh d6 dai dudng cao DH cua t& dién ABCD
Cau 3: Trong khdéng gian Oxyz’ cho t&r dién ABCD piét AG;- 2;@,8(2;0;0),
c(0;4;0) D(0;0;3)
bang 8.

. Tim gia tri duong cla tham sé ™M dé thé tich t& dién

©. Dang toan rén luyén

‘Dang ®: Cau trac nghiém nhiéu phuong an lua chon

Cau 1: Cho hinh 1ap phuong ABCDABCD' vecto nao Ia vecto phap tuyén clia mat

ohiing (ABCD)?



A. AC, B. AC, C. AA", D. AD",
Cau 2: Cho hinh 1ap phuong ABCDABCD' vecto nao Ia vecto phap tuyén cta mat

phéﬂg (ADDA )? "
A. CC' B. AD, c. BC" D. AB,
Cau 3: Trong khéng gian Oxyz' cho ba diém A(B,D,D),B(D,{D),C(D,D,H). Toa db nao
sau day la toa do vecto chi phuong clia mat phang ( )?
A, Gi4:5) g, (0:4:5) c. (3:40) p. (3:0:-5)

A(3;2;1),B(-1;4;1),C(3;- 2;5)

sau day la toa dod vecto phap tuyén cla clia mat phang ( )
A (122) g, (8- 16;16) c. (12-2) p. (L:4:4)

(P)

Cau 4: Trong khéng gian P cho ba diém . Toa do nao

?

Cau 5: Trong khbéng gian OXW, cho mat phang cé phuong trinh

-2X+2y-z-3=0 Mat phang (P) c6 vecto phap tuyén la

A (4-4:2) g (-22-3) c. (4:42) o, (0:0:-3)
X z
s s Oxpz o (P CaedeZoi=0
Cau 6: Trong khong gian , cho mat phang c6 phuong trinh 4 0 2 .
Mat phang (P) c6 vecta phap tuyén la?
A 462) g. (31 c. 3:2:6) p. G2
My — .
Cau 7: Trong khong gian Oxyz' cho méat phang (a):2x- 32+1 D. Vecto phap tuyén
cla mat phang (a) la:
L (r.0.-2 r:'}.-*. ! —(-20-- ! —(-7.3..
A =(2;0; ;). g. (2; ;,1). c. ™ (-2;0; 3). o, (-2;3; 1).
Cau 8: Trong khéng gian 2%, mat phang (P):x+y+2-3=0 di qua diém nao dudi
day:
1“'* I PP o1 - 1.0 ()=
A 1(-1;- 1; 1). B. N(],l,l). C. P( 3,0,0). D. Q(0;0; 3).

o R ) PR
Cau 9: Trong khong gian “"%, m&t phang I 2 3
dusi day:
-7

A, P(0:2;0)

khéng di qua diém nao

Q(0;0;3) M(1;2;3) N(1;0;0)

C D

Cau 10: Trong khong gian Oxyz’ mat phang nao sau day di qua géc toa d6?
A. X+20=0 B. X- 2024 =0 C y+2025 =0 D 2X+3y- 8z =0

(Oxy)

Cau 11: Trong khdng gian Oxyz’ mat phang di qua diém nao sau day:



AL M(1;2;0). B. N{S;?.;-l). C. P(I;O;-S). O Q(O;?.;-S).
N . N . OX‘yZ N - 2 (a) . . 2
Cau 12: Trong khdéng gian , phuong trinh mat phang di qua diém
Yo 1. —(2.7..
A(2;-133) va c6 vecto phap tuyén n=(23;-1) la:
A (a}:2x+3y-z—2:0. B. (a}:2x+3y—z+2:0.

C (@):2x- y+3z- 2 =0 D (@):2x- y+3z+2=0

.3 S e d — .
Cau 13: Trong khdéng gian Oxyz’ cho mat phang (P):2x+y- 2244 U. Mat phang nao

sau day vubng goéc vai (P)?

A. 2X+}?- 22"‘5:0. B.
p, Xty+z-0 :D.

X+2y+2z-5=0

C X+3y- z+1 =0
Cau 14: Trong khéng gian 9%, khodng cach tu M(1;2;-3) dén

(P):x+2y+2z-10 =0
y la

4 1

. 3. D. 3.

2
3. C

A. 3. B.
Cau 15: Trong khbng gian Oxyz’ vecto nao sau day khong phai la vecto phap tuyén

. - SraY —
cla mat phang (P):x+3y- 52+2 U.

A h=(-1;-3; 5) B h=(2; 6 - 10)
c h=(-2;- 6;- 10) o, h =(-3;-9;15)
Cau 16: Trong khrc“)ng gian Oxy%, vécto nao sau day la mot vécto phap tuyén cua
(P), biét =(-1;-2;-2), b=(-1;0;-1) | cdp vécto chi phuong cda (P)?
A n=12) g 1=(-1-2) o n=(1-2) o on=(-21-2)
A(L;-1;2) va 6

Cau 17: Trong khong gian Oxyz, phuong trinh mat phang di qua
, . n=(%2-06)
vécto phap tuyén la
A, X+2y-0z+45=0. B, 2X+V-3z+5=0.

C. IX+y-3z+2=0. D. 2X+y-3z-5=0.

o] . e
Cau 18: Trong khong gian Oxyz, cho A(D‘I‘I}‘B“‘“‘B}. Viét phuang trinh méat phang

(P) di qua A va vudng géc véi dudng thidng AB.
(P):x+y+22-3=0 (P):x+y+2z- 6 =0
A . BI

C (P):x+3y+4z-7 =0 b (P):x+3y+4z- 26 =0



A(2:4:1),B(-1:1:3)
Q)

Cau 19: Trong khdng gian Oxyz’ cho hai diém
(P):x- 3y+2z- 5=0

va mat phang

. Lap phuaong trinh mat phang di qua hai diém A,B

C s (P)
va vubng goc vai mat phang :
A 2y+3z-11=0 B 2x-3y-11=0 c. X jy+2z-5=0 D Jy+2z-11=0

. =7 3 — ) et
(a):3x 2y+2z+7 0,(b):5x 4y+3z+1 D.Phuorng trinh

CUNSONN

Cau 20: Cho hai mat phang

mat phang di qua géc toa dd O déng thoi vudng géc véi ca
A EX':F' EZ:D, B EX""F' 22:0, c Ex-y-l“zzz[:'. D

2X+y- 2z+1 =0.

A(3;-2;-2) B(3;2;0) c(0;2;1)

Cau 21: Trong khdéng gian Oxyz’ cho ba diém . Phuong
trinh mat phang (ABC) la
A. 2X-3y+0z+12 :El. B. 2x+3y-0z-12 :D.
C. 2x-3y+6z=0 D. IX+3y+0z+12 =0

1.7 i T, =]
Cau 22: Trong khoéng gian Oxyz, cho ba diém A(0;1;2),B(2;-2;1),¢( “‘]‘D). Khi dé,

(ABC) ly ®+Y- 2+d=0 Hay x&c dinh a va d.

0. a=- 6,d:6_

phuong trinh mat phang
A. a=6,d=- 6_ B. a:l,d:l. C. a=-1,d=- 6.

A(1:3:-2)

Cau 23: Trong khong gian Oxyz, mat phang di qua diém va song song Vai

(P):2x- V+3z+4 =0

mat phang la
A 2X+y+3z+7=0 B 2X+y-3z+7 =0
C. 2X- y+3z+7 :D. D. 2x—y+32—?:0_

Cau 24: Tong khong gian 9%, cho diém A(2;-1-3)

(P):3x- 2y+4z-5= Q)

va mat phang

I:I 13 2 . \ ) w 2
. Mat phang di qua Ava song song véi mat phang

(P)cé phuong trinh:
. (Q:3x-2y+42- 4 =0. g (Q:3x-2y+4z+4=0.
C (Q):3x- 2y+4z+5 =0. D (Q):3x+2y+4z+8 =0.

R A . AllL;2;3 ;45 M a4z
Cau 25: Trong khéng gian Oxyz’ cho ( ), B(;4 4). Tim tat ca cac gia tri cua
tham s6 ™ sao cho khodng céch tu diém A dén mat phang
2X+y+me-1=0 psn o 46 dai doan thang AB
A. M=2 B. m=-2, C. m=-3, D. M=%
‘Dang ®: Cau trac nghiém duang, sai

- = ML =
Cau 1: Trong khdéng gian Oxyz’ cho mat phang [P)-~X+3y+z 2024 D.



(P) c

n=(2:3:1)

(a) Mat phang 6 mot vecto phap tuyén la

.
(b) Mat phang (0% ¢6 vecto phap tuyén 13 " _(6"9"3)_

]’[]:(—4;—f];—3)
khéng thudc mat phang (P).
A(1;0;0); B(4;1;2)

(c) Mat phang ©OY2) ¢ vecto phap tuyén I3
NIl nr

(d) Digm M(0:0:2024)

Cau 2: Trong khong gian Oxyz’ cho hai diém

(a) AB=(3;1;2

(b) Mat phang di qua A va vudng géc vii AB c6 phuong trinh Ia
3X+y+2z-3 =0

If-lq‘
>

o
2
&

(c) Néu I 1a trung diém doan thang AB thi

(d) Mat phang trung truc doan thang ABcé phuong trinh la
3IX+y+22-12 =0

. R y .41 2 q . q
Cau 3: Trong khong gian @Y%, cho bon diém A0:1;4);B(2:7,9),C0:9:13),

D 1;8;10 A ~ \ A 7 \ A ~ \ .
( ). Ménh dé nao sau day dung va ménh dé nao sai?

—i+6f+5
(a) ;4..8 I+f:|j+._,k
(b) ﬁiﬁg
(c) Phuong trinh m&t phang di qua diém B va vudng géc véi AC |3
X- 8y- 9z+14 =0

(d) Phuong trinh mat phidng chta AB song song véi CD |3
8X- Ty- 132+50 =0

1; 2:7; 9.
Cau 4: Trong khong gian @Y, cho ba diém A(1)1)4)' B(h,?,9)’ C(O,9,13).

ﬁ:(nﬁ;s)
(a)
(ABC) n=(1;- 1;1)

(b) Mat phang c6 1 vecto phép tuyénla

() (ABC): X- y+z-4=0

(d) Oe(ABC)

Cau 5: Trong khdéng gian véi hé toa do Oxyrz’ cho ba mat phang
(P):x+2y- z- 1=0(Q):3x- y+2- 5=0 va (R):2x+4y- mz- 2 =0



(a) (P)/1(Q)

(b) (a)
(©) (PR |\ m=2

(P)

(@):x+2y- z=0

qua O va song song c6 phuong trinh la

() BBy m=-10

-2:--4:3 AN - Y+2z-3 =
Cau 6: Trong khbng gian Oxyz’ cho M(-2;-4;3) V3 (P):2x-y+22-3 U'
(Q):2x- y+22-6 =0

(a) d(M,(P)) =2

(b) M cach déu hai mat phang &) va @

 A@).@)=

(a) Q)

(d) song song va cach mot khodng bang 2 cé phuong trinh Ia
(@):2x-y+22-9 =0
3y - 7§ = cAx- U +< -m=
Cau 7: Cho hai mat phang (P):2x- y+2z- 5 I3; (Q):4x- 2y+4z+1- m=0 va diém
M(2;1;5)
.3
(a) Khoang céch tir Mdén méat phang F bang 3
@ .. 3
(b) Véi M=0 thi khoang cach M dén mat phéng Q bang 2.
(c) Vi M=3 thi khodng cach gilta mat phang (P)vé mat phang @ bang
3
(d) C6 hai gia tri cia M dé khoang cach tir M dén méat phang @ bang 1. Khi

dé téng tat ca gia tri cda M bang 3.
‘Dang ©: Cau trac nghiém tra 16i ngan

i R T .
Cau 1: Cho diém Al2;-1) va mat phang (a):2x- 2y+2-7 D, Khoang cach tu M
a
dén mat phang (a) c6 dang b toi gian; ¢b€¢  Tinnh T =2a- by

AQ;2;-1)

(@):x- 2y+2z+2 =0

va mat phang . Mat phang (b) song

(@)

. Khi dé S=3b- c+d>

Cau 2: Cho diém

song v4éi mat phang va cach A moét khodng 1| c6 dang

(@):x- by+z+d=0



Oxyz M(a:b1)

Cau 3: Trong khong gian , cho diém
(P):2x- y+z-3=0

thuéc mat phang
. Tinh gia tri biéu thic S=2a- b,

Cau 4: Trong khdéng gian Oxyz’ cho phuong trinh mat phang (P) qua AQ;1-3) va

& - Yoy _ _
song song vGi mat phang (Q):x- y+22-1=0 X- y+az+b=0

tri bi€u thiec S=a- b,

cé dang Tinh gia

Oxyz A(2;-1;1) B(;0;4) €(0;-2;-1)

. Mt phang qua
X+ay+hz+c=0

Cau 5: Trong gian , cho ba diém

A va vudng géc véi dudng thdng BC c6 phuong trinh dang
Tinh gia tri biéu thic S=a+b+c,

. =7 —
(P):@x+by+cz- 27 =0 qua hai diém

(Q):3x+ y+z+4 =0

Cau 6: Trong khong gian Oxyz, cho mét phang

e 1N -2.5.7
A(3:2:1) V3 B(-3;5:2

va vudng géc véi mat phang . Tinh

t6ng S:a+ b+ C.

Cau 7: Trong khdéng gian Oxyz, mat phang (P) di qua A(1,00); B(0:0:2) va cat tia

OV tai giém C sao cho thé tich khdi chép OABC ping 2 Biét diém

SCEEM use P, thi M bang bao nhieu?

Cau 8: Trong khdng gian 02 ho (2):x+2y- 2-1=0 va (b):2x+4y- mz+2=0 . Tim
m ge (a) va (b) song song v&i nhau.

Cau 9: Trong khbéng gian Oxyz' cho hai diém A(l;z;(})’ B(3;4;-2 va

(P): x- y+2z-4 =0 )

di qua hai diém A, B va
(Q):ax+ly+cz+2 =0

. Phuong trinh méat phang

(P)

vubng gbéc véi mat phang Tinh

T =a+b+c.

, ¢6 dang

A(0;1;2),B(2;-2;1) C(-2;1;0),M(3;0;1)
(ABC)

Cau 10: Trong khéng gian Oxyz' cho cac diém
Tinh khodng cach tr M dén mat phang , (két qud lam tron dén hang
phan tram).

(P)

Cau 11: Trong khdng gian OXZ gt mat phdng = “song song véi mat phadng-7 va

A(2,-3,4)

cach diém mot khodng bang 3. Tinh tich hai hé s6 tu do cula

(P)

phuong trinh téng quat mat phang N
. (P)
cla

(biét hoanh do6 cua vecto phap tuyén
bang 1).

A [} - NlO:-n- iV
Oz »_r(m,u,o),x(a,nJD),P(DJDJP)khéng

, cho cac diém
Nnr+mw+p =

Cau 12: Trong khong gian

N p A ez N 3 S o4
trung vai goc toa do va théa man SMILP |y cac s6 thuc duong.



(MNP)

Tim gié tri 16n nhat cta khoang céach tir O dén mat phang . (Lam tron

két qua dén hang phan tram).

]2
Cau 13: Trong khong gian Oxyz’ cho diém AlL:1;2) va mat phang
(P):(m- 1)x+y+me-| =0 V6i M 13 tham s6. Tim M d& khodng cach tir diém
A dén mat phang (P) I6n nhat.

Tai liéu dugc chia sé bdi Website VnTeach.Com
https://www.vnteach.com
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