Todn 12 Chuwong 2 — Toa dj ciia vecto trong khong gian — Bai tdp theo chwong trinh maoi 2025
CHU DE 3

BA VECTO DPONG PHANG VA KHONG DONG PHANG
Tham Kkhao thém

& Chirng minh ba vec to dong phang va bon diém dong phang, phan tich mdt vecto theo ba vecto
khong dong phang.
+ Pé chimg minh ba vecto déng phéng, ta c6 thé chirng minh bang mot trong cac cach:

e Chimg minh céc gia ciia ba vecto cling song song véi mot mit phang.
e Dya vio didu kién dé ba vecto ddng phing: Néu c6 m, n € R: € =MB+ND hi @,0,C ¢ne phing

+ Pé phan tich mot vecto X theo ba vecto & b,c khong dong phang, ta tim cac sé m, n, p sao cho:
X =ma+nb+ pc

& Tinh d9 dai ciia doan thing, vécto.

—

ﬂ_:

. > a
+ D¢ tinh dd dai ciia mot doan thang theo phuong phap vec to ta sir dung co s&

-

vay dé tinh d06 dai cua doan MN ¢, thue hién theo cac budc sau:

e Chon ba vec to khong dong phang a,b,¢ 4 cho d6 dai cta chung c6 thé tinh duoc va goc giira

chung c6 thé tinh dugc.
J‘F:JJ n r]j]

 Phan tich VIV =T+ b+ pe

JJ.:? 2

MN| =MN" =, [(ma+ nb+ pc)
T

Annn

MN =
« Khi d6

:Jmﬁ HA:L n ‘L{i D H + 2mnoos(a,b)+ 2npcos(b, ¢)+ 2mpoos(c, a)

# Sir dung diéu kién dong phing ciia bon diém dé giai bai toan hinh khéng gian.

St dung cac két qua

Ll LIl a|ujn)

«A,B,C,D 13 bén diém ddng phing = DA =mDB+nDC

oA, BC.D |3 bén didm ddng phing khi va chi khi v6i moi diém O bit ki ta c6
L N[N} NN} M]N ]

OD =x0A +yOB+z0C

trong do x+y+z:1.

Cau 1. Trong cac m¢nh dé sau, ménh dé nao dung.

A. Ba vécto ddng phang 14 ba vécto cung ndm trong mot mit phang.

B. Ba vécto %0-€ ddng phing thi co € =Ma +nb ygi M1 13 cac sé duy nht.
-

. d =ma+nh+ pc

C. Ba vécto khong dong phang khi ¢ voi 4 1a vécto bat ki,

D. Ba vécto dong phang 1a ba vécto co gia cling song song voi mot mit phang.
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Loi giai
Chon D.
Cau A sai vi ba vécto dong phang 1a ba vécto ¢ gia cung song song véi cling mot mit phang.
Cau B sai vi thiéu diéu kién 2 vécto a,b khong cung phuong.

]

CauCsaivi @ =ma+nb+pc yqi d 13 vécto bt ki khong phai 12 didu kién dé 3 vécto @ 2+ € ddng
phang.

Cau 2. Trong cac khang dinh sau, khang dinh nao sai?

A. Néu gid ciia ba vecto “P€ cht nhau timg d6i mot thi ba vecto do dong phing.

B. Néu trong ba vecto %2>¢ ¢6 mot vecto 0 thi ba vecto d6 ddng phéng.

C. Néu gia ctia ba vecto ab,c cling song song voi mot mit phang thi ba vecto d6 dong phang.

D. Néu trong ba vecto a.b.¢ ¢ hai vecto cung phuong thi ba vecto d6 dong phang.
Loi giai
Chon A.

+ Nam vitng khai niém ba vécto dong phang.

Cau3. Cho bavecto %0-¢ khong dong phang. Trong cac khang dinh sau, khang dinh nao sai?

A. Cac vecto ¥ =4 +h+3n';;' =2a-3b-0ciz =-a+3b+bc déng phéng

B. Céc vecto X =@ = 2b+4ciy =3a- 3b+2ciz =2a- 3b- 3c dong phang.

C. Céc vecto ~ =4 +|"}+L'.f_-ll' =2a-3h+cz =-a+3h+3c déng phéng

D. Céc vectg ¥ =@ *+b-ciy=2a-b+iciz=-a-b+Ic ddng phang.

Loi giai
Chon B.

Céc vecto ¥ Y>Z dong phang

| = '+ nz
Ma : X =m) n

)
= dm.n:x=my+n:z

= a- 2b+4c :m(3a— b+ Ec')+n(2ﬂ— 3b- ?m')

Im+2n =1
= 1=-3m- 3n=-2

oA
2m - 3n =4 (hé v nghiém)

A A A . 4 . T = T
Viay khong ton tai hai s -7 - F =P EH

Cau4. Cho bavecto % be . Diéu kién nao sau day khang dinh %> b e dong phang?

A . A ” ~ = \ + + =
A. Ton tai ba s6 thue "> > P thoaman M *7+p =0 3 ma nb + pe =0

B. Ton tai ba sb thuc " "> P thoa man ™ +n+p =0 va ma* nb+ pc =0 .



Todn 12 Chuwong 2 — Toa dj ciia vecto trong khong gian — Bai tdp theo chwong trinh maoi 2025

Ao £ +nb+ pec =
C. Ton tai ba sb thuc " "> P gao cho ™* nb+ pc =0

D. Gia cua % b.c dong qui.
Loi gidi
Chon B.

Theo gia thuyét ™ 7"+ P 0= t4n tai it nhat mot s6 khac 0.

—_——————

n
ma+nb+ pc=0= g=- —bh- L
Giasa m #0 Tw m m

a, b, ddng phang (theo dinh 1y vé sy dong phang cua ba vécto).

Ciu5. Cho ba vecto %2¢ khong ddng phing. Xét cic vecto * =2a+by=a-b-c;z=-3b-2c
Chon khang dinh dung?

A. Ba vecto ©>>Z d6ng phang. B. Haivecto *¢ cung phuong.

C. Haivecto **? cung phuong. D. Bavecto *7>Z d6i mot cing phuong.

Loi gidi
Chon A
y=2(r+z) E

Ta cé: 2 nén ba vecto *>* dong phing.

Ciu 6. Hay chon ménh dé sai trong cic ménh dé sau day:
A. Ba vécto %2:¢ ddng phing néu ¢6 hai trong ba vécto do cing phuong.
B. Ba vécto @0:¢ déng phing néu c6 mot trong ba vécto do bing vécto 0.
C. vécto X =8+b+C 1yon luon ddng phing véi hai vécto @ va b

S|EN) W NN Ny NN N]

D. Cho hinh hop ABCD.AB'C'D pa vécto AB.CA, DArd(‘A)ng phang

Loi giai

Chon C.

A. Bing vi theo dinh nghia déng phing.
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B. bung vi theo dinh nghia dong phang.

C. Sai
(D' =A4'- AD =a-
D? Td o ol
= AB =DA - CA
]]Bj :I]?
C.A CA _—b— . JJJPJJ'JJI_ JJJI_ . ,
D. bung vi ‘ = 3 vecto 4864, DA dong phang.

Cau 7. Trong cac m¢nh de€ sau day, ménh de nao la sai?

T T Uuu Uud U

A. Tur hé thuc AB =2AC- 84D 5 suy ra ba vécto AB,AC, AD dong phang.

B. Vi NM + NP =0 pnen N 13 trung diém ctia doan MP-

a0 0m
7 , or =L(04+ OB, )
C. Vi I 1a trung diém ctia doan 4B nén tir mot diem O bét ki ta co 2

D. Vi AB + BC +CD+ DA =0 ngp bén digm 4 B.C.D cung thudc mot mit phang.
Loi giai
Chon D.
A Ping theo dinh nghia vé su dong phing cua 3 vécto.
B. bung

M|N]N]

C. bung vi GA+GB Gf+fA+Gf+fB

uu uu UL LI

Ma A+ 1B =0 (yi I 3 trung diém 4B) = OA+OB —"’GF
D. Sai vi khong dung theo dinh nghia sy dong phang.

Cau 8. Trong cac m¢nh deé sau day, ménh de nao sai?

il
2 r G‘F =
A. Vi | 1a trung diém doan AB nén tir O bit ki ta co:

B. Vi AB +BC+CD + DA =0 pan bén diém 4 B. C. D ddng phing.

0m 000

%(GA +OR)

C. Vi VM + NP =0 ngn N 13 trung diém doan NP .

D. Tir hé thae AB =2AC - 84D ¢y suy ra ba vecto AB, AC, AD ddng phang.
Loi giai
Chon B.

uuu SN N} uuu

Do AB +BC + CD + DA =0 dtng v6i moi diém 4> B-C- D nén cau B sai.
Cau 9. Trong cac ménh dé sau day, ménh dé nao sai?
A. Ba vécto @b.C ddng phang khi va chi khi ba vécto d6 c6 gia thudc mot mat phang
B. Batia Ox,0y,0z vudng goc voi nhau ting d6i mot thi ba tia d6 khong dong phang.
C. Cho hai vécto khong cuing phuong @ va b Khi d6 ba vécto &b.C ddng phang khi va chi khi c¢6 cip
s6 MM a0 cho € =MB+ND no0ai ra cip s6 M7 1a duy nhit.

D. Néu co MB+nb+pc=0 ., mot trong ba & 7" P khac O thi ba vécto @D:C dng phing.
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Loi giai

Chon A.

Ba vécto @b.C d6ng phang khi va chi khi ba vécto d6 c6 gia song song hodc thudc mot mit phang. Cau
A sai

Cau 10. Cho ba vecto % b, ¢ . Trong cac ménh dé sau, ménh dé nao sai?
A.Néu % b, c khong déng ph'flng thi tr M4 F nb + pe =0 ta suy ra m=n=p :D.

B. Néu co ™a*+nb+pc :D, trongdo ™ TH TP 2 0 thy @ b.c ddng phang.

m+n+p =0 ma + nb + pec =0

C. Vi ba s6 thuc m, n, p théa man ta co thi % b,c ddng phang.

D. Néu gia caa% b,c dong qui thi % b,c ddng phang.
Loi giai
Chon D.
Cau D sai. Vi dy phan chimg 3 canh ciia hinh chép tam giac dong qui tai 1 dinh nhung ching khong dong

phang.
Cau 11. Cho hinh hop “BEP-ABED! chon khing dinh dung.
A. BD.BD,,BC, déng phéng. B. B4, 8D, BD déng phfmg.
C. B4, BD;,BC ddng phang. D. B4, BD,. BC, dong phang.
Loi giai
Chon C.
BA.BD,,BC (BCD,A4).

Ta co 3 vécto ddng phang vi chung co gia ciing nam trén mit phang
Ciu 12. Cho hinh hop ABCD-EFGH  Goji I 13 tAm hinh binh hanh ABEF va K 1 tam hinh binh hanh

BCGF Trong cac khang dinh sau, khang dinh nao ding?

A. BD, AK.GF déng phéng. B. BD,IK,GF déng ph'fmg.
C. BD,.EK.GF déng phéng. D. BD.IK.GC déng phéng.
Loi giai

Chon B.
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D : C
A B
X
I:I’J_ """"""""" G
E F
[IK//[{ABCD)
GF/[(ABCD)

u|u} LILg ms N

+ \BD c(ABCD) = IK,GF, 8D dong phang.

+ Céc b vécto ¢ cau 4.¢,.D khong thé c¢6 gia cuing song song véi mot mit phang.
Cau 13. Cho hinh hop ABCD.ABCD  Goi I va K 1an luot 1a tAm cta hinh binh hanh 4BB’A" vj

BCCB’ Khang dinh nao sau day sai?

m 00 000
, , . , IK =——AC=—A4C
A.Béndiém I, K, C A4 ddng phing B. 2 2
C. Ba vecto BD:IK:BC khong dong phang. D. BD+2IK =1BC
Loi giai
Chon C.
A. bung vi IK,AC cung thudc (B4C)
0 0mW Omo 10 000
1k =18 +B'K = (a+b)+ L(-a+c)=L(p+c)=Luc =L aC
B. Bung vi 2 2 2 2 2
00 0mD Omo
IK =IB' +B'K :l(a +."J)+ I—(—a +L') :I—(."J+|:').
C. Sai vi 2 2 2

Ly SIN|E]E]

SN N S| NN} H[N]N]
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Cau 14. Cho tir dién ABCD Goi M.N 13n luot 1a trung diém cua AD.B C. Trong cac khéng dinh sau,

khang dinh nao sai?

uug uug [NIN]NIN] uuy Uug duug

A. Céc vecto 1B8.DC.MN dong phang. B. Cac vecto 18- AC.MN khong dong phang.
C. Cac vectg AN, CM, MN dong phang. D. Céc vecto BD-AC. MN dong phang.
Loi giai
Chon C.
A
M
B D
N
C
oo ¢ O00 000
My ==(4B +DC).
A. Puing vi 2
N otk MN an MN bh A 3 . .2 (4BC)
B. Bung vi tir /¥ ta dung vécto bang vécto thi khong nam trong mat phang .
C. Sai. Tuong tu dap an B thi AN khong nim trong mit phang (CMN).
jmo 4 Q00 oo
vy =—(4c+ BD).
Dung vi 2
D.
Cau 15. Cho hinh hép ABCD.A,BC,D, . Chon khéng dinh dung?
A. BD.BD,. BC, ddng phang. B. (D AD A5 ddng phang.
C. CD,, 4D, 4C déng phfmg. D. 4B, 4D,C\ 4 déng phéng.

Loi giai
Chon C.
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C

A B,

+M.N.P.O 13 luot 1a trung diém cia AB, A4,,DD,,CD

SIN|N]N) g SN|N ]

Ta o €D/ /(MNPQ): AD /] (MNPQ); 4C//(MNPQ) = CD,, AD, A, C déng phing.

Cau 16. Cho ttr dien 4BCD | Trén cac canh 4D va BC lan luot lay M.N sa0 cho AM =3MD
BN =3NC  Goi .0 1in luot 13 trung diém cua 4D va B C. Trong cac khang dinh sau, khang dinh nao

sai?

B. Céc vecto MNV.DC. PO ddng phing.

D. Cac vecto -1B-DC. MN dong phang.

A. Céc vecto BD-AC, MN ddng phang.

C. Céc vectg 18-DC. PO dong phang.
Loi giai

Chon A.

C

- LILLL LUy Ly iy AU Ly g [
MN =MA+ AC+CN MN=MA+AC+CN
| 0 000 000 = {00000 Ooood ood
. . |MN =MD+ DB+ BN IMN =3MD +3DE +3BN
A. Sai vi

00 0D 00 00

= AMN =AC- 3BD+—BC  uuu uus S
2 = BD.AC.MN khong dong phing.
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JJJJ ajuin| ajun|

+P o ood oof oood noi  ood
% ﬁ %ﬁjr"’m —PO+DC = MN :—(PQ+DC)
B. By ‘W"»—WD+DC+C"»
. bang vi

[NIN)N Ny N[N]N) Uy

= MN.DC, PQ déng phél’lg

M Il
‘ T o =L(45+D0).
C. bung. Bang cach biéu dién Q tuong tu nhu trén ta co 2

Jmo0  q000 4000
, N i MN =— AB+—-DC
D. bung. Bi€u dién giong dap an A ta c6 4 4

Céu 17. Trong cac ménh dé sau ddy, ménh dé nao dung?

A. Tu AB =3AC ¢4 suy ra B4 =-3CA4
00 40
4B =-—BC 7
B. Néu 2 thi B latrung diém doan 4C

C. Vi AB =-24C+54D nén bén diém 4> B> C D ¢dng phang

(NN} [NIN]N) [N]NjN]

Loi giai

Chon C.

, AB =-2AC+54D
Ta co:

uuy Jug uuu

Suy ra: AB,AC, AD hay bon diém 4,B,C, D dong phang.

Ciu 18. Trong cac ménh dé sau ddy, ménh dé nao 1a ding?

mn 000
B =- —BC 7
A. Néu 2 thi B la trung diém ctia doan 4C |

C. Vi AE =-2AC +5f‘iﬂnen bén diém 4 B. ¢, D cung thugc mot mat phang

Loi giai
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Chon C.
m 0O
AB =- —BC= ,
A. Saivi 2 4 1a trung diém BC
¢ A B
B.Saivi AB-34C= CB=-44C
C A B

C. Pbung theo dinh 1y vé sy dong phang cta 3 vécto.
D. Sai vi AB =3AC= BA=3CA (nhan 2 vé cho - 1).

W|NE} SN N

Cau 19. Cho tr dién ABCD . Goi E,F la cac diém thoa ndm Eq =KEB,FD = kFC con P,Q,R la cac

L Uug uug N NNy NN sjulu}

diém xac dinh boi PA =IPD,QE=IQF,RB=IRC . Chimg minh ba diém P,Q,R thang hang Khang dinh
nao sau day la dang?
A.P, Q, R thiang hang B. P, Q, R khong dong phing
C. P, Q, R khong théng hang D. Ca A, B, C déu sai
Loi giai
Chon C.

B
Ta co 7€ R4+AE+EQ (1)
PO=PD+DF+FQ (2)
Tl‘1,(2)%1 IPO=IPD+IDF +IFO (3)
L®(D—G)mwv&am (1- DPO =AE- IDF
m ¢ M0 ; Om
= PQ=——AE- —DF
1-1 -1
m ¢ 000 000
OR =—EB- — FC

Tuong ty 1-1 I-1
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I | 00 ; 00 .z 00 4 O0 OO

uw oo uuu PQ_—AE-—DF =~ EB- — FC =- kOR
Mit khac EA =kEB,FD =kFC 1-] 1-1/ 1-1 1-1

Vay P.O.R thang hang.

Cau 20. Cho tr dién ABCD | Léy cac diém M-N-P.Q 13, luwot thudc 48, BC, CD,DA sao cho
MmO 000 OO0 o000 OOD ¢ OO0 000 A]]]
AM =—AB,BN == BC,AQ =— AD, DP =k DC 7 ‘ 7

3 3 2 . Hay x4c dinh k¥ dé M,N,P,Q dong phang.

k=1 k=1 k=t k=t
A 2 B. 3 c. 4 D. 5
Loi giai
Chon A.
Cach 1.

m 4000 OO0 00 (00 000 00
AM =—AB= BM - BA =- EBA = BM :E BA

Tacod 3
B 5
Laico 3 dodo MNIIAC,

Vay Néu M.N,P,Q dong phang thi (unpP)N(4cD) =PQ || AC
_ pPC_o4 - Moy 000 p
~FD oD hay DP =—DC = k =

1
2

thi khong kho khin ta c6 cac biéu dién
oo 2 2 [ 2 I 1

MN =- —a+=b MP=-_—a-—b+kc MN =- —a--b
3 3 3 3 o6 3

2

M|NIN Ny N N[N) H|NIN N
Cac diém M-N. 1@ ddng phang khi va chi khi cac vec to MN, MP, MQ ddng phang

SN NN SN )

= v,y WP =xMN + yMQ

271, (2 2 (1 1)
= -_a-—b+kc =.1"——a+—c +}"-—ﬂ-—f?‘
3 3 3 3 | 6 3 |

Do céc vec to a.b.c khong dong phang nén diéu nay twong duong véi
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-

Cau 21. Cho hinh chép S.ABC  mst phang () cit cac tia °458, SC.S G( G 1a trong tdm tam giac

ABCY 1an luot tai cac didm ALB,C,G Tacp S4' SB' SC'  SG' Hoik bang bao nhiéu?
A.3 B.4 C.2 D. 1

54 SB  SC S5G
+ + =k

Loi giai

Chon A.

LIl SN} s N W) U Uy SN N

ma im 100 (00
= EEEG' :£5A'+£53'+£56'
5G! 54" SB' sc!
54 S§B 5C 5G
+ + =3

Mit khac 4+B%CG" 4dng phing nén: SA' SB' SC' ~SG'

Chii y: Ta c6 mot két qua quen thudc trong hinh hoc phang :

ABC gy S.MA+S,MB +5_MC =0 S

Néu M 1a diém thudc mién trong tam giac trong do ¢’ SpsSe 1an lugt

la dién tich cac tam giac MBC, MCA,MAB vay ta co bai toan tong quat hon nhu sau:

Cho hinh chop S.ABC mst phang () cht cac tia >4 58, SCSM ( M 1a diém thudc mién trong tam giac

ABC) 13n luot tai cac diém 1-8-C-M"

554 S§5858 §S8C SSM

o emr et oug S.,5.5
Ching minh: S4° 58 SC°  SM°  (vgi "@®»% Jan lugt 1a dién tich cac tam gidc
MBC, MCA,MARB

va S la dién tich tam giac AB C).
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Cau 22. Cho hinh chop S-4BCD ¢4 dgay ABCD 13 hinh binh hanh. Mot mit phing () ct cac canh

SA,5B,SC.SD 13, lugt tai 4 WBLCLDY Ping thirc nao sau day dang?

54 5C 5B 5D 54 5C Y 5D
+2 = +2 + = M
A, SA' SC' SB' D' B. S4' 2S5C' SB' 25D'
5A+EC _53+5D 5.4_ 5C _53_ RY D
C. SA' SC' SB' SD' p. SA' SC' SB' SD'

Loi giai

Chon C.

Goi © 1a tim cua hinh binh hanh 4BCD thj

LI UL alu LILLI LI

S4A+85C =5B+5D =150

s4 000 g 000 splll g 000
= —S4'"+—50"'=———8B'+—5C"'

54" 5SB! 5B s

54 5C 5B KYD
= + = +

S4' SC' SB' 5D,

Do 4,8,C",D' dong phang nén dang thic trén
Cau 23. Cho hinh chép S.ABC ¢ SA=a,SB =b,SC =c Mot mit phang () ludn di qua trong tam cua

tam giac ABC | it cac canh SA,SB,SC 13, luot tai ALBLC' Tim gia tri nho nhat cia

+ _ +
s4”  SB" sc*
3 2 2 9
Al PRI B. A +bh i+l C. a? +bh? +c° D. al+b +c°
Loi giai
Chon D.
L [N ujn} LIl

Goi U 1a trong tam cua tam giagc 4BC . Ta co 35G =54 +5B +5C

ma o0 ma
_ 54"+ SB SB'+ SC S

54" SB' sC'
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54 SB 5C a b c
+ +

] ] [ R . | | =3 ; + | + , =3
Ma G, 4.B.C dong phang nén 54" SB' 5C 54" SB' 5C
Theo BDT Cauchy schwarz:
II'\-+ I|'\-+ I,'\- (ﬂ:+h:+tlz):—:“ ﬂ|+ h|+ LII
Ta cé " 54 5B SC" | | S4' SB' SC')
1 1 1 a9
= 7l + 7] + = :—: ] 7l E
SA" SB" SC" a +bh +c
Ding thirc xay ra khi
1 1 1 fri b e
= + =

aSA' bSB' c¢SC' kéthop véi SA' SB' SC'  ta duoc

R R RN R RN R
sqr =G b g @b e oo @ th b
Ja b Ic
| 1 1 9
+ +

Vay GTNN cua 54" SB" SC" |3 a” +b +c"

Chu 24. Cho tt dien 4BCD | M 13 mot diém nim trong tir dién. Cac dudng thang AM,BM,CM DM .4,

(BcD),(cDA),(DAB),(ABC)

cac mat lan luot tai ALB.CLD" Mit phing () di qua M va song song

voi (BCD) A4'B,4C,4D tai cac diém B,.C., Dy Khing dinh nao sau day la dung nhat.

B]qD]

lan luot cat

A. M 1a trong tAm cua tam gidc

B. M 13 tryc tAm cua tam gic BGD,

C. M 1a tam duong tron ngoai tiép tam giac BGD, .

D. M 1a tam dudng tron ndi tiép tam giac BGD,

Loi giai

Chon D.
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Vi M ndm trong tr dién ABCD nén

MmN} u]E N

X, 1,2,t>0 1WA+1H’B+ MC+tMD =0 (1)

ton tai sao cho

Goi () 13 mat phang di qua M va song song v6i mit phiang (BCD).

() ||(BCD)
(BB'ADr(a)=MB, = MB, | BA

(BB AN (BCD) =BA"
Taco !

) ve' D0 0
MB, _MB' _ ! MB ()
Dodé BA' BB !

Trong W , chiéu cac vec to 1én duong thang BB' theo phuong (4cD) ta duogc:
xMB'+ yMB +zMB'+tMB' =0= (x + y+z)MB'+ yMB =0
10 100 MEB' ¥

= (x+y+z+t)MB' =yBB'=

BB' x+y+z+t

im0 il
MB, = - BA' (3)
T suy ra x+y+z+t
i - 100
MC, =—= cA' (4)
im0 - i0m
MD =——— DA (5)

Mit khac chiéu cac vec to trong O 1én mit phang (BCD)theo phuong 44" ti thu duoc
Vi A TD 20 g DW.6)

Mo0  0O00  mooo I im Q00 000
MB, + MC, +MD, =— (yBA"+zCA"+tDA') =0 seD
Xtytzti ,hay M 1a trong tAm ctia tam gidc GOy

Cau 25. Cho tir dign ABCD ¢4 BC =DA =aCA =DB=Db,AB=DC =C Gy S 13 dién tich toan phin

1 1 1
+ +

] ]

( tong dién tich tat ca cac mat). Tinh gia tri Ion nhitcua @ b~ b ca |

2 3 2 V2
A S B. S c. s D. S
Loi giai
Chon A.

Do tit dign ABCD ¢ BC =DA =a,CA=DB =b,AB =DC =c 5, ABCD =AADC =ADAB =ACBA

| o 5 =45 =95¢ o
Goi ' 1a dién tich va R 1a ban kinh duodng tron ngoai tiép moi mat do thi R nén bat ding
) :|:+ ﬁ|ﬁ+ ﬁlﬁﬂim a +b* +c” =9R°
thitc can chung minh a’®” bc™ c’a” S
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Theo cong thirc Leibbnitz: Vi diém M bat ki va G 1a trong tam cua tam giac ABC tp;

) el vl 2 el a el I a el ) a
MA " +MB +MC =GA +GE +BC +3MG 25(9' +h +c 4+ '?J.-WG')
Cho M tring véi tim dudng tron ngoai tiép tam giac ABC ta qugc

OR’ =aa’ +b +c°+90G" za’ +b +¢&

Ciau 26. Gia st M>V-P 13 ba diém 1in lugt nam trén ba canh SA.SB.SC 4 tir dién SABC Goi I 1a

(Bcr ), (cAN),(4BP)
g va

giao diém cua ba mat phan J 1a giao diém cua ba miat phang

(4nP), (BPM ), (CMN ) Ta dugc S,.1,J thang hang tinh dang thirc nao sau day dang?

MS . NS . Ps . 1 _Js MS . NS PS N 1 _JS
A.M4d NB PC 2 I B. Md NB PC 4 I
MS NS FPS 1 _JS MS NS PS JS

- + +_=— - + +l=—

C. MA NB PC 3 ! D. M4 NBE PC JI

Loi giai
Chon D.

B

Goi E=BFPNCN,F =CM NMAF, T =AN N1 BM

TI'Ol’lg (BCM) co I =BF nCT trong (ANP) cb NF M PT =J .

L M| N]N} g U uuu

Pit SA =a,SB =b,5C =c va SM =xMA, SN =yNB,S5p =zFC

m ., o o, m
SM=———a 8N =——bh 8P =———r

Ta c6 x+1 v+l z+] (.T}U.,}'}D,:::-D)
) LLL LILL L
TEAN ST =asy +(- a)sB
{ resM |ST=psn+(- p)s. SA SB = SN s,
Do T =AN NBM pap L €8 ST=pSN+(1- f)SA = asm +(1- a)sB =fsN +(1- [)s4
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o X aa(1- )b =

3

PY be(l- fa
+1 .

x+1 ¥
[ ax ? x -
=1- f ag=—— _3
x+1 x+y+1 i x y
, = = ST = a+—— b
Gy “1- o 5= ¥ x+y+l x+ oyl
. A . A .| y+l Cx+y+l
vi @b khong cung phuong nén ta cod * - - ;
a0 y z 0m z x
SE=—— b+ c, SF = C+
yv+z+l yv+z+l z+x+l z+x+]

Hoan toan tuong tu taco :

Lam tuong tu nhu trén dbi voi hai giao diém [ =BF NCT ya NFNFPT =J 4 duoe :

J ! il ,
SI :—(.‘m' +yb+ :r:)._ SJ :—(.m +f1'b+:c)
xdy+z+] x+y+z+2
O x4+y+z+10 @ il
SJ=——"— SI= S/=(x+y+z+1)IJ
Suy ra x+y+z+2
St SM SN _SP
S I.J —=x+y+z+l= +—+ +1
Vay 2%+ thang hang va 1/ MA NB PC

Cu 27. Cho hinh chop SABC oo 54 =58 =SC =a_WsB =Bsc =€s4=a_Goi P) 13 mat phing di
)

qua 4 va cac trung diém cta “5-5C | Tinh dién tich thiét dién cta hinh chop cit boi mat phing

) ZGTJ?I:DSF o= locosa+9 s ZHTJ?EDSE r- Ocosar +9

A, 2 B. 2
szi.ﬁms:a—ﬁmsa+9 5:£J?E053a— l6cosar+9
C. 8 D. 8

Loi giai

Chon D.

Goi B.C" lan lugt 1a trung diém cua SB.S§ C. Thiét dién la tam giac AB'C',

I — 00 ot
S e :_me'- Ac’- (4B 4c
- '}
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0 000 00 00 0O
AR'=85B'- §4 =—S8B- 54
Ta c6 2

. , . om a’
= AB" :153- +54° - SASB :T(S_ 4cose)

mioood 2
AB'AC'=—(4- 3cosar)
Tinh tuong ty, ta co: 4 .

1 |d* > 2 : - -
Vi 5.0 ZE'JE(S_ doosa) - E(d— 300sa) :%J’f cos - locosa +9 |
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