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®. Tom tat kién thuc

-

®. Tich cia mot sé véi mét vecto

@ Cho s6 k khac 0 va vecto a khac 0. Tich cla sé k vGi vecto a la mét
vecto, ki hiéu la k a.

@ Vecto k @ cung huéng véi @ néu k > 0, ngugc huéng véid néu k < 0
va c6 do dai bang |k|.|al.

k>0

© Ta quy udc 0a va ko = 0.
Ngudi ta con goi tich mot sé véi mot vecto la tich cila mot vecto véi

mot so.

®. Tinh chat

@ V46i hai vecto @ va b bat ki, v8i moi sé thuc t va k, ta cé:
@ k (@ +b) = ka + kb;
v (t + k)a = ta + ka;
v t(ka) = (tk)a;
v l.a = a.

@ (-1).a = -a.

© . biéu kién dé hai vecto cung phuong

© Hai vectd a va b (b khéc 0) cung phuong khi va chi khi cé sé k sao
cho @ = kp.
@ Nhan xét:
Ba diém phan biét A, B, C thang hang khi va chi khi c6 sé k khac 0
dé
AB = KAC.

.-1! E. Qlﬁf:r |
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[ @. Ung dung:

2 Cho doan thadng 4B cé trung diém 1. Véi diém O tuy y, ta cé:

OA + OB =201 |

% Cho tam giac 4BC cé trong tam G . Véi diém O tuy y, ta cé

O4A+ OB +0C =30G

®. Phan dang toan co ban

‘Dang ®: Xac dinh vecto ka
=Cac vi du minh hoa
Cau 1: Cho tam gidc ABC cé M, N lan luot la trung diém cac canh AB, AC (Hinh 2).

N AN Ve S —_— 1 —_— —_—
Tim trong hinh cac vecto bang: 2 MN; - 5 AB; - 2CN.

M N
B &
Hinh 2
’ o 2 X A ., B ! 9m/s
Cau 2: Vat th& nhat chuyén dong thang déu tr dén  vai tdéc do la va vat
; . R B ! A ! 6 m/s V.V, N
th( hai chuyén dong thang déu tr  dén  véi toc do la . Goi lan lugt la

k
cac vecto van toc cla vat thi nhat va vat th( hai. Cé hay khéng sé thuc  thod

v, =kv,?
man



Cau 3: Cho doan thang AB va moét di€ém M tuy y. Ching minh / 1a trung diém cla
doan thang AB khi va chi khi + =2 .

0.A,M,N 0:1:4/2:- 2
Cau 4: Trén moét truc so, goi tuong (ng biéu thj cac so . Hay

[SINI Ny N N) LU

OM ,ON a =04
néu maoi quan hé vé huéng va db dai cia moi vecto v@i vecto . Viét

uuuy [N]NN]

OM OA
dang thic thé hién méi quan hé giita hai vecto va

o ¢0
>
[

B . . AC K xi oo
Cau 5: Cho la trung diém cua doan thang . Timsé trong moi truong hgp sau:

CA =kCB CA =k AB
a) ; b) )

A,B,C
Cau 6: Cho ba diém . Ching minh:

( H[un ) W[N] W[N] W[N]
SN} L SN ] 5 — o r . / —
2V AB+2BC =2 AC N5AC )+ CEB-144C =4

a) ; b)

-Dang ®: Dung tinh chat, trung diém, trong tam, ba di€m thang hang
=Cac vi du minh hoa

A G . A , L, Aasc . M, . : N
Cau 7: Cho la trong tam cua tam giac va diém tuy y. Chirng minh rang
MA + MB + MC =3MG

" 7 LV4 ABCD V4 M,N ~ \ . 2 2 . AB \ CD 3
Cau 8: Cho tu giac co lan luot la trung diém cua hai canh va . Goi

\ i 2 2 MN
la trung diém cua doan thang

u]N N} Lg g g

)  GA+GB+GC+GD =0
Chung minh

Cau 9:



Cho tam giac O4B  Piém M thudc canh 4B

-
AM =—AB
3

sao cho

s MH | /OB MK /104 g1 60),

K

4 S|NIE)

04 =a,0B =b
Gid su

[W]N]N) (W[N]

o - OH a _ OK b
a) Biéu thi theo va theo

uuuy

. . OM a _ b
b) Biéu thi theo va

Cau 10:

Cho tam giac ABC c6 trung tuyén AM. Goi I la A

trung diém ctia AM va K 1a diém trén canh AC

sao cho AK = %AC.

B Af [4
a) Tinh BI theo BA, BC. Hinh
b) Tinh BK theo BA, BC.
¢) Chirng minh ba diém B, I, K thang hang.
LIl m|uN] L
ABC M MA+3MB+2MC =0
Cau 11: Cho tam giac . Hay xac dinh diém  dé .

B(JJJ ‘}JJJ ) ,}(JJJ 3JJJ ) H{HN|
. , , AB+2BC)- 2| AB+3BC)=ARB
Cau 12: Cho ba diém A, B, C. Chiing minh ’ ’

©. Dang todn ren luyén
‘Dang ©: Cau trac nghiém nhiéu phuong an lua chon

ABC M ] BC G ABC
Cau 1: Cho tam giac goi la trung diém cua va latrong tam tam giac

Pang thic nao sau day ding?

uuu (AT ULl UL
GA =2GM GA+2GM =0
A. . B. .

AM =2A4G GB +GC =GA



Cau 2: Cho tam giadc 4BC cé trong tdm G. Ménh dé nao diung?

LILL] S| uN} a]uiN) M]uiN §]

GA+ GE +GC =3GM Uy uuu LU UL
A. . B. MA+MB+MC =3MG |
LI WINT] LLLe i N|NH] LU SN ]

MA+MB +MC =0
C. .

AM + BM +CM =0
D. .

Cau 3: Cho tam giac 4BC, Véi diém M |a trung diém BC va 7 la diém tuy y thi.

Ménh dé nao dung

uuu

aju] Ly ujuiN)

M+FB+IC =3IM IB+1C =2IM
A. . B. )

WA+ MB =2M1 IA+IB—"H»I

. D. .
ABC M,N,P BC,CA.AB

Cau 4: Cho tam giac , VO lan lugt la trung diém cua . Khang dinh
nao sau day sai?

LILRIL N[N NN N LIl LLILL) LILILL

MN + NP+ PM =0 PB+ MC =PM
A. B.

LIl NN Ll LIl NN N LILLI

AB+ BC + AC =0 AP+ BM +CN =0
C. D.

N G Y A 7 ABC . Y e 2 BC 2 a \
Cau 5: Cho latrong tam tam giac , g0i la trung diém cua . bang thirc nao sau
day dung?

a0 1 00
Ly uu G =
GA =2G1. 3
A. B.
LILIL H|NN) LILLI LILIL LILIL
OB +GC —"Gf. GB +GC =0A.
C. D.

. 4B M
Cau 6: Cho doan thang . Goi

ang dinh nao sau day la sai?

L Loy

MB =-3MA4

T T

LAY 1 il

MA =— UB
C.

Cau 7: Chon khang dinh ding:

la mot diém trén doan thang

e o
gy 3 00

BM :—BA

iy 7

Ly ] fii

AM =—AB
4

AB

AM _1 AB
4

sao cho .Kh



Sl i a4

G ABC GA+GB+CG =0

A. Néu latrong tam cla tam giac thi
LI LI HNN]
.G ABC GA+ BG+GC =0
B. Néu la trong tam cula tam giac thi .
G ABC GA+ AG+GC =0
C. Néu la trong tam cua tam giac thi .
. G ABC GA+GB+GC =0
D. Néu la trong tam cua tam giac thi :
E : L, PO M \
Cau 8: Cho la trung diém doan thang va diém  bat ky. Ménh dé nao sau day la
dung?
Eb—£0 B =26
A. . B. .
MP + MQ =ME EQ+EP =0
C. . D. :

Cau 9: Cho ba diém phan biet 45.C N&u 4B =-34C thi dang thic nao dudi day
dung?

BC =-44C BC =-24C
A. . B. .

BC =24C BC =44C
C. : D.

ABC I ) _ BC |

Cau 10: Cho tam giac . Goi la trung diém cua .Khang dinh nao sau day dung

i (@ 17 ) LAl LAl

BI=IC 3BI = 2IC
A. . B. .

(W ¥ LLAR AU [W ¥

BI =2IC 2BI =IC
C . D.

a #0 e, M.N , OM =3a
Cau 11: Cho va diém . Goi [an luot la hai diém théa man va
gju\’ =-4a
. Khi dé:

MN =T7a MN =-5a
A. . B. .

JU'LL}:I’E’ =-Ta JU'LU)I':I:’ =-5a

C. . D.



Cau 12: Tim gid tri cta ™ sao cho

|n| :5._|b| =15
m =3
A. B.
1
m =—
3
C. . D.

a,b

a=mb  biét rang ngugc huéng va

Cau 13: Cho ba diém “:5:C phan biét. Diéu kién can va du dé ba diém thang hang

hY

la:
AB =AC

A. . B.
- s =i

C. D.

L SN N}

ajuin} L

3 £0: AB =k . AC

N N} H[NIN) A|N|EN}

MA+MEB =3MC. Y
diém

M

Cau 14: Cho MBC pjt 9 =8C.0 =AC c4¢ c3p vecto ndo sau day cling phuong?

2a+bh,a+2b

A. B.
Sa+b,-10a-2b
C. D.
ABCD M
Cau 15: Cho hinh binh hanh cé
sau day sai?
LLIL Luud aNjN)
AB+BC =AC
A. . B.
BA+BC =2 BM
C. D.
ABC G
Cau 16: Cho tam giac c6 trong tam
sai?
GA+ GB +GC =0,
A. B.
AM =-2MG.
C. . D.

a-2b2a-b

a+b,a-b

la giao diém cla hai duong chéo. Ménh dé nao

L aN|N] uNN]

AB+ AD =AC

aluu aIN]N) aINNE} AIN]N )

MA+MB =MC+MD

CAM.
va trung tuyén Khang dinh nao sau day

L LI

GA +2GM =0.

LILLI LILL] ULl ULy
OA+ 0B +0C =30G )
, V&i moi diém O.



ABC AM

Cau 17: Cho tam giac c6 trung tuyén , tim khang dinh dang?
0mo ¢ O00 000
T ENE] L W] AM :—(AB + .4(__')
AM =AB+2BM 2
A. . B.
an 1 00 o 00 ¢ Q00 000
AM =- ;(A3+ AC) AM :;(AB— AC)
C ) D. )
ABCD o |
Cau 18: Cho hinh binh hanh tam . Khang dinh nao sau day dung?
[ ¥ | [ - F) [ Fj [ [ - F =" Fj [ ¥ F)
AB+ AD =3A0 2AB+3AC+24AD =54C
A . Bl
Ly LLAd L= ¥ P Lid LA LA LS
AB+ AD =2 AC AB+ AC+ AD =240
C. . D. .
ABC I . BC G ,
Cau 19: Cho tam giac va latrung diém cua canh .Diém  cdé tinh chat nao sau
) . .G ABC
day la diéu kién can va da dé la trong tam tam giac ?
AG+BG+CG =0 IA =3GI
A. . B. .
GB+GC =2G GA =2GI
C. . D.
" . (4 A \ B A A R A n hY 2 ~ [ \ .2 AB \
Cau 20: Cho hai diém va phan biét. Diéu kién can va du dé la trung diém la
14 =IB IA =-1IB
A. . B. .
Al =BI Al =BI
C. . D. .
AABC M . BC G AABC
Cau 21: Cho cé la trung diém , latrong tam . Khang dinh nao sai?
LILLl H[N[N} g Uy LILLl LILILLI
YO:04+ 0B +0C =30G GA+2GM =0
A. . B. .
H[N|N[N) HNN§) LILILI NN} LILLI
AM == 2MG GA+ GB+GC =0
C. . D. :

A c . 4 _ B AC =3CB A o X )
Cau 22: Cho namgilra va saocho . Ménh dé nao sau day dung?



000 4000

uuu o AB =—B8C
AB =4BC 3
A. . B.

00 300
uuu uuu AC =— AB
AC =-3BC 4

C. ) D.

B Y C AB =2a, AC =0a.
Cau 23: Trén dudng thang cho diém nam gilta hai diém  va , véi

Dang thdc nao sau day ding?

e =28 5C 24
A. : B. :
BC =4A4B BC =4B

C. : D.

Cau 24: Cho hinh ch{tr nhat ABCD, I, K 1an lugt 1a trung di€m cla BC va CD. Chon dang thuc
dung.

AT+ AK =2AC Al + AK =AB + AD

A. . B. .
00 000 <000

uu Ly uu Al + AK =— AC

Al + AK =IK 2
C. . D.

AABC ) )

Cau 25: Cho , AM, BN, CP la cac trung tuyén. D, E, F la trung diém cta AM, BN va CP

. V&i O la diém bat ki. BPang thic nao sau day dang?

e 5 o 222 3+ 5 o)
04+ OB +0C =0D +0E +O0OF - -

A. . B.
L [u LI LIl [u LI UL LI Huin| LU LU H[un|
04 +0B +0C =2(0D +OE + OF ) 04+ 0B +0C =3(0D + OF + OF )

C. . D.

Cau 26: Cho tam gidc ABC déu tam O, M la diém bat ki trong tam gidc. Hinh chi€u clia M xud
ng ba canh lan lugt 1a D, E, F. Hé thirc nao sau day la ding?

M Ml 00 000 I M0 00 5000
MD + ME + MF =—MO MD + ME + MF ZEMO
A. T B.
I M1 00 5000 I M1 00 5000
MD + ME + MF :ZMO MD + ME + MF ==MO

C. . D.



ABC

Cau 27: Cho tam giac déu . Phéat biéu nao sau day dung?
[N/N[N) (HINN)
AB- BC =0 AB| = AC
A.
AB =AC AB + BC =CA
C. . D.
LIl nuin] _:JJ_-_' -
ABC 7 |MA + MB +MC| =5
Cau 28: Cho tam giac , CO bao nhiéu diém théa
A. 1. B. 2.
C. v0 so. D. Khéng cé diém nao.
(O;e) A4,B C -1;2 3
Cau 29: Trén truc toa do , cac diém va cOtoa db lan luot la va .Timg
. AB+2AC
ia tri cua
11 1 7 -11
A. . B. . C. . D. .
ABCD  AB=d4a 4D =3a BA + DA
Cau 30: Cho hinh chit nhat cé va . D06 dai clia vecto bang:
Sa 6a Zaxﬁ Ta
A. . B. . C. . D.
uuu uuu
BC o |AB+AC ‘
Cau 31: Cho tam giac déu canh bang . Khidé bang:
NGy
A. a. B. 23« ¢ 2 D. 2a.
4BCD AB=a, AB L BD.,B4p =60" EF
Cau 32: Cho hinh binh hanh co Goi lan luot la trung
 Bp.aD B 4 i
diém cua D06 dai vec to la
aV13 a10 a7
A. 2 | B. 2 . c. 2. D. 2a,
ABC 4 AB=a AB+4AC
Cau 33: Cho tam giac vudng can tai . Tinh d6 dai vecto .
A. V20a. B. 5a. C. 17a, p. V174,

ABC 1
Cau 34: Cho tam giac déu canh bang .Tacé



AB- CA|={B [4B- C4|=0
A B.
H(HN] ULl Hjun| [N
|4B- C4|=2 |4B- AC|=0
D.
(N|N|N] NN]N}
3 -
OAB 0 04 =a 204- OB
Cau 35: Cho tam giac vudng can tai , canh . Tinh
A. a\/§. B. 2a\2 C. a, D. (Hﬁ)a.
ABCD o 6lem) ] AD
Cau 36: Cho hinh vudng c6 canh bang , goi la trung diém canh .Tacé
LLLI (§17]
2AB + BI
bang
35 (cm) (I3+3~E)(cm)
A. . B. .
(12- 335 )(cm) 543 (cm)
C. . D. .
uuu o
G ABC ~ BC =45 GB+GC
Cau 37: Goi la trong tam tam giac vubéng v6i canh huyén . Tinh ?
45 35 15 30
A. . B. . C. . D. .
AABC 4 AB =4, 4C =6 BA+BC
Cau 38: Cho tam giac vudng tai  va do dai canh . Vecto cod
do dai la
A. 8. B. VI3, c. 213, D. 10,
OAB 0, 04 =a 304 +40B
Cau 39: Cho tam giac vudng can tai , d6 dai vector la
Sa Ta a
A. . B. dap an khac. C. . D.
L [HIN[NE}
ABC a M , BC C4- MC|
Cau 40: Cho tam giac déu canh , la trung diém cua . Tinh
00 00 i oodl, 5
|CA - .-wc| :% |CA— .-wc| _ 2

3
A. . B.



0@ oodi ﬁ 00 00m

|c,4 - wc| |C=i wc|
C. : D.
uu i
ABC ) BC =3 ‘AB+AC
Cau 41: Cho tam giac vudng can tai vacé . Tinh
HHH| a[nn uuu uuu
|.4B+.4C|: AB+ AC| =33
A. . B.
uuu UL L 1]
AB+AC| =32 4B+ AC| =3
D.

. . ABC AB=3-M.NP X e
Cau 42: Cho tam giac déu co [an luot la trung diém cua
AB,BC,CA G MNP ;\w

la trong tdm tam giac . M6dun cua nhan gia tri nao dudi day?
L 33 23
J3 3 2 3
A. . B. . C. . D.
ABC 4 G AB=3 AC =4 AG
Cau 43: Cho tam giac vudbng tai ,trongtam ,cé ) . Véc to c6 do
dai la
10 5 ) 1
3 2 3 3
A. . B. . C. . D. .
W] N H]u]N}
G ABC  BC =45 GB +GC|.
Cau 44: Goi la trong tam tam giac vubéng vGi canh huyén . Tinh
45. 35, 15. 30.
A. . B. . C. . D.
LIl i N[N]
ABCD AR =2 AD =3 T =|34B8+ 24D
Cau 45: Cho hinh chr nhat cé . Gia tri cta biéu thuc
bang
J13 26 12 632
A. . B. . cC. . D. .
G ABC ~ BC =45
Cau 46: Goi la trong tam cua tam giac vudng v6i canh huyén . Tinh
[HIH]N] HIH[H]

GB+GC




35

A. 45. B. . C. 15. D. 30.
ABC 2a G AB- GC
Cau 47: Cho tam giac déu, canh , trongtam . D0 dai vecto la
2a3 2i da-l3 a3
3
A. . B. . C. . D.
0 000 om
‘fiﬂ - —ACH+ AD‘
ABCD a 2
Cau 48: Cho hinh vubng canh . Tinh
a2 3a2
2 a\/E 2a\2 2
A. . B. . C. . D.
uuu Ly LU
ABCD u AB+ AC + AD
Cau 49: Cho hinh vuong canh . Tinh
3a (2+\f5)a a\/E 2\/551
A. : B. . C. . D. .
NN iy
ABC AB=5 H , BC CA- HC
Cau 50: Cho tam giac déu c6 canh ) la trung diém cua . Tinh
o ool :J‘
|CA HC| |C4 HC|
A. . B.
0 ool 00 0,
|C.4 HC| —'i'_ |CA HC| ﬁ
C. : D.
(N]N[E} g
ABCD 3 0 AO+ AB
Cau 51: Cho hinh vubng canh ,tam . Tinh
a10 a3 av10 5a
2 2 4 2
A. . B. . C. . D.
i oo
AABC a H , BC CA- HC
Cau 52: Cho déu canh , goi la trung diém cda canh . Tinh
ﬁa aﬁ 2\/§a a
2 4 3 2

A. . B. . C. . D.




‘Dang @®: Cau trac nghiém dung, sai

Caul. Cho hinh binh hanh 4BCD vj c4c diém M,N,P thoa man

O (000 000 (000 DO 4000
AM =— AB, AN =— AC, AF =—AD

2 0 4 . Céc ménh dé sau dung hay sai?

Ménh dé bung Sai
0 | 000 000
VN ::]—{AB +A4D)

(0 (00 a00
b) MN :%AB +IEAD.

0 00 000
9 P :;—AD . _I}—AB

d) Ba diém M.N,P thang hang.

Cau2. Cho ngii gisc 4BCDE  Cgc didm MM PO RS theo th ty 13 trung diém ciia cac

doan EA,AB,BC,CD.MP,NQ (¢ ménh dé sau dung hay sai?

Ménh dé Ping Sai

000 000

a) am |
(MN + PQ)

RS =

b | —

M 100
b) RS :%ED.

¢) RSkt ED

d 1
) RS :ZED

Ciau3. Cho bén diém 4B:C-D ¢ M.N 13 trung didm cua 48P | Cac ménh dé sau ding

hay sai?
Ménh dé bung Sai

a) M4+ MB =0



b)

c)

d)

ajuu}

a|Nu]
NC + ND =0.

LLLn L L
MN =MA+ AC
2MN =AC +BD.

Cau4. Cho tam giac 4BC ¢o G 1a trong tam. Goi D 1a diém d6i xtng cia B qua G.M 15 trung

diém cua BC . Cac ménh dé sau ding hay sai?

d)

Ménh dé Dung Sai

LI ajuin}

LI
MD =MG+GD

il 00 4 000
AG =2 4B +£AC

M0 000 0o oo
CD=AB- AC+§B.-"»"

m gm0 (oo
MD =- EAE +EAC.

Cau 5. Cho tam giac 4BC ¢6 hai dudng trung tuyén BN.CP ac ménh dé sau dung hay sai?

d)

Ménh dé Ping Sai

LI S|uN} LI

G 1a trong tm cia tam giac 4BC | ta co: GA+GB+GC =0

a7 g g

BA+BC =3BN
Il 000 0
AB =- 2 BN- SCP

il I 5000
BC =- 2CP +2BN.
37 3

Ciu 6. Cho hinh binh hanh 4B8CD ¢4 tam o.M 1a mot diém bat ky. Cac ménh dé sau ding hay

sai?

Ménh dé Ping Sai



S|u ] a]uiN) LI

a) 4B+ AD =AC

Sdd Sdd S|NIE) Sdd

b)  AB+5A4C+ AD =6 AC

L S| NN S|NINE] L L

©)  MA+MB+MC +MD=MO

aluu} aINjN) LIl L aluN ]

d) A4+ MB + MC + MD =4MO

Cau7. Cho tr giac OABC Goi M.N lan luot 1a trung diém cua OB va OC  Cac ménh dé sau
ding hay sai?
Ménh dé bung Sai

LI g g

a)  AM =AO+ AR

b) 000 q000 [0
AM :;GB - 04

¢ @O0 000
BN =0C- OB

a) oo J00 o
) - _1
MN =—(0C- 0B)

Cau8. Cho MBC Goi M.N 13, luot 14 trung diém cia AB, AC. Céc ménh dé sau dung hay sai?
Ménh dé bung Sai

AIN]N ) UL AT

Q) 2CM =CB+CA

p) L 20000 4000
AB =- ZCM - BN

e
33

gy OO 000 o OO0
MN ZEB;"\-‘ - gf M

Cau9. Cho A4BC pji tiép duong tron tim 0.H 1a tryc tim tam giac, D 1a diém ddi xing cua 4

qua O . Cac ménh dé sau dung hay sai?



a) BD//CH

b) CD//BH

S| i ujuin} sjun} sjun}

¢) HA+HB+HC =3HO

L g L alua

d) 04+ 0B+0C =30H
Céau 10. Cho tam giac 4BC ¢6 trong tim G . Cac ménh dé sau dung hay sai?
Ménh dé

S ENIN) SN N

MA + MB - 2MC|= AM - o % N
2) |MA+MB- 2MC|3 AM - AB| khi va chi khi tap hop diém M 1a dudng tron tim

B | ban kinh R =CG

uuu ms N m|N NN W) LILL R

b)  2[MA+MB +MC|=3| MB +MC| i 3 chi khi tap hop diém M 13 dudng trung

truc cua doan thang G (vé6i ! 1a trung diém cua BC).

uuu MmN} SNN ]

€) | MA+MB+MC[=2028 11 s ohi khi tap hop diém M 13 dudng tron tam G | bén

kinh R =626

SNNN)

d) |34M - 34C |2 MA+2

MB | khi va chi khi tap hop diém M 1a duong trung truc cua
00 -0
) Al =— 4B
doan thang 1C véi

bung Sai

Dung Sai

24D =2 I
Cau 11. Cho hinh thang can 4BCD ¢4 ABIICD, AB =2AD =2CD, E 1y trung diém canh 4B . Céc

ménh dé sau dung hay sai?

Ménh dé
a) 4B =2DC
b) pr=-cB

LI L S| NN

) CA+CB=2CE

[NN[E} [NN]E]

d) 4p=EC

bung Sai



S|u ] LIl ujuin}

€) 4B+ EB =3DC

n D0 000 00
DE =—(DA+DB)

Cau 12. Cho ABC Goi I 1a diém trén canh BC sao cho 2€7 =3BI v3 J [a diém trén BC kéo dai

sao cho 5/B =2JC _ Phan tich cac vecto 7> 47 theo cip vecto 4B va 4AC . Cac ménh d& sau dung

hay sai?

Ménh dé Dung Sai
a) 2JC =-3IB

b) s B =3JC

¢ 00 o 0@
Al =2AB+— AC
B 5

gy IO s000 »00
AJ:EAB_EAC

Cau 13. Cho hinh binh hanh 4BCD tam O . Goi M-V theo thir tu 12 trung diém caa 45D va P

nnn nnn

Lt 1 |

1a diém thoa mén hé thuc: 3 . Cac ménh dé sau ding hay sai?

Ménh dé Ping Sai

a)  04+30P =0

HIN]N) uug

b) 34P-34C =0

9 Badiém BN khong thang hang

d) AC,BD,MN

Ba dudng thing ddng quy

Céu 14. Cho tam giac 4BC ¢o G 1a trong tam. Goi M.N i gt 1a trung diém cta AB,BC Lay

hai diém 7> sao cho: 214 +3IC =0 y3 2J4 +5JB+3JC =0 _(gc ménh dé sau dung hay sai?

Ménh dé Ping Sai



a) M,N,J

thang hang.
0o I}
b) JM Z%JN

F

¢) J latrung diém cua BI .

d) m 50
7 AE=2AB ..,
Goi £ 1a diém thuoc 48 sao cho 7 thi ™" thang hang.

Ciu15. Cho tir gidc 4BCD Goi >/ 1an luot 1a trung didm 4B va “P-K 13 trung diém
.M 13 didm bat ki. Cac ménh dé sau diing hay sai?
Ménh dé Ping Sai

L LIl L

a)  AC+BD=2IJ

uN b Luug au]

b) 4p+pBC =217

LI LIl S| NN )

©)  MI+MJ=MK

UL alun) a|NNE} Al NN ) L

d) A4+ MB+MC+MD =4MK
Cau 16. Cho tam giac 4BC ¢6 M 1a trung diém BC . Goi C 1a trong tam, H 13 tryc tam, O

1a tam duong tron ngoai tiép tam giac 4BC | 44 1a dudng kinh cua (©) . Cc ménh dé sau dung

hay sai?
Ménh dé DPung Sai
B Bl =AC
b) AH =20M
TTTRTT TR L

©) HA+ HB+HC =3HO

LI S|un} LI s|u ]

d) 04+0B+0C =30H

Cau 17. Cho hinh binh hanh 4BCD _ Goi -/ 14n lugt 1a trung diém BC va CD. Cac ménh dé

sau dung hay sai?

Ménh dé Ping Sai



d)

S|u ] LI LI

AC =AB+ AD

Ll LILLI alua}

Al =AC+ AB

00 000 000
AIZ&B+;AD

m O 0D
AJ =—AB+_AD.

Cau18. Cho A4BC Goi I 1a diém trén canh BC sao cho 2CI =BI  J 13 diém trén canh BC

kéo dai sao cho 5/B =JC G 13 trong tam A4BC  Cac ménh dé sau diing hay sai?

d)

Ménh dé Ping Sai
BI =2CI

Ll
Al =- AB+3AC

M gm0 30
Al =— AR - — AC
47 4

Cau19. Cho MBC ¢ trong tim G . Goi 17 13 2 diém dinh boi 14 =2IB | 3J4+2JC =0y

ménh dé sau dung hay sai?

d)

Ménh dé bung Sai

uuu

AT =34B

a0 M o000
IJ =-24B +§AC

m .00 4000
G =—AB+—-AC
3 3

3 diém £-/:C thang hang.



Cau 20. Cho ttr gisc 4BCD . Goi £-F 13n luot 1 trung diém cua 4B va CD . Goi G 1a trung

diém EF . Goi O 1a diém bat ki. Cac ménh dé sau ding hay sai?

d)

Ménh dé Ping Sai

SN N L uuu SN}

GA+GRE+GC+GD =0

UL g g aluu}

AB+ AC+ AD =3 AT

0 ¢ 00 00
EF :§{AD+BC}

M ¢ 000 OO0 OO0 00
O :I[DA+GB +0O0C +0D)

L m|u |}

Cau 21. Cho luc giac déu 4ABCDEF pjt U =AB.v =4AE C4c ménh & sau dung hay sai?

d)

Ménh dé Ping Sai
AD =u +v
m -
AC =—u+—v
2 2

1 1 "1
AF == —u- —v

2 2
i 11
EF == —u+—v

2 2

Cau22. Cho A1BC ¢4 trong tam G . Goi M 1a trung diém BC, B 1a diém déi xing cta B

qua G . Cac ménh dé sau diing hay sai?

Ménh dé bung Sai

) T giac AGCB 13 hinh binh hanh

b)

UL _q000 000
CB =—AB+—-A4AC
3 3



¢ WU 00 50O
AB = A+ AC.

gy U _sm0 000
MB :FAB +EAC

Cau 23. Cho ABC Goi I 1a diém ndm trén canh BC sao cho /B =3IC _ C4c ménh d sau dung

hay sai?

Ménh dé Dung Sai

) B vy IC nguoc hudng

I 400 5000
b) Af :E AB+ EAC
47 4

9 Goi Jva K 1in luot 1a cic diém thudc canh ACAB g5 cho 4 =2JC
I (@0 o

JK =—AB- ZAC
KB =3KA 47 3

i 20 00 I
9 BC =- I“—UAF— EJK

Cau 24. Cho tam gidgc 4BC . Hai didm M-V duogc xéc dinh boi cac hé thic:

Lg SNN) mN| N} L u]N N}

BC+MA=0,48- NA- 34C =0 40 manh & sau dung hay sai?

Ménh dé Ping Sai
a)  MN =34C
b) Hai vecto MN>AC cung phuong

¢) M thuoe duong thing 4C

d) Hai duong thing MN va 4AC song song

‘Dang ©: Cau trac nghiém tra I6i ngan



Caul. Cho MBC vyong tai B co 4 =30 48 =a Goi I 13 trung diém cia 4C . Hay tinh:

| BA+BC|

Cau2. Cho AMBC vusngtai B c6 4 =30 4B =a Goi I 13 trung diém cua 4C . Hay tinh:

oy [N NN}

| AB + AC |
Traloic................oooeil.
5

. 1J g 1,cp . V=g

Cau3. Cho tir giac 4BCD Goi > theo thir tu 1a trung diém cua “ 7~ va 4.
M,N 7 BC, AC | AM + BN +CI |

Goi theo thur tu 1a trung di€ém cua . Tinh ?
Traloic.................oool.

Cau4. Cho tam giac 4BC vamot diém M tuy y, O 1a trong tAm tam giac 48C . Piém N thoa
LIl LILILI NN NN}

min MN =4MA+MB + MC Pyong thing MN luén qua mot diém cb dinh. Khi d6 diém cb dinh do

1a diém nao?

Cau5. Cho tam giac 4BC vamot diém M tiy ¥ khong thudc cac dudng thang AB.BC. AC

J. K, 1

. Goi
4.8.C theo thir tu 1a cac diém dbi ximg caa M qua cac trung diém cua canh BC,AC. 4B .
A4 BB .CC N

Biét ba duong thang dong quy tai mot diém (dat diém dola ).

MN . M . .
Khi d6 ludén di qua mot diém c6 dinh khi di dong. Vay diém co dinh d6 1a diém nao?

Ciu 6. MOt nguoi di xe may tir Ty sang hudng Pong véi van tde 40 km/h duoc biéu thi boi vecto

1 , mot nguoi khac di xe may tir huéng Pong sang hudng Tay véi van tée 60 km/h duge biéu thi boi

(W] L u

vecto 2. Hay biéu dién vecto Y2 theo .



W) N NN}

Cau7. Mot chit diém 4 chiu tac dung cua ba luc FuFa s nhu hinh v& biét chit diém A dang ¢

uu uu [NE)

trang thai can bang. Tinh d6 16n ciia céc Tue [2/F3 biét ring lue [ c6 d6 16n 12N

Cau 8. Cho tam giac 4BC  Goi M 1a mot diém trén canh BC sao cho MB =2MC Phan tich

AM theO ."’iB., JiC .

UL aluje) Ll

Cau9. Cho tir gisac ABCD Goi LJ 1an luot 1a trung diém cua 4C va BD  Biét AB+CD =kIJ

khi do kK =7

Céau 10. Cho AABC ¢4 trong tam C . Cac diém D.E.F lan luot 1a trung diém cta cac canh

BC.CAAB 45 I 13 giao diém cia 4D va EF pgt * =4EY =AF Hay vhan tich cac vecto A7

theo hai vecto ¥ va V.



M|N[N]N] L L W|N]N §]

Cau11. Néu G va G 1an luot 1a trong tam tam gidc ABC va ABC hi kGG =A4 + BB +CC |

khi @6 &k =?

uu

Céu 12. Mot vat dang & vi tri O chiu hai luc téc dung nguoc chidu nhau 1a ©1 va £2, trong d6 d6 16n

luc F, 16n gép do61 do 1on luc F . Nguoi ta mubn vat dung lai nén can tac dung vao vat hai luc L

c6 phuong hop véi luc F cac goc 45 nhu hinh v&, chung c6 d6 16n bang nhau va bang 20NV . Tim do

uu

. . F,F
16n cia moi lyc 177 2.

el
D
=

u|N ] S]u|iE) []NIN]E} [NININ) [S]E] N}

Cau 13. Cho A4BC Goi M 1a diém thoa MB +2MC =0 Phan tich AM theo 4B va AC .

CAau 14. Cho A4BC Goi M 1a diém trén doan BC sao cho MC =2MB Phan tich AM theo

[N]NIN} ooy

AB v3 AC

Cau 15. Cho 2 diém phan biét 4 va B va haisd @ va £ véi @+F #0

. . x4 + FIB =0
Khi d6 ton tai bao nhiéu diem  thoa

Traloi:........................
00 (000 00 ¢ 00
, BE =—BC BF =—BD
Cau 16. Cho hinh binh hanh 4BCD Goi £ va F 1a 2 diém thoa 3, 4 Khi

46 AE =kAF vy k =?

Cau 17. Cho hinh binh hanh 4BCD tam O Lay cac diém /, / sao cho

314 +2IC- 2ID =0;JA- 2JB+2JC =0 gy 4 IJ =kIO vay k =7



(W] NN}

Ciu 18. Cho A4BC Goil, J 1a 2 diém thoa T4 +31C =0,J4+2J8 +3JC =0 . Khi @6 BI =kBJ

Vay & =7
Traloii........................
Céiu 19. Cho 4 diém 4, B, C, D. Goi L, S lan luot 13 trung diém cua BC va CD  Khi dé:

AB + Al +JA+ DA =kDB Vay k =?

Traldoic......coovveveeeein.....
) J‘4 ZEJC [N]N ]
Cau 20. Cho A4BC  Goi J 1a diém trén canh 4C sao cho 3 . Tinh B/ theo 2 vecto

BA va BC | Tinh BJ theo hai vecto B4 va BC

Luu [NIN]E) uuy

Ciu 21. Cho hinh binh hanh 4BCD  Tinh vecto 4D theo 4C>BD

Traloi:................ol.

Cau 22. Cho AMBC ¢g diém D, [ thea SPB =2DC. IA+31B - 21C =0 . Khi @6 4D =k Al . Vay
k =?

Traloic........................

Céu 23. Cho tam giac 4BC ¢6 hai trung tuyén 4K va BM  Hay phan tich vecto 4B theo hai

uuu uuuuy

vecto AK va BM |

Cau 24. Cho tam giac 4BC . Goi G 1a trong tam cua A4BC  Cho diém M sao cho

| ‘M +MB +MC[=6 , khi d6 diém M thudc dudng tron ¢ ban kinh bang bao nhiéu?

M|N]N] W|N]E] H[N]N] |N]N] W|N]E]

Cau 25. Cho tam giac 4BC . Cho diém N thoéa mén dang thuc: |3NA- INB+NC[3 NB- NA|

khi d6 diém N thudc duong tron c6 duong kinh bang do dai canh nao ciia tam giac 48C 2

Cau 26. Cho tam giac 4BC  ¢o trong tim G | I 1a trung diém ctia BC . Biét diém M thoa

man 2| MA+MB + wc|_3| MB + MC| 1 tap hop diém M



Cau 27. Cho hinh binh hanh 4BCD  Trén cac doan thing DC.AB heo tha tur 14y cac diém

M.N a0 cho PM =BN  Goi P 1a giao diém ctia M -DB 3 O 13 giao didm ctia “V-PB  Khi

Cau 28. Cho tam giac 4BC . Trén canh 4B ldy diém M sao cho 284 =53BM Goi G 1a trong
tam tam gidc 4BC . Goi N 1a diém trén 4C sao cho AN =x4C Tim X, biét ba diém M-N-G

thang hang.

NN UL LLILI sjun}

Cau 29. Cho tir gidac 4BCD  Xac dinh diém E thoa man £4+EB+EC+3ED =0

LILLI LIl L

Céu 30. Cho tam giac 4BC . Tim diém K sao cho K4+ 2KB =CB

H[N]N] W|N]E] M|N|N)

Céu 31. Cho ttr gidc 4BCD Piém M trén duong thang CD sao cho | MA+MB +MC| dat gia tri

nho nhat. Khi d6 diém M 1a hinh chiéu cta diém nao?

Cau 32: Cho hinh binh hanh ABCD c6 O la giao diém hai duong chéo, VGi M la
diém tuy y, chlrng minh rang:

uuy [S]H]N) uuud [N]N]NN) uuuy [N]NIN) uuy uuy uuy

a) MA + MB 4+ MC 4 MD = 4MO; b) AB + AC 4 AD = 2 AC,
Cau 33: Cho tr gidc ABCD. Goi M va M lan lugt la trung diém céc canh AB va CD.
Chiing minh rang:

[S[N]N} uuu [NN|NIN] [S]N]N) uuuy [N]NIN) [N[NIN)

a) AC 4+ BD = 2 MN B) AC + BD = BC 4+ 4D,

uuu [S]N]N)

Cau 34: Cho hai diém phéan biét A va B. Xac dinh diém M sao cho M4 + 4MB = 0,
Cau 35: Cho t&r gidc ABCD. Goi E, F, G lan lugt |a trung diém cla cac doan thang

uug [S]H]N) [NEIEE) uuug [NIEINIE}

AB, CD, EF. Lay diém M tuy y, chiing minh rang M4 + MB + MC 4+ MD = 4MG

Cau 36: Cho hinh binh hanh 4BCD  Goi M 13 trung diém cua canh BC. Hay biéu

thi 4M theo hai vecto 4B va 4D,
Cau 37: Cho t& giac 4BCD _ Goi M- N tuong ng 13 trung diém cla cac canh

AB: CD Chlj'ng m|nh r‘éng BC+ AD =2MN :.4(_-'+BD_

Cau 38: Cho hai diém phéan biét 4 va B.



a) Hay xac dinh diém K sao cho K4+2KB =0

M (00 500
\ ] OK =—OA+=0B
b) Chirng minh rang véi moi diém O, ta cé 3 3 .

Cau 39: Cho tam giac 4BC |
LLig M|NN) M|N|NN}
a) Hay xac dinh diém M dé MA+MB+IMC =0
LILILI H|HN) H|HN) M| N[N N}

b) Chitng minh rang véi moi diém O, ta c§ 04+ OB +20C =40M |
Cau 40: May bay A dang bay vé huéng déng bac vai téc d6 600 km/h. Clng lic
do, méy bay B dang bay vé hudng tay nam véi téc do 800 km/h. Bi€u dién vecto

van téc b cha mday bay B theo vecto van téc ¢ clia mdy bay A.

(?

JsU PAN g
%\%,— Poéng
Nam

—_— Hinh 7

Cau 41: Cho hai diém phéan biét A va B.
a) Xac dinh diém O sao cho 04+ 308 =0

uuy S[N]N) [N N|N[N]

b) Chitng minh réang vd&i moi diém M, ta c6 M4 + 3MB = 4 MO
Cau 42: Cho tam giac ABC.
1 000

LU — BC uw uuu U UL
a) Xac dinh cac diém M, N, Pthod man: MB = 2 | AN =3NB CP = P4,

[HYN]NN} [NINN} uuy [N]H[H]

b) Bi€u thi mbi vecto MN , MP theo hai vectg BC, B4,
c) Ching minh ba diém M, N, P thang hang.

Cau 43: Chat diém 4 chju tdc dong cla ba luc Fo By By b Hinh 4.30 va G trang
F+F+F, =0 ). Tinh dd 16n caa cac luc 2> 55 | pigt b

thai can bang (tdc la c6 db

I6n la 20 N.




Cau 44: Cho tam giac 4BC. Cac diém D-F thudc BC théa man BD =DE =EC

( Hinh 62). Gia st 48 =®.AC =b pjgy thj cac véc to BC B0 ADAE theq a.b,

C&u 45: Cho t& giadc 4BCD cé M-N|an lugt 1a trung diém clia 4B va CD . Goi G |a
trung diém clha doan thang MN, G |3 trong tam clha tam gidc BCD .Chdng minh
rang

LILLl W) g uuu W|NN)

a) EA+EB+EC+ED =4EG

[NINN] [NIN|R]N)

b) EA=4EG
000 4000
L, ) . . AG =—AE
c) Diém G thudc doan thang 4E va 3

< dd i

Cau 46: Cho hinh binh hanh 4BCD  pat 4B =a.4AD=b G4 G |3 trong tdm cla

[NIN]E) [NN]N)

tam giac; Biéu thi cac véc to 19:CC theo @0

Cau 47: Cho tam gidc 4BC . Cac diém D-E- thga man:

I (0D 000 (000 D0 o000
Da ZEBC.AE ZEAC'.AH ZEAB

e ) SN NN} E|NN) uuu [NNYN]

a) Bidu thi méi véc to AP PHB.HE theg hai véc to 45:4C

b) Chimng minh réng 2-£-2 thang hang.
Tai liéu duoc chia sé béi Website VnTeach.Com
https://www.vnteach.com
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