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1. MO DPAU

1.1 Ly do chon dé tai:

Trong giai doan hién nay, muc tiéu dao tao cta nha truong phd thong
Viét Nam di duge cu thé hoa trong cac van kién cua Bang, dai hoi dai biéu toan
qudc 1an tht VIII Pang Cong San Viét Nam va két luan cua hoi nghi trung wong
khoa IX, muyc tiéu ndy gan voi chinh sach chung vé gido duc va ddo tao “ Gido
duc va ddo tao gan lién véi sy phat trién kinh té, phat trién khoa hoc ki thuat xay
dung nén van hod méi va con ngudi méi...” “Chinh sach gido duc méi hudng
vao boi dudng nhan lyc, nang cao dan tri, boi dudng nhan tai, hinh thanh doi
ngii lao dong co tri thire, ¢ tay nghé...”

Chuong trinh hinh hoc 16p 10, hoc sinh dugc hoc vé vecto, cac phép toan
vé vecto dung lam phuong tién trung gian dé chuyén nhitng khai niém hinh hoc
cung nhimg méi quan hé gita nhitng ddi tugng hinh hoc sang nhimg khai niém
dai s6 va quan hé dai s6. V&i y nghia nhu vay, ¢6 thé coi phuong phap vecto va
toa d6 1a phwong phap toan hoc co ban dugc két hop cing phuong phap téng
hop dé giai toan hinh hoc trong mat phang va trong khong gian.

Trong s6 cac cong trinh nghién ciru vé sai 1dm ciia cac hoc sinh trong giai
toan thi s6 cong trinh dé cp téi cac sai 1dm cua hoc sinh trong giai toan vecto
va toa dg con tuong ddi t.

Véi cac 1i do néu trén, dé tai dugc chon 1a: "Nghién civu mét 56 sai lim
khi giai Toan vecto va toa do”

1.2 Muc dich nghién ciru:
- Giap hoc sinh khic phuc dugc mot sb sai 1am khi gidi toan vecto va toa

do.
Co thé ndi, trong sach gido khoa chinh 1y hién hanh, vecto va toa do la

phuong phap chu dao trong giai toan hinh hoc, mirc 46 yéu cau cta tu duy rat
cao, vi nhiéu bai toan khong can dén hinh v&, va ¢ bai ciing khong thé vé tudng

minh dugc. Pay ciing 1a mot khé khian d6i véi hoc sinh.



Hé thong 1y thuyét vé vecto va toa do trong chuong trinh ciing kha day du
dé giai quyét hau hét cac dang toan co ban. Tuy vay, hé thong bai tip con chua
day du. Ciing c6 thé do thoi gian phan phdi cho mén hoc, do yéu ciu giam tai
ctia chuong trinh. Nhung diy ciing chinh 13 mot mau thuin trong thyc hanh k§y
ning va phuong phap cho hoc sinh. Vi trong cac ky thi Pai hoc, Cao dang gan
day, bai tap vé phan hinh hoc ciing khong phai dé lim, dang bai tap cling cd
diéu moi la so voi dang bai tap sach gido khoa.

1.3 Poi twong nghién ciu:
Péi twong nghién ciru trong dé tai 1a hoc sinh khbi 10 va 12 qua cic ndm
giang day tir trude dén nay.

Vé céc duong bac hai nhu duong tron va conic, cac khai niém va tinh chat
khé phirc tap khi giai toan, hoc sinh dé sa vao con dudng phirc tap hoa bai toan
néu nhin nhén theo goc d6 thong thuong, can phai két hop linh hoat duge tinh
chat ctia hinh hoc phing da hoc ¢ bac THCS thi bai toan méi gon nhe.

Ciing vi cac 1y do trén, nén hoc sinh thudng gip cac sai lam trong khi giai
toan bang phuong phap vecto va toa do. Chi rd cho cac em dugc nhimg sai lam
nay ciing 13 mot cach dé cac em nam 1y thuyét vimg hon va han ché cac sai lam
trong giai toan; gop phan nang cao chit luong day hoc mon toan & trudng phd
thong.

1.4 Phuong phap nghién ciru:

Phuong phap nghién ctru 1a xay dung co sé 1y thuyét, thdng ké dua ra cac

bai toan tong quat.



2. NOI DUNG SANG KIEN KINH NGHIEM

NHUNG SAI LAM GAP CUA HOC SINH SAU KHI GIAI TOAN VECTO
VA TOA PO
2.1. Sai lam do khong nam virng cac khai niém, cac cong thire, tinh chat, vi

tri twong doi giira cac hinh.

Vi du 1: Xac dinh goc giita hai dudng thing sau:
(d): 3x+y+3=0 va (d"): -x-2y+1=0.

Gidi: Puong thang (d) c6 chi phuong y =(1,-3)

Puong thang (d') c6 chi phuong u ¢=(-2,1)

gt _1(-2)+(-3).1 __ 1

el Jue| 1494441 2

Goc gitra ya va ua la cos(ua,ua)=

= (d,d")=135°.
Nhén xét: Sai 1dm ¢ chd 1a dd déng nhit goc giita hai vecto chi phuong véi goc
giita hai duong thang. Hon nita chua nim viing khai niém goc gitra hai dudng
thang 1a khong tu.
Lo giai dung: Lam tuong tu trén voi cong thire:
Ugr 1.(-2)+ (- 3).1 1
|1ilc|ﬂ|lfld|| - \;1 +)9.\/(4 ?1 | 27 (ddy=45"

Vi du 2: Cho AABC, biét A=(1,1), B=(-1,-1/2), C=(4,-3). Viét phuong trinh

cos(d,d") =[cos(ud,ua)=

duong phan giac trong ctua goc A.

x-1 y-1
Giai: Ta c6 phuong trinh AB: -1- | __ 1 1< 3x-4y+1=0
2

-1
Phuong trinh AC: Z " = y3 1@ 4x+3y-7=0

3x- 4y +1 _+4x+3y- 7
Jo+16  J16+9

Phuong trinh hai duong phan giac goc A la:

Vi phén giac trong goc A, nén chon ddu 4m, do d6 phuong trinh phan gic trong

gbc A la: 7x-y-6=0.



Nhén xét: Cach giai trén dugc dap sé dung, nhung suy luan phan giac trong goc
A, nén lay dau am 1a chua chinh x4c.
Céch giai ding:
Cach I: Ta c6 phuong trinh ~ AB : 3x-4y+1=0
AC : 4x+3y-7=0
Phuong trinh cidc duong phan giac trong va phan gidc ngoai cia goc A co
phuong trinh:
3x-4y+1_+4X+3y-7 x+7y-8=0(dl)

Jo+16 1649  |7x-»-6=0(a2)

Thay toa do cua B, C 1an luot vao vé trai cua (d1) thi ta duoc:

S 1+ 7(- %)- 8:%<0, 4+7(-3)-8=-25<0

Ta c6 B, C nam cung phia ddi v6i d1=> dI la phan giac ngoai => d2 la
phan giac trong.

Vay phuong trinh phan giac trong géc A 1a: 7x-y-6=0.
Cach 2: Goi D=(x,y) la chan phan giac trong goc A thi ta co:

DB AB 1 — 11—
—— =——=— =DB=--DC
DC AC 2 2
(vi 1a phan giac trong nén hai vecto nay nguoc chiéu, néu 1a phan giac ngoai thi

2 vecto nay cung chiéu)

-I-XZ-%(4-X) x=§
adi : = 4 Vay D=(2/3,-4/3).
vy =-_(-3- ==
S Y= 503y |ly=3
x-1 y-1
Phuong trinh phan giac trong goc A 1a AD: 2 1 -4 | © Tx-y-6=0.
3 3

Cach x4c dinh chan duong phan gidc trong ndy con rat hitu hiéu trong

khéng gian, vi viét phuong trinh phan giac trong khong gian kha phtc tap.



Vi du 3 :Trong khong gian Oxyz cho hai dudng thang d,,d, 1an luot c6 phuong

; P x =2- 3t
\ \ x + - Z \
trinh 1a : =¥ <2 va {y=3+2¢
3 2 1
z =2+ 5t

Viét phuong trinh duong thang d biét d di qua M(2 ;1 ;1), vudng goc véi d, , cat
d, .

Gidi: Goi (P) 12 mat phang di qua M(2 ;1 ;1) va vudng goc voi d; @ (P) cd
phuong trinh 1a : 3(x-2)+2(y-1)+(z-1)=0 © 3x+2y+z-9=0.

Goi (Q) 1a mat phang di qua M(2 ;1 ;1) va chita d, . (P) c6 phuong trinh 1a :
8x-3y+6z-19=0. Ta c6 d=(P) 1(Q) nén d c¢6 phuong trinh 1a :

3x+2y+z-9=0
8x-3y+6z-19=0

Nhan xét: Lo1 giai trén chua ching té duoc diéu kién d cét d, . Thuc té khong tdn
tai duong thang thoa man bai ra vi d song song véi d,. Loi giai trén 13 day du
néu dé bai c6 ngu ¥ ton tai duy nhat dudng thang d, tuy nhién trong truong hop
tong quat chua ching t6 chic chin rang d ton tai va d cit d, c6 thé d// d, trong
mp (Q) hodc (P) =(Q).

Lo1 gidi ding:

Cdch 1: Sau khi tim dugc (P) va (Q) nhu trén , xét dudng thang d c6 phuong

3x+2y+z-9=0

trinh {8x— 3y+62-19=0 >

dudng thang nay cé véc to chi phuong u =5¢- 3.2:5) =5v,

trong d6 v(-3:2;5 1a véc to chi phuong cta d,, mit khac diém N(2 ;3 ;2)€d,
nhung N€d, vay d// d, nén bai toan vo nghi¢m.
Cdch2: Goi (P) 1a mat phang di qua M(2 ;1 ;1) va vudng goc voi d; @ (P) co
phuong trinh 1a : 3(x-2)+2(y-1)+(z-1)=0 © 3x+2y+z-9=0.
3x+2y+2z-9=0

2 x=2-3t

Goi N=d,(P) , d¢ tim toa 4o cua N ta gigi hé { |, _3,, = 0r/=-3 2 hgvo
z=2+5t

nghiém = d»//(P)

= bai toan vo nghiém



Vi du 4: (Pé thi dai hoc khdi D-2002): Trong khong gian Oxyz cho mit phang
(2m+1)x+(1-m)y+m-1=0

(P) : 2x-y+2=0 va duong thang dp, : { x4 (2m + 1)z + dm +.2 =0
(m 1a tham s6). Xé4c dinh m dé duong thang d. song song vi mat phang (P).
Gidi: Mat phang (P) c6 véc to phap tuyén #(2 ;-1 ;0). Pudng thing d. c6 véc to
chi phuong « ((1-m)(2m+1);-(2m+1)*;-m(1-m)). Suy ra »»=3(2m+1).

dm song song (P) © nlu® nu=0® mz_é

Nhan xét: Pap s tuy ding nhung 101 giai trén chua chinh xac, viéc lap luan d.,

song song (P) © »Lu 1 sai, day chi la diéu kién can.

hie [ na=o
d, #(P) Aded, ,A&(P)

Lo1 giai ding: d song song (P) © {

Piéu kién #4=0% m=->. Mit khéc khi m=- thi d, ¢6 phuong trinh {

y-1=0
x=0 2

moi diém A(0 ;1 ;a) cua dudng thiang nay déu khong nim trong (P) nén diéu
A .~ LA 1
kiéned, , A¢(P) dqugc thoa man.. Bap so m=--

Vi du 5 :Trong khong gian Oxyz cho hai dudng thang chéo nhau d,,d; 1an lugt

x-2 _y+4
-1 2

x-6 _y-10_ z+8
1 -1 2

c6 phuong trinh 14 : :?

Viét phuong trinh dudng vudng goc chung cua dy,ds .
Gidi: d; c6 véc to chi phuong «(-1;2;1 va di qua diém A(2 ;-4 ;0)
d, c6 véc to chi phuong v(1,-1;2 va di qua diém B(6 ;10 ;-8)
Goi (P) 1a mat phang chira d, va vudng goc véi d,® (P) ¢d véc to phap tuyén
v(1;-1;2 va di qua diém A(2 ;-4 ;0) nén c6 phuong trinh la
(x-2)-(y+4)+2z=0 © x-y+2z-6=0
Goi (Q) 1a mat phang chua d, va vudng goc voi d,® (Q) cd véc to phap tuyén
u(-1;2;1 va di qua diém B(6 ;10 ;-8) nén c6 phuong trinh 13
-(x-6)+2(y-10)+(z+8)=0 © x-2y-z+6=0
Goi d 1a duong vudng goc chung cia di,ds , ta ¢6 d=(P) N(Q) nén d c6 phuong

trinh 1a:



X-y+2z-6=0
X-2y- z+6=0

Nhan xét: Loi giai trén hoan toan sai 1am khi cho rang: (P) 13 mit phang chira d,
va vudng goc voi 2@ (P) ¢d véc to phap tuyén v(1;-1;2 va di qua diém A, (Q)
12 mat phang chira d, va vudng goc voi d,® (Q) ¢d véc to phap tuyén u(-1;2;1
va di qua diém B. Piéu nay chi dung khi d;.d,, thuc té mp (P) vudng goc véi ds
va d; cit (P) tai A, mp (Q) vudng goc véi d; va d, cat (Q) tai B.

Lo giai dung:

Goi d 1a duong vudng gbéc chung cua di,d, ; M= d,Nd ;N=d,Nd. Vi M€d,, N €4,
nén M(2-t;;2t,-4.t1), N(t2+6 ; 10-t; ;2t,-8).

MN Ld, |(MNu=0 |[-6t-t,+16=0 [t =2
Vi S R R = . =
MN Ld, MN.v =0 t, +6t,- 26 =0 t, =4

x =5t

= M(0 ;0 ;2), N(10 ;6 ;0) = d c6 phuong trinh 1a ‘ y =3t

z=2-1
2.2 Sai l1Am khong xét hét cac truwong hop ciia bai toan
Vi du 6: Viét phuong trinh dudng thing (A) qua diém A=(0,3) va tao v&i duong
thang (d): x-y =0 mot goc 45°.
Gidi: Gia st (A) c6 hé s6 goc k, qua A=(0,3) nén c6 dang: y =kx+3
< kx-y+3=0.
(A) ¢6 vecto chi phuong ua=(1,k), (d) c6 chi phuong u«=(1,1).

Vi gbc gitra hai duong th'flng 1a 45° nén ta c6 cos(d,A)=|cos(u 4, u )|

Hiaua)| 1 [1- k| 1

= = = —
luly-Jus| V2 VKZH12 V2

= phuong trinh (A): y-3=0.

< k =0

Nhén xét: Ta d& thay thiéu truong hop (A): x = 0. Vy sai 1am & dau?
Pa xét chua hét cac truong hop cia duong thiang (A), truong hop (A) khong co

hé sd goc va qua A=(0,3) 1a x=0 thoa man bai toan.



Nhung néu xét hai truong hop cua (A) nhu vay trong trudng hop tong
quat 1a phuc tap, vi viéc kiém tra goc giita hai duong thang khong don gian nhu
truong hop trén. Ta c6 thé giai bai toan tong quat hon nhu sau:

Gia str (A) ¢ vecto chi phuong y x=(m,n), véi m*+n* #0. Ta co:

IJHHA)| [m+n|

cos(d,A)=|cos(y 4,
(d,A)=[cos(ug,ua)l= al, s f It ai 2 f
- Chon m=1, n=0 c6 (A): y-3=0
- Chon m=0, n=1 c6 (A): x=0

< m.n =0

Vi du 7: Viét phuong trinh tiép tuyén véi dudng tron (C): x*+y*-4x-2y-4=0 qua
diém A=(5,0).
Gidi: Puong tron (C) c6 dang chinh tic: (x-2)*+H(y-1)>=9= Tam I=(2,1), R=3.
Gia st tiép tuyén (A) c6 hé s goc k, qua A= (5,0) nén c6 dang: y=k(x-5) <

& kx-y-5k=0. Dé tiép xtic (C) thi: d(I,A)=R

o K271 5K gy =i +1

NS
< k=4/3 = Phuong trinh (A): 4x-3y-20=0.

Nhan xét: Ciing twong ty bai trén, khong xét hét cac dang cia (A).
Lo giai dung:
Cdch 1: Ta thiy IA>=10>9=R’=A ngoai (C), nén co 2 tiép tuyén qua A dén (C).
Lam nhu trén dugc (A)): 4x-3y-20=0, do nhan xét trén tiép tuyén tht hai qua A
khéng c6 hé sb goc 1a (A,): x=5.
Cdch 2: Tong quat
- Truong hop (A) c6 dang x=xo < x-x¢=0, qua A: x-5=0

Pé tiép xtc (C) thi d(ILA)=R < |5-2|=3, dung = x-5= 1a tiép tuyén
- Truong hop (A) ¢6 hé s goc k lam nhu trén.
Vi du 8: Cho hai diém A=(0,0) va B=(1,2), duong thang (d): x-y+2=0. Tim
diém C trén (d) sao cho AABC vudng.
Gidi: Nhiéu hoc sinh khi giai bai toan ndy da khong xét hét cac trudng hop.
Chéng han chi xét vudng tai C.



(d) c6 dang tham s 1a: x=t, y=t+2. Diém C€(d) nén C=(t,t+2).
Pé tam giac vudng tai C thi: CA.CB =0 & (0-t)(1-t)+(0-t-2)(2-t-2)=0

o 2t4+t=0 < t=0 hodc t=-1/2

= C6 hai diém C thoa mén la: C=(0,2) va C=(-1/2,3/2).
Nhén xét: Thiéu cac truong hop vudng tai A va B
Loi giai dung: Xét cac truong hop:
- Tam giac vudong & C: Lam nhu trén.
- Tam gidc vuong & A: ABAC =0 (1-0)(t-0)+(2-0)(t+2-0)=0 & t=-4/3

= C=(-4/3,2/3).
- Tam gidc vuéng tai B: BA.BC =0 < (0-1)(t-1)+(0-2)(t+2-2)=0 < t=1/3

= C=(1/3,5/3).
Vi du 9: Cho hai diém A=(4;5) va B=(-2;-7), dudng thing (d): 3x-y-4=0. Tim
diém M trén (d) sao cho AMAB cén.
Gidi: Goi M(x;y) 1a diém can tim. M €(d)> 3x-y-4=0> y=3x-4> M(x;3x-4).
AMAB can tai M khi MA=MB © MA>=MB2® (4-x)*H(9-3%)’=(-2-x)>+(-3-3x)2®
84x=84% x=1° M(1;-1)
Nhan xét: 101 giai trén vira thiéu, vira sai.
Bai toan yéu cau tim M €(d) & AMAB can. Phai xét ba truong hop AMAB can
lan luot tai dinh M, A, B. Ngay trong truong hop AMAB can tai dinh M thi
MA=MB moi chi 13 diéu kién, chtr chwa du. Thay ngay diém M (1;1) chinh 1a
trung diém ctia AB nén khong thoa man bai toan.
Vi du 10: Trong mit phing Oxy cho diém P(3 ;0) va hai duong thang d,,d, lan
luot ¢6 phuong trinh 14 : 2x-y-2=0 ; x+y+3=0. Goi d 14 dudng thang qua P va cit
d;,d, 1an luot & A va B. Viét phuong trinh dudng thang d biét PA=PB.
Giai:Gia stt A(X1:y1), B(x2;y2), do A€d;, BEd, nén y,=2x,-2, y,= Xx,-2. Vi
PA=PB va A, B, C thang hang nén P 14 trung diém cua AB

X, +x, =6 { x, +x, =6 1=
= = =
y, vy, =0 |(2x,- 2)+(x,-2)=0

10



Suy ra A(£ ﬁ) B (* - 7) tir 46 c6 phuong trinh duong thang can tim 1a

y=8(x-3).

Nhan xét : Loi giai trén da bo sot nghiém, thuc ra con ¢6 duong thang nira co
phuong trinh 13 4x-5y-12=0. Nguyén nhan sot nghiém 1a & diéu kién : PA=PB
vaA,B,C th:fmg hang suy ra dugc suy ra dugc P la trung diém ctia AB hodc A=
B. Trudng hop A =B ta c¢6 duong thang 4x-5y-12=0.

2.3 Sai l1Am khong thir lai két qua

Vi du 11: Trong khong gian véi hé toa do oxy, cho mat cau (S) c¢6 phuong trinh:

X4y +z2-4x-4y+22-16=0 duong thang dl: L :1 1 1 va duong thang d2
{= == __ . Hay viét phuong trinh mit phéng (P) song song voi dl, d2

va khoang cach tir tim mit cau (S) ¢én mat phang (P) bang 3.

Gidai:

+) (S) c6 tam 1(2 ;2 ;-1) ban kinh R=5 ;

+) dl c6 vecto chi phuong la = =¢- :4:» va d2 c6 vecto chi phuong la
u> =(1;2:2)

3(21-2)

+) CO [l( u, | 2‘

. 1[— — :
+) (P) song song véi d1, d2 nén nhan 5[”19”2] =(2:1;- 2) lam vecto phép tuyén.

+) Do d6 phuong trinh (P) c6 dang: 2x+y-2z+D=0
+) Theo gia thiét ta c6 dur =3

[2.2+2.1- 2(- D + D|

=3
\/22 + 17 + (- 2)7
D =1
= |D+8| — 0
D =-17

+) V&1 D=1=> (P)) : 2x+y-2z+1=0
+) Voi D=-17=> (P,) : 2x+y-2z-17=0
Vay phuong trinh mit phang can tim 1a: 2x +y-2z+1=0 va 2x+y-2z-17=0

* Sai lam o dau:
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Pap s6 sai, chi ton tai mot mit phang can tim. Mat phang (P,) khong song
song voi dudng thang d; nén bi loai, con (P,) song song ciwus ca 2 dudng thang
d; va d, nén 1a mat phang can tim.

- Nguyén nhan sai vi khong thir lai d& xem mit phing tim duoc c6 song song vai
hai duong thang da cho khong.

*) Thir lai nhw thé ndo:

Ta ¢ (P) hodc song song hoic chira d, d, nén dé kiém tra ta chi can lay 1
diém thudc mdi dudng thang va thay vao phuong trinh mit phang (P) thi (P)
chtra dudng thing twong Gmg, nguoc lai 13 song song.

Cu thé, ta co M (1;-1;1)E€d,; va My(3;0;-1)Ed,

Thr lai:

+) M, €(Py)= d, =(P)nén (P;) khong thda man.

+) M2 & (Pz)ﬁ d]// (Pz), M2 & (Pz):> dz// (Pz) nén (Pz) th6a man.
2.4. Sai 1am khi dinh dang cac hinh do nim tinh chat hinh khéng virng
Vi du 12: Cho 3 diém A=(1,3), B=(-1,1), C=(4.6).

Tim diém D sao cho ABCD 14 hinh binh hanh?
Giai: Gia sa D=(x,y).

Dé ABCD 14 hinh binh hanh ta can cé:

IDA?_D]; ]DBD(ﬁj x-1=4-(C1) x =6 Vay D=(6,8
= = = a =
y-3=6-1 g+ vy D=6.8).

Nhan xét: Nhin vé cach giai co vé nhu khong sai 1am chd nao! Nhung day ciing
chinh 14 chd hoc sinh d& sai nhat, dic biét 1a trong hinh khéng gian sau nay.

Ta da biét tir giac ABCD 1a hinh binh hanh néu AD//BC va AD=BC. Nhu
vay déng thirc vecto trén chua loai dugc truong hop AD=BC.

12



Loi giai dung: Chi can kiém tra thém 3 trong 4 diém khong thang hang cho bai
toan tong quat (toa do chtra tham sd )

Con dbi véi bai trén, d& thdy: AB =(-2,-2), AC =(5,5) 1 2 vecto cling
phuong va chung diém A nén A,B,C thiang hang = Khong tn tai D dé ABCD la
hinh binh hanh.

Vi du 13: Trong khong gian Oxyz cho tam giac ABC c6 toa d0 céc dinh Ia
A(2;3;-1), B(0;-2;5), C(1:4;2). Xét cac diém D c6 toa do D(m ;1-m ;1-5m),
tim gia tri m dé A,B,C,D 1ap thanh mot tr giac.

Giai: Ta co

AB =(-2:-5:6); AC =(-1;1;3); AD =(m - 2:-2- 3m;2 - 5m)

= |4B,4C|=C 21,0- 7). Khi d6 ABCD lap thanh mét t& gidc © 4B, AC, 4D,
ddng phing® [4B, AC|4D =0 < -21(m-2)-7(2-5m)=0

© 3m-6+2-5m=0© 2m=4© m=-2

Vay vo1 m=-2 thi D(-2;7;11) thoa man diéu kién A,B,C,D 1ap thanh mot tir giéc.

Nhan xét: Lot gidi két luan m=-2 A,B,C,D 1ap thanh mot tir giac 1a hoan toan sai
lam. Viéc 1ap luan A,B,C.D lap thanh mot t& gidc © 4B, 4C, 4D, dong phang 1a
khong chinh xac, day chi la diéu kién can. Vi néu A,B,C hoic A,D,C théng hang
thi cac véc to 4B, AC, 4D, van dong phang nhung 4 diém A,B,C,D khong lap
thanh mot tor gidc

C6 thé giai lai bai toan nhu sau:

Ta c6 A,B,C,D lap thanh mét tir gidc © 48, 4C, 4D, dong phang va trong 4 diém
A,B,C.,D khong c6 3 diém naothang hang. Vi vay khong c6 gid tri nao thoa min
bai ra.

2.5 Sai 1am khi sir dung 10 giai khong chinh xac

Vi du 14: Trong khong gian véi hé toa d6 oxyz cho mit phang (P): x+y+z+2=0

_y+2 _ z+
1 -1

NP 2 -3 1 . A .2 , \
va duong thang d: a 5 . Tim toa do giao diém M cua d va (P).

Giai:

= e =

Puong thang d c6 phuong trinh tham s§ {* =~ 77 <~ = ~
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Toa do diém M la nghi¢m cia hé =
Suy ra M(1;-3;0) 1a diém can tim.
* Sai 0 dau?
Sai ¢ chd 101 giai viét rang “toa d6 diém M 1a nghiém cta hé (*) thi cac

phu’O’ng trinh tht (2), (3), (4) chua thda mén, cu thé 1a:

- —-— - — == e I = = B =
- e — - o
— —_— - — - e

- - — —_ - =

Do d6 khong thé noi toa d6 ctia M 1a nghiém cta hé (*) duoc.
BAI TAP

1) Cho A4BCvoi A(%;3),B(1;2),C (- 4:3) viét phuong trinh dudng phan giac
gbc trong cua goc A.
2) Cho ba diém A(4;-1), B(-3,2); C(1;6). Tinh goc giita 2 dudng thang AB, AC.
3) Cho ba diém A(3;0), B(-5:4), P(10;2). Viét phuong trinh dudng thing di qua
P dong thoi cach déu A va B.
4) Viét phuong trinh dudong thing di qua A(0;1) va tao voi dudng thang d:
x+2y+3=0 mot goc 45°.
-1 _y+ 3 _Z- 3

2 1

5) Trong khong gian véi hé toa d6 Oxyz cho duong thing d:
va mit phang (P): 2x+y-2z+9=0. Tim toa d¢ giao diém cta d va (P).

—

6) Xac dinh goc ¢ tao boi dudng thang d: Ez‘;_zr < = «>v3 mit phing
(P): 3x+y+1=0.

. N 2 y+2 VA . e~ — 2 = -~
7) Cho hai duong thang A, ST 3 Ty va e {5 =—=7"-_ viét phuong

trinh mat phang (@) chtra A, va song song voi A, .

8) Trong khong gian vai hé toa do Oxyz, cho diém M(1;1;0) va hai duong thang
d- x-1_y-3 z-1 | dr: x-1_y+3 _ _z- 2
N A

song song v&i d; va d, ddng thoi cach M mQt khoang bang 6 .

. Viét phuong trinh mit phang (P)

9) Trong khong gian Oxyz, cho duong thang A: =2 yTI :% va mit phang (@)

. y+z+4=0. Viét phuong trinh mit phang (A)biét rang (8) vudng goc voi (@),
song song voi A va d(A.(f)) =2d(0,(5)).

10) Trong khong gian voi hé truc toa do Oxyz, cho mat cau (S), 2 duong thﬁng
d; vad, c6 phuong trinh: (8):x* +y* +2° - 4x- 4y +2z- 16 =0
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x =3 +7z , 2
o D =T =F { =2« <> Viét phuong trinh mit phing (P)

=z == 1+ 2z

song song v6i d;, d, va khoang cach tir tim mit cau (S) dén mat phang (P) bang
3.
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3. KET LUAN
3.1 Két qua thwe nghiém

3.1.1 Két qua kiém tra

pi¢m TB Diém kha | Diém giéi | Pat yéu cau
Lép | Siso | (5dén6,4) | (6,5dén7,9) | (tir 8 tré 1én)
SL | % | SL | % | SL| % | SL | %

10A5 | 47 22 | 4444 | 12 | 26,67 8 17,78 | 40 | 88,89

12A6 | 48 23 40,0 15 | 33,33 6 13,33 | 39 [86,67

3.1.2 Két qua chung )
Chuyén dé nay da dugc thuc hién giang day khi t61 tham gia day khoi 10,

khéi 12 va luyén thi dai hoc trong trong hai nim gan ddy. Trong qua trinh hoc
chuyén dé nay, hoc sinh thuc su théy tu tin, biét van dung khi gdp céac bai toan
lién quan, tao cho hoc sinh niém dam mé, yéu thich mon toan, mé ra cho hoc
sinh cach nhin nhan, van dung, linh hoat, sdng tao cac kién thire d4 hoc, tao nén
tang cho hoc sinh tu hoc, tu nghién cuu.

3.2 Bai hoc kinh nghiém

Tir thuc té giang day chuyén dé nay, mot kinh nghiém duoc rit ra 1a trude
hét hoc sinh phai ndm chic cac kién thirc co ban, biét van dung linh hoat cac
kién thirc nay, tir d6 méi day cac chuyén dé mo rong, nang cao, khac sau kién
thirc mét cach hop 1y véi cac dbi tuong hoc sinh nham bdi dudng ning khiéu,

ren k¥ ndng cho hoc sinh.
3.3 Két luén

Sau mot thoi gian nghién ctru va duoc su giup d& dong gop v kién coa

dong nghi¢p de tai hoan thanh vé1 mot s6 vu nhugc diém sau:

3.3.1 Uu diém
- Sang kién da dat duoc nhimg yéu cu dit ra & phan dat van dé.
- Tim hiéu va dua ra hé thong bai tap twong ddi day du co 101 giai chi tiét.
- Phan 16n bai tap dua ra phu hgp v6i trinh d6 nhan thirc cua hoc sinh kha
- gié1 THPT. Bén canh d6 dé tai dua ra bai tdp kho danh cho hoc sinh gioi.
16



- Gitp hoc sinh c6 nhitng bai tip twong tu dé phat trién tu duy.
3.3.2 Nhwoc diém:
- Hé thong bai tap chwa phong ph.
- C6 nhitng 10 giai dua ra van con dai chua that ngan gon.
3.3.3 Hwéng phit trién
- Do thoi gian thyc hién dé tai c6 han nén toi chi giéi han trong hé théng
bai tap
- Xay dung hé thong bai tip phong phu va da dang hon.

- Pua ra céc 101 giai ngan gon hon.
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